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Smocivorx pd B pévov crousiov: M ={1} Mp={2} M

1,23, My =1{1
var w5 My = {1,23} =M. Tb aivo-

ey 3 DB S0
L OATM T 27 URGGIVOME.

1 / ——
Y M, 12

wou wod pEc &

idsr 0 m=aFfos <@V Guv-

Ozdgnua:
"Am6 =dfe civoioy v weotéyet N GTolyeia, Gynuaticovtar 2° dxol-
P vmocvvoia.
5. “H &vecic dvo guvdiomr sivar 16 aivoior, To daolov zdle erouyeiov
2

avijzer Tovidyiotov eis TO fva aro Ta Mo Grvoia.

‘H &wocic 3% cuwihev oupBoiil

MUN (=8&was M xai

N) xzi mepréyer v ororysiz 700 M nxi o3 N, pi iy mapatipnow &=t

% xowd ceorysiz v M xai N Ozwpoivzar uévov pioy gopiv.

6. “H tourn bo cuvdiwy elvar 76 oivolov, Tof Graiov xdbe orovyeiov

arijzel xai gis Ta dbo civoia.

o M N N (= ~ops =ov M=

5 : . o
H zous 3% cuwwbrov cupnBoril

*Eiz —iv Ocociav 6w ystaBicenv wal cnduacuiy ScuorieTxe Bt ©h mATlo TGy

Srrodowy cuvduacpdy mod el Buvacd

va cymuasaBoly dxb N Supocernd =

vuxzx, ava P &xacrote haulavducva, clvau:
(»)
P/ — PI{N—P)!

n
e b

my . At i 4 T = -
.w.(_,) Jmocivora ud 800 oToyelx, wow. Th diode miffo; Slav

dmocivaia pg 0 ) = n bmocivoha g

—&v OIS XYY

() Q= () ()=

AL
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7. lagadetypara:
(2) Ozwpobusy Tx Gvoha:
M={
G={2,4681,
U =

*Onec BiErausy, ~o M we=pte s S Irnmione. anatione
Unwg PAemopsy, 7o M meg OAGUS TOUS UOVOUMOLOUS QUGLAOLD

A g 3 , \ 3 3 T ] Y i e
lr‘.iU;.LG'J;. 70 G HOVOGY TOUZ 2pTIOUL, T0 L HLOMGY TOLg :EP'_".‘TGU:' peds 4’ o]

P pbvov zods mpdiToug <Gv aplfudv-croysiov Tob M. Eynuasi-
v RS y 3
-?")EJ.E‘I T ;11 Jd-’J’-‘JVr)f o, f_')J.-fTS(_LILLZ_'IZ G)‘JD/ e, ;—‘J[;)GS'._'_ WL T':IZJ.I:‘

RATI Mz_,ﬂrw:_ cuvduacuole pepuxal dmd Tac Suvatac oydosic sivar ol

(e) Ge M, Ucl Pc il

BYGUM=M UuM=M Py M=M,
GuU=M, (Gul)u P=M,
GUP:{E‘BA..%‘TS,' 2=

y) M—U=6G, M—G=U, M—P={ 1‘4,6,8.9 3

@) MNG=6GMn U=1U,

PN GE={2) B/ [':{3.5.7}. G [t
A iy seheutaluy zoutyv wapaThpobpevy 8t 1k G xol U 8w

O
S0y RONGY o= & =1 3 =1
SY0W AGWOY GT AGY ELVOL SLODODETLAIL
5 . -

aiTx dvopxlopsy dud-

vorhoy M Ey= L 512 vmootvora, i § L 11 L {2}

A RS - §1.23.4567891

8) Mepuat wpas VORIV
‘ Ly fn 1 =7 . ¥
A={auyn}, L 11460, ¢ H = {z,0,0, 1

HUODN=HOUH={ngpegowrox) HA H={g
(i ) A=A a (H Ry =]
(4 mB)y={(HnN 4y ={an}
(H UID) = (A A By 4 3T =fian}
Hnll={pleH HAll e I, H—(Hn H)=—{n45a}
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L 671 70 cuUTATPLUATIXGY GIVOAOY TS To-
elvor <b clverov {n,m.ea, }.)
8. .\Iap'_xoi TOAD YvwoTol xavdves mpalewy The cuvilous gobumTi-

( 11 -:fn_.)»:l'l LabTrg AL

L
-

Bouy N - = {
G‘j UOUY St ’T,:G:J.I.'.G:J.( E‘I(.!JLT:.CO\' '/_1'. TD:,L{A)‘J G‘)‘J(JA(I)‘J. [b).) QoL-

yuotos, elg 6 dmol nrfebopsy
olg vépoug:

0 H=H .4
(3} Tabz t;‘.‘a")GET‘I’_p'.G'_.LZD“J: voLLoUS:
(AUH)UIOD=A4AU(HUI), (AN H) NIT=A4n0 (Hn )
(v) Tov émuspiomindy vépov:

An (Hu )= (4n H) U (4n 0O).

2.4

Ixédiov 4. Tihvoka wiuBwv

Wy 7oy
DAY WYOU
#AL TO CUVOROY

nopugie (3,5,

“C ’:(u: 31::04";. ) szx'. Eva -."rf;rr'.a'a bmociveiov o Q =0,

rpopatindy aivorov M toh K dic wpbs =6

o

xOoL GTOLYELEL S'r}r";u.?‘:/ A
K (D,=R N K) ==pr
sopn Dy z6v R nal

‘Eropévoc D; = 1_).3.

SOLGAMY.

1)
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oha N zal Q elvar Salevnta xol Emopdvas NN Q= { } ‘H &vo-

oz KU R mepiéyer 23 orougsia, #) 88 Sveotie (KU Q) UR wepuiyer

Gz orouysiz xal 2 27 onusia-x6uBous mob Ersonuaverpsy sic T oxTpa.
'AoknoELg

1. Ni wamaoxesuxaboly Shx t& Omoobvaix Tob suvéion M — { 2,35, 7. ). Méoz

Btk 8%0 oivehae M xai N, N © M, al oyéces
MpoN=N sal MUN=M

var loeSivaper.

3. 'Axt Tig oyéoeg
(x) NEM %zt MEN, (B) MUN=M »ait M n N= M, wolx elva

on 67t 7a M xat NV odvoia elvar Tox;

Exetvy wob Humogel va i

4. Tléoar Srxpop wévTe oToyyeix )

xxi Huxdec xaraBocpuisag (hmocivola dro
orrfolv &md Eva odvodov 10 pafigrév; My hafere O dduv woc

'J‘-).J ‘Ji
6 yrmedov.

weottov Gaot ol uxbnTal mpomapacxsuxlovTar 8t elox-

cac oyohac. T cdverov @v Hmolnolny advd@y 8L dve-
VTGOV T ®ATEYEnoTIX0Y DToGUVoAOY T00 GUVEAGY T@Y TEAELO-

xc omoudac sivoe

onitwy;

Ill. ZovoAa icodlUvapa. MAnBapiBpor.

v mpwThy pas Bzdpnow cuvdlev EraBoucsy e wapadeiyy
v mpwrv pas Bzwprow cuvblwy Ehafousy s mapEdELyRE

coxpwY UTAGY Ths oixoysvelos A, dveyvwploapev 3¢

Zva GUVOAGY Ah TECGHOX TLATO, EVOL GUVOAGY ot
Oicuz=x, Zva olvokov o téocapn woyoiptax, Eva GUVOAGY

. A v
SGED EJ"G/.I. FE‘. OWOV 00N T Ao 'D‘)rd'l 7.‘ '_2 G"JVCII\'Z TT‘J la":l‘

LY

A7o maTloc osToysiwv: Técoapo.
=t Eva oivehov, Gtav Bewpobpey
wou; Elvat Tobzo 6 7tdij-
13167 6V avwTiom Sto-
DHOWY GUVHL@Y.

2. Elc =6
15 ooy

IR ) 778?r21-7 _\':'t =% chvoda P xai § 2éyopev 8 Eyouv

mapaderyya, =0 cGuvolov P v

i, “H «iBouon 3idaonadins mepéyst Sva civorov, S,

3y

e Al IJ—rv l)J‘J?J.'/’;'_f x BTt THploTAVOVTIL amG TOY oDToV mAn-
0

er_lr_»J'r]_MOJ' 5

o4 rimr;aosnrd clvora P xal
¥

S
st va apBuficwusy Tobs po-

* Bic =2 yeppaviek : Machtigkeit. Kadderépx d=é8o0ic Lowe Bz Fiwo 7 aioypdon.

=5 Bi8ulov abth B yomorpomowdusy v Spov «minbapBuccy G TauTéonuoy

Eyvoray pé Sefvny To5 Soou aduwvapdTron.
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Bnzas Tob ouvérou P: «1,2.3,...,15n xai xezémy 70 vzﬂiry.a—x 700 ouv-
dhou St «1,2.3,...,15.» Tiverar Spws 1 Sramicrwong abth ol s dmhed-
GTepov Tpbmov” StbTt, dndun xad Eva tpbowmov ol Stv yvaeiler va aoflud,
dev Eyer mapx va Unthion awd tobg palbnrac va nabicovy. "Edv xdfe pau-
On=hc =Spioxn Eva xabiopo xxi Bha 72 xablopara warahapBivovra
awd aOTHY THY sviioroyiay wualbnw

c-xaliopan, yiveTar mpddniov G
il LGLO), YLVETAL TROOTAGY OFL
L

<x odvorx P xat S Eyouv 760 ad=o mafloc croysiny, G dmdpyst sis

o oL ’ ’ 3y " ¥
Z‘JTi '.:I.T“FT‘; CL"VT'.GTO’.Z’.I GTG'.;I'E'.O‘J TR0C GTOLZELO‘L OTL slval lf)'ﬂf)“l’(l‘lt[!.

Avo atvora M zai N elvar icoddvapa, av elvar dvvary pla tézou
GuoyETIoS peTald Ty arotyeloy Tob &vog xal Tov dilov ovvolov, dote
zdfle arotyeior Tov M va avriotoryij meos fva zal uovor éva arotyeior Tov
N- zai avtiotodgce

Kafz crouysiov 7ou M wpéne va avmiorouyileton wpds éva xul wbvav
.

- ; = SR e
r—urysrov o0 N xai, ouolws, xafle croyystov 7ol N mpéns va dvmi-

ot ol e E - R
crovyilerar mpbs &va xal pévov crovgsiov tob M. To el8oc adsd dvmi-
crotylog Svopal
zov M xai N.

to Eva weos Eva ATOTolyla usT

GToLy

3. "Eva maodderyua :

To ocivorov B—= { a.b

;G
adtd mATbos crouysiov (Tpia

} ol o adverov Z = { 1] Efouv. TH
o o L e SR
tvar oivohe looddvaue. “H su:-:p
7L T0D Z) MU VoL YLV woeTe Eva
zodg axohovlfous tpémoug (3! =6 v 6hw):

() (IT) (I11) (IV) (V) (VI)

M

avtigToryia (dmswdvices wob B
3

a1 aer1 a<>r2 a<r2 e a3
b<>2 b<>3 bl be>3 bl hes2
Cer3 cer2 ce>3 ce>1 cer2 e

o . , R
Eic =ty mpdwqv otikny, 7 dviiczo

i Ly
<05 cuvdrov B mpoc w6 crotysiov 1 tol ouvbhoy / ot

crowysiov 1 o0 B =poc <6 7o ol B. x.0.x.

4. Ado avrirapadeiyuara:

(z) Ta chvora 9} By =lvar looddvaa.

wmopst va cuvtaylf mpds vdmowo
ov zab Z (m.y., a—~1 »xi b —3) 8&v cupBaiver S xal w6 dvsi-
.

G
cTpogov, wabe S‘r,).x&‘r, G

oV TOG Z v:'f. Do Suvarsoy va guvtaybin ue
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‘H ziedov D Beuvder wxbopa 87i, Sk te Snupocioc cuyxove-

Batdv EVOS OYNUETOS T

XL
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<
[
o7
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Ivohov TV HI‘J-F'LI wV iz

de

Iyibiov 5. Tivoha uh loodlvaus &

coduvapey cuviiov duvausfa vz SixmicTd-

LEWMOEMZ, Ay + 3, &=ov

WiZ ATELZOVIGIS T GUYRDTI-
wvorow X &l =0l cuvblou Y.

OVEPLA, YOIPOUEY

IVAXAXGTLAS], GULLILET

%) M~ M: »difle chvohov civor icodivopoy
8) ’Edvy M ~N N~ M.
v) Bay M~ N xai N~ P 16t M~ P.

e A PR r - ~ 3 > ‘ r - - ’
]l xowT '.ﬂ'.’)._f‘_" GAWNY TWY '.’J")h‘)‘)’.!l(:)‘l GUNOAGY LVvoL o '.':f.‘!‘al—

pbuos alzév (7 duvamxbone) 7 =0 =A7boc <&y crouysiwv Twv. Tav
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GUVOAOU 7T

zoh dopalnzov 7 Sk ypxey

xophpwy ypaupey. [lagade NE YopLvs

Awe M= {abycde}, stvor |M fabede} | =m=5
Ave N = {s;tuvw}, o [Nl =| {stuvw} n =5 0=

‘0 wrOaotbuos «d» oruaiver Thy duvauidTrTa Ghev TGV iooduvi-

£ bl ,- Sle n \ .
wwY GUVOAWY (TMV GUVOAwY, S1Axd7], TOU TEPLELGUY
Ciuslo tapx =ic Biowv va natavencwyusy THv SpLopov

Cantor 3% <ov manfxoiBuov:

“H dvvapuxstye 7 6 ainfdoiuoc tot cvvdiov M elva 4

avriipes, 1 Omola dmopfver eic Npuds meol ToU guvdiov avtod, drav,

UEGE TIC Oxéyeds pac, amofevaicopey Ta didgopa oTolyela TOV TOGOY

6 Ty o Ty Gooy xai daxo Ty ddrafw, xall iy Eupavilovtar adta

el o ciwvolor.

oA
R
VL LGOOUVILILGY

UVRLLOY TIo0C EVE L

Hapade

"Eote M — ':-(l,bt_t‘,([: ol N =

Fi— -} h r
U= {abec}

oy

N~ U. Toe M duws dzv elvar loodlvapov mpos ko

TOY

TwWY GUYOAWY

pLoyny @Y DAGLEVDY

- -2 SR 7
GUVOACY s EV ADYOC LEYOL TOUOE. ] * GUULTE-

Vv, OSLVOVTUL oW

L OV TRLGHG-

EDUPULOYTY TMYV Tpaicwy xal av

cuvohoy xabicTazor mpoguvig 7

= ’- Fo =
o0 guvbiow M = l abyed | TOU slyat ov-

UEPLHRE ohT@Y.

. AtSovzar: (1) T clvorov K wav #bufav
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24y % (2) TH ocivorov Q tév uéuBwv xl xxl dvtdg 7ol Tetpaydvon ui

xopupis (=2, + 2

[x) 'Ex tév cuvdhav K xxi Q, slvar 0 Sva yvhciov Smocivolov Tol &AA0U;

(B) Na& o007 % <ouh tév K =l Q.
Na ehpcty & mimbapluos |Q — K.

(8) 'Eav Zoepebotv T& onusiz ThHe mepipepeiac xxl Tod tevpayavou, of el T
towTepedy TRV oynudTev oitdv ®6ufor cuvicToly icodivaux clivolx;

& Abezx 7o oivedoy X = { 1,2,3,...,10 }. Tlotoc 4w tods Emouivous wavévas
Aumopel va ypnpowwonomin S Th xxTxoxeuny ouwvdiay looduvauwy wpdc w6 X;

{y

(z) y= 4x — 3. (B) »= 2% ) r=x% 8) y= npe (%)x
(e} y=In x
5. Ioix
tviic Doy, Bote T4 mapxydpsvov odvoiov vi elvan lsodivapov wpdc th dpyuedv;
6. "Eccm K b clvolov z&v ob clvar dowtepixol THc mepipepsias
x2 4+ 2 = 7 zai P <6 cdvoloy @V Sulnplav mpatay apifpay. Hoix & & mapodte

elvar 7y btng, Thy dmolav mpémer va &y Svas xavhv TEpAYWYTC CUVEAOY

£

oyfoswy slvar aanb
IKI<IPl. (B) IKI=IPl. (y) |K]=>IPI

7. Elc ulav yogeuruanv ouyxévipwow, T4 civolov tav dvdzdv ot M xaxi o
ovorow tév yuvaedy N, Tlég fumupel navels va yvopion, d&v Ta 8%0 aldtx oivore

elvar ioodivay

8. Eic

xZwv oxc elvar 70 TiVOAGY T@V cTumoydpTwy [coddvauov mpoc b

touxTaslow oug;

67 Svas wavow (cuvagTroaxy dmoiou 6 oivoiow

U)l]]r arewovileTa ext Tob Y =
mewovilet 6 wovew T

Q'M'V.VD).) oLy

Acxno=ag 9 ®oxT’ GuouLovech-

L wGheovn 160V doptiov xal Berwmdv

wavzov Tpbmov «dhougy T
dxzpaiav

(8) "Hpropobuev v elmwpsy 671 w6 oivokow N = { LM S } elvar icoddva-
pov bz o advorow G={246....2n.. )i
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ATIEIPA IYNOAA

1V. "looduvapia kai O epremepagpuévol AnBapifpuor.



818 a7, Ta oitvoia N xai G Exovr tov adtov

inbaoiuor.

ITAVTAHGLY

2. "O=av dywusy &7t 5 clvor =Sioov», TO HwELpov

e avTiopBa-

wusv: lim — - oc, 2v-

x—=10

imslpwe peyx %,

foav < X amofaivy undév, 1/x dmofux

va vivy upsyshlrepov xabs

oyiov, «l/x fum

aptBuos, 0z

xhsyouévou, GoovdNToTE

T 2 Srvdus * - Ty ¥ =
0 AKXT 3';..!".'.!'_.J T, e:‘l'u:u:t { ) TOUTO TELDOV

v 3'16'/10'1' givar #xTt TO TSAslwg S

oV
civehey N = { 1....3. L Zxopaler uiav doflcicar dadoyovoay

wot Gy play é.x?)'.f.xs'.xu ametploeme.

<&y ouwvbhev N xai G ol ploy Ex-

=X
<00 swbrou G: worovitt =6 G slvar Evar pwijoiow

troctrolor = /, elvar &v mpoc o IN. Zvubaxiver
Smpadh 3836 G € N »oi G

oz «4 c B»
a«A~B». Mxpadeiypatos yapw, £xv A
0z civer 4 C B xal [A] < |B] (dood .

AGUEVE GUV-

ohx & iGyug

T

rfxotBuos |B — 4| = 2 7ol cvumimpeuaTtincd GUVOAC

ot & =
waligvas o5 mhnBapifpou B =5.

‘0 adThy axpiBbic v 186

EoAGLL Sy CUVOAL,

“Orav dér drdoyn ;-:-f,'mor vxoctvoior Tovt M 1o (570:‘0:' va eivar igo-
dvauor 706 10 M, 10 M ropdierar xemepacusvor (* .*) ovvolor. "Ozar

Srdoyn yvijatoy Smogvvoioy Tob M. 10 6oior va elvau icodivauor oS TO

M, 76 M dvoudietar dzewoor civoliov.

E;’)‘J TCEVTOZ

4. apadsiypara:

Ts clvohov TéV orusiev ei0cixs voxuuTe sivor Eva
it CoELLT,

: (*) Bes” *
% ) Richard Dedekind { s 1-1916

(*,*) Temspzoudvov onuxive aparotueror Xmsipoy GRUL

=TS AGUEVOY,

ur) weparotusvor.
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"Acknoeig

1. Acifzse Thv iooSuvapiay TGv onusiocuvérov inl Slo whsupdv &vdg Tprydivou.
2. Edpere Eva timov, Sz 7ol Gmolov 70 oldvorov N= a5, } ameiovilerar

dupiuovosnudvrteg Exl Tol ocuvblou Z= {1,10,100,... }

3. Awx wevpucic wpoPoldig, dmeiovicaTe T& oyl dc fpiweprpepeias &l
v@v onpeley (x) wis edfeixg, (B) wedc fueubelag, (v) &vig sbBuypaupov Tufpa-
Tog.

VY. "ApiBpnoipa oluvola.

£ T 3 " ~
UVGAWY ELVHL TO GUVOAGY TGV QU=

1. Té amhodoTepov ex TOY AwsLpo
cwdv apbudy, ! {1,23,...}. Eiz =6 oclvolov tolzo mpocdidousy
TOV URESPREPAGUEVOY .-:'A-r,ﬁipa.ﬁy.uv a xal ypapopsy [N| = a.

“Orzx w2 ovoha pd ov adtov mhnbapbuov a dvoualovzor dolurjoiua
Tve, Tév Hrolwy T& oToycia puTopoby va t=lolv

GUVOAR, stva 82 aliTa &

r

elc auoruovoonuavToy avTicToryioy TTPds TR GTOLYSLX TOD CUVOAOL TGV
e ol G e SRR X . S e ¢
puotxdy apfpdv. "And iy dmoly adthv, T& croysia £vog apnbuncipoy
cuvbAou fumopev va xxtatayBobv xat’ daxciouvbiny, v Exouv dnhady Eva
TpdToY oTOL ooV, s 705 cuvélov IV,

aveyvwpicuusy 187 bz apBpnoius wal < sbvora

irov x0.x. 'Ex

tav, Eva

246 §.

o
|
o

L
b
g
@
I

o

[

2. Ts ohvorov zav mptwv zpbudv,

f! Gcivohov ToLTO Sivett, TP@TOV, HTELpOY,
Oewpntf Evas Babeic mpdtoc dprbude.
‘TrevBupilopey ém TobTOou THV

cuv ot n z‘;/l/r‘z mp®Tot aprbuol

éiv 5‘54 stvo mp@Tos, Gz Eym e mapd-

yovra v mpdrov prBudy, & dmolog O elvon, wpodfhwe waALY, peyoAL-
Tepoc Tou Py (*)

* T4 1896 ol Jacques Hadamard »xi Charles de la Vallée Poussin dmédstZav

b £E7c Bzdppa Sz wpdToug apiluoie:
To maFboz w{n) 6w Sy peyedvréowy To0 n mpdrwy dobudy winpol THv oxioww

it [”"" = nﬁ] =L
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Achtepov, ta ortotyeie Tob P fumopoby va telolv xat’ dxohoubiay,
wxote T0 peyeloés v mapadelyporog yapv:

N —t 23 L0 6 8 g0, 400, 200 ., 300}
L2357 414347 4023190 (541 ADI3.  AGET,.. }.

“Yrapyet ACLTTOV EUPLUOVOGTLOVTOGS dvTloToLyie neTald T@v croryelny
w6y dbo cuvdiwv xai elvar P ¢ N. Zuvendc |P| = a xal 0 cdvolov
oy mpiTwy aptbudy slvar apBuficipov.

3. T6 obvoldov taw tergaydwerw taw Betizin dxepaiwy, Q = {1,4,9,
16.25,_., }, elvar aplbprioyeoy. Abte slvor Q © N xal § dviiorougia
crotyelov t@v 3bo cuvbhwv Sidetor md Tob timov n=|¢ % g=n%
Suverddg, Q ~ V.

4. T6 odvoroy Taw xoufaw eic 16 Exlmnedov elvar aolmjoyoy atvoiov.

x

ExéSiov 9. To clvorov t@v xéplav elg <6 &

redov sivae ggiflurouioy

‘0 dxbhovbBog wivaE Szucvber Thv mogelay wpds 10 fprov Toiiza:

5 1( ”) n g n
- — S
Inn Sl o= i

100 25 24,7 1,151

1000 168 144,7 1,160

10000 1229 1085,7 1,132

100000 9592 86858 1,104

1000000 78498 72382,4 1,084

10000000 664579 620420,6 1,071

T Bedbprnpa Tobzo Syt wivoy dmodewaniet 6 dretpomknlic 760 auvbron T6HY TphTwy

aotfpudv, &0l |im P — oo xzl émoudvec avayxalne (Rdyw hHc Um 700
n—o INn
6plon) pun memspoapdvov, da& xal wapéyer wAnpopopiac wepl ThC phgswe TTC na-

TRVOUTIC TOV.

chuspov dnaviros d2v €zt 8ol <

pow modTov (be of 17,19 7 1949, 1951 ) 1 GUNOAGY TV TETOAdUU

oc ol 11,13,17,19, 7 299471, 299473, 299477, 299479), clvar olvola &
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"Oroc Sufiémousy &x tob oysdiov 9, 76 clvolov TGV ®x6ufwv Todtwy
Sovata va ratatayBi xaT dxchoubizv, elc dupipovochuaviov Srhady
avigToglay mpds THY Quotknv oEpdv ThV QUakGY dxcpaiwv. Edv §
TEpav GToLystov Toh Bew-

xaTd xpylon dmd the dpymc (0,0), <o 3e
poupsvoy guvbioy slvar & #éuBoc (0,1), =6 =pizov 6 %6uPoc (1,1)..., ©b
Bos (3,2), n.o.x.

wolov o Betixdy xai aovntizdv aoludy peva 100 undevog

& 320v 6 xby

5. 76 on

. 3 ok e e e o e
etvar aplfprjoiuor. Avi fuwopel ToUto va ravatayl xeva v dxo-

Aoubioy:

Z—{01-142-03 34 -4 A

6. 7o oivoiov téw ontaw aplfpdv elvar aplfurioiuor. “Cc o=
ol Guvhoy TodTou Bzwpolpsy S T dvdywys #XAECUETH, GUUTTEPLALL-

w -I

Savvoudvey xal excivov pd mapovouxo—iv 1.
11

lobs oynpaciopdy wic Swrstayudvne axclovbizs T&v pntédv dpt-
Ouév, xatatacoopsy wphTov --a"r, prmovg apiBuods e’ abfov péyefog
TOV tpdr Twy, dmou Gz yos tvic prTob dpilopsy 5 dfpoitcua Tév Bpwy

7ic wou. Kaacuose pd =6 adtd Odoc

THe whaspaTie

I‘i‘l‘t’m"ﬂ) u-r)[’i?
TE XATATACOOUEY %otk ottpay peyelous.
2 s

Gézopsy tov aoBusv 0 ds :;m'w Gpov the axohoubiac T@v prTév

nazémy EZaipalusy w0 unddty g Spov sig fhx Ta dmoudvovia Hhd-

arl w

opara. Ox Fywpev:

0 Wdopx — =1,

1

Kirdopaza pe Gdoc

» » 3: Ta xhdcpora
2
e e e 2
» » 4: so whdopora 3 (=5 xrdopa 5
3 AF Qi) IvaywYoy ).
Bl 1 -
» » Th AGUATE o oy 5 T = 4y #0%
7T

Awx va raBwusv xal Tols dpvnTitobs prrots apfipode, ypdoopsy xo-
v Exxcrou Bemixol pyrol Tov aviloroudy Tou dpvTixov prTév. Ko

Ty 2bz6v, 76 oivolov Shev TaGY prTév aptBudv fumopst vi YpopT ®aTa

™y &

e

¢ SwxreTaypévny axoroubioy:
| —l 1
= = Parg
R {0,1, 45 22 3 L s }

elg iy Grolay xafle pytoc Eyet plav dplopdmy Béow. To civorov R clvar

ey trspaivoloy Ehwv TGv Sixpdpwy cuvbhiwyv £ dotbudv (aotbuo-
ovrdiwy), T bmoix SBewpnoausy péyor Tolle.
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7. Té dprBunoipoy ol cuvbrou tév prrdv dplbudy fumopst intong

e

va dmodsiyBf xod Bk Thg dxoholBou pebidou, g duayewiov. Elg wbv

[

Rl ol T T
"
NN N
+ e s ARG A

"

.
e e e G A

| b

avwTEpw HTeLpoy Twivorto, GAa

G 7 = q = y . N
6Tolay  QuVEpMVOUY TR XX Stxywviovs Tob mwivaxog Behnq :
Davepdv clvar 7 xatd T6v TpdmoV alTOV Ao-

Y 3.0 FoZA. By ) 3ot »
TOL Z:‘.:'.}E_LD’, EQY OE TOV &) ‘T'.GT‘J'.'/_G‘.‘ AV

mv adtol xal dg wpdTov &

Oicwpey xax
L

¢ véag axoroubiuac ypddwpev w6 0, 1 axohov-

rZews €l

zpomoc dieet ¢ To BU0 anTx

whvoy dc Tede Whdopatx Egovre w0 adtd Gdoc. Ta xia-
cuasa ele =6 Sudypauuy, T4 Gmoix shplonovran mi THg abTig Suxywmvioy,

i Tpog, of Tupal T wévoy Balvouv abfavbuavor wal peiod-

i . ;
ded | yawion sig ThHv Emopévny.

% wol Gparbrspe miredyuase 7ob Cantor

[
e ¢ ]

o ) ; o ey - , :
v Eva glvehov aptbudy, 70 omotov elvar yvnowov Umep-

G v pé 38z Bewpnbévrov aptburneéy awihoy (70
dmotov dnhad?, wxTe wlev amAioleiy Evolny, ¢ Wanby

ione SuvapuxonTo a.

- 3 iy 3y
TS;IH GTOLYELI A0 7.')'.'7.).

T6 otvolov Glew Taw diyeforziv doludy elvar dolprjoyo.

yReaTieds 7 pryadue

ax+ a®=10. (1)

’ ER) « ’ o ¥ y 2B .
LOWGLY XUThY ‘J:OHE_.J;J.S‘J OTL N sLvot ?'JG'.‘/.U'_‘ Q.P'. J*:)_O:. oL

Ouy Gneyye--yp DeTUXOL T GOVY
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Of gnwol dpblunl dmotedolv wpopavéic «uixpdvy pévev pépoc T@v
.-.,’slsmmv aptfudv, dpob xdbe przdc x elvar pila dhyeBpuciic &Ewed-
cews mpwtou Baflucs:

mx —p =20, ut m, p, dxspatoug, m == 0.

= 3. _r . < g 4 byl P
L% TS SLICWOELS X suploxousy X = . Awx n = 2, § avotéipn

& Eyn wal pry=is wal g.n.-v:sz ¢ pilos %ol ;zo,,:.svm’
ol aptfust adrol Bi mpérmer v bewpnlioly G2 dayeBoixol Enions aptBuoi.
oy, x=§2 .-:7.‘11' pitz <Wc twwdozws 2 = 2, xal x =1 1 g 2EL-
cagewg x* — 2x + 2 = ().

i=

[ . s ' ¥ 3
WUV TOUC apr.ﬂy.-:»u: TUTOUL HATO TO

9. Awx iy avantuEv THc amodzifewc 7ol dpfluncipoy Tob cuvbiou
TGy FhyeBowxbv dpbudy, B2 SuxcaZ

tyn wév ahyeBpiedv sdoswy. T4 Glos widis davefpudic EEicdozms

Davepdy elvar d7u, B plav Sobcicoy Tiuwny Toi Sdous A, mERspacuUEVOY
'

; 1 s V2 e 2
ubvoy mhiiflos Smdpyer dyePownbv Eicdoswy xal &t elc ExdorTnv dive-
wxpopot aiy=Poixol dpt-

5

5;-.7.'};: ticwow ,Szﬁwa, n SmapyouY TO oML 1
6 motot v elvar pillon adthc.

reBowdv dplbpev war’

L Emopsveg Suvary iz Suktal
(Zpbufowpoy advohov), xzta <x 1'3?,;\:::: Odm =év dhvye-
1OGGEWY, TGV Gmotav elvar pilar. Awx SixgpopeTinds 2Eisdiceis
Uous, Sutdscopey Tobz apbuolc xas’ abfovras Babpoic

wede 8t mpaypasinds pilas he adric -
cOows Surdosopsy altas xzt abiov uéysboc. Els wiv mepintwowy wi-

i : e \ o =
yaBueiw pulEv, T Budzalis viveron was” adfobous Tipds ToD mpaypaTIXoD

Ty péoous ica mpayuamixx pépy, SrapopeTinGv pryxdinév dpi-
Budv 227" 2bZoboas mipds T05 wabapls pavrtacTined Twv pipouc.

< alzaz, Egousy why dxbhoubov Siday Tév

S':-w.;(uv:l. UE T 681

1) ml Yoz h =1 3&v elvar Suvatdy, Swbnt oe n =10, g5 = £ 1 »ai
Sushx Ei: 5 Fromov + 1 = 0.

) Ak h=2 elvar n =1, a, =+ 1, a, = 0. Ebpicxopsy 3nrady
Ty EElowow £ x = () xai wov mp&rov dheBpndy dpfusv 0.

- 0

= 3, &opev tag EEfg 800 mepimrtdiaets :
= 1."Edv a, = + 2 xal ay = 0, hauBdvoyuev tac 2Eichozic
mahy Tov dhyefowdv gptbpiv 0. "Edv g, = + 1 xal gy =

o
g
o
"‘N :!l"'
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+ 1, Zyo s Ehicdioeis = x + 1 =0 xxi tolc Emoubious o3 un-
+ 1, Sopev Tag 2 16 =il xal Tols Emopbvous Tol py
dzvis %0 dhyeBprxods aptBuads —1 wal 1.

(B) n=2. Ard as =4 1, elvar g, =a,= 0 »al Fyopsy iz

ELishomic £ x* = 0, «f Smolar pic 3i8ouy wal =iy <y diyeBoudy dpi-

Guéw 0.
(3) Awx h =4, Eyousy iz <psic mepimtdigenis:
ta)y u =1.
a, ==+ 1,
2, ay=
3oa —
=
. 1, @y = 0,8y —= -+ 1: L 224 1=0: Adoe —1,1,—i.
ga==41, a,=4+1, ag=0: L x®*+ x=0: }.'Srra-.:_: —1,0,1.
=+ 2, ay = ay= 0: + 2x?= 0: aborc: 0.
() n=3.

a3=—’ 1, aa=a, =a,=0: +2*=10: Moz x=0,
xal 7 webodos xdth dveupocwe dryeBpundiv aofudv fun

opel V& cuve-
11687 dmepropiorws. Ta mpéta storyela howmbv w7 dxodoubisg

Z TV G-
vePoxdv aptBudy slvar
L

= — = et R
§ Bosts £t 20

y =t 1.

l\.’l‘

Eic whv dxorovbiay adthy Exacwog dhysPomds dpBubs Eye plav o
susvn Bécwy b Glvoiey cuvermdc TGV dhyeBpundv doBudy elvar doluf-
GLeov.

10. "H Zpevva 3w wiv Suvauxdberrz 78v dmepocuvbhov wob Hzwm-
proausy uéypr wdpa, T6v cuvbhey dnhady G,U,Q PN,Z R xxi A, iz
onbagifucy a, wolovém Bha alra 7o

&37pmoey mdvrote elg Tov adTdy

olvoha ficay Tehsius Supopemind. pdypart, w5 olvorov A mepibyer G
=& ¥hx clvora Og yvhowe bmooivord wour To xabiv dmt <6 clvoda G,
U, P xal Q elvor ‘r\rrclc.v Smooiverov 76l N, =0 dmoiov elvar yvicov
brmocivolov 700 Z xzl Tolto mahy priciov
&7t Bha o= o cdvoha elvan L 'aobmct,.u 7pbs Th oly-

—y
EL

mooUvoroy ToU R, 'Ans-

detfausy v Tolzois §
orov &V guowdy apfndy N xai S7u Egouv tov adtéy mhnbipliuoy a.
*Ex <@v ufypr tdox culioyiopév pas, phnws Bi fro elioyopavis
i B St e n Yoci landi S Srkadt
va ovautvwusy 81 8ha ta dmepocivoia elvar loodlvaua, Gha 3nhady
gobunorpe; “Edv zolte ouvéBaivey, ) omoudt z6v dreipoouviiay Sty B
= uotal 2y3 £ e ~aFY atTow 85v B% ¥ o by fe-
mapousialey 2vdiagépov, apob pevald abrdv 8iv B2 Snfpye napula fe

cdzyos.
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“Onw: Bk Bousy, oito 3iv ouuBaiver. Awbm dmedsifopev piv iy
Iooduvauiay Gpioudvav cuvbiev Tede Th clvoloy TEV puotxdy dxcpaicy,
¢ w : ; o . S : 3

&v wolrow Bpws Bewphoxuey 2xtdc TodTwy xal LAz clvoha (Smws Ta
Muyprupoy TuApates N wixs Hueevbelag, Emi

GNUSIOGUVOAX E7l £v05
wiEs whfpous sOBetas xal Exi mSc mepipspeiasg), Suk & dmole O gmodsi-

Zwpsv &1 6 manBapBpds Twv slvor peyaadTepog Tob a.

"Aoknocig

1. [Téoxt dupruovechpavror Imeixoviceic Omipyouv &vie dpBumciuou cuvdlov
&=l ol ExuTol Tou;

2. "Eiv 8oflotv %o prrol dotBuoi, doovdnmore yerTovieol, Smdpyet wavrote Svag
D abréev. Adoxrs mapadelypata.
s, ol dmotor sivae Adoeis Shwv T@Y dhyeBowdy

omTic dptBuds perx

3. Efpexe ~obc dyeBowxods gotBuo:
£Liodoswv Gdoug mEvT

4. Elva 3yeBpucdc dptlipde w6 fuitovoy t@v 7° 30°;

5. Acifxte thv dabetay Tov xitwb oyfoswv:

) Uc N.GE N, NcZ Zc R

(8) Ta oivora U, G, N, Z, &gouv &hx thv abthy Swapubinrx, Syh. U~G

~N~Z~R xal elver dolfpiowa. "0 xowds Twv Imepmenespaocuévoc winbaptbuog

U= |G l=|N|=|Z]=|R|=a.
VI. ZovoAa pf apibpfoipa

1. "Ac Bewphiowpsy Thpa dhoug <ode mpaypatikols dpbpods 7 mod
mepiéyovtar sic 70 Suomua 0 < r << 1. Of 2piBpol adrol elverr Suverdy
vz ypapolv, xatk povadietv tpbmov, Hmd wopoiy dmepdTey dexadiedv
whacugzwv. [lapadeiypasos yapiv:

— (,499999..., 2 =03 1 — 0,249999...,

0,416666...., [L —0,141421..., /6= 0,523598...,

ne 4° = 0,069756..., doy. 1,09 = 0,037426....

R R A e i =3 . N
abrol xaxTa xamowav Stxzssaypdviy axohoubioy (xaza g
, ‘s , ,
xS TWY ). OI TUTOR0UCELULEY ;_D}Lé‘Jm_f ‘J’."Z SLIZ:P'.‘J(A)':.I.E'J

r ’

psTalt abtév Sva mpdTov, Sva Sslwepov, Eva spizov x.0.x., xxTk OV wi-
Ve

(F) 0. 25 Fn Fni B -

(2) 0. 25 Zgg Zog Zy ...

(D) O s oy Ara oo

(4) 0.2y Zyp Zigg Zyy ...
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Eis vobc dmspdrous adrods Sexadiols, Zi elvar dnolx & ol guv-
Aoy
{0,1,2,3,4,5,6,7,89, }.

Synuasilousy Tdox Sva mpaypatikov  astBudy =0
Symuasilol Tpa £ mpaypatindy  aplbpdv 50,
émou T a;

cAEyovTar £x ToD GveTépw cuvbhou xal pd a £ £, clvoe

Sy e ; - ? ;
INpadh @y = Z,,, a4y F Loy, xiw. Doavepby slvan 81, xatd wov <pbmov

_iafn:

» I L > 5 \ ’
Q)L povov sLvat SuvaLTOV V& uoprywrwuau

Oudc r,, Sixgpépet amd Tbv mpdTov z’pzﬁubv TOU VA0S TOUM x;'c—w T

0 mp@Tov dsxaduxdy nolov (a; = Z,;), ant tév Ssizepov dptfusy xdzol
TOLAGYLGTOY ®aTk TO dbtspov dexadindy Unolov (@, = qu) %.0.%. Adv

o 3 s ;
Umapyst, swoudvas, apfu 'r", GLLOY GUVOAGY r:pat" atieev aptludy dvths

TPXYRATL-

700 StxcThpazos 0 <r < 1, <0 dmotovva ¢

qv

xous axpifpovc <ol SixcTAuaTos TodTou. Q.s
To avwoiov Tdw TOAY UATLZDY wuﬂ'umr ot dactijuaros 0 < r < |
dév elver aotfuijoior.
2. Ts
= r<4

=pbc =&t ompcta &vog edbuypappov TuMpartog pwhxoug 1. T

pamx@v aetbudv <ol

ele aupuovesnuavToy

rov BhwY TOY

G
T N \ 5
slvoat SuVTOV VoL

peta Tob TunpeToc TobTou $Eatpolvar guowd, Srwe pab
oynuaxzos 10.

3. ‘Ouociwz, t6 clvohov Grwv TV mpaypetinedy 2ptbucy ol avouetol

dxcThHpatos —oo < 1 < + oo Stvator va Sixrayfh xote dugpiuovess-

poavTov avticTotyiay wpds T oSt | ypxuudc. Tolto dzt-

/ g
wwdezar els © oyfpa 11.

&y ~ 19 3 R ) 2, . #a e o
- O G U 2 dzuwvust .l’i‘J ‘.GOO'J‘II:'J.'.I‘J T GUYOAGU DALY TV

o
:p:f.'r'.r.z—w(?w aotbpdy —oo << r << + o0 GUVOLOV TEW TRAYLL-

v aptpdy ol Swwoshpxzos 0 <r< 1. To wufux 4B pixouvz 1

wxaumesTat sic o péoov tou M xaz’ opﬂ-r;v Yoviay xal Ta orueia Tou T

B=vzxe axoholfws cls Zupiuovechuavtov avTioTougiay, Sk xs

wpoBoAijc &m0 7ol onusion £, wpoc o onueiw pudg sOfslng ypapuis g

‘Erousvawc:
T6 civoiov tav moayuatizay dolfludy dév elvar dodpijotuor.

L 70

Rata tabrx, 6 olvodov Shev Tov mpaypatiedy xpfiuey xa

GUvoAoy TGV mpuypatixdv apBudv tob duxotiuates 0 <r<1 £

GUY

-

ov adtév manbapuov. ‘O mhnbxpibuos xdzoc dvopalztar ainfidodipog

Tob gvveyotc (continuum), 6 =anOxpbucs dnhadh ol arusiaauviion
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