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NEPIEXOMENA

MEPOE NPQTON

EK THEZ ENIMIEAOY TEQMETPIAX

KE®AAAION I

§1. Kataoxevai.

§2. Baowkai kataokevai.

§3. ‘Huepantopévn t6Eo0u.

§4. Karaokeun t6€ov €k tfig yopdiig kai
1fig HHIEQARTOHEVIG TOV.

§5. Tokov ikavov yoviag ¢.

§6. Elduxal mepintd@oeig.

§7. '"H yevikny pébodoc.

§§8 - 15, Tapadeiypata thg "Avaivtikig
nebodov.

§16. Metagopd oxnpatog Kutd Siavu-
—

opa 8.
§17. Tewpetpikdg TOMOG.
§18. Ztoixeubdelg yewpetrpikol tomor.
§19. Elpecig yempetpik®dyv tORMYV.
§20. Xpfiowg v v.t. elg yeoperpikag
KUTUOKELAS.

KEDAAAION II

§21. "And v Bewpiav 1BV KLPTOV TO-
Auydvav

§22. 'Eyypayipov Tetpamievpov.

§23. Xopokinpiotikai 1816tn1es.

§24. Téooapa OpokukAikd omnpeic.

§25. Tovie Oyoug kai Srapérpov.

§§26,27,28. ’I616tnteg tod dpbokévipou.

§29. Ebbeic Euler tprydvou.

§30. Kbkhog v &vvéa onpeiov tpiydo-
vou.

§31. Ebfela Simson.

§32. EbBela Steiner.

§33. Tovie &0 NHuevbeldv TEUVOLOHV
MEPLPEPELAV,

KEPAAAION 111

§34. INMNolranlaoracpog ebBuypappoL THA-
patog &mi Betikdv apiBudv,

§34a. *Axolovbiar.

§35. "H Evvoia 10D 6piov dkolovbiag.

§36. "Atiopa 100 Dedekind.

§37. "Oprov povotdvou dxohoubiag.

§38. @edpnua 100 EykipoTionod.

§39. 'Atiopa tob "Apxipndove.

§40. Métpov évog tufparoc.

§41. Geowpfipata E&ni tob pérpov @OV
TUNRETOV.

§42. "Emidpucig 1fic @Alayfic povadog
petpficewg &xi tdv pnkdv.

§43. Adyog 0o ebBuypdupmv THNUATOV.

§44. Asdtepog Opropdg Tob yivopévov
tufpartog &ni Betikov apBpov.

§45. Mérpov yoviag.

§46. Gedpnua tod OuAob.

§47. "Akyeppikny Satinwol; Tol fem-
phpartog tod Gulob.

§48. Zuvénewa 1ol (©) tob Oaiob.

§49. Awipeocic Tufiparog el pépn dva-
Aoya 800 SoBEviev TUNMATOV.

§50. Téraptov dvaloyov.

§§51 - 54. "Opowx Tpiyova.

§55. To elg Gnelpov andotaciv onueiov
pig ebbeiag.

§56. "Eninedog déoun ebbeidv.

§57. Metpikai oxéoelg petald Tunpa-
T@V.

§§ 58, 59. 'Iwdtnteg thic Eowtepikfic kal
EEmtepikiig Siyotdpov yoviag Tprydvou.

§60. Awaipeoig Swaviopatog eig apun-
Tikdv Abyov A.
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§61. Awlpeoig Siavoouatog elg alyefpi-
Kkdv Abdyov A.

§62. "Appovikn tETPdE onueimv.

§§63,64. Xapaxtnpiotikal 18udtnteg tfig
appovikiig tetpdos.

§65. Zvpfatika ovluyfy dppovikd om-
ueia.

§66. "Amolhdviog kOKAOG.

§67. Ileproyai tob émmédov xabopifdpe-
vat ind pidg drolimviov nepipepeiag.

§68. IMapatfipnois.

§69. Gewpnua tob EbxAeidov.

§70. TMubaybpelov Bedpnpua.

§§71,72,73,74. Metpikal oxéoelg &v Op-
Boyavip Tprydve.

§§75,76. Katraoxeval dlyefpixdv napo-
CTUCEMY.

§77. Kataokeon tod X &k tfig X3/a?=p/v.

§78. 'H ahyeppixn) upébodog elg Mewpe-
TPIKAG KATAOKELES.

§79. *Emextetapévov  mubaydpeov  Bed-
pnuHa.

§80. Kpitfipiov 100 v yovia tprydvov
elvar Ofela, Opbn §ij dupieia.

§81. "Adyefpikn Satinwolg ol Enexte-
tapévou mubayopeiov BE®PAMUTOS.

§82. Iphrov Bedpnua tfic Srapéoou.

§83. Asbtepov Bedpnua Tiig Sapéoou,

§84. @edpnua mepl 1ol yvopévov BSbo
TAELPEY TPLYhVOUL.

§85. Extolwg toh Stewart.

§86. Levikevpévn oxéoig tob Stewart.

§§87,88. Mfikog tfi¢ 2owtepikfic kai
EEmtepikfic duxotopov ywviag Tpryd-
vov,

§89. 'Epuppoyai to0 mpdtov BGewpriua-
tog tfig dapégov.

§90. Tomog : MA*—MB? =,

§91. "Yroloyiopdg t@v Oydv tprydvov
ouvaptnoel TV TAevphOV.

§92. "Eppadov tprydvov.

§93. "IS16tnteg tob EuPadob thv Tpryd-
vov.

§94. "H npocbetikn 1816tng o0 &upadod.
§95. Timor tob &upadod tprydvou.

§96. "Yroloyiopds t®v p, px, R ouvap-
thoel 1@V mAevpdv Tol TpLydvov.
§97. Toykpiolg @V Eupadidv d0o Tpiyd-

vav. "Egappoym.
§98. ’loodbvapa tpiyova,
§99. 'Eppaddv xvptob moAuydvov.
§100. "EpBadov mopalinloyplupov,
§101. "Eppadov tpaneliov.

§102. "Eppadov tetpanieipov pg xabé-
Toug Srayoviovg.

§103. TloAbywva icodbvapa.

§104. Kataokevly tpiy@vov icoduvvapou
npdg Sobev mollywvov

§105. "Epappoyn tfig §104.

§106. ITdv xuptdv mOAbY@VOV TETPAY®-
vitetar.

§107. "Opoia moliywva.

§§108,109. Kartaokeval dpoimv molvyd-
VOV,

KE®AAAION IV

§110. @edpnua t@Ov TENVOUEVOV KOPp-
S@v kol 10 dvriotpogov adrod.

§111. @edpnua thv tepvovodv xai td
avrtiotpogov abrtoD.
§112. Gedpnua tepuvodong xal spanto-
pévng kal 10 dvriotpogpov abrob.
§113. "Alyeppixny Swrtdmwolg TOV pe-
TpIKdDV oxéoenv &v KOKAG.

§114. Metagopa Evog yivopévou.

§115. Tempetpik’) KATAOKELT| ThV pi-
Lov SevtepoBabpiov EEichoeng

§116. T'ewpetpik) xatackevn t@v pidvV
ditetpaydvor EElochoEmg.

§117. Awipeoig tunpatog eig péoov kai
Gkpov Advov.

§118. Avvaug onpeiov ¢ npdg kiKAov.

§119. @evpnua Euler xai 10 avrictpo-
pov abrobd.

§120. Pifixdg GEmv 8vo kixAmv,

§121. Eidikai mepimtdoers.

§122. Kataoxevn tol pilikod dEovog
00 KUKA®V.

§123. Tormog tfig Sagoplc tdv Suva-
peav onueiov g wpdg dbo xOKAOULG.

§124. Pillikov xévrpov 1pidv KUKAMV.

§125. 'OpBoymvidotng d0o kiKAWV.

§126. Tlepipépeie Tepvopévn Wevdoop-
Boyoviog nd Etépag meprpepelag.

§127. Atoun mepipepeidv.

§128. 'ISiotnteg thv meprgeperdv il
Séounc.

§129. 'OpBoydvior déopar mepLpepeLiV.

§130. IpéPinua tob "Arollaviov.

KEDAAAION V

§131. @edpnua tod Mevelaov.

§132. @edpnpa 100 Céva.

§133. lov Osdpnpa tod IMrolepaiov.
§134. 2ov @edpnpa tob IMrorepaiov.
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KEDAAAION VI

§135. Kavovikdv mollywmvov.

§136. Tevikal 1810tNTEG 1MV KAVOVIKGY
TOAVYDOVAV,

§137. Tevikd ' oiufora.

§138. "Eyypagn tetpaydvov sig SoBévra
kOKhov.

§139. "Eyypagf xavovikoD dxtaydvou.
§140. "Eyypagn kavovikod Eaydvou.
§141. Eyypaen ioomhedpov tprydvou.
§142. "Eyypagn kavovikob dadexaybvou.
§143. ’Eyypaon kavovikod Sexaydvou.
§144. "Eyypagh xavovikod meviaydvov.
§145. Kavovikdv Sekaneviaymvov.

§146. 'lcrtopixbv.

§147. *Actepoetdf] xavovikd mollymva,

§§148 - 151. Afupata.

§152. "Opiopdg 100 piikouve 1fig mepi-
pepeiog.

§153. "Opiopdg tod @apiBuod n.

§§154, 155. "Yrohoyiopuog tob dapiBpod m.

§156. Mfikog kukhikod t6E0V.

§157. *Axziviov.

§158. Al Beushidder tpiymvopetpikal
aviodtnrec. f

§159. "Epadév tob xixhov.

§160. Kukhikdg topeic.

§161. "Etepe kaumuddypappa xwpia,
§162. ‘lotopikdv 10D Gp16uod .

MEPOZ AEYTEPON

EK THEZ 'EQMETPIAL TOY XQPOY

KEQAAAION VII

§163. "ALbpata tob Emnédou,

§164. Kabopionds évdg Eminédov v 1
1OPQ.

§165. EbBeia téuvouvca énimedov.

§166. Zetyog ebBeidv &v 1d xhpo.

§167. Tepuvopeva émincda.

§167c. Awapepiopdg tod ydpov ORO Emi-
nédov.

§168. Tonog ebBeidv.

§169. Kavav oyxedidocme.

§170. Temperpikoi kataokeval &v 10
*OPQ.

§171. EbBela xéBetog &ni énimedov.

§172. Kataokeuny gminédov kabétov &mi
ebBeiav.

§173. EbBela xdbetog 2nl Enimedov elg
S00tv onueiov tob Emmédov.

§174. EbBeia nlayic dg npdg éninedov

§175. KabBetog xai midywar.

§176. "Anbdotacig onueiov dnd dminedov.

§§177, 178. Oswpiuata @V tpidv kabé.
V.

§179. To upecoxdberov Erinedov.

§180. IMapdrinior edbeim &v 10 xbp.

§181. "OpBoydvior edBeiar tob yxmpou.

§182. 'Opbai npoPolal &ni &rinedov.

§183. TITpofoln ebbeing &ri éninedov.

§184. TNovia xhicewc.

§§185, 186. TMopaiiniic ebBeiog xai ém-
médov.

§§187, 188. Kown kéBetog dvo aovppa-
v ebBeldy.

§189. Tepintwoig cupPatdv edBeidv.

§8190 - 195. Mapddinie Ernineda.

§196. T'wviar 100 xdpov pé whevpag
avtioToiyng mupediniovg.

§197. Tovia §bo dovuparmv ebBeLBY.

§198. @edpnua tob Balob Bv 1§ xbPE.

§199, 200. 'Epuppoyal 1y napaAlfiev
Eminédwv.

§201. TIpoBoAn tufpatog émi ebfeiav
ol xdpov.

KEDAAAION VIII

§§202 - 204. Aiedpor ymviai.

§205. "Avioor diedpot.

§206."ABpoiopa kal Siagopé Svo SiEdpay.
§207. Td Suyotopody fiperinedov Sitdpov.
§208. Métpov 8iEdpov,

§209. Adyog Bbo SiESpav.

§210. ZvumAnpopotikal kol mapomin-
popatikal diedpot.

§211. AievBuvopevar diedpot.

§212. AeLibotpogor kal dpiotepdotpo-
por dievBuvopevar diedpor.

§§213, 214, Kabero Enineda.

§215. Inuelakds HETACYNHATIONOG.
§§216, 217. Zrpopn mepl GEova.
§218. Metagopd,
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KE®AAAION IX

§219. Zvppetpia dg npog @Eova (Ev 1@
ALOPY).

§220. Zoppetpia dg npog &ninedov.

§221. Zvppetpia dg mpdg kévrpov (Ev
@ xhpw).

§222. ZOYKpLolg TOV GUHPETPLBY (g TPOG
kévtpov kal @¢ mpdg Eninedov.

§§223 - 228. Zroixeia ovppetplog Gridv
TIVOV OYNUGETOV.

KEDPAAAION X

§229. "H tpiedpog kui ta 6 kipie orol-
xela abriig.

§230. TINapaninpopatikai tpiedpor.

§231. Avaopdg v Bswpnudrtmv.

§§232 - 235. Qewphpata lodTnTog TpIE-
Spwv.

§236. 'H ioookeinic tpisdpoc.

§237. Al xatd xopugnv tpiedpor.

§238. Tpiedpor Tom kai 1piedpor kato-
nTpLKai.

§239. 'H «tpryovikn ocuvlikn» petady
v ESpdv TpEdpov.

§240. TproopBoydviog tpisdpog.

§§241, 242. Moledpoc oteped ywvia.

§ 243. "ABpoiocpa thv E8pdV Kuptiic
oTEpEls Yaviag

§244. *Avaykaigr ouvBiikar petugd TGOV
Tpidv ESpdv Tpiédpou.

§245. Tlpookeipevar tpiedpor.

§246. Kataokevn) tpiédpouv &k tdv tpidy
E3pdV NS,

§247. "Avayxelar ouvBfikar petaly t@v
v SiEdpov mdong TpiEdpou.

§ 248. Kataoxeun tpiédpov &k 1V tpidv
Si1£dpav Tng. .

KEPAAAION XI

§249. Kuptd noliedpa.

§250. Mn xuptdv moAiedpov.

§§251 - 255. To tetpdedpov.

§256. Katnyopimt tivég TETPRES PV,

§257. Mupapic.

§258. @edpnua 16OV map)iov TOU@V TU-
papidog.

§259. Mopiopa.

§260. KéAovpog mupapic.

§261. Ipioua.

§262. *Anépavtog MPIOPATIKY Emi@AvELd.

§263. Kdabetog toun rpiouatog.

§264. "Avantuypa 1fi¢ mapanievpou Emi-
paveiag npicparog.

§265. laparinreninedov.

§266. 'OpbBoydviov napuiinieninedov.

§267. Kopog xai otoeic ouvppetpiag
abrob.

§268. Kolofov tprymvikov mpicpa.

§269. KokoBov molvywvikov mpioupa.

§270. KohoPov napalinheninedov.

§271. "Oykog teTpugdpov.

§272. 'I66tnteg 1o Syxou Tob TETPUE-
dpou.

§273. Zoykpiog tOv Gykwv 0o tETpPA-
E8pwv.

§274. ’loodlivapa teTpedpa.

§§275 - 283. "Oykog moAivédpov.

§284. "loodbvapa moAvedpa.

§285. IMokvedpa loodiapepiciua.

§286. MMoAvedpu KOTOMTPIKA.

§287. "Oyxog mupapidog.

§§288, 289. "Oykog koholpov mupapidog.

§290. "Oyxog tprywvikod mpicuatog.

§291. "Oyxog TuXOVTOG TpioHaTOC.

§292. "Oykog Oployaviov nap)dov.

§293. Kabopropoe tfic otabeplis K.

§294. ’looduvapic whayiov mpiouatog
npog OpBov Exov Bhowv v xkaBetov
tounv tob miayiov....

§§295, 296, 297. "Oyxog koAoPod mpl-
OUATOS.

§§298, 299. Ilpiopatoerdés kai &yKog
abTob.

§300. “Iou moAvedpa.

§301. "Opowa moAidedpa. -

§302. “Opowat mupapideg.

§§303, 304, 305. ’ISuotnteg TV OpOiwV
ToAvES pwV.

§306. "Avtipponwg Spola noAvedpa.

§307. @edpnua tod Euler &1 1@ xupta
rolOedpa.

§308. Kavovika moAledpa.

§§309, 310. Ta 5 IMiatovikd GTEPEQ.

KE®AAAION XII

§311. evikdg Opropde  tiig KLAvpikiig
Empaveiog.

§312. Kvhvdpikai Emipavelar pe 68n-
YOV WEPLPEPELAY.

§313. 'Ex nepiotpogfig kvlvépixai £mi-
@averat.

§314. 1" evikdg Opiopdg Tiig Kavikilg &m-
Qaveiag,

§315. Kovikal dmedveiar pé 66nyov me-
pLpépeLay.

§316. "Ex mepiotpo@ilg KOVIKY Ex1Qavela.

§317. Zxfipa &k mepLoTpoQfic.
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§318. 'H petakd 8vo mop/lov Emnédov
repoxn tol xdpov.

§319. "OpBog kuxhikodg xOAvBpog.

§320. TMhdyioc kukhikog kOAvEpog.

§321. "OpBog xukhikog kdvoc.

§322. IMhaylog kukhikog kdvog.

§323. Koéhovpog kiwvog &k mepioTpogfic.

§324. E0BUypappov tufipe  oTpeE@OpEvOY
nepi dEova.

§325. 'Emopdveia ypagopévn Omd tebla-
opévng Ypappufic otpegopévng mepi G-
Eova.

§326. Tpiyovov orpepbdpuevov mepi piav
nhevpay Tou.

§327. Tpiymvov otpepduevov mepi dEova
diepydpevov S pudg kopuefig Tou.

§328. Tpiyovov otpepouevov nepi To-
xovia GEova.

KEDAAAION XIII

§329. Zouipa.

§330. Zvppetpior g coaipug.

§331. "H oouipa dg oxfipa nepiotpodfic.

§332. IN'ewpetpixkol tOMOL.

§333. Zysuxai Béoeig edbeing xai oopai-
pug.

§334. "Erninedor topai ooaipag.

§335. Zyeuxai Btoceig oconipog kai Em-
nédov.

§336. "AEov xOKLov.
§337. Tpoodiopiopdg g ooeaipag.
§338. TIoAor xUkhev piig oeaipac.

§339. Ilpaxktikai &eappoyai (Sra  tod
aeaipixol Siufhtov).

§340. l'ewypagpikal ovvietaypévar,

§341. Zeaipa mepryeypappévn, opaipa
Eyyeypappévn.

§342. Tomog v Si1d onueiov Epuanto-
uévov ebBeidv npde ogaipay kol me-
pipailovoa tdv &0 onueiov épunto-
uévoy Emntdwv coaipug.

§343. ©toeig 8o opuiphv tpdg dAiflag.

§344. Avvauig onueiov dg npdg opaipav.

§345. Pilikov énimedov 8o opaipdv.

§346. Pilikog GEov tpiv oeaipdv.

§347. Pilikov kévrpov 1eECOlpOV OQUI-
piv.

§348. 'OpBoydviol oouipat.

§349. Toaipa tepvopévn wevdoophoym-
vimg Omd dAAnc.

KEPAAAION XIV

§350. :EuBu&bv geaipikfic Lovng xai
ogaipag.

§351. Zoaipikn drpuxrog.

§352. "Oyxog opuipikod toptmg xai opai-
pag.

§353. Toaipikdg daktiMog.

§354. Zopaipikdv tpfipa.

§355. Topuipixdg GvuE.

§356. Toaipikdv tpiyovov.

§357. Zoppetpikd coaipika tpiyova.

§358. TMolika tpivove.

§359. Zoaipikdv molbywvov.

§360. "Eppadov coaipikod tprydvou.

§361. 'Eppadov coaipikod mokvydvou.

MEPOZ TPITON

LYMITAHPOMA

KEDAAAION XV

§362. "Anloiig fi pepikdg Adyoc.
§363. Awmdholig Lbyog tetpadog omueiov
e0Peiag.

§364. Awunhoilic Aoyog tecaGpov dxtivov.

§365. "Appovikn déoun edbeidv.

§366. "Afioonueimtog mepintooig  dp-
povikfig déounc.

KEDPAAAION XVI

§367. Enuela ovluyfy dg npdg dvo etbeiag.
§368. TMolikn onueiov e mpodg 8o Te-
pvopévoe ebfeiac.

§369. TMolikh, onueiov g mpdg &bo
nopariilovg ebbelag

§370. @zdpnua.

§371. Kataokevn tfig moiikfig évog on-
pefov @¢ mpdg dvo ebbeiag.

§372. Oeushbdeg Bempnuo tdv dppo-
vik®v TeTpadav.

§373. Enueta ouluyf dg mpde kiklov.

§374. Molxn) onuelov g mpdg kHKLov.

§375. Tl6hog pufic ebBeiac,

§376. Ofoig tfig mohikfic.

§377. Tlohxkny dvnigroryia.

§378. Kartuokevny thg molikfic.
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KEQPAAAION XVII

§379. Ipooavarohiopéva ywvial,

§380. I'oviat GEovog 1 8o GUHHETPL-
xag mpdg adtov Hutevdsiag,

§381. AwevBuvopevar yovial OLHUETpIKaL
g mpodg dZova.

§382. Movoofipavroc aneikoviong,

§383. *Apoipovootfipavrog aneikoviong.

§384. TivBeoig anercovicemy.

§385. "Opiopol énl 1oy ONUEIOKDY  pe-
TaoyNUatIoudy.

§386. Iivopevov HETaoYNUaTIoUGY.

§387. "Eveliktikog HETaoXNUATIoNOS.

§388. "Oudg HETAGKNUATIONGY .

§389. ’Emninedor onpeiaxol HETaoYNUa-
Topof.

§390. ’Eninedor xai un &riredor peta-
torniceig.

KE®AAAION XVIII

§391. Metagopd.

§392. "Eninedog oTPOQA.

§393. Mposdiopiopde Too KEVIpov oTpo-
Pfig.

§394. "H opag TTPOPHY ~ PETAPOPGIV.
§395. "Afovikn ouppetpia.
§396. Tivopevov aEovikdv OUUUETPLOV.
§397. Kévrpov 1ob Yvopévou &0 otpo-
PGV f| otpogiic xai petapopac.
§398. "Opdg 1oV tmndoy xai un Emi-
vV Kiviioeav.

§399. "Opoiobecia.

§400. Xapaktnpiotikn 81otng tiic 6-
. HotoBeoiag.

§401. "Opoi66era noAbywva.
§402. "Opoidlete tpiyova.

§403. Tvopevov dvo bporoBeaidy.
§404. Eidikn nepinTOoIC.

§405. Tuvénewar,

§406. TO civorov tdv Opotoleaidy.

§407. Ta 8bo xkévipa Sporobeciag peta-
Eb 80 kiKA@v.

§408. Awagopor mapatnpiceic,
§409. ‘OporoBeaiat elg tpeic xixlouc.

§410. Kuxhot tpantduevor Bdobivrog ki-
xlov xai Sobeiong elBelag.

§411. Kikkot Epantopevor §bo kikhwmv.

§412. *Eninedog bpoidg dpbpponog.

§413. Xapaktnpiotiki i616tne.

§414. O avriotpogog HETAOYNpHaTIoNOG,

§415. Kévrpov pic Spotdroc.

§416. "IS16tng o Kkévrpou dpotdtnrog.

§417. Kataokevf; 1od kévrpou mig 6-
poldtnTOC,

§418. "Avrtiuetabetikog Hidg OpotoBe-
olag kai pudg otpopfic.

§419. "Opég thv dporotitwmy.

§420. Metapalropevoy oxfine xai ore-
Bepdv xévrpov opordnTog.

§421. "Avriotpogn.

§422. Xapaktnpiotikn id16tng e aver-
otpoofic.

§423. Nepgpépera avalloiwtog g By
Shov.

§424. "Andotacig petald Svo onpeiov
avniotpdpwv npoc Svo Sobévra.

§425. Iwvdpevov dbo Gvtiotpoodv tob
iiov moHAou.

§426. Aievbivovca nepipépeLa.
§427. To avrtiotpogov ebBeiac.
§428. To avrictpogov neplpepeiag.

§429. Awrtipnoig tHv YovidY kot v
éminedov avniotpognyv.
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MEPOZ TIPQTON

EK THXZ EMIMNEAOY
FEQMETPIAZ

KEDAAAION I
I'EQMETPIKAI KATAZKEYAI KAI TOIIOI

1. Karaoxeval. o) Molovort té yempetpike oyfpata elvor droio-
tac 16eatd, &v Toltolg yaphooovial (| oyxeddbovrar) kata AMav ikavoroin-
Tikdv Tpémov émi émmédov oyediov. Awd thv ydpav @V yE®UETPIKDY
oynubtov ¥pnotponotobuey Tov Kavéva, did tob dnoiov oyedidlopev £000-
ypoppa tpApata, kol tov Swapftyy, Sd tolb dmolov oyedhiafopev mEPLQE-
pstac §f T6ka kadog kai {oa tpfpara. Eig tiv tehevtaiav nepintooty dovato
Vi ypnoiponotfitar «tophdcy SaPfitng pi dbo dxidag, ywpis ypagido.
(Metagopeic).

Kdafe yeopstpikdv Bedpnpa dviarokpiveral elg Bv oyfjpe, 1o o6molov
& omovdaoTic el Vi KaTACKEVALT pOVOG Tov Ypnoiponody T AveTépo
Spyava, kabdg kai Tiva Bondnrikd «Sagaviiy dploydvia tpiyova, did @V
dmolov Emitaxbverar 7 xotaokevl) kabétwv i mapedinrov. “H Ond 10b
18iov oD peretnTob katackevh TV oxnuatev Sgotiter abtov dovykpi-
¢ mEpLochTEpoV Gnd TRV mapatipnoty évog fidn oyedlaopévon elg 1o
Bipriov oyfuatos.

B) Eic tiv yeopstpiov tifevtar mpoPAfpata, elg ta émola Lnraitar
Vi ouykpotn8fi Bv oyfipa, Stav Sidwviar dpopéve otoyeia abtol. ‘0
BempnTikdc Tpoodiopiopds kol 1 pet’ dxpiBeiog xhpugig Evog oyfipetog
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mAnpobviog dplopévoug Bpovg (Amitdypata) kaetron elg v yeopetpiav
(KATOOKELT),

“Otav 10 wpbPAnua tfig kataokevfic évdg oyfipatog Abetar Sid 1iig
xPNoewg povov 1ol kavévog kai dafftov, Téte Aéyopev (drxolovBobvreg
tov TMhdrove) 6t to npoPinpa tofito Embdéyeran Yeopetpikiiv Abewv §
«MdeTar yswperoicy: kai ) xataokevd f Emtuyyavopévn povov Sid tod
Kavovog kai tod Siaffrov Aéyetan YEOPETPIKT] KETAOKELT].

Y) "Yrapyovv mpoPAfipate katackevdv pi duvapeva va AvBobv Sia
Mg xpriceng kavovog kai SaPirov pévov. Tabre Aéyovrar npoPAfpata
ui| Aodpeva yeopetpikds. Obto m.y. Exel dmodeiydi S ta xarwdl 10 npo-
PMipara 61 elven a8dvatov vi AoBobv Sii tod Kavovog kai Safritov (dn.
8&v ADOVTOl YE@UETPIKDC).

TpoPrijpata tve piy Emdeydpeve YEOPETPIKTV Loy :

1. Na Suupelfj doficioa yawia dudpogos Tiic dobijc el; tola loa péom.

2. Awi dobévrog onuelov va axybij edbsia, vijc dmolac 16 petald do
Ao Tepwopdvar eifeidr mepleyduevor Tufjue va ioodtar meos dobéy Tufua.
(15 bofév anusior va pi) xeirar émi wudc véw deyordpmy Taw yovidy, dg ayn-
parilovy al ddo veuvduevar edbeias).

3. No. xavacxevactij tolywvor, Toi émolov yvopiloper tac Tpeic Oi-
yoTduovg.

4. dobévrac eifoyodupov tuijparos ,ué;:gov a, va xatacxevadlij ded-
tegov, Tod dmolov 6 wérgov lvoitar meoc af/ 2.

8. Na xaracxevaalfj tolywvov, of dldovrar of mddec taw diyorduawy.

6. Na duugelfj dofietoa mepipépera els Enva loa pdon.

7. Na xavaoxevaclij tolyawvoy, of dldovrar 7a OVUUETOIRG TV %OQU-
Pdv dg mede Tas dmévavre mhsvpdc.

8. Na xaraoxevactij volyawov, of diderar pia Siducooc, pla duyo-
tdpoc xal & dyoc dydueva &x Ty Seapdpwy xogvpd.

9. A dobévrog amuelov xeyuévov dvroc Sobeione yowiac v Gy0f tuipa
negarotpevoy éml Tiw mAevodw xai Eyov o didyioror Swvardy JTj0¢.

10. Awr dobévroc anuelov va aybi edbeia anotéuvovoa amé o dobei-
oag meppegelas  yopdas éyotoas diagopdy Sedoutvnp.

*Ev tois émoudvorc 0d ngayparevdduey pdvov moofhipare émideydueva
yeEwueToway Ao,

2. Baowali xatooxeval. Aj arhial, Pacikal yewpetpikai kata-
okevai elvar fi8n yvootol eig tov padntiv and v Tponyovpévny tdkv.
CEn’ adtév Préne doxioeic | Eog 10). Od npocBécopey pepikas axdpn
kafig kai mapadsiypata cuvletotépov KoTaoKenHY.
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3. ‘Hp.iepantopévy t6Eov. Kabe toEov AB xettar éni 1o £vdg
&k TdV 800 fpemnédov, o dnota dpiler fi evbAB. Kaeltal fpepantoptvn
£vog t6Eov ;\-ﬁ glc 1o fikpov A 1| fipevbeia Ax 7 gepopévn Eni tfic elg
0 A dpontopévng kal kewévn dg mpoc THv £ud AB elg 1o Hperninedov,
10 un neméyov 10 té6EOV ﬁ\.’.

&. Na xotackevacdij t6tov, Srav didetar 7 xopdi) tov AB kai 1) e
gantopévny tov AX.

*Avalovoig. To kévipoy tod
Enroupévou toEoL ketto 4’ Evog
&ni 1fig pecokabitov tod TuMpa-
to¢ AB (oy. 1) xai a@’ étépov
gni thic elg 0 A xabérov &mi
v AX.

Livleog. Dépovieg tag dvo
avotépon ebfeiog MZ xai AW
(ox. 1) mpocdiopifopev da tfig
ariniotoufic tov, 10 kévipov K
100 {nrovpévou té6Eov. ME kév-
tpov K kai dxtiva KA ypago-

pev toéov AB keipevov &nl tob fuemmédov M) 1ol dpiiopévov Omod tfig
g0 AB xai pf mepiéyovrog thv fuevfelav AX. (ToEov pn mepieydpevov

&vtdg tfig yoviag BKX). Mpogavdc o TpdPpinuae Exer mdvrote plav ooy
(2¢" Soov PePaimg ai ebfeiar AX, AB d&v tadrifovrar).

TOZON IKANON I'ONIAZ ¢

5. @) Mpoprnpa. «Na edpedf 6 cOvorov tdv onusiov M, drd tdv
omoiwv d00iv tpfjpa AB gaiveton Omd dobsicav wvpriyv yaviav (520 xai
—£1800)».

“Eotm M Ev onpeiov tol ovvorov, dn-
Lad1 tolwobtov, dote:
AﬁB = ¢ (SoBeioa kupti) yovia) (o). 2).

To onueiov M 8&v xefton émil 1ol
tpfpatoc AB (0d elyopev t6te o = 1807)
olte émi tfig mpoextdoemg tov (Ba ei-
xopev ¢ = 0)' ovvendg dwa v A, M, B
SiEpyetor meprpépela. Osmpodpev TOpa
0 to&ov AMB 1o nepiéov 0 M xai
v fuepantopévny adtod AT katd 10
Gxpov A (§ 3). Téte f§ Ond tfig xopdiic
AB xai tfic fuepantopévng AT oyxnpoatibopévn yovia T/A\B {cobtat pe
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thv AMB, Snk. TAB = ¢. "Qote fi fijuévdela AT elvar otadepa (k. 4
abth S1& kabe onueiov M 1ol ocuvélov).
‘Enopévag kol 16 16Eov AﬁB elvar atabepdv kol kataokevdooy (§ 4).
"Avtiotpogov. "Ag yopdbopev tag SV o mfuevelag AT kai AT
towbtag, Gote TAB ;

= TAB = ¢ (o1, 3) T
xal 8¢ kotackevhom-
pev 1d 8o 16k Td

Eyovta tavtag dg 1-
HLEQURTOPEVUG.

Eig 10 oy. 3a &-
YLOHEV KOTUOKELAOTEL
10 Ev &k tdV 800 16-
Eov ovpgpdveg mtpog
mv § 4. x. 3 Ey. 3a

"Eotw N tuydv
onpelov tob t6Zov tovtov. Katd 10 Bedpnpe tfic tmd yopdfic kol Eea-
TTOpéVNg oynuatifopévng yoviag ai dvo yovia TAB xai ANB elvan Toat
(éxactn fom rcp(‘x; 10 fjuiov 1fjg dviiotoiyov émkévipov AOB) kol &netdn
TAB = Q= ANB — ¢. An. 10 N Exs mv i8161tnta tHV onpeiov Tob cuve-
Aov. ‘Opolo arédeitic yivetar kol S1d o devtepov t0EoV, cuppsTpIKOV Tob
npdToL Mg mpdg THv AB.

B’) "Ex tdv dvotépe cvvdyetar to Bedpnpue :

«Td alhvolov v onpeiov, ard 1@y dnoiov dobiv pufipe AB gaiverm
Ond Sobeioav kuptiiv yoviav ¢, chykeitar and oo t0Ea Eyovta dxpa td
A kai B xai 1®v dnoiav ai fmegantopcvar gig 10 A oynparilovy petd tfig
AB yoviav o».

Y') ToéEov z?B, tob dmoiov mwavre ta onpela Prémovv 10 Tpfipe AB
bnd Sobeioav yoviay o, AhapPaver 1o Svopa: toEov imi yopdiic AB, lka-
vov yoviag ¢,

6. Eibual mepintdroerc. a

i) "Bav @ = 90%, oi fjpepantopeval
AT, AT elvar 1 pla mPOEKTAOIS THiG (A-
Ang kai ta §Yo dvrictoixa ToEa Eyovv
KOOV Kkévipov 10 péoov tofl AB. A B

“Obev : 10 ohvolov tdv enpeioy, drd
v Omoiwv Sobiv tpfipe AB gaive-
tor Omd yoviev dpbiv, sivar repLpé-
pewo drapétpov AB. Ta A kai B 8iv i
avijkovy &ig 1o ohvohoy. Zy. 4
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i) *Eav ¢ = 1800, 7 yovia AQB elvar mendatvopévn, 1 M edpi-
oketar &nl 10D Tpfpatog AB

xal 16 onusiocivorov elvar o A M B
o AB D) 5 -
TR (ox. 3) Bl
iii) *Bav =00, t6 onpetoci- . M
volov anotehelton and dvo - T R P
: i X A B v

guleiog AX, BY, mpoektdoelg
1ol Tpfpatog AB. Iyx. 5a

7. “H yevueh pé8080g. ‘O yevixdg tpomog tob oxéntecbar fa
v Aoy évdg mpoPhfuatog katackevfis elvar & dxodrovBog.

i) "Avéivoig. To mpitov kai KupldTEPOV Bfipe mpdg v Aboiv elvan
fi &véivoig tob mpoPrfuarog, fitot f| ovoyétiog toll dyvdotov oy -
patog pé diko oyfipa, Tob dmoiov #81 yvopilopey TV KOTOOKELV. *Ava-
Aoic Aowndy elvar 7 dvaywyn Tod dyvdorov &g yrwordy. Kat® adtiv
tmoBitopey mpoompividg To mpdPANHA Suvetdv xai 1o [nrodpevov oyfjpe
kotsokevaopévoy. Koatomy pelet®vies 18 Sedopéva, Emdibkouev va Qf-
popsy katarlAfihovg ypappas, S1d, v omolwyv, ypnoLHOTOLOTDY-
tec ta Sedopéva (dnh. 14 yveotd otogeia), va Snpovpyfcapey Sedtepov
oyfiue, kotaokevbdoipov xai dAANAEvVEeTOov pE O Cn-
todpevov. "Qote katackevacBéviog Tob Sevtépov va mpokvmIn Kol TO
npiOTOV.

i) LovBsorg. Baoer thv ovpmepaopdtoy g avalOoE®DG MPOCTO-
fobpev va GvooLYKPOTHCMUEY (kataoxevdompey) 10 {nrovpevov oyfiue
51 tob xavévog kai SaPhrov. ‘H Epyacia adm slvat | avriotpogog Tfig
dvolboswc, 16T thpa petapaivopev dnd yvooTod oyfuatos &lg 10 &n-
TOUUEVOV.

iii) "An6dertig. ‘Amodeikvoopev 8t 10 kxoataokevoohiy oyfipa avro-
nokpiverar mAfpag mpdg ta Bedopéva (mAnpol 16 &mtdypota tob mpo-
pAfpatog).

iv) Awepedvnorg. ‘Avalntobuev tig cvvlnxag, elg tag omolug mpémer
v brékewvrar ¢ Sedopéva, Tva 1o mpdPAnpe elvar duvatov, Snh. ol évder-
Kkvoopsvar kotookeval elvol Tpaypotonolfioipol Kol o {nrobpevov oyfipa
Svrog dmapyy. To mAfiBog t@v Suvatdv Aboewv, dnh. 7 Onapbig dupope-
nk@y oynpérov TAnpodviov ta B Sedoptva gmrdypata elvar Eniong
avrikeipevov tfjg diepevviiceng.
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MAPAAEITMATA THEX ANAAYTIKHE MEOOAOY

8. —Na kataokevasdfy tpiyovov ik Soo nhevpdv xal tiig perabd adrdy TEPLEYO-
névng drapéaov.

i) *AvdAvore. “Eoto 61 10 {nrobuevoy tpiyovov kateokevdodn xoi elvar 1 ABI
(ox. 6). I'vopilopev tHv AB = v, v AT’ = B kai tiv Sidpecov AA = u. 'Eav npoekrei-
vopey v AA péypt Sithaciacuod, Snl. xatd tufipa AE = AA, &viowouev 82 10 E pi
1B kai T, 10 tetpanievpov ABEL elvar napaiin-
Adypappov, 6t al Swaydviol touv Sixotopolvrat.
"Qote xal IE = AB —=v. IMopatmpobpey 1Hpa St
pnkn A’ =B, TE =y, AE =2 elvat Sedopéva, fpa
10 1piyavov AETL elvar KATaoKeLATIpOY, S16TL Yvpi-
Couev tag tpelg mheuptc tov. "Ex 100 tprydvov ATE
nPOKUNTEL T {nrobuevov tpiymvov ABT, &v évboopsy
0 I" pé 16 péoov A tiic AE, npoektelvopey v I'A xatd

ufikog AB = T'A xai oépwpey Tiv AB. TR
i) Zvvleaic., Katackevalopev tpiyovov AET, ‘\ r' ,/V

100 dnoiov af tpelg mhevpai v Exouv pfjkn A" = B, \\ l’ 2

TE =y, EA = 2. ‘Evoljev 16 T i 10 péoov A i W

AE, npoekteivousy v TA xata AB = I'A xai ¢é- E

popsv thv AB. Té 1p.ABI elvar 16 {nrotpevov. Ix. 6

iii) *Anddeitic. Adyw tob napaiinioypdupon, elvat AB = T'E — Y, . 10 tpiyo-

vov ABT Exet tiv Sofetoav mhevpiy ¥, Exel mpogavde xai v B xai Exel xal Siauecov
AE 2

AA Tonv npdg v doBeloay i, kal Soov AA — —— — Tl»l =M.

iv) Awepetvnoig. To 1p.ABI” Omapyer, av Omapyxn 16 tp. AET. 'H Kataokev tod te-
Aevtaiov tobtou elvan Suvarh pévov, dy

IB—7l <2u<B + v (Zovlfikar Suvatdrnroc).

Inpsioog. Al xordlinlot ypappal katd thy dvaivoly tod avotépm  mpoPripatoc
slvar 1) mpoéxtacig AE = AA kal of El, EB, &16m 8" abtdv Snuiovpysizar 10 xata-
oKkevdopov tpiyovov ATE.

9. Na Kataokevach) tetpanievpov, tol broiov Sidoveen i pfikn v tecodpmv
nhevpdv Koi 1) aréotacic TV péowy v do Suyoviov tov.

i) *Avddvois. "Eote 611 10
{ntoduevov tetpamievpov elvar 1o
ABTA (oyx. 7).

"Av M xai N td péoa tdv Sioym-
viov AT xai BA, f§ MN elvat xatd
néyeboc yveorfi. ‘Opoime xoi al
mAsvpai AB, BT, TA, AA.

‘Edv thpa 16 péoov M tfic A
évadi] pué 10 péoov E tfic BT, # ME
elvar 10 fluuov tic AB kai Emonévmg
YVOOTH.

A
"Ouoimg i NE = 5 TA, dpa fi NE
Tvoa. "Qote 16 tpiyovov MEN slvan

Wnepromotr|Onke amé To lvotirouto EknmaiSeutikng Momikrig



§ 9, 10] 17

xataokevaoipov. ‘Opolwg, v Z 16 péoov tfig AA, 10 tpiyovov MNZ elvar kataokevd-
ooy, d16TL mahy yvepilopev 1ag Tpeig mhevpdg Tou:

1 1
MN, MZ = 5 TA, NZ= 5 AB.

'Eniong, v évboopev ta M kai N pé 16 péoov H tfig BA, nalv mpokONTEl KOTATKED-

1 1
aowpov tplyovov MHN, &t6tt MH = 7 BI', NH= ] AA.

Télog, Gv © 10 péoov tfig TA, 1618 10 tpiyovov MON Exel yvootds nhevpls, dpa
xartaokevaletal.

Ty 1e00GpOV TOVTOV TPWYOVOV KatuoKevaolivioy, eDKOAMG mpokimTEL 10 {nTol-
pevov tetpamhevpov. Atdtt | £00 BIT B¢ Siépyerar Sua yvwotob onueiov E xal 0a
elvar [[MH (v évobioav ta péoa v mhevpdv AB, AlN).

‘Opofog fi ABJ[ME,  AAJ/HN xai I'AJ[NE.
i) Zévfeaic. AapBavopev ebBdypappov tufipa MN Toov npdg 1o ovvdéov td péoa
v Sayoviov xai &n’ abtob d¢ Paceng xatackevalopev tpiyovov MEN Exov tag &0o

@
thhag nAsvpacME kai NE dvriotoixag loag mpog 3 Kol %(Gnuu a, B, v, & 10 Sobévra
wikn v nievpdy AB, BT, I'A, AA). Katoniy gépovreg thv NZ// ME kai MZ[[ EN kato-.

a
oxev@lopev 0 tp.MNZ Exov nievpas MZ = EN = 1 NZ=EM= 5

in
Kat' dvihoyov tpdmov katackevalopev t@ tpiyova MNH, MNO Exovia tiv MH

—nNobP o
= NO =3, NH=M® = 7.

Télog @épopev &k tod E rapddiniov tfj N@, &k to0 H napdiinlov tff ME, &k 1ol
Z napaliniov tff HN xai &k 100 @ nmapdiinlov tij EN.

Al téooapeg adrar mapdiinior oxnuatilovv tetpanievpov ABTA, Smep elvar td
Enrobuevov.

iii) "Anddefis. "Ex tob mapalinloypaupov HBEM Exopev 6t
a [
HB = ME = C3 kol &k To0 AHNZ, 6t AH = NZ = 5
“Qots AB = HB | HA = 5 + 5 = a, 81k t8 ABTA Exet vilv Soelony mAevpiv

a.’'Opolag arodeikvoopev Sia v rapaiinioyplupmy, ét BL =B, TA =y, AA = 8.
Méver dxopn v’ drodeifmpev 61t ta M xal N elvar ti péoo 1@y Siayoviov.

Mpéaypatt 16 péoov tfic A 8&v Svvartar va elvat Ao and 16 M, kad’ Scov EM[[=

1 1
3 BA. ‘Opoing 10 N elvar 10 péoov tiic BA, 81611 ENJ[= 3 TA.

iv) Atepedvnoig. Awd va elval o npdPAnua Suvatdv, dpkel va xataokevdfovial Td
piyaova EMN, HMN. A{ ouvBfikat Suvatétnrog elvau:

la—yl aty 1B—3| B+8
g < ML &3 Rt Fr €M G
10. Afseran ebPeia xy xai 800 onpeia A kai B éni tob Evdg t@v fuemnidov, ta
brola bpiler §| xy. Zntsttn va £0pediy onpeiov P 1fig xy towobitov, Gorte :

-~ -~
XxPA=yPB.
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i) *AvdAvais. "Eotw P 1o
Cntobpevov onueiov (oyx. 8).

"Enetdn yf?B =i x]”\A, 8ur tobrto i
N mpoéktacig (P, Z) tfic axri- B

vog (P, B) (8ni. tfic fmevbeiag
PB dapyopévng éx tob P xai nepr- n(“
gxovong 10 B) elvar cuppetpikn

tfig dxtivog (P, A) dg mpdg v

xy xal meplEyel Kui T CUPPETpL- ““
xov A’ 100 A. "Qorte 16 P keltat ..x' L,

; X >
#rl i yvaorfig ebBeiug A’B. : LK", frnpefi M gy
ii) Ztvbeaic. Eoplokouey w0 AP
1

v xy xal to ouvdéopev ué 1o B.
"H topf tob tufipatog A'B petd
thig xy elvat 10 {nroduevov on- Zx. 8
peiov P.

cuppeTpikov A’ 1ol A g mpdg A: #/,,
o
z
Z

iii) "Anddeific. TO A’ xal 10 A xelvral &ni 800 avribétov Huemnidov dg mpdg v
xy, dpa kol 16 A" pé 16 B. Aud tobto 10 tufjpa A'B téuver v xy elg onuelov P, petagd

A" xal B. "Exopev 8&: yf’\B = x/l;z (katd xopLeny) Koi ﬁ’z =x?A (oupperpikai), dpa
xPA = yPB.

iv) deegetvnois. "Qg mpokidmter &k tiic dnodeifenmg, 10 mpoPAnpa Exer mavtote plav
Abov.

11. AoBeiong ebfsiog xy kai 660 onusiov A xai B npdg td adrd pépog tob Em-
rédov dg npds THV xy, & cvvropdrepog dpopog & Gywv #x tob A £ig 10 B xal Eyyilov v
xy elvar pia te@haopéivn APB towabtn, dote:

~ ~
xPA=yPB. (PExy)
*Anddeitic. "And 10 mponyobpevov wpdPinpa yvopilopev St 10 P kelton &ni tod
whpatos A'B (ox. 8) xal 6t
[¢)) PA + PB = A'B (51611 PA = PA’).

'Bav M elvar toxov GAio onuelov tiig Xy, 1ote, Eneidh MA = MA' (Adyo oupje-
piag), dud todro:

@ MA + MB = MA’ + MB.
Téhog &k 10D tprydvov A'MB elvar
3) A’'B<MA’ + MB.

Baoet thv (1) kai (2) § (3) dids1: PA + PB<MA + MB, fitot & §popog APB elvan
ocuvtopdtepog olovdfrote dilov Spouov AMB tiig abtfic olkoyevelog.

(CAv MExy, t6te MA + MB = minimum, Stayv xﬁA = yﬁB).

12. Metagopd TPARAToS. Aéyouev 6t 10 tufina AB petapépetar elg o Tufipa
KA, 6tav KA//= AB xal AKAB nap/pov.

—Na kataoxsvacli tetpanisvpov ABTA, obmivog didoviar al Swaydvior, dbo dmé-
vavny nhevpai AB, TA xal 1) yovie @ tdv Swyoviov 1§ reméyovoa v TA.
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*AvdAvors. "Eav yapaEopev 10 tufiue BA
(ox. 9), tote péver va mpoodlopicholv ta A
kal T. "Ereidn 82 10 tufjpe AT elvar tote, 8yt
povov katd péyeBog, aAla kol katd diedtBuvoly,

yvwotov (Aoyo tfic Sobeiong yoviog mA), S1a
tolto 10 petapépopev el BE, Snh. BE[]= AT,
6ndte  mpokOMTOLV  KaTtaoKevdowa Tpiyovo.
To 1tp.ABE katooxevaletar €k thv  mhev-
pov BA xai BE ( = AI) xai 1fic mepsyopé-

g yoviag Ea& =@ kal 10 AEIA &k 1dv 1piLddv
nievpldv: ET = BA, T'A xai EA (yvoorth &k 100
p.EBA)."H aivbeoig kai anddellig elvar elikolror. Ix. 9

Awegedrnoig. Té 1p.EBA kataokevaletar mavrote. Td onpelov I' mpoodiopilertat,
£’ oov |[TA —TE|<EAZTA 4 TE (6nov TE = AB). 'Eneidn) &v yéver td I’ dlvara
v tonoBetndf elg 8vo Béoeig, ovppetpikag dg mpoc v EA, 81 tolto 10 npoPinua Exer
600, 10 mok, Aoelg.

13. Aiserm ebBOypappov tpfipa AB xoi neppépeio (K, R) épantopfvn tiig £vd
AB gig A. N& kataokevacldi nepr-
pépera tpantopévn tod kixdov (K,
R) xai tfig vl AB eic B,

©a meploproBdpsy povov eig
v Gviluoty 1ol mpofinuatoc.
"Eotw (A, AB) fi {ntovuévn nept-
oépeia xal T 10 onuelov énaefig
v §bo neprpepedv. "E@’ Soov ai
8o meprpéperal dpantovral elg T,
Ba Exouv xoipiav kowviyv épanto-
pévny (x) elg 16 onueiov I'. "Eoto O
0 onueiov toufig tfig (x) pera tod
AB. Tote 6a elvar: OA = OI xal Ix. 10
OI' = OB (Epantépeva tpfiuata x
onueiov npde mepipéperav). "Qote 1o O slvar kévipov meplpepeiag Siepxoptvng dtd tdy
A, T, B. To T hownov dpiterar, g toun tfic (K,R) kai tfjc ué Siduerpov AB ypagpopévne.
To A xelton xai éni tiic £vd KT xai &nl tfic eic 16 B xabétov &ni tiv AB.

14, Na kataokevadd tpiyovov ABIT &x tiig yoviag ? ol fiyoug AA; = vy Kai
tfi¢ dwopfoon AM = g .
‘AvdAvaig. (ox. 11). Td tp.AA;M kataokevaletar. "Ag Simhaoldowpey v Sidpe-

~~
cov: AM=ME. 'Ex 1ol oyxnuatitopévov naplpov ATEB cuvayetar 61t A?E=2D——A {*).
To T’ Prtrer 10 yvootdv ufina AE Ond yoviav yvootiv, dpa keltar &nl t6Eov xopdfic
AE xai ixavoDd yoviag 2D -:\\, éniong 10 I keltan éni tfig yvoorfig eddeiag A;M, dpa mpoo-
Sropilerat dg tops té@v §vo TovTOV YPUPUbY.

(*) A tov ovporiopov tfic Opbfic yoviag petoxeipillopebe ouviBmg to olpfo-
Aov 1D, @AL' gmiong kai td ovuBora lopd § 90°
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Zivbeors. Kataokevalopev 10 dployd-
viov 1piy. AA;M, mpoexteivopev: ME=MA
kal ypagopev &ni xopdfic AE 16Eov (kavov
yoviag 2" —3\, Eotw eig 10 Hmeninedov 1o
Opifopevov drd tiic evBAE kai un mepiéxov
10 A;. ‘H topn tob t6€ov tovtov xal tfig
eubAM elvar ) kopuen I 100 {nrovpévon
tpiyévou. AouBdvopey kai 10 cuppsTplkOv B
B 100 I' d¢ npdg M kai Exopev 10 [nrodpe-
vov tpiymvov ABI.

Mregetvmos. Tipérer kai Gpkelv a <pa . Iy 11 Fit

15. Aiberar nepofpera (K), Suapetpog
abtfic AB kai 860 onueia I xai A 2ri tiig
mag thv fureprpeperdy, tag onoiag dpiler
AB. Znteltor v xotaoksvacdf onpeiov M
tni tfig £rfpag fNmnepospeiog torodrov, do-
e al ebfeim MI xai MA va tépvouv
iy AB zig d0o ompeia X kai ¥ ouvppe-
pka g npds 0 kévrpov K. (ox. 12).

'Avdlvoig. "Ecte ATl < AA. Ere-
on 10 ¥ elvar 10 ocvppetpikdv 100 X
g mpdg 10 K, dud tobro, dv I'' elvar 1o
cvppetpikov tod I' dc mpog K, 1§ evd Ey. 12
YI' elvar ovppetpikny tfi ewd XTI, al
8¢ fMuevbeion (¥, I'') kel (X,I), xabag xai al (¥,I) kai (M, I) rapaiiniot xai avrip-

pomot. Zuvendc ai yoviat l‘/l\\d‘l’ kal N’I‘E’r' elvar ol Gg évrdg BvaddaE 1@y rapalii-
-~ -~ -~
Aov. ‘H TMY =IT'MA = o elval yvoot) katd péyeBoc de Syyeypapévn Paivovoa énl

yvotol toéEov FA, dpa 1 l""‘ﬁA = 2D— @ ériong yvaoti. ‘Enopéveg 10 W xeltal &ni
t6Eov xopdfic I'A ixavod yoviag 2P—a xal ypagopévou mpdg 10 pépog tod K. (H evf
I'T’, téuvovoa v mhevpiv XW¥ kol pn
pvovoa vy MX 1ol tpiyMXY, téuvet
v mAgupav MY elg onpetov H (Pasch)(*)
Té H aviikov elg 16 MW, keltat év-
t0¢ oD fpikoxdiov AMB, énopéveg 8iv
Keltar éni tfic dxtivog KT, &AL’ &ni tig
KI"."H evb MA, téuvovoa thv mAevpav
KI” 100 tpry. KIE kai pf) téuvovoa v
mhevpav IE, téuver v mhevpév |EI
Gpa to ¥ keltar petold K xal E).
Zivleaic. (ox. 13). Tpagouev 1d6Eov
pé xopdnv I'A kal fuepantopévny It
(npoéxtaotv tob I'T”"). Tobto elval ixa- Ix. 13

(*) "AGiopa tod Pasch- «’Edv edfeia xeypévn #v 1@ Emnédo tprydvov ABI kai pi
Biepyoptvy Sid tivoe xopugfig abrod tépvy piav mhevpav tod tprydvov, tote téuver piay
kai pévov piav ix tdv S0 Gilov ritupdvr.

Topropa. Edeia tépvovoa piav mhevpay tpiydvov kai pfi tépvovea piav dsurépay
nhevpiy abrod tépver tiv tpitnv mhsvphv.
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vov yoviag AFt = 180°* — FFA = 180° — o xkai tépuver 10 ufjpe KE elg onueiov .
"H evd AY 6piler 10 M.

*Anddetkic. "Eotw X 1 toun 1fic MIT kai AB.

~ ~ -~ -~

'Eneidny T'MY¥ = o xai MYT' = o, 814 tobro al edbsion MI xai WI' elvar ma-
paiiniol xal pahiota cvppetpikal G npdg K, apod 1o I elval ovppetpikdy tob I dg
npdg K. "Apa 1a X xal W elvar ovppetpika dg pog 10 K. (‘'H evd MA téuvovoa v
nievpav KE 100 tpiy KI'E kai pn tépvovoa thv I'E, tépver v KI' elg H. "A@ob 10
Tufipe IT' téuver v evd MY, ta I kai I xetvrar éxatépodev tiic MY, al yovia ‘Pﬁl‘
xai M"\PI' ! kelviat Ekatépwlev tfig MY, dpa elvar dvidg Evaddag v MIT xal I 1e-
pvopévey Ond thg M),

AZKHEZEIZ
1. Na Swapebi} do6év ebBiypappoy tufjpa elg dvo pépn, dv N Swagopd va icobrai
npdg GAlo Sobiv tufjua.

2. Na ebpedfy &ni tfic mievplic AB tprydvov ABIT onuefov M toiofitov, dote
MA + AT = MB + BT

3. AobBerod®v §vo yovidy tprydvou va oxnuaticdf 1 tpitn.

4. Na xaraoxkevacf] napluov, ob 8iSovrar 800 Swwdoyikal mhevpal kai 1) in’ abd-
whv mepexopévn yavia.

5. "Opoiwg map|pov, ob didoviar al dbo S_m'ﬂiwtm xai | yovia adbtdv

6. "Opoiag, Grav dideton pia mAisvpd Tov kal al dbo Saydvior

7. Na xataokevaocdf] tpiyovov, obtivog pia mievpd elvar 5 cm, f) arévavr tadtng
yavia 75° kai pia dAin yovia tov 22°5.

8. Aud SoBévrog omueiov va dx0i) edBela oxnpatifovon petd dvo GAAmY TEpUVOpE-
vav ebfedv tpiyavov loookeléc.

9. Na xaraoxevacd] tpiyavov ABT, obtivog fi B[ = 7 em, fi yovia t@v Siyotd-
HaV @YV YyoVidY ﬁmxi ?1\ nepiéxovoa v BIT va elvar 120°, ) 8¢ yovia tfig Sixotdpov
kai 1ol Oyoug v dyopévov and v Kopvenv A vi elvar 15°,

10. Awd 800 Sedopévev onueiov A, B vi dyxfolv Svo edfeial towabral, Gote peta
tpitng Sobeiong va oynuatifovv lodmievpov tpiymvov.

11. N@ xatraoxevacij tetpaymvov, obtivog SiSerar td GBpoiopa tfic mhevpdc xai
g Sraywviov.

12. Na xartaoxevacdi) tetpdyovov, obrivog §idetar 1) Siapopd tfic mievpls kal tfig
Swaymviov,

13. Na katackevactf] tpiyevov, obtivog didetar pia mievpd kal dvo Gym, 2E dv 1o
Ev dyetal éni v Sobeioav mhevpav.

14. AoBévrav tpidv onpeiov pi xeypévov én’ ebfelag va axdff sia tob &vag 25 adtdv
ebfeia dnéxovoa lodkig ard ta Svo GAla.

15. Elg 800&v tetpdymvov va Eyypaefl tetpdyevov Exov piav xopuvenv elg tuxdv
Sobiv onueiov tiig mepuétpov Tod mphrov.

16. Na xaraokevachi) tpiyavoy, obtivog Sidetar 1 Paoig, wia tdv map’ adthv yo-
vidv kai 10 GBpoiopa Tdv Vo dAAmv mAsupldv.

17. Na xatackevachfy tpiyavov, odtivog 8idetar f nepiperpog xal el yoviar.

18. ’Eri tfic mAevplc AB 1tprydvov ABI §idetal onpelov A, Na ehpedfy &ni tfig npo-
extdosng tfi¢ BI' onuetov E totoltov, dote f| AE va Sixotoufitan Omd tfig Al
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19. Na xateoxevacdi) nap|pov, obtivog didetat pia mAsvpd a kel ta SO0 Uyn vy Kaiv,.

20. Na xaraokevaodf] tpanéliov, ob didovrar al téooupeg mhevpai.

21. N karaokevacd] tpanéliov, ob Sidovtar al Phoeig xai al Swydvion

22. Na karaokevacdij loookehés tpiyavoy, obtivog f Baoig vi xeltar &ni dobeiong
ebBeiag, al Toat thevpal tov §| al npoextdosig TV va Sitpymvral did 860 Sobévimv onpeinv
xai 10 éxi v Pdcwv Gyog va loobrat npoc Sobév tufipa (BA. § 10).

23. Na xorackevaodfy tpiyavov, obtivog didovrar al tpeig Siauecor (BA. §8).

24, Na xateoxkevacdf] tpiyovov, obtivog didetar | mAevpa a, | Gnévavil yovie A
kal 1o Oyog 10 dyduevov ini plav v 8o dhlov rthevpdv.

25. Na xarackevacdf] tpiyovov &k tfig Paoewng, wic tdv npookelutvey adtf yo-
vidv kol 1o Oyoug tob Gyopévou drd v kopueiv tfig dobBeiong yoviag.

26. Na xataoxevacdfi tpiywvov, obtivog didetar | mepipetpog, pla yovie xai to
Owyog 10 dybduevov énl plav tdv nhevpdv tfig dobeiong yoviag.

27. Na xataoxevacdf loookeréc tpiyovov, obrtivog didovrar té Oym.

28. Na ax07 ebbela drotéuvovca Grd dvo kikloug xopdig Exodoug dedopéva pikn.

29. Na dxfobv Zgantopevar kixiov mupaiinior npods Sobeloav ebbelav.

30. Na katuokevacdf] moplpov Exov 8o Siadoxikds kopupag Sedopévag kai tag
800 GAhag xewévag Eni doBeiong meprpepeivg.

31. Na katookevacdff map|pov Exov 8o anévavti kopugdas Sedopévag kai tag do
Ahog kewévag éni Sobeiong meplpepeiag.

32. Na ypaofi nepipépeia Siepyopévn Sia dbo SeBoptvev onpelav kal téuvovoa
doBeloav mepipépelay obtag, Gote i kol xopdh vé elval rapddindog dobeion ebeiq.

33. AoBéviav 80o Tomv xikhav (K, R), (A, R) éktdg aAlhhov, va axbf ebBela /| KA,
épvovoa katd oelpav tic nepipepelog elg A, B, T, A oftwg, dote AB = Bl =TA.

34. AoBeione mepipepeiag (K, R) xai onuelov A Cnteltar va ypagf) pé kévipov 10
A meploépela towaitn, Gote 1o pfikog tfig xoiviic Emtepikfic pantopévng abrfig kal
¢ (K, R) va loobtar npodg Sobév piikog [.

35. "Eotm AB yxopdn nepwpepeiag (K, R). Zntelton va xotaokevact xopdn xdbe-
rog &ni Tv AB kai Swaipovpévn Und tiig AB elg 8o pépn, @v 10 Ev elvatl tpithaciov tob
dAlov,

36. Aidetan tawvia xai §0o onpeia O xai A pf xsipeva éni tdv nap|lov tdv dpillov-
oiv v tawiav. Zntelta va dx0f dia tod O edfeia tépvovoa tig map|ioug elg M kai N
ofitog, dote: AM = AN.

Mertagopa.

37. AoBévrog tprydvov ABT va @xbij ebbela mapdiiniog tfj Bacet BIT xai tépvovoa
tag AB xai AT el¢ M xai N ofiteg, dote AM = I'N.

('Ynod. : "Av perapépopey (§12) 10 NI eig MA, 10 A, (i tfig BI), npoodiopiletar).

38. Aidetar tpiyovov ABIT xai {nrelrar vi ax0f tufipa loov mpog Sobév xai nepa-
tobpevoy éni thv nhevpdv AB xai AT elg ta onpeic M xai N towabra, dote AM=I'N.

('Ynod.: "Av petagépopey 10 NI elg MA, 10 A npoodiopileta).

39. Na kataokevachfi tetpanievpov, obtivog dibovrar td pfikn t@v te0odpov mhev-
p@v xal f| yovia, thy oroiav oxnuarifovy 8o dnévavtt mievpal TOL TPOEKTEIVOUEVAL.

40, Znteltar vi kataokevoodj loookeléc tpiyovov ABI, obtivog 1y Pdoig BIN vi
keltan i SoBelong ebbelag xy kai va Exn dedopévov pfikog, v al Toal mhevpal Tov AB,
AT va Bitpyovtal Sua dvo dedopévay onpeiov A xal E édvriotoiymg, kewpévov mpog 1o
avtd pépog thig xy.
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('Ynob.: “Av petagépopey o BI eig AO, ) ebpeoig tob I dvayetat elg §10).
Zoppetpia.

41. AoBsio®v tpidv edBedy (a), (B), () va ebpebii Ev omusiov A Enl tfic (o) xal Bv
onueiov B &ni tfig (B) ofrwe, dote fi (¥) va elvar necoxdfetog 100 AB.

42, ASovtar 860 ed@stor tepvopevar xal Bv onuelov M, &nl obdepdg rohtov kel
pevov, Ni &x0f st tod M eblein, tfic dnoiog 10 petald v 800 Sobeiody edOE1dY pé-
pog vi dixotopfitar trd tod M.

43. Nit kataokevacdf] tufipa Exov 8oBv péoov, ta d¢ dxpa Tov tnl 8obeiong ebbelag
10 Bv xal &ni SoBeiong nepigpepeiag 1o diho.

44). i) Kataokevdoate 10 CUPLETPIKOV nepLpepeiag Mg mpog 800ty kEVTpOV OULRpE-
piag. i) N& kotookevaci] tufipa Exov Sobév péoov, ta 88 Gxpa tov éni 800 doberodv
nEPLOPEPELDY.

45) Na kataoxevasdi Tpivevov, obtivog Sidetar 1 edela, go’ g xetrar 1y Paocig Tov,
# ebBela, £¢° fic xelrat A Suxotépog Tic dmévavtt tfig Paosng yovias kal d0o onpela, &
av Sikpyoviar Exaotn &k thv Sbo EAhev mhevpdv (Bv aviyxy MPOEKTEIVOUEVT)).

46. i) Kataokeu(ouTe 10 CUMHETPIKOV Tepipepeiag dg npog dobévia GEova OUpME-
tpiag. i) AiSerat f ed8ele xy kol S0o mepioépeiat xeipevar elg 0 abtd pépog 1ol Emumé-
Sou dig Tpog v edBelav. Na e0pedff &l tfig xy onuslov P rololitov, hote Gv ayxfodv &k

~
o0 P 860 ebBeiat PZ, PT tpantopeval avriotoixms t@V 800 neploepeldy, va elvar: xPZ
= yPT.

47, AiBetar edfela () xai 0o onpeia A kol B Gvigov améyovra &rd tading. Znrel-
Tt v ebpedfj ni tfig () 1O onuelov Ekeivo M, 8id 10 dmolov fi IMA — MB| elvar f pe-
yiomn dvvath. :

48. "Evtog tprydvov ABIN 8idetal onpeiov E. Znreital nofov Spopov mpénel va dko-
LovBrion UAkodv onueiov, 1o 6molov, Gpol txopevioviabii ¢k 100 E xal avaxroodi éni
v TpIdV TheUpdY 10D TpLydhvou (katd Tobe vopovg Tfic dvaxhaoeng 100 QoTOg), Vit SLEA-
B ndAwv due Tod E.

Awdgopa fhia npofifiputa xetackevdy.

49. i) Ivapifovieg v /R kal 10 (Bpotopa tdv dbo bydv vp + vy =C TpLyGOVOL

ABTI', xataokevdoate 10 dBpoiopa B+ v.
~~

ii) "Ex tfic A xai tfig Siapoplg v, —vg =C BelBate 611 Sdvartal va Karackevaod
i Sragopd Bp—1v.

ii) "Ex tév B + v xai vy + v, KOTQOKELACATE THV 'R

iv) 'Ex 16v v, — g kai p— y Seilate 611 dpilerar .?

~

50). Aiderar OEela yovia xay, # Sixotopog adrfic Ot, onpelov A &vtdg tfig xOt xal
onuelov B dvtog tiig 18)'. “Ectwoay A’ xal B’ Td ovpperptkd tdv A xal B dg mpdg tag
ebBeiag Ox, Oy avriotoixme. Na Seixff) 6t 10 tufipa A'B’ téuver tag fiutevBeiag Ox, Oy

elg onueia T, xai A, avriotoixog kai 611 & Bpdpog AT ,A,B slval ouvTopdTEPOS TAVTOE
tillov ATAB, 6rov TEOx xai AEOy.

51. Na xaraokevacdf naplpov, tod dnolov didovtal td péoa tpidv nheupdv.

52, N xatackevas@fj napluoy, obtivog didovrar ta §bo Gym xai pla diaydviog.

53, Na karaokevacdfj tpiyevov, Stav Sidovrar al pecsokdbetot 8o mAevpdy TOU
kai 16 péoov tfig tpitng mhevpds.
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54. "Evtog 80Bévrog ioonhelpou tpiydvou v Eyypaopf} dAlo oltax, dote ta Sto tpi-
Yova vi Exovv tig mhevpas tev kabétovg plav mpog piav.
55. "Eni 100 Oyoug AH dEvyaviov tpy ABT vi ebpedfy onpetov P totobrov, dote
APB = BPT.

36. N xataokevaodfj dpoydviov tpiymvov ABT, obtivog SiSoviar ta pfkn v
BI" (bnotewvotiong) xai BA, Smou A 7 topf tfig AB petd tfig Sixotdpov tiig ofelag yo-

~
viag I

57. Na xarackevacdfy loookelic tpiyavov, obtivog didoviar ol mbédec B, I w6v
Yooy bydv xai &v onpeiov I tig Baceag.

58. Na karaoxevaodf tpiy ABT, obtwvog 8idetar 10 Eykevrpov O xail ol nHdeg B,
I thv Eowtepikdv Sixotopav tdy yovidy ,];, ?

59. N& kataoxsvact tetpanievpov Exov tpeic mhevpac loag, Stav Sideoviar Td
utoa @V tpdv fowv mAevpdv.

60. Na xutackevaodfj loookshés tpiymvoy, Stav Sidetar o péoov 1ig Pdoedg Tov,
i kopueh kai 10 dpBbKEVTpOV.

61. Na xataokevachf] tpiyovov éx 1dv croiyeiov Ha, Vg, Uy,

62. Na xataokevachf) tetpayavoy, obtivog yvwpifopev 8bo onueia I xai K keipeva
tnl 1dv Qopéav v Bio Saywviav tov kal d0o onusia E xai Z keipsva éxl 1@y Popimv
8o drévavrt mhevp®v Tov.

16. Metagopa oyfuatog xatd Sidvuopa 5. ') "Edv
S0bfj &v 1% émnéde 8v oxfipe F xai Bv &hetBepov Sravuopa 3 xai ano

xdfe onpeiov M 1ob F pépopey Sudvoopa MM’ — S: 16t td mépata M’
v Sravvopdtav tobtov drotehoby Ev véov oxfipa (onperooitvorov) F,
10 bmoiov Aéyopsv 611 mpokintel ék tob oyfpares F Sua peragopis katd
Stdvuouu_g. To oyfipa F' Méyeron kai «peteoynpatiopévoy 100 F Sid pETQ-

@oplg kata Srdvuopa g;:, 76 8¢ onuela M’ 100 F' Aéyovtar xal «elkdvegy
Tdv advriotolyev onueiov tob oyfpatog F.

B) "Ard ta dEibpate xviioene (| peratoricens) tob ymdpov mpoks-
nter 871 dnapyer pia kivnowg H peragépovoa ha ta onueia tob Emnédov

Katd Sidvooua 3 'H kivnowg adt H (kodovpévn «petapopdn) péper katd
ovvérelay 10 oxfipa F eig w0 F', dpa ta oxnpata F kai F' npokintovia
6 Bv &k 1ol fAdov Sia kiviioewne slvar Too. "Qote Sid tiig petagopig

oxfipatog katd Sidvvopa gnpolcim':st oyfipa foov.
Y ) Elvar gavepov 6t ha tije petagopic ebbeiag xarda havvopa Sbnpo-

kbnter edbela mapdhilnlog woi S tfic petagopic fmevdeiag TPOKORTEY
fimevbeia dpbpporog mpodg Ty apyknv.
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§') (@) — "Av 0 GEwv ovppetpiag () petagepdij kKata Savoopa 5 0e-
tov in’ abtov, tote t0 cupperpikdv Evog olovdimote onpeiov gistara

petagopay katd Sidvoopa 2 77
"Ectooav A" kai A 1@ cuppetpika 1ol
abrol onueiov A @g mpodg dbo mapakifi-
Lovg ebBeiag (g) kal ().

*Avagepopevor elg T ox. 14 xai
feopobvieg ta onpela A, B, A', I, A”
i dEovog, Prénopey B1i (Gedpnpa Chas-
les)

A'A" =A'A +

m>

(&)=

-

&

(9

Al >

2B 4 Alf
dpa kai A'A"=2BI' = 28

¢') “Emopéverc xal 10 OvppeTouroy Iz 14
Huevbelas  perapéperar  elc  fuevbeiav

Il
£
=]
>
U
5
2

g
ntag [Aov xal dudppomor, dray & dEwy cvuuevoiag uetagpeolfj xara 6.

AZKHIEIZ

63. Na ypagl Thiipe loov kai map/hov mpodg dobBév kai Exov ta dxpa tov énl Svo
bobeicdv ebBeIdV.

64. E0pete TO WETECYANPQTIOUEVOV MEPLQEPEING (K, R) 81a petapopic xatd Siavu-
oua ?

65. N xartackevacdi tufise loov kal mapddiniov mpdg dobév kai Exov 1d fxpo
tou &ni dobelong ebBeiag xal dobeiong meprpepeias.

66. Na ypuof] tuiipa nap/hov xai loov mpog Gobev kal Exov ta txpa tou &mi &vo
Soleiohv neprpepeldv.

67. Ni kataoxevacdij tetpanievpov, obtivog didoviar Tpeig mhevpal koi al yovia
al mpookeipevar eig v tetapnv mhevpv.

68. AoBeladv Svo nepipepeidv xal eVBelag (e) {nteltar va axbi gbBela ||(e) xai dmo-
xomrovon loag xopdag and tag Svo neprgepeiag.

TEQMETPIKOI TOIIOI

17. Tewpetpindg T6T0G.—a) Kaheltar «yempetpids tomog tHV
onpeiav @y ixdviav piay dedopévnv idrotnre (A)» (7] winpodvrow piay
avliuny (A) ) © oyfipe to droteholbpevov @nd o |m')vulov| v on-
peiov tdv éxbvrov iy dsdopévny iddtnta (A).

Katd kavova ordpyovv dnepa 16 mAfifog onuela katéyovia mv
id1otnta (A) kol tabta ocvviotobv oxfipa T E, 10 onolov elvar & yswpe-
Tpikdg TV Tomog. (Zuvtopwg v.T. fi «romogy).
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§) Zvvbijkar, iva Ev dedopévov oxfjpe F elvar 6 YEMRETPIKOG THTOG
@y onpeiov @y ixdviov dedopévny tva iibtnta (A). “Ectw E 16 oiv-
ohov thv onpeiwv @V Exdvrov v 6t (A) (©Bnradn 6 v.1. 6 dvni-
ator®v eig v idotnta (A)) xal Eoto F 8v Sobiv oyfipe, 10 Omoiov
Bthopev vi EEaxpifdoopey, dv elvar 6 v.1. E. Ald vi ocuvpBaivy tolto, mpé-
mel 10 oyfjpe F, ewpodpevov dg onueocivolov, vi tavtifetor pé 16 on-
pewocbvorov E. "AALd 8o cOvora F kai E tavtifovrai, 8tav cuyypodvag :
F<EN EcF.

Tabta onpaivovv katd cepav bt :

(1) F<E: ndv onueiov ol F &xer tv 1816tnta (A).

(2) ECF: niv onpeiov Exov v idiotnta (A) aviker eig 10 F.

"Av al (1) kai (2) nhnpobvial, t61e: F=E.

— Avvapeba Eniong v Selfmpev 6t 1o F elval 6 ¥.7T. thv onueieov 1@V Exdvtav v
[Biotnta (A), tv Scitmpev 6t

lov) miv onusiov tod F &xet thv 8i16tnta A xal

20v) miv onueiov un avijkov elg 10 F 8y Exer v 1810tnta (A).
AdT 10 lov) EEaceahiler ST FcE kal tobto cuvendyetar:
3) F'2F'

6rov F', E' 14 oupndnpopatika wov F, E g mpog 10 Shov Emimedov.
Td 20v) onuaiver:
) FcFE
‘Ex 1v 3)A\ @) = F =F = F=E,

LTOIXEIQAEIEX TEQMETPIKOI TOIIOI

18. i) "0 v.1. 16V onpeiov M tév lorig dnexovrov dnd 3o aradepa
onpele A kai B elvar 1 peookdBerog tod tufpatog AB. )

"Apxel va Seifmpev &1L mav onpsiov M tfis pecokabitov Exer v
8tomta: MA = MB kai 6t mav onuelov P €xov tiv i8idtnta PA =
= PB xeftar &ni tfic pecokabéton. *AAMG tabta a5 yvootdv ovpfaivovv.

ii) 'O y.1. 1@V onpeiov M towoitey, dote MA > MB, 6nov A,B 800
dedopéva onpeio, elvar to fmerincdoy 10 Ond tiis peookabitov tob AB
opbopevov kai mepiéxov 1o B.

iii) "0 y.t. 1@V onpeiov 1@V kapévay Evtdg dobsiong yoviag xai loa-
mexoviov and tdg mhevpag elvar A duyotépog tiis yoviag.

iv) 'O y.1. 1@v onpeiov oV loakig anexdovrov and dbo tepvopévag
eblelag slvan Lebyog ed@aidy Siyotopovodv tag yoviag, i oynpatilovv
ai tepvopevor edBeian.

V) ‘0O y.1. 16v onpeiov tdHv aneybvrov dsdopévny andoracty d dnd
dobeiong sdbelag (g) elvar o Lebyog tdV rapoldilov npds v (2), dv
tkGotn anéyer tig (e) ardotamy d.
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vi) 'O y.1. 1@v onueiov tdv anexdvtov dedopéviy ardotacty d and
ataBepod onpefov K slvan neprogpera (K, d).

vii) 'O y.1. 1®v onpeiov, and 1@ dmola Sobiv tufjpe AB gaivetar Omd
yoviav 6pOfy, elvar | nepoépara Swapétpov AB, d¢’ fig tEampoivian td
A xoi B (§ 6).

19. Elpecig YEWRETPIXGDY TOMWY. 'H oroixeiddng pébodog eb-
ptoeng £vdg yeopetpikol tomov cvvictatar eig v dvayoynv tob Lntov-
pévouv témou &l dAAov yvaotév. Tlpodg tolito Bewpobuev (i kataokevd-
Copev) tugdv onpelov M tob {ntoupévov y.t., dnA. Exov v Gpiopévny
8161t (A) kal dvagnrobpev plav cuvvéneiav Tfig iBdtntog (A), dnh. piav
véay id6tnta 1ob onpeiov M, Eote v (B), 1| dnoia npoépyetar did ketah-
Afhov gpnoponotfoews Tfig Id1otntog (A). Ald va npoywpiicopev ék tfig
(A) elg v (B), cuvbéopev cuviBag to onpeliov M pé karahinhov orabepdv
onueiov fi otabepa onpeia f§ @épopev GAhog katadinhouvg ypuppas oltwg,
Hote va dEtomoin®f f 1816tng (A), dnA. va ddon piav cvvénewav (B). ok-
Mg 7 1816tng (B) Exel yvaotov yeopstpikdv tomov (). 'Edav tolto cup-
Baivn, tote kGO onpeiov M 1ob oMoV, g Exov THV iidtnta (A), B& Exn
kai v ouvvérelav adtfic (B) xai émopévwg B¢ xeitar &ni tol témov 1ol
avtiotoryobiviog el v (B), Snh. &ni yveortfis ypaupfic (| oyxnparog)
(y). Ofto ebpioxopev otabepov oxfipa (y), £¢° ob kelviar 6ha 14 onpela
o0 témov, xai péver va Eferdompev Pacer tiig ihotnrog (A), elg moiav
neproyfv o0 (y) ebpioxovrar td onpele tob {nroupévou témou kai dv
xai wdv onpelov tfic meproyfig Tavtng Exn tiv idwwtnta (A).

Mia and tag dvokoriog tiig peBodov Eykerrar elg v dvebpeciv 1@V
otaBepdv onpeiav, npdg ta dmola ovoyetifopev to tuxov ( «péyovn)
onueiov M 100 témov (pé 1oV oxomdv TNV dvakdivyiv mdg véag 1610tn-
105 (B) dmoppeotong &k tfig (A)). “Q¢ otubepd onpeia Exiéyopey molhd-
kig d0o axpaie ompeia Tod {nrovpévou témov #i kai otabepdv ompeiov
pn dvfixov eig 1oV témov, 10 dmolov Spwg, dv ouvdedfj ué 10 Tpéyov onueiov
M, 8ider v duvatdtnta vé ypnowponowmnbi A dotng (A) tol M, bote
va mpokbyn véa idiotng (B) tob M.

Elg thv dxpiectépay ebpecty yeopetpik@v tomov fonbodv obolwdds of onuewakoi

petaoynuatiopol xai ol Sievbuvépevar yoviar, nepl dv yiverar Adyog slg 16 tpitov pé-
pog ol Prifriov.

TIAPAAEITMA L N gbpefff 6 7. 1. ()} obvolov) tdv péowv Bhav v tpnpatoy,
v dmoiwv td Ev lixpov elvar gralepov onuelov I, to 8¢ Gkko edpioketar ini obelong
reppepeiag (K. R).

i) "Ecto M onueiov 1ol témov, SnA. o péoov kdmowov tunpatos EN Exoviogrd
tixpov N éni tiic SoBeiong nepigepeiag (K, R) (ox. 15 1§ 15((a))-

i) "Enetdn) 10 NE (K, R), elvat KN =R xoi énetdf 10 M elvar péoov mhevpls tpi-
yévov ENK, lic 10 éviowpev pé 10 péoov O tfig otabepls mievpag ZK tob tprydvou.
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Tote 8d elvar MO = NK/2, fitot MO = R/2 = orabepa andotaois kai Enouéveg To

R
k@be onpelov M 1ol {ntovpévov tomov ketrat énl tfic otubepi; nepipepeiog (0,—2 ) (Ta
i tfic evBIK keipeva 8o onuela tob t6mOL avixouv ériong &lg ™v (O,R/2)).

Zyx. 15 Zx. 15(a)
: R 2 .
"Avtigtpogov. "Ecte P onpelov tijc (0,—). Tote elvar OP = R/2. "Av thpa @é-

— 1 =
papey dxtiva KZ tfig (K, R) mapdiiniov xai dpdpponov tfic OP, 8¢ slvai: OP= TKZ'

"Eropévag 10 P elval kat’ davayknv 1o péoov tob IZ, dnA. péoov tpnuatog Exovrog dxpa
10 E xai onpelov Z tfig (K, R). Anh. 10 P elvar onueiov tod toOmOL.

Zvpnépaopa. O (nrodpeves v.t. elvan mepipépera pi Kévtpov 10 péoov O tob EK
xal dxtive R/2.

TMAPAAEITMA II. 'Eni t®v nhevpdv Ox, Oy yoviag x’(\)y Bewpobpev [elyog
onueiov A xai B (AEOx xai BEOy)
towobtov, diote OA + OB =K = §o-
Oiv tufinc kol kateoxevdlopsv map/
pov OAMB. Zmteitm 6 y.r. (10 odv-
olov) tdv Kopupdy M thv mup/pwv
Tobtwv.

i) "Eot@ M onueiov 16 tomou, Snk.
| tetdptn Kopugn maplpov AOBM dvri-
orotxolvrog elg Tuxdv Lebyog onpeiov A,
B ué OA + OB =K.

ii) "Axpikdv onpetov. "Eav 16 A néoy
éni oD 0,8n). 10 OA pndevichii, tote npé-
meL 16 B va EAOn elg onpeiov B, tiig Oy
totobtov, hore OB, = K. "A¢ évdiompuey 1o
tuxov anueiov M tod té6mov pé 1o axpikov
onueiov B, kai lig npoexteivipsy 16 B,M, Zx. 16
Béxpig 6tov tuion v Ox, Eota &ig A,.

Mapatnpotpev 6t BB, = OA (516t OA + OB = K «xai BB, + OB = K).

"Eneidf) BB, = OA xai OA = BM = BM — BB, = 0 =o' (1)
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‘Enedny MB//A0O = o =" (2).

Ex 1oy (1) kai 2): = 0 =o' = 0A, = 0B, = K.

Brémopev OtL mav onuelov M tob tomov xeiton ini tfic Pacewc oradepod loooke-
%ol tprydvov OA B, pt loug mhevpig 0A, = OB, = K.

*Avtiotpogov. "Ecto M tuyxov onpelov Tiig Bacewg AyB, tob otabepod loooke-
robg tprybvov OA.B, pé OA, = OB, = Kaloy: 16)

®épovieg 1ag MA//Oy xal MB//Ox oxnuotifopey 10 nap/uov OAMB. "Ex t@v ioo-
v, ® = 0" kol 0 =o'=> o=0"=BM =BB,. *AlLd BM = OA xal ouvende OA
= BB,. ‘Emopévec OA + OB = BB, + OB =K, Snh. 16 M elvar 1| tetdptn KopuET
napluov OAMB pé OA + OB = K, &nk. 10 M elvar onpeiov tob tomOL.

Zuunépaope. 'O {nrodpevog ¥.T. slvay 1| Baog A,B, tob icooxehois A0A B, pé
OA, = OB, =K.

MAPAAEICMA LIl (Metagopi t6&ov). Aldetar KuKAKOV t05ov :B xai orobe-
~ =5
pov Sl.&ij.m_ab. *And kafe ompeiov P tob t6Eov AB @ipopcy Sdvvopa PM =_§. Znrei-
tar & y.1. 10V nephrov M
@y Swvoopdrav o0tV
PM.

i) “Eotw M Tuxov on-
uetoy 100 tomov (oy. 17). "Av
peta@épmpey ¢ A xai B elg
elg A, xai B, xatd Siavvoue
—r —- -
5, dnh. pépupev: AA, =B,

—_
BB, = & «xai évhowpev Tt
M ué ta A,, B,, tote, Enedn

- =
kal PM = §, 1@ terpanievpa
PMB;B kai PMA; A elval
nup/pe kol ovverds al yo-

A ~~ ~~
viet A,MB, xai APB loat
g Exovoal T4 mABLPAS TOV Ex17
nap/hovg xal Opoppdmovs.

Té M Préner 1 tufipa AB, Ond crabepav yaviav fonv npog A’l;B kal ovvende keltal

~_ o~ —~ —_—
i t6Eov A,B, ikavoD yoviag APB, Sni. i 16E0v A,B, =AB, "Otav 10 P tsivy va ouvp-
néon pé 10 A, tote kol 10 M teivel vi cupméon pé 1 A, "AARa tote 1y fintevdeia (P,A)

—_
teiver va yivy finegantopévn AX tod t6Eov AB (§3) xai N (M, A,) teiver va yivy fipe-

~~
pantopévn A;X, tobtégov A,B,. "Enerdi 8¢ mavrore ol fimevbeia (P, A) xai (MLA,)
glvat mapdhiniot kel dudpporot, Sia tolto kai ol dpraxai tov Bécsig AX, A,X, elvar
napliot kai dudppomot.

"Ex tobtov Emetar 6Tt 1) fuiegantoptvn A,X, tob 16Z00 AS!B. elval yvoot, Gpa
~~
1 A,MB,; Gpiopévoy Kul KoTEoKEVATIHOV (Br. § 4).

~~
i) "Avtiotpopov. "Eoto M tuyxdv onueiov tob t6Eov A,B; mpokinToviog &k Tob
—_
t6tov AB 814 petagopds K(!.'I.’C'l_g (§ 16). 'Emedn) i uetagopd glvar xivnolg, 6a Omapxn

Wnepromotr|Onke amé To lvotirouto EknmaiSeutikng MoNmikrig






