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MIEPIEXOMENA

MEPOZ NIIPQTON

EK THEZ ENINEAOY TEQMETPIAZ

KEDAAAION 1

§1. Kataokeval.

§2. Baoikai kataokeval.

§3. "Hueparrtopévn t6Eov.

§4. Kataokevn 168ou éx tfig xopdfis kal
i fuepantopévng tov.

§5. Tokov Ixavdv yoviag o.

§6. Eldikui mepintaoelg,

§7. '"H yevixty péfodog.

§§8 - 15. Tapadeiypata thi¢ "Avalutikfig
ueboddou.

§16. Metagopd oxAuatog xatd Sudvu-

gt
oua 8.

§17. Feouerpixdg toOMOC.

§18. EZroixeiddeig yemperpikol téHnoL.

§19. Elpeoig yeopetpik@dv toONOV.

§20. Xpfiowg v v.1. elg yeoperpixdg
KATROKELAS.

KE®AAAION 11

§21. "Amd v Bsopiav tdv xuptdv no-
Avydvov

§22. "Eyyphyipov tetpanieupov.

§23. Xapaxtnpionikal iSi6tnrec.

§24. Téooupa dpoxvkhikd onuela.

§25. I'ovia Oyovg xal Siapérpov.

§§26,27,28. 'Iidtnteg to0 dpBoxévrpou.

§29. EdBeta Euler tprydvov.

§30. Koxhog tdhv évvéa onueiov tpiyd-
vOu.

§31. EdvOeta Simson.
§32. EbPela Steiner,

§33. Tavie 8o fiusvberdy Tepvovady
mEPLPEPELAV,

KEDPAAAION IiI

§34. MoAlanhaoraopdg ebBuyphupon -
patog &ni Betixov ap1Budv,

§34a. "Axoioudiar.

§35. "H Evvoia 100 dpilov dxolovdiag.

§36. 'ALiopa to0 Dedekind.

§37. "Opiov povozdvou GxorovBiag.

§38. Gedpnpa tob Eyxifortiopod.

§39. 'Ailopa tob "Apxipndoug.

§40. Meétpov &vog tufjparoc.

§41. Gewphuota Eni tob pétpov MY
Tunpatav.

§42. 'Enldpacic tfic¢ aMharfic povadog
perphoeag é&ni t@v unkdv.

§43. Adyog d0o ebBuypdppov tunpdtoav.

§44. Asitepog Opiondg tod yivopévou
ufpatog nl Betikdv Gpibudv.

§45. Métpov yoviag.

§46. Oedpnpa 1o aiob.

§47. "Akvefpixiy Siardnooig tol Bew-
phuarog tod Gaiob.

§48. Zuvérewn 1od (@) 100 Oalrob.

§49. Awipeoig tuhuarog el pépn ava-
Aoya 800 Sobéviwv Tunpatov.

§50. Téraprov dvdioyov.

§851 - 54, "Opoia tpiyova.

§55. To eig (ineipov dndotaov onuelov
udig ebBeiag.

§56, 'Exinedog Séoun sdBeibv,

§57. Metpical oxfoeig petald Tunpa-
v,

§§ 38, 59. "Ihdtnteg tiig towtepikfic xai
EEwrepikiig Stxotopou yoviag tpiydvou.

§60. Awalpeoig Siaviopatog elg apiBun-
Tikdv Adyov A,
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§61. Awalpeoig Stavbopatog clg diysppr-
Kdv Abdyov A.

§62. "Appovikny tetpag onpelov.

§863,64. Xapaxtmpiotkal &iotnreg tfic
appovikfic tetpadog.

§65. ZupBauxda ovfuyfl Gpuowvixa on-
uela.,

§66. "AmolAdviog kOKxlog.

§67. Ieploxal tob emnédov kabopifope-
vat Omd pidg drollaoviov nepipepelag.

§68. TMapatipnoig.

§69. Ochpnua tob Edxheidou.

§70. TTuBayédpelov Bedpnpa.

§§71,72,73,74. Metpikal oyéoeg &v Op-
Boywvig TpLydve.

§875,76. Kataokeval aryeppik@v mapa-
otaoeny.

§77. Kataoxkevn 1ol x éx tfig x*/a® =p/v.

§78. ‘H dhyeppixn) pébodog eig Iewpe-
TPIKAG KOTOOKEVAS.

§79. 'Enextetapévov  nubaydpelov Bed-
pnua.

§80. Kpitfipiov tob &v yovie tprydvov
elvar OEefa, opOn #i auphrela.

§81. ‘Alyefpixdy Swatdnworg tod Enexte-
rapévov nulayopeiov Bemphuatog.

§82. Tpodrov Bedpnua tfig Sraptoou.

§83. Aehrepov Bedpnua tfg Siapéoou.

§84. @ewpnua mepl tob yivopbvov &bo
nhevphv Tprydvou.

§85. Ixéoig tod Stewart.

§86. Tevixeupévn oxéoig tob Stewarl.

§887,88. Mflkog 1fi¢ Eowrtepixfig xai
EEmtepikfig Sixotduov yoviag tpryd-
vou.

§89. "Egappoyal 100 mphrtov Bewphua-
1og 1fig Sraptoov.

§90. Toénog : MA:—MB?=c2,

§91. "Yrohoyiondg v Owdv tprydvou
ouvapthioel thv mhsuphv.

§92. "Eupaddv tprydvov.

§93. "I816tnteg 100 EpPudod tdv TpLyd-
vav.

§94. 'H npoofetikn 1816tng 100 Eupadod.

§95. Tomor 1ol &ppadod tpiydvou.

§96. “Yrohoylopdg t@®v p, pa, R ouvvap-
toel v nhevplv 1ol tpiydvou.

§97. Toykplog v Eupaddv Svo tpryd-
vav. "Epapuoyn.

§98. 'londbvapa tpiyova.

§99. "Eppaddv xvptol moluvydvov.

§100. 'Eppadov nraperinloypappov.

§101. "Eppadov tpaneliov,

§102. "Eppaddv tetpanietpou pd kabé-
Tovg Sraywmviovg,

§103. ToAbywva [oodbvapa.

§104. Karaoxkeuly tpryd@vou looduvapou
npdg 8oBév molhywmvov

§105. "Epappoyn tfig §104.

§106. Tlav kuptdv moLLy@VOV TETPOYm-
vitetau.

§107. "Opowx moAvywva.

§§108,109. Kataokevai dpoiov moluyd-
Vv,

KEDAAAION IV

§110. Qedpnuu  thv TENVOHEVOY YOPp-
Sdv xai to6 dvtiotpogov abrob.

§111. Gedpnua tdV TEPUVOLODY Kol TO
avriotpogov abrob.

§112. Gedprpe teuvodong kal épanto-
pévng xal 10 dvtiotpogov abdrob.
§113. "Aklyeppikn Swtimwolg tHV pe-
pik@v oxboeav &v xixho,

§114. Metugopd Evog yivopévou.

§115. Tewuetpikl} xataokevn 1dv pl-
tév Sevtepofabuiov E&iomoeng

§116. Tewpetpix| kataokevy v plidv
Sitetpaydvor Eéiohoems.

§117. Awipeoig tufpatog elg péoov koi
tikpov Abvov.

§118. AOvopig onueiov d¢ npdg xiKAov.

§119. @sbpnpa Euler xol 1o dvriotpo-
pov abrol.

§120. Pifikdg dEav 800 kOKAWV.

§121. Eidixal nepirtdoeig.

§122. Kataokevnn 1ob pi{ixod d&Eovog
8§00 kOKAOV.

§123. Tomog tfig Swgoplis thvV Suva-
pewmv onueiov g npdg 0o KixAovs.

§124. Pillikov kévtpov tpiddv kOKAwv.

§125. "OpBoywevidtng 800 kikAwv,

§126. Mepipépera  tepvopévn  Wevdoop-
Boyoving Ord Etépag mepipepeiag.

§127. Aéoun meplpepeiddv.

§128. “18i6tnteg thOv mepipepeldv  pibg
Séoung.

§129. "Opboydviol &éopal mEPLPEPELBY.

§130. IMp6PAnua tod "Amorhwviov.

KEDAAAION V

§131. @edpnua 1od Meveldov.

§132. @edpnua tof Céva.

§133. lov ©@edpnua tod Irolepaiouv.
§134. 2ov @evpnua tol TMroispaiov.
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MEPOZ MPQTON

EK THZ EINMNEAOY
FEQMETPIAZ

KEDAAAION |
EQMETPIKAT KATAZKEYAI KAI TOIIOI

1. Kataogxeval. o’) Mokovér ta yempetpikd oyfipata elvar dmolo-
T 18eard, &v toltolg yaphoooviat (i) oxediafovror) kata Mav (kavoroin-
kv tpomov Ernl Emmédov oxediov. A v ydpativ t@V ysopetpikdy
oxnudtev gpnoiponoodbuev oV kavive, Sid 1ob dmoiov oyedialopey ebBH-
yYpappa tufijpata, koi tov SwaPfitnv, Sia 100 Omolov oyedidlopev mepioe-
peiag A} 165a xabig xal loa tpfipata. Eig tiv tehevtatay nepintooty dtvatat
vd ypnowonofitar «tuphdgy Saffitng p doo dxidac, xwpic ypupiSa.
(Metagopeic).

Kébe yeswperpikdv Bsdpnpa dvranoxpiveron eig Bv eyfipa, 10 Omofov
& omovdactig npénel va xataokevdly pdvog Tov YPNCIHOTOLDY T AveOTEP®
Spyava, xubdg kai Tiva Bondnrikd «drapaviiy dploydvia tpiyova, Sid tdv
dmolov émitaybverar | xaraoxevd) xaétov i maperlfrov. ‘H Omd tob
t8iov 10U peretntol kataokevly @y oxnpdtev StapotiCer adtov dovykpi-
¢ mEPLOGOTEPOV ANd TV mapatfipnowv Evdg {1n oxsdaopévov elg to
Bipriov exfuatos.

B) Eig v yeoperpiav tifevror mpoPAfjpata, elg td érofe {nrelrat
vi cuykpomBf] &v oxfjua, Stav Slwviar dpepéva atoryefa adtod. 'O
Bempnrikdg mpoodiopiopdg kal ) per’ dxpiPelog yapakis évog oxfpatog
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nAnpobvrog dpronévon; dpovy (Smirdvputa) kaketrar eig thv yeopetpiayv
CKATRATKEDAN,

"Otav 1o mpdfAnpa i xatacksufls &vog oygnpetos Avetay Sia tfig
Lphoeng poévov 1ol Kavovog kel Swfifton, tote Aéyousv (dxolovBolvieg
tov IMiGrova) St td npdPinpe tolto EmdExcral yeopstpuciiv Adow 1
whderar yewperpdon xul 1 kotaoreon M) émavygavopivy pdvov S tob
kavovog xal tob Swalifitov Aéyerm yropetpiki) Koteoxeod).

¥) “Yrapyovv wpoffifuate kartuskeudy pi dvvdpeve va AvBobv Sd
tfig xpfoeng kavovoe xai dunfinrov poévov. Talze Aéyovrar npofifuata
pi) Adpeve yeopetpirdg. Olto n.y. Exel drnoderyfif did 1 xdtw 10 npo-
BrApato &t elvar adbvarov v Auboly S1d tob xavovog kal Swafrfitou (Sni.
S&v Abovrtor yeopeTpikc).

Mpofifpata tva pfy Embexbpsve yeopetpikiy Aoy :
1. No dwaegellfi dolleioa ywvia Sidpopoc tijc dobijs el tola loa péen.
2. Awa bolévros onuelov va dylfj eifeia, tic dmolac 0 peradd o
dAAwy Tepvoudvoy edleidy megieyduevoy Tufipa va loofrar mpos Sobéy Tufjua.
(T5 dobéy anueiov va uf xefrar énl pudc T@v diyotdpay Téw yowndy, d¢ oyn-
patilovy al dbo repvduevar edfeiar).
3. Na xaraoxevaclfj relymvov, toii dnmolov yrwpllouev vag voeis di-
gotduove.
4. AdobBéyroc edbvyodupor Twjparos pa’“:gav a, va xaraoxevacli dev-
regoy, tofi dmolov T8 pérgor lootrar mode a2,
8. Na zaraoxevadfij tolywvor, of Sldovrar ol nddec rdv duyorduwn.
6. Na diapelfj dobsioa meoupépara el fnva loa uéem.
7. No. xaraoxevaclij tolywvoy, ob dldovrar ta cvuustoixg Tdv xogu-
@dv dg mpds Tag dnévarrt mhevods.
8. Na xaracxevachij tolyawov, of diderar ula diudusocos, wla diyo-
Tduos xal &v fyoc dydueva éx toidw Swapdewy xogupdm.
9. Awa Sobévrog onuelov xeyuévov évrds dobelons ywviag va dybi Tufpa
negavobuevoy énl Ty mAevoow xal Eyov o Eldyioror Swvatdy pijxoc.
10. s dobévrog onueiov va axbjj edbeia dmoréuvovoa dand Svo bobsi-
oag mepupegeias yopdas éyotoas diagpopar Sedouévny.
*Ev ol émouévoi; 66 mpayparevlduey pdvor mpofidjuara émbeydueva
yewueTixty Adaw.

2. Bagixal xavaoxeval. Al ariai, Paoikal yewpetpixel xate-
okeval elvan fidn yvootal elg tov pabntiv dnd v mponyouvpévny tdkiv.
CEn’ abtév Préne dokioeg | Ewg 10). @& npocbécmuev pepikde drdun
kabag kai mapadeiypata cvvlstwtépav xataokevdyv,
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3. "Hp.iepanvtopévy T6E0v. Kabe tokov AB xetrar éni tob Evog
&k Tov dvo fuemnédov, T drola 6pilet | sVBAB. Kakeltar fpmepantopsvn
Evog TOEOL AB elg 10 txpov A 1 fuevbela Ax 7 @epopévn éni 1fig elg
10 A Epartouévng Kal Kauﬁvn g mpdg vV sub AB gig 1o fmeninedov,
10 pn repéyov o tofov AB.

4. Na xarackevacshij t6Eov, dtav didetar 1| xopdi tov AB xoi 1 e
partopévn tov AX.

‘Avaivoig. To kévipov tod iz
Enrovpévou t6EoL KelTal dg’ Evog . :
&ni tfjg pecokaBérov tob Tufpa-
106 AB (oy. 1) kai d¢’ &tépov
tni thg elg 10 A xabérov &mi
My AX.

Zivlemg. Pépovreg tag d0o
avotépo edBeiag MZ xai AW
(oy. 1) mpocdiopilopev ha tfig
ailniotopufic twv, 10 kévipov K
100 {nrouvpévou t6Eov. ME kév- Iy |
tpov K kal dxtive KA ypago-

HEV TOEOV AB keipevov &ni 1ol fuemnédov I ol dplopévov bnod tiig
evf AB xai pn mepigyoviog v fuievdelav AX. (Tokov pn mepieydpuevov

gviog thg yoviag BAX). IMpogavig & npofinue Exel navrote piav Aoy
(@" Soov BePoing al edBeimt AX, AB 8&v tadrifovrat).

n(ﬂ

TOZON IKANON I'QNIAZ ¢

5. «) Mpoprnpa. «Né& ebpedij o odvorov 1@V onueiov M, arnd v
onoiov dobiv tpijpa AB gaivetar Ond doBeloav wvptiy yoviav (0 xai
1809,

“Eotw M &v onpeiov 1ol cuvdrov, 8n-
Ladn totobrov, GHote : :
AIGB = @ (8o0Beloa kupti| yovie) (oy. 2).

To onpelov M 8iv kel &ni 1ol
ufuatog AB (0a elyopev 1616 @ = 1800)
olite énl 1fig mpoextdoeds tov (Ba el-
xopev ¢ = 0) ovvendg Sd v A, M, B
Siépyetor memgépera. ewpolpey Tdpa
10 toEov AMB 10 neptéxov 10 M xal
myv fmepantopévny adtod AT kard 16
dkpov A (§ 3). Tote 1) Omd 1fig xopdiic
AB xai tfig fuepantopévng AT oynuatilopévn yovie TAB icobrat pé
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mv AﬁB, dnA. TAB — ¢. “Qote f fuevbeloe AT elvar orabepa (Snh. 1
abthy 816 kabe onpeiov M tob cuvohov).

‘Enopévag kai 1o t6Eov A’P-‘dB elvar otaBepdv kul kataokevdorpov (§ 4).

‘Avtiotpogov. "Ag yopaopev tag Vo fuevbeiag AT kal AT
towtag, Hhots T?;B
= T'AB = ¢ (o%. 3)
Kal (¢ KaTaoKevdow-
pev 1a dbo 16Ea Ta
Eyxovta tavtag dg 1-
MEQUNTOPEVAS.

Eig 10 oy. 3u é-
XOHEV KATUOKELAOTEL
t0 Bv &k t@V 800 10-
Ewv oupphves mtpog
iy § 4. Iy 3 Iy 3a

"Eotw N tuyov
onueiov 1ol t6ou toltou. Katd 10 Bedpnpa tng onod xopbﬁc; kol épa-

ntopévng oynuatifopévng yoviag al dvo yovial TAB xal ANB elval {out
(éxuctn ion npéc; 0 fijpov tfg avriotoiyov dmkévipou AOB) kai &nedn

TAB = ¢ = ANB = @. Ani. 10 N Exet v i816tnTe tdv onuelwv tol ouvéd-
Aov. ‘Opola dnddeific yivetal kal Sia o devtepov 1650V, cUPPETpIKOV TOD
nphtov Gg npdg thHv AB.

p’) "Ex tdv dvotépo ouvdyetal 10 Bewpnpa :

«Td abvolov thv anpeiov, and t@v droivy dobiv tpfjpa AB eaivera
tmo dobeloav xkuptijv yoviav ¢, chykertar and dbo to&a Exovia dxpu td
A xai B xai t®v droiov al fpuegantépevar eig 10 A oyxnpatiCovv pera tfjg
AB yoviav ¢»,

Y) ToEov @, 1ol dmolov mavta 1a onpela PAénouvv 10 THfjpa AB
ond dobgioav yoviav ¢, AapPaver 16 Svopa : toEov ini xopdiis AB, ixa-
viv yovias ¢,

6. Eidwxal mnepintdoels. AT!

i) 'Eav ¢ = 90°, ol fuepantopeval
AT, AT’ elvan f| pla npoéktacic tfg GA-
Ang xai ta d0o dvriotoixa toEa Eyxouvv
Ko1vov kévipov 10 péoov tol AB, Al B

"Ofev : 10 advodrov t@v anpciav, dnd 0
thy oOmoiwv JoBiv tpfipe AB  gaive-
o Omd yoviav opbiv, elvar nwepipé-
pera Swapétpou AB. Ta A xkai B div 1
aviljkovv gig td obvolov, Ly 4
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ii) Eav ¢ = 180%, W ywvia AMB elvar nenhatvopévny, 1o M ebpi-
oketal énl tol Tpfuutog AB

kal 10 onueroocdvorov elvar 1o A M B
tufipa AB (oy. 5). 2 i i
. 5
iii) "Eav ¢=0°, 16 onpetoci- M
volov Gmotedeital anod dvo fui- e s v
evlelog AX, BY, npoektdcelg X A B
Tol Tpufparog AB. Iy. Sa

7. "H yeviny pébobog. ‘O yevikog tpomog 108 okéntechar dua
v Abawy &vdg mpofAfuatos kataokevfis elvar & dkdhovbog.

i) "Avélvag. To mpdrtov kai kupidtepov Biipa mpdg thv Abowv elvar
| dvadivoig tod npoPiipatog, fitol | cvoyériolg Tod dyvdotov oyf-
patog pé dAho oyfipa, 1ob onolov fidn yvopilopev v xataokevny. "Avd-
Aotg howmdv elvar 7 draywyry Tol dyvdorov elg yvwordr. Kat abiiv
bnofétopev mpoocwpivde 10 mpdfAnpa duvatdv xai to [nrobpevov oyfipe
koteokevaopévov. Katomy pehetdvies ta dedopéve, dmbibkopev v ¢é-
popev katoAAfAovg ypappdg, Sa tdv dnoiwv, xpnoiponotody-
teg 10 dedopbva (Anh. ta yvootd otoiyela), va dnpovpyfonpey Sebtepov
oxfipa, kaetoockevdorpov kKai GAAnMAévdetov pé 1w Ln-
tobpevoy. “Qote xarackevacHiviog tol Sevtépov va mpokimTy kel TO
npdrov.

ii) Zovlearg. Baoer tdv ouvpnepucpdrov tfic dvalboewg npooma-
fobpev va dvaovykpotfowpev (Kotaokevdomopev) 1o {nrobpevov oyfipa
S1a tob kavévog kai Swafrtov. “H épyucio abrh elvar f dvriotpogog tfig
avalooeng, Si61t thpa petaPaivopev and yvootod oyfpatog elg 10 In-
TOUHEVOV.

iii) "An6deifig. "Anodeixviopev 671 10 Katookevacbev oyfipe dvio-
nokpiverar mAfipwg mpdg ta Sedopéva (nAnpol ta émtdypata tol mpo-
pAfiparog).

iv) Awepedvnoig. "Avalntobpev tag ouvvlfikag, elg tag dmolaug mpémer
vo bnoxeivial 1d deopéva, Tva 10 npdPAnpae elvar duvatdv, dni. al Evdet-
kvudpeval kataokevai elval npayparorotfjoipol kal 1o {nrobuevov oyfipa
Sviog Omapyy. To mAfiBog v Suvardy Abcewv, dni. N Gnapig Siagpope-
Tkdv oyxnpdtev mhnpodviov o iSix dedopéva Emtdypata elvar éniomg
avrikeipevov tfig Siepevviicens.
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NNAPAAEITMATA THZ ANAAYTIKHE ME®OAOY

8. —N& katookevachfj Tpiyovov ik 800 mhevpdv wai tfic perabd adedv nemeyo-
névng Swapsoov,

i) "Avdivo. "Eote 8t 10 {nrodvusvov tpiyavov kateoxevaodn kai elvar 10 ABT
(ox. 6). I'vapilopev thv AB = v, Tv AT =: B kal v Sidpecov AA = p. "Edv npoextei-
vapey v AA péxpr Sinhaciaopob, Snh. katd tpfipa AE = AA, évdompey 2 10 E pi
1@ B xol I, 16 terpanievpov ABEL elvar mapedin-

Abypappov, Sidm al Saydviol tov Suxotopobvial. A

“Qote xul T'E = AB =v. [Mapatnpoluev tdpa 71 td 2
uhkn A =B, TE =y, AE =2 elvat Sedouéva, dpa
10 tpiyevov AED elval karaokevdowpov, bt yvapi-
Copev 1dg Tpelg mheupds tov. 'Ex tob tpiydvov ATE
npokinter to {nrodpevov tpiyavov ABI, v évbowpsy

10 I' p& 10 péoov A 1fig AE, npoexteivopsy thv I'A xatd B G | s

ufikog AB = I'A xal pépmpsv tv AB. L n'p /’
ii) Ztvbeows. Kataoxkevalopev tpiyovov AEL, 5 / ’/V

tob dnolov al tpeig nhsvpal va Exovv phikn AT = B, % ll I

TE =y, EA = 2u. "Evolpev 10 I' pd 1o péoov A i W

AE, mpoexteivouev v FA kord AB = I'A kal @é- E

pouev thv AB. Td 1p.ABI elvar 16 {nroduevov. Ix. 6

iii) *Anddedis. Abye 100 mapurinoypdappov, elvar AB = I'E = vy, dnk. 10 1piyo-
vov ABIC Ezel tyv SoBeloav nhevpdy ¥, Exel npogavidy xal v P kal Exer kol Siauecov
AE 2

iv) diegedvnoig. TO tp.ABI Omapyer, dv Ordpyy o 1p.AEl. 'H kataokevy tod te-
Aevtaiov tobtov elval Suvath povov, dv
IB—vl <2u<B + v (Zvveiixar duvatdtnrog).
Inpelmog. Al xatdhinhol ypappel katd thv Gvéluoy 1ol dvotépe mpofiiparog
elvai 1) npoéxtacig AE = AA kal al EIL EB, 8i6nt 81" adt@v Snuiovpyslial 10 Kate-
oxevamipov tpiyovov ATE.

9. N xataokevachf] tetpandevpov, tod onofov Sidovrar ta pAky tév tEoodpov
nhevpdv xai 1 dardotaciy tdv péowoy tdv dbo Sayoviov tou.

i) ‘Avddvo. "Eotw 8t1 10
Cnrodpevov tetpomievpov elvar 1o
ABTA (ox. 7).

"Av M xai N 1a péoa t@v Sayw-
viov AT kul BA, | MN elvalr xatd
uéyebog yvwoth. ‘Opoimg wxal al
mhevpal AB, BT, T'A, AA.

‘Eév thpa 10 péoov M iy AT
Evodfy pé 10 péoov E 1iig B, 4 ME
elvar 10 fimou =i AB kai Zrmopévag
YV@OOTY.

1
"Opolwg | NE = 5 A, dpa f NE

Yvooti. "Qote 10 tpiyovov MEN elval
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kataokevdoyov. ‘Opoimg, v Z 10 péoov tfig AA, 10 tpiywvov MNZ elval kateokevd-
oy, d16tt malv yvopifouey 1ag Tpels Thevpds Tou:
1 1
MN, MZ =g A, NZ= -2“AB.

‘Eriong, dv dviompsy & M xal N pé 16 péoov H tiig BA, ndakiv npokinTel KataoKey-
1 1
aopov tplyavov MHN, 8161t MH = 7 BI', NH= 5 AA.
Téhog, Giv © 10 poov tfig A, 1616 10 tplyevov MEON Exer yvootag mhevpds, Gpa
Kataokevaletat,

Tav tecoipev TobTeV TpIytivey KeteokevaoBivioy, edxdlomg npokintel td {ntol-
levov TeETpamAgupov. Adti ) e08 BI' 6a Sigpyetal Sia yvaorod onuelov E xal 6d
elvar [[MH (tiv évoboav 10 péoa tdv nhevpidv AB, AT).

‘Opoiwg i ABJJME, f AAJ[HN kui TAJ[NE.

ii) Zvvbeoig. AupBévopsv ebBiypappov tufipe MN foov npdg 10 cuvbéov 1d péca
1@y Sayaviov xal &’ abtod dg Pacens xatuokevafopev tplyovov MEN Exov tig 0o
ihhag nhevpagME xal NE dvuiotoizeg loag npodg -g" Kai % (6rov a, B, 7, & 1@ SoBévia
phKn 1@y mhevp@v AB, BT, I'A, AA). Katdniv époveeg v NZ// ME xai MZ{[ EN xata-

a
axevalopev 1 tp.MNZ Exov mhevpds MZ = EN = 32'— NZ=EM= 3.

Kart' dvérhoyov tpémov xaracxsudlopev ta tplyove MNH, MN@ Exovia tiv MH

= =5, NH=M@ = 3.

Térog gépopev &k 100 E mapéiiniov 1§ NO, éx tob H rapaliniov 1§ ME, & 1ol
Z mopdriniov tff HN xai ék 1o © napaiindiov tfj EN.

Al téooapeg adbrul mapdiinior oxnpatifouv tetpamievpov ABTA, Smep elvar 10
{nroluevov.

i) "Amddectis, "Ex to0 maparinloypippov HBEM Exopev Oti

a
HB = ME = 5 xal éx to0 AHNZ, 6t AH = NZ = 3.

“Qote AB = HB + HA = 3 + 3 = &, 81k 10 ABLA Exz iy Sobelony mhevpiy
o."Opolwg dnodeikviopey 814 t@v rapaiinioypippev, én B =, TA =y, AA =38.
Mével ékoun v’ anodeibapey 611 ta M kai N elval té¢ péoa 1@v dinyoviov.

Mpdypatt 10 péoov tiig Al 82v dovatar va elval o dnd t M, xad’ doov EM/[=
1 1
3 BA. "Opoing 10 N elvai 16 péoov tiig BA, 5wt ENJ[= 5 TA.

iv) Awepedvnoe. Aia va elvar o mpdPAnua Suvatdv, dpkel vi kutaoksvdaoviar Td
tpiyova EMN, HMN. Al cuvBfikar Sduvardtntog elvat

|a—7I a+ B8 +38
SN < MN U a Brdl o w22

10. Aideror edbeia xy xai 660 onpeic A kal B ini tof évag tdv fmemnédav, 1@
ool OpiGer | xy. Zmrsivar va edpebiy onpelov P tiig xy towoditov, dote:

o~ ~
XPA=yPB.

WniomoBnke amoé 1o ivotirouto EkmaiSeuTikrg MoAmkrg



14 [§§ 10, 11, 12

1) "Avddvo;, "Egww P oto
Crrovpevoy  anuelov  (ox. 8).

"Eneidn yﬁi - xl?A. S TO0TO
1| npoéktaoig (P, Z) tig daxti-
vog (P, B) (8nA. tiig fmevbeiog
PB dpyopévng &k tob P kal nepi-
exovong 10 B) elval ovppetpicn
tfig axtivog (P, A) @g npdg ThHv
xy kai meptéxer kal 10 ouppeTpl-
kov A" 100 A. "Qote 10 P keltot
&ni tiic yvoorfic ebBelag A'B.

ii) Zivbecis. Ebplokopev 10
cuppeTpikdv A’ tod A dg mpdg
TV Xy xai 10 ouvdéouey ué 10 B.
'H topn) tob tufuatog A'B peta
¢ xy elvar 10 {nroduevov on- Iy 8
peiov P.

iii) "Anddefis. TO A’ xal 10 A keiviar &nl 800 GviiBitav AuERIESWY Ui Kpos Ty
xy, Gpa kol 10 A’ jg 10 B. Awa 10010 10 tufipa A'B téuver tAv Xy elg onueiov P, peraky
- -~ o~
A’ xal B. "Exopev 86 yPB = xPZ (xatd xopuenv) kai xPZ z:&’\A (ouppetpikut), Gpa
xPA = yPB,

iv) diegevvnaig. 25 mpoxintel &k thlg Grodeibewg, 10 npoPAnue Exel naviote plav
Mooy,

11. AoBeiong ebbeiog xy kai 800 onuciov A kai B npdg 10 abtd pépog 10D Em-
nédov @g mpdg TRy Xy, 6 ovvtopd@repog Spdpog b Gyov ik tob A eig 10 B kai dyyilov tiv
xy elvar pla teBlaopivny APB towabrn, Gate:

~~ ~
xPA=yPB. (PExy)
'Anddeic. "Anod 16 mponyoduevov mpdBinuu yvwpifopev St 1o P keltar &ai tod
ufijpatog A'B (oy. 8) xal 4t
(1) PA + PB = A'B (Si6t1 PA = PA’),

'Bav M elval tugdv ko onueioy g xy, 1618, tnedn MA — MA’ (AOyw ocuppe-
1plag), Sid tobro:

2) MA + MB = MA’ + MB,
Térog &k tob tpLydvov A'MB elvat
3 A'B<KMA’ + MB.

Béoer tdv (1) kal (2) § (3) dider: PA + PB<MA | MB, fitor 6 dpopog APB elvan
ocuviopdtepog olovdfnote GAlov Spopov AMB tiig abrfig olkoyeveiag.

("Av MéExy, t61e MA + MB = minimum, 8tav xﬁA = yﬁB).

12, Metagopa TUTRATOS. Aéyouev 81t 16 tpufpa AB petagépetar elg 10 tuipa
KA, 6tav KA//= AB xal AKAB nap/uov.

— Na xotaoxevaddi) tetpanievpov ABLA, obuivog Sidovian al Swydvior, dbo dmé-
vavty mhevpal AB, T'A kai 1) yovie o t@v Swyoviov 1§ repyovea thv TA.
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*Avdivowg. "Eav yupafopev 10 tufjpe BA
(ox. 9), tote péver va  npoodlopicloldv ta A
kal [, "Eneidn 88 10 tpipe AT elvar t6te, Gy
povov kol péyeBog, aAld xal kuta SiedBuvoly,

yvaordv (AMoye tfig SoBeiong vwviag u?), Sid
tobto td perapépopev el BE, dnh. BE[[= AT,
Ométe  mpokURMTOUY  KeTaoKevaowpo Tplywva.
To 1p.ABE kataoxevafetar &k tdv  mheu-
piv BA xai BE ( = AI) xai tfig nepieyopé-

vng yoviag EEA =m Kul 10 AETA gk t@v TpIddV
nievpldv: EI = BA, A kai EA (yvoorm &k 10D
1p.EBA)."H olvleoig kal anddeidig elvan edkolol.

Awegetvnais. Té 1p.EBA xotaokevdferar mavrote. To onuelov I' mpoodiopifesa,
tp’ 6oov |[FA —FE|<EASTA +TE (6zov T'E = AB). 'Eneidn év yével 10 I' dbvatal
vi tomobetndf elg 800 BEoelg, cuppetpikag hg mpdg v EA, 8id tolto 1o npdPfinua Exer
800, 10 moAD, ADOEIG.

13. Aiderar edBiypaupov tuijpe AB kol neppépaie (K, R) Egartopévn tiig sub
AB eig A. Na@ xataoxevaadf nepr-
oipera toantoptvn tod kixkov (K,
R) xai tfi cvd AB eig B.

@a neploprabbduev povov elg
v dvaivowy 1ol mpoPAnuatog.
"Eoctw (A, AB) 1 {nroupévn mept-
oépewa kai ' 10 onpelov &rapfig
@v 8o nepigpepeidv. 'Eg’ doov ai
800 mepipépeial dpdntovran eig T,
8a Exouv kai piav xownv épanto-
pévny (x) elg 10 onpeiov I'."Eotw O
10 onuelov toufig Tiig (x) perd tod
AB. Toétwe 8a elvav OA = OI xai Xx. 10
OrI = OB (Epuntopeva tTuApate &k
onuelov mpdg mepipépeay). "Qote 10 O elvar kévipov nepwpepeiag Siepyopévng Sia tdv
A, T, B. To T howndv dpiGerar, dg topn tfic (K,R) xal tiig pé Siapetpov AB yprpopévng.
Td A xeltor kal &ni tfig evd KI xal &nl tRg elg 16 B xabétov &ni v AB,

-~
14, Na kataokeveotf] tpiywvov ABI éx tfig yoviag A, tob Oyoug AA, = ug xai
tfic dapéoov AM = pq .
'Avddvoig. (oy. 11). T 1p.AAM kataokevdletar. “Ag Simhaoidonuey v Sape-

~ -~
oov: AM=ME. "Ek 100 aoxnuati{opévon nepjpov ATEB ouvvayetar 81t ATE=20—A (*).
To I' Préner 10 yvmordv tufipe AE Omd yoviav yveotiy, dpa keltar &ni 165ov xopdfic
AE xai {kavod yoviag 2D - 3\, éniong 10 I' xeltan &ni 1iig yvoortfic ebbelag A M, dpa npoo-
Sropilerar dg Topt T@v 3o TobTAV YpORHGY,

(*) Ak tov ovpPohioudv tfig OpBfic yaviag petaxeipifouede ovviidug 10 ovpfo-
Aov 1D, &AL’ Eniong xail ta ovpPore lopd 1) 90°
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Zidvbeors. Kataokevafopev 10 OpBoyd-
viov tpily. AA M, npoekteivopev: ME=MA
kai ynuwom’,v &nl xopdfic AE t6Cov {kavodv
Yaviag 2D —A Eotw elg o Auerinedov 10
bpilopevoy Ord T sVBAE kal pn mepiéyxov
@ A, 'H touf tof t6Eov toltov kai tig
evbA;M elvar ) xopueny I 10D {ntovuévou
TpLydvov. AapBavopsv kel 1o ouppsTpikdy
B 1ol I dg mpdg M ki Exopev 10 {nrovpe-
vov tpiyovov ABT.

Aregetnoug. TMpénet kal dpkeiv a S pa .

15. Aiserar neppipara (K), Sudpertpog
aitfic AB xail 800 ompela I kai A éni tiig
g thy funeppepaidy, tag dnoiag dpiler #
AB. Znuwitn va xataowevacfij onueiov M
imi tiig Etépog fuinsprpepeiag totofitov, dao-
¢ ol ed@elmn MU xai MA vi tépvouy
v AB ei¢ 800 onpsia X xai ¥ ovppe-
ka @G npdg 6 kévrpov K. (oy. 12).

*Avddvog. “Eotm A < AA. Enet-
& 10 ¥ elvat 16 ocuvppetpikdv tod X
ag mpdg 10 K, Sua tobto, &v I'' sivar 10
ovppetpikov 1ol I' dg mpdg K, 1 evd
¥I' elvar ovppetpiey the evd XTI, ai

[§§14, 15

Iy 12

8¢ MeuBelar (¥, I') xai (X ), med.\c kel al (¥,I7) kai (M, IN) naparindot xai dvrip-

poroL. Euvsntbf; ol ymvlm I' M‘P Kol M‘l’l“' elvat Toal dg dviog Evallog @V rapaiisi-
Awv. ‘'H [‘M'i' FMA - m elval yvwoth xard péyebog dg Eyveypappévn Baivovoe dai

yveotod t6Eov I"A tpa 1 F“]’A = 2D— @ &niong yvwoth. ‘Enopévag 10 ¥ xelrar &ni
t6§on xopdiic I"A {xavob yoviae 2D—w Kol Ypugopévon npdg t6 pépog Tob K. (‘H evl

I'T”, tépvovoa v mhevpdv X¥ kal pf
téuvovea v MX 1ol tpiyMXY, téuvel
v nhevpav MW elg onpelov H (Pasch)(*)

To H aviixov eig 10 MY, keitar év-
o5 1ol fmkokdiov AMB, énopévme Siv
keltal éml i axtivog KIT, GAL' &xl tiic
KI".'H ev8 MA, téuvouvoe tiv mhevpiy
KI" 100 tpty. KI'E kol p tépvovoa v

nhevpav IE, thiuvel thv mhevpav -
Gpa 10 ¥ xeltar petald K kol E),
Zvfeoc. (oy. 13). pagopev tokov
ue yopdiv I"A kel fpepamrtopévny It
(rpotktaoiv tob I'TY). Tobto slvar ixa-

a

. 13

_(‘T -'Aﬁitmm tofi Pasch - «’'Edv edfela weypévn év 1@ Emnéde tprydvon ABI xai ]
Sepyopivn H1d tiveg xopupfls adtod tépvy piav mhevpdy tob prydvov, tote thpver piay

xol povov piav ix t@v §bo oy thevpdvy.

Némope. Edbela tépvovoa piay mhsvpdy tprydvon xal uh tépvovoa plav devtépav

mhevpay abrod tépver iy Tpltny rhgvpdy,
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vov yoviag API = 180 — I' !/“\A = 180° — o xal tépver 16 tufipe KE elg onusiov \F.
‘H evd AY 6pilel 10 M.

*Anddaidic. "Eoto X | topn thg MI™ xai AB.

"Enelén l"h’&\‘l’ ==amt M‘?l"‘ = 'c:, Sua tobro al sbBetar MIT xai WI” elvar mo-
paAiniol xal pliorta oupperpikal d¢ npdg K, dpot 10 I elvar ovpperpikdv 1ob I oG
npds K. "Apa 14 X xai W elvai oupperpixa dg npodg 10 K. ('H sud MA zépvovsa v
nhevpdv KE o0 tpiy KI'E xali pn téuvovoa thv IE, téuver v K[ elg H. "Agod 10

wfipe I tépvel thy evd MY, 1a I xai I xelvrar ékatépwlev tfic MY, al yoviat ‘*’ﬁl"
xal Mf‘i‘l' " xelvial éxatépabev tfig MY, dpa slvar dviog Bvaddal 1Ov MTT xal I te-
Hvopbvoy ind tfig MP).
AXZKHZIEIE
1. Na Swpefi} Sobev ebBOypappov tuijpa elg S00 pépn, dv 1 Swapopd va iovdret
npdg dhdo Sobiv tufjpa.

2. Na ebpedf] &nl tfic mhevplic AB tpiydvov ABC omnuelov M toioltov, dote
MA + ATl = MB + BI'.

3. AoBeio@v 0o ywvilv tprydvou va oxnpatiodf f tpitn.

4, Na xasacxevacdfy napipov, ob Sidoviar 8bo Swdoyikai mievpai kai M Or’ al~
v mEpLEroutvn yovia,

5. "Opolag nupipov, od didoviar ail dbo Swaydviot kal f yovia abrév

6. "Opolwg, Grav didetor pia mAievpd tov xai al dbo Swaydviot.

7. Na xataoxevachfy tpiyevov, obtivog pia ndevpd elvar 5 cm, fy arévavn tadtg
yovia 75° xal pia GAAn yovia tov 2295,

8. At SoBévrog onueiov va Gy ebBeia oxnpartilovoa petd d0o dhlwv tepvout-
vov ebBeidv tplywvov loooxelis.

9. Ni xataoxevaody 1piyovov ABI, obtivog i BT = 7 cm, f| yovia thv Sixotd-
Hov OV yovitv ﬁmﬂ Ffl nepiéxovoa tRY BN va elvat 120°, ) 8¢ yovia tfig Sixotépov
kai 100 Oyoug t@v dyopévov drd thv kopuenv A va elvar 159,

10. A 800 Sedopévwv onueiov A, B va daybolv 0o ebelar towabtal, dote petd
Tpitng dobelong va oxnuutifovy ladnlevpov tpiyovov.

11. Na xataoxkevacdf] tetpayavov, odtivog Sidstar 1o dbpoiopa g mhevplic Kai
1fig Sayoviou.

12, Na xaraoxevaodi retpdymvov, obtivog didetal fy Swwgopd tfic mAsvplds kai g
Swxyaviov,

13. Na kataoxevacdi) tplyevov, obtivog bidetan pla mievpd kul dvo Cym, ¢& dv 1o
Ev dyetan &nl v SoBeloav nhsupty.

14, AoBévrwv tpidv onueiov pf xelpévov in” eblelag va axBf i tob Evog E§ adtdv
ebbela dnéxovoa lodrig dnd 1d Svo GAAa.

15. Eig Sobév tetpdyavov va dyypagfl tetphyevov Exov piav xopugnv eig tuxdv
Sobev onpelov tfig mepuétpon 1ol npdrov.

16. Na xataoxevacdfy tpiyavov, odtivog 8ldetar fy facig, pic tdv map’ adnv yo-
vidv kal 1o GOporopa tdv Slo GAlav mAsvpdv.

17. Na xataoxevactfi tplyavov, obtivog Sidetar # nepiperpos xal al yoviaw

18. "Eni 1fi¢ mhevplc AB tprydvov ABI 8ideran onuelov A, Na ebpedi) éni tfig npo-
extaoeng tfic BI” onuelov E tolobtov, dote f) AE vi Sixotopfitar Ond i AT

WniomoOnke amoé 1o ivotirouto EkmaiSeuTikrg MoAmkrg



19. No kataoxevuocli) nup|pov, obtivog Sidetar pic mAeupd o kai 1a 800 Dy vy Kuiu,,

20. Na kataokevecd) tpantfiov, ob 8idovial al téooupe; mhevpal.

21. Na xataokevaodfi tpunéfiov, ob Sidovrar al Paoeig kai al Siuydvior.

22. Na kataokevacdf loookshis tpiyavoy, obtivog f) Paoig vi keltan éxi Sobeiong
ebbelag, al Toal mhevpal tou 1| al mpoektaoeig tav va Sitpyrovea Sid 5bo Sobéviav onpeinv
kai 10 &nl iy Baowv Oyog vi loobrar mpdg Bobev tufipe (BA. § 10).

23. Na xaraokevactdfi tpiyovov, obtivog Sidovtar al tpelg Siausoot (i, §8).

24. Na xataoxsvastf) tpiyovov, obrivog Sidetat 1 mAeupd @, # dnévavl yovie A
xal 10 Gyog 10 dyopevov énl piay 1dv 8o @Alav Thevpdv.

25. N xataoxevacdl tplyovov &k tig PBaoews, wag t@v mpookeipévev with yo-
vidv kal tod Oyoug tol dyouévov ard thv xopugnv tfic Sobeiong yoviag.

26. Nd xataoxevacdfj tplyavov, obtivog iSetar 1) mepipetpog, pin yovie xel 10
Oyog 10 dyouevov érl plav t@v nhevplv tig Solelong yoviag.

27. Na xataoxevaodf| loooxeids tpiyavov, obtivog Sidovrar ta Oyn.

28. Na ax6f ebbela dnotépvovoa and 8bo kixhoug xopdag Exoloug Sedopéva LK.

29. Na dybobv épantopevar kiklov mupariiniot mpdg SoBeloav shBelay.

30. Na xataoxevoodf) maplpov Bxov 800 Siadoyikdg kopupas Sedopévag kol 10g
8o Grhag kewpévag Enl SoBeiomg mepipepelag,

31. Na& xataokevact) naplpov Exov 800 anévavri kopugdg dedopévag kui tag dvo
Gihag xewpévag &ni Sobeiong nepipepeiag.

32, Na ypupf mepwpépeia Siepyopévn 8ia 800 dedopévav onpeinv kul téuvouou
dobeloav nepupépelay ofitwg, Oote fi kown xopdh va elvar mapahiniog dobelon elbeiq.

33. AobBéviwv dbo lowv kikhwv (K, R), (A, R) éktog arhhihmv, v dx6f sb8ela /| KA,
tévovoa katd oewpav tag mepigepelag tig A, B, I, A oftwg, Gote AB = BI = IA.

34. AoBelong nepipepsiag (K, R) xai onpefov A {nteltai va ypagf pé xévipov 1o
A meppépela Tolabtn, dote 1o pfikog ThG xowvilg EEwTepikiic pantopévne adtfic Kai
¢ (K, R) va lgobrar npdg So8iv pfikog /.

35. "Eote AB xopdn neppepsiag (K, R). Znteltal vé xetaoxevacd xopbn kade-
tog énl v AB xai Siaipoupévn Ord tfic AB elg 800 pépn, dv 1o Bv elval tputhaaioy tod
iAlov.

36. Aidetar tawvia kol SVo onpele O kal A pi kelpeva Exl t@v top|hov @y dpifou-
o®v v taviav. Zntelral va ax8f Sia tod O ebBela tépvovoa tag maplhoug elg M xai N
ofiteg, dote: AM = AN.

Meragopéa.

37. AcBévtog tpiydvov ABIT va ax61 ebbela napaiiniog 1 Paocer B xai téuvovou
tag AB kal AT eig M xai N ofitag, dote AM = I'N.

("Ynod. : "Av petapépwuey (§ 12) 10 NI elg MA, 10 A, (éni 1fig BI), npocdiopiletat).

38. AlBerar tpiyovov ABT xai {nrtelrar va dx8f tufine Toov npdg obév kal mepa-
tobpevoy énl 1dv mheupdv AB xal AT elg 1d onuela M kal N toladra, dote AM = I'N.

('Yrod.: "Av petapépopeyv 16 NI elg MA, 10 A npoodiopiletar).

39. Na kataokevaodf] terpdnievpov, obtivog Sidoviar & uhkn @V TECCApPOV TAEL-
pdv xai 1 yovia, v énolav oxnuarifouy 8o dmévavit mhevpal Tov mPOEKTELVOMEVAL.

40. Znteltal va xataokevaobf) loooxelic tpiyavov ABIN, oftivog W) Baoig BIN va
kelran &ni Sobeiong ebbeiag xy kal va Exn Sedopévov pfikog, £vd ai Toul mhevpai Tov AB,
AT va Siépyovar Sud 8bo Sedopévav anpeimy A xal E dvniatolymg, kelpbvav npog 1o
abtd pépog thig xy.
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('Yrob.: "Av petagépupey 10 BI elg AO, ) elpeoig tob [ dvayetal elg §10).
Zuppetpia,

41, AofBeio®v tpudy ebBedv (a), (B), () v ebpedi Ev anuelov A énl 1fig (u) kul By
anueiov B &l tiig (B) obtwg, date 1 (y) va elvar pecoxaberog tol AB.

42. Aldovtar 8vo ebPelar tepvopevar kal Bv onuelov M, &rni obdemdg tolrov kel
pevoy, Na ax0ff 81 tot M ebbeiu, tfig dnolag 10 petald tdv 800 Sobeichv edBeidy pé-
pog va Sixotopfitar Omd tol M.

43, Né xaraokevaodfj Tufiua Exov 808év péoov, T 8¢ dxpa tou éxl Sobeiong ebBelag
16 Ev xai &ni dobeiong nepipepeiog 1o GAlo.

44), i) Kutaoksudoute 10 cUUpETpikOV neplpepeiag dg nipdg BoBév kévipov cuppe-
tplug. i) Na xateokevaolf) tufipe Exov §obév péoov, 16 & Gkpa tov &ri d0o Sobewadv
TEPLPEPELDV.

45) Na kataoxsvacdi tpiywvoy, obtivog 8l8etar 1) ebbela, &' fig keltar i Paoig tov,
1 edBela, b’ fig xelrar ) Sixotopog g dnévave Tiig Paoens yoviag xal 8bo onpela, 8V
av Sibpyovial ékaotn &k thv 8bo Ghhmv mAeupdv (Bv Avayky TPOEBKTEIVOUEVN).

46. i) Kataokevdoute 10 CUpHETPIKOV meplpepeiag i mpdg SobBévia Gfova ouppe-
tpiag. i) Aiderar 1) edfela xy kal 800 neppépeiat keipevar elg 1o adtd pépog 1od Emmé-
Sou g npde THY elbelav. Na ebpedfy enl 1iig xy onuelov P totobrov, dote dv dxBolv éx

-~
100 P 800 £bBeTal PZ, PT dparntopevar dviiotolyng t@v S0 nepipepeldy, va elvar: xPZ
S 4
= yPT,

47. Alderar ebBela (e) xal 8vo onpele A xal B dvicov anéxovta dnd tadtmg, Zntel-
T va ebpedf) &nl tiig (8) 10 onuelov ékelvo M, Bid td omolov fi [MA — MB elval fy pe-
yiom duvart.

48. 'Evtdg tprydvou ABL idetar onuelov E. Znteital nolov 8popov mpénet va Gro-
roubfion DAkov onueloy, 1o drolov, agod tkogevBoviadi) &k 1ol E kol dvaxhaobi éni
1@y tpilv thevpdv 10D TpLydvou (katd tobg vopoug Tig dvakiioems Tod puTdg), Vi Sueh-
Oy maiwv S tod E.

Avagopa lidla rpofiiputa Kotaokevdv.
49. i) I'vopifovres v ’R xal 10 GBpolopa T@v dbo Dydv LR + Ly = ¢ TPLYDVOU
ABIT, xataokevdoate 10 G6powoua B + 1.
-~
i) "Ex tfic A xai viig Suapoplc v, —uvg =¢ Beitate 61 Shvatal va xutaoxevachi
1 Swapopd p—7v.
—~
iii) 'Ex t@v B + v kai vy v, Kataokevaoate thv A.
o~
iv) "Ek 1@v v, — ug xal p— v eifate 61 OpiCetal A,
50). Aiderar ogela ywvia xay, 1 Sixotouog abrfig Ot, onuelov A &vidg Tiig A0t kul
onuelov B &viog 1fig tay. "Eotwoav A’ kel B’ & ovuuetpika tdv A kal B dg npdg tag
ebBelog Ox, Oy avtiatoixws. Na Seixfl 6ti 10 wfina A'B’ téuver tag Muevelug OX, Qy

elg onusin I, kal A, dvriotoiyxwg kal 611 & Spopog ATA.B elvar ouvtopdTtepog RavTOg
Griov ATAB, 8nov MEOX xai AEOYy.

51, Na xeraokevaoldfy noplpov, 1ol onolov didovial td ptoa tpudv TAELpAY.
52, Na xataokevaodf] napiuov, abtvog 8idovial ta dvo Byn kal pla Swaydvios.

53, Na kataoxevacdf) tpiyavov, étav 3idovral al pecokdberor 0o mAgupdv tov
xal 1o pdoov g tpitng mhevpds.
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20 [§ 16
54. "Evtog Sobévieg loonhedpou tprydvou vit tyypagfy dlro obtwe, dote ta dbo 1pi-
yove vi Exouv 1dg nAevpas tav kabétovg piav mpog piav.
55. 'Eni 100 Oyoug AH dEvyaviov tpiy ABIT va ebpedf] onpelov P towobroy, dote
Af‘;ﬁ = Bﬁ".

36, Na xaraokevact{] dpboydviov tpiymvov ABK, obtivog didovtal i phkn 1@V
BI" (brotevodong) kai BA, Grou A f) topfy tfic AB petd +fig Sixotoduov tfig dkelag yo-
-~
viag I'.

57. Na xoataoxevaodf] loookerss tpiyavov, obtivoe dioviar of nodeg B, I v
foav dy®v xai Ev onuelov I 1 Paoenc.

58. N& xataoxevacOf tpiy ABT, obrivog Sidstat 10 Eyxevipov O kai ol nddeg B',
o~
I @y towtepixdv Sixotdpav v yovidy ’l;. L

59. Na xuraoxevaodf] tetpamievpov Exov tpelg mAevpag loag, Stav 8idwviar ta
Héoa tiv By Towv mhevpdv.

60. N xaraoxeveotf] loookehic tplywvov, Gtav Sidetar 10 péoov tiig Phoede tov,
f xopuon kai 10 dpbéKevepov.

61. Na xataoxevacty tplyavov &k tdv otoLeinv pa, Vg, Ly,

62. Na xeteoxevaodf) tetphyavoy, obtivog yvwpiopsy dbe anpeia I xal K xeipeva
al 1V popéav tdv dvo Saywviov Tov kal d60 onuela E xai Z xeipeva &ni thy gopbov
8o anévavtt mievpdv tov.

16. Meraopd oyfuarog xatd Sidvuopa 8. o) 'Eav
8081} &v 1® EmnéSe Bv oxfipe F xal v &AetBepov didvvopa 3 Kai anod

k@Be onpelov M 1ol F oépwpev Suavuopa M-’M’ = 5: 1618 T népata M’
TV dravoopdtov Tobtwv Grotelolv Bv véov oyfipe (onpeloocivodrov) F,
10 dmolov Aéyopsv dm mpokintEr £k vol oyfipatog F ud petagoplg xatd

Stdvuoua_ﬁ. To oxfipe F' Myetar xal «peteoynpatiopévov to0 F 1a peta-
Qoplg xata Sidvuopa 5;1, Ta 82 onpela M’ 1ol F' Aéyoviar xal «elkdvegy
T®V avriotoiyev onuelev tod oyfuatoc F.

§) "And i dEbpata xivioeng (f petatonioewns) tol ymdpov mpoki-
nter §t dnapyer pla kivnowg H petagépovoe Sie 14 onueia tod Eminédov

Katd Siavoopa 3 °H kivnowg adt H (xahovpévn «petupopdn) oépet kxatd
ovvéneway 10 oyfipa F elg 16 F, Gpa td oxfpate F kol F' npoxLTTOVIQ
70 Bv &k 100 dAlov e wwioewg elvar oo, “Qote Sl tijs peTagopic

oxfipares karda Sidvoopa gﬂpom'lmel oyfipa foov.

Y ) Elvar gavepov 6t bia tfig petagopds ebbeiag xatd Sravvopa g:tpo—
xbnter ebBela mapidinhog xai Sd thg petagopls Mpevdeiag npoxdnten
fwevlelo dpbdpponog mpdg v apyikiv.
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§') () — "Av 6 GEwv ovppetpiag (&) petagepdi] xatd havoopa 3 xdfe-
tov &n° abdtbv, 161e O ovpperpikov Evdg olovdfmote onpeiov. Doicturar

petagopay kata diavoopa 2 _ﬁ.
"Eotwoav A" kai A" td gupperpikd tob
abtol onuelov A dg mpodg 800 mapaiii-
Aovg ebbelag (e) kol (g).
‘Avagepopevor el 1o oy. 14 xai
Bewpolivies 10 onuela A, B, A’, T, A"
¢ni i&ovog, Prénopev 6T (Oedpnpa Chas-
les)
A'A" = AA + AA" = 2BA + 2AT = .
— 2(BA + A _) — 3BT tA

— - —

dpo xali A'A"=2BI" = 23.

&) “Emoudvers xai 10 ovupetpuxov Iy. 14
nuievlelag  perapbperar  els  Huevfeiay

w>

(€)

o

(£

| >

mag [Aov xal dudppomov, drav 6 dfwy cvuperplas petapepl)j xara 5.

AZKHZIEIZ

63. Na& ypuofl tuipe loov kai maplhov npdg So0év kai Exov ta dxpa tov énl dbo
bobsiodv ebBerdv.

64. Ebpere 10 upsteoyxnpatiopévoy mepigepeiag (K, R) Sid peragopds katd Siavu-
-
oua 8.
65. Na kataoxevacdf tufjpa Toov xal mapaldinilov mpdg dobBév kai Exov ta dkpa
tou &ni SoBelong ebBeiag xal Sobelong neprpepeiug.

66. N ypaof tufipe nepilov kai oov mpdg dobév xai Exov ta dkpa Tou éni 0o
Sobero®v rEPLPEPELDV.

67. Na xotaoxevaadf] tetpanievpov, obtivog didovial tpeig mhevpai kol al yovia
al mpookeipevar elg tiv terdpTnv mAEvpav.

68. AoBeiodv 800 meplpepat®y kal ebdeiag (8) {nteltan va ax0f eddeiu |i(e) xul dmo-
xontovoa Toag xopdas and tag dlo neprpepeing,

I'EQMETPIKOI TOITOI

17. Tewpetpindg TOT05.—a') Kaheltar «yewpetpikds torog tdv
onpeiov thv Exdviov piay Sedopévny idrotnyta (A (7 mAnoodvraw play
guvbijeny (A) ) w6 oyijpe w0 arotshodpsvov and 1o |ci)vol.ov| v on-
peiov t@v Exbvrov iy dedopbvny iiotnta (A).

Katd xovéve Omapyovv dneipa 1 nififog onpele katéyovia TV
id6tnta (A) kai tabta cuviotobv oxfjpd 1t E, 10 drnolov elvar & yewpe-
tpkde TV oMo, (Zuvvtopwg y.t. §j «idmogy).
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B) ZvvBijkar, Iva Bv dedopévov oyfjpa F elvar 6 yeopetpikdg tomog
thv onueiav t@v Exdviov dedoptvny tiva ihibtnra (A). "Eote E 10 obv-
ohov tdv onueinv tOv &oviov v idiotnta (A) (6nrady 6 y.1. & dvr-
otoi®dv elg v i8otnta (A)) kel Eotw F Ev Sobév oyfipe, 10 Omolov
Béhopev va EEukpiBdonpey, dv elvar 6 y.1. E. Awd va ovpeivy tolito, npé-
nel 10 ayfipe F, Beopodpevoy bg onpeiocbvorov, vi tavtiletar pé 16 on-
petocbvorov E, "AALG 800 otvoda F kui E tavtifovral, tav cuyypdvag :
F<EN EcF.

Tabta onpuivouy katd oeipav b1

(1) FSE: niv onuelov 1ol F Exer tiv 1ddtnia (A).

(2) EcF: ndv onuelov Exov tnv i6idtnta (A) dvixel elg w0 F.

"Av al (1) kai (2) nAnpobvial, t616: F=E.

— Avvapeba érniong va Seiwopev 611 10 F elvai 6 v.1. v onuelay 1y &xoviev iy
Iotnta (A), dv deiwpev Gt

lov) mév onuetfov to0 F Exst thv Bidtnta A kal

20v) mdv onpelov pi dvfikov elg o F 8ev Exer thv 1816tnta (A).
Aot 10 lov) 2Goopaliler 811t FCE «al tolto ouvenéyetut:
(6)] F'2F'

6rov F', E' td ovpmdnpouatikd tdy F, E ¢ npdg 16 Shov Eninedov.
Td 20v) onuaiven
@ FgFE
‘Ex v 3) A\ @4) = F =E = F=E,

LTOIXEIQAEIZ TEQMETPIKOI TOI1OIL

18. i) ‘O y.t. thv onpeiov M tdv lodrig dneydviov and dvo otabepa
onuela A xai B elvar 1 peooxdBetog tob tpfipatog AB.

'Apkel vi delfopev 611 mdv onpelov M tfic pecokaBétou Exer Ty
{dwotmta: MA = MB xul 8t ndv onueiov P Exov tfv 18i6tnta PA =
= PB ketrar &mi tfig pecoxabétov. "AALd tabra dg yvootdv cupPaivouv.

ii) 'O y.1. tdv onpeiov M toiobtwyv, date MA > MB, 6rov A,B 00
dedopéva onpela, eivar 1 fueninedov 10 dnd tfig peooxabitov tofi AB
opilopevov kai mepiéyxov 10 B.

iii) ‘O y.7. v enpeiov tdv keypévov dvedg dobeiang yoviag kai loa-
nexbvrov and tag mhevpac elvar 1 Sigotdpog tiic yoviag,

iv) 'O v.t. v onusiov thv {odkig arexdviov ard 600 tepvopévag
ebbeiog elvan (ebyog edBerddv Siyotopovedv tig yovies, fig oynparifovv
ai tepvépevon edBeian.

V) ‘O y.t. t@v onpelov tdv arexdviov dedopévny dndataciy d and
dobeiong edBeiog (2) elvan 10 Lelyog tdv mapadiqrev npdg v (e), dv
Exaotn anéyer tfig (g) dndoracv d.
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vi) 'O y.t. t@Ov onpeiwy thv anexdviov dedopévnv Grndotaciy d and
otaBepod anueiov K elvar neprpépera (K, d).

vii) ‘O v.1. 1@y onpeiwy, dnd td dnoia SobBiv tpfjpe AB gaivetar dno
yoviay 0pOiv, elvar | meprpépera Sopérpov AB, 4@’ fig EEapolviar 1a
A xai B (§ 6).

19. Elpeaig YEWRETPIX®Y TONMWY. 'H groigeiddng pébodog eb-
ptoeng £vdg yempetpikod tomov ouvictatar eig TV dvaywynv tob {ntou-
pévou témov elg tAhov yvamotov. [lpog tolro Bewpolpev (X katwokevd-
Lopev) toxdv onuelov M 10D {nrovpévou y.t., SnA. Exov tnv dpiopévny
{816n1a (A) kal dvalnrodpev piav ouvvénelav tfig 18i6tnTog (A), dni. plav
véav idrotnta 10D onpeiov M, Eotw v (B), 1| drnoia npoépyetal did kata-
Afhov yxpnowpononoeng tic 18totnTog (A). Ad va npoywprionpev ik Tfig
(A) elg thv (B), ouvdéopev ouviifog 10 onpuelov M pé kat@hinhov atabepdv
onuelov f| ataBepi onpela §i gépopev dAhag katalhflovs ypappds oltng,
dote va dElomondf 1 1810tng (A), dnA. va ddon plav cuvénelay (B). IMok-
Aaxig 1) 181011 (B) £xel yvoorov yewpetpikov tonov (y). 'Edav tolito oup-
Baivn, téte kdBe onpetov M 1ol 16moOUL, dg Exov thy [SidtnTa (A), 0d Exn
kal thv ouvéneiav adtfig (B) xal émopéveg Bd keltar &ni tob témou TOD
avriotorgobvrog elg v (B), dnA. &nl yvootfis ypappfic (§ oyxfuatog)
(y). Obtw ebploxoupev otabepov oyxfjpa (y), €9’ ob xeivriar Sia 1@ onpela
tob tomou, xai péver va éEetdowpev Pacer tfig ididtntog (A), elg moiav
neployfv 1ol (y) ebpiokovtar td onpela 100 {nroupévouv témov kai v
kal niv onpelov tfig neproyfic tavtng &xy v idwdtnra (A).

Mia dnd tag duckoriag tfig pebodov Eykeitar eig v dvebpeotv tdv
otabepdv onpeilwv, npog 1 Omolu ovoyertifopev 10 TuYdV (| wipEyovn)
onpeiov M toD témou (ué 1OV okomdv TV avakdAiuvyy pidg véag idiotn-
tog (B) dnoppeovong ék tfig (A)). Qg otabepd onpela Exhéyopev molid-
kig 800 dxpela onpeia ol {nrouvpévov témov H kail otabepdv onueiov
un avijxov eig tov t6mov, 10 dmofov bpwg, dv ouvdedfj pé 1o tpéxov onueiov
M, &ider v duvatdotnta va ypnowononbi f ididtng (A) 100 M, bote
vi mpoxbyn véa i816tng (B) tob M.

Elg v dxpifeatépay edpeaiv yeopuetpikdv tonwv Ponbodv odowdds ol onueiaxoi

petaoynpatiopol kai al SievBuvoueval yavial, nepl dv yivetar Adyos elg td tpitov pé-
pog tob Bipiiov.

TIAPAAEITMA I Na ebpedfi 6 v. 1. (i obvohov) t@v péoav Shav thy tpnudray,
t@v drolwy o Ev likpov elvan orabepdv anpelov E, 0 58 Ghho ebpiokeran éni Sobelong
neprpepeiag (K. R).

i) "Eoto M onuelov tod témou, dnA. td péoov xdaroltou tuhuatog IN Exoviogrd
Gxpov N &ni 11l Sobelong nepipepeiag (K, R) (ox. 15 | 15((a)).

ii) "Emeidn 10 NE (K, R), elvat KN =R kal &neidn) 10 M elvar péoov nheupds tpi-
yovov INK, Gg 10 évaowuey pg 1o péoov O tiig otabeplis nhevpag ZK tod tprydvou.
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Téte 6a elvar MO = NK/2, fitor MO = R/2 = gtabepa andotooe xai Enopévag 10

R
xdfe anuelov M 1o {nrovpévov tomov kelrar &nl tiig orubepic nepipepsiag (0,7). (Ta
i thg ev8ZK keipeva 8bo onpela tob témou dviikovv éxlong eig v (O,R/2).

Zx. 15 Zyx. 15(x)

R
‘Avtiotpogov. “Eoto P onusiov tfic (0.*2“). Tote elvar OP = R/2. "Av tdpu @é-
1 >
popev dxtiva KZ tfig (K, R) napiiiniov xal dubpporov thig OP, 8& elvar: 3P= TKZ'
‘Emopévag 16 P elvar xar’ avéykny 16 péoov tob EZ, &nl. péoov tunuatog Exovrog dxpa
0 I xai onpelov Z fig (K, R). And. 10 P elvar onueiov 1ob témov.

Evpnépaopa. ‘O {nrodpevos v.t. slvan meprpéper pi wévepov to péoov O tod EK
xai dxriva R/2, -

TIAPAAEITMA IL ‘Erl v mleopidy Ox, Oy yaviag Oy Bcwpobusy {ebyog
onpeiov A xal B (A€Ox xai BEOQy)
wowofitov, diote OA 4 OB = K = §o-
Otv tpfjpe kel koveoxevdfopev map/
pov OAMB. Znteiran 6 v.z. (20 obv-
okov) t@®v xopupdy M thv nup/pov
tobraov.

i) "Eotw M onpelov 1 témov, Sni.
f| tetdptn kopugn maplpov AOBM dvri-
orotyobvrog elg Tuxdv Lebyog onusimv A,
B ut OA + OB =K.

i) "Axpikdv enpeiov. *Edv 1o A néoq
&ni tod O,8nA. 10 OA pndeviabi, T6te npi-
neL 10 B va #ABy el onuelov B, tiig Oy
toobrov, Gote OB, = K. "A¢ tvdbompsy 10
Tuxdv onpslov M tol tomov pé 1o axpikov
onuelov B, xal dg npoextelvopey 1 BoM, Zx. 16
BExpig Stov tufon v Ox, Eoto sig A,.
Hapatnpotuev 6 BB, = OA (51vm OA + OB = K xai BB, + OB = K).
‘Ensidn BBy = OA xal OA = BM = BM = BB, = o = o’ (1).
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'Enetdny MB//A,0 = o =" (2).

‘Ex 1tév (1) kal (2); = @' =0 = OA, = OB, = K.

Bhénopev 81 miv onuelov M 10D tomov keltar &ni tfic Paoems orabepol loooxe-
Aol tprydvouv OA.B, pé foag mievpag OA, = OB, = K.

*Avtiorpopov. "Eatm M tuxdv onpetov tfig Baoewg A,B, to0 otabBepol loooke-
Aol Tptydvovr OA.B, pé OA, = OB, = K (o%. 16).

®épovieg 10g MA//Oy kei MB//Ox oxnuatifopev 1o map/pov OAMB. *Ex 1dv loo-
o, © =" kol 6 = e'= a=0'"=> BM = BB, 'AALd BM = OA xai cuven@s OA
= BB,. ‘Enopéveg OA + OB = BB, + OB = K, &nA. w0 M elvar ) tetdpm xopugn
naplpov OAMB p¢ OA + OB = K, dnk. 10 M elvar onpetov 1od témov.

Sopnipaopa. ‘O [nrodpeves v.r. elvan f| Baog A,B, tob loooxehols A0A B, n2
OA, = OB, =K.

[APAAEITMA NIl (Metagopi tofov). Aidetar xukhidy toSov AB xal otade-
pov Glévmu:';. *And e onpelov P tob toov fli @Epopey Suavoopa P_!;l =_l]5'. Znrel-
T 6 y.1. thv nephrov M
@y Savwonbrov  tobtov
PM.

i) "Eoto M tuxdv on-
uelov 1od tomov (oy. 17). "Av
uetapépmpey ta A xai B elg
eig A, kai B, kata Sidvuopc
- - -
8, dnh. oftpwuev: AA, = §,

—_
BB, =& xal évhowusy 10
M ué 1@ A,, B,, 1018, &nadn

- =
kai PM = §, 14 tetpdnievpa
PMB,B xai PMA, A cival
nap/pe kel ouvendg al yo-
vi A,MB, xal APB fom
g Exovoat tdg mAevpds TV Ix. 17
napflovg kal Opoppdnovg.

To M Bréner to tufipa A;B, Ond otabepdv yoviav fonv mpdg A?B kol ovvende xeltal
&nl t6Eov A’,?il txavod yoviag A?B, . &ni t6€ov ATli. ==A’ﬁ, "Orav 10 P teivy va oop-
néay pé 1o A, toTe kal 1o M telvel v oupnéon pé ™ A, "AMAG tote f fuevbela (P,A)

teiver vit yivy fpepontoptvn AX 100 1650v ﬁ (§3) xoi 1) (M, A,) tefvet va yivy fije-

~
gantopévny A, X, toli tokov A,B,. 'Eneidn 8¢ mdvtote ol fuevbelar (P, A) xal (M,Ay)
glvat mapdiiniol xai dpodpponot, id tobto xai al dplaxei tov Béoeig AX, A,X, elvar
maplhot xai dpdppomot.

"Bk toltov Ererar &ti f) Huegantoptvn A, X; tob tdov A:l?dl!l glvar yvoori, dpa
10 .'!«,’b?li1 dpiopévov xal kataokevdaotpov (Br. § 4).

ii) "Avtiotpogov. "Eote M tugdv onusifov tol t68ov ATB1 npokirtoviog €k ToD
t6Eou AB 81 petapopl xaté 8 (§ 16). "Enedh f petagopd elvar xivnotg, 0a Omépxn
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xal f dvriotpopog nlvno'lc N pépovoa 16 A B, elg o AB Ank. 81d petagoplic katd Sid-
vuoua 3 10 16Eov A 1By tpapudlet éni tob AB tipa xai 1:6 M Epyetat elg T cnu.etov P
100 rbﬁcu AB @d brapyn Aoindv anuelov P tob t6Eou AB tolofitov, ote MP —h
tipa xai PM = 6 Ank. 10 M Exer thv &6t 100 tomoU,

1)) Gad:pmm. Awd peragoplic thtov AB katd Sudvoopa 6 npoxinter voHEov A 1B, Toov
npdg td AB xal Exov eig ta Gixpa tov ﬂuwwnfoutvuq nap[Lovg kal dpoppbrovg npde tog
dvniotolyong fmepantopévag tob AB

TMAPAAEII'MA IV. Aiserm titflue AB xei onpefov O fxedg tfic evd AB. Znrteita
b 1.1 1Y plowv 1@y unpdray iy apyoptveov dnd tob O xai repatovpévoy elg ta on-
uefa tob wufipatog AB.
"Eoto M onusiov 1ol tomov, dnh. pé-
oov 100 tufinatog OP, Snov PEAB (o7, 18). 0
"Av tvboopey 16 M ué 1o (orabepdy) pé-
oov A, 1od OA, t6te euBA,M//AB. ‘Apot Al
fi ewbA,M slvar //AB xal Bibpyetar Sid B‘l
o0 péoov tig mhevplc OA tob 1p.0AB,
Bd Bibpyerar xal Sid tod péoon B, tfig A B
nhevplc OB. "Qote 10 M avfikel sig 1o
otalepov tufina A,B, 16 ouvdtov td ué
oa v OA, OB, Iy 18

‘Avtietpogov, "Eotm M TYdY mwstov ol tufpatos A,B,. Tote fi dxtlg (O,M),

bg towtepikt drrig ¢ yovieg AOB 0 téuvy 16 tufiuc AB elg T onuelov P. 'Exedn
i evBA,M Sibpxetar S tob uéoov tfig OA kai slvar /AP, 8d Siépyetal kal S1d Tod 1é-

oov tfig mAeuplic OP, “Apa & M elven uéoov tob OP Bmou PEtyu, AB, 8nA. mhnpol v
1816tra 100 térOUL.

Evprnépaopa, ‘'O Enrodpevos y.t. elvat 1o ufina 16 ovvdéov ta péoa tdv OA kail
OB.

‘Opoloyia. To M Aéysrar kol buoréBetov tob P &v Adyo 1/2 g mpdg xévipov O, Té
wfiua A,B; Aéyetar ériong dpow6Betov tob AB &v Loy 1/2 xal dg mpdg kévipov O.

IMAPAAEITMA V.— AiSstan tokov AB kévepov K, dxrivog R, xal enpsiov O. ZIn-
teltar & y.1. 1@V péowv thy mnpatov thy dpxoptvev dnd tod O kai neparovpévov eig

& onuela ol w68ouv AB, A

"Eotw AKB i éu[revrpoc yovia f) dvtiotorrobou elg 16 t6Eov AB P tuxdv onuelov
tol AB M 10 utcov 100 OP,A, 1o uém:w to0 OA, B, 16 péoov tot OB, K, 16 péoov 1o00K
(oy. 19). 'Enaidy K Ay ——~-1~KA xal K B, = ;KB S tobro al yovial AKB xai A, K 1By
Exovv tdg mheupdc tav mpllouq kal 6uoppémovs. Exeldy 8& fi dxric KP ebploxetay
elg 10 domtepixdv thig AKB St mDm i dudpponog dktic K M (6mov K;M = R[2) 8a

ebplokerat af; 1 dowtepicdv thc A K 1By, Gpa 16 onusiov 100 tému. 1 M, dviiker elg
1 tdEov A B, 10 @vtioroixolv eig v &nlkevepoy yoviav A, l( B,.
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—
*Avtiotpogov. "Eoto M tuxdv onuelov 100 td§ov A,B;. Tote f dxrig E,M elvan
—
Bomtepixn) thg yaviag AJ’(TB,. tipa ) napidiniog xal dpdpporog dxtig KP Ba edploxe-

Ex. 19

tat elg 16 dowrepikdv tfig Al’(\B. nk. to PEAE. ‘Bretdny KP = R, KM = R/2 8ni.

K_,T\«I = ﬁiz, &1t Todto t& M ebplokeral elg w0 péoov tod OP, dnk. Exer v 18détnta
100 t6mOUL. .

Eopnpaopa. ‘O {nrodpevos v.r. elvar tofov A,B, dxrivog R/[2, Exov wévtpov td
péoov tof OK xal dvtiotoiyov énikevrpov Exovoav mhevpds map/hovg kai dpoppbrovg

rpds tag tfic mxévrpov yoviag Al’C\B:_\ A

*Oporoyia. Td Gvorépo t6Eov A, B, Aévetar dpovdBetov tob AB dg npdg O xal &v
Loye 1/2. .

Mapatnpiioeg. lov. Al fuepantopevat BX, BX, tof AB xai tof dpotoBérov TOL

Aﬁ!l elval map/Aor xal dpdppomor (Bh. naplyna III, Bedpnua).

20v. O v.1. 100 napadsiyparog I elvat 10 dpotdbetov tfig (K,R) dg mpog I xal Ev LO-
yo 12,

MAPAAEII'MA V1. AlSerar neppbpera (O, R) xai edbela (2) tEmrepixhy tfic nepr-
pepeiag. Znreftan 6 .1, 1OV péowy tdV unpdtev 1@y evvdedviov Bv enuelov tiig nept-
oepelag pé Bv onuelov tfig edBeiog.

“Eotm PT tydy tufina ovviéov thv meptpépstay pé thv edlelav (oy. 19a). To pé-
aov M abrod elvat Bv tuxdv onuelov tod
tomov. “Ag pépampsy Siauetpoy AB kafe- (E"
tov &nl thv () &lg 1 K, 8rov OK>R xal
KA>KB. Napatnpotusy 8t 10 P elvar
ouppetpikdv 100 T g mpdg kévipoy oup-
petplog 1 M xol cuven®s, deol TE(e),
16 P avfiker elg thv ovppetpienv tiig (8)
edfetav g npdg M, Eota v (e). 'H (")
npénel Aowndv va Exn Bv tovddyiotov an-
pelov P kowvdv peta tfig neplpspeiag (O,R) A
kal &neidd) (e)) elvar kaBetog énl v Sud-
petpov AB, it trofto npémel va téuvy v
AB elg onuelov E xeipevoy éni 1ol tufpua-
10§ AB #, 10 noA0, cupnintov ué to A fi 10
B. 'Evtebbev 1| ouvBfikn: KBSKESKA

KB K
= - ZE§K2-A. ‘Enedn) o M

~a
3

N

SRS
NN

NN

L\
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KE
npoParietar elg t& péoov N 1ol KE, 81 rodto KN et xal ) tedevraia ouvlfkn

yiveray 5 ZKNZ 5 fl, &v A xai T td péoa t@v KB, KA, elvar telixde:
’
(1) KASKNZKI

'H (1) 8ewcvier 8t 10 N dvAxer elg 16 tufipa A ovprepidapBavopévoy xai tév G-
Kpov 1oV kol ovvends 10 Tuxdv onuelov M 100 térov ebpioketal vidg g tawviag Thv
kabétav () xai (n') t@v dyopévev &xl tiv ewdAB el T kel A, A xai ni 16V ouvd-
pov ()} xai () tfig teviag,

"Avriotpopov. “Eotw M onpelfov th¢ toaviag {(n), ("}, elg Aiv reprhapPavopev xal
g () kai (n"). Tote f wpoPoii Tov N &ni tHv euDAB 0 xeitar &nl Tod wufpatog A oup-
nepiiapfavouévav kal t@v dxpev tov, “Apa: KASKNSKI = 2KA<2KN<2KI" = KB
SKEZKA (6nov KE = 2KN). Tobito enpaiver &t 10 E xelrar #xl 1ol Tufparog AB
ouvpnepthapfavopivay kal w®v Gkpav tou dpe f el E dyopévn 1 AB Exe Bv rouddyi-
otov onpelov P kowvdv petd tfig nepigepeiag (O,R). ‘Evodusv 1 P pé 16 M ,0nédte ) b
PM, téuvovou iy EP, téuver kal thv mapliov g (&), Eotm elg T. 'Eneidn 10 N elvar
uéoov 100 KE, §1d 10010 kel v M slvar péoov tob PT, fitor 16 M Exsr v 18:.0m10
1ol tomov.

Evpnépaopua. O {nrodpevog v.x. elvar piv torvia dpvlopévn Ond Ty peooxabétov
v mnpdteov KA kai KB, elg fiv nepilopfavovian xal ta otvopa airtilg.

20. Xpfioig @V yewpeTp®dy ténwy elg yewpetpixdg
nutacueudg.—l'lonmclg fi Mo &vog yeopetpikod mpoPifuatog EEap-
tlitol Gno Ty Ketaoksvnv (Tpoodiopiopdv) veg onpeiov X' nA. ovp-
Baiver 1 elpeoig tfig Béoewg tob X va cuvendyetor v fuecov Abay 1ol
npoPAfuatog. "Edv, thpa, yvopllopey 511 1d Enrovpevov onpeiov X ninpot
8bo ocuvlfikas (A) xai (B), &ig tag Omoing dvriotoiyolv yvmetol yewpe-
Tpikol tomor (y,) xai (y,), tote 10 X @ onpelov aviikov el dpgotépoug
Tolg Tomoug (y,) koi (v,) (Biém Exer dpootépag tag 18idtnrag (A) kal (B))
xataokevdletal dg topd tdv Vo térov. To mpdPAnua Aowov B Exy tdoug
Aboeig, Soa onpsia Exer 16 cdvohov (1) N (o). "Eav (v;) N (1) = &, 10
npoPAnpa Bév Exer Moowv. “H pébodog abtn d&v slvon mavrote Epappdoipog
elg 1@ yeopstpikd mpoPAfpata, Sibtt fl YEWUETPIKT Kataokevh Gueoté-
pav &V 1oV (v,) kal (1) 8év elvar névrote Suvarh, Mapatnpntéov dxéun
61 xatd thv Epevvay 1ol npoPAiparog déov va karadfEouev elc Svo
i16ttag (A) xai (B) tob X, aveEaptitovg dAAniov, Sid vi d8nyodv adtar
elg 8vo Sragoperikods toémOUC,

AXKHZXEIZX
69. Ténog v péowy v ancipev TUNRATOY T@Y Exdvrav Bv dxpov elg otabepov
onuelov A xai 10 GAho énl orebeplc edfeiag (e).

70. "Eri tiig mAevplic Bl AABI AapBivetal tuxdv onpelov M xal éx tob M tyovray
map /Ao mpdg tig AB, AT, Tig 6 v.1. 100 kévipou 100 oxnuatiiouévou map/pov ;

71. Tomog tlv ouuueTPIkGY oTalepol onusiov A mpdg Shug tdc ebbsfag (tob &mi-
wédov) Tag Siepyopévag 81 Erépou atafepod onusiov B.
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72. "Ex Sebopévov onpelov neprgepeiug (K, R) @yopev xopdés xel ta¢ mpoektei-
vopev péxpr Sithacwopod. Torog thy dxpov thy RpoekTdcEOV.

73. Na ebpedfy 6 v.1. 10V péowy 1@V munudtev t@v map/Aov xpog v Sdpsoov
AA bpBoymviov tprydvov ABI (‘R 1 Op8n yovia) xail neputovpbvmv &nl téhv ebfadv,
t¢’ dv kelviar al kadstor mAevpal.

74. Na ebpedfi & .1. 10V onuslwv, v drolev 16 d0poioue thv drooticenv dnd
500 tepvopbivay edBaidv slvor atabepbv, loov mpdg Sobiv tufjua A.

75. Témog v onuelov OV keuévov dvrog Sobelomg yaviag kel v dnolov f Sw-
Qopd thv drocthoswy &rd Tag edBeiug tdg pepoloag Tdg wAsupdg thg yoviag loobtal
kat' amélvrov Tty mpdg Sobdv tufiua A.

76. Tpvydovou ABI' al xopupal B, T napapévouv otubepal, v f xopupn A peta-
tonifetar ofrag, dote va slvar navrote AB + AT = C (otabepov tufijpe>BI). Znteital
6 7.1, tfic npoPoirfic tfic xopupiig I &ni v EEwrepixiyv Sixotdpov tig TA\

77. Hofog & 7.7 tfg xopuefis A tprydvov ABT, tod éroiov ul xopvgal B xal I,
kabac xal 10 pfixog thig &k tig B Swupéoou mapapévouv atubepd ;

78. "Eni thv mhevpdv Ox, Oy ywviag ﬁy Bewpotpev {eliyog onuelov A kai B, 10
A ¢nl tfic Ox, 10 B &ni tiig Oy tol0btov, Gote OA — OB = C (6oBév tufijua). Na elpedf
4 v.1. 1Ov péowv thv Tunpitev AB.

79. Témog t@v kévipmv Bhpoug tdv OpBoyoviey Tprydvev pé otabepdv brotel-
vovoav BI.

80. AiSovtar Svo otubepd onuele B kal A. Tolog & y.1. tdv Kopuedy A t@v loo-
oxkeAOV Tpiydveov ABIT pé AB = A, t@v &xdvimv mavtote Sidpsoov Tiv BA;

81. Aidetar tp.ABI. Tomog v M, &1d i dmola loyber ovyypbvog:

MA = MB A MA < MI.
82. Aidetar tp.ABI". Tonog t@v M, Sid ta omola loyler ouyypoves:
MA < MB A MA < MT.

83. ITolog & y.r. TV xévipav t@dv nepigeperdy, aitives dpantovral 800 Sobeiodv
tepvopévoy by ;

84. Tnpelov M Sratpéxer Bv tuiipa AB. Elg éxdotnv 8éowv tod M kataokevdlouey
lodmievpov tpiyavoy AMT éni tod &vog tdv fmemnédov, driva opiler 1 swBAB xai
otpopey &lc 1o T xdletov &nl miy TM, fitic téuvet elg A v elg 1o B xdBetov éni 0 AB.
Iofog & v.1. tod mepikévrpov tod 1p.ABIT;

85. Aidetar koxhoc Siapétpov AB xai xévrpov K. "Edv M toydv onuelov tfig nept-
gepslag, molog & v.1. Tfig Toufic tfic elg M dpartopévng Tob kikhov kel Tig &x Tod K dyo-
pévng mapaiifilov mpdg v AM;

86. Afberar neprpépeta (v) xal tufina AB. Tonog 1ol P, dtav td tetpanievpov ABMP
elvar map/uov, 1o M dvhikovrog elg v (7).

87. Elg 1 owtepikdv xOkhou (K, R) 8iSetar ortaepdv onuelov A. Aappavouev
tnl tfic neprpepelag (K, R) tuxdv onuelov M xal S1d tdv tpidv onpelov K, A, M ypa-
popev nepipépeiav, Eoto v (v). Elg 10 M gépopev sparntopévny tiig (K, R), firg éna-
vatéuvel v (y) elg @6 P. Na sbpebf 6 v.1. 100 P,

88. N& ebpedfi onpelov dnéxov dnbotaciy & and Sobelong ebbelag kal TAVTOX PO~
vog dnéxov lodkig drnd dvo dAlag Gobeioug cdbelag fi 0o Soévia onpela.

89. N ypuofi nepipépeia pé dobefoay dxtiva R xal i) Siepxopévn &1d dbo onuelov
A xai B, ii) Sizpyopévn S1a Sobévrog onueiov A xal dpurtoptvn Sobelong eblelag (£)
fi meprgepeiag (O, a).
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90. AiSovron 800 mepipépeiat (K) kai (A) xévipov K kul A, tepvouevar sig ta on-
peta A xal B, Eb@ela (g) Stepyopévn Bid tob A Enavatéuver tag nepigepeiag (K) xal (A)
rle My xal My Znteltat o gtvolov 10V uéowy tly tunphdrov MM,

91. AiSstar kikAog (K, R) xal onuefov P 1ol émunéBov tou.

i) Torog tlv péowy tdv xopddv tob kikAov, v drolwv of popels Sipyovrar Sia
tofl P, Asifute 871 & 1omog elvar nepIpépeie §| tO6EoV.

ii) Torog 708 P, Gzav & dvotépo tomog elvar fiumepipépera.

92. Mepwpépera (v) otabepag dxrivog, diia netapinefic Béoems, Siépyetar S ora-
Bepol onpsiov A. Elg éxdotny Béoly abtflg tyovrar dpantdpeva rapdlindot npdg ota-
Bepav ebBelav. Toénog t@v onusiov Enaofic.

93. Na ebpedf) 6 7.1, 1v onuelov tnapfi 1@y Epantopévay, altiveg dyovral napah-
Ahog npog Sobeloav edBslay mpog Tig neproepelag, altives dpanrovear Sedopévng edeiag
elg otubepdv anuetov adrfic.

94. 'Oploywviov nap/pov ABIA fi kopuen A péver otabepd, ai 62 B xal I’ pévouv
tni Sedopévng mepipepeiag. Znteltal 6 Y.t e tetdpTng kopugfg A.

95. Inpetov P diutpixet v npotktaoty tfig Stapétpov AB kikAOU (K, R).’And
txdotnv Bsey 1ol P oépojiev fuieudeiay PT gpantopévny 1ob (K, R). Zntetral 6 tomog
5 npoPoifig 100 xévipov K éni v Sixotépov 1hig l?P’T

96. Tig & y.r. 10V onueiov, xad & téuvovial ai ebBetar af évolioar td méputa tfig
Sraugtpou fuikvxkhiov petd t@v mepdtoy 1OV Kadbtmy npdg GAANAag dxtivov tovrou;

97. AoBéviog Opboywviov tp. ABI, dyopev kaberav énl v bmoteivoveav BT, té-
nvovouv elg A kal E tag si8eiag AB, AT, Tic 6 y.1. tob koivod onpelov thv edfeidv EB
xai TA ;

98. AoBivtog xbxAou (0) xal &vo Stapétpov AB xui TA xalérov én alAfhag, oé-
pouev tuxoboav dxtiva OE kol &n’ adtfig AauBhvousy tufiua OM loov npdg thv and”
araoty tob E dno tfig AB. IMolov 16 obvolov v M :

99, AiSetar kOkhog (0) xal Siapstpog adtob [A. Dépopev toxoloav dktiva OA
xai Ty drdoraciy AB tob A and tfic TA. Tomog tol kévrpou tof Eyyeypaupévou elg
o AQARB xikAou.

100. Ni ebpedfi 6 y.1. év onpeiov, 10v droiov af (dpbal) npofolal. P xai X 2ni
8vo grtubepdg, tepvopévag sbleiag (g,) xai (eg) Opilovv sbBetav PL rapaiinlov mpodc
SoBetoav ebbelay (8).

101. .Elg 8oBévta xOkhov dyopev tuxoboav yopdiv TA, map/iov npog orabepav
dtauetpov AB kal AapBavousy énl tiic Autevbeiog (A, A) wfjua AM — AT, TMoilov 10
civokov thv M ;

102. Terpuniebpov ABI'M xuptod kal Syyeypaupévon elg kOxhov al kopugal A, B, T
uévouv arabepal, 2v f M petafarierar. Tig & tonog tfig toufle v £beidy Tl cuv-
Seovady 1d pfoa thv arévavii TAgupdY tob tETpaniehpou |
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KEGAAAION I

OMOKYKAIKA ZHMEIA - EDAPMOI'AI AYTQN

21. 'And v Ocopiav T®v xuptdv moluvydvov.

@) Moryava. “Ag Bswophoopev inl émntdov piay Swadoxfv &k v onueiov: A, 0
npdtov, A, 10 bebrepov,.., A, 10 tehevraioy, drov v = 3, xabdg kai tiv Sadoyiv thv v
pnpbtav AAy, AgAy, o AviAy, Ay A1, "Eg’ Soov 800 oladfirote #x tdhv tunuarov A A,,
AgAg v AJAy BBV aanlotéuvoveay, tote: td v dvotipm onpela A, A, Agy oo Ay
poll pd ta tpApate AA,, AsAg A A1 Afyopev B dmotedolv Bv dnhodv molbya-
vov. Tuveopmg : «rolhyovovs.

Bav tive &k TV TUNHATOV AjAg AjA,, AA, ainiotéuvovial, tote Omd
v onpelov A, .. Ay kal OV THUATOV AA,, . AA, dpilerar Siearavpopévov
roliyovov.

Avvatdy ta onuela Ay, Ay, ..Ay, 8vd Opllovv drioly roAbymvoy, xat' dAAnv TG
ropPavopeva vi pn Opiovv &miobv molbymvov, GALG Siectavpopévov mOALY@VOV.
Mavragal v Sdoyal («kukhikal petaBioeiey Aeyopeven): {Ay Ay, o Ay), {Ag Ayl Ay,
A, (Ag Ay Ay Ay Ag) (A Ay e Ay-1) Opifovv Ev xal 0 abdtd molbyavov.

Ta onusle Ay A,, ... Av kahobvrat kopupal xai ta hpate AjAg Ag Ag . AvAy

xahobvrar mhevpal tob moduvydvon. Ebkormg Brémousv 1t al xopugul slvat leapBpor
npdg tig nAsvpdg.

WnpiomoBnke amoé 1o ivotirouto EkmaibeuTikrg MoAmkrg



32 [§ 21

§) Kupté noddyove. ‘Eav Exaotn edBela nepéxovoa (ofpovoa) piay nmievpav Exn
npdg 10 udtd pépog tng Bhag tdg {ihing xopvedg tod mokvydvov, 161e 10 moAbymvov xa-
Aeltar xuptdv molbymvov.

"Edv n.x. 10 molbywovov Ay A2
..Ay elvai kuptov, tote al xopu-
pai Aa ,Aqg ,...-Ay xelvral &ni Evog kail
10D abrold Hueminédov &k thv 00,
0 Smola Opiler fi evBA;A k. T.A.

“Ev onueiov M Aéyetar dom-
wepikdy onpelov 100 xuptob moiv-
yhvou, dv dg pdg TOV Popéa kG-
omg mieupl; keltar elg o adzd
uépoc tol émnédov, elg 1o Omolov
kelvtal koi ol Aowrai xopuvpai tod
nohvydvov (ox. 21). Katd ocuvé-
nowav 10 Sowmtepikdvy onuelov Sév
keltar &nl mhevplig Tivog, BioTL mhy
onueiov avfixov el Bv Auieninedov Iy 21
&tv aviixer clg 0 alvopov (dpxi-
kv ebelay) Tod Huemnédon. "Eow-

Tepucdy 1ol wuprod modvydvor koieltar 10 olvolov Thv Eowtepikdv onpelov adtob.
To towtepikdv elval, @¢ Afyopev, 1o pipog tob émnédov 10 mepxheibpevov bmd tob
noAvybhvou,

Awrydvios xuptol mokvydvou kakeltar nilv ebBOypappov tufiua Exov dkpa &bo
Kopupdg o0 moAvydvoy, uy dwadoyixds. Ank. fi Siaybviog ouvBéel §bo xopuds, xwpig
va elvar mhevpd. Kdfe duaydwiog, my. N
Ay Ax (ox. 22) efploxerar el 1o dow-
Tagindy Tol xugrod modvpdwov.. Awdtt de
npde niouv eblelav pépovoav piav miev-
pav 10 tufijna Ay Ax edploxetar OAOKAN-
pov elg 10 abtd pépog ué tég dAlug Kopu-
ohg, Thy. dg mpdg thv evbA,A, td on-
peta A;, Ag xelviar elg 10 aldtd pépog
1ol émnédov, eig & xeivrar xal al Aownal
xopupal A, ... A,, A; fpa kol OhOKAN-
pov 10 tufjua Ay Ak ebploketar &l 70
adtd fuenizedov p¢ tag drlag xopuedg,
b mpdg v suBA A, 'Exeldn 1o Thov Ix. 22
oupBaiver xal ué 6lag tag ebbelag tag @e-
poboug plov thevpav, Sid tobto xatd Tov dplopdv Tob «domtepikodn 10 Tufipa A,Ax
aviikel elg 10 Eowtepikdv Tod ROAvydVOUL,

v') Koptov terpamievpov ABIA (oy. 23). Elg adtd Swaxpivopev dvo Leuyn anévavey
yoviay: A, 1) xai @, B).

(©).— 'Edv al Swydviot (dnh. 1d ufiuata AT, BA) tetpanieipov ABLA (ox. 23)
tépvoovrar elg E, t6te 10 ABIA elvar xuptov.
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