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KE®PAAATO |
HEPI LYNOAQN
1. H ENNOIA TOY LYNOAOY

(Emaveliyeig kei supndinphosc)

§ 1. Dépere 016 voi sag 1a TOOTOTA TG olxoydvelds oas xai leapijaTe
Ta gay o Gloryra e Gudada, g aviioyly aooodimon). Tt TQAPATOETTE

Maparnpolpe &1 pé dvrikeipeva, ol T& yvwpilops koAd (T Tpod-
OWTX THS oikOY£EVEIds pas) kai Trou Bev T& ouyxéoue peTaly Tous, oxnua-
Tiooue pé TH okéyn was fva véo &uTikeipevo,

To dvmikeipevo altd 16 dvopdloue obvoro. TO oUvohro TGV TPOC K-
v Tfis oikoyéveids pas. Mmopouue Aoidy va Bswpricoups AuTikepeva
P, y, & tvteAdds kabopiouéva kol BlagopeTikd peTabU Tous odv Eva
SvTikeipevo: TO oUvoro Téw o, B,y 8.

Yivoro civan 1o avnikeipsvo, mob eynpatilops (pé ™) oxéyn pog i
) gavtasio pag), v Ozopioovps avukeipeva Evrehdc kabopopiva kai
SlugopeTikg petald Toug aav fve aviikeipevo.

T& dvmikelpevar aldta Aéyovtal otoryeia tol cuvorov kal cuUpPoAi-
Covran pé pikpd yp&upaTa Tou EAAnVikou dApaPriTou: g, B v 8,

To olvoho Tév dvrikapéveor o, B, v, &, oupPorileTar ué kKegohaio ypdu-
HEt AT B Ay

Aépe 6T1 1d otowreia £vog guvoiou A avijkouy ¢ avtd, kKai Ypagoue
oupPorika aeA, PcA xok, 7| 6TI and to oivoro A rapPavovrar ta
ototyeia tov. TupPohika Asa ) A3 P (&nd 16 A AapBdveTon T6 o KA.
"Av TO duTikeiuevo o Sév duiikel oTO olvoro A, YPapope ad A.

§ 2. "BEva olvoro kaBopileten, &v SnAdcoups T oToIXEla Tou kai
TQ ypAWoUpe péoa ot &ykioTpa' T.Y. TO cUvoho TGV q, B, v, 8, ypdoetan
(& By v, B). AUTO TV TpdTIO TapacThoews ToV Aéje kalopioud ToU guud-
Aou pé Quaypo@n) TV oToiyeiwv Tou.

Hopaderypa. N& opiofei 10 clvore Tév puoikéy apibudv 5, 6, 7,
8, 9. Té olvoro oaUTd dpieTan Gos EEfs: 19,46, 7,28, 91

Mmropoupe Spcs va dpicoupe TO oUVOAD QT Kal s 1O olvoho TGV
Quoikidy &pifuddy, Tou elval peycAuTepel Tou 4 kai uikpodTEpOL TOU 10,
xal va ypawoupe |Y/X puaikos dpibpds kai d< y < 101

Tov TpoTo aTd TOV Adpe xaBopioud Tou cuvdhou i TEPLY pagny.

"Evar oUvoho kafopifetan ué meprypagr, v TIEPLY PAYOUNE MId Xapa-
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KTRPIoTIKY 1810 T TV oToixelwy Tou. AnAadn wa i16TnTa, TOU ThHY
fxouv SAa T& oToIXEla ToU Kai pévo aUTd.

Mia iBidtnta ovpPoAiletan wé p( ) i q( ). TLx. q( ) onuciver
«puoikds &prfuds peyohuTepos Tou 10». Mi& Tous 11, 13, 17, mou &xouv
T i81dTnTa aUTh, ypdgoue L1:q(11)*, 13:q(13), 17:q(17). M& Tols
6, 3, 2, ToU Bév Exouv THY IBIGTITA adTh, ypdgope ox1 6:q(6), &x1 3:q9(3),
&x1 2:q(2). T& fva dvmixeipevo y, mou Exe Ty iB16TTa q( ), ypagone
¥:q(x). Anhadn To ¥ Exe Ty BotnTa q( ). Na fva dvTikeipevo
mou Btv Eyel Thv IB16TnTa aUTh, ypagoue Ox1 wiq(y) xai SioPadous:
TO W Bev Eyel TN iBidTTa q( ).

2

3. "Ovoudore A 1o oivero |3, 4, 3, 6) xal B 16 x|y growmos ueyatv-
£ . J XY -

!
i
Teoog Tob 2 xal pixocteoos 1ot 7). T naparyeeive:

MapaTnpoUpe &1 k&Be oTolxeio Tou A duriket 010 B xai kébe oTol-
xeio ToU B duikel oo A. Aépe Todpa 11 T olvora A kai B elvan Toa kal
oupBorifope A — B 1) Adpe 811 mpéraiTan yid 16 {810 gUvoho: A=B. T&
iBla TapoTTpoupe Kol oTa gUvoha A kai [0 15, 3, 6, 4}. "Emopévws 1
ceipd (7 takn), pé v omoia ypagovral ta otorycia £vog suvdhov, dEv Exet
kapia onpecic yuo 10v kabopiopd tov.

AVO oOvoha cival ioa, Gv kabe otoiyeio 1ol £voC and adTa GViKEL oTd
@hro Kai avniotpdpog.

EVkoha SiamicTovope &md T& TapoaTéuw Tapadeiyuata éTi: A = A,
A=B=B=Axai A=B kai B=T = A=1T,

‘H {odrTnTa Tév ouvdAwy elval GVOKAGOTIKT, OULHETPIKT) Kal METC-
PoTik.

§ 4. "Av Tpooéfoupe povo Thy iB1OTNTA: KGBe gToryElo ToU A dvrikel
oTé B, 8& Afpe 611 10 A sivar DmocOvoio tol B ) 6T TO A mepiéxeTan
o016 B xai 8 ypdgoupe: AcB. (0Té mapamdvew moapdberyua Tfis § 3
elven kai BS A). ‘Emopéveos ASB kal BcA = A-B

T7 oxéon AcB pmopoUpe va 11 ypdyouue B2A. ©& Aépe toTe: To
B cival Onepoivolo tod A.

ST1d& oUvoha A kal A - {x/y Quokds &piBuos weyaRUTepos Tou 2}
TapaTnpoupe 611 AcA, dAAG 611 AEA (ywoTi T& oToixeia 7, 8, 9, ...
ToU A 8tv dvijkouv oTo A). Tty TepiTTwon abTh Mue éTi 16 A &lvan
yvilolo Drochvoio tob A+ cupPorika AcA. To A Léyetm yvioro Omep-
o0volo tol A' oupPoAika Ao A.

"Av Opigoupe pi TEprypagn TO oUvoAo |y /X Puoikds WEYCAUTEPOS
Tou 2 kel pikpdTepos ToU 3}, 0& mapaTnpricouus T BEv Exel Kavéva oTol-

* To gbuporo 11:q(l1) SiaPaletar: 11 Exer ThHv iB16Tn7O.

WnepiomouBnke amoé 1o ivotirouto EknmaiSeuTikrg MoAmkrg



Xeio. KaBopileTten Aormodv éva avvoro, mou Bév éxel kavéva aTolyeio. To
oUvoho aUTS AéyeTal KEVO 60VOLO Kkal oupPorileTtar pé O F.TO ¢ elvau
Utroguvode kée ouvdlou. S A yik kdBe olvoko A.

AexduaoTe 61 SAa T dvTikeipeva, ToOU pmopoUv va elval oToiysio
TGv Bewpolpeveov ouvdhwy, dufikowy o Eva cuvoho U. Té U Aéyeran
Buowko (ij yeviko) ovolo # sivero avagopiic TV Bewpolpevwy ouvdiu

Kabe aUvodo A eivan Umoouvoro tou U. Ac U yik kdfe alvoro A

‘H oxton ToU éykieiopod < Exel Tis EEfs (816N TES:

AcA dvakhaoTikn (yiaTi kéfe oToiyeio dmoloubfroTe ouvohou A
dunkel oTO oUvoho A).

AcB kal B2 A = A=B dvTiouppeTpikn (§4),

AcB kai Bel = Acl petaBatikn (yiarmi &v kée oToIxeio Tou A
Gvfiker oo B xol kéfe oToyeio Tou B dvnkel oto I, ToTe ke oTolXEio
ToU A durker oo I7). N& 76 EmahnBedoeTe oTd Trapamdves Tapabelypara.

M va kévoupe aloBntn ThHY Evwola ToU ouvdhou A TéV OTOIXEIWY

o B, v, ... TaploTdvore TX OTOLYEiG TOU pé omusia Kol TO oUVeAo ia,
Biyiiee )t md KAEIOT ypapun, 1 omoia mepIPdAAel T onueia ol
Sxfua (1),

To Umoguvoro B — !, B, Yy} Tou A, TO TraploTdvops oTo ECWTEPIKO
Tou A Zxnu. (2). Té Pacikd olvoro U 1o mapioTdvops odv fua dplo-
YOvio oTo fowTepikd ToU Spfoywviou TapioTdvovtal SAa T Becopou-
Heva oUvora. Zynu. (3).

Al

O 2R oy, 3

O1 mapaotaoes avtés Adyovtal Pévvia SiaypdupaTa TPOS TIUN ToU
"Ayyhou @ihocdgou ki pednuoTikoU J. Venn, (1834-1923), wou ig
XPNO1pOTIOINGE TTPETOS.

‘AcKNoELg:
I. Na& Ppeite T& UmmooUvoda 1V ouvodAwy {a}, lll' L {cx, B. v}, {3, 12, 6, 7).

2. No Ppeite 1& UmooUvoha Tou | X /X dxépuios peyaAUTepos Tou % Kal pkps-

. 10 4
TEPOS TOU =

WnpiomoBnke amoé 1o ivotirouto EknmaiSeuTikrg MoAmkrg



3. No& opioeTe pé duaypagn 16 ouvoAo ;x / ¥ Biaywvios Tou mevtaywvow ABIMAE :

4. N& dpioete pé dvaypagn 16 olvode |y / x UmdAormo Tiis Sioupégews k @ 5, &mrou
K ArEpaiog| Kai pE TEPIY pagh TO :AF‘ B.r_'\.}_

5. N& ouykpiveTe Ta oUvoha A = [0, ].?J’ kal B ﬁx"x Uméhoiro Bioipéoews
puatkou dpifuou Bia 3.

6. N& ouykpivete 16 oUvoha A — |x/x wapahAnhdypaupo), B I x/x opbo-

yovio} kai [ = {x /x TeTpdywvo 1 oxad va kévete T& BiaypdupaTd Tous.

2. H ENNOIA THE ANTIZTOIXIAX

Movosfpavty kel GUEIEOVOGTOEVTY GVTeToL) i,
Teodivapa oivoia,

§5. X wa oviloyy (fva aiveia) 1 yoapuarosiuor dvdzoer T
j,n_m'u‘uu:'.rn'rrr_;‘.urt a;, B ¥;0; & T a, y xal & afiZovy I r5r_;ux;n‘l 10 xalléva. Ta
forai e, 2 0oy Ta a xal & Sxddllyzay w6 1932, va i,y xal & 16 19306,

Gewpijoere v svola A = {a, §, y. 0, ¢} zal B = {1, 2, 1932, 1936},
Xxeqrire venoa fa aroryeio ot A xai ke & adro fra otorgeio Tot B
Tl aavaryorite: -

MapaTtnpoupe 671 010 o Tapadétope tov 1 A 1o 1932 (v Tipr Tou
7 7} xpovohoyia ekBooecs Tou) ounPohikd (o, 1) f (o,1932). =16 B mapa-
BéTope 1) dvTioToryifope Tov 2 1 10 1936. ZupPorika (B, 2) A (B, 1936) k.A.m.

Aépe Todpa 611 peTall TV ouvddwy A kai B UTrdpyel pid GvTioTol-
xia (émai6n ot oTorgeia Tou A mapabioaue 1) dvTioTorgicope oToiysia
Tou B).

"Avrotoryio petall d00 suvéiov sival | dvriotoiyien (i rapabeon)
atoryeimv tob devtépov guvolov of atoryeia tol mphdrov,

Thv dvtioToigio petafl Tév ouvohwv A kal B pmopoupe v T

TOPUOTNOCUNE OV W& kivnomn pé dvaydpnon dmd otoixeie Tou A kol
&piEn o oToryela Tou B. AUTO yivetan pE Th Ponbeaa tév Pévvicv Sio-
YPauudTwy Kai ypouudy kateuBivorws oTd oxfiua 4.

WYnpiomoBnke amé 1o votirouto EkmaibeuTikrg MoAmkrg
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M i1 16 A Abyetan olvolo agetypiog kai 16 B aivoro a@ifems.
To oxfiua 4 16 dvoudlope Si1&y pappc (A ypagnua) s dvtiotoiyxias (oo
YPAUHOTOONMO GVTIOTOIYET T TIuf Tou kai f Xpovoroyia éxBooews Tou).

Inueioen: Of wopaotdons (o, 1), (o, 1932), (B, 2) kA.ar, Tis omoiss Xpnoipo-
Tomoaue, yi1d va oupPoiicoups TV AvTigToixion, AdyouTal SlatETayiiva Cevyn. Mmro-
POVUE v& TrapaoTiooupe () va Opicoups) mav dunioTtoiyia odv fva olvole Siateta-
YHEVGY Leuydov

§ 6. "Av peTaU ToU ouvddou A TéY ypaupaTooiuwy Ked Tou ouvd-
Aou Tév mipdy T = (1, 2) ueAethiooups Y dvTioTolyia: o fva ypap-
HaToéonuo dvTigTolel 1) TiuT Tov, B TapaTnpnoovpe 6T of kale oTol-
Xelo Tou ouvddcu A duTioToixel Eva povo oToiyeio ToU ouvdhou I ‘H
dvTioToiyic auThy Adyetan novostpavty  dvristoigio. Ta mplTa pédn
TGV SiaTetaypiveov Geuydv (a, 1), G 1 B D), By 2), (g 2) clvan
TOpax SiapopeTikd peTaly Tous.

Movoefuaviny aviiatoryia perabd dbo cuvelov fyope, otav of kale
grergeio 1ol wpohToL GVVEkov dvnictorgel Eva péve oroigeio tob dzutipou,

210 oxfipa 5 #yope T Bidypoppa Tfis povoonuavTng avrioToryias
HETafU TGV ouvdrwv A kai T

HMepatiipnen: To olvo-
Ao T&HVY BraTeTorypéveoy Ceu-
Y&y, Td dmolo TrapioTdvel
WG povooTiuavTn &UTIGTOL-
Xie, AfyeTon —&mes 0& pé-
Boune SpydTepa— cuvapn-
on. T& A kai I 6& Aéyou-

Tal TOTE nedio dpropoi kai

redio eV s cuvapTioe-
s (dvtioTolyws).

Enueioen: 2t dvatepn 14En 8& pddoupe o1 pd HovoonpavTn dvTioToryia peTaly
TGV ouvdhwy A kal B Aéyeran kal dneikévien tob A oo B. To A oThv mepiTTwon aUTh
0 dvopdleTar oUvodo dpyeTUmawv kal 16 B olvoro elkdvwy.

§ 7. MetaflU 100 ouvdhou 1@y dpludv A — (1, 2, 3, 4, 5] kai ToU
ouvorou TV SimAacicwv Tous B {2, 4, 6, 8§ 10} UTrdpyer pid HoVooT-
povTn dvTioToly i, 1) éEfis: of kdBe dpiBud ToU A dvtioTorysl & SimrAd-
o165 Tou oTO0 B. "AMG kol petall Tév owwddrwv B kol A Umdpyel m&
HovooripavTn dvTioToiyia. ‘H dvtioTpoen T TponyoUdsyTs: of k&de
oToixelo (&p1Bpo) Tou B dvmioToryei o Wi agTou 016 A. “H dvTicToiyia

alUTh] AfyeTan GUQIROvosTipavTY avuotoryia.

WnpiomoBnke amoé To ivotirouto EknmaiSeuTikrg MoAmkrg
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*ApglpovoouavTr GvTioTorKia petafy Vo ouvehwy (f) &melkdvioT
fva Trpos Eva) Eyoue, STav ot kb atoryeio Tob npdToL GVVelov GvTisToLyEl
iva povo otoryeio Tob deutépov Kol of ke otorycio tod devtépov ouvohov
aviietolyel Eva povo ctoryeio 1od mpoTon (keivo mob 10 tiye g avrtiotol-
y0) i drav petald tod TpOTOY Kai 100 dguTEpon DIapyEl Pid povosiipavin av-
notoryia kai peregd tod devtépov Kal tod npGTov Umapye 1 aviiotpogd) TS

16 oyfua 6 Exous TO Bidypoapua
15 AUPIHOVOOTIHAVTTS AVTIoTO YIS M-
TafU TGV ouvdhov A kol B. AUTO prro-
polUpe V& TO TTHPAOTHTOUHE Kai G EETs:

{ A I
L. S S 2 (0]

MaparTnpoupe &T1 HTOPOUME  KATW
&méd kéBe oTolXElo TOU TPATOU gUvd-
Aou V& ypdwyoupE fva oTolyeio Tou Beu-
Tépou, Ywpis va EmavaddPoupe fj v& Tra-
poAeiyoupe KavEva.

A ox. 6.

§ 8. T& olvoda A kai B, petabu Tév dmroicv elvan SuvaTh) i dp-
gipovoompovTn duTicTolxia, AtyovTan igedivapa olUvoha. ToTe Spws,
STraos eiBape, popoUpe KaTw &md k&Be oToixEio ToU A v& ypayoupe Eva
oToryeio Tou B, ywpis va ¢rravahdBoupe kol Ywpls VA TTOpaAelyOUpE Ka-
véva. AnhoBh Té cUvora A kai B Exouv TO b0 mAfifos oToiyeiwy. I’
aUTo Aépe 6T1 T loodlvapa ouvola Exouv ToV i810 minOiko apibpd.

Th oxéon «1d A elvan iooduvapo ToU B» Thv ypbpoue cupPorikd:
A~B. Tov &piBpd, Tou ékppdlel TO TTATiBos &V oToryEiwv TOU guvdiou
A, Tov oupPolifope pE v(A).

“Qote A~B < v(A) — v(B). AUTo 10 BiamoTwvope kai &v &rrap!-
Bufiooupe T& oToryeia TEV A kai B.

* MeTafy tvos ouvdrou A kai ToU Eautol Tou elvai BuvaTov v EXoup
W& Gu@ipovoofiuavTn dvTioTolyia TNV

s 2RCAgE 4 815
lg=2 3 =d =5
"Av peTafl Tédv A kai B elven Buverh 1 &u@1povooiHayTn QUTL
oToryia Iy 20804080
20,4, 6,8 10;
TéTe elvon Suvorh) kaifp 2 4 6 8 10
e 28 Sastath peraly THOY B kai A

OewpoUpe Topa kai TO ouvoro [ ut oToryeia T& TPITAGCIX T

WnepiomouBnke amoé 1o votirouto EknmaibeuTikrg MoAmkrg
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oTolyElwov Tou ouvdrou A: T = 13, 6, 9, 12, 15}, TlapornpoUue 611 peTagly
TGOV A kai B, A xal T Exoue Tis Gu@iuoveonpavTes QuTIoTOIYIES

], 2T -5

2 4 6 8§ 10

3 160 992 15
TOTE Speos éyope Kai Ty

2 4 6 8 10

3 6912 15

peTagy Tédv B kai T

JATTO TG TropoTTavey oUPTEpaivope OTI T iooduvaopia TWY oUVOAWY
Exel Tis yvwoTés {SidTnTes THs iooTnTas:

A~A A~B=B~A kai A~B kai B~ = A~T
AvakAQo TIKT, OUMMETPIKT  Kai HETAPOTIKT.

‘Erropéveds Tis i8ies iBiotnTes Exel kol 1) iootTnTa TGOV TAnGKY
ap1duciv Tous.

3. TIEHNEPAZMENA LYNOAA — ATIEIPOLYNOAA

§9. "Av Bewpnooupe 16 ouvohe A o, B, ¥, B, £}, 8a TapaTnpn-
ooupe 611 TS TATRBos TGV oToIxEiwy ToU EKppaleTal &TO TO QUOIKS dpi-
Bue 5. Zuvendss v(A)eN.

Ta gUvoda, wou oif mAnBikoi Tous &pifuct eivenr guoikol &piBuot,
Aéyovtan menepecpiva civora.

IMiote tiwa fva ywjato Saoctvelo 1ot A xal f&etdate dv peTaft adrad
xal To A pmopotue va Eyovpe pav dugiuovosgavty avriotoyia. T qo-
patTnoeite;

Maipvopes 16 B — {a, v, 8} kal mopaTtnpoupe é11 altd Bév siven &u-
VooV q[ﬂy&sﬁaﬁyﬁs

o3 y & a y ©

To 1810 8& TapaTnphooups, dv TapoURE STTOIOBNTIOTE YVTio1o YTTogU-
voho Tou A, Afpe Aorrov 8T Eva ohvolo sivar merepacpéve, dtav 8Ev £y
7vile1o Dnosivolo icodivapo pé avTo.

§ 10. "As mépoups Topa 10 ouvoro N T&Y guoikéy &pibuddv: N — 1,
2,3,4,5 ...} kai 16 olvoro N, Tédv &pricov N, = 12, 4, 6, 8, 10, . . !
Maparnpoupe 671 10 N, elvan yviigio Umeotvoro Tou N, N cN kai 611
K&Ted 6o kabe cToXElo ToUu N pmopovue va ypdwoupe Eva oToryelo Tol
N, , xwpis va émavadafoups fj v TopaAEiWoUpE Kavévo.

Lt A S G TR R o 100055
24 6 8 1012 14 16 s 2000 5y,

WniomoBnke amoé 1o ivotirouto EknmaiSeuTikrg MoAmkrg
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To olvoro N Tdv guoik&v dapibuddv Eyel éva yvrolo UtrooUvolo
ioodUvapo pt aUTo. Kavévas guoikos apibpos —ocodnmoTe peydhos— Sev
Hropel v& fkgpdoel TO TARBos TGV oToixeiwy Tou. To N eiva éva dmeipo-
oUvohro. To N, elvan émions éva &meipooivodo.

"QoTe, Fva obvolo civar aneipesvoro, dtav Exen Evae yvijowe Omno-
cOvVeLo i60d0Vapo pé avto.

"Eva oUvoro igoblvapo pé évar dmelpoouvodo eival émions &relpo-
ocUvoro. To Umepouvoro Evds dmeipoouvodou eivar drretpoovvoire. Ty,
15 oUvoho Q &V pnT&V.

To ocUvoho A Tdv onueicov Evog e0BUypappou TufuaTos AB eiven
d&melpogUvoo.

§ 11. Ta mapamdve cUvola Bfv uTTopoupe v& T& Opiooupe TATpws

uE Guorypagr). N’ adTod s Tpa XPNOILOTOINCaPE GTEAES dvaypages:
1 1 3

N=dk, 2.3, 45000 Q e 3 ,...-—i---,..,l,... = - }o Mairo-
poupe Opws va TO Opiooupe pE Teplypagr. AnAadn va EnAdooupe mav
iB16TNTE, TOU &v THY Exel fva duTikeipevo, dunkel oTO oUvoho, & Gpws
8tv TNV Exel, BtV dunkel o’ aUTo. '

N = ix /¥ eivar mAnBikds &piBpos memepaopévou ouvdAou).

N, — 1% /X glvar guoikds &piBuds Siaapetds S 21,

Q=1Ixlx %, pe elval Grépalos, Vi Elval QUOIKOS Kal b dvdryw-

v

Yo xAdopa).

A — {x /|y elvanr 76 onueio A ) B f) onueio petafl Tédv A kai B}

ZUveTrGds WE Treply pagn OpilovTton kupiws Ta dmeipocUvoda, ARG Kol
TIETEPQOTUEVA TUVOAQL.

Inpeiwen: Miropoupe Twpa va mroupe 611 fva ouvolo slval wid kaTnyopia | éva ei-
Bos duTikeipévwy, Ta OTroia Eyour ma opropivn iBidTTa (ds pds 1Y dtroia SewpouvTan ).

AcKkfoeig:

o1 Kdvete petafu 1@v ouvddwy A {308, 15 18 14539, 7) kB = 1051 9,
3,4} v dvmicToiyia: of oToryeio Tou A duTioToIxEl TO UmdAorTo Tiis Sixipéoes au-
Tou Bia 3, 10 dmoio dvnxer oTd B.

8. 270 ocuvodo A TdvV Ywpdv Tiis AuTikiis Elpwmns duTioToixioTe 16 oUvoho
B T@v mpwTtevouodv Tous, XopoayTnpioTe THY dvTioToixia. Kavete 16 didypapud Tns,

9. 'E€etdoTe Gu fivan icoBUvapa T& oUvora A IX/x elven moRAemA&ato Tou 3|
xal B = {y/x siven Umdhormo Siapioews puoikou apiBuou &ia 7).

10. N& yivouv &Aes of Buvamis GugipovoofiuavTes &utioToiyies petall Tév ouve-
Ay A 12,94} xdi B = o, B, y}. Tléoes eivan adrmés;

11. N& opioeTe pé dvaypagn 70 gUvoAo TGV UToouvdAwy fvds TpIeAOUS TuvOlou
Kl 7O ouvoho TéV TANBKGY dpiBudv Tous. Kévere devoaby Tous mé dvnoToxio. Xo-
paxTnpioTe To fiSog s,

WnopiomonBnke amé To votirouto EknmaibeuTikrg MoAmkrg
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12, Metabu 1év ouvdhwv A - {2. 3,4,5,6,7,8 9 wiB = {0, 1,2,3,9, 12,18}
va yivet )} dvmigTorxia: ot oTtoxeic Tou A dvmioToixel TO Umdhoiro Tiis Biaipéoedos
Tou &1 3 7| moAhamAdoid Tou, TO dmoic dvnkel oTd B.

13. E€evdoTe dv peTofU TV ouvdAwv A 1x/x elvar moMhamAdoto Tou 11 -
KpOTEPD TOU 97} kai évog yviolou Uroouvolou Tou Eivan BuvaTi WA AUPILOVOCTIHAYTT
dvmioTolyia.

b g " " y " o 1

14. N&a opioete pé meprypagf TO ouvoro A 19, 7514, 28,28, o

15, Mo oyton Umdpyer peTagu Tou guvorou TV dpticv N, kai Tou ouvéAou
N, 1év dk. TToAAamAaciwy Tou 4.

16. ’E€etdoTe v eivan iooblvaua 1a olvora E {X."X EmikevTpn ywvia o' Evav
KUKAQ (0)} kai T = {x/x T6€c ToU kUkAou (O)}.

17."E€etdoTe dv given ioobUvapa Té olvoha N kal K = {x,’x elval KAGOUaTIKT uovdﬁa;.

4. ENQEZH KAl TOMH ZYNOAQN — AIAZEYZEH KAl EYZEYEH IAIOTHTON

§ 12. TS olvoho, oTd Omoio dvijkouv SAx Td oTolyei BUo ouvd-
Awv A kai B, kai pévov aiTd, AéyeTan Evesn tév A kai B kai oupPohi-
Ceten AUB.

‘H fvwon opiletar &mod Ty icobuvopia aeA eite oeB < acAUB.

Thv pdén, pe Ty omoia Ppiokope 16 AUB, &v Soflouv T& A kai B,
Ty dvopddope «EveoT ouvOAwvy Kai TN oupPorilope pé TO L.

To olvohro, oTd dmoio dunjkouy T& Kolwd oTolxeix SUo ouvoAwy A
kai B kai pévov adtd, AéyeTal toph v A kai B kai oupPoliletoan AnB.
‘H Toun) opileTan &md TV icobuvapia aeA kai ceB <= aeAnB.

Thv dvrioToixn mpafn TH Aéue «toun) ouvdhwv» kad TH oupPoli-
Cope pt .

Napaderypa. "Av A— |, B, v, 8, €} kai B=1{y, 8, &} 161 AUB

1o B, v, 9, g ) kel AnB = Y, §, £}. "Av ypropoToinooupe T& Bévvia
SlaypdppaTo, Exope:

4 B

U = /\) |
=i eiag

§ 13. Qewpijote 1a otvoda A = {y/y elva dSrapétng Tot 12) wai B =
", ]
=

ylx ehvar dawoétnc tot 18} xai xallopiore ué dvayoagr] 1) iy Bveon
xal 2) vy Tom] Tove.

WngiomoBnke amoé 1o ivotirouto EknmaiSeuTikrg MoAmkrg
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’Agou kabopicoupe pé dvaypa@r) T& cUvola, Ta OToia uds #youv
BofeT A=1{1,2,3,4,6, 12  xai B= {1, 2, 3, 6, 9, 18}, Ppiokous:

1) 76 olvoro AUB = |1, 2, 3, 4, 6, 9, 12, 18] xai TapaTnpoupe 611
kd&be cToryeio Tou AUB ) Sionpel pdvo tov 12 (o 4 kai 12) f Bicapsi
povo Tov 18 (ol 9 kai 18) # Bionpei kai Tous &Uo (ol 1, 2, 3, 6).

TH oUvletn adTh 1B1dTnTa, THY OToia Exouv T& oToixela Tou AUB,
T Afpe S1alevEn (ovpPolikd v, mpogopika «eite»), TV idrotirov «lvan
Blonpetns Tou 12», «elvan Bicipetng Tou 18» kol TN oupPolifope:«Elvan
Bioapétns ToU 12» v «elvon BionpéTng Tou 18» (kal mO &AL «eiven Sia-
pETTs Tou 12» eite «efvan Sioupétns Tou 18»).

Kavéva Ao dvTikeipevo Ektds &mmd T oToryeia Tou AUB Biv Eya
Y iB1oTnTa CUTA.

‘Etropéveos ptropoUpe var Opiooude pé meplypagf) TO oUvolo AuB
s £€fs: AUB = {x/«x elvan Biocupétng Tou 12» elte «y elvan Siocnpéng
Tou 18»} ) AUB — %/ «x elvan Sioapétng Tou 12» v «y elvon BioapéTng
Tou 18»}. -

levikd v Eve avrikeipeve £Xel pid tovh@yieto Gro ovo idtdTnTeg,
Aépe 9t Exel oav idotnre ) Swalevén toug.

ZupPorkca:  x:p(x) NI x:q(x) = X:p(x) v a(x)-

Tuvemds: "Av 800 cOvoha mepLypagovtar (dvtietoiymg) and tic 1616-
mreg PO ) kai g( ), 1 Eveon t@v cuvoloy udthy Teprypdgstar ard T
SualevEn tous.

A= x:p00) B={x:a001 = AVB = {x/x:p(valx))-

2) ‘Opllope pt dvaypapn 16 guvoro AnB — {1, 2, 3, 6} kal mapa-
1npolUpe &T1 k&Be oTolyElo Tou eivan BiapéTns Kal ToU 12 kal Tou 18,

T7 ouvlern albTh iB1otnTa T Aépe ovlevin v idoTitoy «eivol
Bioapétng Tou 12», «elvon Siaipétns Tou 18», kai TN oupPolrilope «ival
Braipétns Tou 12» kai «elven Siaipétng Tou 18» fy «elval Siopérng Tou 12»
A«elven Braipérns Tou 18». "Emeidn kavévas dAlos dpifpos ékTog amo T
oToieia Tou AnB Btv Exer alth Th IBidTnTa, Opilope pE TrEpLY paet TNV
Toun TGV ouvdiwv A kai B dx £fis:

AnB = {x/«x elven Biapétns Tou 12» A «x eival SicapéTns Tou 184}
levikd:

"Av Eva avuikeipevo Eyct dvo idibtnteg, 08¢ hips 6n Exel sav idotnTe
¥ai 11 o0levER touvc. ((H oilsvin ovpPoriletar pi A kai SraPaletar «xair).

"Av 8vo cihvola meprypagoviar dvrnictoiymg dnd dbo ididtnreg, 1| to-
Bl TOUG TEPLYpaYETAL and TV oblevEn tdv idtotiiToy.

A=XX:PO0N B={x/x:90)} = AnB={x/x:p(x) A a(X)}

WnopiomoBnke amoé 1o votirouto EknmaibeuTikrg MoAmkrg
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EUxkola #mainBelope pt mapobelypaTta Tis yvwoTes 1810TNTES THS
EVWoEWs Kal TS Topds.
Té povédTipo

TH upeTadeTikn AuB=BuA AnB=BnA

THv TrpooeTaIpIoTIK Au(Bul) = (AuB)ul
An(BAlN = (AnB)AT

Tou oUBeTépou Avg = A, AnU=A

THv &mpeproTiky Au(BnlN) = (AuB)n(ALl)

An(Bul) = (AnB)U(AAT)

AckNoELg:

18. Tlowx elvar 1y &radeu€n Tdv iBoThTwy «lvar Gpriogy, «lvar ep1TTdg ;

19. Tlowx elvan ) ouleugn T&V idothTwy X > 5, x < 13;

20. Tlowo eivar 16 oUvoho {X!’X: ay elven &pTioss A «y elven mepiTTOSH |

21. N& opiofouv pé meprypagl) kai dvaypagn n Evwon kal f) Toun TGV gUVOAWY
A = {X.'Xi «y eiven BraupéTns Tou 18»}, A, = {)(f)(‘. «x elven BioupéTns Tou 54 |

22, Tlowk elvan 1) fvewan 1oV Tpiédv owwddwy A = ‘{Xf)(-' «x Elvar BioipéTng TOU
32» A ay elven BroapéTng TOU 40»}, B = {X,"'Xi wy slvar BiopéTng Tou 40»} ol T
Ix/x: «x elvan BiapéTns Tou 4U+'32!}

23, Na Ppebei to otvoro A =[x/ x€Qo» A «x+l = B}, B = [xxeQa»
A ax—3 = 7»}_

24, N& #kteAeobouv ol mpdters (AUB) N (MuB), (AUBUINNA.

5. TO LYMIIAHPOMA EYNOAOY — AIAMEPIEMOL ELYNOAON —
KAAZEIZ IZOAYNAMIAZL

§ 14. "Av Gecopriooupe TO oUvoho A = {x/¥ Bloupétng ToU 6} kai TO
ouvoho B = [y/x Bwoupétns Tou 12}, 6& mapatnpnooupe éTi AcB.

Mpdypamt B={1, 2, 3, 4, 6, 12] vai A={l, 2, 3, 6}. Té ouvoho
14, 12} f [x/x«x Bapétng Tou 12» A «y Btv elvan Siocupetng ToU 6y}
MyeTal gupmAfpwua Tou A G§ Tpds TO UTepoUvodd Tou B kai oupPoli-
fetanr AS §j A, "QoTe:

Topnkipopa £vog guvolov A, Gg npdg Eva brepodveré tov B, civar 1
60voko T@v oroiyeiwy 100 B, 1d omoia 8év dvikouy otd A.

TapatnpoUpe 6T1 0TO GUUTATIppa ToU A GunKouv T OTOIXEIG Tou
B, T& mola Stv Exouv T XGPAKTNPICTIKT i816TNTa TédV oToixeiwy ToU A.

To B elven o &, To &}, elven 70 B.

"Otav Mpe &mAds ouptmAnpwpa Tou A (oupPohika AY), évwoolue TO
QUUTTATIpWHG Tou s TTpds TO Pacikd oUvoro U (Umepolvoro Shwv Tdv
BewpoUnEVLY TUVOAWY ).

WnpiomoOnke amoé 1o votirouto EknmaiSeuTikrg MoAmkrg



To pévvio Bidypappa Tou A 1O PAéTope oTo oxfipa 8 kai 1O B4
ypapua Tou A° oTo oyfiua 9.

U

ox. 8. ox. 9.

§ 15. Oewpolipe T& oclvora B -—{a, B, v, & €}, A={B, 5, g kai
AS = {a, y}. ‘H Toun Tév A xad A§ elvan 16 kevd aUvoro, fi e dAha Adyia
T& gUvola auTta elvan Eeva peTagy Tous.

‘H Eveot) Tous elvan TO B. Aépe §T1 T& ovvoha A kal A}, drotedouy Eva
Sapeplopd ToU ouvorou B. ‘Opoics Aépe 611 Ta oUvora |, Y, {B, € kai
18} dmotedouv fva Biapeplopd Tou cuvohou B, yiaTi elval BiapopeTikd
dmd TO Kevd oUvolro, elvan Efva peTafU Tous dua Buo kal 1) éwwoT) Toug
elvar T B. MmopoUpe v& TroUpe éT1 T6 B SiapepileTon oTd oUvoda alTd.

Ta aovoho A,, Ay, Ay, ... elvar Evag Sropepiopds tol suvedov A,
dtav kavévae ano avta d&v elvan kevo, slvar Eéva petad toug dva dbo kai

1 Evoon dlov clvar 10 A,

§ 16. N& Biauepiofei 1O ouvoho:
g bl o g 8 g B B T 1y
s e A S g e T 14 20’
ot oUvoAa, Trou kaféva v& Trepiyel isovg priTous dpibuous. Mé Pdon
oxton icoTnTas TOV KAaouaTwy Biapepifope 10 K oTa oUvola.
K'l;‘lr'i—.v%}r Kz——:%,%-,li:, K:‘;{%I_l%l%:'
T& otoiyela kabevds &md & K|, K,, Ky dvtimpoowmetouy Tov 810
pNTd dpiBus. T oroiyeia ToU K, Tov pnrd L, ToU K, Tov pnTod L kal
Tou K; Tdv %, 3 Z

T ovoda K, K,, K, Aéyovtar khaesig icoduvapiog,

Fevika 1) oxton Tfs iodTnTas TV KhaopdTwy Siauepilel TO ouvoro
SAwv TV KhaopdTwy of khdoels icoSuvapias. Kébe KAJOT) TTapIoTAVEL
| dvTipoowelel Evav prTd &piBud,

"Av Eva givelo A Swapepileton of d@hha oivoia AL A A ATl
@0tz Bha ta otoigeia Tob A, va Gvrimpoconsiovy Eva avukeipevo, 6ha ta

WnpiomoBnke amoé 1o votirouto EknmaiSeuTikrg MoAmkrg
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otoleia 100 A, Eva dhio avniksipevo Kok, 10 A, Ay, AL, L L. LEyoviol
Khaogig loodvvapivc.

‘H oxéon, ué Pdon v omoia yivetan & Blopeplopos oUTos, AfyeTal
oyéon iooduvapiag kai éxel Tis iB16TNTEs THS {odTnTAS.

‘Ackfiosig:

25. N& Ppedei 1o AL\ omou A VXX puoikes Gpibuds A x > (S;.

26. "Av A == {x[exeQq» A x>3] xai B [X"‘“XG‘-M » A x<IL], va Ppedouy T
oUvoha AUB, AnB, AE‘;; kai f) Topn) TéGY oupTAnpwpdTwY TéY A Kal B s pds Qr

27. N& ixreheoBel /) mpafn (AUANA.

28. "Av A :x ¥ elven SionpéTns Tou 60:, B :x-"x elvan BraupéTns Tou 12} Kal
I XX eivanr BiaapiTns ToU 15}, v& Ppeite T& oupAnpduata Tév B kad s Tpos A,

29. Né& &mahnfeloete ub & oUvola Tiis TpoTyoUpEuns doknoews dT1 TO CUUTTAT-
pwua TTs iveoews Tév B kal [ igoutar ue v Topt) 16V oupmAnpwpdTwy Tév ouvd-
Awv auT@v (Mg Tpds TO Umepouvokd Tous A). ‘Emions 8T 1o OUPTTATpwUR THS Touf s
foouTon pi TV Evewon Tov ouuTrAnpwpdTwy, SupBolikd:

(BUMS = (BR) N (M) kal (B U (I = (BAMS.

30. Na tmwaAnOevoete pé Trapadeiypata, 611 T0 oUvoho, Trou TEPIY PAPETAL  piE
T oUleuEn Buo iSioTHTwY, Fival UTroouvodo fkeivou, oy TEpIYpageTal pé pla dn’ alTés,

31. AwauepioTs 7O ouvoro A {2.5,9, 6: Ot POVOMEAT] oUvoAa.

32. Né& Siapepiofel 10 olvoro A Jl)( ¥ Elval BiaipiTng Tou 4} at Bipedf} ouvola.

33. a) Na& xkéuete fva Biauepiond Tou ouvolou Tév TAEUP&Y fvdg TapaAAnAoypiu-
pou ABFA pé Béon 1) oxéon «ival mapahAnioss. B) Kévete fva Biapepiopd Tou ouvd-
Aov T@v Tprywvwy of Tpia Umoouvoha.

34. N& Biapepioete T0 oUvoho A [2, 5,/8.6.7: 8.9, 11, ii} ot kAGoes foobu-
vapias pe Bdon Th oxéon: of dpifpci kabe kKAGoews dgnvou 16 1810 UTtéAoiTo, dv Siai-
peflouy Biae 3,

35. Z& moes kAaoers iocbuvapias Slauepiletan 1o olvoro N pi Pdon M oyfon:
Undhorme Biaipéoews Tou a B1d 5 UTOAcITTe Bicupéosws Tou p dia 5;

36. ZxnuaTiote T& UmogUvoAa Tou ouvoiou Tdv Blaywviev Tou TmevTaydvol
ABFAE 101, GoTe o Eva Umoouvoho v durikour of Siaydvion, ol dmoies TmEPVOUY &TTé
Thy i81a kopugn. 'AmoTtehouv Slapepiopd aUTd T& TroouveAa;

6. AIATETAI'MENO XYNOAO

§17. "Ovav —katd Ty weAétn Tis dvmioToiyios— dvtioToiyiooape
076 oTolkElo a TO gToXEio B, ¥pnoigomolodpe TO cupPotiopd: (o, B).
AUTO eivan Zva Biperés ocUvoAo, oTO OTOIo TO Eva pERos TrponysiTal &mo
70 &AAo (BnAadn fxe onuacia f) TdEn TEV oToiyeiov Tou). T (o, B)
AtyeTan  Gratetaypive letyoc T dwatitaypéve (Sypekic) oOvoio. "Eraidn)
HTTOPOUME 6TO & v& GuTioTolyicoupe T @, fecopolpe kol T6 (o, a) diorre-
Torypgve Lelyos.

WngiomoBnke amoé 1o ivotirouto EknmaiSeuTikrg MoAmkrg
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[poprnpa. Na yodypere 10 abvoio {2, 3, 1, 5, 4} &ror, dare v woon-
yeital 6 purpoTenos aothpds.

Mp&eoue Tote (1, 2, 3, 4, 5). To (1, 2, 3, 4, 5) elvan va dratctaypivo
agovoko. (M& ThHy TOPAoTaoT) ToOU yprjopoToIoope  Tapevieses AvTi
yi& &ykioTpa).

“Eva govoko tiven daretoypivo, dtav petaly dvo aroygsiov tov Eyet
oprofel mord mponyeitat.

Metafu 5Uo oToryelwv Tou (1, 2, 3, 4, 5), w.x. T@V 3 kai 2, oyl
| oxton: 2<3. Zxnpotifoue TéTe 1O Levyos (2, 3). Ma 16 Levyos (4, 4)

foyver 4= 4.
Tevik& yi& SUo oToixela Tou a kai P pTropoUde va ypdyoupe a<p
A p<a.

I’ aird Adpe 611 TO BiaTeTaypévo ouvoro (1, 2, 3, 4, 5), elvar 70
ouvoro {2, 3, 1, 5, 4} tgodiaopévo pe ) Sidragn (i N oxéon Biard-
fews)<. Th Bidrabn abth THY dvopdlope Srataln kaTd péyedos.

MapaTnpoupe &1 TOI0BNTOTE BiueAds Umoouvoro Tou {2, 3, 1, 5,
4} prropet va BioeraryBel p¢ T Bidrabn <. To {2, 3): 2<3. T6 {5, 4}: 4<5
kox. T alrd f) Bidmaln < Aéyetcn dlkil Srdraly ket 10 (1, 2, 3, 4, 5,)
dlkdg dratetaypévo ovolo.

Fpa@ikds TOPIOTAVOHE Ti Sidrafn: a<P s EEfis: P, Anhadi
pé ypoppn Tou keTeuBUveTal &TTO TO a Tpds TO P

Thv mepimTwon a=a THY TapIoTaVOpE WE a ), BnAadn pt wa On-
Aeid, TroU EmioTpépEl oTO Q.

S1o oyfjua 10 Exope ypo@ikf TapACTOOT (Brérypappa) THs Siard-
Eecos oTO BiaTETAYWEVO OUVOAO (1,:2,.3, 4, 5).

oy. 10.

Mepikés opés Was Siveral
f) etkanpla vé k&voupe kal
SiackebaoTika Sraypdupa-
Ta SraTeTaypivev  ouvo-
Awv, OTMwWE OTA OXNUATA
oy. 11. 11-kai 12 yr& 16 (1,2,3,4)- oy. 12
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§ 18. T oyéon 6 o Biaipei Tov B T oupPolilope Tpoowplva pE
o /B. "Av Epodidooupe TO cUvolo {2, 3, 4, 6, 9! i T SidTan alvTh, 84
TapaTnpnooupe 0Tl pepIkd &GO TA SipeAf] UtrooUvold Tou Bev BiaTdo-
covTal.

Mpagope 2/4 (6 2 diaupel Tov 4), 22, 4 4 k.o.k, dAAG BEv pTTOpOUKE
va& ypdyoupe: 2/3 (6 2 Srapel Tov 3), 6/9.

To alvodo {2, 3, 4, 6, 9} époBicopévo pt 11 Bidraln /| Aéyetan pepi-
K¢ datetaypive oOvolo kai 1 oxéon «Bixipel TOV . . . » AéyeTan PEPLKT]
dataly.

"Av T S1dTagn: TO « mponyelTan ame TO P 7} TautileTon pe TO P,
M oupPoricoupe pi a<P koi TAV: TO P dworoubel TO a (f TauTileTon
LE TO a) pé PBzo, énaAnfevope eUkoda &mo T& Tapadelypoatd pas 6T
ol i8i1oTnTes TR)s Srardecos eivan ol EEfs:

asa GVaKAQOTIKN
a<P kal P<a = a B AvTioUppeTpIKT Kai

a<P kai Py = asy veTaPoTikn.

"AoknoeLg:

37. N& Buavagere 10 olvoho {33, 32, 31, 39, 3%, 34},
@oTE va TwponyeiTal 1 dlvapn ué TO pikpdTEPO EKBETT).

38. Kévere 16 ib1o xai 016 olvoho {37, 5, 10", 2:'}.
AT f) SidTaln tivar S1oTabn kaTa peyebos;

39. N& Biarafere 16 ovvohe {4, 8,9, 3,12, 16, 18}
101, Goe petaly BUo oToryelwv Tou va TrponysiTan
fkelvo ToU eivan TTOAAQTTAGO IO Tou &Ahou. O& elvan TéTE

TO oUvodo dAkds BlaTeTayuéve; Na yive 16 &idypap-
po i Siardgews.

40. Eiven oAikds Biaretaypéve 10 N pé Sidrafn katd péyebos; Narti;

41. ’EEnyfjoTe yioTi sivar 0Mikds Siatiiaypivo 16 gUvoho TGV pnTdv TRS Spi-
SunTikiis wé Siaraln koTd péyedos.
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KEDAAAIO 11
A". TO LYNOAO TON PHTON MNPATMATIKON APIOMON

1. TO LYNOAO ()‘: TON PHTQN THE APIOMHTIKHE (ETIANAAHYH).

§ 19. Mdbape oty A’ T&EN Y1 Tous pnTovs &piduovs, Tig TPa-
Eeis Tous kad Tig 1B16TNTES TGV Tp&§ewy.

MapakdaTe 8& EravaAaPoups HEPIKOUS YVWOTOUS KaVOVEs Y1& TOUg
pnTovus &piBuols kol y1& Tis mwpakels TOUS.

To olvoke Q) ;0;_% 122%i

TGV pnT&Y THs apiBunTikis elven 7 Bveon Tou ouvdhou N, Tév dxepaiwy
ol ToU cuvdlou Téw P drépoicov TAlkwy fuos drepadou Si& Bvos gu-
oikou. “Exope:

Q4 — N,uix/x Btv elvan dépano TrnAixo évos drep. Bi&x Evods PUGTKOU].

‘H Bvewon almédv Tédv BUo auvdAwy bivel meprypapikd 1o Qg , s EEfis:
PeN ki ; duéywyo).

ST oxfiua 14 Exope T YPOQIKT vapo’ccrrocfm TV pNTOV OoTHY THI-
eubeicc AX Kol oTO oyfipa 15 TO Bidy pappa ToU ouvdiou Q) .

A =bl= ; étav aeN

o ?

A B I s E z H 2] | K A M
Aba b 0k : . . ; i AL
o [ | 3 g 5 i85 i 2 9 -8 i
1 T % * i L3 % & ) ¢ 5 ”
5 oy. 14

§ 20. "Av Bofouv Buo pnTol o
kal B, TOTE UTrapyel TTQVTOTE & PTTOS
ot P. Anhobfy pmopouue va EkTeAE-
govpe TN TpaEn THs Tpoadécews aTO
gUvolo T@V pnT@V TS ap1funTikis
kol v Ppoupe cav &Bpolopd Tous oy. 15.
gvav pnTo. AUTO Spws Biv oupPaivel
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oTnv pan THs dpaipéoews. ‘H Biagopd a—P Umdpye, &v a=p. ‘Emoué-
ves Bév pmopoupe va éxTehégoupe TrdvToTe T TpdEn Tiis dgaipiaEcs,
A Aépe 611 1) dealpeon Btv elvon wavToTe BuvaTh 0TO GUVoAo TGV pnTEV
THs &p1dunTikds.

"Av 1) Blagopd o—P Umdpyer kai elvar & pnTds y, TOTE, dmws elval
YvwoTd, €xoupe: o—P =y <> a=P+y = a—y — p. ’Emions & y, &
elvon pnTol, Umdpyer TavTtoTe 6 pNTds y- & kad &v y#0, Umdpyer O prTos
YL (GvtioTpogos ToU y) kai Eyope &:y — 6-——;{-.

§21. To pnbév «O0» elvanr 16 obdétepo oToiyelo THs Trpocdicews:
0+a = @, gav mapdyovtas pndevita 16 ywopevo: 0-a = 0 kal Bév fecopei-
Tor woTE oav SiaipéTns. ‘H povada «1» elven 1O oUbéTepo oToiyiio ToU
ToAAaTAaoiaopou: l-a - a.

§ 22. Oi wpaeis Ths mpeeobécews kal Tou oA [ouoU Elval povdTi-
HEs. AnAadT 1O dBpoiopa kal TO ywoduevo duo prTdv elval fvas pévo pn-
105, (T 1810 cuuPaivel kad pé v &eaipean, dv elvar duvarr). e,
&pou 7 Siagopa 185 f 13 elven TéToy, doTe TO &Bpolopd TNS Wé TOV
dpanpetéc 5 va Bivel Tov peiwTéo 18, Bty pmopel va Uépyel dAAT Biago-
pa, yid Tov Adyo &1 ) mpdofeon elvan povodTipn. ‘Opoiws kai 1) Siaipeon

o:f (B#0) elven povémipn, yiati o:p ot-'; kol & TOAAQTTAQCIQTUOS
BUo pnTédv elvan pdEn povéTiun).

‘O mopakdTw Tivakas mepiéyel Tis kuploTepes 1B16TNTES THY Trpd-
Eeaov GURPOAIKE.

Oi o,B,yeQy
Tpagers i MMp&abeon | TToA [uos '
“Yrapén dbpoiop. ; .
! pEn &Bpoion 3320 | B)eO?
! Kol yivopévou (ot B)eQ; ! (oP)eQ
[ "AvTipeTa®. 816t T a+p - Pta 4 a-P=pa
| mposrap. it | (a4 B)+y—a+ (B4y)| (= B) v~ (By)
| il N inliidiell <

| 'EmupepioT. iGidTnTa | a-(P+vy) = a-pt+a-y

‘Ackfocig:

42. o) ‘Amhomoifijote Ta rAdopaTa:

24 15 , 35 12 35 42 11 9
e 2 By ] ’
T T R TR T T s e
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B) Kévete Tis mopakdTw wpages:

3 2 1 8 1315 s i i o
gy il S ATELLG SR e G b TBI O B A
o T S
ST 16 4

43, Tlows &md Tis TAPAK&ETL TROTATEIS clvan owatés, Tolés AaBepéves kal yaTi;

§° 3 3 &
ay frsmett ¢ Bperrrrme 20 40:200
1

o3+ Dt 3
b [ 3+ ) 3-(h 53t
o b (B-4) -3 (- 3)

5) (5 2-?6 --lu%) : (6% 74%.)

2. TO EYNOAO TON OETIKQN KAl APNHTIKQN PHTQN
§ 23. ©& TpogTEHOOUHE V& FmAUoOUNE TG TTapakdTw TPoPATpaTA.

. a) X wéky A g Depporoacia 10 peayuéor frar 10 pualluot aave
ano 1o pupodv. To fodov 1 Deopoxoaaia elye zateflel xavia 7 Balpois. Hoa
frar 1) Oeopoxoacie 6 foddv;

*Exope: 10 Pabu, —7 Podp. — 3 Pabu. Tavw o TO pndév.

*Apa 7 Bepuokpagia TO Ppddu oThHv TOAN A fitav 3 Pobuoi Tavw
&mo TS pndév.

B) “H Beopoxoacia 6 peayuéor oty aciy B Jrav G pulpot mdve
ane 1o uyddv, To podon 1§ Deopoxoaaia eiye zotefiel sata 8 fallpois. Hout
iy i) Deopoxoasia oty adiy B 1o feddv;

"Av dvopdooupe X PaBuous TH Bepuokpaoia TO Ppadu oTHV mwoAn B,

WnpiomoBnke amé 1o ivotirouto EknmaibeuTikrg MoAmkrg
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TéTE gUpgwva pi TO TPOPAnpa Exope va ékTeAécoupe TNV dpaipean
6 Pabuoil — 8 Pobuoi fi v EmAvoouue Thy Eficwon 6 — 8 X-

‘H doaipeon aUth 8év elvon Suvath oTd olvodo Q, Tdv pnTddV
THis dpfunTikds. ‘Emropéveos kad 1) mapatrave éfiowan &év Exel Alon oTO
cUvoho aUTo.

"Opws 1O TPOPANHe Exel Alom kai & kaBévas pTopel va dmavTroel
ém 1) Bepuokpacia To Ppddu oty TOAN B ATav 2 Pabuol xaTew &md T
Hndév,

"Exone Aormév: 6 Pobpoi — 8 Pabuol — 2 Pabfiuol kaTw &md TO UnSév.

6 -8 X

Mé& v& fkppdooups TN Sia@opd oUTH, TPETEL VA BNUIOUPYTICOVLE
véous dpiBuovs, of omoiol va Bivouv Aot ot TpoPAfuaTa dws TO Tapa-
Tavw.

Ity mepiTTwon aUTH O véos Gpifpos x, O omoilos Ba dvTiTrpoo-
mevEl THY EkppaoTn «BUo Pabuol kaTw &mo TO pnbévy, wpémel va dprodei
pt TéTolov TpdTo, coTe TO Glpolopa aUTou pE Tov 8 va looUTal wE 6, y1d
va BiarnpeiTon ) yvwoTn pos igobuvopia: 6 -8 = ¥ < 6= 84%

JAMAG TOTE EYOuE:

6 8+x = 6 (6+2)+x <> 6= 6+(2+%).
~—

p
8 0

Emeibn 6 — 640, mpémer 6 2 kal & v Eyouv &Bpolopa pndév. An-
Aadf) 24y - 0. "O véos dpibuds ¥ oupPorileton pg —2 kai SoPdleTal
apvinikog Suo N mhgv ovo.

"Qote 1) Bepuokpacia «Blo Pabpoi kdTw dME TO pPndévy TapioTAaVE-
Tou &mo Tov &pifud —2 Paduoi.

‘O dpvnTikos &pibBpos 2 (—2) Aéyetan aviiferog ToU 2 kai eibape
811 2+4(=2) - 0. ‘Opoiws éExope (—2)+2— 0, yioti, dtav 1O Oepuod-
ueTpo Beiyvel —2 Pabuous (2 Pabpol kaTw &d T6 pndév) kal GvePel katd
2 Boduous, B Beiyver 1 Gepuokpocic O Babp.

Zuveréds TO &fpoiopa Buo dvrtiBetwv &piBuddv elvan pndév. ‘H EEi-
owon 2+y - 0, yi& Ty oToia Exoue Topa TH Aon —2, tkepddel kai TO
i6fis TpoPAnua:

MMo1ov &p1Bud mpémel va pooBéooupe o1o 2, yid va Exoupe &Bpoioua
pndtv;

‘Avddoya mpoPAtiuaTa éxgpdlouv kai ol TapaxdTw tfiowoEs:

4 =0 A y+1=0, 3 +9=0 Ao+ -0

3+z=0 A 243=0, 3+7=0 A1+——0

wt+d4=0 f| 4+w=0
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0 &vutifetor TGv 1, 3, 4, 1? Kai %TTC([)I.UTC'WOVTC(I &uTioTolYws pE
~1,-3, 4, — xei _% kod Exope: 14+ (=1) = 0, 3+(-3)-0,

= e L2 (= 2y=0.

(—4)+4 O,2+( 2) 0 KO.’I4+( 4) 0

Oi épbpoi —1, ~2, =3, —4, iz % KT, Bév Gufjkouy oTd oUvoAo
Q! v pnTéy Tis &p@unTixiis. [ alTd OpiGoue TO oUvoho TV dpvn-
TIKGY pT&Y, TO Smoio ExEl oToIxEld ToUs Gpifpols —1, —2, =3, —i5h
_ % , kol yevikéds TOV &pifud —a Smou aeQy -

To olvoro alTd 16 gupPorilope pé TO Q7 Kal EyEl TQ OTOIXEA Tou
ouvdhou QF, UTpooT& &md Ta dtola Exoue Bégel TO Tpdomue TARY (—).
Anradi) T& dvtifeTa TéV oToixEiwy Tou Q.

SroryeiceTou @ ¢ s 5

ZroyeioTouQ -1, ..., — SRRl 2%,...,-

v § 24. Mapatnpoupe 01O Bep-
& M uopeTpo (oy. 16) émi To dkpo TS
UBpapyupIKTls OTHATS TEPYS PTTPO-
oTd &Trd Tous véous &pifuous —1,
12 12 42 -2, =3, kA, éTav 1| Beppokpa-
oic apylifovTas amo TO undev

alk 1 ={# ; i = g :

thaTtTwveTal. (AUTO  BikauoAoyel
2° i S y1& motd Adyo BioAéfaus TO TPO-
Zi - -1 gnuo TARY «—», y1& V& TapaoTn-

ocoupe Tous véous aptBpous).
Mé& vé mepdoel Suws TO dkpo
THs UBpapyupikils OTNANG WTTPO-
oTd &mo Tous &pifuods, Tou elvan
v &md TO undév, Tpéme 1) Hep-
uokpaagia, apyilovTas &To TO p1n-
Stv, v& au&ver, I alTov 1O Aoyo
Y& THY TapdoTaoT) TEV Yvwo Ty
. 167 pas apifpéy Tou Q° f& yxpnoiuo-
TOINooUNE TO TIPOCTIHO GUV &+ ».
ZUpgwva pi altd tkgpdlope T AU TOU TPGTOU TROPANMATOS S £ETs:

«'H Bepuoxpacia 16 Pp&du B elvan +3 Pabpoix.

210 guvoho Q* dvrkouv Twpa oi &pifpol +1, +-}?—, +2 kA.av., TOUS

&moious dvopdlope BeTikous prToUs kKai TE oUvoho QF ouvoro TéV BeTi-
KGOV PTGV,
“Exope Twpa:

WnoiomoBnke amé 1o ivotirouto EknmaibeuTikrg MoAmkrg



E-ronxsic'roijcuvé?\ouo‘:f-],.,.,+]?. +2,. .+%, w3
; i t 1
Zroxgio Tou ouvoAou Q : - 1, ..., -]; 5 T

Ta oToigeia Tou ouvdhou TGOV ApynTIKGOY pNTEY &To TOV Sploud
Teus QumioTolyouv Eva Tpds Eva 0T oTolxEia Tou ouvdiou Q.

Ta& otoigeia ToU Q Abyovrtan dvtifetar () ouppeTpikd) Tdv duTi-
GTOIXWV oTolXEiwy Tou Q* &mews €mions kai T& oTolyeia Tou QF Aéyov-
Ton QuTiBeTtar TRV O:VTiO’TOlX(OV aTolyeiov Tou Q.

TI X. ‘O &vTiBetos ToU 4 2 glvon & - %
o 4 33— AlToil Exouv o:Bpmoucx undev

5 9 i 5 5
(+ D)= () ()0
‘O unBev Bév dunkel 010 QF olTe 01O Q™ kal guvetdds Btv £yl Tpo-
onuo. (Aev ypdgope +0 7y —0)

xai & duTiBeTos ToU — iswm

‘AvTiBeTos Speos Tou undevos eivan & pndeév, &16m 0+0 — 0.

§ 25 "Av ouvowpicoupe TA TPATTAV, EXOuE:

1) To yvwotd pas ouvoro Q' (Tdv pnTdv Ths dpiBunTikds EkToS
&no 1O pndiv) TO dvopdoape ocUvoAo TV BeTikGY pnTéV kal pTpogTd
&TO T& oToIyEia TOU BEoapE TO.TIPOOTHO OUV «+ »

Eivea:
Zovoro BeTik@v pnTdv = QF = ... ,+%, v vy s v T2y i wve Yo
Enpeiwon: Zt1d mopeva & ferikds pnTods 0% ypdpeTal wé TO TpGonud Tou T Xwpis
ouTo (Y. E:Bs'nxég% 6& ypageTan le- fig . To wpdonuo oUv 8& 10 BéToupe oTov
BeTikd 1B, &v BEAoupe vi Bwadoupe peyodUTept fupaan oThY EkppaaT «BeTIKGSH.

“Qote: Oerikog pnrog Aéyetar wabs pnrig tiig apbpnrikiic £ktog anod
0 pndév. MmpooTtd &’ alTdv OfTops TO TPSOMUO oUV «+» 1) Kavéva
TPOOTHO.

2) "Opioape éva véo ouvoho, TO &Toio dloudoape cUvoAo 16V &pyn-
TIKGY pnTdY, AMO TA oToiEla ToU gUVOAOU TGV pNT@V TS &p1funTi-
Kkfjs, oT& omoia éBéoape prpooTd TO TPLGONUO TANY «—».

“Qote: "Apvnuikog pntoc héyetar kale avriberog Betikod pnrob. Zuufo-

Akd: kale pnrog tiic aplipnuikiis (Ex10g Gro to pndiv) o onolog ¥ye 16
TPOCHPO ATV «—»
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Eiver: SUvoho &pyrTik@y pntédv — Q7= e . ,_%. el sy et
3) Metafy T@V oToyEiwv 16y ouvdheov QF kal Q7 UTIAPXEL GHEL-
povooTipavTtn dvTioToria. Ta &utioTolya oTOIYEIX Elval auTd TroU £yl

vav &mo TO 1Bio oToIyElD 10U cuvdhou TGV pNTGV TS &p1BuNTIKTS Kad
AéyovTal quTifeTa oTOLYEID.

“Oore: Kabe Ostiog pyrog Exen Evay kai povo Evav apvnuikod (S
avtifeto tou. Kai wale apviuikog Exet Evay kai povo Evav Oetikd og
avrileto Tou.

TAGKNOELG:

45, ATTQUTHOTE 0T TOPAKETL EPWTHHATA:

a) 'Aviikel & undev gto ouvore QF fi 010 Q7

B) Motol eivan ol &vTifeTol TV 1 + —f:;, — 20, + %Z), ——%,Jr 16, 15,—32-.
46. Totoi eivan ol &pynTikot pnTol X, W, %, @, 9, y1& Tols omolous EXOuE:
1 1 1
TIMERETR WO BT W S

47. Tlowot elvar ol Bemikoi pnrol X, A, 1, v, y1& ToUs omroious EXOME:

8 2 35 :
— 0, A+ (-5 ) =0, u+ (100 0, +v=20;

48. Tlowv kavova Eépete y1& ToUs dvTiBeTous pnToUs;

3. TO EYNOAO Q
TON PHTON NPATMATIKON APIOMON - EOAPMOI'EE

i %—J‘T_;__ 3 % =
oo G i N7
3 2 = '1 Q ‘i *t 2 3 4
N \ [y / 7 < 3
\ N Ny A

ox. 17a xkad 17p.
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§26. To oxijpa 17a moapiotdver Thy Aueudeia AX, oty émola
#youv TomrofeTnfel WE TOV YvwaTod TpdTo of pnTol Tfis dpibunTixds.

ZTo oyfjua 17p yivetan tméxTaon Ths Hueudeios AX kaTd ThV dvTi
keipevy Tns AX kad oxnuotigetar ) eVfeia XTAX. Oi pnToi Tfis &piBun-
TikAs (8kTOs &mo TO undév), of omoiol eivan TomeleTnuévor oThy AX,
AéyovTal Tdpa BeTikol priToi.

Sty fuieubeic AX pmopouv va TomofetnBolv (0TS oyfjua Exouv
TomoBeTnei) of duTifeTor T&V pnTdY THS dpiBunTikfs, ol dpvnTikol,
uE TéTOlOV TPOTO, oTe kafe GpvnTikos va TomoleTelTal o Eva onueio
&pioTepd ToU A, TO OTolo va dméxel Ao TO A Soo dméxel k. TO ony-
ueio, oTd Omolo £xet TomobeTndel 0 dvTiBeTds Tou BeTikds.

“QoTe ol dvTiBetor dpibuot Tomobetouvtal oty X'AX OUPHETPIKG
Qg TPoOs TO onuEio A.

MTropolUpe &mo alTod va maparnpiiooupe &1 kabe BeTikog elvan Befik
ToU pndevos kai kdbe dpvnTikds elven dpioTepd ToU pndevis.

i -3 5’ -2 % -1 i‘ 0 +f 4 +g +2 e';- +3 "
3 7 ¢ v >
Q {0} Q'
1 1
s Tl gt F Py e iy, 0, ]
L5 = A5 — e SR .y,
Q
ox. 17y

2710 oyfjua 17y éxoue Tomobethoa of wd eveia: a) T oUvolo TV
GpUNTIKGY pnT&Y, B) TO cUvoho TO STroio EXEl OTOIXEIO PoOVO TO undiév
Kal y) 1o oUvoro T&V BeTik®v pnTév.

‘H Eveon Tév Tp1édv aUTdv ouvodwy Bivel fva véo oluvoho Q
(Q=0Q ui0}uQt), To ool AéyeTan Ghvoro TdY PpNIDY TPOYRATIKGY
apipdy.

Inpeioon o ‘O Tpémos pe TOV Omolo TapaoTHoape TOUS pnTous oTiv edfeia
X'AX onpaiver 611 kabe pnTos Exer Torofetndel o Eva pove onpeio Tis elbeias, ywpis
aUTo va onuaivel 611 ot kaBe onueio Tns éxel TorobeTnlel Evas pnToS TPaYpaTIKOS &pi-
Buos.

Enpeioon f: Zva emépeva Ba Atpe «pnrogy wai Ba Evvoolpe  «mpaypatixds -
T0g».

Inpeiwon y: Z moAaidtepa PiPAic ol wpaypatikel pnrol AéyovTtav oxeTikol
(pnToi) apifuoi.
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