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‘O EdxAeidng

‘0 "Eldmvac yeouérons Edxieldne Snipe ¢ mo dudonuoc palnparixdg
Ghaw viw Emoyiw ai Slew tiw 0viw. I 1) Lonj Tov Edgovpe moid Abya mod-
yuara. Levvijnxe ©6 330 7.X. ovy) Zixedia 4 ovs) Zvpla xai méhave 1o 270 7
275 n.X. "0 mavégas tov Navxgaros tov Eoteiie dpyina yia omovdégoTiy’ A-
Biva, émov yerjyopa dia-
#0l0nxe ya tic pafn-
patizés Tov ixavdrnres
xal Tic yewuerouxés Tov
éoyaoies. * Apydrepa mij-
ye ¢ mpoaxexinuévos
tod  [Trolepalov oy
*Adelavdoera xal didake
*ApBuntiey xal Tewpe-
tpla. “H dibacxaiia rov
éxci dpnoe émoyr) xal 6
Ebxleidne  vadrice ya
Exarovrddes yodvia 70
dvoud tov pué 1) lew-
petpla oty dmola el-
x¢e ibalreon dydnn. Ka-
ta vov Ildmmo (3oc ai-
dvag p.X.) 6 Edxdei-
dne frav mpdog xal el-
x& pla Seywotory ixavd-
™Ta va peradider yvdo-
oelg  otodg  ovvarfodi-
Tove Tov.

“H peydln gijpn vod
Edxleldn dpeilerar xv-
plwgs oo Eoyo Tov «Xrot-
x€iay, o T6 omoio mijge xal o dvopa Tov «Zroryeiwrotn. To Eoyo adre
®ov dmovelel vnddetypa Oepchidoews xai magovardosne palparinos xAddov
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pewe yia wolods aldves 16 Pacixd xeipevo didaoxalias vijs Newperplag ova

o meplpnpa oyodeia. Ta «Zroiyeian vot Evxleidn amovelotvrar and dexa-
Tpla Pifiia Td dmoia mepidaufdvovy, éxtos dmo tic dpywxéc meotdoews, 93
mpofirjpara xal 372 Oewpripara. Ta téooepa mpdra Piflia xal v6 Exvo me-
ptéyovy T éninedn lewpetpla, &vid to méunmto mpaypareverar 17y Oewpia
i avaloyidv. Ta éndueva toia Pifiia, Efdopo, dydoo xai Evato, mepiéyovy
xaflapdc dplbpnrica Bépata xal 616 déxaroe yiverar pé Bavpdero Tedmo 1) dvd-
nrvén Tijs Oewplas Tav dovupéromy yeoustowmdy peyeban. Télos ta Tola
tedevrala Pifidla dvagépovrar ot Zrepeoustola. "H mpdty Exboon v
«Zrotyeiwvy Eywe 1o 1482 ovr) Bevetia.

IToddot nal peydior pabnuarixol doyolifnxay Tode tedevralovs aldves
pé 1) Oepediwon vijc I'ewperolac mod xabiépwaoe 6 Edxdeidns xai doxerol dmnd
attods owvéfaiay ot va yiverar ofuepa 1 Oepediwony avry) pé mo adorned
Tpdmo. Megixol Tpomonoinoay dxdun »al dpiouévec dmo Tic «dpyécn mod EPa-
Ae 6 Etwleidne xai dnmodoynoay dlda «Aoyuxa olxodoprjparan ta dmoia 6-
pog 6év Exovy ofite Ty dnAdtyra ofite Ty duopgia tijc Iewpetolas mov on-
pllerar ovls doyéc vot Eoudeidn. “Exgu ol doyéc adréc xvpiapyotn dxdun xal
arjusoa oty ewperpla 1j dnmola Sibdoxerar ora Ivuvdoa 6Aov Tob xdaupov
xai 1) dmoia, yi’ adrdv dxpfis 16 Adyo, Aéyerar «Edxdeldetos Iewperolan.
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Ol MPOTEZ ENNOIEX THX FEQMETPIAX

i
I. I. Eicaywyf. C}{\‘_i—'

Ta Mabnpatikd, 6tav doyolobviar pé v meptypapn kai peiétn
BV COUATOV Tob «aloBntoby xdpov (Sniadh tol xhpov mob pdc mepiBal-
Aet), mepropifovrar povo ot poper Tove kol of kabe T mob &Eaptdtol an’
abth. "Etol 1¢ Mabnpatikd «ayvoobvn tiv GAn # tig GAkeg id10tntEg TAV
cOudTOV Kai orovddiovv Th
popof Tovg xaoi paliota yid
10 oKomd adtod dvrikabiotoly
adta pg aniomoinpéva (iea-
ta) mpétuma, woL Aéyovtor
Yeopetpika oyfipata. Ta yeo-
HeTpIKaG oxfpatae Aoindv &l-
vai pednpatikés émvorcelg
nob dvTimpocwneHlovy COUa-
to §j pépn copdrav § vonti-
KE&G TPOEKTACELS TOULG.

Mé v eicayeyi kai t pelétn 1dv YEQUETpIKDY OYNUETOV Goyolei-
waw ) Feopetpial, mov eivar Evag idiaitepog kai adtévopog kAadog tdv Mao-
Onpatikdyv. ‘Idaitepa otd ndpeva 0a doyolnBobue pé v EbkAeideio Ocw-
pnuikn Feoperpia. - :6}\

1.2. "Apyikig Evvoleg - "Afidpara.

a1 Bepedioon tiig Mempetpiog kdvovpe Tig mapakdto dvo tapadoyis :

o) Aexdpacte v Urnapln dpiopévev Evwwoidv mod Tovg divoope xd-
mowa dvopacia ywpic vi Tig meprypayovpe pé th BoRbeia iAoV otolysiov.
Ot Evvoteg abtég Aéyovrar dpyikég Evvoreg tiic Mewpetpiog.

"Etou exdpacte St Omapyet Eva pi kevd ovvodo mob 1o dvopaovpe
YEOPETPKD Y Bpo xal T¢ oTorxeia Tov TG dvopdlovpe yemperpikd anpsia
fi an\dg enpeie. Kabe dmooivolo tob yeopetpikod xdpov Aéyetar yew-

1. "H MéEn Tewpetpia, Ypaoer 6 “Hpddotog, onpaiver T pétpnon g viic.
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petpikd oyfjpa. ‘Opiopévo Gnd adrd, 1 Omoolvora, Td Aépe edBeieg kai
opropéva ta Aépe Enineda.

Oi Bacikig Aowmdv apyikés Evvoieg tiic T'ewpetpiog elvar :

® 10 onpeio
@ 7 edbeic
® 10 éminedo.

Z10 oyEdd pag Eva onpeio vtomiletar pé pa tekeia koi onpedverat
pe Eva kegaiaio ypappo.

M edbfeia xataokevaletar pé T oA
BonPeio Evog kavove (xapoxa) kai on-
pewdvetal pe Eva pikpd ypaupe tob drea-

Britov. £

I'ad va onpeidoovpe Eva éninedo, O
xpnoiponotolpe Eva Grd T4 PIKPE AGTIVIKG YpAupoTd: p, q, T, ...

Kabe GAAn Evvola 0 pmopel va neplypagel pé ) Porbeia t@v apyikdy
gvvoldv fj dAlov yveaotdv otoiyeiov 1fig Feopetpiag. "0 tpémog abtdg me-
prypaofic g dnotelel OV dpiopd g Evvolag adrfic.

B) Aeyxopaote émiong 671 aAnBetovv dpiopéveg mpotdoslg mov Gvaé-
povtal kvping ot kaBopioTikég i816TnTES TdV ApYikdV Evvoidv. O mpota-
oeig abtég Aéyoviar aEwbpata (7 aitipata).

Kdabe dAAn npotaocn mob 7 ainbeia g mpokintel awd pid oelpl cvi-
Loywopdv Bepeliopivn ota aEibpate (| of dAdeg aAnbeig mpotdoelg) Aé-
yetar Bedpnpa. ‘H Swdikooia 10v ovdloyiopdv mod &68nyel oty aAf-
Bewa évog Bewpfipatog dnotelel tHv anddaln tod Oswpfipatos.

“Etot ol mpotdoelg mod cuvavtobpe oth eopetpia Swokpivovial of :

® afibpata
@ Ocopfpata.

Tpénel va onperbdoovpe 8t & pédlog TV dElopatov xal 1HV Bempnua-
tov o1 [eopetpio 8¢ Siapéper kai 1| ypnoponoinon tovg yivetar pé Tov
idwo 1pomo.

*Axopa drapyovv mpotdoelg mobd eival Gpecsg cuvénsieg Evog Bswpt”
patog. Mia térown mpétaon Aéyetar eidikotepa moprope Tob Bewphpatost.
Ta mopicpate Aowndv eivan xai abta Gewpfipata mod 1 GAndeia Toug eival
@ipeon ovvénela kdmotov Bewprpotog (kai Y1 adtd 1 andderEn toug moidég
Qopéc mupaleinetal).

1. 'H @cwpnrikn Teopetpic Oepehiddnke yia mphdtn gopt ot kabaph Emothun
ano tov "EAAnva pabnpatiko EdxAeidn (1o 300 n.X.). Eqpepa f EdxAeideroc Ceopetpia
Bepehidveral pé Eva «ovompe» GElopdteay Tob tpotelve 6 padnuatikog D. Hilbert (1862-
1943). "Anod ta aEibpata abta £8@ 04 avagépoups Exelva mov elval dropaitnta yia Eva
oyohko Eyyelpidio.

8
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1.3. Baoikég mporaoeig yia v ebBeia.

Eirnope mopandve §ti dpiopéva broovvola tob yewpetpikod ydpov
i Aépe edBeieg. Ta va ta xabopicovpe adrtd ta droclhvoha, SeX6pUOTE OpL-
opéva aEidpata kai drodeiyvovpe pepika fewmphpata.

“Etou dexopacte 6t pa edbeia elvar yvijolo Omoolhvolo tob yempETpL-
kob x®@pov. Tobro 1o Srervndvovpe pe to EEfg dfiopa : A

“Ynapyer tovlayiotov Eva onpeio (D
nod 8év avijker of dedopévn edbeia.

—_—

3
T& ogéon pi 6 onpele, Yia v edbeia dexdpacte 1 tapakdto Giiopa :

Avo enpela avijkovv of md xai pove of ma edbeia. an
A
/\ 5 Zas @\i\\

To dkimpa (1) éxepaletor ioodivapa kel pe v npdtacn :

«Abo enuela dpilovy TR Ofon pidg koi péve mag edbeiacy.

‘H &bbeia mob 6piletar anod dbo on-
usie A xoi B dvopdleton edeia AB xal
Aépe YU adtiv Ot «Bifpyetany Amd Td
A xoi B. Ta onueia mod @vikovv oTiVv
161 e0Beia Aéyovrul cvvevBerakd.

*And 10 aEiopa (II) elvar pavepd 8ti:

«Abo £0Beieg mod 82 ovpmintovy Exouvv té mokd Eva kowvd onuelon.

Abo bPsieg mod 8¢ cuvpmintovv kol Exovv Eva kowd ompsio Aéyov-
Tar tepvopeveg ebbeieg kai 1O Kowvo onueio
Toug Aéyetat Topn @V edBeidv adtdv. Td £
vi. dnidoovpe 611 Eva onpeio A elval Topn
500 e00s1dv € ko &, Aépe 611 of edleic € xail
g’ tépvovtal otd A Kai Ypapouvue:

{A } = gNg’

A B

OEQPHMA : *And Eva onpsio Sifpyovion mepiochtepeg Grd e ebbelec.

*An65eiEn : Ocmpobpe 300 onpeic A kol B xol v edbeia & mob SiEpyeTal amd ad-
16. Zopgave pé o dtiope (I) dmapyer onpeio I’ oL 8év aviker oty sbbeia & Kata

9
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16 abiopa (1D 1¢ onpela A xal T dpilovv p
AAn ebBeie €', O e0Beiec € xai € Exouv Kxot-
vo ompeio povo 10 A, ywari, dv adréc elxav
kai dAlo xowd onpeio, Bd rtavtiloviav, mov
dev elvar duvard, et 1ote w0 T 0 fitav on-
uelo 1fi g, v 10 mApape va unv aviker o
adt. Zuvvendg amd 10 A SiEpyoviar oi £00eTeg
€ xai €', dnkadn neproodtepec and pie sdBelec.

"Axbua yua v ebbelo Seyxdpacte St :

IE xGBe £0Beia  dvijxovy (§80)]
Toviayiotov d0o onueia. —é——o——

kai pdiiota dt: (GElopa (wv)!

"Av ot ma ebeia onperdoovps dvo onucia A kai B omapyel :
a) Eva tovhdylotov onpeio g A petaid tév A xai B.
B) Eva tovhayistov onpeio g E tétowo, dote 16 B va sivan peta&d

1éhv A xai E.
7) Eva tovddayiotov enpeio g Z tétoro, Gote 16 A va sivan petald
v Z xai B.
A a B Z A B
g - e R R SR T

"And ta abidpate abte Ba Eépovpe 1, Gtav pdc Sivetar i edleia &
Kal onueidoovpe dvd onueia g A kai B, - a4 EF
Unapyer onpelo A petald v A kai B, A 7
onpeio A" petald tdv A kai A kol ouvé-
xewe 06 dndpEovv dnelpa® onueia petald 1@V A kai B3, To S0 0g ioyvel
kai ya ta onpela tfig & mod 82 Bpiokovtar petald t@v A koi B.

“Etol 800 onpein g edbeiag ) xo-
piCouv ot tpia pépn mod 10 kabéva toug € A B
Exel winelpon onpeia.

1. To dfiopa (IV) Aéyetm kai dEiopa SatdEenc.

2. Tevika 8tav 114 Eva mAfibog otoixeiov xpnoonotobps tov Gpo «iimelpay, Evvo-
ofpe 511 10 wAfjfog tév orowgeinv abtdv Eenepvi k&Oe guotko GpiBud v Goodfnote pe-
ydho.

3. "E8® dexopacte axopa 1o dfiopa :

«Av onpeio A pdg edbelag & elvar petakd dto onpeiov te A xai B kail Eva onueio
A’ tfig € slvar petall v A xai A, 161 kol 10 A’ Bpioketat petald tdv A kai By,

10
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O ﬁ/ *
1.4. "H fjevBeia.

“Ag Bempficovpe pia edBeia € kal Eva onpeio tng A. "Ovopdlovpe:

‘Hpmevleia o onperocivoro mod otor-
z2ete tov elvar 10 A xeai Ghe td onpeie
tfic € mod Ppioxoviar mpog «to iSion
pépog tob A,

*Amo Tov 6propd abtd mpokintel 611 of kabe bOeia £ kai Y16 kdBe on-
peio g A dvriotolyolbv 0o fpievbeieg !:

£ x
M Ax kai 1| Ay ¥ A

To A Aéyetan apyn tfig xdBe fjpeveiog. Avo fpevBeies mob mpoki-
mtovv Gnd v 6w evBeio koi Exouvv Thv
idia dpyn Aéyoviar dvtikeipeveg Mpiev- Kot el v
Oetec.

Mii fjuevBeia Ba kaBopiletar nhfpawg, Stav Eépovpe TV apy s kal
Eva dAho ompeio tng, xai Ba yphoovpe
101€ : fjmevdeioc AB.

Q‘fj; . | AIKHIEIZ 1-4 I

1.5. To e080ypappo Tpfjpa.

“Av dofolv 800 onueia A kol B, Eépovpe G dmapyer povo pia edbeia
AB mov Siépyetar Gnd t@ onpeia adta (dfiope § 1.3) kai 6t dmapyovv
Gnepa onpela adrtiic tfig edbeiug petald t@v A kai B. *Ovopdalovpe :

Eb0Oypappo tpfjpa pé dxpa 6o onpeic A xai B 10 onperosivoro mod
£yxe1 otoryeia Ta 600 onpeia A kai B xai ta enpela tijg e00ciag AB nod fpi-
oxkovtar petafd tdv A kal B.

To ebB0ypappo tpfipe 0 onpsidvetar AB fj BA () pe Eva ukpd ypap-
pa, my. o) kol 06 Aéyetal kol anhég tpijpe AB. "H edbeia & mod opilovv

1. ‘H Orapkn t@v 800 Auevbewdv EEaoporiletar dEimpankd’ éniong én 16 pévo
Koivo onueio mob Exouv elvar 10 A,

11
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7a onpela A xai B Aéyetar gopéag Tob e000ypappov tufipatog AB. @d Aépe
axépa 8t 10 £00. Tpfjpa AB cuvdén i &véover 1a d0o onpela A kai B. “O-
pilovpe dxépa G11:
® Zowtepikd onueio tob AB  Adyerar 10 x#dfe onpeio Tob Tuparos mov
elvar diagogeTing and o dxpa Tov.
® iLotepikd onpsio tod AB  Adyerar wdbe onueio Tol gopéa Tov mol
8év dviner oté AB. “H fpisvbeia AE mod 6Aa ¢ ta onuela (Ektog and
™ A) elvar EEwetepika tob ufuatoc AB Aéyetat mpofxracn 1o AB npdc
0 A. ‘H fjuievfeia BI nod 6ia NG Ta onpeio (§ktog and o B)elval tEam-
o *{-‘\ Tepikd ol tpfpatog AB Aéyetar npofktacn tol AB mpdc to B.
1.6, "loémra €00. Tpnparwy.

"Av mépovpe dbo ed8iypappe TpRpaTe o Kai B énd 10 otvoro & 1iv
£00. tunudtov eivar Suvatd va T cov-
déooupe petakd toug, yupaktn piCovtdg ta e S
@¢ Toa #j Gviea. Aeydpacte Sniadn o
GT0 ohvoro & thv £hP. THNpGTeV dndpyet | oxton tiig iootnrtag.
‘H ioémta 800 tunpatev Suniotd-

vetar pué Eva Swaprm, dmov ta TuHpaTa
a xai B eivar ioa, 6rav avTimpocmnehov-
TaL @no 16 (810 dvorypa tob Sraffty.
a g

©d ypagovpe: o = P,

‘H iodtnta tdv £00. tunudrov siva Ha oyxéon icoduvapiag, Snhadn
glvar :

‘Avekhaotiki: a=a ¥ aed
CUHHETPIKT] : e=f = B=a
petafatikn : o= xai B=y = a=y.
I'a v iocdémta tdv e000Ypappov TupdTeY Sexdpocte 1O atiopa -

" Xé xale fimevleie Ay drdapyer Eva kai pove fva onueio N tétowo, &-
ote t6 tpfijpe AN va elvar Too né dedopévo tpufipa a.

Td onuelo N g fpevdeioc Ax Bpioketar mpaktika pé Evo Py,
mov 10 «livolypd» tov

a
avumpocwnedet 1o THij-
pa a (ox. 1). x
Mé 1) Pofjfeic Tob A N
afibpatog adtod opi-
Cc'mpa xai td't‘ivtda gb- 3 - % -4
O0ypappe tpHpate T 1

12
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YAv 800oliv 8o tufpate o kol P S

Kol mapovpe of pa fuevbeic Ax ta .
tpipota AA =a kxai AE = B, #xovpe A 4 F
Ha Grd Ti MEPINTOCELS : “ x

T6 E kai 10 A elvai 10 {810 onpeio tfig fipevdeiag Ax, tote Exovpe o = B-
T6 A kettar petald 1év A xol E kol téte Aépe 811 10 @ elvar pikpbrepo
and 10 B xoi ypagovpe : a<P (BA. oyfipw).
To E kelror petald 1dv A kol A tote Aépe 6L 10 o elvar peyadritepo
anod 10 K(Ki. ypapovpe : a>p.
<

1.7. Té péogo €00. Tpfparog.

‘Opropds : "Eva onpeio M évog edfoypappov tpipatog AB 0d Aéyetar
péco tov, &v kai péve dv ta ed00ypoppe wpApata AM xei MB sivm ioa.

Aniedn: M péco 100 AB . AM = MB. il M
op

A 8
I'a 0 péoo évog ebBiypappov TpRpatog Sexdpacte o atiopa :

Kafz £000ypappo tuijpa Exer Eva kai pévo Eva péoo.

Qd dolpe apydtepa (§ 8.6.) midg Bpiokovpe 10 péco £vog ebB0ypap-
pov TUAPATQS PE TOV Kovova kai 1o Swfh.

O \
1.8. Oi mpaZeig ora €080ypappa Tpfpara.

a) "H npéebeon : "Qg npdobeon 6piletor M mpdtn ékeivy mob, dv pig
Sobolv d0o ebf. tpfipate AB = o xal
T'A = B, pmopolpe ¢° adrd va dvriotot- a

¢ = Aom—————op
yioovpe Eva kol pévo Eva tpito v, 10 5
dbpowopa tovg. e =
> . = £ a [}
Etoi: a |B=y ; < <

To dBpoiopa Ppioketor pé i Pofibee tob afibdpatog tiic § 1.6.
Z¢ ma evbeia & onperdvovps Eva onpeio Z koi Exatépodev tob Z 1d
onpeie E kai H dote: ZE = AB xai ZH = T'A, 161¢
EH=EZ+ZH=AB+TA=0+p.
‘H npatn tiic mpocbéceng edBOypappov TunpdTeV Exel TG YVOOTEG
idtotnreg :
@) "Avrtipetabetik : a+p=Pp+a.
B) Mpocetaipiotiky : (a+P)+y=a-+(B+7).

13
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B) ‘H agaipeon : “Av d08obv d0o ebB0ypappa tpfpote AB=a, TA=
B ue AB>TA, dnapyet Eva tpi-

10 ¥ TéT010 BOTE : A g 8
a=B+y policcsa
nob icodivapa ypagetar: o — B = y.
To y Ppioketor pé tov EEfig tpomo: £ 3 3

Z¢ ebbeio € maipvoupe Eva onpeio Z
Kai otfv o fuievbeia tfig & dg Tpdg 10 Z ta tpfpote ZH=a xai ZE=p
TOTE :

EH = o — B.

T va Exer vompo 1y Stapopa o — B kal dtav a=p, dexdpaote Gt O-
napyel Eva edbBOYpappo tufjpa mobd t¢ dxpa tov cvpmintovy. To Tufjpa abd-
0 Aéyetar pndevikd £000ypoppo tufipa kol onuetdvetor : 0. “Erot pmopob-
HE Vi YpaQovpe :

(1) e —a = 0 y1¢ x&0e Tufpo a.

"And v (1) mpokdntel: o -~ 0 = a, mod &Anfedel yie k&ds Tufjpe o
kai onpaiver 6t 10 undeviko €. tpfipa elvar 16 «obdétepo croiyeion tijg
npocBéceng 1y eDBOYpappOY TUNHATOV.

y) I'ivopevo £00. tpfjpatog imi pntd apOpé : “Ag mapouvpe Eva e00.
tufipe AB = o. T kaBe puokd apiBpd k Hpiovps 10 k- AB Mg T0 000~
Ypappo tufjpa AP mob eival @Bpoiopa k tunudtov icov pé AB = a.

a 5 § a o .= a a

R B P

Anhadf : AP=k-AB=a+0+o+...+a, k npochetéor.

“Av 6 k= % (6mov A puoikog aptpdg o) 1o —;L— + AB glvat Eva and

1 (oo €00. Tpfpate mob mpokbntovy, Stav xopilovpe 16 AB o Aioa pépn!.

A bugll £ B

Aniodn : AE _T AB <A - AE = AB.

Télog &v k, A elvar pooikol apibpoi, 6pilovpe 1o e AB =k - + AB

?-’l—

@g 10 s0OOYpappo TEfjpa mob eivar 10 GBpotopa k TENpdTEV TcOV pE —L « AB.

1. ©a dolpe ot dAAN mapaypugo nhg yivetar & ywpiopdg &vog edf, Tunpatog of K
Too pépn (6 k guoikdg apiBudc) pe tov kavova xol 1o Safim.
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A a B
: x-—j-al

E4a Y ;

it B s LA
Anhadn: EZ =« ?«.AB_ K.AB'

=l

© N\ |
1.9. Adyog €08Uypappwv TEnparwv.
*Av broféoovpe 611 Exovpe d0o tpfipate AB kai TA, mob cuvétovrar
ot ma iootnta tiig popefis :

K
(3) TA=— AB

8mov ¢ k kal A elvar guotkol apibpoi kol A £ 0, 6 aptBuog -% Aéyetar A6-

vog Tob tpfpatog A npdg 16 tpfjpe AB kai onuetdvetor pé TA : AB § ——;—g—— .
T'A

“Etol 1) iodtnta —;i— = dnhaver 811 6 aprBpog —‘;L— glval 6 Adyog Tob

I'A npoc 10 AB xoi ovvendg elval icodbvapn pé tivicétnta A = —; AB.

“Eyouvpe Aoimov:

A

K r'A
FA—TABﬁﬁ-f—f.

Elvar @avepd 611, dv elvar TA = AB, 8a elvar kai x = A, &véd dv elvar
TA>AB, 6a elvor x>\,

210 1ebyog adtd 0 onpewdvovps pé Z 1 chvodro TdY EDOLYPAPNOY THT-
pétov mob lvar tétola, Gote 800 dnondfnote a kol P 4’ abtd vi cuvdéov-
Tou pué oyéon Tig popefict 1 a= % B.

S \
1.10. Mérpnon e000ypappwy THENPATWY.

*Ag ma.povpe oT0 GUVOAO & v edBOYpappmy TUNRGeV Eva dploptvo
Tufjpe OH £ 0 nod 0d 10 Afpe povadiaio pijpa i povade xai g oxnpa-

AB 2
o O Abdyog

ticovpe yid kGBe edBOYpappo tpfipo AB T0D Z 1o \oyo

1. Adtd 82 cupPuiver mévrote, yiati (Gnog 0& dobpe otiv éndpevn 1dEn) dndpyouvv
pfpate @ kol By té dnota 8év loydel icdta tiic popefic o= %B. Ztiv nepinto-
on abti) Aépe St & Adyog Tod a wpdg 10 P elvar «ippntogy (u1) pnTodg) aprbpds.
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abtog Aéyetar tdpa pétpo tob AB dg npog povasa petpiioeng 10 HO xal
onuetdvetal anidg pé (AB), dnhadn elvar :

AB

(AB) = HO

Tovifetar 811, Stav ypapovpe AB, Zvvoobpe edBOYpuppo ufipa, dn-
Aodh yeopeTpikd oyfina, &vd Stav ypagouvpe (AB), Evvoobpe Evav apfud
mob elvar 10 pétpo tod AB Y1 kdrowa yveoti povada petpricewgt.

To pétpo &vog ebBbypappov ufpatog AB Aéyeton kol pfikoc tob AB.
Eilvar gavepd 6m yia kdbe edO0ypappo tuijpa AB =£0, 6 ap1Buog (AB)
gEaptiton amd T povada mod mipape, Snhady dnd o HO. “Etot, 8v naip-

Vape yid povade Eva dAlo tufipe H @', 10 pétpo

]-?](39 ol AB 0 Arav
Srapopetikdg apibpdg, doyeta dv TOV onpeidvapus Tait pé (AB). 11 ocuvvé-
xew Kai 8mov mapovcidoviar pétpa eDBYpappey tunpdtov 0 drofitou-
pe 811 dvapépoviar oty 6o povada petproeng.

T 16 undevikd tpfipe 0 Exouvpe mavrote (6) =0

OEQPHMA : "0 Léyos 6o tpunpdatov AB kai TCA sivar mavtote ioog pé
0 Aéyo tdv pétpev tovg, dnladn :

AB  (AB)
BA- T (TAY
"Anddergn : "And tig (AB) = AB: HO kai (TA) =TA: H® Eyovpe Tig
icotnTEeg : AB = (AB)HO, I'A = (FA)HO.
’Amd 1) Sevtepn iodtnro maipvoupe HO = ([,I—A) T'A xoi 161 7| mpd-
™ YpPAPETUL :
it (AB)
AB = (AB) __(r iy, TA =g A A

"H icomta Spog adh elvor, énog Eépoupe, icodivapn pg v
AB:TA = (AB): (TA).
"And 10 Bedpnua adtd Exovpe dpécwg t¢ mopiopata :
I "Ioa ed0bypappo tpipate Exovv oo pétpa xai avnieTpéoas, dnhadi :
AB=TA <> (AB)= (T'A).
1. Eépoupe dmod 0 Topvaolo Gt y1d povéda petpiioens Thv e0BOYpappOV TUNNGTEY

maipvoupe cuviifag Eve tufipe (oo pé w0 yvaoto pag pétpo # wa bmodwipecn tov §i Eva
noALanAaGLd TOL,
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IL “Awioa £000ypoppa tpfpare Exovy dpoing tvica pétpa Kai aviotpug,
dnAadi:

AB > I'A < (AB) > (TA).

I AIKHZIEIX 5-11 j

o
1.1l. Té &mimedo.

“Onwg einape, dpiopéve Omoovvola 1ol yewpetpikol ympov ta Afpe
énineda. TO éminedo eivar amod tig apyikég Evvoleg tfig lNewpetpiag.

I'd 10 éninedo deydpaocte 14 GEibpata :

—"Yrapysr trovhayictov Eva on-
peio mod div avijker of dedopé-
vo Erinedo.

—"Av ma evleia Sipyerar amd
800 onpeia Evog Emnédov,
tote Oha ta onpeic tng avi-
xovv o10 Eminedo.

— "Eva &ninedo Exer tovhayiotov
Tpia pi) cvvevleiokd onpeia. B
— "And tpia pi ovvevleiokd on- /
pela «ifpyetan Eva kai poévo
Eva Emimedo. —

To televtaio dEiopa éxgpaletor ioodbvape pé v mpodtaon :
Tpia pf cvvevberokda onueia opilovv ti) Bfan Evdg kai pévo £vog Emmédov.
“Eva &ringdo O 10 ocvpPolrilovpe pé Eva pikpd ypappa: p, q, r, ...

“A¢ Oswproovpe Eva éminedo p kai pia edBeia tov £. "Onwg dvrilop-
Bavopacte EmonTiKG, 10 onpeia tol Emt-
nédov kTog Gnd T6 onpeia Tiig € Sayw-
pilovtar and v € ot 8o pépn mob dév
Eyovv kowvo onueio” avtd Bewpntikd TO
KOTOYUPMOVOLHE PE TO Mopakdatom dEimpa :

Kabe e00zia Evog Emmédov diaywpiler ta Omélowma onuszic tov of dbo
Procbvoda mod div Exovv wova ompcia.
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"Ag Bewpricovpe Eva ininedo q xal g dvopdcovpe q° xal q” 1¢ Svo
brootvoda (pépn) otd 6molo ywpiletar adtd and wa edfeic tov £ TMd Svd
onpueia A xoi B 100 &minédov, mod div
aviikouv otV e, elvar Suvatdg of &Efig
dbo mepintdoelg :

a) Ta Vo onpeia A kol B Bpiokov-
tol ot1d (%o Omoobvoro q° § q° Tob
émnédov (oy. 2) ItMv mepintwon adti
Aépe 811 ta A kal B Bpiokovtal mpodg 1o
abtd pépog T € kai Seydpacte Gbiopatika St 1o e0@bypappo tpfipa AB
dtv Exer kowvd onpeio pi v .

Iy 2

B) Té &va onueio Ppicketar o1d Eva
broolvolo, 010 q', kai 10 dALo oT0 Seb-
tepo Umoohvoro, o1 q”. EtfVv nepinte-
on avtn Aépe 6T1 1 onpela A koi B Bpi-
oxovtal Eéketépobev Tiic € kxai Seydpa-
ote alopatike ft 16 s000ypappo Tufjpa
AB Exz1 Eva povo korvo onpeio pd tijv £ Av dvopdoovpe H 10 kowvd onpeio
oD AB & v g, Oa Aépe éniong 61 10 AB tépver v € 010 H, (oy. 3).

Elvar @avepd 6t Eva edBbypappo tufjue AE mod cuvdéer #vo onpeio
E tfic & p& Eva onueio A Efw an’ adtv
Exel p& v £ poévo 10 E xowvd onuelo,
évd Sho ta dAla onpeio 1ol AE Ppi-
oKovtai mpog 10 adtd pépog tfic € (-
@ob kafBe écwtepikd onpeio I 1ob AE 10
Al 6év Exel xowvo onpelo pé v e).

Ix. 3

‘Opropds : "Av o0&l Eva &ninedo q
Kai i gbBeia Tov g, 10 onpeloohvolo mol dmotedeitol Gnd Ta onpeia THg
ebleiog & xai nod ta onpele 1ol g, mod
Bpickovrtal mpog 10 1810 pépog tiic &, Aé-
yetol fjmeninedo pé axpi €.

“Eva fjueninedo kabopiletar nhn-
pog Amd TNV Gkpn ToL Kol and Eva 6-
popévo onueto tov. I'd 10 Auieninedo
nob Exer axpn tv ebbeia € kai Eva on-
peio 10 A 0d onpeidvovps : fmeninedo
(e, A).

“Etol 6tav Aépue St ta onpela A, B (oy. 2) Bpickovtal oo idto fpuienine-
80, Mg mpOg TNV &, onuaiver St 16 Tufipa AB v Exer kovd onpelo pé v e.
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*Evé Stav Aépe 8t 1é onpeie A, B Ppickoviar ot Sagopetikd fipenineda,
g npg;)ti\i(e, gnuaiv&t &1L 10 tpfjpe AB tépvel TV &, (o). 3).

1.12. Oi kAador T1ijg Fewperpiag.

Ké9e yeopetpikd oyfjpo mod Sha ta onpeia tov dvikovy ot ido &ni-
nedo Aéyeton Eminebo oyfjpa (ox. 4) kol & xhadog tfig I'ewpetpiag mod

A

i SV e

Iy. 4 Iy 5

doyorettar P& T pedétn thv Eninedov oxnpdtov Afyetal eldikotepo Em-
nedopetpia. ME i) pehétn v i ninedov oxnpatev (oy. 5) doyoleltar
M otepeopetpia.

“Erou | Tewpetpia Srarpeitor o dbo Paoikods kradoug :

e mMyv Eimnedoperpia
® 17 otepeopepia.

Tt Emdpeve padfpatd pog 06 doyolnOobpe povo pé énineda oyfpota
kol parioto B¢ tavtifovpe o Eninedd Toug pé 1o Eminedo tig oehidag mod
vpagpovpe fi rafaovpe.

B N
1.13. "H ywvia.

“Av Bewprioovue dbo dpropéves fuievdeieg OA xai OB évog ¢mmédov,

10 onustoctvoro mob elvar Topd TV dho fHuemnidov (ebbeia OA, B) xai

Ix. 6 an

(ebPeia OB, A) Aéyetor «kvpti yovie» pé kopuei O kai mhevpic OA Kai
OB (PL. oy. 6.1.). "H yovia adt 0d onpeidvetol ADB i BOA.

*Enione, dv OA’ xai OB’ eivar oi avrikeipeveg fuevbeieg 1év OA xal
OB, 10 onpetootvoro ol elval Evacn tdv 800 1 wemnédov (ed0eia OA, By
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xai (ed0eio OB, A") Aéyetar «uf) xvpri) yovia» pd kopuei) O xai micvpic OA
xai OB (BA. oyx. 6. II).

Elvar gavepd 61t ol dvd abtég yovies Exovv Evoon 6AékAnpo o
éminedo kal Topn tig Svd fuevleieg OA xoi OB.

Kabe onpelo wdg (xvptfic §i pf xvptiic) yoviag mobd dév dviiker o
nhevpd g Aéyetal Eowtepikd onpeio tiig yoviag. Awakpivovpe elikoda b,
dv E sivar Zowtepiko onpelo pid¢ yoviag

AOB, 6L ti onpeia tfig fjpevbeiag OE, A
£kt0G Gmo 10 onpeio tng O, Bpiokovrar /
o10 Eoatepkd Tiig yoviag kai | OE Aé- a £

yerar Eowtepikn) fuevdeio g AOB.

“Etot | yovie AOB pnopet va BeopnOet 8

g onuetochvoro mol amoteheitar @md

¢ onpela 1@V d00 TAevpdv TG Kol Grd TG onuein Shov THV EowTEpIkOYV
fuevbeldv tng.

It pepikn mepintoon mov 7 fuievleic OB 1ob oyfuatog 6 tavtiletar
ué v OA, 7 xupt yovia A 6 B neplopilerat otig mhevpic tng (dnradn me-
propiCetar o¢ pa fpevbeia) kol Aévetar pndeviky yovia (BA. oy. 7), &ve

0 A 0 A B 0 4
B B ; 2
Iz 7 : Iz 8 I 9

1| u1 xopti yovie tavtiletar pg 6ho 10 Eninedo kai Aéyetal nAipng yovie
(BA. ox. 8). Miu dAAn pepikny mepintoon Exovpe, dtay 1 fpievbeia OB’ 10D
oxfpatog 6, tavtiCetar pé v fuevdeia OA. Tote | kvpth yovia AOB tav-
tiCetal pe o Eva fuieninedo mob Exet dxpm v eifeic AB kai Aéystar me-
mhatoopévy ij e00cia yovie pé kopuel O kai mhevpic OA kai OB (BA.
oY 9), &vd 7| xvptT yovia tavtiletar pg 1 dAlo Rueninedo mod Exet dkpn
v ebbeia AB.

‘ l AIKHIEIZ 12-16
S i 2y |
1.14. "H TeBAaopévn ypappf.

“Ag Oewpijoovpe Swtetaypéve onpsla A, B, T, A, .., K, A Swgope-
Tikd peTadd toug mob dva tpia Stadoyika Sév elvar ouvevdeiakd. “Av @épov-
pe ta e080ypappa tpfpata AB, BI, TA, ..., KA, 1 #vacn tdv bBOypappnv
abtdv tpnpdtov Afyetol te@haopévny ypoppn pd xopueic A, B, T, ..., K,
A xai mhevpic AB, BT, T'A, ..., KA xoi 6d ypheetor ABI... KA (BA. oy.
10). "H mpdn kopupny A koi 7| televtaia kopuen A Aéyovrar dkpa Tiig
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ypappfig, &vid 8o kopvEég Mo dvijkovv oThv idta A evpd Aéyovtar «yerto-
VIKEGH KOpLQES TNG. ZT0 moupekdte oxfipe 11 Exovpe teblhaopévn ypapun

Iy 10 Iy 11 B A Iy 12

ABIAEZ p& 6 xopupég xai 5 nAievpés. Eivar gavepd 6t kdBe teBlaopuéviy
ypapptn pé v kopupsg Exer v—I1 mhevpég.

Mua te0haocpévn ypappn 0a Aéyetar kvptdl, dv xai povo dv 6 gopéug
k@Oe mhevpiic Tng Exsl mpdg 1O abtd pépog Tov GAeg Tig dAleg Kopuvis Tiig.
te0haopévng ypapufic. & avrifetn mepintwon Aéyetar pfi kupti. 10 napo-
nave oyxfipa 12 Exovpe kopth telacpévn ypaupy ABIAEZH pé 7 kopoges
Kal 6 mAgvpés.

Mé 11 Bor|feia tdv Sedopévov onpeiov A, B, T, ..., K, A opiletar ko~
un kai 7 xhewor mohvyovikn (fi khewsth teBhaopivr) ypamu‘] oL Gmno-
teheitan (BA. oy. 13) 81 pévo amo ta tpApata AB, BI, TA,. KA Al

A A 3
/—\ E
__ B i K __
A
A

Iy 13 Ix14 .15

Kol amo 10 AA. Z10 napandve oy. 14 Exovpe TNV KAE1GTH TOALYOVIKT Ypup-
un ABIAEZ mob Exet 6 xopugds kai 6 mievpéc. Elvat pavepo 61t kife khel-
ot 1efhaopévn ypapuun pé v kopuess Exel kal v mAEVPES Kal pmopel va
elvar kopth i pi kopth. To oyx. 15 deiyver ua kvpt kAewot 1eblaouévn
ypappn ABIAEZH pé 7 kopugig kai 7 nkavpég.

o N
1.15. Mepiperpog TeOAaopévng ypnppﬁg

“Eoto ma teflaouévn ypoppny ABCAEZ. To d6poiopa :

AB+BI'+T'A+AE+EH p
v mhevpdv tng Afyetor mepipeTpog L
1fic tebAaopivng adtfic ypappfic.
*Etol, 6tav Aépe 611 e tebha-
opévn ypappd v, elvar pkpotepn (i - B £
on # peyohitepn) amd pa GAAnN Te-
Ohaopévn Ypoupn va, &vvoobpe St 1 5 H

21

Wneptomotr|Onke amé To lvotirouto Ekmaibeutikng Mohmkrig



nepipetpog tiic vy elvar pikpdtepn (i 7 a
fon #| peyardtepn) éno v mepipe-

Tpo tfig ¥a.
A
K E

¥ 17

1 E H b 2,
B P X B

Ix 17
A T N o
IZx.16

Aexopaote 10 afiopa :

"Eva £00. tpfjpa AB elvar pikpérepo Gnd kabe te0haopévn ypapps mod
Exar d@xpu td onpeic A xai B.

“Etot otd oyfjpa 17 Egovpe : AB < AE+EZ-+-ZH-+-HO-+OB.

"And v 810mTd Tov abth 10 e0f. Tpfipa oL dpilovv o onusia A,
B Aéyetm kol anbetacn dv 800 onpeiov A kai B'.
O NN

1.16. Kupra moAdywva.

"Av Eyovpe pd khetot kupth 1eblacuévn ypappn ABTA... KA, 6Aec
oi xopupeg kai ol mhevpég tng Ppickovial oto Bva amd T dbo Apuenineda
mov Gpilovrar ano 10 Qopéu ke mhev-
pig g. "Etor m.y. dv @épovps 10 @o-
pta 1tfic AB, 8Aeg of xopupig kal mhev-
pEg i molvyovikiic ypapufis Ppickov-
1ot o160 fueninedo (edOeia AB, I).

“Ag Bempfioovpe TV Toun AV HuLe-
mrédov (sbbeia AB, T), (ebfeia BT, A),
(ebBeia T'A, E)..., (edBeia KA, A), (ebBeia
AA, B)."H topn adti elvar Eva ompetootvodo, Slugopeticsd ano 16 kevd (Gpod
TEPLEYEL TOVAAYLTTOV TiG TAEVPES THig TOAVY@VLIKTIG Ypuppfic) kal Aéyetat Kop-
70 modbymvo (fj andig modiymvo) pé kopugis A, B, T, ..., K, A xai mhev-
pic AB, BT, TA, ..., KA, AA xai 0a ypagetar miit ABT... KA. Kabe on-
peto tob moAvydvou mod SEv dvikel o TAEvpd Aéyetul EomTEpikd onucio

1. ZoviBag 1 @ndéotaon &Vo onueiov A kol B éxepaletal pé to pfikog tod e0B0-
Ypappov tufuatoc AB.
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tov kxal 10 cOvolo 16V Ecwtepikdv onpelov drotelel 10 Eontepkd tob mo-
Avydvov.

Oi xvptic yovieg AAB, ABT, BT'A, ..., KAA, mob Exouv xopueis Tig
Kopupig 1ol Tolvydvov, Afyovial yavies tob molvydvov xoi Od onupeid-
vovtal Gridg pe AA, ﬁ, f, Fry K, A.

Ta molbymva dakpivovial Pacikd and 10 mAfiBog 1@V KopLedV Tj TV
mhevp®dv Tovg. “Eva moddywvo pé Tpeig, TECCEPLS, MEVIE, ... KOPUPEG AEye-

piywvo tetpandsupo nevIdywve

tat avriototya tpiyovo (R tpimkevpo), tetpanievpo!l, meviayovo (i mev-
1GmhEVPO)... k.0.k. Ttd EmOpeve, yia v oyedialovpe Eva moldywvo, 8¢ yo-
patovpe povo tig mhevpég Tov.

Kafe edB0ypappo tufipe mob cuvdéer 800 pr YELTOVIKEG KOPLOES TOD
nolvyhvov Aéyetal Sraydvieg tol moivydvou. “Etol my. o010 mupamdve
neviayovo ABTAE 1a tpfpate AA, ET, BA, ... givar Saydvioi tov. "Eva
tetpanievpo ABIA Exsr 600 Sayaviovg, 1ig AT kai BA, &vd 10 tpiyovo

dev Exer Sugnvioug.
)
1.17. "H tplywviki] avicémra yia tpia onpeia. > =

“A¢ Bempricovpe tpia (U7 cvvevbeiakd) onpeia A, B, I' mdve oto £ni-
nedo. “Av Epapudoovpe 10 mopandve atiope tig § 1.15, Exovpe :

> s 1a.4%
BL<AB+AT (1) AL wo- UL WYV)EAp
(O A p< sy
AB<BE+ AT (2) P od s et
AT<AB+Br () - L Y
o It

*Av aképa dDroféoovpe 81t AB<AT, f| avicotnta (3) yivetar : “
W B U AR WA vV

AI' — AB<BI' (4). e 7

—— WV N Yy
Ol (1) xai (4) pdg didovv : )

AT B P /
f o LA pre O

= 441
AT —AB {BL<AB + AT. A& —

1. T mohbyavo pé técoepic kopugpds 82 ypnowonowitar 6 Gpog «rerpdyavoy,
yiatl otov Spo adto (bnag 0d Sobue dpydtepa) dmodidetar GAAN eidikotepn onuacia.
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*Anodeitape Aowmov v mpdroom :

I xabe tpiyovo ABI' xkale mhevpd tov elvan pikpbrepn and o Ebporopa
iy 800 Griwv kai peyaditepn dnd i Segopd Tovc.

“Av onpeidoovpe pg o Yvootd chpBolo Tiig amoivtng Tipfig | AT—AB |
i Sapopd T@v d0o mhevpdv AL kai AB, Stav amd T peyaditepn dpaipé-
GOULUE TH HKpOTEPN, T MPpdTact] pag Stotvndvetar pé Tig AvieodTnTe :

|AT — AB|<BI'<ATI'+AB.

Npobox,'

| Azkuzez mai |

o*\

1.18. TIAPAAEITMATA KAT E®APMOTEZ

1. @zopodpe 7 onueia A,B,IAE,Z,H éavi tpia pi cuvevBaad. TMooeg evBeieg dpilovrar,
v Evioovpe ta onpein adtd ava Soo; Na yevikeolei i doxnen v v onueia.
Aben. “Otav &vavovpe Eva Opiouévo on-
pelo, my. 10 A, ug 6ha ta dhha, @épvoupe 6
ebBeieg. Tote Spax, Evdvovrag kabe onpeio pé
Ol 1@ @Aha. @épvoupe 7% 6 ebbeisc. Ttov
ap1Bud adto 7x 6 1| kale edBeia napOnke o
Qopés (m.x. | AA rapnke Stav oépape Tic
ebBeleg arod 10 A kol Gray pépaps Tic £00eTeg
and 16 A). "Etol 6 apiBuog 7x 6 elvar Surha-
o10¢ 4nd 16 wAffog tév {ntolpevey cH0eidv,
onote T nAfiBog adto elvar :
X6 42

D
ME 10v 1810 GKpiBéic svihoyiond @rodsikviovpe St v onueta dpitovy l(vz_l)

= 21.

ebBeteg.

2. "Av Eyovpe §bo tepvopeves eifeie &, kai €., va deryBel dn dmapyovv Gnevpa onpeie
nov v dvijkovy oTd chvoro £, U &,.
Aden. "Av mipovpe onpeia Bes, kai I'ee,,
Siapopetika Gno 10 A, | eblsia B sivar
Sapopetikn kol amd ™yv €, kai anod ™V &,
(ywati my. @v | Bl ovvémnee pé v g, 10
anueio BIne; = {[‘} 00 ovvémmte pé 1o &,
U e, = [A], npdype &8Ovaro).
Kata 10 dfimpa tiic Swerdbeng Onapyer on-
ueto AEBIT petald tév B kai . To A sivat
gontepikd onueio tob tuipatoc BI kai dév
aviket olte oty &, olte oV £; (niati dv m.y. Aee,y, 1 edleie BA, dnhadn @ B
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0d ovvémunte pé v €);. "Etol, Tovkdxiotov ta Gneipa dowtepikd onpelo tob Tpf-
patog BIC dév dviikovv o106 £, U €a.

. Na seixfei 6n na dvo ed8OYpappa tuipata AB kai [A loyder navrote 1 isdtnra
(AB+T'A)=(AB)+(I'A).

Abamn. "Av dvopdoovue HO = a to povadiaio e000ypappo tufipe (kai onoBécovpe Gt
Tpéyape ToLG prTog dptd-

Jiobe (AB) kal (TA) ot 6- _E x.8 4 -8 H
pdvopa kKAdopata, Sniadn
\'moaéuouua BT L """"""""""""" [ l

(AB)="%-. (Ta) = %), 8¢ loyvoovv ol oxéosig:

(1) AB=(AB) 'a= a=K

7
@ I'A=(FA)-a=%a=uTu=u.B

Smov Béoape IT a = PB. [a vé oxnuaticovps td@pa 10 AB + A, 8a npénel va ndpovue

ot ebbeia & 500 Sradoyikd tpnpate EZ xal ZH mob 10 Eva Ba droteleital and k Tufipa-
10 (oo pé B xal 10 Ghho 0@ droteheltat Gno p tpnpata ioa pé . Tote Exovpe

AB+TA=EZ= (c+ wh= G+ w) 4 a= <11,

61:615(AB+!'A)=1-;—H=—§-+ %:(ABH(M).

M 1 Boffeia abtfic Tfig dokhoeng drodeikvioviar of idiotnteg @V npaEenv TV

£000ypappmY TUNpAToY oL slval dvaloyes pé Tig 816TnTEg @V dptbpunTIKGY npaewv
(BX. &ok. 6).

. Aiveton Eva e000ypappo tnfipa AB i edBeiag &, Eva onpeio M footepixd 1ov xai
Eva onueio O otfv npoéktacn tol AB npog 10 A. "Av slva AM‘—_—L MB, va dex0et

2
ey 20;\ + 0B
Abom. "Exeidh OM — OA + AM = OA + -;— MB = —29‘5;'—’“5, Exovpe 20M =

20A + MB. Elvat Spag dxopn xal OM = 0

OB—MB. "Etol v npocficovpe Katd péAn

1i¢ lodTNTEG AM B
20M = 20A + MB

OM = OB — MB,

Bpickouus 0M = 20A + OB=> OM =2 FO%
xOB
Teviotspa, v elva AM = —— MB, Bpicovus OM = m: I—,, .
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5. Na deix0et 8n1 Eva nokhdyavo pd v mhevpig Exa —vﬁ%—i Swyaviovg,Egappoyi oto
dexdymvo).

Aben. "Av ABI'A..KA elvar moliyovo pé v
mhevpéc, ol v kopupég ToulA,B,T,... K A, dvi
Tpeig 8¢ Bpiokovral oty idia edbeia kal 6=
pifovv (BA. dok. 1) ﬂ%lstxﬁhﬂeg. "And
tig ebBeieg adtég of v elvar mhevpic ol molu-
Yévov kai of drleg sivar Siaydvioi Tov.
“Apa, Gv Sy elvar 10 mAfifog tdv Sayeviov,
Exouvpe
5 viv—1) v(v—1)—2v v(v—3)
V= ‘-—2— —_—Vv= =

2 2
10x 7 :
"Etol n.y. Eva dexbywvo Exet = 35 Swxyaviove,
6. "Av M elvar érorodny Eowteptkd ompeio tpydvov ABT, ioyber maviote i) Gvigo-

mre
MB + MI' < AB - AT

'Amod. "Av E elvar | topn tfic BM pé v
AT, ot0 tpiyovo BAE &xoupe TV dvicdtnia
BE < BA + AE

() BM + ME < BA 4 AE.
*Emiong o10 tpiyovo MEI &xouue

(I) MI' < ME + ET.
IpooBétovtag kata péhn tic (I) kai (1) Bpickovps :
BM + MI'< BA + (AE+ EIN §i BM + MI'< BA | AT.

*7.(") KdBe wvptn tz0haopévy ypapph BM,M,.. MxI sivan mkpbrepn
and dmowadiiwots GAAn teOhaopévn ypoppi BAA,... ApIl' 1 énoia Exar
ta idre dxpa koi «repuklheien Ty Kopti] te0haopévy.

Anéd. "Av ol BM;, M;M,, M,M;...
Tépvouy v «EEmtepikiy teblaopévn
ot onpeia E,, E,, E;, ..., Ex» xai o-
vopdoovpe Ty, T, Ti... t¢ pépn ota
6mola  yopiletar 7 «EEotepiki» te-
OAaopévn and 1 onueio adrd, O &-
AOLUE TiG GVICOTNTEG

BM,+ME; <T,

M M,+M;E, < M;E+T,

1. Kafe mapadeiyna i épappoyi mov Exer dotepioko (*) mpémel va avripetoniferar
g cuvéxela tiic Paoikiig fempiag.
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M, M,+M;E; < M,E,+Ts
IpocBitoviag kota pédn Tig dvicdtnreg adtég Ppiokovpe :
BM,+M,M,+M;M;+... < T;+T,+Ta+..., dnhadiy Ppickovpe v dvi-
cotnTa mod {nTépe.

1.19. AEKHE!{IIE *

1. Aidovrat 10 onueia o avé tpia Sév elvar ouvevbelaka :

a) Tlooeg ebBeleg Opilovv Ta onueio adtd;
B) IMooceg fipevbeieg dpilouv;

2. T1o &ninsbo Sidovrar v ebbeiec, ETol dote : Gvi Vo vi TéuvovTal Kol dva Tpelg va piy
SiEpyovror and 1o (810 onpeio. Mooa elvar Ta onuela Toufig 1BV e0Be1dv adtdv; 'E-
eappoyi: v=12.

3. Tapte Eva dpiopévo onpeio A xai pépte 0o ebbeleg &y Kal &, mob vi Siépyovial and
10 A. TTapte dxdpn Eve dhho onueio B 1M €, kol Eva Ghlo onuelo I tfig &2 Kai dvo-
phote & v ebBeia BI. Na Gnodeifete 61i:

a) ‘H edleia € 8¢ Sitpyetar and 16 onueio A.

B) "Av I elvon onpsio tiig € dlagopetikd amd té B xai T, f evfeia Al 8¢ ovpminter
olite pé thv €; olte pé TV €;.

¥) “Ynapyouv dneipeg e0Beieg mov diépyovial ano 6 dplopévo onpeio A.

4. TMapte &va dpropévo onuelo A kai @épte pia ebfein & mod SiEpyetal and 16 A.
Iapte dxoun Eva dhho onpeio B tiig & xai Eva onpeto I' mod Sév avikel othv €. Na@
anodeitete OtL:

a) To6 onuelo A 8év aviker ofv ebbeia BI.
B) “Yrapyovuv dneipeg ebBeleg mod 8& SiEpyovial and 16 Oplopévo onpueio A.

5. "Av A, B, T elvar tpic onpela mig edBeiag £ tétowa, dote AT+ BI'= AB, va Bpe-

Bobv Té kova onpeia T@v : i) I'B kai BA ii) AT kai AB iii) FA xai I'B.

*Av a, B, v, & elvan ebBbypappa tpipate tétola, Gote o = B kal y = 8, amodeite St

a+ y= P+ 8. "Anodeifte éniong TV npoTACT ! @ = B<==a +y=PB+7

7. Té mé edBeia € maipvovpe oth oewpd td onuele A, B, T, A 1étowa, dhote Ta TufipaTa AA
xoi BI vé Exovv 16 1610 péoo M. Né anoderyfel 61t AB = I'A xai AF = BA.

8, Té& ma edOeio & maipvovpe ot oElpa Téooepa TuxdvTa anueia AB,I' A xai dvopd-
fovpe M 16 péco tod AB kai N 16 péco tob IA. "Anodei€te 6T :

M — 28 B
2

#eempobue Eva s0B0ypaupo tpfipa AB ebfeiag € kui 16 péoo tov M. "Av I elvat Eva
onueio otV mpoiéktucn tod AB kai P elvar Eva onpelo éomtepikd Tob MB, va @mro-
Se1xBobv ol loodTnteg:

6.

:M:ZAEZB, PM=PA;PB.

I%Lc-)wpofbus Eva ebBOypappo tufipe AB ebeiag & kai Eva Eoatepixd Tov onueio M 1é-

3 .
tolo, dhote MB= T MA."Av O slvar onueio otiiv npoéktacn tob AB, mpog 16 A, vé

amoderyOel Gtu
" 3.0A + 4.0B

oM ]
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11/ Aiverar tufipa AB ed0eiog € kai Eva Ecotepikd onueio tov M térolo, Gote MA =
-;—MB. "Av I elvar onuelo otiv mpoéktaen tol AB npds 10 B téroro, dote
5

IA=3

IB., arnodeitte Gt1

P W

- (AB) ~ (AM) (AT)

12/ Oewpolpe 16 Eminedo q mov SiEpyetar amd tpia pun cuvevBeiakd onpeia A,B,I" xai
raipvoupe Eva onueio A EE@ ano 16 q. "Av KaAéooupe q° 10 Eninedo mon diépyetar and
16 onueia A,B,A, va SeixOel 8t :

a) Té A avnker otic e00eicg AB, BI, AT.

B) T6 &rninedo q° 88 ovpnintel HE 16 q.

¥) Kade onueto tfig ebBeiug AB aviiker 616 olhvoro angqg'.
8) Kabe onpsio 1ob cuvodov q N 9q° elvar onpeio 1fic AB.

13] @ewpolus dVo Enineda Slopopetikd Tob Exouv 800 Kowva onueia A, B, Na amoderyOel
611 16 chvolo TGV KOWVEY onpeiov TEV 800 Emnéday cival t@ onpela fig e00eiag AB
xai poévo avrd.

14. "Eva e000ypoppo tpfine TA £xet ta Gkpa tou I kai A otig dbo mAEVPEG pIdG KUPTHC
yoviag AOGB. Ng deybel 611z
@) Té ed0dypappo tufipa TA aviker ot yovie AOB.

B) Kdabe éowtepikd onusio tod wipetog I'A elval kai éootepicd onueio tiic AOB.
1) Kdbe onueio tiic nposktacenc 1o TA slvar Zo0TEpLKd onueio thic pf KupThig.
Yoviag AOB.

15. Aivetat pie xupt yovie AOB kai Eva Opiopivo Ecwteptkd onpeio ¢ E. "Av I &i-
Vel éva dhho orolodimote onueio i Nuevleiag OF, Slapopetikd and 16 0, va det-
%Ol 611 :

@) Té twpfipa IE 8év tépvel Tig ebBetec OA xai OB.
B) Té IE avixer othy Kupth yovie AOB.

16. Aivovrar 800 ebleiec AA’ kai BB woo Tépvovtat otd O kai Eva Bowetepikd onueio E
i Kuptiic yoviec AOB. "Av mdpovpe Eva onpeio E' otiv avtikeipevn futevbeia Tiig
OE, v deiyBei bt ;

a) To E elvar écwtepikd onueio 1fig Kuptiic Yoviag AOB.
B) "Av pia £00sia sivar goatspiin] tiig kuptiic yoviec A6B, TOTE N Gviikeipevi g
fiuevbeia elvar éoatepikn i kuptii yoviae A'OB'.

17 Zt6 Simhavo oxfipa poc Exovps ma te-

Ohaopuévn ypappn ABTA... kai pia sdfeic (I 4

€ mov 8t cuumintel pé gopéa TAELPiEC Kai .74 Ll %\
TeuveL Ty tebhacpévn of meploodtepa d- ‘\/ L)E e
®6 800 onpeia. Né Setydei Gt 1 tebhacué- 8 4

vn elvat pi kopti.

18. "Av I elval Ecwrtepikd onueio Kuptod moivydvouv ABI ... KA, va Szixfei 611 kabe
ebbeia & mob Sépyetar and 16 1 TEUVEL THV MOAVY. Ypapupn tdv mAeup@dv Tov of Slo
onpele, évi ke fuevdeia pé Gpxii 6 I Thv tépver o Eva onpeio.

19. "Av P eivar onueio E0WTEPLKD TOD TpLydVOL ABT, @nodeire tic avioétnteg

AB + BI' + TA ¥

<PA-+ PB4 PI'<AB + BI' + IA.
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20.

*Arnodeitte 6t of kale tetpanievpo ABTA Exouvpe tic dvicoTnTEg

AB + BI 4 I'A 4 AA

a) AT+BA=AB+-AI ) 3 < Al+BA <AB-BI'+TA+AA.

1.20 AELKHIEIZ**

21.

23,

24,

25,

26.

21,

Bempobpe dVo ebbeleg A'A xai B'B mo¥ tépvoviar otd O kai pia ebfeia & nod diép-

xstar and 16 O xai térola dote | pia fuievbeia g OF va Ppicketar péca otiv kup-

™ yovie AOB. N deiy0si 611 :

) ‘H e0feic & dév téuvel 14 eb0OYpappa TuNpate ol Exovv Ta Gkpo Toug otig Hu-
evbeleg OA xai OB'.

B) “H fuevbeic OE tépver kabe ebBhypappo tufipe mob ta dxpa tov Bpickovrul otig
mhevpés T Kuptiic yoviag AOB.

. "Exovpe pio te0hocpévn ypoppf ABI ... KA mob Eva onuelo P pidc mhevpdc g

(8&v @roxheietal f) mepintwon va elvar t6 P kopuer) Ppicketal oThv npoéktucn piig
dAing mhevpls. Na beibete 611 i teBhaopévn ypappf elvar pn xupti.
Aivetatl pid «avorkti» xupth tebhacpévn ypappn ABL ... KA pé dkpo A xoi A. Né
BeLyBel 61 :
@) ‘H elBeic AA Exet pé v te0h. Ypuppn Kowvé povo ta onpeia A xai A.
B) "H xiewoth te0lacpévn ypappi, mod oxnuatifetal dv pépovpe Kai 10 tufjpe AA,
elvar kupti.
v) Kabe ebleia & mov Exel Exkatépmbév tng ta onpeia A Koi A Exet pé v «avolktiny
Kupti] teBhaopévn ypapun Eva kai povo Eva kowvd onpeio.
e kale tprada pn ocvvevbelakdy onpeinv
A,B,I', dexbpacte 10 aEiopa tob Pasch:
«Mia ebbeia & mod & iEpyeron and ta A,B,I
koi Tépver 10 tpiipe AB, Ba tépver dnwodi-
motejEva axopn kai povo Eva and ta -
pate AT xai BI».
Mé 16 GEiopo adto va beifete 6t o Eva A
Tpiymvo ABIT 1) ebfeia oL diépyetar and &-
va onueio A tfic AB xai Eva onpeio E tfic npoektioeng tiig BIC téuver thv ATl
Oewpodue técoepic eVOETES €1,82,63,64 OO TEUVOVIUL Gva 800 Kai @va tpeig 8é diép-
xovtul dnd 1o (8o onueio. "‘Ovopdlovpe £ 16 clhvoro t@v onueiov toufig Toug ava
800 kai 6pifovpue o6 Q T Speln oxéon R :
MRN <= t6 N 8év avijker o ebbeia mod diépyetar amd 16 M.
*EEetdote dv f| R elvar dvaxhooTtik, cuppetpikn kai petaPatiki.
¢ ma edbeia & naipvovpe ot oelpd téooepe drowadnnote onueia A,B,IA xai dvo-
patovps M,N,P,A 1@ péoa t@v AB,BI,TAAA. "Anodeifte Gt :
o) Ta tpunpate MP kai NA Exouvv 10 1810 péco O.
B) To6 O eivan éniong péoo tob tunuatog TE Stav T kal E elval 16 péoa tov AT kai
BA.

Ztig mhevpéc AB,BI\[A tprydovov ABIT maipvoupe dvrictoixeg té onueie AE,Z.
"Anobeite 6t
AE+BZ+ TA < — (AB+ BT + IA)..
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28, Aivetan Eva tetpdndievpo ABIA mob oi Siaydvioi tov tépvovtal otd O. Na dnodei-
Eete 6u, Gv P elvar éva émolodnmote onpeio, 16 Gbpoiopa PA 4 PB + PI' 4+ PA
vivetar Elayiotov, Stav 16 P oupnintel pé t6 O.

29. Oeapobpe Eva molby@vo pé v mievpég kai dvopdalovpe o 6 G0poropa tdv Sayaviov
oV xoi my TV nepipetpd Tov. "Anodeibte Sri:

@) ) kabe Sraydviog Tov elvor pikpdTEpN Gmd TAV «HUNEPINETPOD Tv/2
v(vt—3)m.

B) loxvel ) dvicod™ e 0 < 3

1.21. EMIANAAHYH KE®AAAIQY 1

1. "0 yeoperpikds  xGpog : Aexdpacte v Gmopén &vec pf xevod guvolov, tob yem-
petpikod xdpov, mob Th orolxEln ToL Afyovial enuein koi 16 HrochVold Tou Aéyov-
1Al YEOUETPIKG GYTNGTA.

2. "H edeio: ‘Oplopéva Gnd 14 dmoclivola 100 yempetpikod xbpov 16 Aépe ebbeisg
xal ol omovduibtepeg mpothoeic (GEibpata i Bempiuarta) ' abtég elvar :

—'And Eva onpeio Sigpyrovian dineipeg eibsies.

—'And 800 enpelo Sifpyetor pic kol povo pia cobeia (kai Etor Sbo e0Beieg mov E-
xouvv 800 Kowva onpele gupminTouv).

— Abo £0Beieg mod 82 cuprnintovy Exouv 10 mokd Eva Kowvo onpeio (kai of ebbeieg mod
Eyouv Eva pdvo kowvéd onpeio Aéyovrat CTEPVOUEVESD).

— Mia edfeia Exer Gnepa onueia kai kale Eva dnod adti th xopila of 5oo nuevdeies.

3. To e00bypappo pijpa: To onperocivolo mod Exer otoueia 8ho Opropéva onueia
A xai B xai 6ha 1 onpele tiic ebbeiag AB, nob Ppickovrar petald v A xai B, Aé-
yerar e000ypappo tpfjpa pé dxpa A xai B.

Kabze e080ypappo tpfipe Exa dnsipa onpeia.

Agyopaote dElopotikd 611 616 olvolo & TV ebB0ypappav tunpatav dnapyel pia

oyéon icoduvapiog v émoia dvopdlovpe «odtntay Kai St :

— Eg ke fMuevdeia IX drapyer Eva kai pove Eva enpsio O tétoro, Hote 0 ufipa 'O
vi elven foo pi Sedopévo tpfipe a.

“Av So0obv 800 Tufpate @ kai B kai ndpovpe of wa Auievlsia T'X 16 ufipata 'O = a

xai A = B, Exovpe pie ané tig mepinthosic :

—Té © xai 16 A négrovy ot 1810 onpelo tfic fpevdeiag T'X, dnote Exovpe o= B,

— Té © népret petald 1@v I xal A, dndte Exovpe a < B.

— T6 A mégrer petald tav I xai ©, dn6te Exovpe a > P.

216 alvoro & bpilovpe dxoun wrgdabean» Kai «dpaipeony. "Etot, Gv 50800 360 Tui-

pata a xai B pé a > B, dvopdlovus : '

— G0poropa o+ B 16 tufipa AP mobd Bpiokouue, dv napovpe of pia edbeic Sbo «di-
adoyikan tufpate AM = a kai MP = f.

— Suagopa @ — B Eva e0BOYpappo Tufina ¥ Tétoto dote B+ v = a.

Td v npdobeon xai v dpaipeon t@v £00Gypappoy TuNuaTeV ioxdovy &heg ol

id6tnreg mob ioybouvv otiv Tpoodeon kai TV doaipeon 1dY OeTikdv Gp1Bpdv.

4. To irinedo : "Opiopéva Gnd 16 dmocbvole 10D yemp. xdpov Ta Afue Emineda kai of
onovdaidtepes mpotdoeig v adtd elvar ;

—'Ané tpia pi| ovvevberaxa onpeia Sifpyetar Eva povo Eninsdo.
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— Mio ebfzia mod SiEpyetor nd dvo enpeia Evdg Emnidov Exer Hha ti enpeie g otd
#rinedo.

—Eva ininedo Exe nepeg e0feieg xai kabe pd and adtis 10 yopila o2 Sbo menineda:

Té yempetpid oyfipate mod Exovv 8ha ta onpueia Tovg o6 idto Eninedo Aéyovral «dni-

neda oyfpate kai pé abta doyoleital i Emnedoperpio oV dnoie and 80 xai mépu

neploptlOPacTE.

. Mé 16 onuela ki tic edlsieg &vog émnédou opilovpe t6 Puokd Emineda oxnpoate.

Abta elvar :

—'H xvpth yovie, mod slval topn dbo fuemnidmv T Omoia EXOLV SLOQOPETIKES
axpéc (kai pepikég mepimtdoEls Tng elvar N «undevikn yavion Kai 1 «nerhutuopé-
v yovian).

—'H pf xupt yovia, tod elvar Evoon 800 Muemnidov 10 6moia Exovv dlapope-
TIKéG Gxpéc.

—H 1te0haopévn  ypoups), mod Exsl v Kopuvpés v Slotetaypéva omuelc ABY, ..,
K,A xui mhevpéc ta e080ypapuo tuhpate AB,BT,... KA kai 1 khewoth MOLUYWOVIKT)
ypappdy, Tov EXEL YIG KOPUGES TG SaTETaYMEVE GTUETR ABT,. . K,A kui mhevpég
1a eb@OYpappa tuipate AB,BL,.. . KAAA.

—'H xvptiy teOhacpévn ypoppi, mobd 6 popiog Thg kaBe mhevpdc tng Exel mpog 16
abtod pépog Tov Gheg Tig dhheg Kopueis tiig TeBAacuévng Ypaupic.

— Té kvptd molbymvo, T6 Omoio elvat Topn @V AUEMRESOY ol 16 kubéva tovg ExeL
éxpn pia mhevpd xhewstiic kuptiic tebhacpévng ypoppfic kal nepiEyel Oheg Tig
dhheg xopugés tiig TeOhacuEvng Ypupuptic.

. Agyopacte OTL:

—Eva £090ypappo tiipe AB slvan pixpdtepo dnd ks tedhaopivn ypoppn mod ExEl
dxpa A xui B

xai tpuppdtoviag To otic mhevpés £vog tpLydvon ABI Exouvpe THY  «TPLY@VIKN U-
vigoTnTON !
|[B—v|<e<B+7¥
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