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AIKHIEIZ KAl MPOBAHMATA
FEQMETPIAL

—_—

EIZATQrH

‘Opas A'. 1. "Eni pids etdelas XU elvar onueiwopéve xate oedy Td
onueta A, B, T, A" vd SeugBf Ore, &ov Td etBuyp. Tuwhuara AT xai BA
elvar loa, 9 elvac loa xal 76 AB xal TA.

O& delfwuev, 81t AB=TA.

'EE Omobéoswg slvar AM=BA A B r A
&y &mod T loa adt& edBlypappa ! I |
TUNHaTE GQAPETWUEVY 10 KOLVOV X < i
£0B0ypaupov tufua BI, & dmo=
pévovta twhpata elval loa, dnA. elvar AB=TA.

2. 'Eni s stdelas XU lapfdvouey &va eddiyoaupor tufjpa AB xal
Exarépwder roi pfoov O tod rurjuavos adrod Aapfdvouey 8vo Tufjuara ioa -
OA’ xai OB’. Na deydfj, 67: da elvac BA'=AB’ xai AA'=BB".

1ov. B& delfwuev, 81t BA'=AB".

*EE OmoBéoswg elvar AO=0B (1) xai OB'=0A’ (2) £a&v mpoo-

A i 5’ B f8towuev 1&g lodtntdg (1) kal (2)

| \ \ | Katd uéAn, B& EXwuev
X S W AO+OB'=0B+40A’ §i AB'=BA’
Ty 2 20v. O& deléwuey, 1L AA'=BB".

Edv &no & loax e080ypauupa tu-
uata OA xal OB &papéowuey T& lox ebBUypaupa Tufpata OA" kal
OB’, 1& &mopévevta TUNUATO elval {oa, dnA. elvar AA'=BB".

3. 'Eni s sbdeiag XV AapPdvousy xard oepdy o onueia A, B,
T, A. lov. Na dexdf, 67 AT+BA=AA-+BT. 20v.'Eav M elvar 7o péooy Tod
AT+BA
o R

lov. B& Belfwpey, 811 AF+BA=AA+BT. “Omneg palvetal Gnod
10 (Zx. 3) elvar

ArC=AB+ Bl (1) BA=BIr4+ra @
*Aowijoeig #ai mpofhiunata TCeopereiog 1

AB xal N 7o péoov rov TA, va dmodeydfj, &z MN =
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A B It A MpooBétouev 1ag lodtntag (1)
x__M_“—"“_"N_—q’ Kal (2) kata péin xal Exouev
Sy. 3 AT+BA=AB+4BIr+Br+ra #

ATH+BA=(AB+BI+TA)4BIr
‘Emeld®y AB+BI4+TA=AA, § mponyouuévn lobdtng yp&estan
Al+BA=AA+BT.

20v. 03 Belforiey, Sté MN:A—H'% fi 2MN=A[4+BA ().

Enedn AT+BA=AA4BT, énwg £8elyOn (lov), f lodtne (3) ypa-"

PETOL 2MN=AA+BI' (3') ¥&nwc ¢aivetal &no 1o (ox. 3) €xoupew
AA=AM+MN-+NA (4) kal Br=MN—MB—IN (5)
MpooBétopev &g lodtntag (4) kal (5) kata péAn kol Exouev

AA+Br=AM+MN+NA+MN—MB—TN (6)
‘Emedn  AM=MB, NA=IN, 1& AM, NA, MB, TN 2E&adsi-
¢ovtal xal 1 lodtng (6) ylvetau AA+BI'=2MN #i AI+BA=2MN.

4. "Eni uds evdelag XV Aapfdvopey xard ostgav ta onusia A, B, I, A

"Eav elvac BI=TA, vé deyB3, ui 9a elva Al'= ﬂ;"ﬂ.

O& Beifousy, 81t Ar=A—B-‘*2'ﬂ i 2AT=AB+AA. “Onac
palvetal &nd 16 (ox. 4 Eyouev A B I A
AT=AB+BT (1) kal AT=AA—TA (2) R : i
MpooBétouev tag lodtnrag (1) kal (Zx. 4)

(2) kot péAn kai Eyopev
2AT=AB-+BIr+AA—TA (3

‘Emedn £€ Omobéoewg elvar BI=IA ol mpoobetéot Bl xai

A 100 deutépov uéroug 1ig (3) 2Eakeloovtan kal Eyopev
2A=AB+4AA.

5. Aldovrar roia onpcia A, B, ', wds edBsing XV xali O 76 nécov
zod &0, rusjuaros AB. Iov. *Edv 16 onusiov I xeirar éxtds zod TUfpUaTOS
AB, va émodeiy s, St elvar

AG— I’A;FB, ro— I"A-;—I‘B.
Z2ov. 'Eav 70 onueiov I xeirar pezakd tav O xal B »a amwodeiy ¥, ore
AO:.FA;—E, ro— TA=TB
Tov. ©& Belfojiey, 511 A= L"‘;ﬂ f 2A0=TA—TB.
A B B “Onwg ¢palvetal &nd 16 (ox. 5) elvar
e e N,

FA=A04+0I (1)
'B=0I—0B (2)
‘AgaipoDuev tag iodtntag (1) kel (2)
Kot péAn kol €youev »
F'A—T'B=(A0+40rI)—(0Or—0B)=A0+4+0r—0r4+0B=A0+40B

(Z-5)
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'Emedn £2€ Omobéoewg elvar OB=AO, §{ mponyovuévn icdtng
Yp&peTal rA—IB=A0+A0 #§ TA—I'B=2A0.

M?:E 4 2rO=rA-+TB.

“Onwg galvetal &nd 16 oxfua 5 elvat
FA=ro+0A (3) xal TI'B=Iro—O0B (4
MpooBitouev tag lodtntag (3) kal (4) katd pé?\ﬁ kal EYouey
FA+TB=I0+4+0A+I0—0B #f TA+IB=2r0
T AO xai OB &€aleipovtal, dioTt £t Omodéocewg elvar AO=0B.

’Emniong Ba deifwpev, 61t O=

a1
20v. O& Belfwpey, 81t Aozkgﬁ f 2A0=IA-+TB.

“Onwg palvetatl &nd 10 (o%. 6) elvat A B B 1
FA=AO+O0r (1) «xal e e e
B=0B—Or /2 2

lMpooBétousv tag lodtntag (1) kal Zx- 6

(2) kaxt& péAn kol Exopev
rA+rB=A0+0r+0B—0I #{§ T[A+4+TIB=AO0-+O0B
Emsidn 2€ OmoBéoswg elvar  AO=0B, A tehevtaia lodtng
yp&oeTal FA4+TB=A0+AO0 # T[A-+TB=2A0.
TAZIE 4 2ro=ra-Ts.
“Onwg paivetor &no 16 (oy. 6) =lvar
TA=IO0+0A (3) «xai- I'B=OB—OrI (4)
Apaipolusy 1ag lodtntag (3) kal (4) katd wéAn xal EYopev
FTA—IB=(F'O+0A)—(0B—0OI) # TFA—TI'B=r0+0A—OB+OI
# TA—IB=20T. ‘
Ta OA xai OB 2Eaieigovtat, didTL elvar 2§ Omobécewg loa.

’Enlong 8& deifwpsv, 81t [O=

‘Ouas B'. 6. 'Eni wids evdsias XW laufdvousy xara ceipay v cnusia
A, B, T, A "Eav elvac AA=10 &x. xai BI'=T &x, va dmolopiododv: lov. To
dBgooua AB+TA. 20v. 'H dnéoracis iy uéowy tdv AB »ai TA.
’EE OmoBéoewg elvar AA=10 k., BI'=7 &k.
M N lov. “Omwg g¢aivetal &mé 10
R B SR L e yr (oy. 10) Exouev
A B I A AB4+TCA=AA—BI=10—7=3 é&x.
ExlT 2o0v. ’Eav M elvai 16 uéoov tod
AB kal N 106 péoov 100 A, Ba elvar
MN=MB+BIr4+rnN #§ MN=MB-4+INHBI (1)
’Emedn 10 &Bpoioua MB-4IN elvar Toov pé 1o fjulov 100 &Bpol-
opatog ABH4TA, dni. elval loov pé 1,5 £k, xal BI=7 £k, 0 lo6-
g (1) ylvetau MN=1,5+7=8,5 &x.

7. Emi pids evdeiag XW laufdvouey xara ceipov ra onueia A, B, T,
A, B, #ai vowadra, dore va elvac AB=2 &x., Al'=4 éx., AA=Téx. =xai
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AE=9 éx, "Ear M xai N elvat za péoa t@v BI' xai AE xai O 7o uégov Tijs
MN, va dmoldoyiodff ré AO,

’EE OmoBéoeswg elvar AB=2 &x:, Al'=4 éx,, AA=7 éx.,, AE=9 ék.
“Onwg ¢alvetal dnd 1o (o). 8) elvar

A B F A E AO=AB+BM-+MO
X S b B[ , MN
M 0 N i AO=2+—'2— +-é-~ (1)
Zy. 8 ‘YnoAovylZopev t& B, MN' Exousv

BI=AI—AB=4—2=2 &x.
MN=MI’—I—FA+AN=—32—F+FA+A2§'— @
e Bi—0 CA—AA—~ATST o3 pol AE—AE—AA—0- 72

A (2) ylveton MN=1+43+1=5 é&x.
*AvtikaBiotduey elg v lodtnta (1) & BN xal MN pé tag Tiudg
TV Kal Exousv AO0=2+41+25=5,5 &x.

8. 'Eni évos mivaxos Eyovy onusiwdi mévre onueia. IIéoas evPeiag
dpilovy Ta onueia avrd; Na yevixevoere 0 {frnua dia v onueia.

lov. "Eotw, &1L 1& onuela elvar mévte. ’And ké&Be onueiov duva-
pebax v& @épwpev, mpog T& &AAa onuela, 4 fi (5—1) edBelag. ‘Enoué.
veg &mod T& 5 onuela duvaueba va pépwpev 4X5 e0Belag. *Emsidi
Suwg k&be edBela, mod ouvdéel dlo onuela, yphoetalr dlo Qopdg
Enetal, 1L MpayUaTIKAG duvaueBa v& pépwpev (4X5):2 § 10 =0Bslag.

2ov. "Eotw, 811 ¢ onuela elval v. "Amd k&Bs onusiov duv&ueba
va ¢épwousv v—1 eibelag, ‘Emopéveg &md 1é v onuela duvépeba v
pépwpey (v—1).v edBelag. °Emedh 8puwg k&Bes =08ela, mol ouvdéel
duo onuela ypagetar dud ¢opag Emetal, 811 Mpayuatikdg duvdueba

(v—1)v

8& ¢épwpsev 5

sbBelag.

9. Aidsrar Eva ebBdygappor tufjpa AB, va onueiov T xeluevov perakd
@y A xai B xai &va onueiov O éni tijs mpoentdosws s BA. *Eav prawgi-
Sopusy, 6ze OA=S8 éx., OB=32 &x. xai 6w 6 T'A elvar 6 zpizov rov I'B, »a
vwodoyisdy o OI.

’EE OmobBéoewg elvar OA—8 &k, OB=32 é&x. xkal [B=3lA.
“Onwg palvetal Gnod 10 (oy. 9) B&

o & B__ elvat
o E AB=0B—0A=32—8=24 éix.
=x. 9 ’Eniong elval

Or=0A+4AT #f OIr=8+4Arl (1)
‘Ynoloylfouev 16 Al Eyopev

ATHIB=AB fi AT+4+3AI=24 f§i 4AT=24, &pa Al=6"
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‘AvtikaBiot@duey elg v (1) 10 Al pg v Ttufv tov 6 kal Exouew
Or=8+46=14 éx.

10. *Emi ‘pids edBelas AauPdvouey xare ceipdv rolo onueia A, B, T
xal rowadra, dore 74 elvar AB=10 éx. xai B['=6 éx. "Eav M, N, P elvau 7é
péoa Ty sbduyp. Tuyudrwy AB, AT, BT, »a dmodeydf, 6z ra rufuara
MN »xai AP &ovv 76 adzd uéoov. Na tmoloyiodfj 7 dndoracs to¥ anueiov
adrod dmé To onusiov A,

’EE OmoBéoews elvar AB=10 £x,, BI'=6 £k. Emeidn 10 M elvan
T0 péoov 100 AB, B& elvar AM=MB=5 ék. ’Emiong elvat

Ar=AB-+Bl=10+6=16 ék. M N p
kal &medh 16 N elval 16 péoov —_—————— e —— ==
100 Al 8& elvar AN=NI=8 ék.’ A o B r
&pa Ba elvar Zy. 10

MN=AN—AM=8—5=3 éx.

Eme1dn 10 P elvar 16 péoov 1ol BN, 8& elvar BP=PIr=3 ék.
*Eav Omobéowpey, 1L 10 peéoov 100 MN elvan 16 onuelov O B elvan

AO=AM-+MO=541,5=6,5 k.

’Enlong Eyxousv AP=AB-+BP==10+43=13 éx.

Mapatnpolpev, 1L 10 AP eivar dimidoiov 1ol AO, &pax 10 O
elval 16 péoov tob AP.

Ebpfikauey, 81t i anéotaoig 100 O &md 100 A elvan {on ue

AO=65 x.

11. *Eri puds evdelas XV AapPivousy e onueia A, O, B, Eav OA=a
xal OB=, dmov a > f, va tmwoloyiodfj 6 uijros roi edduyp. tufparos AB
xai 7 drwdoracic zol onueiov O dmd vé wéoov M zod AB. Na éstacoiw
dvo meguwddoses, na® Soov vo O Siv xeitar perakd tdv A xal B § xeira
ueraly @y A xai B,

lov. ‘YmoBétopev, &1L 10 O ebploketal £xtdg To0 Tufuatog AB
(ox. 11). ’E€ GmoBéoewg elvar OA=a, OB=RA. “Onwg paivetal &nd 10

M oXfjuax EXOUEV:
X GEt W BA=0OA—OB=a—B
@) B A ’Enlong éxousv OM=0A—MA
=x. 11 kat OM=O0B+BM. TIpooBétovteg

1&g 06T adT&G Katd MéAn Kal
Eyovteg OT Sy, 811 MA =MB AapB&vouev

2.0M=OA+OB # 2-OM=a+B, &pa MO= “25.

20v. "YmoBétopey, 811 16 O keltar petald 1dv A xai B (oy. 12).
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’Emedfy a> B, 10 O mAnoi&lel me-

Sl e S W ploobTEPOY TMPOg TO B.
A ® B *Eyouev AB==AO+4+OB=a+B.
=x. 12 ’Eniong £xousv  OM=0A—AM

kai OM=MB—OB. T[lpogBétousy
1 do Teheutalag lodTnTag katd PéAN kal Exouev
20M=0A—AM-+MB—OB (1)
Enetdh AM=MB 1 lodtng (1) yp&oetal

20M=0A—0OB=a-B, &pa OM=

a—B
s
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EMIMNMEAOMETPIA

BIBAION TPQTON
H EYOEIA KAl Al TQNIAI

KEDAAAION A"
FQNIAI
12. Na tpamodv gis Pfaduots af xdrwde ywviac:
15°, 220307, 60°, 135° 19°30".
lov., Ago0 ai 90° looduvapolv peé 100 Pabuolg, ol 15° B&

looduvauolv pt ﬁ%%cl—lj’-:'ls,ﬁﬁ BaBuolg.
20v. AL 22°30° f§ 22 liocoduvauolv ué %:25 BaBu.
3ov. Al 60° looduvauobv pé l[—}pgléép— = 66,66 Babp.
4ov. Al 135° looduvapolv pi @3‘0}35‘ =150 Babu.

Sov. Al 12030 f 12°5 looBuvayioby ué %33 — 13,888 BaBu.

13, Na tpamoiiv sis polpas ai xdrwde yowviar.

50v, 830v, 45v, 135v, 3478v.

lov. *A¢o0 ol 100 BaBuol looduvapoly pe 90°

b e A O aRU et

ol 50 BaBuol Bér looduvapodv ug 1 I =45%

20v. Ol 30 BaBu. looduvauodv pé ;’(J]%?q— —=i2%

3ov. Ol 45 BaBu. looduvauolv pe —9%>0<()4—5::40° 307
4oy, O 135 Bodi taoBovailoBy (it % — 1210 30.

A : 34,78 e

50v. Ol 34,78 BaBy. looduvapoly pe 90—>§-0%7— =310 187 2
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14. Na vmodoyiodfj 16 ddgotoua xal 19 dapopa tdv ywvidy :
A=84°27"35", B=47°52" 48",
Toé &Bpoloua 1&V yovidv A kal B elval
A+B=84° 27’ 35" 1-47° 52’ 48"'=132° 20" 23".
‘H Siagpopa t@v yYovidv A kal B elval
A—B=(84° 27 35")—(47° 52" 48")=36° 34 47",

A" 'Opds. 15. Na vmoloyiododv 7 cvpmdnowpatixi xal f mwapamin-
pwuatixy ywvie tic ywvias 48°54" 12", ’

‘H ovpnAnpoupatikl g elval  90°—(48° 54' 127)

i (89° 59 60)—(48° 54" 12'")=41° 5" 48".
‘H napanAnpopatiky tng elvar - 180°—(48° 54 12")
fi (179° 59 60)—(48° 54" 12"")=131° 5" 48".

16. Mio ywvie eivar lon us %, tijs éodijs xal pla Ay ion ué %/; vis
dgdijs. Na dmodoyiodfj 1 magamingwuating ywvia: lov. ot adpolouparos
@y b0 ywvidy' xal Z2ov, tijs diagopds Twv,

Td &Bpolopa 10V ywvidv slvat

3 3 6 3 9 1
e e R i L R R
TR R R T R
g , 3 Shan b g Sne 3
H dlagop& tv elval s Ao 5 =5 bp8.
lov. ‘H mapaninpwpatiky 100 &bpolopatog tdv yovidv slval
9 _16—9 7
20v. ‘H mapaninpepatiky 1fic diagopds twv elval
: 3 .. 4628 13

17. Aidovrer ai ywviar a=T5° B=135°, y=40°24"30"", §=124°2’ 48",
lov. Na vmodoyiodoiy ai cvumdnowpatinai tdv yovidy o xai y. 2ov. Na
dwodoyioBoty of mapamdnowparixal TGy yorvidy B xal 8. Sov) Né& dmolo-
yiod¥ 76 dBgotoua at-BHy+8  xalf dagoge  d—y.

lov. ‘H ovumAnpouatiky g yoviag a elvat

: 90°—a=90°—75"=15°,
‘H ovunAnpwpatiki g yoviag y elval
90°—(40° 24" 30°) fi (89° 59 60")—(40° 24’ 30”)=49° 35 30",
20v. ‘H nmapaninpouaTtiky tfig B elval
180°— B=180°—135=45°.
‘H moapaminpopatiksy tf¢ & elval
180°—(124° 2" 48") # (179° 59’ 60"")—(124° 2 48'")=55° 57" 12"

3ov. "Exopev =72
B=—135¢ 5=124" 2'48°
y= 40° 24" 3¢’ y= 40° 24’ 30"
5=124" 2'48" d—y=83° 38" 18"

o+B+y+5=374° 27' 18"
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18. Aidovrar ai ywvias A=17°13" 47" xai B=53°10'25". Na& dmoldoyi-
odyj : lov. T ddgotoud rwy. 2ov. ‘H diagpopd twr. Sov. "H mapaminpwua-
Tuxt) voU dfgoloparés twr. dov. ‘H ovumwdnpwuaring tijs Siapopds zwv.

lov. A+B=(17° 13" 47")4-(53° 10" 25")=70" 24" 12".
20v. B—A=(53° 10’ 25")—(17° 13’ 47")=35° 56" 38".
3ov. ‘H mapaninpopatiki 100 &bpolouatog A+B slval
180"—(A4-B)=(179° 59" 60"")—(70° 24’ 12")=109° 35" 48",
4ov. ‘H ovunAnpouatiky Mg diapopdc B—A =lvar
90°—(B—A)=(89° 59" 60"")—(35° 56" 38")=54° 3’ 22"

B'. ‘Oudgs. 19. Mia ywvia eivar dindacla tiic mapaminpwpatixis T1s.
Iéowy potpdy slvar €xdorn ywvia;

"Av X elvar ) pla yeovia, fj &AAn 8& elvan 2y.

Emedn ol dVo yovial elval maparinpopatikal, 6a elval

£T2x=180° § 3yx=180°, &pa x=60°.

“Qote al yoviat elvar 1200 xai 60°.

20. Mia yowvia elvar 76 zplrov tijs cvuminpwuarixis tns. Ipds wéca
uépn ijs dedis icopzrar 7 ywvie avry; Héowy poigdy elval §j ywvia adedf;

‘Edav mapaotmioouey ué 3y v peyaiutépay yoviav, i Likpotépa.
6 elval ¥. ’Emedn al yovial adtal elvar oupnAnpouatikai, 8& elval

3x+x=90° f| 4x=90°, &pa X=22°30.

“Qote §) {ntovuévn yovix slvar 22°30'.

21. “H Siagpopa dvo mapaminowuarindy ywvidy civar 96°. Hécwy pot-
edv sivar £xdoty ywvia ;

"Egtwoav ¥ xal ¢ ol {nrodpevar yovial. ‘Enedy ol yoviar
avtal elval mapanAnpopatikai, 8& elval x+wp=180° (1).

Katd 16 mpofinua elvar kol X—p= 96" @

IMpooBétouev 1a¢ (1) xal (2) katd péAn xal Eyxouev

2x=276°, &pa y¥=138°, émdte Y=180°—138°=42".

22. 'H diegoga dVo cvuminpwuatixdy yovidy elvar 1, tijs dod1js yw--
viag., ITpés mdoa uépn tis dpPijs looitar éxdory ywvia ;

*Eotwoav ¥ kal ¢ al Intolpeval yovial. ‘Enedl al yovia
elval ouumAnpopatikal 8& elvar  x+w= 1 &pb. (1).

Kata 16 mpdfAnua elval kal x—tp:-%— 6pB. (2).
MpooBétopev tag (1) kal (2) xatd péAn xal Exousv
2)(:]«}- i 2x= -?—, &pa x=% dp.
‘H &AAn yovia ¢ Ba elvan 3/; dpbiic.
28 Alderar pia ywvia AOB fon pé 43°17° 24", *Ard 6 onueiov O é-
eouey iy Guievdeiav O xdderor &mi iy OA xai xeuévyy mpos to uégos-

z7is OB nai Eneiva iy Huicvdeior OA xdderov éni iy OB xal xewusynr-
7eos To mépos tijs OA. Na vmolopiodf 5 ywwia T'OA.
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“Omnog gaivetar &md 10 oXfua 13 slval

AN\ N P
roA =TOA 4+ AO0A (1)
Enedsy /) OF elvar k&Betoc &mi thv OA
f yovia TOA B& slval 90°.
Emeidn f) OA elval x&Betog £&ni thv OB,
f yovia AOA elval cuumAnpouatikl TAC yer
viag a Bnl elval

o sl ey
4
“ n

b w

A AOA=90°—a=90°~—43“ 17" 24" =46" 42’ 36"
‘AviikaBiotduev elg v lodtnta (1) tdg
Zx. 13 yoviag FOA kal AOA ug tdg Tinde TV Kal
Exopev

I'aA =90"4-46° 42" 36" =136° 42" 36"

A’ Ouds, 24. *Ané &va onueiov O uids evdeiagc AB pépousy, s
o adrd pépos tijs evdelag adzilg, dvo juievdeias O xai OA otizws, dore
af oynuatiiéuevar ywviar AOT, TOA, AOB & elvar icar. Na dazodoyiodi
76 uérgov éxdorns ywwiag: lov. Eis uolgas. 2ov, Eis Paduovs. Sov. Eig
négrn SoBis.

Al oxnuotlépeval 1pels yoviaw AOT, FOA, AOB £€youv &Bpot-
oux  180°, §§ 200v i 2 pB. Emeidny &2 xal al tpeic yovial elvat
loar Emetan, 811 kabepla &md adtdg elvan {on p& 60° i 200/3 Ba-
Buoblg f| 2/3 6p9nq

25. "Ano Eva onusiov O pépopey 7 Huevdeias, af Smoiu oxnuazi-
Covy, perakd rwv, diadoyixds ywrins loas. Na vrodopiodij 6 uérpov xd-
otns ywvias: lov. Els poipas. 2ov. Eis faduods. 3ov. Eis uéon Sp s,

Al oxnuatiéuevar 8 yavial Eyouv &dpolopa 3600 i 400 Ba-
Buolg fi 4 6pB. *Enedn 52 elvar loat uetafd tov Enetot, 811 k&Be pla
elval Ton ué 360/8=45° #{ pé 400/8=50 Badu. fi ng 4/8=1/2 dpbfic.

‘Ouds B'. 26, Tocls fuievdetar OA, OB, OI' dyorrac dmo té adro on-
uetov Q. *Eav elvac yov. AOB:%O‘Q@&'; xal yov. BO['=98" 12’ 48", »a
vrwoloyiodfj v6 pérpow tijs ywvias TOA sis molpas. Na décracdoiv ddo wme-
oiTdhosis oyfuatos.

lov. ’Ev mpdTolg elvar ywv. AOB=3/4 &p.=67°30".

’Emedn al duadoyikal yovial, ol
omoior Exouv xopuenv 1 O (oy. l4a)
Exouv &Bpoloua 360°, B& =lval

AOr=360—(a+-B) (1)
*Enedn
a-PB=67° 30'1-98° 12’ 48"'—=165° 42 48° 2
M (1) yp&oetal o Zx. 14 B

ABF:3600—065“ 42" 48")=194° 17" 12"
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2ov. ’Eav al yoviat AOB kai BOT 52v slvan 2¢eEfic (ox. 14B) to1e
fa elva

ywv. AO=ywv. BOr—ywv. AOB=98°" 12" 48" —67° 30"'=30° 42’ 48".
27. Aiderar pia ywvie AOB=35°46"28" xai ula Hucevdeia OT, 7

dmwola dév  meitar évrds ths ywvias AOB xai totadry, dore va elvas

yov. AOT=yav. BOI'. Na dmwoloyiedj 16 pérgov +ijs ywviag AOL.

. 'E€ OmobBéoewg elvar (oX. 14a) yov. AOB=ywv. a=35 46’ 28"
xatl ywv. BOM=ywv. AO[, dnA. yov. B=yov. p.

*Emedn al mepl 10 O yoviat a, B, B Exouv &Bpotopa 360°, al
0o loat yovial B kal B’ 8& elvar
360°—a f 360°—35° 46" 287-=324° 13’ 32"" &pa f ula B elvar 162°6° 467,

28. Amd &va onueiov O pépopev zds Huievdeias OA, OB, OT, OA.
*Edv 4 ywvia BOT' elvar o849 xal ai yoviae AOB xai T'OA cvuminewua-
xai, 7 yoaupus elvar § AOA ; Kai wds ovveavrdvrar af OA xai OA, v ai
yoviar AOB xal T'OA slvar mapaminpwparixai ;

lov. ’E€ OmoBéoswg elval (oy. 15)
e=1 4pBn kal v+w=1 dpBA.

[TIpooBétovteg tag lodtntag adtdg kKaT& L
HEAN AcuP&VOUEV
ovtwo=2 8p8. §i (p+vI+w=2 pb. ot
i yov. AOl+yov. TOA=2 &ph.
’Enedn al 2¢pe€iig yoviar AOI kai TOA Zx. 15

elval mapanAnpopatikai, of ui kowal mAsu-
pal twv OA kal OA kelvtal &’ e0Belac. “Qorte i AOA elvar edbela.
2o0v. ’EE OmoBéoew elval (oy. 16)
9==1d6pb. kal v+w=2 dpb.

[MpooBétovteg 1dg lodtnTog adTEG KAtk HEAN
Aoupévopsy o+v+w=3 dph.

’Emed? Suwg ol mepl 0 O yoviat v, ¢, @, ©
Eyouv &Bpoloua 4  bpBAc, Enetat, &1L ) yovia o
elval Ton pg 1 dpBiv. Enedh | yovla o elvar pbY
=y.-16 Enetal, 81t ol mAevpal g OA xal OA  téuvovrtat

kaBétwg.

A’ “Opds. 29, Na édmodeiy®fj, v ai Siyorduor dbo dpekiis pwvidy
oxnuazilovy yoviav, % dmoia elvar lon pé 6 Huddgoioua Tév doder-
oy ywwidy. Epaguoyh: Na& dmodoyiodi # ywvia wév diyordmew:
lov. "Av ai SoBeloar ywviae slvar 68° xai 45°. 2ov. "Aw ai Sodeioar yoviot
slvar ovpminowparixal,

"Ectwoav  al 2¢e€fic yoviar AOB xal BOT kal OA, OFE al
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Bixotéuol twv &vtiotolywe. B delfwuey,
811 yov. AOE:%(ymv. AOB-+vywv. BOT).

’EE Omobéoszwg elvat

yov. AOB= % yov. AOB (1) Kot

ywv. BOE= —;-— yaov. BOT (2).
MpooBétovieg tag lobtntag (1) xal (2) katd péin Exouev:
yov. AOB+ywv.. BOE:-%- yov. AOB+ - Yov. BOI

Zy. 17

fi you. AOE—_-%(ym AOB-Lywy. BOT).
‘Eg@appoyd. lov. ‘H yovia tdv diyotduwyv elvar lon upé
2 (68-457)=56° 30",

2o0v. ‘H yovia t1dv dixotdpwv elval ton pE 1o Huwou tdv 90°,
dnA. pg 45°,

B30, N& deexBij, e 4 diyotduos mids ywvias TIQOEXTELVOUEYY TTEOS TS
#Egos Tijs xogupdis elvar iyorduos ths xard xopuERY ywviav 16,

AdtL yvwpllopev (§ 68), 811 al Biyotduot TV KaTd KOPUGHV Y-
vidv kelvtal &’ e00slac.

31. No diarvmwwdf xal va Grodeiydf ©o drziorpopor Toi Pewprfuaros
s § 67. =

E&v al Buiyotéuol doo 29effic yowndv elvar ké&detor, al yoviar
elval mapamAnpwpatikal,

"Eotwoav al £9e&fic yoviar AOI kal OB kal OA, OE al Biyo-
TéHOoL TV,

Emedf) ai OA xai OE elvat k&Betol Eme- A E
tat, 8T ) yovia AOE elval Spln, flrot elvar ‘\ o
P A -~
AOE=1 8pb. i v+ow=1 4pb. (1) e "
[MoAAanAaow&ousv kal t& dOo péAn tig A 0 ¥

lodtntog (1) &ni 2 xal E€youev

2v+20=2 8p8. § AOr+TOB=2 8pfal.
“Qote ol yoviar AOT kai FOB elval TAPATANPpwHaTikal.

B’ “Opds. 32. Aidovrar dio Zpekiic ywviae AOB xai BOT xai OM %
diyordpos zijs ywvias AOB' va dmodey i,

syx. 18

~  KOr—Bor FOA+TOB
! d Py
AOM— AOT—BOI' _Q;_;‘_Ii

3 e TOM=
lov. "Omwg paivetal and 16 oxfuc Exopney
AN ) AN ~~ N N
AOB=A0OIr—BOI' i 2 AOM=AOI—BOT.
N N
Aor—BOT
2

Py
&pa AOM=yowv.
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20v Exousv
l'OM AOI" AOM xal TOM= BOI‘+BOM
TlpooBétovteg 1&g lodtnTag adtég katd péAn kai Exovieg O SYel, 8L
yov. AOM=ywv. BOM AauB&vousv

P ay
2rOM=AOTr+BOr # FOM= ﬂ;—&

33. 'Ano Eva onueiov O pégouey tas Huevdeing OA, OB, OT, ofrws
ote al oynuaztibduevar reeis diadoyixal ywviarva elvar ivar, Na amodeydy,
Ote wdde pla dmd ras Huievdelus adrdg, dv mpoextadij mpds ©é wépos g
xoguefis diyoroudi Ty ywviay td@v dvo dAlwmy Husvdeidy.

“Eotwoav AOB, BOT kai I'OA «l tpeig
oynuangoueval loat yovial B
TMpoektelvouev v OI mpdg 16 pépog Thg KO-
pLofig, dmdte f yovia AOB xmp[ﬁetm elg 'rocq

v
yoviag o kal @', B& delfwusey, §11 m—co [ Tn‘--' A
Emedh ) TOA elvar edbela B& elvan
v+0=26p6. kal Vv'+w'=2 dpb. A
*Apa v+m*v +o" xkal Zn=dh v=v' B&
elvat o=w’'* BnA. f| FOA elvar Buyotbuog THg Sy. 20

yoviag AOB.

34. Na deqydjj, 8zt % diyorduos OT muds ywvias AOB oypuazite: né

piay Juisvdsior OM, 7 dmoia xelzar éxvds 7 évrds tijs yovias AOB, uiav

yoviay logy pé 6 Huddgotoua % pé hy Huidiapopdy Ty yovidy, Tdg

dmolas oynuazile. 5 fuievdeia OM pd fxdoryy tdv mdevpdy Tijs povias AOB,

lov. "Eotw, 81t i OM keltar 2k1dg Tiig yo-

A AOM+EOM

viag AOB. B4 delfwpev 81t TOM= > >
“Onwg ¢alvetal &nd 16 oxfiua Exousv

N P N Py AN -~
F'OM=w'4+BOM xai TOM=AOM—o.
MpooBitovieg tag lodtntag adtdg katd péAn
AN P Ea Py S
Aaupbavouev 2IOM=w'+BOM+AOM—aw (1).
Enatdn al yoviat o xal o eivar Toat, didtc § OF elvae Bixoto-
#og tfig yoviag AOB, fj lodtng (1) yivetan

Zx. 21

P e
2FOM=BOMJ-AOM, &p«x rb\M:W-

20v. "Eot, 81t § OM xeltal 2v1dg tfig ywviag AOB. B& Belfeo-
AOM—BOM_
2
“Onwg paxlvetal &nd 106 oxfua 22 gxouev
P s P AN N\
F'OM=AOM—® kal 'OM=IOB—BOM.
MpooBétovteg tag lodTnTag adTdg katd wéAn Exouev
N Py -~ N AN
2 TOM=A0OM—w+TOB—BOM (2).

N
usy, 611 - FrOM =
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Enedn al yovior @ kat FTOB elvan oot 2€ OmoBéoswg, f lod-

g (2) yp&oetan o
P N Py Py L
2TOM=A0OM—BOM, d&pa OM= QQ%@

35. Aiderar pia 6Py ywvia xOy. "Eav % Ox elvac Siyorduos upids
ywviag AOB xai Oy elvar diyorduos muds yowviag TOA »a dmodeiydf, &re
ai ywviar AOT' xai BOA eivar wapamdnowuarinal,

‘E€ Omobioswg ol yoviat @ xal o slval

{oat. "Ouolwg elvar foar kal al yovia v.
Ba elval Aowmodv

AN Py pe
AOr=2w-+BOTI (1)

Pa P N
BOA=BOT+2v 2)

MpooBetovieg 1&g lodtnTag adtdg xatdk
MEAN EYOMEV
) AN N N Py N A AN\
AOr+BOA=2w-+42 BOI+2v=2 (w+BOI+v) 3)
5 N -~
Eneldn @+BOIr+v=x0y=1 &pb. | lodtng (3} ylverar
N N
AOlr+-BOA=2.1 4p8.=2 dpBai.
“Qote alyoviat AOr kal FOA elvar mapaninpouatikal,
36. ddo ywviai, af Smoiar Eyouv xowny xopueRy xai uiev xotvfv
mtlevgay xal div elvar épefils, Exovv drapogar 90°. Na Seydf, St 5 ywvia
@y Sigorduwy TAY yavidy adrdv slvar lon pué 45°,
*Eotwoav al yoviat AOB kai AOT, ai édmolat Exouv Kolvnv
v mhevpav OA, 1&g 82 OB kal OI mpodg 10 adtd pépog tfic OA kal
A
totabtal, dote A/(SB—AOFZQO".
“Eotw OA §) diuxotduog 1fic yoviag AOB
kai OE #) dixotdpog 11ig yoviag AOI. O& d=l-
Ewuev, 811 | yovia EOA elvan 45°.

Emedn ) OA elvau dixotéuog 1fig yaviag
AOB Eyopev

AOCA= % AOB ) Sx. 24

’cnlong Emedn f OE elvar dixotéduog tiic ywviag AOI elvat
~ 1 P
AOF= o AOT (2)
*Agaipoluev 1&g lodtntag (1) xal (2) katd péin kai Eyousv
Py AN 1 Py gl s —~ 1 Py ~
« AOA—AQE= > AOB— = AOl fi EOA= > (AOB—AOQON (1)
"Emeidh € OmoBéoewg elvar AOB—AOIM=90°

i lodtng (3) yiveta E’G:.\:qs“.
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37. Aiderar pia yovie AOB. '’ Ans iy xogupny O pégouey 1Hv Hui-
evdeiar OA' xdderor émi iy QA xal netpéyny steds 6 uégos tijic OB xal
énewra Ty fuevdeiar OB’ xdderov éni tiy OB xai netpévyy sTeds 1o mé-
eos zijs OA'. Na émodeydf, 6tv ai ywviar AOB xal A OB’ elvar foar ol
ai diyorduot Twy xdderor,

‘EE Omobéoswg elvar  ywv. AOA'=ywv. BOB'=1 &pbn.

lov. Al yovliat AOB xal A'OB’ elvai toal, Bt g€youv TV adIRV
guUTANpOUaTIKiY Yaviay o. )

20v. "Egzw OT 1| Bixotépog 1fig ywviag AOB
énédte al yoviat @ elval foar kal O’ diyo-
1éuog tfig ywviag A'OB, ométe al yovia v
elvar Toat.

‘Emeidh al yoviat AOB kai A'OB’ elval
Toai, g 2dsiytn dvetépw 0 elval Toal kal al
yoviat © kal v.

Ba elval Aotnov

2N AN AN AN N AN AN AN N N -~
For'=eto+v i roOMr=o+to+o=2w+o0=A0A'=1 dp6.
""Qote al Bixotéuol OT xal O elvar k&BsTol petadd T

b2 ]

38. Aidstar pla ywvia AOB. *Ams. ziw xopvehv O @éoouer v OA
xaderov émi ty OA xal newpévyv mpds ©é pégos wijs OB xai &meira L
qpussvdeiav OB’ xdderov émi vy OB xai xewpévyy mpds o uégos s OA.
Né Seiydfj, 67¢ af yorvide AOB xai A’OB’ &xovy Ty adriy Siyorduev xal
Ot ai yoviar adral slvar mapaninemuarixal.

lov. "Eotw OF 1 duyotépog Tig ywviag AOB.

i 5/ ‘Enopéveg al yoviar o elval loat
LS ‘,E’ Emedn f yovie AOA’ elval 6pf, Er kata-
‘g’& A okeufig, B elval 20+v=1 dphM (.
R s ‘Ouolwg &nedh # yovia BOB' elvor 8p8f; B
8 elvat 204+A0B'=1 808 (2
Sx. 26 'Amd 1dg lodtnTtag (1) kal (2) ouvayouey, 81t

204+v=20-4A0B’ f§ v=AOB"’, éné1e ral A‘Or—=IOB,,
“Qote 1) OF elvat dixotduog kal 1fig yav. A'OB".

-\
20v. *Exouev ABB:ZCD kal  A’OB'=2w+2v.
MpooBétovieg tag todtntag adtdg katd uéAn Exouey
A N i e AN AN
AOB-+A'OB'=do+2v=2(20+V) )
 Kat &neidy 2m+v=A8A’=‘l 6pB. 1 mponyouuévn lodtng yivetar

_ AOB+A'OB":=2 &p6.
“Qote al yoviar AOB xai A'OB’ elval mapaninpouatixkal.
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-KEQAAAION B
KABETOI KAI MAATIAl TIPOE EYOEIAN

39, IIdoas diaywriovs Svvipeda va péowuey: Ilov. Eis &va OxzTdyc-
vov; 2ov. Eis éva molvywvov ué v mleveds ;

’And k&Be xopughy moAUydvou, uE vV Kkopugkg, BuvdueBa v
#ipousv v—3 Bduaxywvloug Emouiveg dnd Tag v KopugA&s tou Suva
ugba v Pépwuev (v—3)-v Bdizywvioug. *Emedly Suwc al 51ayd)wot
abtal EnavaAhaupavovial &md 2 gopdg Emetal, 8TL T MPAYUATIKOV

(v—3).v
=

nAfifog 1dv daywvieov slval "Qote &v mMapaoTiowuev pi

A 16 mAfifog &V Blaywviev Tou 6& Exousy A= =3

’Edv 10 moAlywvov elval dkt&ywvov, al diayiviol tov A 8& elvat

(8—3) &
A=——rn—=20.
> 0.
40. Héoas whevgas Exer 76 moldywvov, ©d dmoiov Eyer 14 duaywviovs ;
54 diaywriovs;

Eav  elg tov tOmMoOV A=—“—E3E~ Béowuevy A=14 Aaup&-
vouev 14=—“’—_23l i 28=v"—3v f§ v —3v—28=0.

Al plfan tfig devtepoBabulov adthig Elodoeng elvar v=7 kal v=—4d.

Mévov# Bstikf Tiph 100 v elval mapadekth’ fi &pvnTiky Tipd Tob
v &mokAeietal. ‘Emopéveg 16 mohlywvov EXel 7 kopugpdg, BnA. slvat
EnTaywvov.

v—3)v
2

‘Ouolwg Eyousv 54 = fi 108=v*—3v # v?—3v—108=0.

Al plfat tfig EEloboewg adThg elvar v=12 kal v=—9 (&mokieletal).
“"Apax 10 dwdek&ywvov Exel 54 daywviouc.

41. "H megipergos &vds »vgrod molvydvov elvar pixporépa &md iy
Tepipergov xddhe molvydvou, xvprod # ufp xvprod, vd dmoioy mwepifalier o
JpdiToy.

"Eotw 16 kupTdV MToAOYwvov ABIAE
(ox. 27), 16 &molov mepiB&AAeTal &nd 16
ufh kupTdV moAbywvov ZHOIK. B delfw-
Hev, 8t

AB+4BIr+4+TA+4AE+EA <ZH+He-+8I14
“+IK+KZ.

MNpoextelvopey plav tuyxoloav mAsu-
pav 1ol moAuybvou ABIAE, ot thv
AE xal E0twoav A kal M t& onuelx elg
& énola i AE ovvavt@ tv meplustpov

2N 2T 100 meptB&AAOVTOg TOAUYGOVOU.

‘Emedn f) xupth tebhaopévn ypauuh ABIAE nepB&AAetal dmd
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Kdaderow xal mhdyion modc eddeiov 17

v teBhaopévnv ypauully AAHOME «kal Eyxet pg adtiv 1¢ adTd
dikpa A, E, 8& elvad (§ 75) wikpotépa adtiic, itol B& slval
AB+BIr+rA+4AE CAAH+AH+HO+OM4EME (1)
‘Ouolwg &nedh § AAEM elvan e08ela, # 8¢ AZKIM slval teBla-
-ouévn kal Exouv & adta &kpa A kal M, B& elva
AA4-AEHEM <MIFIK+KZ4ZA (2)
MpooBétouev tag dvicdmrag (1) kal (2) katd péAn xal Exouev
AB+BIr4+rA4+AE+AA+AE+HEM <AA+AH+HO+BOMAME-+MI+
+IK+KZ+ZA.
‘Apaipoluev kal &dmd 1& dlo péAn tiig &vigdntog adtic T& AA
Kal EM, 1& énola elval xowvé, kol Eyouev
AB+BIr+I'A4+AE4+AE <AH+HO+OMAMIHIKHKZH4ZA (3)
’Eav mapatnpricwusy, 811
ZA+AH=ZH «xal ©M+MI=0I
] Gviobdtng (3) yp&koetal
AB+4BIr4+TrA+AE4AE <ZH4+HO-+OI1+IK+KZ

Kdaderor »al mwhayiar wpog evdeiav

41, diderar 4 6B ywvia xOy: éni vis mhevpds Ox AauPdvousy ddo
onueta A xal A' xal zowaiza, dore OA {OA’ xal éni tijs mievods Oy za
onueia B xal B' xai zotadra, dore va elvar OB OB'. Pégousr ras eddeiag
AB xai A'B’. Na amodecydjj, 5tc AB {A'B'.

®épopev v edBelav BA’. ’EE Omobéoewg

€lvar OA €OA'' &pa ol mA&yiar BA kai BA’ y
mpdg v Ox elvar &vicol kal 6& elval ;
BA <BA’ ) B
*Emnlong al A'B kal A’'B® elvat mAd&ylat mpdg 8
v Oy kai &nedly elvar OB {OB’, 8& elvar &
A'B<LA'B’ (2. 5] AR X
Amd 1&g dwviodnTag (1) kal (2) ouvéayou: ., 81 =y. 28

BA {BA’<{A'B’, &pa BA <A'B".

42, "Ané &a onueiov O, ré Smoiow. xeitar Sxvas meds eddelas xy @é-
oouey iy xdderor QA mpds tHy xy xal dvo dvigovs mlayias OB xai OT.
“Eav slvar OL'> OB va dwodeiydfj, 67 Ba elvar xal yov. AOTD yov. AOB.

‘YmoBétouev mpdtov, 87Tl al mA&ywar OB
kal O kelvtar mpog 10 adtd Hépog Tiig Kabé-
tou OA. Eneidn £ OmnoBéoswg elvar OI> OB
0& elval kal Al> AB. To cmustov B xeitau
Aowmov petald t@v A kal T kal éﬂouévcag N
yovia AOT 8& elval peyaodutépa tfig yov. AOB.

"Eotw 10pa, 11 al mA&ylal OB’«xai OT"
kelvtal Ekatépwbev 1fig kaBétouv OA. ’Eml tfig

2
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18 Totywva

AT’ AauPévopev tpfiua AB'=AB kal ¢épopev thv OB'. *Amobeikvio-
pev duolwg, 81t yov. AOI> yov. AOB'.

'ANAG Enedh yov, AOB'=ywv. AOB, % mponyouuévn &viodne
yivetau ywv. AOT'> yov. AOB.

KEGAAAION I
TP LG NA
Toivove

A. ‘Opds. 43. Abo mhevgai évédg zotydvov slvar 16 pérpa xai 9 pérpe’
Merabi woicov riudv dbvara: va perafillerar to uijxog tijs Toitys mAsvpds rov;

Fvwpllopev, 8T k&Bes mAsupd TpLydvou elvar uikpotépa 100
&Bpolopatog t@v B0o0 &A@V kal peyalutépa thg dlagopdc Twv.

Té &bpoloua t@v dYo mhevpdv elvar 16 p. +9 u.=25u. °‘H dia-
Pop& twv elval 16w —9u.=7u

"Qaote f) 1pltn MAevpd mpémel vé& elval peyadutépa THV 7 péTpwv
xal uikpotépa TGV 25 BETPGV.

44, No Seixdifj, 67 0 dPgowope @y Saywviny rerpamdedpov slvar
peyalitegoy ot ddfgoioparos tdv dio dmévavri mdevpdv Tov.

*Eotw 10 tetpamAsupov ABIA kai AN, BA al
2 Biaydviol Tou. O del€wuey, 8T1: AT+BA> AB+TA.

& Emeidn ¥ pla mhevpd tprydvou elval pikpotépa ol
&Bpolopatog 1@V dVo &AAwv, B& Exouev &md 1o
= tplywvov OAB AB<OA + OB (3)
o ‘Ouolwg &nd 16 tplywvov OrA Exouev
Y. 30 ra<or+oaA (2)
MpoagBétouev tag dviodntag (1) kal (2) katd wéin
kal Exopev: AB+TA<OA+ OB+ 0r4+0Aa (3)
Emeidh OA-4-Or=Al sxkal OB+OA=BI, # d&vwgdétng (3) yp&-
PeTa AB+TA<ATHBA fi AT4+BA> ABTA,

45. "Eni ©fjs slevpds BT &vos toiyddvov ABI laufdvouey zuyéy on-
petov A pégouey 6 e0OVypp. tufjue AA. Na drodecydfi: lov v ©o AA shvac

B iz
pexgoTegoy Tijs Huimegiuéroon Tod Ttoiydvov xai 2ov Gti AAD A———]%‘—-—]}—F—
Elg 10 tplywvov AAB # mheupdk AA elval ui-
Kpotépa 100 &Bpolopatog kal peyahvtépa 1fig dia- 2

popdc TAV do &AAwv, fitor elvat

AA < AB4+BA (1), AAD>DAB—BA (2

‘Opolwg &nd 1o tplywvov AAT Eyousv
AA GATHAT  (3), AAD AT — AT (4 B 4

lov. MpooBétouev 1&g dvigdtntag (1) xal (3)
Kat& WEAN xal Eyxopev

r

=y. 31
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Tolywva 19

2AA <AB+BAJFATLAT  f  2AA CAB+HAT-HBA-4AD)
A 2AA CABAT+Br AA(L"}”';Fﬂ

2ov. MpooBétopev 1&g &viodtntag (2) kal (4) katd uéAn xal £xouev
2AA> AB—BA+HAT—AT i
2AA > ABH+AT—(BA+4ATN) i 2AA> AB+AT—BI,
Epn AL AB-H’;I'—B!"_
B’ “Ouds. 46. Na ebpedfj % roltn mdevoa évés zowyddvov, ol dmolov af
dvo didar mAsvpal elvar 4 pére. xal 9 pérpa, & yvwpilwuev, Ste H Toity
Thevpd segifyer Eva dxdoatoy dorBudy uérpwy. *Ymdoyovy moldai Adaeis ;

Mvoplfopev, 81t x&Be mhevpd TpiLydvou elval wikpotépa Tod
&Bpolopatog T&v Bbo &Ahav kai peyalutépa Thg dlapopdc Twv.

Té &Bpolopa Tdv dvo mAeupdv elvar I . +4u. =13 . ‘H dx-
popa TV elvart 9u.—4 w.=5u "Qote ) tpltn mAevp& mpémel vi
elval peyadutépa 1dv 5 p. kal pikpotépa t@v 13 u. ‘H tplty TAEUP&
dovatar Aowmdv v elvon 6 ., 7 ., 8., 9w, 10w, 11 u., 12 4.

47. Na dmodeydj, 6t 1 mepiusrgos &vés nvprod rerpamdedgov megi-
Aapfdverar psrad rot ddgoloparos tdv Siaywrioy Tov xal rov diwdaciov Tob
aPooloparos avrdr,

"Eotw Eva tetpémAevpov ABTA kal AT, BA al
Blaywviol tov. B& delwusv, 8T

Ar+BA<AB+ BIr+rA+ AA C2(AT + BA)
MNopilopev, 8Tt pla mAevpa tprydvou elval pikpo-
1épa 100 &Bpolopatog 1dv dbo &AAwv &pa

dnd 10 tplywvov BAT Exopev AT <AB 4 BI' (1)

» » > AAT > Ar<AA4 AT (2

> s > ABA - 3 BA<AB+AA (3)

> » > 'BA » BA LBl 4+ A (9

~ TlpooBitopev tag &dwiodrag (1),(2), (3), (4) kat& péln xal-Exousv
2AT+2BA {2AB+2BI+2rA+2AA # ATr4BA <AB+BIr4ra4Aa (5

INvopllopsv (&ok. 45), &1t

AT+BA> AB+TA (6) xal AT+BAD AA+BIr (7).

MpooBétouev 1&g gviodmtag (6) xal (7) xata péAn kal Eyouev
2AT+2BA> AB4TA+AA+BTI /  2(AT4+BA)> AB+Br+raA4-AA (8)

’Amé 1ag (5) kel (8) ouvéyouev, 81t

AT+BA <{AB+BI+TA+AA <2(AT+BA).
48. No dmodeiydij, d7i 7§ mepiuerpos évos rotydovov A'BT’, zd dmoiow

&xel Tds xopupds Tov Emi rdv whevpdy dAdov Toiydwvov ABT, elvac ,umgotiga
Tijs mepiufrpov rov ABT.

= 82
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20 I8w6tteg toooxehdv ToLydVDOV

Mvoplfopey, 811 x&Be mAsupd TpLrydvou elval
h s utkpotépa tod dbpolopatog TévV d0o &AAwv. 'ATo T
A T tplywva Aowndv BB'A’, TT'B’ kal AAT' 8& Exwuev
A'B'<A’B+BB’. BT’ <BTHIT’, A’ {'ALAA
& % ¥ lMpooBéTouey TG GviodTnTag adTAg Katd HéAN
kal EYouEV
ZN-1-03 A'B'+BT'+I'A'<A'B+BB'4+B'T+HIT'4+I"A+AA" §
A'B'+BT'HT'A’ {(A'BH+A'A)HBB'+BT)IH(IT'+I'A) (1)
Emetdh  A'‘BHAA'=AB, BB'+4BT=BI' kai IT'4+I'A=TA, 1
&viodng (1) yphopetal A'B'4B'T"4+I"A" <AB+BIr4TA,
49. Té dBpoiopa tdv drroordoswy anuelov xelpuévov évids Toydvov dmd
Ty xopupdy Tov, elvar pixgdtegoy Tis megLuETEoY xal ueyaldregov Tis Nui-
mepipétpov Tob TELYWYOU,
*Eotw Eva tplywvov ABT kal O Eva onuelov
£vTog adTol. Dépopev Tdg OA, OB, OI. O« delfw-
ey, 811

-;- (AB--BI4TA) COA-+OB+OT C<AB+BI+TA

MNveopilopsv, 81t k&Be mAsupd Tplrydvou slval Sx. 34
uikpotépa 1ol &Bpolopatog t@v dlo &AAwV MAsu=
p&v tou. ’Amd & Tplywva Aowmdv OAB, OBI, OlA B& Exwuev:

AB <OA+OB, BI <OB4OI, A <Or+0A
MpooBétouev tag &vicdInTag adT&S KATX MéAN Kol Exouev:
AB4BIr+TrA <20A+20B+20T #

—;- (AB4+BI4TA) <OA4-OB4+Or (1)

‘H teBhaopévn ypauun BAI mepiPd&iiet thv BOI kal Exel pg
abtiv 1& adtd &xpar &pa Ba elvan AB-+AT> OB+OI (2)
‘Opolwg Exousy
AB-+BI> OIr'+0A (3) Br+rA> OB+0A (4)

IMpooBitousv tdg dviodtntag (2), (3), (4) katx uéAn Exouev

2AB+-2BI+2ray 20A+20B-+-20T

A AB4BIr4rA> OA+OB4Or (5
‘And 1&g dviedtntag (1) kal (5) ouvéyouev, 6Tt

% (AB+BIr+TA) <OA+OB+0OT <AB+BI+TA

~

I8u6tnteg [ loooxeh®V TOLYOVOV

*Aoxfjoets. 50. 'Edv mpoextadij # Pdows icooxelois Toipdovoy, ai oyn-
potilduevar fwrepixal yoviar tov slvar loa
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Meounthoets 106TNTOG TOLYOVOY 21
Q! mNTOS TELY!

*Eotw 16 loookeAig tplywvov ABI (oy. 35), lg
10 dmolov elvar AB=AT, xal @ xal ¢ al ¢Eotepkal
yaovlay, 1&g dnolag oxnuatiiel i mpoéktaolg g B&-

oede tou Bl B4& delfwuey, &1L /n;:?

*Enedf 10 tplywvov ABI elval loookeiég, al
map& v B&owv tou yoviat B kal I 8& elval Toat.
*AMN al yovlor © xal B kafog kal al ¢ kal T elvat X 3
napaninpouatikal, ©g petiic Tdv dmolwv al uh xot-
val mheupal kelvtal 2n’ e0Belag. "Emedn al yoviar B kal I elval Toa

kol ol mapanmAnpopatikal adt@v @ kal ¢ 6& elvar loai, dnhadh
Fied Bl
fx elvar. ©=09.

51. Ai mpoextdosis tdv lowv mlevpdv loooxelolis tTptywdvov meds To
pégos Tis Pdosws oynuarilovy ut v Pdowr ywvies ioag.

*AmodeilkvOOUEY, OC dveTépw, 8Tt al yovial o' kal ¢’ (ox. 35) elval
loat, &¢ napaninpouatikal 1@v loov yovidv B kal T.

52. Ai tpsis Siduecor Evos ioomdelpov Tpiydvov elvar Siyordmor Ty
ywvidy Tov xai Uyy Tov,

"Eote 16 lodmievpov tplywvov ABI kal AA’,
BB’, I'T’ ol di&pueool tou’ B& delfwpev, 81t al didpe-
oot adtal dixotounodv T&g yoviag tol Tprydvou ABI.

EE OmoPioswg elvar AB=BIr=rA. ’Emnedh
AB=A[ 10 tplywvov ABI elval loookeAég xal £mo-
pévee 1 dikpeoog AA’ elvat Bixotduog Tiig ywviag
A kol x&Bstog Emi v B&owv Bl ‘Opolwg &modet-
kvoopev kal dia 1&g 80o &AAag diapéooug.

Iepuntdoeig (00TNTOG TOLYOVOV

A’ ‘Opds. 53. Na émodeydjj, én &va wplywvov elvar iooonedés:
lov. *Eéy % Siyoréuos muids ywvias rov slvar ovyyredvws xai vyog avzod,
2av. *Eiav &va thpos tov slvar ovpypdvws xal dudpeods zov. (“Avrisrgopa
@y Pewpnudrwr tis § 89). A

lov.”Eotw 16 1plywvov ABI (oY. A p
37) eic 16 dmolov fi duxotduog AA A
1fi¢ yoviag A elval kal Gpog 10D 1pL-
yévou' dniadh 2§ OmoBioewg elvan

P -~

Ay="A; xal AALBI
O& delfwusy, 811 10 tplywvov ABI
elvan loookeléc.

T& 4pfoy. tplywva AAB. kal B A i B yiS
AAT Exouv tHv AA xolvfyv, /R,:,{\\,

=¥ 37 Zx. 38
2f Onobéoewg &pa elvanr loa xal X X
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22 Hepurrdoeg iodtroc Torydvov

gnouévag B& elvar kai AB=AT. ’Eneidy AB=AT, 15 tpiyovov ABI
elval loookeléc.

2ov. "Eotw 10 tplywvov ABT (oy. 38), elc 16 émolov 10 Oypog tou
AA elval xal Bikueoog 1ol TpLydvou: dnA. &€ OmoBéoswe slval

AA LBI' kal BA = AT.

Oa delfwuey, 811 10 1plywvov ABI slvat loookeléc.

T& 6p8. tplywva AAB xal AAT Eyouv tHv AA kowviv, BA—AT
€ Omobioewg &pa elval loa xal énopéveg B& Exouv kai AB=AT.
Emednh AB=AT, 16 tpiywvov ABI slval loookehéc.

54. Ai xdPevor, ai Smoiac dyovrar dmwd ra uéoa Tdv shevgdy ioooxe-
doiis 1ptycdver uéyor Tdv dmévavre mlevody, elvar toar.

*Eotw 10 loookehig tplywvov ABI (oy. 39) xal
AZ, EH ol k&Betol elg t& péoa A xai E 1év lowv
TAEUPBV Tou. O& delfwpuev, Tt AZ=<EH.

T& dpBoydylx tplyova AAZ kal AEH Eyxouv
AA=AE &g ulod 1dv lowv mheupdv AB kal Al
100 loookeloDg tpLydvou kal THv yeoviav A kolvfv:

B T dnA. Exouv plav k&Betov wAeupdv Tonv kal Thv nTpoo-
Zx. 39 Kewpévny  yoviav fonv, &pa Ba elval oo xal Emoué-
vog Ba elvar AZ=EH. A
55, Ai diyordpor 1@y mags iy Pdowy ywvidy ico-
oxedotis Toiydvor slvar loac. i
"Eotw 16 loookehég tplywvov ABIC kal BB’ r 7
[T’ oi dixotéuolt &V yovidv tou B kal I. ©& dei-
Eouev, 811 BB'=IT". 8 .
T& tplyava BIT’ kal BB’ #xouv thv Bl xot- Zx. 40

viiy, Yov. B=yov. I &¢ mapd thv Béowy ywviag ioookeholg Tplydvou

Kol B?F’ZF/B\B’:\J’, @g fulon tdv lowv yowdv I kal B, fitol 1&
tplyova adta Exouv plav mAsvp&y lonv kal 1&g mpookslpwévag eig
abtiv yoviag loag dpa sivar toa kal Emopévewg B& Eyouv kal T
&Ma otoxela twv lox, ftol 8& elvar BB =TT

56. Kdfe ogueiov zijs diyorduov tijs ywvias tis xopuiis £vdg igo-
oxelotis Teydvov, dréye ioov dmd Td Expa zijs fdoscds Tov.

"Eotw 10 loookeAég tpiywvov ABI eig 10
bdnolov elvat AB=Al xal AA # Biyotbéuog Ttfig
yoviag A. "Eoto O tuxdv onueiov 1fic Biyotduou
AA. Oépouev tag evBelag OB kai O B& Bslfwuev,
6t OB=0Tr.

Mpé&yuat & tplyova AOB kai AOI elval loa,
dLéTL Exouv Blo mAsupdg loag kal tdg Om’ a0 TDV ME-
piexopevag yoviag loag fitor €xouv AB = Al £E

N N
OmoBéoswg, AO kowhv kol A;=A,, 56Tl /| AA
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Tegunthosig LodTNTOG TOLYO VOV 23

elvar diyotéuog Tfig yovlag A® &pa B Exouv xal t& &AAa otoela
Twv loa’ fitol 8& elvar OB =0T

57. Emi tév mldevpdv AB, BT, TA évés ilcomdedpov roydvov ABT
AauPdvouey uijxy AA'=BB'=TT". Na dmoderydfj, 6z¢ ©6 zolywrvor A'BT"
slvas iodmievgor.

Ta 1plyovae AA'T’, BB'A’ kal I'T'B’ elval
loa, Bétt Exouv Blo mAsupag loag kal tag Om’
«abt@v  mepleyouévag yoviag loxg” #ftor Exouv
AA'=BB'=IT" &f Omobéocswg ATl'=BA'=TIB’, &g
OndAcina 1dv lowv mAsupdv Tol loomhelpou Tpt-
yovou &nd 1V dnolwv donpébnoav & loa tufjuata
AA’, BB, IT" xal yov. A=yov. B=yov. I &g yo-
viag 100 loomAebpouv tpiydvou ABI™ &pa Ba Eyouv

NFE=NB'=BT%

“Qote 10 tplywvov A'BT’ elval lobmAsupov kal Emouéveg xal

tooydviov.

58. To rplywvov, rot dmolov ai xopvpal elvar vé uéca tdv micvpdy
toooxelotis Toiyddvov, elvar ioooxelds.

"Eotw 16 'loocxe)\éc tplyovov ABTI, &mou
AB=Arl «xal A, E, Z, t& puéoax Tdv mAsup&v 10U
AB, BTl'. F'A. ®épouev tag e0Belag AE, EZ, ZA. ©a
delEwpey, &1L 16 tplywvov AEZ elvai loookeléc.

Mp&yuatt, *Emedl 16 tplywvov ABT elval loo-
okeAdég B& elvar AB=AT kal veov. B=yov. TI.

Ta tplywva ABE «xal ErZ elvai foa, du6TL

Sy. 43 Eyouv B0o mAsvpdg loag kal tdg OT adTdv mepLe-

xouévag yoviag loag’ fitor €xouv BE=ET, &bt 1o

E elvar péoov tfig BI, BA=IZ &g fjulon 1tdv lowv mAsvpdv AB

kal AT kal yov. B=yov. T &¢ kai napd thv B&owv yovial locokehole

pLydvow’ &pa 1& tplyova abtd 8& Exouv kal EA=EZ. ‘Ensidn
EA=EZ 10 tplywvov AEZ elvai loooxeAéc.

= 58. Ado icooxedij rolywva ABT, AAE &ovy r xopvepiy twv A xoi-
v xail tag ywvias tis xopueis ioas, "Eav gépwusy tis svdeiag BA xal
TE, va dmodeyB4j, 6t BA=TE.
*EE Omobéoswg elval
v—=v  AB=AF; xol Al =AF.

T& tplyova ABA kal ATE elvar loa, BTt
£youv dbo mAsupag loag kal Thv O’ adTdV MepLeyo-
wévnv yoviav tonv, fitor Exouv AB=AIl, AA=AE,
&€ OmobBéoewg kal ywv. BAA = yov.TAE, dbéT £ké-
ot toltwv elval &Bpolopa 1év lowv yovidv v kal
v kal thAg kowic yoviag @ &pa B& £yxouv kal

BA =TE.
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24 IMeourrdoers ioétnrog ToLydvmv

60. Aidgrae 6 lovonelis rolywvoy ABI mpoexreivouey v Pdowv Tow-
BI' xai éxarépwdey airijs lapPdvouey tudjuara BB’ xai I'T’ {oa. Na dmo-
decyBfj : lov 6ri ai ywviar ABB' xai ATT" elvai loar. 20v &7e 76 zpiyavor
AB'T” elvar loooxelés.

lTov. Al yovial o xal o elval loat, é¢
napamAnpopaTikal 1@V lowv yowdv B kal T
10D loookeholg Tprydvou ABT.
20ov. Ta tplywova ABB’ kal AIT’ Exouv
AB=AT £ Omobéoewg, BB'=[T" &k kata-
okevfic, kal w=ow’, og &delybn dvotépw’ dni.
Ty 45 Exouv BdUo mAsupag loag kal v OT adTHV
mepLtexopévny yaoviav Tonv' &pa elval loa kal
émopéveg B& Exouv kal ta &AAa twv otowxela {oa, dnh. Ba elvan
AB = Al". ’Emneid AB’'=AI" 16 tplywvov ABT’ elval loookeréc.

61. 'Eov ai ioar mlevgal icooxsiods toiydvov mposxradoiy xare
ixn ioa, Ta dxpa twy Sa dméyovy icov Amod ra dxpa TiHg fdoeds Tov.
pnxn s 74 7

’
e
B

*Eotw 10 loookehgg tplywvov ABI. lpoektel-
vouev tdg loag mAsupdg AB xai Al kai &ni 1Hv N
MPOoEXTAOE®WV AauBavouev pfkn BB'=IT'. ®épousv
1ag e0Beiag BN xail NB’. O& delfwpsvedt B['=IB’.

Ta tplyova ABI «al ATB’ Exouv AB=AT Z£ B
OmoBéoewg, AT'=AB’ ¢ &Bpolopata lowv TunuU&- ['_f’" =
Tv Kal yov. A ko' dnk, €xouv do mAevpdc loacg B
kai v O adtdv mepiexopévny yoviav lonv' &pa

¥ : ; A ; g Zx. 46
elvan o kail émouévewg B& elvar Bl =TB'.

62. *Eav ai mlevpal xai af yoviar évés mevraydvov elvar ioat, ai dia-
ywviol tov, ai 6molar dyovtai dmd THY adTHY xoguUEHY ToD mEVTaydvov,
elvar ioat.

“Eoctw Eva mevidywvov ABIAE elc 16 édmolov 2€ OmoBioswg

N P N P N
A glvar AB—BlIl'=TA=..., =B:==A=E.
deépouev tag draywviovg Al kai AA* B& delfw-
B HEV. 8TL Al = AA,
E Ta tplywva ABIT xai AEA #youv
ral AN
AB=BF =AE—EA '«xal B=E
r A dnA. £yovv dVo mAsvpag loag xal v O’ adTdV me-
piexouévnv yoviav lonv' &pa Ba elval loa kai £mo-
Zx. 47 iévawg Ba Eyouv: AF = AA.

B’ "Ouas. 63. Ai duipecor ioooxedods totycdvou, ai dmotar avnatotxouv
£ls zas loas mAsvpds Tov elvar ioat.

"Eotw 10 loookeAig 1piywvov ABI (oy. 48) xal BA, TE ol di&-
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