


Wnepiomotr|Onke amé 1o lvotirouto Eknmaibeutikng MoMmikrg



Wnepromotr|Onke amé To lvotirouto Eknmaibeutikng MoMmikrg






rYMNAZIZIAPXOY

xai o*ron(elu ¢k THe Ocewpiag
1OV Iuvohwy

)

maSeuTikrG MoMTikrg




Wnepromotr|Onke amé To lvotirouto Eknmaibeutikng MoMmikrg



AATEBPA

KAI

ITOIXEIA EK THE OEQPIAL TON IYNOAON
AlA TA AYKEIS

Y110

IQANNOY @. ITANAKH
['YMNASIAPXOY

NPQTH EKAOZIE +\&

TOMOZX AEYTEPOZ

AOHNAI

EKAOTIKOE OIKOE "l FIANE RS,
OAOE STAAIOY 44

1966

Wnepiomoir|Onke amé To votirouto EknaibeuTikng MoAmikrg
e —




L , gl \ ; 5
Iliy yyijoroy aviizvmoy déoy va pégy iy [dubyeipoy Dmoyoapiy tob

Svyyoapéws,
e Al 5
Y A -
/J ¢ (v gl & /—‘/
[ 2

EPTA TOY IAIOY ZYITPAGEQE

1. Ocwenrunyy I'ewperpla.
(Tépoc I. "Exdoorg 1948)—300 oehideg Aooy- 35

9. Td "Toooxneddc tolywvoy xal al [8ibérnres avrod.
(*Exdooig 1953)—100 oehideg Apay. 20

3. 2500 Hgofijuara Pewpcroindy vénwy perd 1@y
Adoeowv atrdy.

("Exdooig 1964)—1000 oehideg Apay. 400

4. “Adyefoa 8id iy A° Avsxelov.
(A tépog)—248 oehideg Agay. 45

TYMOrPAGEION : E. MAZOYPH, OIXAAIAX 1 (TEFMA rKYZH) - A@HNAIL THA, 647.956

Wneiomotr|Onke amé 1o lvotirouto Eknmaibeutikng MoAmikrig



[IPOAOTOZ

‘O ava yeioas devtegos TOWOS «AATEBPA AIA TA AYKEIA
val STOIXEIA EK THE OEQPIAZ TON SYNOAQN> dnorelet ovv-
éyeiay 1o modTov TOUOY wal mooopilerar did Tols padyras tijs nATS
rdEewe tob Avxelov, Heoiéyen dAdxlgoor Y Smd Tob Avalvtixov 7O-
yoduuaros didaxréar Einy Sua thyy &y Ay ey, dlld xai mhelora dAda
Dénora pedodixde diarerayuéva wal xavdidnla Sed iy yofory abt@y O7d
v padnrdv @y dvorégwy rhtecwy tob Avxeiov, ol Snotor Emuidvpody
va dmoxtiioovy 10 *Axadnuaixdy > Aodvtiptov.

*Ex tijc waxods oyolixijc meloac xal Tijc @oovTLOTHOLAXIS rotadTng
elusda el Déoww va yrwpllwpey rag advvaulas Tdv padnrdy glg 0 pd-
Iqua vijs "ALPéfoas wal Sua 7oy Ayoy Tobrov Exdovrioauey 0 fufliov pag
ut mowmdiar Ashvpévar xal uedodixds draveraypéywy doxijoewy ped’ Exd-
oty mapdyoapor, xadds xal p apoviav woradlijioy Gldrwy doxijoewmy
nal moophyudrwy mods E&doxnoly oo @y padnTdy,

*E860y peyaivtéon mooooyi] sate )y Stepsbvnoly T@Y AADAUETOLRDY
2Eiadhoewy, GviodoEwy xal overyudiwy, e xal elg OV moDTOY Tépuov
avepioauey.

Eig 1o xepdlatoy megl dgoirwy doududy 2060y peyalvtépa Eupaots
xal wooooyl), dibte 10610 nagovordler Goxerds dvoxodias 7o modeAnyy
xal dpogolwory Hmd T@Y patyrdy, * Erlovrlody 1 xepdlaioy TobTO it
doxerd xal xavdAinla mogadelypata lelvpéva, dore va wgoxdni] 0 évdia-
péooy iy padnrdy, iva obvor elvar el Déawy v moofoiv elg iy émidv-
ouy Ty dliTwy doxdfocwy, al dmolal Znaxolovoiy ued’ Exdorny magd-
yoapor i) magayodpovs.

Eiusda tijc yrduns, éu Eva Madyuanxdv fifilior moénes va elvai
dumhovtiopévoy pd nowdtay xal apdoviay doxijoswy, MGoTe 6 doyolovpue-
vog pé abtd va evplox]] edydotoroy doyaolay xal Sy va rob mooxalf] dviay
wal @ofov, dg dilol Tvdg voullovy,

‘O duddoxwy elvae elg Déory va wduy Bxdophy Ty doxfjocwy xal va

trodelly el Tobs Toopluove TOV molag Goxfjoeis divavrar ol padnral pé-
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vor Tty va Emidboovy xal el wolas moéner vy ddboovy pmeyalvrégay mpoo™
oyijy, dore va droxtijoovy doxeriiy meloar moos mepatéom Eosvvay xal va
elvar elc Yoy va magarodovdody edyeoing 1d oyetind podijuara el Avw-
tépas oyoldc vob Kodrovs, elc tac dnofac ¥d eloaydopy.

Eig v tdiaivegor péooc toi wagdvrog fipiiov, Srov Extldevar a
eldund xepdlaca Exl tijc Dewolas iy 2vvddwr, moosemadifoauey Sid xa-
raddijlov wagadeiyudror va ddowpey Tobg xataliijiove dotouods xal xa-
vévag, dore of wadnral va deydobv adrovs eoxdiwe,

To péopos rovito meo1éye 6A3xAnoov thy 676 Tob *Avalvrinod Ilgoyodu -
Rratos didaxréay Tiny, alla xal ¥u megLoGotéoar, pi motulay doxijoewy,
i) dmola mooopilerar xal Sia Tovg padnrag @y dvwréowy tdfewy tob Av-
welov xal mpog 10TaLY TV 32, 3%, Zovadéipwr.

Otirw mwe suvTeETayuévoy o wagdy fifliov wolaxsviueda va miaredw -
pev o O droffi yonouudraroy foipyua el tods xox. Svvadélpovs xal
elc Tovs dyamyrols nadyrds vy Avxelwy, of dmotor ¥d eboovy elc avrd
0,1 rovs elvat drapaltyroy éx tijc *Adyéfloas, dud rd droxtioovy ©d TEQL~

asOnrov *Axadynar»dy *Anoly tjotor,

‘0 Svyypapeis
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KEDAAAION XII

TYSTHMATA EZIZQIEQN TPQTOY BAGMOY
OPIEMOI—1AIOTHTES

5t

188. ’Eficwotg pé 8§00 &yvwoTOG. “Ag Dempicouey Ty itlowowv

y—2x=D. (1)

“H (1) elvar looduvanos mpOg TV : y—=2X-1:0) 2)
Ilugutnooduey Gru, dui:

x—=—2, % (2) bipers  y=2(—2)45=1

x=—1, ] y=2(—1)+5=3

x= 0, » 2.0--6= 5

X— 2, » 2 y=2:21-b= Y

x= 3, »i e y=2-3--5=11

Anladii, 81 dmeloovs TOUYNATIHGG TLLAG TOT X (addmoétovg) Drdoyovy
dvriototor TLRal To0 Y ToayariAal GoLopévaL. “Yrdoyovv Snhadi) dnelpa
Suareraynéva Cevyn (x,y), t& dmoia elvar Migeig tijg EELomoems (1). Otro,
o Cebyog (3,11) eivar Aiows il (1), dudte:

11—2-3=11—06=5.

Avvdpeda v dhaopey elg Tov X nal dilag rudz. O axdhovitos wivak

pdg 8ider Miceig tilg (2), doa xui Tig (1)

= A=ga[o[i[a[s[e[c e[ s o [0l
ax |-8—6—4|-2[02[4]6]8 10] 12 14]16] 18|20
y—gxto|-a-1 18 |5s[7]d 11 [18] 15| 17| 19|21 ] 28|25 | |

Mio #loworg tod o Paduod e §90 ayvidotovs X xal ¥ elvar md-
BAnpe ol wimov:
xeP, yeP, 3x; 3A¥i ax-+By-Hr=0, (3)
#vda a, B xal y elvan yyoortol derdunol, i| moQuoTdoELS yvootal, dvetdeTi-
ToL TRV X ®ui ¥y, xal ai 6moia woloTvtay wagduergot.
“YVrodéronev G ol @ xai B elvan Sudpogor ToT undevds.
o). *Eav a0 xal B=0, 1 tticworg (3) yiveral: ax+y=0 xai Y&
Fyopey Gg Mow Tiig (3) o Celvog:
(x,v)= (—— e k), tia ke I, xal addaleerog

[

a7
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B). "Eav a=0 xai f7#£0, i ttlowos (3) yiverar: By +y=0 xai d&
Fopey ©g Mow tiig (3) 1o Cebyos:
&V 2 \ > .
(x, v)= u.——[-.- . #vda e Il xol addaigeros.
i
v'). "Eiy a=0 zai =0, 1 iicoog (3) yiverar: y=0.
Bie tiy meolmtwoy tadtyy, v v#£0, 4 (8) elvav dévvaros.
*Eav fuwe sivar zal y=0, tére 1 (8) hapPdver iy LoDV ¢
! —
0.x1-0.-y-}0=0,
2x tiie bmolag gaiveray Gy, xade Cetiyog (x,y) émadndeder avtiv. “Yadoye
dnhadn degiavia xal dg meds Td v xal og Teos TO y.
[APAAEIIMA @ Al vy yevidy megintoowy, xad’ v a0 zoi BF0, fotw
o axorovidov wapdderypa
(x,y)ella X e  3'x,y); 2x+bhy—16=0. (1)
Anhadly 0 dvalnoioopey, v dxdgyovy Cevyy (x.,y) mooypatx®@y dodpdv,
0 6mola elvar Adoeg tijg (1). "Eorwm 6t x=x, %xal y=—=yo elvar dvo tpal thv X
xal ¥, ol Omoia éxukndedovy v (1), Od gxopey:
20 Hys—16=0.
*Lx tijg apudpnnndie Tavtng lodunrog, Aapfavopey
16—2x0
MY e (2)
15}
Kat® Grohovbiav, tav to Cedyos (Xa,yo) Emakndein whv (1), ol derdpol xo ®ak
vo Tob Celyoug tovrov, gurdfovTaL Ol Tig oxfoems (2).
Méver viv idwpey, gav xide Cedyog (A,pu) towbtoy, dote:

16—21 .
Aella, p=- = (3)
gnadnDever vy (1), A x=L xai y=p, eOploxouey :
16—2%

20+5- == —16=2+416—221—16=0.

YAga 1o Cetyog (h,p) elvar Adoig wijg (1).
By vov dvotépon Exetan 6t q ilonog 2x+Dby—16=0, £7e1  dmelgovg Aiseis.

189. Tpappixd eElowoig tig poppic: ax|PBy-y=0. Tldox &i-
oWoLE TTiS HOPTS ax-|-By-Fy=0, (1)
wnadeitar yoapuext, Evila o, [}, v, X,y e Tl

01 «, B, v dvopdCoviaw ovveedeoral xui ol x, y dyvwozor.

‘H Exidorg tijg (1) Emrvyydvetar Og drolovdmg.

o). "Eav |a|- 70, t omoiov enpaiver St évag &x tdv o val P el-
vau Sudgogog tol pndevie, Ja Eqopey :

At 0520, ol y=k (addaigerog) Gru:

—fk
Ll

o
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" : y—pk : O =
Aga t Cetyog (X, ¥)= (-F—CIE-, k) §ider vag Moeg g (1),

Srav ke IT, .
*Kav pog P70, tote, £av 0 X Adfy Ty Tugoboay ay Ae I, da

B
('\}S)r_()‘s ﬁ )‘

1) Srotov It eivar Adarg Thig (1)-
Ei¢ v meolnrooty tavty # (1) #xe amelpovs MoeLg-
B). Eav a=p=0 xal y#0, 1 (1) elvon @ddvazos.

4}
1
v). "Eav a=f=y=0, 0 (1) yivera ravzérng. Anhabdij, wdle Celyos

mooxiyy to Cedyog:

(4, K)=(x, v) elvar Aotg ths (1).

HAPAAEICMA : Né& &mavdfi 0 éElowotg: x—3y="7. (1)
Adoig: ’Edv ddaopev el w0V Y Ty oy k, wote LopPdvopev TV TRV
Tod x éx 10l TUMOUL ! x=3k+17.

‘0 natoréen mival dider pegudc éx TV Gnelpwy AMge@V g (1).

|
=
18l

190. ‘I époyewig €élowaolg ax -By=0. lTdox 2{owotg Tijg LoRPiis:
ax—+fy=0, (1)
nudeivan opoperis Eilowaig tol spmrov Padpot &He meds X ral Y.
o). "Eav afi=0, tdre &x tilg (1) happdvouey Ty {modivaupoy
» X X
ax=—0py 1 f'f)_::
‘Eav «dndi k 6 xowvdg A6v0s, O Eroney:
x=—0pk," y=uak. (2)
“Ogre, 4 (1) ¥ze0 drelpovs MoeLs, Sdopévag dmd Todg THTOVS (2), Su
wdde mouypatiy Tipy Tob i
B). ’Eav a=0, P70, # (1) vivevoi: py=0, £Eod y=0 =ai x=k ai-
daiperog mpoypoTLRos.
¥). 'Eév az=0, P=0, @ (1) yiverou: ax=0, &t of x=0'xai y=h ov-
Duigerog mpayaTinoc.
HAPAAEITMA : N& émavdf §i eElowois: 2x—Ty=0.
x y

— ==k

Adoig: Aty yodgetar: 2x=TY, £E 0D : 7 )
“Odev: x=Tk xai y=2k, Evia kella
ASKHZEIZ
1. Aidevar 1) £Elowois: 4x—by=2. Efgete 10v thmov, 810 Tod dmolov meo-

winteL 6 y, Sray yvopifwpev Y TRy ToU X.
Né vivy &guopoyd) dud: x=1, 2, —1, —2, 5.
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2. Iloiay &x té@v axodovlov éEiodoenv elvar Opoyeveic;
2x4-3y—1=0, 4x—9y=0, 2x=D0y) Bx=Ty+1,
1 _ 4 o XL
21{—5_‘,. x4 2y=0, 5-—2+8.
3. ‘Exdoty #x tov dxohotlov dvakoyidv va yougil Hd poppny Gpoyevois
£ElodoEwe *

XY _:?_—_7 ,X,_lr l.__‘—)_ x= i
4_3':{—))’}'_")’ T A

4. Na efignte 10 Mo tig ESodioelg: X—2y=3.

191. Stotqua Vo EElohoewy pé §bo dyvdatovg. “Ag Jewpi-
copev tac dvo EElomoeie :

x+3y=11 (1)
4l { 2x—y=8. (2)

ITaparneotpev S, Sud x=2 xai y=3, 7 (1) émudndederar, dye
Sume xai 7 (2).

A x=4 zai y=0, Eradndeterar 9 (2), d7u Suog nal i (1).

Mvapitouey pme St Exdoty &x tdv twwdoeov (1) xal (2) #rew dmel-
govg Aticetg. Ofhoney B v pddwuev, Eav petald tdv dmeipwy tovtmv Ao-
cemv Dadory rowvdy Cebyoe (Xaye), to Omoiov 1d Emalniedy GuqotéQuc
v fEwomoeig (1) =al (2) :

A x=ke Il,, &x tijg (2) rapfdvopey y=2k—8. (3)

*Eav 1 Cetyoe (x,y)=(k, 2k—8) elvar Moig xal tiig £&iodoemg (1),
Qa moény va iy Emalndedy. Anhadi):

k-}-3(2k—8)=11

b k-}-6k—24=11, & o0 k=H,
OmMOTE Aotk y=2.-5—8=10—8=2,

"Apa o Inrovpevov Cedyos eival 16 (x,y)=(8,2).
Ipdypary, dia X=5H xnai y=2, Eradndevoviar dpugpdregar al £Ei-
odoeig (1) wai (2).

Tevindc: "Lotwoay &0 EEwdoes f(x,y)=0 =ul ofx,y)=0. Mic
tuyoiea Mieg il f(x,y)=0, 8iv elvar Miotg xai o(x,v)=0 nai dvriored-
@, Zntotpey Snog molu 1] moiaw Mioewg 1ijg modtng elvar Moig xal g
Sevtépac. “Odev :

“Ovay Enrodvrar éxeiva td Levyn (x,y), ta émwola Emalndedouvy
dugorépag tag E5lodoets:

f(x,)=0 nai o(x,y)=0,
véve Ba Aéyouey Sue Exopey va dmlbowuey 1o cvoTua:
(B) {f(-l‘s)')=o (4)
o(x,y)=0 v)

Kdde teiyos (Xoyo)s 1O Gm0l0v Dxavomolel appotéoug tag EELodoELS
(4) »ai (5), Aéyerar Avoig Tod GVITIuaTos (B).
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‘H elipeors Ghov t@v Aioewv ot ouathuatog (B) Aévetat érilvoeg
70T CUOTHUATOS. =
gy . e e
“Oray xal i dvo EElo@oels TOV guotiuatog (B) giva ::gmm{il;dp.u.’t
i ¢ i 5 G ; ofi 1] yoapuLxoy oU=
Mg mpde X %Ol Y, TO GUOTNHE AEYETAL nocbrov Padu | yoouu

ornue nE dio AyvoaTove.

192. "IcoSVvapa GUOTALATE. Avo cvorijuara Aé}rovtac’ fo‘ot’it‘lﬁvamf,
Sray Eovy Td adTd ovvoloy Adaewy. Anhad, ﬁ'ta’v ‘:\c&ou‘ lu:;ng tO'U‘:'tQuJ'
<ov glvar Mioig xai tod devrégov woh AVTLETOOPOS. ‘i_':,uv de ?uo YU,?nNmu
£lvar Toodtvana, duvdueda va VT HATAGTI| OMUEY TO EVE St Tod dhdov.

193, Bedpnpd. “Ag e OREY T 6t’50{0ucs)rr']_u;r.m :
f(x,y)=0 1 f(x,y)=\ _
@ | BT B ) bueslxn)=0,
Bvia b pelle nat p7#0. o,
Edw (x,, v,) elvan pla Miotg 100 ovorfuatog (A), Ba Ex@UEV :
f(xq, ¥,)=0 =ai 6(X,s o) =0:
Gmdte D elvan wal
l-f(xu,)'..)--E—u-ﬁ(xu,yu):?.-U*{*51-0=0—'|—0:U.~
Anhadi), mioa Motg (X, ¥e) 100 (A) elvaw Miowg xai voU (B),
* Avriotedpog, mion Micts (x,,v,) tob (B) da Sidy _
f(x,,v,)=0 xal ?L-f(,\',,y,)»llu-a{x,,y,):()
i A-O4-p-a(x, v,)=0 i wo'x,, v)=0, & ot: olx,, v.)=0,
xad ooy uz=0. )
“Odey, wiou Alolg 1ol GUOTHUATOS (B) elvar Mots nad. 100 (A).
Andadi) T ovotiuara (A) xal (B) elven Toodivapa.”

HEg)=0 | tx)=0
olxy)=0 < %1%, v olx, y)=0

8. s ikl o

“Qore:

v A pelle xat p7#0.

‘H &Eiowotg l-f(x,y)f{-g-o’x,y)zﬂ dvopdCeral poauuinds cuvdvas
oude vy BEwadocwy f(x,y)=0 xal a(x, v)=0. : \

Ty tév Gvotéown Extedéviov TaparnEOUREY OTL: 5vvu._m=:1‘]?t Vit rc:ol-
humhasLdompey GppoTtéQug Tas 2ELoGhaElg TOD GVOTIATOS (A) tirl:l‘ﬂtt)v;' apw-
Dpove A, n=£0, xal vi GVTLAAT UG TTOWREY |.l{:t\' fan n’b}ﬁ BDDEI\G(D\"‘ FEmmos];nv
ut 1o ddoolopa THV YLVOREVQY tovtmv, OTOTE MQOHUTITEL TO ovotnua (B),
to0ddvanoy moog to (A).

194, MéBoboL &miAvoews npwroPadpivwy cuoTnuaTwy pé o
dyviwoToug.

lov: Mé®odog tdy dvudirwy suvredeordr. “Eoto dt déhopev vi
Emlionpuey tH cueTnua
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bx—4-2y=25 (1)
3x-Fdy=29, (2)
ITolanhaouwiCouey augdreoa ta péln g (1) 2al 2 xai dpgitepa ta
pédn tiic (2) #nt —1 xal dapPdvopey o loodivapoy clotnua :
10x--4y=>50 (3
(B) — Bx—4y=—29-

(a)

—_—
e

Ard mooodéceme watd péky T@v (3) xal (4) Aapfdvouev :
Tx=21, 8t ob: =3,

IToliamhacidCopey aupdtepa td nékn tiig (1) &ni 3 =ai T tijg (2) émi

—5 wal hapPdvouey to toodivapov oot :
15x+ Gy=T5 (5)
—15x—20y=—145. (6)
At mpoclécewe watl péln tov (5) =ai (6) Aaufdvouey :
—14y=—170, 2 ol: y=5.

Avdrakic t1@v mpdEewv : Al dvotéon modtels drutdacovral g &g :

10x—++4y=50 | 15x+6y="15
bx-|-2y=25 2 3 —3x—4y=—29!|—15x—20y=—14H
L =y —— —| —
3x-|-4y=29 —1 |—>D [ X | —14y=—"70
1‘ G

“Qare, ) Mioig 1ol cvetiparog elvan 1o Celiyog (x,y)=(3, D).

‘I pédodog, 1 drola Epnopdedn modg Exilvowy tob doldévrog ovortij-
paroc (A), dvopdietal pédodog @y dvudérwy cvvredeardy i) uédodog
z0® yoapuutxod cvvévacuod i uédodog amalowpijc 8¢ mpoodéoews.

HAPAAEITMA : N& &mavbf o obotnpe:
[ 11x +12y=11 2 1 (1)
7x+4 By=3 -3 |—11 (2)
Adaig: T f.xmw. tiwv ovviekeatdy 12 xai 8 wof y elvar o 24
O6 eivan 8¢ 24:12=2 xai 24:8=3. Ilokkamhaoiifopey dpgitepa T WERY
g (1) émi 2 xal w wijg (2) émi —3 xai Aap fdvopey to ioodvvapov ovoriia
22x 424 y=22
—21x—24y=—19.
At mpoaftécens ToVIOV RATE WEAY] TEOXVTTEL : x=13.
T ¢.xm. tiv ouveeheotdy 11 xai 7 voi x elvaw 77. Od elvar 8¢ :
77:11=17 xoi T7:7=1L IolMamhaowitopey dugéregn to péky tig (1) éni T xai
ijc (2) #al —11 xai hapBdvopey 1o loodivapoy ahoTNpa :
TTx 4 84y=T11
{ —1Tx—88y=—33.

Al moooitéoensg TovTOY wate péhn, Aapfidvopey : E!
—4y=41, 2E 0¥ : y=—11,
“Apa 7 tyrovpévn Avoig tov ovotipatog elvor 1o Ledyog: (X, y)=(13, —11).
*Enalgdevors. Hodypat, i x=13 wxai y=—11, 10 ovornpa yiverur:
11:134-12-(—11)=11 5 1-13—!3?:11} . dl=11
713+ 8-(—11)= 3} 91— 88=3 3=3
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99y : Médodog i Tils GvTiHaTAGTATEDS
oo G Délopey Vi 2 ddompey O auoTN
() 2x- |—_3y= 1 (l)
3x-+by=10 (2)

Ry x=x, nol Y=Y, Vo pla Mg Tod (I), O Erouey TG GOoL-
Ounrndg lodnrag:
2%, 8y.= T (3)
3x,~+by,=—10C. (4)

*Ex tijg lodtyrog (3) hauPdvouev :

9x,=T1—3Va, FE0V: = (5)

"Ac Hrodéswuey dru B0 Ty Hog(ny AtV 6§ x, HAvCTOLEL TV (4).

Tére Vi Eympey :

3 5ye=10, £& ov yo——1.
o el o e 7—3(—1 713 108 e
Apu 1 oxéois (D) Bider: X, = —-f-—(f——-)f:: + — =m0
2 2 2
Oi doipol X=X,=D> wal y=v.=—1, elvar AMatg ToU dolévrog
overtuaros (1)
*Enaliftevais. llg(wuun S x=H nal y=—1, Eropev:
ot T | L 0=A= T S T 7
3.546(—1)=10 | " 15—5=10 1 10=10.

‘U dvorépmn pédodag mlloEwg TOU Sadévrog GUOTIRATOS dvoudieTat
uédodoc wilc AvTinaraoTdoEms. Katd tavogy

o). Adopey Ty plav 16y iEiotoeay 10D mmnu.truog &He modg TOV
#va dyvoorov X, DEmQoDVTES v dlhov dyvootov (g YYOOTOV.

BY). Tay Ty oty tol X avriraihioT®pey €lg iy Ghdny Eslowoty
10b cuotinarog, 1 Omolc yiverar thoa EElonals pe Evo dyvmotov, WV Y.
Avopev 1y EElowory Tadtny xal ehplonopey TOV V-

v). Tay npdyy tavyy z00 v GvrueadioT®pEy glg Tov Timov, Sotig Ol
SeL tov X, cuvaQTHOEL TOU Y, wol ehplononey xal oy dyvootov X.

HAPAAEITMATA : lov. N& 2mAvbij T ovoTnuae

{ 5x—y=—2 (1
x—2y=—22 (2
Aborg. Od EYOPEY »aTe OEIQOY TOC jooduvaplag :
fx—y=—2 y=bx+2 1 y=bx--2 y=b6x+2
X_QY'=—‘22} x—2y=—22 J x—2(hx+2)=—22 } x=2 }@
y=>5:2+2 } y=12
x=2 x=—2
“Qore, al pitar tod guoTpratos Elval: x=2, y=l12.
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20v. N& &miubjj ©o obotnua:
{ 4(x—2y)+5(x+y)—3(y+2)=—6 (1)
5(3x—y)—2(y+x)—3(y—4=8. (2)

Adoic: "Exteloipey tig onuetovpévas mpales xei 10¢ arvaymyds :

dx—By--ix4-5y—3y—6=—06 [ Ix—6y=0
{ 15x—by—2y—2x—8y+12=8 7 | 18x—10y=—t
g 3 b
= 3—_\; ] y= X y= Z,‘{ 1 y= 2—3
i e } = (&= }
13x—10y——4 13- x—10- [ x=—1% x=2 x=2

“Qovte, oi pilur tod dolévrog cvorvjparog elvar: x=2, y=3.

ZHM. “Ocav 6 ouvtekeotiis t0U £vog ayvaorov elvay 1) povde, pag cupgeQet
vO Adcopey (g meog tov dyvootov todtoy, didry dev D0 Exmpev vi xdpopey dai-
peoy Ot 1o ouvvreheotod 10D dyvmoTov.

'Exi wapadelypan, did va Mloopev 1o adomypa :

{ dx— y=2 (3)
x—2y=d4, (4)

elvar ovpgégoy va Abompey oy (3) Gg pog ¥, #ai Gz Gg wede X,
‘Opolwe, ovpgipov elvar va Abowpev v (4) dg mpog x, #ai dyt dg mpog y.
Oa Exmpey howov xatd gepdy Tog looduvaplag.

Bx—y=2 dx—y=2 } 32y -+4)—y=2 8l
x—2y=1 }‘m' x=ty+4 |7 x=ay+14 }‘=’ x=2y +4 }‘=’
y=—2 } y=—2 } YApa al gilor Tol custipatog
x=2(—2)+4 x=0 pag elyar: x=0, y=—2

3ov: Médodog vijs ovyrgioews: Kavd tairny, Abopey apgotépug Tag
2Eodorg Tol ovotipatog G5 weog tOv abiov dyvoatov, fatw oy x. Kavémv EEi-
ootpey T devTeQa ek thv £3ohIEnyY T00TwY, 0Tote mpoxinter piu fElomalg pé éva
wovov dyvwotov, tov y. Avopev avriy xzai edploxopey thy v 1ol yv. Tatiyv
Gyvuxathotduey elg Eva éx thv tizoy, Goug dider tov X, ovvaprijoer 100 Yy, xai
npoximTel 6 Gyvootog x.

MAPAAEICMA : Né émAvdf to edornpe:

{ 5x{-2y=I12 (1)
2x—3y=1 (2)
Aboeg : Katd 1o dvorépn Aeylévia, d Egopev tag iocoduvapiag :
e e e
Hx42y =12 { T 5] ) 5]
= : g =
dx—dy=1 [° " 3— Byl 122y _ By +1 | e
2 5 : 5
12 2 1 ) 3 k :
T T | x=2 *Apo al iCor tol cvotiuutds
R i
1 ] y=1 pag elvar: x=2, y=1
y=

“H dvoréom éxredeion pédodog nuhelral uédodos vijs ovyxgloews.
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ASKHZEIZ

i G T oy ayrdétoy vy
A. Té GréhovBa ovariuata, Vi dmavloty Sid TS pedtodou TV
TedeaT@mv.

3x+3y = 4x—3=3
x+y=16 ihx+dy:11 MRsES A
3 2;4——;:17) * | 3x+56y=8 Tx+6y=21
: 1) —x(y+3)Hi(x—1)=6
| 2(x—3)+5by =26 [ (x+1) (y+1)—x(y+3)+E B
ié:-{-li:i;i:—‘i e J\G:x—l—y-i—?)+‘J(y—B)+2lu—x)'|"i4-0
; |2 i
R e
6. | 3' 3 T i = X ; Ii‘_z_)l—:'—
Bt l?—fz’:‘ e R

2 -
/ of Sotv Tt arolovla cvonjpata -
B. Auw tijg pedédou tijg GyTirataotioEms, Vi ¢thofoly T axo

: : o =
| 10x+9y=30 | 14x—36y+28

1 | 11x10y=—10 2 | jox—25y+20=0

9x+3y—13=0
px—dy-+ 2=0

3 y+x—1=0
* | y+2x—4=0.

| yix—%) +x(y+2)—2(x—1) (yq+2) =0
2 | 12(x—1)—2(y+4)+5(x 4 y)+8=0.

z s o il e
T. Td dxdrovda ovotijuasa, vé dmdvdolv duad Thg neddou TG OLYXQIOEWS

4x—8y=582 | 3x—by=11
x—2v41=0 | 4x—3y : : T
3 Qx—gg'mE»:U = | By—x=19 | x4+2y=1L.
\ 8(-‘6-‘1)+3(x+2)—5(x+§_'): —21
& | 7(x+y)—bly—8)+3(x+b)=40.
A, 1. N dpodoiv of p zai v, hate TO GUOTNRG

(p—D)x+(v+1)y=p+v
px—vy=1,
0 Sézevar thy Abaw: x=2 =xoi y=b. £ ira .
2. Na oprodoiiv ol A xai b, €l TEOTOY, WOTE TO oloTiua :
(3).-{-2;t)x—(?ur-1})'=4lr—3gn.+l
(2l+u*1)x+(l+u—l)} =4A—p+3,

B {w o fEerdoete, Gv
o §é 5 Ced = ,——3, ’'Ev ouveyeig V& £5
v Séyerar (g Avouv th CEDYOG: x=3, ¥ d
Séyetar ol dAkag Aioeis.
3. Eig tv éilomowy: g ]
x8—8x—3 __ A il
e e et e G 3
3
ien € 6 x=0 =zat x=2.
v& 6ploBody oi a xai B, Tva al e:m.l'qﬂtvemt S x=0
Totov aupnéoumope EEdyEra gveetdev:

E. Td axdhovita cvaripate vé ¢rmavdrooy Sua pedodou tilg Groktitov Exhoyis oag -

_g)=dx+ay—21
px —y—(x—y—4)=dx+ay 5
& Glx+y)—blx—y—3)=dx—2y+ 71
| 5@x—y+1)=8{x—2y-+8)+32
2.

4(x —1)—2(y—1)=8(x+2y+1)
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3x—5y 2% +y | . 2x+3y _ ldx—1by _,
. —:2— — +3= A +6 . — & 11 =3
S D T o SR R TR
R 1 g b b i
5 | (x—1) (y+2)—(x+1) (y—3)=4
- | (x+3) ) —(x—3) (y—5)=18
6. | &= (y—=(x+1)(y—3) | (x—1p=(y—1)°

(x—5) (y+4)=(x—4) (y—1) © | x+3y—56=0.
195. Suothpare a8bvata. “Eoro du délouey va dmdicopey 1o ov-
cTpa:
Ox-|-8y="1 (1)
4x--6y=10. )

Adowg: "Eov peratd v (1) #al (2) araleipopey tov X, mooxlnTes
10 loodivapov clotnua :

l 2x--3y=1 (3)
1 0-y=—4.

Magarngoipey 6t ) fElowog (4) elva ddvvazos, Sua NMyell, -
Kar® dxolouvdiay 1o odornud pug Sév #xe oddeufav bow. Eig tiv meol-
wrwow tadeyy 9¢ Afyopev dtu 10 olornua glvar ddvvazov.

Totto gaivetar xul axo 1o &5 Dodgpopey v (2) og &Efg:
S Q H |

. p 10 . 5
2a-mdy=—"="=0, (D)

*Fx 1@y (1) #al (5) Exerar i T=5, 10 dmolov elvan adivarov.

196. Tvoripata dépota. “Eoro Gre Délopev va imdiooney o
oUoT I ©

2x—+3y=T (1)
4x-}Gy=14. (2)
Adoig: A draloigiic ol X, moowinter 1o loodijpauov ovoTnua :
2x+3y=1 (3)
| U')'=0 (4)

Kdde dowpog v e ITy elvan Moig tiig (4). Eig éxdormy tipy 100 ¥
atdaipetov, dvriotolyel nic GHotopévy T S T x Ex tiig (3).

Otrm, i y=1, % (3) 8{der: x=2.

Eic mv aeointooy tavey & héyopey 1L 10 ovotnud pog elvol e
pudss ddgiatov 1| St al £Elowoels TOD ovonipatog 88y eivar Jchrpogot.

197. Zuvothpata pé améivta. “Eotw St déhopey vit g icopey o

oUoTNa:
| | x—y |2 xfy—1]=3 (1)
2xty=1. )

Wneiomotr|Onke amé 1o lvotirouto EknmaibeuTikng MoAmikrg



— 959 —

v Té06UQUS TEQUITMOELS !

o). "Eav x—y=0, xy—1>0. Tore 0 oloTnua yodpeTaL:

eyt Oty —1)=3 , |3xt2Y=0 g x=4
2xty=1 N oxty =1' St

ovy Ty ouviirmy x-y—120. *Apa

Mol TOD GUATIIHATOS.

Adoig: Avaxpivoue

y=—"1.

Al Tiped adrar d&v gradnded
af rinal x=4, y=—T1, O&v gival
x—y>=0, .r—&—y——1<\0, 10 ouoTIa YQOPETHL

f). “Eav
4
< | ekl X= -T_:)—-
X—-y-!(x—{—y-l}:;’i i —x—3y=1 % ot i
2x-y=1 | 2x+y=1, |y o)
H.

TxavoTO10DY TUS suvhijrog x—y=0 =zat

L oy \ e \ ¥
Sreidn ol Tmal avral
{Cat ToU OVETIHOTOS:

x|y —1<0, Ereran Gru glva @
xby—1= 0, 1o cloTnud yolETaL ©

v). Bav x—y<0,
2
i = s
—x—+y2Axty—1)=3 . R Byi— O ]
i 2E ov: ;
pxty=1 1 | gxty=1, G
ey

5 i = y g = \
Exedl) al Tipal attay (®avoTOLOUY TUG suvirag x—y <0 rat

x-+y—1>0, eivar Mioig Tov GUOTI]UITOC.
8. "Eav xr—y<0, .1‘—|-_v—1<=0,
| —x-ly—2(xty— = | —8x— =1 r
x-ty—2x-ty—1)=3 . |—8x—V¥ % of:
2x-y=1,
v x+y—1<0, nai £mo=

20 gUoTnue YOUApETaL
x=—2
9x+ty=1, =D

= Mt = ;
Al tpal abray 98v (xAVOTOLOUY oy ouvihijxn

£ b ’ -~ ’
pévae deév elvan Aolg Tov GUOTTUUTOC.

‘Enopévaoe, ratd T avotéon Exredévia, al oilow Tob cugtiparos elr

vau T Cevyn :

‘ 4 2
\ N— & 2
D : b
“al
l 3 9
3_: . V= —"
) i)
ASKHZEEIS
Né& émdvbody ta drohovla GUOTTIATH
1 2x+5y=8 2 6x—5sy=13 3 x+Ty=14
* | 4x+410y=9 ¢ | 13x—10y=26 * | 8x-21x=bT7
% 4|x|—2|y|=8 5 5|x|+3|y|=2 2|x[4-3|y|=11
© | 8|x|—2|y|=24 3|x|—bly| =T.

| 6x|—5ly|=5 |
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198. Tevueh popepd] Tod npwroBadpiov custipatoeg pé 8vo ayvid-
otoug. H veviwd woopi) £vos ovotiuatos tol momrov faluol pe dvo
ayviotovg elvad:

#vda of ovvrehestal o, B, v, a, B ve elver otadepol apudpol, dvetdernrot
TV AyvioTwy X xal ¥.

199. *EniAvoig Tob mpwrtoPabuiov suothpatog é 8o dyvarsToug.
Ak v Emdicwpev 10 alotnpo

| axHfy=v o L
(A) mel L 5}
‘ o, X BIS =a (-’)
foyaldpeda og #Efic: Ymoléropey Gt x=x,, y=y, elvar pla hioig
avron. Tére Od Eywpev tag dordpnrirag lootnrag:
|‘ ax,HByo=y | Bi|—a (3
iu|x“_iﬁi';l.\'u:‘l‘l I—_B ‘ a | (4)
IMoMumhacidlopey aupiteon té uéhn tav (3) wal (4) modrov Exi 3,
nal —B dvriotoizmg xul rutémy Guedreon to pékn tdv (8) xai (4) éxi
—a, ®al o dvtiotoiymg xal FLopey
> .’, o &l
af x, 6B,y =B,
—a,fx,—pp.yo=—x.0

—(J.(.!‘xo‘_ﬂlﬁ)' o= —a,Y
au,Xo-Fap,yo=ay,

Awi mpooitéaemg tovtwy ratd péln ebpioropey dvriotoiyms:

(u[-}l#uxlﬂ‘\'u:"l’ﬁ! 7—\(l|‘lj nal {“B:‘_UJJ') Yo=ay,—a,Y. ({))
*Edav drnodéompey ot : aﬁ *ﬂ.ﬁ‘#o: T0TE E% 1AV (:'w) Tapfidvopey :
= . ay,—a,) :
e 7l Vo=~ e (§
%o aﬁ‘gu,"l i afii= :f 16}

‘Erouévarg, dv dmdoyy nie Mioig (x,,v0) Tol cvotfiuatos (A), atity da
elvar avayraiog 1 1m0 1OV tinov (6) magegopévy.

‘Fov af et (6) dviizatastadodv el 10 siotnuu (A), toito Ermaly-
Severar. odypaty, EZOUEY.

Bovb e en—wy _ ovb—anbiebr oy

{8 e

afl, —op aft,—a,f aB,—a, 3
y(ui —a,p )
off,—a,f
"I’B =1 |’ o] oy, — oY |ﬁ Y_ul[j\l'l fl[),Y,f(L,[i,Y
0= e == ap
(1|.J)1 —alﬁ af, UIB Gi T ay
vdaB—alb)
af,—a,p o
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200. Aiepedvrols: Karie Ty dtegevivnoty ot mpwrtofaipiov Guoti
patog (A) Staxplvouey SLapopovg TEQUITMOELS
By af,—a,B#0, tite 10 m-ntnua (A) i‘yEL Ty Mo :

a’).
T s Tav Y| ()
! uﬁ —*a,l) : u') -—u,[j‘ ‘
Bi). *Edv aﬁ,-—a p=0, tdre ol cs)(wu:; (h) yivovran:
wal  0-Yo=oy,— Y- (8)
glvay G6YU-

0-x,=vB,—V:b
ay,—a,y70, 10 atornue (A)
§u0 mioay Tipdy Tol X

*Eav tooa vh, —vy,B#0 1
;i ay, —alYiol

vazoy, S10TL ovﬁhuu} v (9) TravomoLeiTal,
“Ogte: “Eav af,—a,f=0 wal #av v8,—¥, B£0
Sty Eyew ovdenlov Adaw.

10 odornuo (A)
v). "By imoléomuey Ouus
afi—0 ﬁ——l vB—1.6=0,

tTo trm?mﬂsuowm, Grav

a=u,=p=0=
voTnua (\) hapfdver Ty HOQYV-

(10)

©)

oy, -—al'«!:.[_],

.
t61e maouTnooTuEY GTL 61

Eig v meplarmowy tavmmy th o
0-x-10:y=Y

0 x40 y="10

VgTua Tolto elva g8vvazov. “Agu »ai TO do-

wal gay y#£0, v,#0, 10 0

Div (A) Do elvon adivatov.
‘Bav v=0 »ai v,=0, 10 avormua (10) elvau ddotavov. Anhadi nade
Tovto @mo-

x=) e [I, x#al rade Y=H € 11, eivalr Aoig

dewnyecar 3 EETS:
v#£0, al oyfoEts (9) didovv:

¢ tob uuctln.mm.,

Tav 720, P70,
By B Nalem [ S
fh m ¥ fuitsy 4 Y
Ao o, =ck, p=pk, v.=1k ondre 1) EElowolg
a, X8, V=" Jappdver Ty popprv: kax+kBy=ky
1 k(ax--By)=kY, (11)
elvan Mbotg xal e (11), Snhadn Tig:

Gndre mdoa Mioig Tiis ax—py="1
o, X B, y=":
#1EL amelpovg MIOELS, tdc dmelpoug Alotlg TG

ax--By="-

*Apa to odotnua (A)
téee En oy (9) Aapfdvopey:

‘Bay k0, B#0 ol =i
Bo % xal =0,

3 "
w 8% avetnpa (A) looduva apel nE o
ax--fy=0
kax-+kfy=0,

10 6oiov mEo pavds EEL aneipove Micetg Tag: X B9, y=ad, 9 addalgeroc.
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‘BEav  0z£0, =0 wxoi yz£0, &x tdv (9) Luppdvopey :
R i e e
e =k xzal f,=0,

1o 88 ovornpa (A) tooduvapel pé ©d:

ax:‘\"
kax:k-‘n,
A
e o 50 . : Y Sl p
1 Omoiov #yel Gmelpovg Mvoelg, TUg: X=— —-, y=1 adduigerog.

It
‘Onotag toyalopela xal dud tas hovrag xeoLTToELS ®al GTL A nouu-
vy tov (9), T0 olomua A) ¥veL Greloove Aiogig, xtdg TH|G TE WITT-
4 QOvs S
GEWS :
a=u,=f=p=0 xal Y70 i v, 70,
T e e o g
& Gvorépn Exteltévra ovvopilopev glg Tov duroiovioy TV ana

ax+Ry=y |

AtepeVvnolg Tod CLOTHLATOG ! B = {
1 1 o 1

_ _YB.—Y.f i
T Tap—af |
B,—o,f70 & paiatt Mio Adolg
y=- Lt N
“Bl‘—alﬁ
—v,B0
1‘:1—115’;&0 \ — Tt ovotnpa elvat 480vartov
1 B o
B : sl bk e X
. I o, o, ﬁ, B, | dmetpor AOGELS,
} GyL GAo p.nsévl évac dyvwarog avfalpetog
—y,p=0 i e S T T |
o,f—a,B=0 et v#0 xal Y,—O '? ““'“’2‘8":"
ay,—a,y=0 \Y._o xal 7&o} A e
a=a,=0 i vaTov
p=p=0 A

| Y=Y, =0 = "Ameipot AloeLg
‘ | (x xal y adBalpetol)

[IAPAAEICMATA : lov: Né& Emaudfj xal va SiepeuvnBi To oboTnpa :

(A—1)x+2Ay=—2 (1)
2ax+ (A—1)y=r—1. (2)
Adoig: “Eyopev Siadoyinds : 3

uﬁ,—u1ﬂ—(1~‘1)*ﬁ4k°=(1—1+2?~) (A—1—20)=—(A+1) (3A—1).
Avaxpivopey 80 TEQLTTAOELG :

a'). "Edv (A1) (3x—1)7=0, dnhadi: AsE—1 wai Agk %—, tote :
—a—1)—2a(h—1) _ 2(A—1)(A+1) _ 2(—1)

—(A=-1) (BA—1) = (8A— A+ a1
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e S et
o YT e VG T
o 1 ,
B). ‘Eav (A+1D (8r—1=0, Suhadi @ A==l nE =y TOTE :

|xryel 7 x+y=1 =al fudéyeran Gl

Ad A=—1, 10 olarmua Yiveral: |y et
Qovg Adoelg, Tdg:
L (i atdaioeros).
y=l—p

: 1L ) e
A A= e oloTie LO0DUVOUET RE TO

2 2 .
ks ie Lot sy =y
2 2 gl ety
M e g

o & ~ o8 . ’ . 3% » {
T Gmoioy div Fyer ovdepiay AUoW, Ladoooy ul ESIOMOELG TOV elvar Govpfifactos.

20v: N& &mavbi kol va Srepevynff TO CUSTNRE

rx+y=2r (1
\ x+ry=A+1. @
Aboig: 'Ex ti (1) happdvopey y=21—1X, Smote 7 (2) yiverar:
X+M'Jl—lx]=l+l il x(]—l")z-—'?l'-'-l-l-i-l
i wéog : (1—32)x=(1—3) @h+1)
%l td olornue ioodvvapel pE 10
y=—2A—2hx (3)
(4)

(1—-3.“))(:{1—1) (2r+4-1).
Avaxpivopey SLapoQoVS TEQUTTMORLS !
w). *Eiv 1—A'==0, dnradr, £av A1, tore D ExOpev i
a-nE-En 2l

& 1—A2 1+A
ol gy MeAEL) A+ D—AAD b
1Fh 1% 1+A

& * \ - ’
al &moTar tpet elvan Aboig povadien Tob UG TTHATOS.

B). CEdav 1—Ak2=0, dnhadi A=1 f A=—1, tite Do Exopey :
A piv A=—1, 7 tElowolg @3 wpog X yiverat 0.-x=—2, 1) 6mola elvar 80
votog, S mdoav Tpdy Tol X, OmoTE wal 10 ovotnpe elvar ddvvatov.
Aw, 8¢ A=1, 1| éSlomolg YivETaL 0-x=0 =ai dhndeve Sut mioov Ty tol
X=v. YApa y=2—x=2—v xal To ovoTpe EXEL Gmelpoug AVoELg, TAG:
X=v

T (v atbaloetog).

AZKHZIEIZ

A. Né& émhvBodv xal va degevvnlodv T Gxorovla cvoTipata :
Ax-4y=3 ax+3y=38 3 2x—3y=>H
x+3y=v 2x4y=b * | (—3)x+iy=A—1
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16.
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(A—4)x—2y=3 5 | xtiy=i—1
 x—(A—3)y=21—-2 | x—Ay=k1—1
‘ (A—1)x~+2y=5 7 [ (A—1)x4-2y=1
2x+(A—1)y=1 O (—1x+ay=1
Ax+Aty=i—1 (A—1)x+3y=0
| 2xt4y=4a—7 Sx+(A—1)y=ir+2
Mxy=i41 g1 | F—2x+3y=0
x+iy=2 " =2+ —1y=5
(A—1)x+(A—2)y=381—1 13 ‘(l—]].\:-{-(l”—l)yzkskl
(22 —1)x+(h2—4)y =5A+1 g 2x+3y=>0H
| (A2—1)x+@A—1)y=h? g5 | (A—4x+8y=2+4

| (A+1)x-+(A+1)y=31—2

(A—2)x+(3h+4)y=2

(2A2—A—1)x+(41+4-2)y=242+51+-2
(A2 —1)x+ 24+ 1)y =218 4-A2—22+1,

B. Na fmivdoiv xai va SegevynDodv td axdhovda ovoijuarta :

4.

10.

y

!
| x-Fay=9 = % + i
uxi—y:;j * i +_)i= 1_ 3. i__y__l
a i ¥, B P
i _ny_ = " X ﬁ")' =" __1_
‘ mt p e 5 u-HJ—i_a—ﬁ_u_[s
o ge——p L e
w =t atB a—p atp °
oy Ao S R
atp o—p az—f? 7 3 =l
A S RS IR 5 e S e
a+p a—f fr—a? u + ———-B-—--_.. =
g, e
atf ¥ p—p 9 a—p T
" pa—s |
ax—py=a'+f* = A I T
_)i+l ETEN =—d i SR x_y——u:
20{‘}“3 2(1—[3 T 1 :] (l+ﬁ
—2y=d{a— e e
x—2y=4a—p) = 8

12, Na émdvdf] 10 odotnua:

13.

A{detar o ovetpa :

2(2x —3y+ 1)+ (x+y—2)2=275
(2x—3y-+1)2—(x+y—2)2=—200

| Ax~2y=38

| (A—1}x+3y=2

#al Tnretrar 81t wolug Tpds tod A elvor: x>0 zal y>0.
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14, ‘Opoimg dui 1t GUOTIROTY

1. | Ax—y=2—% 2, | x+2y=>34 3. ] x—Ay="1
Ax+hy=8—h | 2x—y=h—1 ax+(A—6'y=1
4. | Q—Mx+y=1+24 A | a2(x+y)tAx—2y)=1
(141 x—2y=1—24 axHy)HA2x—y)l =2
15. Na & nhvftoiv xai vé Siepevyn oy T oVGTIHATA :
1. ‘ (u’-[“]x-l—(u“-i—ﬁ”)y:u’ 2 (l“-l-l)x-i-(l-l»l‘ry:l—l
| (a3 —p%)x+(ad+fhy=0’ | (e—1)x+a—1)y=A+1

S l(x+y)+?~“(2x’2!y—9):?.+3
} (?.—-l"]x-]—lfy;l):.‘liﬁ(x—y)—Bl"‘—‘!.
201. "Etepog TPGTOS Srepeuviicewg ToU suothpatos. “Eotw modg
Exllvowy 10 mpotodidpoy GUGTI L
| ax—+By=" (1)
!u,x—l—[’:,y;v,. (2)

Eiz tiv § 200 etioouev e SLapoods :

af,—u,B, VBB wal ey, WY, (A)
; . ; X ; ol e
tdg 6moiag, nata ovvinxny, vodgoney GYTLoToiyms W gEfig
| ) | |
| o b ‘ B o

)

| o B | v B
Xl TG #UAOTIEV Sotbovoag 1OV cuvredeaTdv.

‘Exdorn t@v Suaqoodv (A) waheitan dvdmTvypa tiic avriotoiyov dou
Codong 2 t@v (3).

01 cuvreheotal @, B, ¥s G Bos Vs wakotvral ororxeta Tifg éptbovans.
*Eredy 8¢ 1 orougela fndotng 10V SoLlovo@v (3) elval Sraretaypéva Elg
8o Goiloviiag youupas wal 810 rataxogipovg oTiikas, ol Bv Adya dollov:
oat wahotvia doifovaar devréoas rdEews 1) SevréQov Baduod.

“Qare, Oa elva:

o, Y

st e ‘T ] e
! ﬁIl-—U.lJ, Ullj, | Vs ﬁlll v, Y[,

MAPAAEICMA : Katd td avoréom da elvac:

o 03

s y

Y ! ==Y B Y
Yi |

g 8 — 2
4 f. =14—16=—1, é 2 | —(—4)(—b)—2 6=20—12=8.
5 I} ==

‘Eropévog & logdovy td anélovda :

v B S
oy (i CRRT TS ol it sl
c:). LoV d, ﬁ‘ ‘;ﬁ:ﬂ, Eyouey: X= o ['5 BN o |3 3 (4)
o, ﬁ, o, |3,

Anladi, waoovoRaoTiS elvan ) Gpilovon Tdv ouvrehestdv Ty dyvi-
sty nul Exactog GoLdpnTis mpoxUmTEL, (v Elg TOV Qo vopaoTiy Aviira-
tactadoiv of cuvteiectal Tob Gyvdatov 1o TOV yootdv Gomv, EQLoH0
pévov elg 1o devtegov péhog-

18
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e el o
e TR B
| al ﬁ|
ok - S
vig, T0 olotnpa elvar adivarov.

A VL s i C O

v'). "Eav xal al toeic €« tdv (3) elvar undév, to clormua Emdéyeran
ameipovg Miselg, ExtOg Tiig TEQLTTHCEMS :

a=P=a,=0H,=0 nal y 1 y,70, 6dére eivar adivarov.

‘H nard tov towotitov tgdémov éxiluoig ovornudrov tot o’ Pfaduot pd

8o dyvaietove raheitar Kavav tod Cramer.

=0 nul pia & vdv (3) elvar dudgooog ol unde-

HAPAAEIPMATA : lov: Na émAvbf 16 obotnua:

| 2x+7y=10
| 4x+14y=9.
Adoig: Kuta td avoripw, ¢ &mpey Stadoyixdg :
10 7
= 9 L = Ll =ﬂ adtvartoy.
2 0] 28 —u8 0
4 14 |
|2 10|
o e I e
y= 7| B T T 98—98 = 0 adivarov.
1 14 |
YAopa to alotnpa elvar adivarov.
20v: N& émAuvbfj té6 cbotnua:
9x+-2y=17
{ Gx+5y=—17.
Adoig : Ou Eyxopey Siadoyizdg :
17 23|
—7 5| 85+14 99
= 9 2| 4b—12 33
| & s
9 17 J
e e I T e
S N OO i e ot
| 6 b

YApa to obotnue £xer plav povadiedy Aoy, wiv: (x,y)=(3, —5).
Sov: N& &mavbfi 1o ebornua:

{ 3y+4y=8
6x+8y=16
Adoeg : O Exmpey ﬁmbn/umg
8 4 |
u et 0 G.6pLOTOV
3 4| 24—224 0 :
bR :
3 8
6—'176 e R 0QLeTOY
3 gy si=gd e
i

"Apa th olotnpa £76L GTEQOVS AVGELS.
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202. Ztotnue SO0 dpoYEVAV Eoboewy pwé 80 dyvOOTOVS.
"Fotw to ebotnpui:
ax—-fy=0 (1)
ax=+B.y=0. @)
v 1o olormpa todTto, Gouel va Bvdupnddpey T

Aut vi Siegeuvijompe
Fveaida Gpomg taparneoULEy i T

Joa Ehéydmoav eig v § 200.
4B, —v.p=0 xal  ay,—a,¥=0,
xadéooy elvar y=0 nral v,=0.
o). “Ymodéropev Ot afa,p,7=0- *Eav aB,—a,p70, T olornua
fndéyeral plav wovoy Avoww, TV ,
0 " _____7_2 A=
— off; B st i afd,—a,f i

thte VG Exwpey :

0 0
i Y= 7 —( ajpLoTov.

). "Eav  af, —a,f=0,

0 s
X= — '@0pLoToV
L
Oftw, 2av a£0, 1 medn EElowois Side
By

X=— »

(¢

N ’ ,
®ai 1) devrépa yOEpETAL

u.( By ) -py=0 1 v (uf,—a,p)=0 1 y-0=0,

| Omota dlndever dux xdde y avdalgeror.

“Oore, th ovotnua Fyet arelgovs MiceLs, Tdg ¢ 5

21~

LT 0 el saltey

| @

i y=k addaiperov y=k abduaigerog
Anhadiy to avornue elva uepunds ddpLoTov.

) ovoTnuo yiveral :

v). *Eav a=p=a,=B,=0,
l 0-x-+0-y=0

0-x-10-y=0,

#al T odotnua sival 6Aeeds ddotatov.

s

TAPAARICMATA : lov: Né &mavbi Td cVOTNO
2x—3y=0 (1)
4x+5y=0. (2)
Adaig : Toiito, mopavig, elvat ioodUvapov medg TO :
SR oA
3 : 11y=0 =0.
| 4x+by=0, = Ly
A y=0, % (1) 8ider x=0. *Apu 10 ovornua ExeL Ty wovaduxny Auow
afd —a‘ﬁ—(ﬁﬂﬁ—d-6=-*20—‘24=—44-7¢'=0.

x=0, y=0, &ion:
203. Suothwaroe p|-v EELoDOEWY ut P &yvwotovg. “Orav 6 dot-
d;ulo', L{0%% l:bl.ﬁtl)ﬁEUJV ElvaL I,Lhyu?;utagu., amd Tov umﬂy.uv Tmv U-YV(DCII(;)V,
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téee, modg Emiluowy tol ovoTiuarog rovtov, Exhévouey duo FElotalg, tas
Gmlovatéous, ®ul Aopey th Dmd TolvTeyv arotehovpevoy aUoTNLe Og TOOG
x woi v. Al tiwal abtar Tpémer va Frnalyilevovy xai tag vrohoinovs 2Evom-
ol 100 mooPhijutog, dhlog O aloTnuo elvan @dvvartov.

Fic oy meplmrmow tadrny O Léyouey Gt 10 cvotnua glvin cvufi-
Pactoév, iilwg dévvazoy.

HAPAAEICMATA : lov: Né& &mAvbfj o cvotnpa:

3x+Ty=41 ()
bx—2y=2 (2)
l x+Gy=22. (3)

Adoig:  Ad pudc thv yvwotav pedodav, Adopey td ovotnue Thv £ELohoEwy
(2) %ai (3) #oi edoloxopey: x=2, y=>0.

"Exedf of tpal abro zavomooty woi thy éElooaw (1), €xeta Gm @i TeElc
#ELodhoelg dmoteholy ovaTHRa aupfifaotov.

20y : N& ¢mavbfj td cbotnpa:

x+3y=7 (1)
—5y=—8 (2)
4x}-9y=15. (3)

Adoig: “Ex tiwv (1) =ai (2) ebeloxopev: x=I1, y=2. ‘Exeidl) al tpal o=
ton div xaindedovy xai Ty (3), 1o ovornpa elvar adtvatoy 4 0a Aéympey dtu ai
tEadoeg tov elvar dovpfifaczor.

Sov: N& éplobfj & A, iva td cvoTnpa:

| ax—6y=22+4 (1)
6x—(A—1)y=4% (2
y=2x (3)

elvar cupfiBactov.
Adoig: Ak y=2x ai (1) zai (2) yivovraw:
Ax—12x=2A+4 = (A—12)x=2Ar4+4 | (A—12)x=2A+14

Gx—20—lx=4 1 |{8—2zx=4 | @-nx=2.
Fov x50, =ai AFEt, Bid Suueéoemg tovtwy xard péln, Aapfdvopey :
%j?:@;"é, f A—A—20=0 /i (A—B)(A+4)=0.

gt of: A=D =xal ra=—4.

o). Al A=5H, 1O ouVaTNRG RATOVTQ ©

px—6y=14, OGx—d4y=4, y=2x. (4)
Al 8o terevraion £Elodoeg Sibouy: x——2 =i y=—4. ’Enedn 8¢ ai n-
pai ool gmakndedovy xol TV npmTny, 1o ovoiua (4) elva oupPifactov.
B). A rA=—4%, TO CUVOTNPRA XOTAVIE:
—4x—by=—4, 6x+4by=4, r—=0%. (5)
Sy , 1 1 :
T ovornua t@v dUo TEhevTAinY #Eroboemy didel: x= Yo *Eneldny

al Tipal abool tmakndevouy xal Ty oy 1@y (B), T ovompo elvar ovpfifa-
oTov.
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