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KEGDAAAION 1
IEPI ZYNOAQN

1. H ENNOIA TOY ZYNOAOY
("Eravaliyeic kai ovprknpdoeic)

§ 1. Pépare elg 1oy vodv gag 14 nodowna Ti olxoyevelas oag, xai Oew-

’

orjioaté ta d¢ & Shov (piay dpdda, piay oviloydy mpeodmew). Ti maparnpsite;

Mapartnpotpev 611 pé dvTikefpeva Té dmola yvwpilopey koAdds (Ta TTpo-
owma Tijs oikoyeveias pas) kol petaly Tév dmolwv Biv k&uvopev aUyyuoiy,
toxnuaTioapey Si1& Tiis okéyedds pas v véov &VTIKEINEVOV.

To &vTikeipevov aUTo dvopdlopsy abvorov. TO ogUvolov TAOV TPOTWTTWY
Tfis oikoyeveias pas. Auvvdueba vi Becoprowpev dvtikelpeva o, B, y, & kahds
opiopéva (Ta omola yvwpilopey kahéis) kai Sioxexpipéva (& dmroial &t ouy-
X€opev) cs €v dvTikeipevov. To oUvorov Tév «, P, v, B.

Zdvorov elvar To dvtineipevoy 1o dmolov aynpatilopev (5ia thHg oué-
Yewsg i thg pavraciag pag) éav Bewplowpev xaddg wplopéva  xai
Btaxcxptpéva avtixeipeva, bhg &v dvtixeipevov.

Ta avrikelpeva alta Adyovtal, ateiyeia Tod auvéiov, kai oupPorilovTo
BE ypdpuata meld ToU EAANVIKoU dApaPrTou: a, B, y, §, ... To olUvolov
TGV dvTikelpeveowa, B, y, 8, ouuPoliletan Si1& epaAaiou ypduuartos: A
B fi: :

Aéyopev &T1, T otoly€ela évdg auvdrou A dvixouv eig adts , kai ouupo-
Mopev e A, Be A Kok i 6T éx 700 ouvérou A AapBdvovial T& oToL-
Xela tou. ZupBoAikéds A3 af) Aa P (¢ Tol A AapPdveTan 6 o kAr.). "Edv
TO &vTikeipevov a BEv dvnkel gls TO oUvolov A, yphgopev agA.

§2.Z0vohov kabBopiletan 81 BnAddoews Ty oToyelwy Tou kal dvaypa-
‘Pﬂﬁ aUTéy peTafy Buo &ykioTpwy: . x. TO oUvohov TGV a, P, ¥, 8, ypageTa
{o, B, v, &}. AlTov TOV TpdTOV TrapacTaoEws Afyopev kablopiouov ToU ouve-
Aou &I &uaypagfis T@v oToixeiwy Tou.’

Mapdderypa. N& 6p1obf] 16 alvorov 1dv guoikdv dpibudv 5, 6, 7, 8, 9.

To aUvorov alTd dpileTan s eEfs: {5, 6, 7, 8, 9}.

Avvépeda Spws va dpiowuev 1O oUvolov alTo Gs TO cUvohov TEHV Qu-
oév apifipdv, of dmoiol elven peyahirepor Tol 4 kai pikpoTepor ToU 10 kai
V& yphywusy {x/x uotkos apiduos kai 4<x<10}. Tov Tpormov alTov  Aé-
youev kabopiopov ToU ouveAcy Bix Trepry pagis.

uvohov kabopifeTan Bid meprypagfis, Eav Teplypdywpey piav XopakT)-
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ploTikhy 1BidTnTa 1Y oToiyelwv Tou. Anded? piav iSidTnTa, THY Smolav
Exouv SAa T& oTorgela Tou kad pdvov aUTd.

Miav iS16TnTec oupPoAiZopev B1& To p( ) A Tol q( ). TT.y. q( ) onuadver:
«uoikds dpiBuds peyaAuTepos ToU 10», A toUs 11,13, 17 of otroion éxouv
auThy THY iBidTnTa ypdeopsy 11 :q(11)*, 13:q(13), 17:q(17). A& ToUs 6,
3, 2, ol éwoiot Btv Exouv TV iS16TTA adThY Yp&ouev 8x1 6:q(6), &xt 3:q(3),
Syt 2:q(2). Av &v &vTikeipevov Y, TO dmolov Exel TV 810N T q( ), yp&eouev
X:q(x)- AnAadn 16 x Exer THY B16TnTa q( ). A v dvTikeipevoy W, TO OTroiov
Bev Exer TRV IB1oTTR ATV ypdgopev X1 wiq(y) kol SiaPdlopev: TO y Sty
Exer v iBietyTa q( ).

§3. "Ovopdoare A ©d givolov {3,4,5,6} xai B 16 {y/y puoxde peyalirepog
to0 2 xal wepotepos tov 7} Pi maparnpeite ;

TMapaTnpoluey 6Tt kdBe oToixeiov ToU A durikel eis T B xai kdfe ool
xefov ol B dvrkel el T A. Aéyopev Tpa 6Tt Td oUvora A kol B elvan foa
ko oupPohifopev A=B fj 611 wpdkertan mepl ToU aUTol ouvdhou: A=B. T&
a¥Ta TopaTnpoluey kai els T& olvora A kol [ = {5, 3, 6, 4}. ‘Emopéves )]
vaklg () cepd) wé thv émolay Gvaypdeovral Td oroiyela EvdC GuLVE-
Aov, ovbepiav onpaciav €xet S1& tov xaboplopwdv adrod.

AbYo obvoda elvar ioa, dtav xdbe otoryeiov ToOD €vog ¢éE adTdV
Gvixel elg To &AXo xal dvTioTpopwe. EUkdAws SiamioTolpey &k TRV dveo-
Tépw TapaderypdTwy, 6Ti: A=A, A—=B=>B=—A kai A=B kai B=I=—>A=T.

‘H iodtns Tév ouvdrwy elvar dvakiaoTikn, OUMHETPIKN Kad peTaPaTikn.

§ 4. 'Edv mpooéfwuey pévov ThHv iB1dTHTa @ kdOe oTolxeiov ToU A
Gunkel eis 10 B, 6& Aywuev 871 10 A elven Hmocvvorov tod B 7 671 EyxAeieTan
(R mepiéxeTon) els 16 B xai 8& ypdpwpev: ASB. (els 16 dvewrépw Topddery pe,
§ 3, elvan xai B&A). ‘Emopéves ACB kol BSA —» A—B.

Thv oxéorv ASB Suvdueba v ypdywuey BoA. ToTe 0& Aéycopev @ To
B elvai Omepodvorov tol A,

Eis t& oUvoha A kal A={x|x @uolkds &piBuds HEYoAUTEPOS TOU 2} Trac-
paTnpolpev 6Tt ACA &AN 6Tt ACA (51611 T otoxeia 7, 8, 9... ToU A
Séu-c’:wr')Kou'u els 70 A). Eis v mepimrwoiv avthv Afyopev 6T Td A elvar
yviolov Omoovvorov tol A kal ovuPoAifopsy : ACA. To A AéyeTal

- YvMotov Omepativorov Tol A° guuPorikéis A DA.

"Edv opiowuev S1& treprypagiis 6 oUvolov IXIX Puoikds peyadUTepos Tou
2 xad pikpdTEPOS TOU 3}, B TapaTnpiowLEy 6Tt oUBEy oTolxelov Eyel. Kabo-
piCeTan Aoimov oUvodov, T& Smolov oTepeiTan oToreiwv. To oUvolov alTd

* To oUppodrov 11: q(11) &waPéleran : 11 Exet Ty BidTnTa...
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Abyetan mevov obvorov kai oupPolrileran & Tol @. To & elven Umooy-
vodov k&b: cuvdrou. @ CA Bix kabe auvorov A.

Aeydpeda 671, SAa TG dvTikeldeva T& Omola SUvavTtar va slven oTelyEla
TRV Becopoupiveor ouvohwy dvnkouv s Ev ouvorov U. To U Aéyetan Baot-
xov (7 yevixov) cbvorov 1] odvodov dvaopig TGV Bewpouptvv ouvodwy.
K&Be otvorov A elven UmroaUvorov ToU U, ASU 8i1& kdbe oUvorov A.

‘H oyiois Tol éyrhewspod S Exe Tas Efjs iBidTnTAS:

AC A dvoxhaoTiknv (81671 k&be oToryelov guvdrou &vrker el TO alvoAov)

AcCB kai BESA > A=B dvnioupperpiknv (§ 4).

AcB xai B&l=> AcST petaPatikny (816 éav kd&le oToryelov ToU A
dvijker els 1O B kai k&Be oToixeiov ToU B dviker els 10 [, ToTe kdBe oToI)EOV
Tl A dviika els 1O IM). 'Eoinfelooté To s T& dvwoTépw mapadelypaTa.

A v kédpeopev odaBnthv THY Evvolay TolU guvdhou A TV oToIXEIWY
a B, Yo, TOpIOTOREY TaUTa Bl onueiov kal T olvodov {a, P, Y,...} 81&
KAEIOTTis ypapufis T dmola mepIpdARa T& onueia adTd, Zxnu. (1)

To Ymoouvorev B={a, B, ¥} 100 A, wapioTduey eis TO EowTepikdy TOU
A. Zynu. (2). To paoikdv olvorov U maplotddpev cs &v dpfoywviov s 16
tooTepikdy ToU dmolov TapioTavren dAha T& BewpoUpeva ouvoda. Zxnu. (3).

; «-*—\ ox. IU'E
A i ¥ epr NS /

Al TapaoTdoss aUTtal AfyovTtar Bévvia BioypappaTa wpds TipRy Tol "Ay-
YAou gihocdgou xai pabnpotiket J. Venn, (1834 -1923), & omolos Tas £xpn-
glpoTIolnoE TPETOS.

'Aoxfoerg

1. N& eUpnTe & UmooUvoha TGy guvohwy {aj, {1, 2}, {a; B, 1435 12,6,7 7).

2. N& elpnte & UmooUvoda Tol ouvohou {x | X dxéparos peyahiepos Tol _;_ kal

WikpbTepos  TOU 13_0}
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3. N& dpionre &6t &vaypapiis Td oUvoov {X/X Bixydvios ol mevTaydvou ABTAE}.

4. N& éplonte &' Qvaypapiis TO alvodoy {X/x UméAorroy Tis Slapicews K: 5, Srrou
K dxépatos) kal S TERYY pagiis To (AT, BA}.

5. ZuyxpivaTe T& ocUvora A = {0, 1,2} kad B = {X/X Umdhomov Bipéoecas PUOIKOT
&pifpol &i&x Tod 3).

6. Zuyxpivate T& oUvora A — {X/x mapaAAnAdypaupov), B — {X/X opioycoviov} xal
I = {x/x TeTpdywvov} kai KOMETE T Biaypdupartd Ty,

2. H .ENNOIA THE ANTIETOIXIAE

Movoofipavrog xai ap@LLovospaviog avtiotoryia.
loodivepa aivola.

§ 5. Eig plav avdloyiy (& advolov) A, ypauparosiuwy dvijrovy  7d
voeupardonua a,B,y,8,e. Ta a, y xai § Tepdvrar 1 doayuiv. Ta B xal & 2 doy.

Ta a xal & éeddlnaay 16 1932, 14 B,y xaie 6 1936. Oewmpijoare T odroda
d={a, B, y, 8, &} xal B={1, 2, 1932, 1936}, Zxegbijte vdpa & orotyeioy Tod
A xai dlnda elc adré & aroyeiov toi B. Ti maparypeire ;

Moparnpobuey 611 els 16 a Tropaditopsy Tov 1 i 16 1932 (v mipny §
TV Xpovodoyiav ékSdoeaws), oupPoiikéds (o, 1) § (a, 1932). Eis 1 B mopab-
Touev f) dvTioToixolpey Tov 2 § 6 1936, 2uppohikéss: (B, 2) f (B, 1936)
KA. ¥

Aéyopev Tdpa 8Tt peTafl T&Y oUuvdAwy A kai B Umrapyer pla dvtioTol-
Xia (emeibn els otoixela ToU A mapebioapey T dvtioToiyloopey aTolyETa
100 B).

"AvticTouyia petaEd Svo ouvéAwv, elvar ¥ dvtiotoiytoig (9 mopa-
Beatg) elg aroixeio Tob mpdTov GuVEAoU atotyeiwv Tol Seurépou‘.

Thv dvriotoiyiav petafy Tév ouvdhewv A kol B Buvapeba vd TopaoTH-
gwpeY @ piav kivnaty i dvaxdpnotv & oToIxelwv ToU A kal &pi&iv els oToI-
Xela 100 B. ToUto yiveron pé v Ponfeiav Tév Pevviwv Sioypapudtwy kal
YPOUUGDY kaTeuBUvoews els TO oxfjna 4.

WnopiomoBnke amé To Wotirouto EknmaiSeuTikrg MoAmkrg
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Ala oo 10 A AéyeTon advolov depetnpiag kol T0 B odvolov degifewe.

To oyfjua 4 ovopdlopev Sidypaupa (fy ypéonua) Tijs &vriotoigios (eis
YPOUUATOTNUHOY &VTIOTOIXEN 1| Tiuf Tou xai ) Ypovohoyia ékbdoews avTod).

Enpelwois. Al mapaotéoes (o, 1), (a, 1932), (B, 2) KA., Tés dmoias typnopomotfoa-
bev Bk v oupPolicwpey THY dvTioToix1o1y, Aéyovtan Swatetaypéva Lebyn. Auvdueby v
TmapagTigwpey (| éplowpey) plav dvmoToryiav ds ouvorov Siatetaypivay fevydv.

§ 6. 'Eqv petafl Tol ouvdrou A TV ypappaToonuwy kai Tol ouvdhou
TV mipdv M={1, 2} upeAernowpev 'Tf';v avmioTorylav: €ls ypappatéonuov
dvmioToiyel 1) T Tou, B& TapaTnpicwuey Tt els xdBe oTorKEIOV Tol TUVGACY
A &vmioToiyel &v wévev oToryeiov Tol auvdiou I *H dviotoryia adh Aéyetai
moveoipavtog dvtiotoryio. Ta mpdTa wéAn Tédv Siatetaypéveov Zeuydv (q,l),
(y, 1), (8, 1), (B, 2), (g 2) elvan Tdpa Brépopa peTafy Twv.

Movoonpavtov dvtiotoiyiav perabd §bo ocuvérwv Exopev, btav elg
wabe ororyelov Tob mPWTOL oUVGAoL dvTiaTolf &v pévov oToiyeiov
Tolh deutépou.

To Bikypapua Tiis povoonudvtou &umioToryias petafl TGV ouvdAwy A
kai [T #yopev els 1O oxfjpa 5.

Napatipnoig. To cUvorov T&v
SlaTeTaypéveov feuyddy, TO OTroioy TP
PIOTE picy povooT|HAVTOV &VTIoTOY oy
AéyeTon — dos B& pdBeopev &pydtepov —-
auvdptnotg. 1o A xal ' 8 Aywvran
TOTe mebilov Oplopod kal mebiov Ti-
p@v Tfis ouvaptroews (&uTioTolyws).

Inpelworg. Els dvotéipav  Tafiv 04 oX. 5.
u&Boopey, 871 pia povoonpavTos  AvTioTolyia
HeTafy Téov ouvbhwy A kal B Aéyetan kol dmewnévioig Tob A elg 1o B. To A els Tiv me-
pimtwoty albTiy 8& ovopdletar oUvodov &pxeTUmwy kai 6 B oUvorov eikdvcov.

§ 7. M:ztafl 1ol ouvdhou dpibpddv A={1, 2, 3, 4, 5} kai ToU ouvdiou TéV
BimAaoicwv Twy B={2, 4, 6, 8, 10;, Umdpxel pia povoofipavtos dvmoToryia.
H: els kddz dpiBudv ToU A, &vmioTorgel & SimAdaios Tou els 1o B. *AME kad
HeTaEY TGV ouvdAwy B xad A Umdpyet pla povoorjpavtos dutioToiyia. *H dvi-
OTpogos Tiis mponyouptvns : els k&be oToryeiov (&piBudv) Tol B dvmoToiye
T ;— auTol els O A. ‘H dvmioToryia adth) Abyetal dpeprpovosipavtog Gv-
TioToyla.

"Augipovostiuavtov dvmiotongiav petall SUo cuvdhwv (R &mekdvioty
Eva pds Eva) Exopev GTav el wdbe artolyeiov Tol wpwtou cuvdiou dvti-

WnepiomoBnke andé 1o lvetirouto EkmaideuTikrig MoMTikrg
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atolyel &v pdvov atouyeiov Tol Seutépou xai elg xdbe oroiyeiov Tob Sev-
wépou ouvdrou &v piévsy GToLyeloy Tob mpdTou {éxeivo Tol dmolov adTH
fto dvtigtotyov) # 8rav wetaEd Ttob mpwrTou xal Tob Beutépou Vmapyy
pla povoorpavrog dvriotoiyia xal petakd Tob Seutépou xai Tod mpdrTov
bmdpyy W) dvriorpopog adrig.

To Bidypappa  Tfs  GUPIHOVOTT|HAVTOU
dvniotoryias petal TGOV ouvdhwv A kai
B Exopev els 1O oxfjua 6. ToUto Buvdueha
V& TapaoTHoWHEY Kal dg EETs :

L2063 4 45
2 4 6 810

MapaTnpolpevy o1t Suvdpeda  k&Twdev
ékaoTou  OoTolkelou ToU Tpw@ToU guvdAou,
v& ypaywpev Ev oToiyeiov ToU BeuTépou,
ywpls v ravahéPopey i va apaheipwpey
Kavév.

§8. T& oUvoha A kai B petay Tédv dmoiwv elvan Suvarn pla dugipovo-
onuavTos &vTioTolyia Aéyovtan igoduvapa odvora. ToTe Spws, ws eifouey,
Buvdpeda k&Twlev ExdoTou oToiyeiou Tol A V& ypdywiiev Ev oToikElov Tol
B, ycopis va tmaverdBwiisy kal ywpls va Trapodeipwpey kavév, AnAadh) T
gUvoha A xal B éxouv TO aftd TAfBos aToixeiwv. Aix ToUTo Aéyopev STi T
iooBUvaua ouvoha Exouv TOV auTov wANBwov dplBudv.

ZupPohilouey Ty oyéoly «td A elvon igoBlvapov Tol By Bia ToU A~B.

Tov &piBudy, & omoios tkepddet TO TAfBos T&Y oToiyxeicov Tol ouvolou
A oupPorilopev Bix v(A). "Qote A~B<=-v(A)=v(B). Tolro GiamoToluey
kad B’ &mwapiBunosws TéY atorxeiwy TGV A kai B.

Meta€l ouvédou A kai Tol Eautol Tou elval SuvaTdv va Expev piav du-
piuovoofiuavtov &vTioTtorylay Thv 1 2 3 4 5

1 2 3 4 5

00 W
—
oW

"Edv petaly Tév A kol B elven Buvarn 1) &ppit. dvtigToryia
L

; 4 . 4 1
TéTE elvan Buvatt) kai N 2.4.6 8 1

Sled e A

o PO
oy W

1
2
5 petatu 1OV B kal A.

Oewpolpey Tpa Kal 16 oUvohov I TéY TpimAaciov 16V oToixelwy Tol
ouwdrov A: T={3, 6,9, 12, 15}. TlapaTnpoluev &1t petafl 1évAkai B, Axal [
Exopev TS dpin. dvriotoiias: 1 2 3 4 5

2 Anan 80
3 6 912 15. Tote duws Exopev kol THv

WnopiomoBnke ammé 1o votirouto EknmaiSeuTikrg MoAmkrg
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2 6 8 4
3 6 912 15
Exk TGV QvwTépw gupTrEpai vopE, 6T 1 tooBuvauia TGV ouvohwy ExEl
Tas yvwoTds 1816TNTOS Tis iodTnTOS.
A~A A~B->B~A  «kai A~B kol B~T=>A~T

&VAKAQTTIKN Y, OUUPETPIKN Y, Kol pETOPATIKN V.

peTafy T&OV B kad T

Tas aUTtds Eropéves 1810TNTaS Eyer kal 1) i00TTS 16V TANBIKGY dprbpddv.
3. IIETNIEPAZMENA ZYNOAA — ATIEIPOZYNOAA

§9. *Edv fewpriowpev 16 ouvorov A={a, B, v, &, e}, 0& TapaTnpriowuEy,
811 16 TATf0s TV oToixelwy Tou ikgpaleTon Yo Tol QuOIKOU &p1Buct 5. Zu-
verréas  v(A)eN.

T& ovvola Tév bolwy of TAnBikoi &pifpol elval guoikol dpiBpoil, Aéyov-
Tl TemepuoLéva cUVORd.

Adfete tdoa & yvijooy Sroadvodov Tob A xai éievdaare v perakd adrod
xal Toi A dovdueba va Eywpev plav dugiuovoorpavtoy dviotolyiay. Tt mapaty-
pelte

Aaupdvopey 1O B={a, v, 8} kal moparnpotuey, &t ToUTo BEv elvon Bu-
e By Ble L oa Py B E
o Yy & L p &

To autd 0% mapaTnpliomuey av AdPopey dToiodnmoTe yviiolov yTro-
oUvorov ToU A. Aéyousy Aoimov émi memepacpévov elval & odvolev, gray

totito Sdv Exy yvholov bmoolhvolov isoblvapov mpdg adTo .

$10. "As AdPwpev Tdpa TO oUvolov N Tév uokédy Spibuddv: N={l,
2,3, 4,5,..} kai 16 oUvorov Ny TGV dpTicov : Ng = {2, 4, 6, 8, 10,...}.

Maparnpolpey 811 1O N, efvan yvrjotov UmrogUvorov Tol N, N,CN kol 611
kéTeoBev tkédaTou oToieiou Tol N Buvéueda va ypdywuey Ev oToIxEOV Tol
N, ywpis va gavahdPoopey 1) va Trapaleipeouey KQUVEV,

1 2 3.4 5 ® T 8um.. 10005,
b SR VU o R 2 B i ey 2000

To oUvorov N T&dV quowkédy dpidudy Exs v yvioiov UrroovUvohov ico-
SUvapoy Trpds aUTo. OUBels QUOTIKOS &piBpos - doovBrmoTe peydhos — dUvaTon

v Exppdon To Afiflos TGV aTorxElwy Tou. To N elvan §v &meipocUvorov .To
N, elvan émions &v &meipoouvohov. “Qote dmelpoovorov elvar &v obvolov,
drav &y €v ywiolov Vmocldvedov {oobvapov mpog adTé. “Ev oUvohov
iooduvauoy Tpds dTeipooUvoAoY, Elval ¢mions &meipooUvodov. To UmepaUvo-
Aov Evos dmreipoouvéiou elval &meipoouvolov. TLx. 16 oUvohov Q THV pN-
v, To oUvohov A Tév onueiwy Evdg evBuypdupoy Tunuatos AB elvan drel-
poouvohov.

§11. Ta &vwTépw ouvoAa Biv Buvaueda vé dplowuey TAnpos 811 dva-

vaTov :

WnpiomonBnke amoé 1o ivotirouto EknmaiSeuTikrg MoAmkrg
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YPagiis. Awk Tolto péxpr ToUSe éxpnoinomorfioauey &eAels dvorypoapds : N=

={l, 2, 3, 4.}, Q = { —3177, %-, SRR PN 2} Avuvépeba dpews v opl-

owuey alTa Bk Teprypagis. Andadn édv SnAdawpev piav {8i16TnTa, THY
dmolav Eav ptv Eyn év &vTikelpevoy, &vrikel s TO aUvohov, &y B¢ Sty Exm, Btv
&vriket els adTo.

N={x/x elva TANOIKOS &pi1fuds TETTEPOAOUEVOU TUvSAou}

No={x /X elvar quaikds &piBpds Biapetos Bik 2}

Q={x/x= -% u: elvon dxépatos, v : elven QUOIKOS Kal %c’xvo’:ywyov KAGopa).

A={y/x elvar & onueiov A fl B fj onueiov petafl Tév A kai B}.

L& mepLypagfis ouvenrdss dpilovran kai TEMEpaopéva oUvola kai (i8icos)
T& &TmeipogUvola,

Znpelwatg. Auvdpeda Topa vd efmopey, &t oUvolov elvar pia karnyopla # év elbog
&vTikelpévao, T& dmrola éxouv piawv opiopévny iB16TnTa (ds wpds THY Smolay Bewxpolvran),

'Aoxfoerg

7. Képere petal Tév quvbdwy A= {3, 8, 15, 13, 14, 12, 7) xal B = (0,1, 2, 3, 4) ™mv
&vmioToryiav : els oToiyeiov ToU A dvrioToryel TO, Umdhorrov Tis Bianploews avtod Bik 3,
76 Omoiov &vrikel els 1o B.

8. Els 76 oUvohov A Tdv xwpdv Tis Autikis Evparmns &vriotoiyioarte T oUvohov
B T&v mpwTevousdv alTddv. Xapaxtnpioate v dvmiotoylav. Képere 1o By poppa
aUTijs.

9. "E€erdoute tav elvon loobivapa T& oUvora A = {x/x elvar ToAAamAdaiov 7ol 3)
kal B = {x/x elvar Umdhormrov Biauptoewss puaikol dpifiuol Sid 7).

10. N& yivouv &hei al Buvaral dugipoveaijpavtor dvmigToigion petafy TGY guvd-
Awv A= (2, 9, 4} kal B = (a, B, y). Téom elvan adrai;

11. ‘Opioate 61" &vaypapiis Td cUvorov TGV UmoouvdAwy Evos Tpipehols ouvdhoy kal
TO oUvohov TV TANOIKGY &pBuGY alTdy. Kéuete peTafy alTdv plav dvmiotoryiav. Xa-
paktnpicate 1o elbos auTis.

12. MetafU Tév ouvddwy A = {2, 3, 4, 5, 6, 7,8 9%«kai B= 01,2 3,9, 12, 18)
v& yivn f &vnioreixia: els aToiyelov ToU A, dymigToigel 16 Umdhormov Tijs Biouptoews abtol
b1 3 ) mwoMamAdolov alTol, T dmoiov kel els 16 B,

13, ’Efetdoare t&v petaly Tév ouvbhov A = {X/x elvar  moMamAdaiov Tou 11 -
kpdTepov TdU 97} kal vds yvnalou Umoouvdiou Tovu, elven Buvath pia GupipovoauavTos
GuTioToryia.

14. *Oploare 8i& meprypagiis 16 olvorov A = (014,21, 2850

15. Tloia oxéots Umépyer petd€l ToU ouvdiou Tév dpriwy Nz kal 7100 ovvérou N,,
TRV &K, moAamAagiov ToU 4.

16. ’Efetdaare v elvon looBUvapa T& ovvola E — {X/x elvan Emikevtpos els xixhow
(0) ywvia) kai T = (x/x Téfov Tol kiKhou (0)}.

17. "Efetdoare tav elvan looBUvapa & oUvoha N xal K — XX elvan  Aaopariky  po-

vés).

WnepiomoBnke amoé 1o votirouto EknmaibeuTikrg MoAmkrg
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4. ENQEIE KAI TOMH IYNOAQN — AIAZEYZEIE KAI EYZEYZEIEZ IAIOTHTQN

§12.Td oUvolov es TO dmolov dvrkouv SAa T& oToiyela BUo auvoAwy
A kol B, kai pévov autd, Adyeton “Evwoig tdv A xal B wal oupPohileran
AuUB.

‘H #vwols Spileton Bid THs looBuvapias acA efTe aeB = acAUB. .

ThHv mpdbiv pi THY Omolav evpioxopey Thy AUB, Eédv 5ofolv T& A Kol
B dvoudlopev «fvwolv ouvdhevr kal cupPolilopev B ToU uU.

Té oUvorov eis 1o &moiov dvikouv T& kolvd aToryeia U0 gUVOAwY A xad
B kai pévov autd, Abyeton Toph tév A xal B xai oupPohifetan ANB.

‘H Toun Spileran Umd Ths looduvauios acA ai acB 4= acANB.

THv &viotorxov TpEEiv Aéyopev «topnv ouvdAwwvr kol cupPolifouev
Bix ToU N.

Napdderypa. ‘Eav A={c, B, v, 8, € kal B={y, 8, ¢, g} téte AuB={q,
B, y, 5, ¢ &} xai ANB={y, 5, €. Xpnowomowolvres T& Pévvia By pAppaTS
Exopev :

u e

ANB T

U
3

d

= PR FaRR Y Wt g

oy. 1.

§ 13. Ocwprjoate ta odvoda A = {y/y elvar dwatgérns vod 12} xal B=
{x/x elvar Suawpérng Tod 18} xai xabogloate 8¢ dvaygapijc Iov Tijy Evwow nal 2ov
Ty Touny adTdr. ‘

*Agol kaBopiowpev 81" &vaypofis Ta BobBévta olvora A=={l, 2, 3, 4,
6, 12} xad B={1, 2, 3, 6, 9, 18} elpiokopev:

lov & cUvorov AuB={l, 2, 3, 4, 6, 9, 12, 18} kol TapaTnpolpev STi
k&8s arotyeiov ToU AUB | Bicupel pdvov Tov 12 (ol 4 kal 12) | Bioaupel pdvov
ov 18 (oi 9 kal 18) f Biaupel &ugoTépous Tous 12 kel 18 (ol 1, 2, 3, 6),

Thv oUvbetov authv IBloTnTa, TNV dmolav Exouv T& aToixeia tou AUB
Myouev 8188evEwy (oupfornds \/) TPOPOPLRGE « €{T e, TRV iBloThTwy l-
vou Bionpétng oG 12, «elvon Sroupétns ToU 18» xal Thv cupPohrilopev:

«Elvan Biapttng toU 12» \/ «elval Siapétns 1ol 18» dmAoloTepov b¢ «elvat
Sraupétns ToU 12» elte «elvon Brapérng ToU 18».

OUbty &Aho &vTikelpsvov TARV TAV oToixeiwv Tol AUB Exer Thv 1816-

WnpiomoBnke andé 1o lvetirouto EkmaibeuTikrig MoMTikrg
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T aUTH Y, Zuverrdds Buvdpela v dpiocoper ik TEPLY pagfls 176 cUvorov AUB
s £6fis 1 AUB={y [« elvar Broapétns ToU 12» T «x elvon Sraupérns ToU 18»}) A
AUB = {x Jex elvar Bicapétng 1ol 125 \/ «x elvan SlauptTng ToU 18»).

Fevikdds éav  dvtixeipevoy Exy plav TovAdytotov éx 8Uo 1SloThTwLY,
Aéyopev 8ti Exer dg i8iétnTa ™y StalevEly adtdv.

ZUpPoRikéds : XPOO A x:9() => x:px) V a).

Zuverrdys : "Edv 8vo avvora meptypapovtar (dvtioToiywe) Omd TdVY
Wotitwv p( ) xai g( ), ) "Evwoig 1y ouvéAwyv, Teplypdpetal  Umd
e Sraledews adTav :

A=X/XPOOL B={x/x:a(0)} —> AUB ={x /x:pGOVa())-

Zov. ‘Opilouev 1" évarypagiis 16 aUvorov ANB={1, 2, 3, 6} kai mapa-
Tnpoluey, 611 k& aToiyEiov alTol elven SicapéTng kad Tou 12 ked ToU 18.

Thv glvBetov oty iB16TnTO Aeyouev ZblevEy tav i8lothtwy «clvan
SiaupéTns ToU 125, «elven SraupéTns Tou 18» kai oupPoAilopey &TrAdS uév S1& THis:
«eival Biaipétns ToU 12» kai «elvan SiapéTns Tol 18y, dxpiPéaTepov 8t «elvan
Broupttns ToU 12» A «elven Sicupétns Tod 18. "Emreidr) oU8els dAAos dpiBudg
TANV TV oToikeiwv Tol ANB el Uty THY 819N T, Opilopev &1& Trepr-
YPAPTis TNV Tounv Tév cuvdhwv A kol B s E&fis

ANB={x [«x: elvar Bieapétng 100 125 A «x elvan Sicpétng Tol 18»}. Te-
VIKGDS :

"Edv dvrtixeipevov &y §vo i81otnTag, B& Adywpev §ti Eyer dg 1816-
Tre xai ™y oblevEly adt@v: (h o0CevEig ovpPorilerar A xai SiaPd-
Tetar «xain).

"Edv 8%0 odvora mepiypdopwytal avtioToiywg Umod Bve iSothTwy,
i TopR abTdV meptypdeperal Hno ThHe ouledlews Tdv iSlothTwy.

A=/ %POON B={x/x:a00} =>  ACB={x/x:pG) A a0

EbkdAws émaAnfedopey Six TOPABEIYHATWY TGS Y vewoTds idioTnTas Tis
Evddoews kal ToWfs.

TS povéTipov

Ty petadeTixdv AuB=BUA ANB=BnA
Thv wpodetaipioTikny Au(Bul)=(AuB)UT

~ AN(BAMN)= (AnB)Nl
ToU oUBetépou Aug = A AnU = A
Thv tmpzploTikyv Au(BNI) = (AUB)N(AUIN)

AN(BUI) = (AnNB)uU(ANI)

WneiomouBnke amo To ivotirouto EknmaiSeuTikrg MoAmkrg
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’AoxfoeELg

18. Moia eivan ) Sidlevfis T@v 1BioThTwy celvar &pTio, «elva TEPITTOSH;

19. Tlola | oUleubis TQV iBrotiTwv X ¥ 5, x ¢ 13

20. Tlofov elvon To olvohov {}[x:¢x elvan &priosy A «x elven weptTTOSH}

21. N& dpiofotv B meprypagiis xai &’ Gvaypagiis, 7| fvwots kad i Tou TEY  guve-
Aov A, = (x/x: «x elven Biapétns ToT 182}, A,=(x/x: «y elvon BrenpéTns Tol 54»}.

22. Tloia elven # fvoors T@v TPIGY guvdhawy A = (X/X* <X elvan  Bigpétns 1ol 32w
A «y elvan Braupétns ToU 40»}, B = (¥ «x elvon Bronpétng ToU 40») kad = (/X * «X el-
vou Sroapétng ToU 40 - 32»h

23. N& evpedij 7o ouvodov A= {X/X: xeQt » A ax41=5} B = {x: axeQb» A
«x —3 = ).

24. N& txteAeoBolv al wpdfes (A U B) M (MUB), (AUBUIMNA

5. TO TYMIAHPQMA IYNOAOY — AIAMEPIZMOZ ZYNOAQN —
KAAZEIZ IZOAYNAMIAZ

§14. E&v Bewprioeopey TO oUvohov A={y [x BicupéTns ToT 6} kal TO al-
vohov B = {x/x Biupérns ToU 12} 6& apatnpfigwpey, 611 ASB.Tpdypar
B={1,2, 3,4, 6, 12} ki A={1,2, 3, 6}. To oUvohov {4, 12} §§ {x/X «BronpéTns
ToU 12» A «x Btv elvan BiaptTng ToU 6o} AéyeTal oupTAnipwpa Tod A G
Ttpds TO UmepoUvordy Tou B xad oupBolileTan AL A Ay QaTe:

ZupmMijpwpa ouvérov A, ©g npdg Umepodvorév Tov B, elvan
o ghvolov Ty oroixelwy Tod B, T& dmoia S&v dvixouv eig 6 A.

Mapatnpolpey 6T €lg 16 oupTrAfjpwia Tou A dufkouy TA gTolyEla ToU B,
T& dmroia BEv éxouv ThHY YOPaKTNPIGTIKN Y BTN T TV aToryeiwy Tol A.

To By elvan 16 . To &% dva 1o B

AéyovTtes QmrAds cupTAfpoua ToU A (oupPolikdds AC), Evvoolpev TO
SUUTTATpE e adToU 6§ TTPOS 10 Paoikov oUvorov U (UmepoUvolov SAwv TRV
Becopoupéveov guvoAwy). To Péwiov Sikypappua ToU A¢ PAémopey eis 10 oXii-

pa 8, To 8¢ Sidypoupa A, els TO oxfina 9.
wil ﬂmﬂmm

PR

il
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§ 15. @smpougev T& olvoda B={«, B, v, &, E} A={B,8, €} xai Af={a, y}-
‘H -roun TG A kai A elver T KEVOV aUvorov, 1) &AAws T& oUvoda avuTd elven
Séva peTafy Twv. ‘H Evwois altdv elvar T B. Atyopev 611 T& olvoda A kal
AL &moTerolv Eva Stapeptopdy Tol ouvéiou B. ‘Opolws Aéyopev 811 Té oU-
voha {a, v}, {B, € xai {8} &mwoteholv Eva Siapepioudy Tol ouvdlou B, Si6i
elvon Si&popa ToU kevol ouvdhov, elval dvd Suo petafl Twy Eéva kad 1] évwaois
SAwv elvan 16 B. Auvduefa v eirwpey kol 611 TO B BrapepileTon els T oU-
voha aUTd.
Ta advoda A, , A,, Ay. .. elvar évag Srapepiopds toG ouvélov
A, dvav obdév €& adTdV elvar xevév, elvar dva Svo Eéva xal ¥ &vw-
o6 8Awyv elvar o A.

§ 16. N& Siopuepiobi) 1o oUvohov

-
-
w
w

.6 7 .12 }

2 5 SRt STE AN 0T T2 T

el oUvoda lowv pnT@dv dpibuddv. Mé Bdov Ty oxéoiv lodTnTos Té

xAaopdtwy, Siapepifopey 10 K s Td oUvoa
1 3 1 3 7 3 6 12
b= { S T}'KZ:-{’T’ 6 1?} 4 Kﬂ’i{?‘ 10).¢ 20 }

T& oroigela Ekdotou 1@V K, K,, Ky dvmimpocwmeiouy Tov alrdy
T ToU K, 7O pnoV : kai ToU Ky Tov _57

T& obvora K;, Ky, Ky Abyovtan wAdoetg loobuvapiag. Mevikds 1 oyéors
THs 106TnTOs TGV KAaopdTwY Biapepiler 10 oUvolov SAwv TGV KAATUETwY
gls KAGoeis {oobuvanias, ‘ExdoTn kAdais TaploTY 1 &dvTiTrpoowevel Ever pny-
TOV &pifudv.

"Eav obvolov A Siapepilerar eig dAAa olvora A, Ags Aoy vy
eig Tpémov (ote Aa Th orotyeia Tod A, vd dvrimpocwmedouy v dvti-
xeipevov, e t& otoiyeia Toh A, &v &Alo GvTixeipevoy x.0.x., =&
A, A, Ay .. ., Aéyovtal xAdoelg toobuvapiog.

‘H oyéois Paoer Tis dmolag yiveTon & Siapepionos avtds, Aéyetan  ayé-
o5 loobuvapiag kai éya Tas iBidTnTas THs lodTnTos!

pnTov dpifudv. Tob K, Tov pntov

'Aoxfoerg

25. N& s\'}peﬂﬁ T Ag &mou A = (X [ X quoikds dpiBuds A x> 6}

26. Eav A = )(.’«XCQ » A x»3) ki B={x/axeQF» A x (11} v& evpeboiv
T& oUvola Ay B, ANB, A mo:l 1) TopR TéY oupmAnpwpdroy Tdv A kal B &5 mwpds Qf

27. Né& é#xteheobny 1) 1rpcx§1s’ (AU Ac) N A

28, "Eav A = {}/ x eivon Sicupétng Tol 60), B = {x/x elvar Sicupétng Tou 12) kal
I= (x /x elvar &rapérng 10U 15}, N& eUpnte 1& oupmrAnpdpata Tév B kal T ds mwpos A,

29. N& #modnfedonTe pi & oUvola Tiis Twponyoupivns doknoews, 8TI TO CUNTTARpG-
pa Tiis Evadoews TGV B kal I fooUtar wpos Tiv Topfv 1@V oUPTANpwpET@Y TOV ouvdhwy

WnpiomoBnke amoé 1o lvotirouto EknmaiSeuTikrg MoAmkrg
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abtdy (ds Tpods TO UmepovUvorov Téhy A). ‘Opoiws 611 10 oupAfpwpa Tiis  Toufis {oolTan
TPOS TNV EVWOIY TV TUUTATPWUGTWY. ZURPBOAIKGS
BUN = (BS)Nn S wad (BHU(TSH=@BNDNE

30. ’EmoAnfevoate Bid woapabelypaTtwy 6T1 10 gUvolov, TO Omoiov TepiypdgeTar S
115 oulevbews Uo 1B10TATwY, elvar UrogUuvolov ékeivou, TO dTroiov TEpIypdETan Bik ds
£ aUTdv.

31. Awaupepioate 16 oUvohov A = {2, 5, 9, 6} &g HovoueAf] oUvoAa.

32. Na& Siopepiofi] 16 auvorov A = (X /¥ eivan Sroapétns ToU 4} els BipeAd] olvora.

33, a) N& kapete fva Siapepiopdv 100 ouvdhou T@Ov TAeUpdY Evds  TaparAnAoypdppou
ABIA pé Paoiv tHv oyéow «elvan mwapdhAniosy. B) Kaupete éva Siapepiopdv Tol  ovvdhou
TOV Tprydvey els Tpia Umoguvola.

34. Na SiapepionTe 76 oUvorov A= (2, 5, 3, 6, 7, 8, 9, 11, 13} els khaoes loobuvapias

ué Paoiv v oxtorv: ol &pibuoi ik&oTns kAGoEws &privouv To auTé Utrdhorov Siapoupevot
Bix 3.

35. Eis wooas kAdoeis looduvapias BiapepifeTar 16 oUvodov N pt Baov Tv  oytolv
Umérormrov Siaipéoews ToU o Bia 5 = UmdAormov Sicpicews Tol B Sid 5.

36. Ixnuatioare T& UmooUvoda Tol ouvdlou TGV Biaywviwy ToU TEVTAYWVOU
ABIAE, eis Tpdmov dote eis Ev Umoouvodov, .va avikouv al Siaydviol, al dmolat BitpyovTal
B THs auTis kopugfis. 'Amoteholv Biapepiopdr T& UTogUvoha alTd ;

6. AIATETATMENON ZYNOAON

§ 17, "Otav —xat& TNV PeEMETNV TRs AvTioTolyias—dvTeoToryioauey
el TO oToiyelov o TO oToIXElOV B, ExpnoipoToijoapey TOV cupBoiioudy: (o, P).
ToUto elvan £v SipeAés oUvodov els TO dmrolov TO Ev péAos TponyeiTan ToU dGAAov
(BnAadn éxer onuaciav | T&bis Y oToryeiwy Tou). To (o, P) Aéyetan Sra-
tetaypévov Lebyog T dratetaypévov (Siwerég) ovvorov. Emedn Suva-
HEQa el TO a va dvmioToryicwuey TO a, Oewpolpey kad 16 (o,a) SiaTeTaypévoy
Celryos.

MpéBAnpa. ledyate to odvodov {2, 3, 1, 5, 4} dore va sponyirar 6
MxpoTepog aptludg.

Mpagopev tote : (1, 2, 3, 4, 5). To (1, 2, 3, 4, 5) elvan &v Srateraypé-
vov givolrov. (A& Thv TrapdoTaoly aUToU typroipoTronjoapey  TrapevBioens
dvti T dykioTpwy).

Awatetaypévoy elvar € obvorbv, Otav petaEd 8o otoiyeiwv Tov
&xn 6p1odf) moiov mpovyeital.

MeTtafu 8Uo oTorxeiwv ToU (1, 2, 3, 4, 5) w.x. Tév 3 kai 2, loyvea 1) oxéols:
23, Synuaritopev TéTE TO Lebyos (2, 3). Ak TO Lebyos (4, 4) loyve 1) 4—4

~Tevikéds 51 BUo oToryela ToU o kad P, Suvapeba va yphywpey a<p i P<a.

Ak ToUTto Aéyouev, 6T TO BiaTeTayuévov auvorov (1, 2, 3, 4, 5), elvan
TO glvorov {2, 3, 1, 5, 4} tpofraopévov pé v Sidraliv () THv oxéoiv Bia-

2
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taews) <. THv Swdrabiv aithv dvopddopev didragiv kotd péyebos. Toaparn-
poUpey, 611 dmotednoTe Siuedes UrooUvolov ToU {2, 3, 1, 5, 4} 8UvaTan vé
Braray 8 pt thy Sidrafiv <. To {2, 3}: 2<3. To {5, 4} : 4<5 x.o.k. Aix Tolvo
1) Sidrabis € Adyetan dAnen Sudrabig xai to (1, 2, 3, 4, 5) 6Axdg Siatera-
yrévov oivolov.

Mpagikéds Taplotdpey THy Sidrabiv: adP ds &fs: ap. AnAabn ut
xaTeubuvopévny ypaupnv &md Té o Tpods TO P

Thv TepimTaaly a—=a TapioTOUEY Gs ), dnAadn ué Ppdxov, & ooios
EmioTpEpel els TO a. [pagikiy TapdoTaoty (Bidypappa) Tis Siatdiews es To
SiareTaypévov ouvorov (1, 2, 3, 4, 5) éyopev els TO oxfjua 10.

'EvioTe pas Bideton 1§ eU-

kapia  v&  képowpev  kai [ -A,_-:.‘,J;‘, 3 \
A2 3
mwaryviwdn  Baypappara \\ (f I/

. v /
BloTeTaypiveoy  ouvéAwy, o e T
s els T& oyxnAuara 11 kai S
I2iS1ec w1y 2, 374);
oyx. 11. oy. 12

§ 18. SupPolifouev THY oxtolv & o Sioupel TOV P Tpocwplvdds ke o /p.
"Edv tpoBydawper TO oUvorov {2, 3, 4, 6, 9} uE Thv BidTady alT, fa Tapa-
Tnpriowiey OTI pEPIKG K TGV BIpEAG Y Uoouvdlwy Tou &tv SiatdooovTal.

Mpdpouey 2 /4 (& 2 Sioipel Tov 4), 2/2, 4/4 x.o.k. &M BEv Buvdpeba va
ypdyoopev : 2/3 (6 2 Biupel TOv 3), 6/9.

To équbiaopévov pt THv Bigrafiy [ oUvodov {2, 3, 4, 6, 9} Aéyetan pepixing
Siatetaypévoy odvorov kai fi oxéois «Bioupel TOV..» pepuud Srdtakig.

Edv  Thv SidTtaliv: TS o TrponyyeiTon ToU P f) TauTifetar pé TO B ooun-

PoAjowusy Si& To a<P kol THv: 1O P Emetan 10U o (f TauTileTon) Bi& ToU

WnpiomoBnke amoé 1o lvotirouto EknmaibeuTikrg MoAmkrg
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P o eUkéheos EmodnBelopey ik TGOV TapaberypdTey pos, 6T al iBioTnTEs TS

Biataecos elven ai:
asa S VaKAQO TIKT
<P kai P<a => o=pP &vrioupueTpikt Kod

a<P kal Py => agy ueTaPaTikd.

'Aoxfoetrg

37. fiavafare TO oUvohev {3°, 3%, 3!, 30, 37 349} G-
ote va Tmponyfitan 7 SUvauis pikpoTipou EkdiTou.

38. Képete 76 alTo pé TO ouvodov (3%, 54, 109, 25),
Elvan ff &iorafis aith Bidralis kora piyedos;

39. Awav&EaTe TO guvorov (4,8, 9, 3, 12, 16, 18) GoTe
perably BUo oTolyEiwy Tou, va TponyiiTal TO ToAAamAdoiov
Tol &Ahou. ©d elvan TOTE TO oUvoAov OAIKGS SiaTeTaypivov;

Sratafecs.

N& yivn 10

/"‘\._\

' \ i

[ 2 \\t\\ \
| ¥ G
HCR

R A f
\'\‘ i J\i"‘\_ /

\
i
oy. 13.

Sikypappa  Tiis

40, Eiver &Mk Siatetayptvov 10 N pt Sidraliv kard péyebos; Atari ;
41, *Efnynoare Siati elvar 6hikds BiateTaypivov 10 ovUvodov TdV pnrdv Tis &piun-

TIKfjs, B¢ Srdrabiv kata péyedos.

WnpiomonBnke amoé 1o votirouto EknmaibeuTikrg MoAmkrg



KEODAAAION IlI

A’'. TO ZYNOAON TQN PHTQN IIPATMATIKQN APIOMQN

i. TO ZYNOAON QS' TQN PHTQN THE APIOMHTIKHE (ENMANAAHWIE)

§19. EudBopev el Ty A’ T&flv Bi&x ToUs pnTols dpiBpovs, Tés Tpdtels
UtV kal Td&s 1B10TnTas TGOV TpdEewv.

KatwTépw 0& EmavohdPopey pepikoUs y vwoToUs Kavdvas 81 Tous prTous
&p1fuovs kal B Tas Tpdels aUTRV.

i g = 1 3 i
Eatiateetin =la. ol Lo toh, . adon
T&Y pnTdv THs dpibunTikiis elvan f) Evoaois ToU ouvohou Ny Tév  dxepaicov,
kal ToU ouvdhou TGV un dkepalwv mnAikwy Evos dxepaiou 81' Evds guaikol
"Exopev : .
QF = Ny U {x/x un dxépatov mnhikov évds diep. 51" Evos puatkoU}

‘H Evwots Tév 8o ToUTwv ouvdhwv bidel Tepiypagikds TO (F s k-
Twbi:
; & (e
Ot ={x[x = 5 ot aeN, , PeN «kai -E—cxvcxymyou}
Els 16 oyfipa 14 Exopev Thv ypagikiy TapaoTagtv Tébv pnTév Eml Tiis fueulelag AX kal
els o oxfiux 15 T Sidypapua Tol ouvdhou Q*d

A B r Fa E z H 8 | K A M
f L L 2 { A . - X
g9 i IC 3 1 5 3 7 2 9 5 -
] % ? e ] 4 2 4 [ r Y %
, ox. l4.

§20. 'E&v Sobolv 8o pnol o kal
B, TOTE Utrdpyel Tr&vTOTE & pn:r:‘::s o+B.
AnAadh) Buvdpeba v EkTedbowuey TNV
Tp&iv Tiis Tpoabicews els TO cUvolov
TV pnTAV TS dp1BunTikis kel v el-

pwpev s &poiopa Eva prnTov. TolTto ox. 15,

WnopiomoBnke ammoé 1o lvotirouto EknmaibeuTikrg MoAmkrg
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Btv oupPadvel B1& v TpaGiv Tiis dpouptoews. ‘H Sropopd o — P Umdpyer, Eav
o P. ‘Emopéves 6Ev Suvdpeda m&yToTE va ékTeAéawpey THY TpEEiv Tis dgai-
ptoews, 1| Aéyopev, &T1 1) deaipeois Bév elvan évroTe Buvatn els TO olvohov
TGV pnT&V TR Ap1BunTIKTS.

*Eqv 1) Siapopd o —P Umrdpyn kai elvan & pnTos y, TOTE 5 Y vexaTOV EYOHEV:
A — P=yé=zpa—P | yepa —y=p. Emions t&v y, 8, elvar pnroi, Umrapyer mév-
ToTe & prTos v.8 kai éav y #0, Umdpye & prTos % (&vrioTpogos ToU y) kal
E€xouev §:y—5. ; @

§21. To pundev «0» elvon oUbétepov oTolxeiov Tijs Tpoohéoews, 0-1-a=q,
G5 Trapdywy pndeviger o yivopevoy, 0.a=0 kai v BecopeiTon ToTE G5 Brau-
péTns. ‘H povds «1» elven oUBétepov oToiyeiov gls TOV ToAAaTAaciaoudy, la=a.

§ 22. Al mpd€eis Tiis TpooBioews kal ToU oA [opcU elvar povoTipol. A=
Aadi) T6 &fpolopa kai TO y1vdpevov SUo Sobfvtwy pnTdv sivan elg pdvov pn-
T6;. (To altd oupPaiver kad B1dx THvY &eaipeary, &&v elvon uvatn. AioT, Epdoov
7 Slapopd 18 — 5 1) 13 elvon ToiadTn, date TO &Bpoiopa auTiis petd Tol dgal-
peTéou 5 v Bibn Tov pawtéov 18, Biv elvon Suvatdy v Grdpyn GAAnN Biapopd
Adyey ol povoTipou Tiis TpooBioews. ‘Opoiws kal 1 Siadpeots «:p (B~0) elvan

HovéTipos, B16TI a: P = a. Tla kad & ol /opds SUo pnTdv elvanr wpdfis po-

voTIpOS).

‘0 katwtéipe Tival mepiéxel TS KuptwTépas 1818 Tas TG Tpdfeedy oupPolKas.

Ot o,pB,yeQ?}
© Tiphgas TpboBeots |;johfcuos:
Vreogs dpoioserss| gy | e eQy
‘151615 GvTipeTald. F a-+p TB—E _cx_ |____c( P = |3_ o«
“lsiotns wpooetanp. |(af B)Fy=at (BHy) (oB)-y-a(Pry)
‘18161 EmipepIoT. a-P+y)=a:pta-y

AocurfGELS

42, a) ‘AmhotromoaTe T& KAGOpaTA:
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B) ’ExtedéoaTe Tas wk&Twb Trpdlers :

3 2 8 13 5

P R g e T
12 4
it

i
2
4

1

wv

(=)}

.

v w
|
|
|

1
T

43, Tlofan tk T&V k&Twh TpoTdoewy elvan dpbai, ol éopaApévar kal Sati ;

3 3

5
a) (17:152)€QF . Bg— g =g —F V) 200: 40=40:200 ,

§) 205 . (—;+19) 5 (

aT) —|—8_ (

|~

o (i

W)

+%)+I=1~73- + (3—

5

£3) . 0 CT-WEN

#8 ) g)

8 0,5 . (7 . %)='(0_5. 7).

44, Na éxredegfolv al kdrwb mwpdders :

> (G+3):ed s (1) 4.

[('1:;+§ 4) (

!\)-—-

02} (oDt (3).
o (5 15) (+543)

2. TO ZYNOAON TQN OETIKQN KAI APNHTIKQN PHTQN

§ 23 ©& mpoomabiowpey va EmAlcwpey Ta k&TwH TpoPAnuaTa:

«) «Eic vy ndhw A 1) Oeopoxpacia o 10 Babpoi dvwler tob undevds Tijy
peonpufolav. To Eonépag 1) Oeppoxpacta elye xarélfer xara 7 Pabuovs. Iola

Oeppoxpacia 1o fondpag;n.
L3

"Exougv 2 10 Pabu. — 7 Babp, — 3 Pabp.

dvewlev ToU unBevéds.

"Apa 1) Beppokpacia TO scmepcxg elg THv woAv A eivar 3 Pobu.  Gvwbev

ToU pndevds.

B) «H Oepuoxpacia eic vip addwv B jjro 6 Babu. dvwley tod pndevig oy
ueonufolav. To éonépag 7 Oepuoxpaola eiye xaréiler xara 8 faluods. Iola 7o
7) Ogppoxpacia els iy addw B 16 éonépag j»

'E&v kohéowpev ¥ Pabp. ThHv Bepuokpaciav To Eomrépas els TV oAV B,

WneiomoBnke amé 1o votirouto EknmaiSeuTikrg MoAmkrg
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TETE oUPQOVS  TTpos TO TIPOPAnMa, EXOUEV V& tkTeAboOpEY TRV Gpaipedtv
6 Podyu. —8 Padu. i v& EmAUowpey THY ¢tlowoy 6 — 8= ¥.

‘H &gpaipeors abh Stv elvan Buvarrd) els T4 aUvohov Qt TV pnTROV THS
&pifunTikiis. ‘Emopéveas kal 1y dveoTipw Efiowots BEv Exel Aoty els TGO gUvoAov
aUTo.

"Ev ToUTols TO TpdPAnpa £xel Aoty kal cloodfmoTe SUvaTan va &TavTioT)
ém 1) Bepuokpacia els THY TOALY B 1o tomépas o 2 Paduol k&Twlev ToU un-
Sevds.

“Exouev Aotmov: 6 Padu. — 8 podp. =2 Padpol kéTwley ToU unBevos

6 — 8 = X

A v& ikgpdowpey THY Siagopdv aUTAY, TPETEL V& EloQywHEY  VEOUS
&p1Buols, ol dmoiot v& 5iSouv Avaiv el T& TpoPAfuaTa GTws TO Qv TEpa.

Eis Thv TepimToiv alThv O veos &piBuds ¥, & omolos 0 GVTITTPOCTIEUT)
v Ekgpaciv «8Uo Pabuol k&Twlev ToU unSevodsy Tpémel va oprodi KaTd TPO-
Tov, dGote 16 &bpoloua aUToU pE TOV 8 v& tooUtan pt 6, Bk va BraTnpfiTan
| yvwotn pos looduvapio : 6-8= ¥ > 684

_'A?\?\c'x TOTE EXOUEV :

6=81+ Y = 6=(06+2)+X & 6=6+ 2+ x)
i ko

Emeidf) 6=610, wpémar 6 2 xai & X vd Exouv &Bpotopa undev. AnAadi
2+4-x=0.

‘O véos dpiBuds X oupPorifeTan —2 kai BiaPadeTal &pvnTindg Buo fy AV BUo

"Qoe 7 Bepuoxpagia «BUo Pabu. kdrwdey TOU undevdsy mapioTaTon Yo
ToU &piBuol 2 Pobp.

‘0O &pvnTikds &piBuds &vo (—2) AbyeTcn dvtifetos Tol 2 kad eiBopey OTI
24 (—2)=0. ‘Ouoiws Exouev (—=2)42=0, &wmn, dtav TO feppopeTpov el
kvin —2 Padu. (2 Padu. karwdev 10U unBevods) xai GviAdn katd 2 Poduous,
ToUTo & Bewwin Thv Beppokpaciav 0 Podu.

SuveTdys TO Glporoua Buo Bty dmbuddv elvan pndév. ‘H tfiowols
2Ly =0, 8i& ThHv omoiav Exouey Tdpa THY Aoy —2 teppalel kad TO EETS Tpo-
PANpa :

«TToiov dpIBpoY TPETEL v& Trpogficcopey gic Tov 2 Bidx va Exwpev &Bpoloua
unbév;»

*Avéhoya TpoPARpaTa EkgpdLouv kod ai k&Twb Efiowoes :

- =0

Aoy+1=0, e By

il
2
3

=0

N =

§]
§pg—0 % 24+3=0 » o + 1=0 # T4
0)-%—4?‘0 ﬁ4'%‘0}.:0
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1

o % & e o P ¥ ) s
Ot &vtifetor v 1, 3, 4, kol — TropioTavral dvTioToiyws Sik TV

2 4
-1, =3, ~4,— 5 xal —3. “Exouev 8: 14 (—1)=0, 34 (=3) =0,
> 1 1 iy 3
(—4)+4=0,+ ( —7) =0 ka 4 (_ 5) =0
O ‘apiBol, — 1, =2 &3, =4, Tl é __2 KA. BEv  dvrkouv

€is T oUvohov Q: TGV pNTAV TS dp1bunTikfis. Ak ToUTo Spilopev TO olvo-
Aov TGV &punTIKGY PTGV, ToU Omolou aTorxeia elvan ol &pifpoi — 1, — 2,

=3

— =, = , Kol YEvik@ds & &pifuds — o Smou aeQ+,
2 4 ” P

T& oUvohov TolTo cunPoAifopev Bid Tol Q- kai #xe1 T& oToiyeia ToU ou-
vdhou Q+F, mpd T@OV Omoicv Exer B TO mpdonuov TARY (—). AnAadh T&
dvTifeta TéV oToikelwov ToU Q+,

Ztoyela ToU Q+: 1, .. .,—‘12-,. iy z e ) ;, FERL
- e 1 3, 1
Zroiyela ToU Q : —1,...,—-2-,...,- 4,...,~2,...,—27,,...w3,...
§ 24. Toparnpolpev el 1O Beppod-
f N M uetpov (ox. 16) 611 16 drpov T UBpap-

YUpikils oTANS SifpyeTan TTpd THV vEwV
apifuidv — 1, —2, — 3, kA, Stav 1
4z 42 4z Bepuoxpacia dpyopévn ¢k TolU pndevds -
érattobrar. (AUTO Bikaiohoyel Siatl
EkhéSopev TO  TpdoTUOY ATV «— »
Si1&t v& TapaoTiowEey ToUs véous dpi-
Ouous).

M v B1EAOY) Spws TO dxkpov Tijs
UBpapyupikiis oThAns mpd THY  &vo-
Oev 1ol undevods dpiBuddv, Tpémer 1
Ozpuokpacia, dpyouévn éx ToU pndevds,
va avBdvetar. Aid ToUto Sid TV
TAPAOTAGIY TV YyVWOTHY pog dpif-
pav 100 QF Ba ypnoipomoimowey 1O
wpoonuov olv « |- ».

1
=3
1
]
<

- ox. 16. Qs &k ToUTou ékgpdlopey THY AU-
. o1V ToU TrpdTou TpoPAfpatos s EEfs :
«'H Gepuorpacia 10 Eomépas & elven -|-3 Pabuois.

Els 10 cUvolov Q+ dvrjkouv Thpa of &pifuol -1, + 2, K.A.T. Toug

5
dmolous dvouddopev BeTikols prTols kai TO oUvodov QF cUvohov TV BeTiké Y

pnT@v.  “Eyxopev Thpa :
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Zroryela ToU ouvohou Q+: -L1,. ..,—l-é jorey F 25000 Z s T
Zroiyela ToU ouvdrou Q71 —1,...,— ;, gDy g 'Z P

T& ororyeia Tol cuvdhou TGV GPUNTIKAY PNTAY, Adyw ToU dplopold o~
T&v, dvTioToikoUv Ev Trpds Ev TPos T& oTorkela ToU guvdhou +.

T4 oroiyeie o Q- Afyovton dvriBeta () ouupeTpikd) Tév &vTioToixwV
Tol O+ Smes Emrions kol T& oToryela ToU Q+ Abyovron &utifeta TGV dvTioTol-
Xwv Tou (Q-.

M. ‘O &vribetos Tol - g— elvon & —% kol &  &vtibeTos  TOU

— 3 elvar —&% OGtor Eycuv &Bpoigua pndév.

5 5 5 ) 5
(+3)+(=2) =0 1 (-3 +(+3)-0
‘O unbiv Bév &uike els 1O Q+ olre eis T O~ kad ouvemdds oTepeiTal TTpo-
ofjpou. (Aév ypagopev 40 7 —0).
"AvTifetos Gpcws ToU pndevds elvaa & undév, Hiomt 040=0.
§ 25. 'E&v ovvoyplowpey T& AVwTEPW EXOUEV :
lov Td yvwotéruas ouvorov Q+ (tédv pnTdv Tis &pdunTikiis txtos TOU
unSevds) dvopdsausy gUvohov TGV BeTikddv pnT&VY kal £utrpocfev TGV oTOI-
Xelowv a¥ToU EBicauEy TO TrpPONUOY oUV «+».
Efvan :

ZUvodov BeTik@v pnT@v = Q+ = { ...+ é S s [ ) o

Inpelwoig Els & twdpeva 6 BeTikds pnTds 84 ypdetan peTd ToU mpoofjuou Tou T &vev
1

! 1 gs
auTol (.. O BeTikos 5 8& ypagetanr - 5 0 7). B Bércopey &t Td Trpdonuov ouv  Els

ToV BeTikody dpiBudy, v Oihwpey v Bdowpey peyahuTépay Eugaaty es THY Ekppacty  «fe-
TIKGS».

"Qote : Oetindg pnrdg Aéyetar xdbe pnrds THG dpBumTinilg Ex-
tdg 100 pndevég. Tlpd avutcl Oétopev TO Tpdompov olv « +» i oUBty
TPOTTHO V.

20v ‘Qpioapev £v véou ouvohov, TO dmoiov cyvopdoopey gUvodov THV
dpvnTikéV prTév &k TGV oTorkeiwy Tol cuvorou TGV PNTEY THS &prdun Tk,
els T& dmoia thtoauey EpTpoobey aUTddY TO TPOOTHOV TATV « —».

“Qate : ' ApwnTicdg pntos Aéyetor udbe dvriBerag Berinod pnTov.
TupLolnddg: x@be pntog Tig dpBunTixilg, éxtog Tob pnbevég, & dmolog
EyeL T mpbonpov ANV « — n.
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