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MEPOZ IIPQTON

KE®PAAAION 1

EK THXI FEQMETPIAXZ TOY ENINEAOY \U

¥
/8 z

AYNAMIZ ZHMEIOY QZ TIPOZ KYKAON

1. OEQPHMA.—"Eav pia petafinti tépvovoa ayopévn £€ évog otabepod on-
peiov P tépvy dol0évra kokrov (O, R) sig ta onpeia A xai B, 10 yivopevov PA-PB
elvar Gpropévov, kaheitar 62 80-
vapig tod onpeiov P @g mpog tov
KOK)ov tobtov.

"Eotw P 1 oTabepov on-
MeTov, kefpevov els TO EowTEPIKOV
ToU kikhou (O, R) 1 els 70 £6w-
Tepikdy aUTou (oy. 1 -2) dvTi-
aToiyws.

Eav I elven 10 péoov ToU
Tufuaros AB kad 67 OP=8(Y),
B Eycopey SraBoy ks :

PA . PB= (PT +TA) (PT + [B) = (PT +-TA) (FT —TA)=Pr:—raAz. (1)
"Ex T&v dpBoywvicw Tprydvey OFP kol OTA Exouev :
Prz=25—0? kai TFA2=R:_0r?,
omote f) (1) ylvetan :
PA.PB=252—0r2— (R*—0r?)=5— R cpiopévov,

- . *H opioptvn alTtn Tun ToU yioutvou PA - PB maploTaTar S1& ToU oup-
BoAou Dio,r)(P). Anadt :

Do,wP) =8 —R?

kai elval, pogavds, dvegaptntog Tis Béoews TS Teuvovons.
2. ’Idwbtnteg tijs duvapews. —"Eotw A; 1O dvTidiapeTpikdv Tou A Emi Tou
(1) 'Yroonpsiomg : “Omou év Tolg trouévors dvmikabBioTaToar TO eV, Tufjpa wé Telov
YPaupa, voeltan 8T1 ToUTO TAPIOTE THY Ardlutov TIf|v ToU WrKous TOU TUNUOTOS TOUTOU.

Wnepromoir|Onke amé 1o lvotirouto EknmaiSeutikrg MoAmkng



xuxhou (0). ‘H yevia ABA, glvan opff. “"Apa TO towTepikoy ywouevov (fa-
fpotov 1 KLPOKOTOV, FaAAoTi sealaire ),

> > - 5> > > > > >
PA - PA, = (PO + OA) (PO + OA,) = (PO + OA) (PO — OA) = PO*— OA* = 52 — Rs.
—> = o
PANAG PA-PA,=PA . PB Q)
> -
kal kot diohouBiav PA - PA, = Do, m)(P). (2)

“Qgte: "H dbvapig 100 onpeiov P &g npog oV kbkrov (O) eivar 10 £0OTEPIKOY
JvbpEvoy TV Slavvopatoy, Ta onoia guvdEouy 1o P pi dbo avnidapetpikd on-
peia 100 KUKAOU (0).

‘H (2) pavepdovel OT1 7 suvomts Do (P) elvan dveEapTnTos Tiis Béorws T
Siouétpoy ToU KUKAOY (O).
Mopatnpnoeig. — 1ov: Efsto (oy. 1) &yopev Ty PA x&BeTov rpos Thv PO, "Ex ToU dpboyw-
viou Tpiycveu OPA 8a Ey OHEY :
pAr = R*— 8 = — (8* — R?) = — Dio.1r)(P), E0l: Dio.r)(P)= —PA = &pvnriki. (3)
20v : Eig T (ox. 2) &yomev ThY EpaTrToutvny PZ ToU kUkhou (O). Ex Tol dpfoywviou Tpi-
yovou OZP Exouev
pz: — 52— R2 = Do, mP) A Do,ryP) = PZ* = BeTikn (4)
* AVaKEQOAGIOUV TES T& dvwTEpw EXOHEY ©
Diox(P) =8-R = (6 + R)G— R). "Emeish 5 5> 0, R >0, twetan &1 4 BU-
vaps Do,r)(P) Exa 6 onueiov TS Sixgopds & — R. "Apa:

>R P elvar EE@tepkov 10 kdkkou 0 Do,w)(P) >0

el <= P keita Emi tob xikhov 0 = Do.ryP) =0

s<R P civar towtepkoy tob kikhov 0 Do, m)(P) < 0
"Equ td P oupmitrn M 7o kévtpov O, TéTe & =<0 kai: i)m'",(P) — —R? kai elvan

| thoyiomn T1un THs BUVAHELS.
‘Eqv R =0, &xixdos (O) txquAileTan €ls onpeiov, OTe Dio.ry(P) =84

3. OEQPHMA 1. —’Eav téocapa onpeia A, B, I, A civat opokvkALe, Kai £av
ai eofeion AB kai [A tépvavat gig onpeiov P Evtog ij iktog Tob dobévreg KOKAOD,
0a Exopev :

PA . PB—PT - PA.

“Eotwoav A, B, I, A Ttooapa
onusia il Tob kukdou (O). Edv ad
eufeion AB, TA TépvoovTa tvTdg TOU
kukhou (O) (ox. 3) fi &Tos aUTou
(ox. 4), 8 elvan :

Do.(P)=PA - PB=8—R? (1)
kal

Deo.iy(P) = PT - PA=8"—R? (2)
“Apa: PA-PB=PIL-PA (3)
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4. OEQPHMA ANTIZTPO®ON.—Eav ai nhevpai AB kai I'A tetpandedpov
ABTA tépvovia eig 10 onpeiov P, gig tpérov dote : PA - PB = PI" - PA, 10 1¢-
tparnicvpov ABLA elvar Eyypayypov el kdkhov.

MpdyuaT, madf T& onueia A,
B, ' 8tv ketvron &’ elBeias, & kUkAos
ABI" kévtpou O (oy. 5 kal 6) Téuvel
ThHv ebfeiav PT, foTo els 1O A,
Kar& 7o mponyotuevov Becdpnua
B Excopev
PA . PB = PT - PA, ]

Kai
PA . PB = PT . PA, t€ ymrobtoews, (2) Sy. 5 3x. 6
Ex 1év (1) xad (2) Emeton &mi: PE - PA,=PT - PA, &€ ol: PA,=PA,
1 &mola oytols tkppdder 6T1 16 A = A, *Apa T& onueia A, B, T, A elven dpoxd-
KAla,
‘H oxtais, Aorméy, PA - PB = PT - P4, elvon yapaxtnprotikd] S1a téooapa
dpokikita enpeia.
EDAPMOCH : IMpopinpa.— N& karaoxeuaodj f) Tetdptn dvédoyos X Tpiév Gobévrev
eUBUy pdupcov TunpdTw@Y a, P, Y-
AZKHIELZ
1. AoBivros Tprycvou ABI kal onueiou P Tis ebficias BIT, uh K51pév01u£‘3§\'1 Tév B xal
I, va & kUkhos ABI Epé&rrretan Tiis PA els 10 A, Tpéme xai dpkei : PA* = PB . PT.
2, N& xaraokevashij i péon &véhoyos X BUo Bobévtwy elBuypapucy Tunuérawy o xal p.
3. 'Eav keR «kal ﬁ(o.m(P} = k, & yewp. témos Tdvonueiwv P elvan kUkhos dudkev-
TPOS Tol Bobévtos kal dkTivos § = [k + R?, &mou R 1) &xris Tol kikhou (O). (Siepebvnos).
4. Alberan xUkhos (O, R = 24) xal onueiov P, els Tpdov date OP =72. Xopdh AB Tol
KUKAou Biépyetan B1& ol P xal elvan PA = 96. N& Umohoyroij ff D 0, ) (P) kal 76 Tuijua PB.
5. AfBetar kUxAos kévtpou O kai anpelov P, els Tpémov dore OP=24. "Ayetan Téuwvovoa
PAB ToJ kikhou. 'Eqv PA = 56, PB = 38, v& UmoAoy1a67 f| yopBh AB.
6. AiSetan kUkAos (O, R = 10) kal onueiov P, s Tpdmrov dote OP = 26. N& Umroroyiodi
TS ufios T tparropévns PIT ToU kikAou TouTou.
7. Els Tpiycvov ABI &yopev Té Uyos AH,. “lva T Tpiywvov TolTo elvan dpdoyviov elg
T A, mptre kal GpKeT g d dt L5t g i
') BF* = AB* 4 A, 2) TB.[H,=TA: 3)B[. BH, = BA,, 4)HB . Hl = —H,A®
8. Els Tplywvov ABT elvan | B—T | = 90° “Ayouev 10 Uypos AH, kal fotw R f dxis
ToU kUKkhou ABP. N& &rrobey 8 6t :
1) AH= }-TB . l-_[:T' xal 2) AB® + Al = 4R
9. Els Tplycovov ABI &yous T& Oyn AH,, BH, xal MH,;. N& &woBexfij éti:
1) HA.-HH = — H,B-H,T, 2) AB-AH, = AT-AH,, 3) HA-HH, = HB-HH, = HT-HH,,
&v H elvan 16 &pBdkevTpov ToU Tpry oy TolTov.
10. Kuptov TetpdmAeupov ABIA elvan tyyeypappévoy els kixhov (O). Al AB xai A Tépvov-
Tan ¢ls 16 P. 'Edv PA = 8, PB = 18, PI' = 15, v& Umodoy1o8f) f) mAevpa I'A kal 1) tpamrtopévn
PM 10 kixhou.
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11. Al Biaycvior KupTOU TeTpaTTAsUpoy ABFA TépvovTan els T6 onueiov P. *Av TouTo elvan
tyyeypauptvov els kUKAOV, TOTE !

PB . (AA - AT) = PA - (AB - BIN)

12. *H xown yopdn duc TEUVOHEVLY KUKAWY By oTopEl TaS KOWES EELTEPIKAS tpaTrTONEVaS
aUTov.

13. Al kowal yopbai Tp1dv KUKAwWY Tepvopbveov dvé Buo BigpyovTal Bix ToU aUToU anueiou.

14. Avo kahot (O) ke (K) TéwvovTal glg T& ompelar A, B. "Ex TuxSvTOS onueiou P &V TTROEK-
Tdoewv TS xowis Xopbis AB, &yopev T&S toamropévas PT xal PE atrrév. N& ouykpifolv T&
Tufuarta Pl okal PE.

15. Avo kukhror (O) kal (K) TéuvovTal els T& onueia [, A. A& TuyovVTOS onueicu P Tiis €U-
Beiag TA &youev Guo eUBelas, Tepvoloas TOV (O) €ls T& onpeia A, B kai Tov (K) els T& onpelx ElE:
N& &mobeydi &11T& A, B, E, Z elvon dpokUkAta.

16. 'Emrl evBelas (X) &idovTan kata oeipay T& onuela A, B, . Mp&gopey TuyxdvTa KUKAOV!
Biepydpevov i Tév B, [ kol Gyouev TOS EOTTTOHEVES AE xal AZ. 1) N& dmoBeix®ij 6T f EZ
SitpyeTan Bt dprauévoy onueiou Tiis (X) kal 2) & kUkhog AEZ SitpyeTan &TTo Gpiopévoy onpEiov.

17. Aiseran xUxhos (O, R) Kai eufela (X) ExTos aUTol. A& petaPAnTol onuelov P Tiis Xy
&youev TS tpamrroptvas PA, PB ToU xUxhou. Na amoberyij 61 1) AB BigpyeTan 81& orabepoy on-
peiov.

18. “Eotw AA, 1 ESWTEPIKT S1Y0TOUOS TOU Tprydvou ABT. Ol xuxho1 ATA, kal ABA, Té-
pvouv Tés AB, Al &yTioToiyws elg T& oTuEIX E, Z. N& ouykpifiouv Ta Tpfipata BE kai Z.

19. Elg tpiywvov ABI Gyouev Thy Bigpegov AD, kal THY towrepikiy BixoTonov Al
[pépouey TOV KUKAOV A0, SaTis TEUVEL TAS AB, AT dvmiorolyws &ls T& onueia E kai Z. Na ovy-
Kkp1BoUy T& THTHaTa BE kai I'Z.

20. Al yopSci AB, M'A tvos kixhou (O, R) TéuvovTon kabéTws els 16 onueiov P. N& &mobei-
¥6f) 611 :

1) PAt 4 PBt + PM+ PA?=ct xal 2) Al & Bt + BA® 4+ AA* = ct.

21, AiBetan kUKkhos (O, R) xal Té& onueia A, B tvtods abrol kal GUppETPIKG & TTpos TO O

"E&v MN elvan Tuyouoca xopdn ToU KUKAoU, Biepyopévn Bia Tou B, va dmobeydi 611 :
AM? - AN? + MN?® = ct.

22, AiSeran xukhos (O, R) kal anueiov A oralepdy txros atrol. Oewpoupey Sigpepov BOM
peraPAnThv. Na &moberx8i) 871 : 1) ‘O xUkAos ABT BiépyeTan Bi&k oTadepoU onueiou. 2) Al AB,
AT Ttpvouy Tov KUKAov s T& 4, E xal f AE Téuver Tov OA els 7o K. Aeifare &T1 T& onueia B, A,

P, K elvan dpoxukita. 3) 16 K elvan Gpiopévov onpeiov kal 4) & kUkAoS AAE BitpyeTon &rd cop-
ouévoy oTuEiov.

23, Né& xaraoxeuasdij Tplycvoy ABI x TV ororyelwy Tou :
D a Read PE+Y)=FK 3) o Rukad BP—y) =2 |5 R xa y(-y) =k

2) oA xdy@+y)=k|9) oAl Bly—-p)=u 6) R xai y(y—B) ="
xal véx ylvn | oxeTikh Biepelvnais.

PIZIKOZ AZQN AYO KYKAQGN

5. @EQPHMA. — ‘O yE@pETPIKOS tonog tv enueioy, 1@ droia Exovy v ab-
iy dovapry @ tpos 400 dobévrag kikhovg (O, R) kai (O, Ry) glvar pia Opropévi
ebbeia (x), kadetog Eni TV Suaxevipov 00, (Umotifeton R > Ry).

*Egeo M Tuydv onueiov Tou TéTov, TOIOUTOV QOTE

DiomM)= Diors(M) A E-R*= $_R: § st—&i=R'—Ri (1)
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Edv | elven 10 pécov Tijs Srakévtpou OO0, kal &xbfj | k&betos MH i Ty
eUfeiav OO0, katd T6 BeUtepov Becopnua TV Siapeowv, B elvan

82—52:2v®1-|_ﬁ, x
kad ) (1) yiveron :
2.00, - iH=R? — Rj,

A L

N | g e BR
2.00,

‘H oxéois (2) pavepcver
6T 10 H elvan otadepdv i
Ths Siakévtpou 00,.
TMapatnpolUuey Aorév 6-
TL TO TUydV onueiov M Tou
EnToupévou TéTTOU KeITOn ETrl By.i7
W&s edfeias (x) xabétou Emi
ThHy S1ékevTpov 00, kai eis wpioptvov onueiov auTis H, wetafl ToU | kal ToU O,
Keipevoy,

*Aviistpogog : "Av N elvan Tuxov onueiov Tfis (x), 8& Excopev BiaBoyikds :
R2— R}
2 .00,

A NO?— R?=NOi— Rl & DormN)= Do,rs(N).
‘H eVBela (x), Ths Omolag T& onpeia Exouv THY alThv SUvauv ds Tpos Tous
KUkdous (O, R) kai (O,, R,), Ayetar pilikog dEmv Tév 8o ToUTwv KUkAwy.

NO2— NO} =2.00, - IH =2-00, - = R? — R}

Mapampioeic. — lov: 'Edv R = Ry, ) (2) yiveran [H=0 xad 10 H oupmimre pé 6 1.

"Apa: 'O mlikeg GEov (x) 8bo lowv kikhov cvprinter pé Ty prookdbetov tiig Sa-
ktvtpou toltav 0O,.

. 1
20v: 'Eqv R, = 0, 1) ebfeia (x) B& elvan els &wéoraow IH = ;1(1)6 &md 1O pégov |
= g 1

ToU Tunparos 00,. Els Thy meplmrwow Talttny 6 kukhos (O,,R,=0) kakeital pndevikdg kixkiog.

3ov: 'Edqv 6 O, #xn Thv Bow 100 O kad R, # R, # (1) Biber:

_ R'—R, R!'-Ri

He—= —— =
2.00, 0

xal kat' dkohoubiav : 'O plkdg GEwv (x) OV dpokévipwv kokhov deavifeta cig o dnaipov.

6. "I&otnreg Tob pilikod dGovog. — lov : 'O pilixds &Ewv BUo xUkAwy elval & yewpeTpikes
TOTOS TdY onpefwy, &Td Ta doia &yovtan ioan EparTépeval Tpds ToUs KUKAOUS TOUTOUS.

2ov : 'O pigikds &Ewv BUo xukAwy (O,R) xal (O, R,) SixoTopel Tas kowas efwTepikas kal
QUmTEpmds tpamTopévas aUTdv.

Jov : "Edv Buo kikAor TépvwvTan els Ta onuela A kal B, & pilikds &Ewv ToUTwy elvan ) xow)
Xopén AB.

4ov : "Edv 800 kikAol ThuvavTar els T& onpela A xal B, pdvov dmré Ta onuela Tdv poekTa-
TewV ToU TurpaTos AB dyovTel Toan EpamrTdueval 1rpds ToUs KUkAous TOUTOUS.
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Sov : "Edv BUo kUkhol kpdmrTaovTal EEcorepikdds T towTepIKdS, & pilikds &Eeov auTév elval
1) kown étpurroutvq altédv els TO Kolvov ompeiov.
6ov : “O pilikds &Ewv Buo dviguwy KAV KeITa tkTds alTédv kal &réyer SAryGoTepov &TTo TOV

peychUTepov 1) &md OV HIKpGTEPOY TOUTWV.
Al dvwTépw 1B10TNTES vé &roBeiyBolv Umd T&V palnTdVv.

7. Pukov kévipov tpdv KOKhOV. — OepoUpey TPEIS KUKAOUS (0,), Og)s
(O), TV dmoiwy T& kévtpa BEv KeEVTA e etBelas. ‘O pilikds &€wov (X) TRV
(Op) xod (0,) elvan k&BeTOS gl i elfelav
0,0,. “Ouolws 6 p1likds &Ewov (y) TGV (0,),(05)
clven ké@etos dml ThY ellBeiav 050 Al evfelcn
0,0, xai 0404 TéuvovTan. “Apa kol al xébeTor
(x) xai (y) TPOS aTds 6% Tépvevtan. “EoT
M f Toud &V (X) kad (y). O elvan

D o.ry (M) = B0, rp(M)
kad Doy raM)= A0, r) (M)
"Apa Do, ryM) = Ao, r)(M)-

‘H TeAeuTala lodTng Snhol &1 TO M bpeihel
v& xeltan Em ToU pilikou &Eovos (Z) T&Y KO-
Khaov (Op) kai (O3)- * Amredetyfn Aormov &Ti

Ol pulwkol GEoves TPLBY xokhov (Gv T& kévTpa BEv kevTal i eUbelasg) Suép-
yovran Hra tod abtod onpeiov M.

Té kolvdy TOUTO ONpEioV Tév TPIGV PILIKedV &EGVeoV KoAETTa priwkov kEv-
Tpov TGV TPIGV KUKAWY kal elven TO povaBikoy onueiov ToU tmirédou, TO dmolov
e loas Buvdelg €5 TTPOS ToUs BobévTag KUKAOUS. Aati

8. Kataoxeon o0 piikod Ghoves.— 1ov : 'Edw ol xikdot (O) xal (O,) tgamrrwvral towTe-
pikéds Ay EEcoTepIkdds Els 6 anueiov A, 51 v keTaokevdowpey Tov piikdy &fova abrév, dprel
v pEpWHEV els TO A THY Koy tparrTopEvV atréov.

20v : "Edw of kUkAot (O) xkal (0,) TéuvwvTal elg & onpela A kal B, & pilikds &Ecov auTdv 88
elven 7 edBela AB.

30v : "Edw ol kot (0) kal (0,) etvran txTds &A@ i tuTds GAANAWY, etploxopev TO
uégov | Tiis BiaxévTpoy 00, (ox. 7) xal tm’ aTiis, & ToU |, AapPdvopey Tufjua

(I R T
_za)‘ > 1)’

1

al el 76 onpelov H, peral | kal Oy, {nyoUpev THY wé&BeTov mrl ThHy 00,. AUTn B& elven & InToUpe-
vos pigixds &Ewv.
ATKHEZEIZ

24. Né& 4p1odij onueiov, &rrd 1O drrolov va &ywvTal loa tparmrrdpevan Tpds TPELS Bobévras
KUKAOUS.

23. 'Edv & kévrpa O,, Oy O, TGV Sobtvtav kikAwv (0,), (0,), (O,) xelvral t' eUbelas:
ol piiol &Eoves alTdY 8 elvan apéhAnhor T B gupTritrTouv.

23. AlX V& KATATKEUETWOUEV Tév p14IKOV &Eova BUo kiKAwY, kepbvaov bxTds GAAHAWY, &pr
el v Evdowpey T& ploa T@V §Uo Kowdy EEWTEPIKDV tpamroptvey alrdv f & pboa T@V BUC

10 ; ;
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towTepikév tparrroptvav A T& ploa s tfwTepikiis kal wds towTepikiis tpamrroptvng ToUTWY,
Bi&x s edbelas.

27. Aid v xaTaokeudowuey Tov pilikdv &Eova BUo kUKAwY Kelptvev Ektds GAMAwY f vtds
&NATAwY, Ypdpouey TUXOVTa KUKAOV TéuvovTa Tous BoftvTas. Al xowal yopbal TolTwy 'réuvowm
els Ev onpsiov P. 'Ex ToU P &yopev Thy k&deTov &l v SidkevTpov Tév Blo Bobévrwv xuﬂ\uv
Quarri;

28. ‘H Siapopd Tév Suvdpewv onpelou o Tpds BUo kikAous looUTar (kar’ dndlutov Ti-
pAv) mpds TO SimAdoiov Tiis SokévTpou Twv Eml THY &mdoTaoy ToU onuelov ToUTou &mé TdV
piikdy &fova aliTdv.

29. 'O yewueTpikds ToTOS TGV onueiwy, Gv N Siapopa TdY Buvduewy s Tpds uo kUKAoUg
elvar wparypaTikds &pibuds k, elvan eleia xabeTos trrl THY BidkevTpov TV BUo KUKAwY.

30. 'Eav M elvon Tuydv onpsiov tvos T@v kuxhwv (O) kal (0,), # Buvaws Tol M ds mpog
Tév &Ahov kUkhov toolTal Tpds TO BimAdoiov Tiis BiakévTpou Ty kUKAwY Emri THY dméoTacv
ToU M & Tov pifikov &fova alTdv.

31. “lva Tpla onuela o, @y, oy keivran i’ ebfeias, Tpéme EkaoTov ToUTWY V& EXN THY adThY
BUvap o pds BUo KUKAOUS.

32, 'E&v 8Uo onuela a, xal a, Exouv ExaoTtov THY aUThv Blvapv g mpds Tous kuKAoUs
(0,), (0,), (O,), ol xiKAor oliror 8& Exouv piikév &Eova Ty efeiav oy, TTola #) Béois TGV kév-
TPWV TAV KUKAWY TOUTWV ;

33. Béoei Tijs doxroews 28, v& &modeixB7) 6T & pilikos GEwv Buo kikhwv (O) kal (0,)
Spiler Emrl ToU EmimréSou Tpia UmooUvora. AnAabr :

lov: Tév yewp. Témov Tdv anpeiov M, Bid & dmota: - Do (M) > Do, (M),
2ov: » » » » £ .@Q(M) < @o,(M),
kal 3ov: » » » » i Do(M) = Do, (M).

34. Bdoe Tiis dokfoews 28, v& Umoroyiefolv al dmrooTdoels Tol kévtpou O ToU meprye-
Ypauuévou kUkAou Tepl Té Tplywvov ABI &md T& kévTpa T@V kUKAwY Eyyeypaupévou Kal Tapey-
Yeypapptvev, nAadt :

OI* = R*—2Rp, OI*= R!+ 2Rp,, OlI'*=R*4 2Rp,, OI''* = R? 4 2Rp,.

35. T& onpeia A, B elvar ouppetpika ds mpds 6 kévtpov O vds kikhou (C). Aid Tév A
Kkal B &youev Buo elBlypappa THiHaTa TapdAANAa kai dudppoTra, TepaToUpeva els TOV kUKAov.
Né& &mobery7 611 : AM - BN = ct.

36. Aieton kUkAos (0) kal Yo onueic A, B oraBepd. M ToU A &yetan petaPAnTi
Thwouoa AMM, ol kikhou (0). N& elp:6fj & yewp. Témos 1@V KévTpwy TV KUKAwy BMM,.

37. AiSovran T& onueia A,B kal kUkAos (O,R). MetaPAnTds xikAos (K) Bitpyetan i Tdv
A, B xai Téuver Tov (O) els T& M, N. lov) Né& drroBeiy8ij 871 ) MN SitpyeTan S1& oraepol onpeiou
| Tfis AB. 20v) N& karaokeuacij & kukhos (K), & MN= A (Sobtv Tufjua).

38. AiBovron BUo onueia A, B kai elfeia (X). MeTaPAnTos xUkhos (O) BiépyeTan S Téw
A, B kad Tépver Ty (X) els T& M, N. *H AB Tépver Thy (X) els 6 onueiov |. 1ov) N& dmobey8ij &1
TO ywdpevovu IM . IN = ct. 2ov) N& xaraokevacdii & (O), &v MN = A (Sobiv Tufjua).

39. Na& kataokevacdij Tpiywvov ABI & T@v aroiyelwv Tou a, A, §;.

40. "Edv 8Uo onusia M, N éxouv v adrhiv Bivapy ds wpds Tous kukhous (0,), (Oy),- - -,
(Ou), véx &rroBeryBij 671 T& kévTpa TV KUKAWY ToUTwY KelvTa b’ elBelas kaBéTou Tpds Thy MN.

41. Ta Oyn AH,, BH,, TH, Tprycvou ABT Téuvovtan els 16 onuelov H. lov) N& &mroberxdi
87118 A elvan 16 pifikév kévTpov T&V kUkAwv Biapérpawy BI, HB kai HI. 2ov) "O11 1 H elvan o
pilixov kévTpov TV kUKAwv SiapéTpwy B, A, AB. 3ov) N& UmroAoyiafij 1o yivéuevov AH - AH,
TuvapTigel TGOV TAEUpGV @, P, Y ToU Tprywvou ABI,

42. "Av xUxios keiTan tutds &GAAou TotoUTou, & pilikds &fwv alrddv B keltar EkTds TGOV KU-
KAWY ToUTWY,

R
of TON N

‘ & 11
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43. "E&w 5 elvon f) Bidkevrpos 5Uo kUKAwY (O, R) xal (O, p), v& &mroberyBi 8T f dméoTa-
o5 y ToU xévTpou Tou pEyAUTEPOU KUKAOU &mrd Tov pigikdy &fova alTddv elven :
% 5 + R*—pt
= 26
44 Elg Tpiywvov ABI &youev elfeiav map&AAniov Tpds Thy BF, Tépvouaav Tés AB, Al
gls T& onueia B,, ) &vmioToiyws. N& Bery8i &1 & pihixos &Ewv TV kUKAov Siapérpwv Bl
I'B, elvar 16 Oyos AH, 1ol Tprycovou ABI.

45. Tpeis kukhot (K, a), (A, B) xal (O, y) Exouv kowny yopbiv AB, To Bt O elven TO pé-
gov Tou TpRuaTos KA. N& Seydi omi S &y onueiov ToU mmébou TRV kbvTpoov elvan :
DkyM) + Dapy(M) =2 Do) (M)

46. AlSeton Tplywvov ABI Exov Aevpds o, B, . Mpdgouev Tos kUKAous (A, ), (B, B)
xai (T, y). Molov elven TO p1likoV KEVTPOV TOUTWV ;

47. “lva 5Uo kUKAol TéuvwvTal, mrpérer kol &pkel va Umdpyn omueiov Tou piiikou &Eovos
alTdv, ep v& EXn THY alThy &pYnTIKNY BUvapv s Tpds Tous Blo kUKAoUS.

OPBOIQNIOl KYKAOI

9. F'ovia d00 Kikhov.— Oewpolpev Tous Suo TPOCaVATONTHEVOUS KUKAOUS
(O,R) xai (04, Ry), Tepvoptvous els
& onueiac A kai B (ox. 9). "Ayo-
MEV TAS -rrpoo'crua'ro?uoruévas tpo-
Trroptvas alT@v els TO onpeiov A.

TynuotifovTar ai Tpocava-
Tohopévan ywvicn w kal @.

O& elval, Tpogavds, @ = Q.
‘H ywvia @ xohsiton jovia 16V
xoxhov (Q) xal (Op).

"Qore: Tovia 800 teivopévev
kikAoV kakeitar 1 yovie @y Epa-
rtopévov abtdv g T KOWVQL o7
Tx. 9 peia to0TOV.

- - 3 Tr . ) - U
10.’OpBoydvior kKiKhol.—Eav = -, ToTe B Abywnev &1 of kixhor (O)

kai (O,) TéuvovTal opboyovioe. r

“Ogte: Abo xbkhor kahoUviar opboyd-
vior, drav 1| yovia v tgantoptvay abd-
t@v elg t6 kowa onpela elvan opb1.

TMpogavéys of ipaTrTOUEval Al xal AA
gls THY TrepiTT@OW TAUTNY BigpyovTal G-
TioTolyY0s &TTd T KEVTPX 0, xai O.

*Apa, & dvwTépw Sobels dpiopos Sia-
TutrouTan ko dos EETTS.

Ao Tepvopevol KOKAOL 0a Aéyovrar op-
Boydwvios, Brav al dxriveg avtdv al anohn- Ty, 10
yovaay £ig T@ KOV anueie Tovtewv slval kaBeton.
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11. Xepextypiotikai idtotnreg dvo dploywviov kikhov.

lov: ‘H ouwbnkn (OA, O,A) = % grrainBeleTan STav, kol pdvov STav,

T KévTpow O, keiton i Tiig Al "OBev :

"Iva 800 kokhot, Tepvopevol eig o A, sivar dpBoydvio, mpinel Kai aprel 1
tpanrtopévy tob £vog £ig T A va Sifpyetar and 16 kévrpov tod Ghlov.

*Apa TO kévTpov Tou Evds KelTal éK'rc‘)s TOU &GAAOV KUKAOV.

2ov: ‘H oytois (OA, O A)— gadnBeleTon dTav, Kad povov STav, TO

Tpiywvov AOQ, elvar dpoycoviov Ei; 16 A. "Apa:
Avo kokhor kévipoy O kai O, kai dxtivov R xai R, eivar éploydvior drav,
Kai povov drav : 00} = R2+Ri. Ao ;

AZKHZIEIZ

48. Ao xUkhol eivan dpfoydvion dTav, Kal pévov Stav, TO TETpdywvov Tiis dkTivos Tou
tvwés fooUTan Tpos THY BUvap Tou KévTpOU Tou & Tpds Tév &AAov KUKAoV.

49. AUo xUxhor elven dpfoywviol éTav, kal pévov &tav, pia SidueTpos ToU tvds KUKAOU
Sraipfitan dppovikds Umrd Tou GAAoY KUKAOU.

50. Ao Tepvouevor kUKAo! elvan dpBoydviol els T& onuela A kal B Stav, xal pévov Stav,
i Tépvouoa [A Biepyopévn Bi& ToU Evos TV onpeiwy A fi B paiverar dmd T& &A\Ao onpeiov Utrd
SpBfy yuviav.

51. N& xataokevaoBij kUkAos SpBoycwvios mpos Sobtvta kikAov (O, R).

12. IPOBAHMA.— Na katackevacsdi] kiklog (w), 6 dnolog va tépvy 6plo-
Yoviee 6o dobévrac kikiovg (0, R) kai (O, R,), Evba R > R,.

*Avaluotg : “Eoteoav (O, R) xai (O, R,)
oi SoBéivrss kukhol, 'Eqv w elvanl TO KevTpov
ToU {nrouptvou kUkAou, GITIs TEuver Opbo-
Ywvics Tols (0) kai (O;) kara T& [ kai A,
Ok elvon : ol L OF, wA L OA, ol =wA.
"Apx: = wA? A Dowy(@) = Do, (W)

ToUto onpaiver 871 T6 w KeiTal £l TOU
pigikol &Eovos xy Téw (O) kai (O,).

Karaokevi : Kard t& eis TAv (§ 5) AexBév-
. — R:-— Bl
TQ, kaTaokeudlopey TO Tufjpa IH = =

& e " 200,
kal els o H yalpev Thy kadeTov xy &mi iy O0,. "Ex ToU w &youev Tés épatrto-
uevas wl, wA Tédv 5Uo kukhawv (O) kai (O,). O& elven :

Wl = wD*-R? kal wA2= mOf—-Rz. *Apa: wlP—wAl= mO*—mOf—(R’-—Rf) (@5
'ANME D w0l =200,-IH xal R*-Ri=200,-/H, émére §| (1) yiverau:
wl? — At =200, - TH—200, - IH=0, #ol: ol =eA.

Y

Ty, 11
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Ipdgopey droroUfus Tov kUKAov (w0, wl = wh), doTig elvan & {nTOUHEVOS.

s AnodetErg : CEmaidn ol = wh, & T kod A xefvron &l ToU adrrou KUkhou.
"Erei 58 kai ol L OF xai wA L 0,4, & kiKkAos () TEWVEL bpboywvics Tous
(0) xai (Oy)-

Maparipnmg : "Emeadn 16 elvan TUy OV onugiov ToU pifikol &Eovos Xy, EmeTan STi UTrdpy ouv

&mrerpol kUKhol, ol dmoiot Tépvouv ToUs (0) kal (Oy) dpBoycvics. "Ofev :

‘O ye@peTpLKdg TOMOG TOV Kévipov © @V KOKLOV, oi émolor tépvouy dploymving 600
Soivrac xokhouvg, elvar O pllikog GEav oV KOKA@V TODT®V, Kai:

lov: Edv ol kukhot (O) xal (0,) Bév éxowv kotvé anueia | Exouv Ev povov kowov anueiov,
ENGKATpos & pilikds &Ewv aUTdV elven & yewp. TOTTOS TV KEVTPWY .

20v ; "Edw ol kUkAot TépvwVTA els T& onpeia A kai B, Tére wbvov al TpoekTATES THS KOWTS
xop&iis AB mAnpouv TO TpOPANMa.

ATZKHZIEIZ

52. "Edv 8o xukhor (O) kal (O,) TépvevTal, ol kUKkhot ol &Troiol Tépvouv auToUs Opboyw-
vicos, Biv Tépvouy THY BIGKEVTPOV aytédv 00;.

53. "Edv 5Uo xukhot (O) xal (0,) Biv Exouv Kowdv 7 kowd onueia, ol kUkAol of &moiot Té-
uvouv atrols dadoywvics BiEpyovTal &rrd BUo dpiopéva onueia P kal P, Tiis SlaxévTpoy 00,
(dpix& onueia i onpeia Tou Poncelet).

54. N& karaokevaadi kUKAOS &pBoyvios Trpds Tpels Bolévras KUKAGUS (Miepedvnats).

55, “lva kUKAos (w, p) TEMVETOX kerrd BidpeTpov Urd &AAou kukhou (O, R), mpime xal &p-
Kel T TETp&ywvoy THs &KTIvos TOY vé looUral wpds Thy dvTibetov Buvauiv ToU KEVTPOU TOU G5
Trpds Tov KUkAov (O). AnAcdh p?= — Do, Ry(w).

Tnu. ‘O xUkhos (O) xoheiTan wevdoopboydviog Tou (w), Snhadm & kUKAoS (O) Téuver TOV
(w) els BUo onuex A kal B duTiBiapeTpika.

56. Els Thv &oxnow 53, va &roberydfj 611 1) & pifikos &Ewv AB Tdv kiKkAwv (0) kai (O)
BitpyeTan &0 TO KEVTPOV 00, 2) téw & kUkhos (O) BigpyeTan &mod orafepov anueiov M, 6a Biépye-
o kel &rd v GAAo orabepdy onuelov N Tiis wM, TololTov GoTe: WM - N = —p?, 3) &
& (O) peraPdhheton kal v o) D0, r) (@) = KER, TéTe & (O) elvan SpBoydovios wpds ToV KiKAOY
(@, k), P)’E&w Do.r)(w) ==k & xuKhos (0) elvan weuBoopBoydvios Tpods Tov (@, k) xal
y) t&v Do, ry(w) =0, & xuKkhos (0) elven &pboydvios (f euBoopBoywvios n—p:‘:; TOV
(w) — onueiov w).

57. ‘O YE@ueTPIKOS +éTros TEV KEVTpWY W TV KUKAwY, ol dmolot TépvovTal KaTd BidpeTpov
U1d Buo Bodtvtewv KukAwy (O) kal (0,) elven TS TEfiua ToU pidikol &Eovos Tév (0) kal (O)),
towTepikdY auTdY, tav ToUTo UTT&pYN.

58, “lva Buio kUKho! TéRvevTar dpBoywvias els Ta onueia A,B, mrpte: kal dpxel pla TV Efw-

TepIKEY EQATTTOPEVAV TWV vé paiveTal &md TO tv Tév onuelcov A i B Utd ywviav ;_ kal &md
N 3

15 &\ho B i A Umd ywviav =

59. “lva BUo KUKAo1 TEUVWV T dpoywvics els T& onuela A,B, mrpémrer kol Gpxel al &k on-
pefou M ToU Evos dyopeval yopbai MA, MB v& trravarépvouy Tov &hAov kUkhov els onusia I, A
AuTIBIGUETPIKA. -

§0. “lva 5Uo kukhot (O) kal (0,) TéuvevTa dpboywvicws, TpeTel Kal &pkel TUXOV oTuEiov
ol kUKhou Bragérpou 00, v Exn dvTiBéTous Buvépers cs mpods Tous kukhous (O) kal (Oy).

61. “lva Buo kukhot (O) kal (O,) rtpvevTan dpBoywvics els T& onueia A, B, TpEmel xai &p-
el vér &ywvran ik ToU A7) B Tépvouoar MM, kal NN, x&fetot Tpos GAANAGS.
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62. 'Eml Tijs droTewovans BA dpBoywviou Tpryvou OAB Bewpolpey peraPinTév onueiov
M. lov) N& &mroBeiy8ij 611 ol kiAot OAM, OBM elvan dpBoydvion. 2ov) Ol kikhor kévTpwy @ kai
w,, ol Biepydpevor Bidx ToU M kal tparmrropevor elg T& A, B tév OA, OB dvrioTolxws, TépvovTal Op-
Boywvicws.

63. Tas kUkhos KévTpou w, Biepyouevos S1a Sobévtos anueiov M xal Téuveov Spfoywving
Bo%vTa kuKkhov (O,R), Bibpyetan kol 51& Seurépou oradepol onueiou N &l Tis Sianérpou AB Tijs
Biepyouévns Bia ToU M. TToTos & yewpeTpikds TOTTOS TOU KEVTPOV @

64. TloTov elvan To pilikdv kévtpov Tp1ddv kUkhwv (0,), (0,),(05), ExacTos T&Y omolwy Té-
uver dpBoywvicws Tous &AAous BUo ;

65. Mt dxrivas T& dpiopéva TufuaTa & B, ¥ v& ypagolv Tpels kUKAoL, Tepvouevor opboyc-
vies.

66. N& ypagii kUkos (w, p), Biepxdpevos Bi& Bobévros ompeiou A kal dpBoyvios TTpos
SobévTa kUkAov (O,R).

67. Mi xévTpa T& dGplopéva onpEia A,B,[" v& ypagoUv Tpeis kUkAol, Tepvdpevor dpboywviws.

68. Na ypagi kUkhos, Biepxduevos Bix 8Uo Belopévewv onueiwv A, B xai SpBoyvios Tpds
Sobévta kikhov (O,R).

69. Né ypagi kukhos (@, p), dpdoyvios Tpos SobévTa kikhov (O,R) xal Exywv To kévrpov
Tou @ 1l Sobeions elbelas (X) fi £l SobévTos KiKAou (K, Ry).

70. AiBeton Tpiywvov ABI kai gnTeltan vé& kaTaokevaoti] kukhos (K), els Tpdmov doTe al
& Tév A, B, M &ydpeva Eparrrépevan vé elven dvTioToiyws loar pés Tas TAeupas a, B, Y Tou Tpi-
Y@vou TolTou.

71. N& ypagij kukhos weuBoopBoywvios Tpos Tous kUKAous (O,), (O,), (Oy).

72. N& ypagij kukhos yeuBoopoywviws Tepvduevos Umd Tdv kiKAwy (0,), (0.), (Oy).

73. N& ypasij kUkAos yeuBoopBoywvios pds Sobtvra kikhov (O, R) xal dpboydvios Tpos
Tous kUkAous (K, R,) kal (A, R,).

74. N& ypagi xuxhos, dpBoydvios Tpos Bodévra kUkAov (O, R) kai yweuBoopBoydvios Tpds
BUo &hAous BeBopévous kuxkhous (K, R,) kad (A, Ry).

75. N& ypagii kukhos weuboopdoycovios mpds Blo Sedoutvous kixhous (O, R), (Oy Ry)
Kal Tepvépevos weuSoopdoywviws UTo TpiTou BeBouévou xuxiou (O, Rj).

76. N& ypaspii kUkhos &kTivos R, tpamrTopevos SeBopévou kukou (K, p) kal yeuboopoydvios
Tpos EAAov SeBoptvov kinkhov (A, py)-

T7. Né& eUpediy & yecopeTpikds Témos Tév onueiwy M, Sia T& dmola T &Bpoioua T Suva-
HEQV &g Trpds BUo kukhous (O, R) kai (0,, R,) vaelvan k2 (k SeBopévov elf. Tufipa).

T8. N& eUpedi] & yecop. TOTOS TOV KEVTpWY @ TGV KUKAcwv, ol btroior Tépvouv dpBoywviws
SobévTa kUKoY (0,) xal yeubooploywviws &\hov Soflévta kiukhov (O,).

79. N& eUpebf) & yewp. Toos TdY KEvTpwy @ TOV KUKAwWY, ol émoiol Tépvouv yeuSoopho-
Ywviws BUo SoBtvtas kixkhous (K) xai (A).

80. "lva Blo kUKot (O) kai (O,) TépvevTan dpBoyevics, mptme Kol dpkel va Eyouv o Bia-
uérpous dvtioToiyws BUo dmévavT Theupds SpBokevTpikol TeTpamAelpou (Ttooopa onueia
A, B, T, A &moteholy SpBokevTpIKTV TeTpdda, &v EkaoTov elvan dpBokevrpov Tou Tprywvov, otep
Exer Kopupds Ta Tpia GAAQ oTuEia).

81. AiSovran Buo kirhor (O, R) xai (Oy, R,) xal peraPAnTos kikhos (e, p). N ebpedi) &
YEWW. TéTOS Tou KévTpou w, lov) &v & xUKAos (w) elvai yeuSoopBoyvios wpds Tous (O) xai (O,).
20v) &v & (w) elvar dploydvios mpds Tov (O) xal yeuBoopBoydviog pds Tov (0,). 3ov) &v &
(w) elvan dpBoycovios pds To (O) xal Téuverar yeuboopoywvics utd Tou (O,) kal 4ov) &v &
(@) Téuvn weuBoopBoywviws Tov (O) kal Téuveran yeuboopBoywviws imrd Tou (O,).
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AEEZMH KYKAQN

13. OPIEZMOE.— 'Ovopalopcy ypappikily déopny v kokhov 10 Zovekov 1OV
KOKL@v, ol droiol, @vi 800 TvLovIES, Eyovy TOV avtdv dobivia plikov dEova.

*Eav kUkAos (O,) dvrikn
els piov Béounv, opilopévny
Umd ToU kUkAou (O) kai ToU
pigikou &Eovos (x), yvwpito-
pev 671 6 (x) elvon ké&beTos el
Th Bidkevtpov 00,;. Evreu-
fev TrpokUTTTEL OTI T KEVTPO
SAwvV TGV KUkAwv TR Bé-
ouns keivtan éml ebelas v,
kabétou Emi Tov pifikov &fo-
va. ‘H elBeia y kahelton £o-
Oela 1@V kévipov (Zy. 12).

14. XAPAKTHPILTIKAI TAIOTHTEL.— ©OEQPHMA I.— "Iva xikhov d-
vijkouy eig piav dtopny, npinel kai apkel va Ondpyouv dbo enpeia, T@ dnola va
Eyouv Ty abtiy ddvapty Og mpos EkaoTov 00TV,

Tpéner : ModyuoT, v Umapyouv 8Uo anpeia A kal B (ox. 12), Ta dmoia
Eyouv TV aUThy Blvauv s Tpos BoBévTas kukAous, of kUkAol oUTtol duiikouv
elc piav Béouny. Aldmi 1) ebBeia AB Ba elvan ToTe & pilikos & Evos €€ alTdV peTd
Tivos &AAou EE auTdv.

*Apket @ Tlpdypam, v Bobévtes xUkAor Gvrikouv el piav Séopny, duo Tu-
XovTa anpeic ToU piZikol &Eovos (x) Exouv THV alTnv SuUvauiv G5 TTpoS EKagToV
TAV KUKAWY TOUTWV.

15. OEQPHMA IL.— "Iva dobivies kikhoi, tdv dmoimv t@ kévipa Kelviai
in’ evbziag, avijkouy eig piav dEopny, npinel Kai apkel va dnapyy onpelov, 1o drolov
va Exn Ty abtiy divepy 6 npdg Ekastov todtmy.

Mpéns: TlpdypaTi, éav Bo-

BtvTes KUKAOL EXOUV TA KEVTPA TWV %A
gri ids evbeias v, kal Eav UTapym
onueiov A, Exov THv alTnv duvapv

Trpos Ghous Tous KUKAoUs ToUTOous, D3 8 H @ -
f| k&BeTos &k ToU A Tpds THY EU-

Beiav y elvan & pifikos &wv TdV
KUKAWY TOUTWY, AQpPavopévioy a- p
vé& Buo. *Apa ol kUkAol olTol &vry-
xouv eis piav Séounv.

'Apkei @ Tpdrypary, é&v obévtes kUkAol aviikouv els piav Béopny, T& kévTpa
Twv B4 keivtal ¢’ elBeias y kai Ev Tuyov onpeiov A ToU pifikou Gfovos aiTdv
B Eyn THY adTHY BUvauv G Tpds EkaoTov ToUTwy.

Ty. 13
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EIAH AEZMHZ KYKAQN

16. lov: 'O plkog GEov (X) tépver tov Kokhov O cig 800 ompeia A kai B.
Eis T Trepimreoow TaUTny T& onuelx A xai B 8& Exouv Thv alTnv Suvapy 0
5 Tpds SAous Tous KUKAO IS, Tous Siepyopévous Bia Tédv A xal B. T& kévTpa TGV
KUKAGVY TV Biep Xopivwy
Biatdv A kai B keivtan
T Tfis pecoxkaBéTou y Tou
TunpaTos AB.

‘Avotpogug ¢ T1ag
KUKAog  Bispy dpevos &mrd
T& onpsia A kai B dvrike
gls THY Séouny, B1oTL EYEL,
HETA Tou kUkAou O, s pi-
Qikdy &Lover THv elfeiav X,

‘H Btoun 1) Spilopévn
Umo ToU kUkAou (O) kai
Tiis eUbeiasg x elvon 1O : b~

Vokov  t@dv KUKA@V TOV
Siepyopivoy Sia OV on- Iy. 14
neiov A kai B.

T& onueia A kal B kohoUvTan Pacikd onueia Tijs Béouns xai 1 Séoun ka-
Aeiten Séopn toOv Pacikdy empeiov f| dtopn tepvopivov kikhov, fi Séoun Tou
TpoToL £idove.

Eis v mepimrwow talTny Mav onueiov O, tijc evbeiog y tdOV KEvipov
tival kévpov Evdc kokhov Tije Sfopng, kal £vog povov, £xovrog aktiva O,A.

"E&v BiSeton 1) ditis Ry, Buvdpeda va KaTooKeuaowhey TOV KUKAov O, Tiis
Btouns. To kévtpov O, elvan | Toph THs eWBeias y TGV KévTpeov kad ToU KUKAOU

(A BO) 1

“Ymépyouv BlUo kuxhol Tiis Béauns &xkTivos Ry, &av: Ry > 5 AR
' 1
Efs 8¢ pévov kirhos O, Tiis Bokns, &v: R, = - AB.

Eis Thv TeeuTaiow TauTny TEpiTTROY & KUKACS 0O, oupTTITITEL P& TOV KUKAOV
Biapétpou AB kai koeiTan Pacikds kUkhog TS Béouns.

17. 20v: 'O pilikde GEmv (x) Epantetar Tod KiKkov O eic o A. Eis Thv mrepi-
TTwIw TaUTtny A evbeia OA B4 elvan kdBeTos tri 1OV pigikdy &fova (x). "Apa
N OA & elveu #) evBeia (y) T@V KévTpwv.

To A dviker els ikaaTov Tév kukAwy O, Oy, O, Oy,. .. TS Betauns, B10TL
N Dowy(A)= Dio,r)(A) = Do, r)(A) ... =0.

*Apa Sho1 of kUKAo! Tiis Béouns pdrTovTal els TO A Tou pilikou &Eovos (x).
2 17
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'Avniotpboag : TTas kuxhos (Og) tparrdpevos Tiis (x) els TO A, ExEl pETE TOU
wiihou O Thy evfeiav (x) cos pigikév &Eova. Els Thv mepimrroo TauTny 1) 86
oun 7 Opiloutvn UTd TOU KU-
X Khou (O) xai ToU pifikou &o-
vos. (x) elvar 76 : Lovokov tdv
Kokhov t@dv feparntopivev tiig
(x) gig 10 A.
KoAeiTon 8¢ Béopn ToU dgv-
tépou £idovg 1) déopn Egantopé-
vov KUKA@V.

Mapatipnoig : To onueiov A
(k0khog pndevikog) &rroTeAel pépos
Zx. 15 s 8éouns (O, x).

18. 3ov : 'O pulikog GEmv (X) keTtar £Kk10g tod KOkhov O. Els Thv TepimTwow
tatTny of kUkhol THs Béoung oUBEY Kooy oTpelov Exouv petd Tou &Eovos (x).
“Eoteo H 1) 3p6H poPoAn ToU O &mi Tov &fova (x). “Ymépyer kUKAOS Kév-
Tpou H (kai Evag povov) dpboycdvios Tpds TOV KUkhov (0). ‘O kUkAos oUTos (w)
Exar dxtiva p, TolUTnY QOTE : PP = Dio,ry(H) = HA?Z, dtrou HA 1) tpamrtopévn

Ix. 16

100 (Q), &youévn & ToU H. ‘O kUkAos oUTos (w) elvar Emriong dpboydovios TPos
mévTa xUkhov (O,) Tiis Séouns, 81671 1 Dio,,i,(H) = p2 ToUTo Bnhoi 611 T&Kév-
Tpa TEV kUKAwY THs déouns elvan EEwTepika ampeic Tou kUKAou (w). AnAadi
onuEia TV TPOEKTACEWY TOU TUTHOTOS PP, Tfis elBelas Tdv kévtpowv, Evba
1& P kai P, elvan aof Topal ToU kUkhou (H, p) ki Tiis ebfeias (y) Té@v kévTpov
Th)s Béouns.

Ta onueia ToUta Buvaton va Bewpnfouv dos kUxkAol pmdevikilc axtivos
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dumikovTes els TH BEouny, kahouvTal Be onpeia Tou Poncelet f| opika enpcia TS
Oéouns.

‘H 8éoun altn ovopddeTtan Béoun Tou tpitov &idovs.

'Avtiatpooos : T1av onpeiov O, Tfis e0Belas (y) TV kévTpwy, Kelpevoy EKTOS
ToU Tufuaros PPy, elvan kévTpov Evos kikhou (kal vos povov) dpfoywviou Trpos
TV kukhov (w), ExovTos peta Tou (O) pifixov &Eova (x). Aomi:

Do, ry(H) = Dco,ry(H).

‘H &éopn elvar doouTtws : To abiverov t@v kKOKAOV, TGV onoiwv ta kévipa

kelvran £mi tijs £00siag OH, kai dploywvinv mpog tov kikhov (©).

AZKHZEIZ

82. Eis plav Séouny kUkAwv Urdpyel kUkAos, kal Evas pdvov, SoTis SitpyeTan &mrd Bobiv on-
ueiov M Tou EmiméSou.

83. Ak BoBévTos anueiou M kewpévou ExTdg ToU &Eovos (X) BitpyeTan Evas, kal udvov Evas
KUkAos THs Béopuns (3 TEPITTWOELS).

84. ‘O yewp. ToéMOS TGV ONpEiwY M ToU mimédou, Gv & Adyos TGV Suvdpewy o Tpos Buo
KUKhous (O,) kai (Os) looiTan pds keR, elvan & xinhos Tis Séouns Tiis dpiboutvns Umo T@v (O,)
kai (0,), kal Tol émrofou TO kévTpov Siaipel T Bidxevtpov 0,0, els Tov Sobévra Adyov k. (Au-
pedvnois).

85. ‘Ymdpys dmeipia dploywvic kikAwy mpds ExaoTov THY KUKAWY s Béouns (A,)-
Ol kUkAot offror, dpilouv piav Seutépav Béouny (A), xal ol BUo Btopon (A,) kal (A,) dvopdlov-
Tan dpBoydvior dtopar T ov{LYELS.

86. To cuvohov Tiv dpfoywviny kKiKAwY Trpds Tous KiKAous pids Stoung kUKAwY EpaTrTo-
Htvav els 1o onusiov A, elvan pia &AAn Beoun KUKh@v tpamropévay els TO alitd anuelov A,

87. Afseron dpBoydviov Tplywvov ABI (A = 90") aTaBepou Uyous AH,. Al xopugai B
kel I elvan petaPAnTal. "Ex Tou H, &youev Tas kabérous H,E kai H,Z mpos Tés AB kal Al N& dro-
Beiy B 671 1o Terpdmheupov MBEZ elvan Eyypdyipov els kUkAov kai &T1 ol epryey paupévor KUKAO1
els T& TETPATAEUpa TOUTX &rmroTehouv Béounv.

88. Ta kévrpa Tpidv kUKAwY keivtan e’ ebBelas (X). Toia oyéots TrpEmel v UTapXn ue-
TaEU Ty dxTiveoy Tov Kol T@V dTooTACEWY TEV KEVTpwy Twy, fva olror dmoTtehoUv Séouny ;

89. N& elipedij & yewy. ToTOS o onpeiwv M, 8i& T& dmrola 6 Adyos TGV Suvapedy Twy w5
: "
Tpds Buo kikhous (O, R,) kal (Oy Ry) elvar —-
90. Auo 8pBoydvior kKUKAO! TépvovTan El T& onpeia A, B, "Ayouev THv Kowfv EwTeEpIKiy

tpamrroptuny atrdy MA kal fote My A, 1 rpoPoli) ToU TurfuaTos A il Thy Biakevtpov Tév Buo
KUKAcov, Né &roberydfj 6m1: AB = N4,

91. N& xaraokevaodi) kUkAos kévtpou O (BobévTos) kal &vrikwy els Thv Btouny, THY Spifo-
Hévny a) Aid BUo Pacikév onpeiwv A, B. P) A& Tév dpikdy onpeiwv P xal Py, y) Bi1& ToU on-
Helou Erapiis kal ToU pi5ikol &Sovos (X)), 8) A’ tuds xuKkAou (O,) Tijs Béouns kal ToU pilikou &Eovos
(X) xetptvoy tkrds To kUKAou (O,).
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KE®AAAION II

AZIOIHMEIQTOl KATAIKEYAlI EYOYITPAMMQON
TMHMATQON

19. [IPOBAHMA [. — Aidovras dvo co00ypappa tpijpata o Kai i kai Cnreita
va karaokevaaboby 8o £o0. tpijpata X, ¥, Toladte Oote
gx=p (BI°H "= _td)
Abowe ;. KaTaokeualopsv Opfoycviov Tpiywvov AB pé kabéTous TTAEUPAS
B — o kai TA = p. Eig 10 A &youev TNy kdBetov &mi Thv AB, 1 ool TEpVEL
Tnv Bl €s 10 A.
Oa elvar: p* = a - TA.

A Bl &
s "AMG: BP=ax. "Apa a-TA=a-x,
N e ;
8 L €€ oU : IF'A=x
Fa E
B ‘ - =7 — ‘Opoiws kaTaokeudleTal TO GAAD TUTIHA ¥
X, 17 gk T1is e§100oews (2).

20. TIPOBAHMA I1.— Aidovras 800 £000ypoppu tuipate @ Kai B kol Snjtet-
ci, v katuokevasloy ta ev00ypappa pate X, y, o, towite Hote

s = Vah e B S I
X 3 (H ¥ =Ydp - (2) Kai e i (3)

Avog : Eml eBeios AapPavopsy 8o dpopporra TpnuaTta AB = o kad Al =p.
Mé S1apeTpov TO Tufjpa BN ypdgousy kikhov kévtpou A, "Ayouey ThHv ¢porTopé-
ynv AZ kol Thy ka@etov ZE émi Ty AT Téhog &yopev kai 16 Tpfjpa ZA.

o). O Exwuey SraBoyIxds :

5 P AB+AT—=(AA — AB)+ (AA+ AT)=2.AA, € ol: A= "_+2_P_

AN x C‘_lz“ﬁ “Apa:| AA=x

B'). Elven: ap=AB - Al = AZ2,
&€ o0 : AZ = Vap.

AN ¥ = Vap. "Apa: | AZ=y

v'). Elvan: AE - AA=AZ*=AB - AT=apf 1 AE.u_jrgigp'
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e 2B el e et et Al L D
EE Qu AE*CX—%—ﬁ | E—E T g Al S--—a‘: ﬁ.
: £ 9 o "
Apa R ¢€ o0 : AE =0
Maperipnotg : "Ex Tou oxfpartos (18) Exouev :
5 — 2
AL>AZ>AE @ -‘I%E>1/u;3>a"+,'3I3

AnAadt : O péoog aplbpntikog 8o avisov peyebov elvon peyakitepog ol pé-
sou yempetpikol abtdv Kai 0dtog peyahiTepog Tob pécov appovikol avt@v.

21. [IPOBAHMA IIl.— Na kataokevaslfi tetpayovov icodivapov mpog do-
0év dpboy@viov 1 npog Sobiv mapaklnioypappov i mpog do0iv tpiyovov.
Aberg : "Edv x elvon 1) Aeupd ToU LnToupévou TeTporycvouy, P kad v 1) Paois
xai T6 Uyos ToU dpfoywviou f ToU TapaAAnAoypéupou fi ToU Tprywvou, Ba
Eywuev duTioTolyws T&S OXETELS
xt = Pu Bk TO Spboywviov kol TO TapaAAnASypaupov

| P

Kol - TyE= 5 v B 1O Tpiywvov.

OUTess dvarydueba els THY Tponyoupévnv kaTaokeunv (2).

AZKHZEIZ
92, Aifeton el9Uypappov TRiHT & xed & BeTikSs &pBuds k. ZnTeiTan var karaokevaadi) eub.
Thfiua x, ToweiTov doTe x = a [k .

93. AiSovran T& elBuypoupa TefipaTa o, B, y xal InTeiTan vé kaTaoxeuaodi) elf. Tufjua
X» TOlOUTOV DTTE

3 i S e
-2t b X A2l :
) x=f@FPp, D x=1p. 3 x=15FF H F=otw
1 ] 1 l " = T —————— ’l_"' . r_;-'_ —
% E - T v 6) x=VYorr IP=y, 7 x=Vax|ptr
94. AiSovtar T& eUSUYpaBHE THAMATE &), ..., Oy Ko InTeiTan va kaTaokeuaodi) evd.

Tufjux x, ToloUTov doTe :
1 1 1 1

e i gl B Bl
X a, a, &
95. AfSovrar Té eUB. TRANATE & &y, - - -0 &,y Kl EnTeElTan v& karaokevaofolv T evl,
TungaTa X, ¥, @, ¢, OOTE:
1 1 1 1 1 e |
Sl s ORI S
Y S a a ) . a o @y
1 1 1 1 1 1 i 1 1 1
e SR e M ] = 4) — ==t — i —
) w aTu,+u, st +c:.H-.l ) ?® - Sl - aan n,i vl
fvla oUBiy uepikov &poroua elven unbév.
21
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22. TIPOBAHMA IV.— Ni koatackevaadij dpBoyaviov igodUvapoy mpoc te-
tpaymvov nhevpas P, kai tod oroiov ai mhevpai va Exouvy @0porapa doBiv evb. Tpii-
pa a.

Aberg: "Av x, y elvan ai mheupad ToU {nToupévou opioywvioy, fa Exwuev

K Tag EEiowoErs ¢
X4+y=« | (i)
xy= g2l

Mt SirdpeTpov TO Tuijua AB = «
YPEPOUEY TIHIKUKALOV.
*Ayopev rapdAAniov O, mpog
Thv eUfeiav AB xal el dmdoTaow B
&’ aUTiis. AUTn Tépvel TOV kUKAoV Els
& onuela [, [,
*Ayopev Ty 'Z x&feTov &mi THv AB. To Tufipa AZ = x kai 10 ZB =y,
Mpé&ynaTi, & TOU OXMUATOS EXOUEV :
_\-.i_yf:AZﬂ:-ZBfAB:ot, AZ:xl
Kai xy= AZ ~ZB = [ 72 = HBP — @2 ] ¥
o

To mpdPAnua éxer Aow, &v OK>=HO 1 5 =B & a=2p.

‘Yrohoyiopdg 1@V X, ¥ ¢ *Ex rou dpfoywviou Tprycvou OZIN éxopev :

2 2 _ 4[R2 .
Oznzorz_rzzzi‘: _Bg; a 3 ﬂ HEE 0Z - _;7"“;__"3:.
*Apa :
x = AZ = AO + oz——-%—f—lz Jor — 4P sl a+ Ja—4p
2
1 - I
i 7Bi— BB —DZ = St i ]fa-:__‘”a_- _— Yot 4p*
E 2 2 ¥ = p)

A& va Umrdpyouv Ta x kal ¥, TpEmel af —4pt > 0. €o0: a = 2B

Inpeioeg : A drahogfis Tou ¥ ik 1oV EEioGoewy Tou ouaThuaTos (1) Acupavopev Ty
tEiowow :
x*—ax + P = 0.

Al pifen TaTns eivan al mhAevpal X, y ToU LnToupsvou dploywviov.
‘Egappoyn: Na xaraokevacoiy ai pisal OV ES1I00ELOV
lov: x*—8x+15=0, | Jov: x*—( 3+ ¥2)x + V6 =0,
Zov: x®—10x +24=0, | dov: =2+ PBx+213=0 }

23. [IPOBAHMA V. — Na kataokevacdij opboyovioy icodbvapov rpos tetpa-
yovov mhevpas P, kai 10D oroiov ai nhevpai va Exouy duagopay dobiv e000Ypappoy

THijpa a.
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Aborg : "Av x, y(x > y) elvan oi BiaoTaoes Tou {nTouptvou dpboywviov,
alTon B elval pilal ToU cUCTHUATOS.
X—y=a

xy=p? =

Mt BidpeTpov TO Tufipax AB = a ypagopev kUkAov.
Els 1o A &youev Thv tpamrtouévny Al =B Tou kixAou
ToUTou. "Ayouev Téhos ThHv TO, A dmrola Téuvel TOV KUKAOV
gls T& onusiac A kol Z. O& elvan ¢

x—v=FZ—~TA=A—AB=lc
K |3- =TA:=TZ .- TA= xy.
"Apa: FZ=x xal TA=y.
Te : g : ; E Zy. 20
& TpoPATpa ExEl TTAVTOTE AUTIV
‘Yroloyopds tov X, y. EkToU dpboywviou Tprycvou AOT Exopev
at a? + 4p* 3 N ;R
s G 4= AT e MRy I alls O Yaz 1 ape.
KaT' dxooubiav :
e (e D i = -’2_ fa& T4 + 5 o “"‘J‘;‘_ﬂ‘_‘ﬁi,
e g =1 ARt M
y=ra=ro-08=— |+ 4 -+ ,-14‘“T_V:‘T.4E

Enucioog : "Av yivn dradoiph Tou ¥ petall Tdv tEiochoewy Tou ouaThuatos (I1), Tpo-
xUTrTEr 7). Efigwons
xt—ax—fp =0,

Tis dmolas al plZen elvan al iagTdoes Tou InTouptvou épBoywviou.
EDAPMOIH : Na kataokevacboly ai pilar tdv ifiohotov :

lov: x*—6x—40=0, Jov: x*—(2—15)x—2715=0,
2v: x2—-Tx—14=0, dov: x2—(4—72)x—4J2=0

24. TIPOBAHMA VI (Xpucfis Topfis 1).—Aobiv eDB0ypappov tpfjpe AB —=a
va Suanpedi cic pécov Kai likpov Adyov, fitor £ig dbo pépn, Gv 10 Ev va eivar péoov
avikoyov tod dobévrog tuipatog kai toll dhlov pépovs.

Aboig : *Eotw AB = a 16 Bobév 0. Tufjpa kai " 16 onueiov Tijs Biaupioews.

e S

(1) "0 8poc «Xpuvad topns Evepavioln 10 nphrov 10 frog 1835 xabog avapéper & M. Ohm eig oxenxov
Epyov tou, 'Ano to Erog 1871 yivera yphoig xal 1ol Gpou «GUVEXNG Sraipeoign.
A "H yeaperpixi xaraoxeun The dlaiptucnms s00. nuatog eig pégov xai dxpov hoyov #rtOn Omd 190 Eb-
KAElOOU,

‘0 Bpog «elc pégov xai xpov hoyows avapépetul kel mé tod Gremona (1114-1187) elg tyv On” abrod
HETG@pugw thv «Iroizeiwy ol Edkieidous

‘O Novara Oswpel thv Bwipeow tavtny 6F GE100abpuoTOV YEWUETPIKTY Kataoxkcuny xal anapuitnrov
Boinua S1a thy xutaoxeuhy @Y Kavovix@v rOAuESpOY.

'O Luea Pacioli Gvépeosy abtyv Ocikiv avaloyiav.

Mokiol metebouy il Exouv thy bmovolay dt i «Xpuoh voufs ouvavriral tig 10 odpa tob avlpanov xai
oy Loav, elg toug khaboug xul ta gulka @V bEvBpav, Gihol b6 Ocwpoly tabtny @f «Bacixdv Soypa MPEIETNTOSH
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"Av 166 Al = x, ToTe B elvon TB = a— x. Od& pémy

a

X % v
=——__. #Eo0:
X a-—-x §

X(a+4Xx)=a?

AB Al
‘Al TB

().

f

‘H (1) BnAot 71 16 &yvwoTov Tuiua X elvan 1) HIKpoTépa TGV TTAEUPESY opfic-
ywviou igoduvauou Tpds TETPpdywvov TAeUpds o, Tou &mofou ai TAeupal Sio-

PEPOUY KaTA Q.

TTpos ToUTo €is TO
dxpov B ToU TpfuaTos
AB  UyouUpev kdfetov

- a v
Tufiua BO = 5 kal &
koAoUBws ypapopey ToOV

Iy. 21 &

' a »
KUKAov (O, 2—) A-
youey Tnv evfeiav AQ,
7] OTroia Tépver TOV KU-
khov els T& onueic A

kai E. [pépouev Téhos Tous kUkAous (A,AA) kai (A,AE), of dmoiol opidouy émi

ToU AB T& onueia I kai [, dvTioToiyws.

T& onpeia [ kai [ elvan 1& EnTolpsva. TMpaypaTi, &k ToU (ox. 21) Exopev :

AB2— AE.AA —(AA + AE).AA—
=(Al' + AB)-Al'= A2+ AB-Al
fi Al?— AB:-AB-Alr=AB(AB—-AMN= | f
= AB.-TB

AB AT

AN T B
To Al elven 1o pikpotepov Tufjua.

s
=

AB®= AA.AE=(AE-AE).AE=
= (AT, ~AB)AT, — Al — AB AT,
Al = AB-AT, -+ AB2 =
= AB(AT,+-AB) = AB.T,B
AB T,A
A B
To A elvan 16 peyahibtepov Tufjuc.

MapaTnpoupey Aorrov 611 Umrapyouv SUo onueia I kad [y &mi Tou TufpaTos
AB, T& omoia Bicipolv alTd s péoov kal dxpov Adyov, T& I kai I
"Yrokoyiopdg t@v Al kai AT, "Ex ToU dpfoywviou Tprycvou ABO EXOHEY :

AO! — AB! 4 BO* — of -+ %’ - f’:’., B o¥: AO — _'_’.‘_;5_
“Apa: AT = AA = AO — OA = “—;5 —% = i;- (5-1) AT _‘; (F=1
_—
kai A = AE = AO + OF = "-2‘!5 o -;— = -%(}’§+1) FA= ~'-2’— (s +1)
Inueioog @ Al piZar tijs (1) elvan :
n=5 (5= i x=—2(5+1)
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"Av T AT kai AT, Bewpnbolv g TpoTavaToAlouiva TUfuaT, TOTE |
A_F: g(vg—]): X, Kkai ﬂqli—mz‘—(—kg):f\gzg( VB—"F‘ 1)
Kai TéTE poévov 1o I &pudle els THy AVgw

25. JIPOBAHMA VIIL.— Na vl ypaguky tnilvol; v Eismocoy ;
1. xt—ox*+ Pi=0o, 3 xifexi—pi=y,
2. xt—ax!—pi=0, 4. X4 4 atx? 4 B — .
e o wai p Bedopiva evBiypappa tuipara.

Abaig: A x* = By, of Sofeioen efigdoeg HETaoynpaTifovTtar efs Tés :

a’ at

1. )"—F}'+B’=0, 3. .‘"+T."*B’=0,
o B ol L, at

2. Poar=P=2, 4, &y +g ¥+ B=o

"Ek ToUreov ) (4) Exer pilas pryabikds.
"EmAvopey YPagIkdds T&s UmoAoimous TpEls. "Eorw Thv

a!
Yi——=—y+p=0. 4
) R p €5

"Epyaldneda s 675 : Kataokevddopey Spboydviov Tpiywvov AlB ut kabéTous TAeupds
Al = o xai B = B. Eis to A Uyolpev T ké&SeToy Eri THv AB, 1 dmrola Téuver Thv BT els T on-
Helov A, ©4& elven :

2 a*
u*:p_raﬁ lA:T

Mé BiapeTpov A Yp&popev fipiku-
Khov INA. Els &mdoraoiv P &mo thv BA
Syopey TapdAAndov mpos THY A, fiTis
Tél-iVE'L ToV fpikukAov els T anueiov Z. 'Ex
TOU Z &yopev Ty kdbetov ZE dmi Ty B
& Ta TpfpeTta TE kal EA elve piGo
s (1,

Qv TE.- EA = E2: = po

Kl TE4 AE= ra:%'_
‘Emi Tfis AT AapPdvopsy Tpfiua Fx. 29 N

EZ = B. Mi Siaptrpous Ta TU-

EF xai AD Ypdpouev fukbkAous. Els 16 © Uyolpev kéBetov i Thv AF, fiTis Tépver Tov
KAov el td A, ‘H EZ Téuvel ToV BeUtepov fpikukAov els 7o H. B& elvan TOPQ :

Eo _
Horrgy
f]uixu

EH* = EA . E®@ =EA - B = x?, £€ ol : X = 4 EH

Sl EA*=E@ . EF =B . ET = Py = x*, #€ ob:

Kat* dudhoyov Tpétrov yiveran kal N KATAOKEUT) TGV piidv TdV Urooimwy tE1owoEwy

) kai (3)
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x&Betov i T BN, Téuvouoav Tov NulkukAov els T6 onueiov O, *Ayopev Tds OB,
Or kai i s OF AauPévopey 16 Tpfiua OZ = a.
"Ex ToU Z dyopev T Trapdiiniov ZE mpds Ty BIN, Téuvoucav Tas OB
xai ©A efs T& onusio E kad H dvmioTofyws. To OF elvan 16 InroUpevoy Tpfipa x.
"An6derdis : "Ex ToU &pBoywviou Tprydvou OFZ EXOMEV :
{OE) SSEH , (S]] EH

L | e A
axas EH _BA  u e . x pit
ANA& W A Apa ik e t€ ol: OE=x.
AZKHZIEIZ

107. N& karaokevaotij moAlywvov duotov mpos Bobiv moAUywvov P kal looBivapov mpos
&Ao Sobiv ToAUxwvov P,.

108. N& karaokeuaoi ToAUywvov duoiov Tpos Sobiy ToAUywvov, tls TpdTov doTe &
Adyos Téw EuPabiv Tev va loolTal Tpés Tov Adyov 8Uo Sobévreov elB. TunpdTwy | Kkai v.

109. N& xaraokevachi moAlywvov Suotov PO BUo &AAa Spota oAUy wva Kai IcoBlvapow
TROs T6 &bporoua fi THY Sixgopay TéY SobivTwv.

110. Eis 5obiv Tpiycwvov ABI va tyypag TETpdywvov.

111. Els Sobév [oémrAeupov Tpiycvov ABI TAeUpdEs a va By ypagf) TETpdywvov Kal vé Uro-
Aoyiobi 1o tuPadov Tou ouvapTroEr ToU .

112. Na& dmwodeixdij 611 16 péyiorov TeTpdycovov, Té Sroiov EyypéeeTat els Sodiv Tpiywvov
eluey Exeivo, ToU dmrolou f) TAeupd KefTan Erri TS HikpoTépas TAEUpES ToU Tpiyvou.

113. Els tpiywvov ABT va &yypagi popPos, ToU bmofou f) kopugh v elvar Sobiv onueiov
A Tfis mheupas BT,

114, Els 5od%vta kukhikdy Topéx v tyypagi] TeTpdywvov, Tou dmoiou Suo Kopugal v
RevTon drl rod TéEou Tod Topéws.

115. Els Bobiv kukhikdy Tufipa vé tyypagfi TeETpdywvoy.

_ 116. Els 8o3%v Tpiywvov ABI va Eyypagf] dpboydviov, duotov Tpds dAko Sobiv Spoydovioy,
UTeos Gore uia &mo Tas peyaAuTépas TAEUPAS alToU var keiTan Errl Tis peyaAuTépas TAEUpdES
o0 Torydovou.
ok 117. Els 5o8évra fuikukhov (O, R) vatyypagf dpBoydviov, Suoiov pods &AAo Bobiv dpbo-

Wuioy,

. 118 Na Ypagf] kUkAos, Biepxdpevos S1& Sobévros ampeiou A kal tpamropevos Suo Bobeioidv
ey (x) kal (y).
119. Els 508¢v Tplycwvov ABI va Eyypagi] dpfoydviov, Tol dmroiov al BiaoTdoers va Exouv
Oua fi Srapopdv A.
120. Na B1a1pebf] Tparréfiov ABTA els Tpla pépn dvddoya TV dpiBudv A, p, v, Bid Buo
OV TapadAilev Tpds Tas PacEs alTol.

121. *Opoiws €l o uepn Gudhoya wpos Tas Baoers, &1’ edBelag TapaAAfiiou mpos Tas Pé-

&GF’O:

t0fe
e,

a 122, N& Bioupeti] TpaméZiov els 5Uo Spoia Tpamébie, 81" elbBeias mapadAfAoy wpds Tés Pé-
€15 Tou,

B, 123. Tpiywvov ABT va Brapedi] els péoov kal Gxpov Adyov, Bt” elBeias TapaAArioy PO Tdg
e Tou.

124, N& kataoxeuaodij loookehis Tplywvov ik TG lowy mheupdv Tou Kal Tou dfpoiopaTos
R Bﬁvemq kal ToU Uyous Tou.
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TO TIPOBAHMA TOY ATTOAAQNIOY (1)

125.— T& yevikdv mpéPAnua Tol *AroAAwviou elvan :

Na ypapi] KOKAOG EQAMTONEVOS TPV dobéviay kKOKLOV.

H tragh Suvarar v elvan bowTepixi fi E§wTepikn. Eis THv mpodTnY TEPITTWOW TapIoTdd-
wev ToUs kUkAous Si1& tév (A), (B), (M) kal els Thv Beutépav Bid Tév (o), B (-

Auvarran 8¢ Tis va Bewprion Tas mopévas OKTG poppas AVgewy, TAS :

(A), (B (1) A B) )
D (A) @) M 2D A @) (D 3] @ B) () kel 4) (@) B) )
(@), (B), (M (e, B (M

Mpdypar, duws, UTdpyouv Tégoapes povoy G1agopot kaTaokeuai® Ewadh 1) (1) opdas dvm-
oToyel els Tpeis E§wTepikds Emagds, fkaoTov pEAos 1y (2) kai (3) els 8Uo EfwTepikds kal plav
towTepikv T) BUo EowTepikas kal piov EEcoTepikiv kai 1) (4) opas el TESs EowTepIKaS Eragds.

Enp.: Al kT AUgeis GuTioToryoUv dva BUo s $ETs ¢

{ (A), (B), (N } { (A) (B), () ] { (A), (B (M) } { (e), (B), (M) }

@, @) " L@ @ M L@ @ 0] LA, @) o]

Eidikai nepintwaoelg : Els ) mepioooTepol kUKAoL BUvavTal vé dvTikaraoTafoly Utrd onpeiwy,
dpoU v onueiov SuvaTa v& BecopnBi) KUKAOS pE GKTIVG unBeviknv. "Apa Suvdpeba va Exwuev Sia-
Boyikdds :

1) Auvo kUxhous kal év anpelov, 2) "Eva kUkAov kal 8Uo onpeia, 3) Tpix anueia.

Els i mepioodTepor kUkhol BuvavTal va dvrikaractabolv 81° elbeidy, kabBéoov pic eUdeia
BUvaral va BecopnBi s kikAos WE GkTiva ameipws peydAny. “Apa Buvdpefa va Exwpev 1 4) Ao
kixAous kal plav ebielay, 5) Eva kUxkAov Kal BUo eUBelas, 6) Tpeis elBeias.

Auvapeda Téhos va Bewprigwuey kal Tous dxohoufous guvBuaouous : 1) "Eva kikAov, Ev on-
pelov kol pia evBeiav, 8) Avo onpeix xal piav edbeiav. 9) "Ev onpeiov kai &lo elBeias.

‘H yeviks) TrepiTTots TGV TPIGY KUKAWY Kkal tk&otn T elbikddv SivavTal
V& Trapoucidoouy Biapopous TolkiAias, avodyws THs Béoews TEY Sedopévay.

IMPOBAHMA I.— Na ypagpij k0khog, 6 dnolog va diépyetar and tpia dedopéva
onueia A, B xai I'.

‘H AUols TouTou elvan yvwoTh) &md Thy Trponyouuévny TaEIv.

IMPOBAHMA II.— Na xataokevaosdi] kOklog, 6 dnolog va épantetar tpudv
so0cro@v evbeardv (x), (¥) kai (2).

Kai TouTtou 1) AUais elval yvwaoTr. ‘ATAGS dvagépopev 6T1 UTrapyxouy técod-
peg hooelg, Stav al ebfeicn TépvwvTon dva Buo, dbe hbozig, dTav al Suo eUBeict
elvon TapdAAniol kal Tépveovtan Umo Tis Tpitns kai obdepia Avois, STav al
eubeicn elvon TapdAAnAct.

(1) "Axolii@viog. Eivar & tpitog éx t@v peyakov Malnuatikdv the "Akelavbpivilg Eroyfic. "Evevvin elé
Mépynv tig Mapguhiag, 8" & xai Mepyatos éxinBn. ‘O exohaotic Evtokiog avapéper Oti Einoev émi g £n0°
yfic tob Pugiriéwg Mrokeuaiov tod Edepyérou (247 - 222 nX.). To peyaliTepoyv WEPOS TV GUYYPAMPGT@Y TOU ane”
Aéaln. 'Avagépovial @ ouyYpugivia in' avrob ta xatwbh Epya.

1) «Adyov anotopin, 2) «Xwpiov arotounns, 3) «Awwpiopévn topim, 4) «Eravai», 5) «Neboegs, 6) «Enl*
reBol tonow, 7) «Mepi koyxhioun, 8) «Iept ovykpicews tob dwdckutépov kai cikooatdpour, 9) «llepl ardxrwy A0
ywve, 10) «’Qxutdxiovs, dnk. pE0odog OLUVIONELOEWG rovonkdv npafewy, 11) « H xa0olkov npaypateian, Beperie”
aig i Nempctpixis Ematnung, 12) «llepi tod ruplour, nepafohixa katontpa Suvapeva va impépouy avapheb’’
13) Ebyypuppa dotpovouikdy pn dwowlbév, 14) «Kavikays, ei¢ 8 Bifkic. Eivar 1o xopov Epyov tod *Anorhaviot
1o brolov tob rpoogenopioey aliavatov 865av
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IMMPOBAHMA III.— Na kataokevasli] kiklog, 6 droiog va Suépyetar and oo
dedopéva aonpeia A kai B kai va fpantetan Go0ciong cdbeiag (x).

Yroderlig : Edpete 16 OUHUHETPIKOY ToU B, 16 B, s Trpos THv (x). ‘H AB
Téwer Ty (x) els To T, "Av A elvar 1O onueiov émapfis, ToTe < AAB, — 1800 —
* ATCA KA. TO mpdPAnua Exer dio rieeig fy piav 7 oddepiay, dvaddyws Tiis Bé-
O8ws Tév onpeiwv A, B ds pds THY x):

ITPOBAHMA 1V.— Na kataokevasli) kiklog, 6 drolog vi SiEpyetan ano do-

v anpsiov A xai va Epartetar 800 dobeiodv e0letdv (x) Kai (¥).

Yrodeilig : "Av ol (x) kai (¥) Téwwvra, TéTE €lpeTe TO SUUHETPIKOY Ag
TOU A ¢ Tpos THV BixoTopov t TS yevias Tév (x) xad (y). "Avaydpeda els TO
TPOBANua 11 Ao hoogig. "Av ai (x) kai (y) elven TapdAANACL, TETE EyouEy Té-
A 50 Lbeeig.

NMPOBAHMA V.— Na kataokevaslij kOkiog, Siepydpevos and dvo dedoptva
®Nieia A kai B xai tpantopevos Sobévrog kikiov (O, R).

. Yrédulig : Mpdyoarte TuxovTa KUKAOY BiepySuevov Bi1& Tév A, B, Téuvovta
TOV (0) els 1o I, A. Ai TA, AB TépvovTan eis 1o | Dépate Tas EpammToptvas (M,
M, 05 (O). Tote: [ )

IME=IMi=TT . 1A =& . 1B, sAm.

To mpdBAnpa £xel dvo ) piav Ao,

IIPOBAHMA VI.— Na TPapil kikkog, Sizpyopevoc i 600ivtog onpeiov

Kl Epantopevog Sobéviog kikhov (0, R) xai d0Bziong evbeiag (x).

~ Yrédaikic : “Eore (@) & EnToupevos kUKkAos, EpaTrTéuevos Tolu (O)els o T
Kai T (X) efs 16 B. *H Bl Tépver oV (O) €s 10 A, *H AO TéUVEl KaBETs THY
(X)' &s 16 Z. "Av E 1o QUTIBIOHETPIKOY ToU A, T TeTpdmAevpov ZEMB elven gy-

Payipoy, “Apa :

! E@»ﬂ\:A—r-tﬂB=lﬁ-ﬂ:ct,-=»A@:cbplo'uévou
Mo g A Toun ToU (w) kal Tfs e0Beias AA kAT,

O TpdPANUa Exel téasapag AUELS.

[IPOBAHMA VIL.— Na ypagi} kdkhog, diepyopevog Sua dobivrog enpsiov

kai étparrtéuz\'o.; 800 dobiviwv kikkov (K, R) kai (A, p); Evba R > p.

5 .Yﬂﬁﬁalﬁlq :"Av B, I t& onpeia tmagfis, 1y Bl Tépver Thy KA els &v dpropévov

Eu“c’“ &md 16 Smrolov SikpyeTan ) EEwTepikn tpatrTopévn AE Tév (K) kad (A).

TeTpémAeupoy BAET elvon &yypdapiuo €fs kiihov, e -
i SA fAl = 5B <5 =R fE, = ZA, = dpiopévoy,
W
S 1 Topf Tol kUkAou (O) kal Tfis ebbeias ZA KA.

C"Trpc'sﬁ?\nua Gvayetan els 7O TPOPANpa V kad Exel tégoapag &v yéver Aoelg.
TMPOBAHMA VIIIL— Na TPuQi) KUKLOS, EQantopevog dio 50Bsio@my eDlaiGy

),
)km (¥) kai dobivrog xikiov (K, R).
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“Yrodergig : EUpeTe TO guupeTpikdy K, ToU KEvTpoU K s Trpds Tas BIXOTOHOUS
6V ywviddy Tev eUbeiddv (X) kai (Y), ke dvoy8iiTe glg T& TpOPAnua V. TO Tpo*
PAnUC ExXEL, v yével, Okt LOoGELS.

[IPOBAHMA IX.—Na kataokevacli kOkhoG, tgantopevog dobeiong goleiad
(X) kai 800 dobiviwv kokhav (K, R) kai (A, p).

“Yrodertrg : "Eqv R > p, & kUKAOS (O, x+p) BrtpxeTal &md 16 N kal EQETITE
ran ToU Kinchou (K, KA = R—p) kol Tis (X,), TapaAAniAoy Tfis (X) elg &mwooTe
ow p, KA. To mpéPAnux Eel, &v ytvel, 0KTd Lbogrs.

MPOBAHMA X.— Na ypaoi KOKLOG, EQATTOPEVOS TPLAY sobiviov KokhOY
(K, R)), (A, R,) xai (M, R,).

‘Yrodergrg : “Eav R,<R;<Ry, o1e drukhos (0, x4 Ry) 8& BIEpYETA &mo
16 K xod 84 tpdarteTon TGV KUKAWY (AAH =Ry —Ry), (M,M@=R;—R;) ™

Ardx Tpels KUKAOUS EEWTEPIKGDS ANV Kol pE KEVTPO uty Kefpeve &1 euBeios
gTépyouv oKt dragopot AUoEls ToU TPOPATHATOS.

A& Tpeis KUKACUS EEcoTepikdds GANHACY kel pb kévTpa Ketpeva €T euBeios
Umrépyouy OKTd AOOELS, cuppeTpikal dva Buo Trpds THY BIGKEVTPOV.

A& TpETS KUKAOUS, e Téov dmolwv ol Buo (K), (N\) TéuvovTan xal & TpiTd
M elvan 2EwTepikos aTéY, Urépyouv TECTEPES AboELg pOVOV.

A tous (K), (N) EEwoTepikids SAAAA@Y, GAN EowTepikoUs o0 (M), ot A
oels elval TETapES, Lt EoWTEPIKTY ¢rragnv THs M TIAVTOTE HETA TTS InToupévné

Ak Tous (K), (A\) Tepvouevous xal towTepikoUs Tiis (M), UTrapxowv oo M
GELG.
Ta dveTépm UmodaydivTa elvon Emrapki] Tpos BlamioTWoW THs pey T
rroikiMas TéV Syewy Evos SeBopévou TTPOPATLGTOS. O& fduvaTo B¢ TIs V' ér)(eﬂ
kol elg TTOAAGS GAACS {B1opoppias, tv EmedUpel v T fetdon S wdoQV B
Tafv TGV SeBoptveov oUTOU.

ATKHZEIZ

126. N& ypagi] KUkhos EQUUTTOUEVOS towTepikds TPIGV 10wV KUKAWY. ‘Opolws éq:mrréilew
LEWTEPIKGS PGV Towy KUKAWV.

127. N& ypapil KUKAOS, EpaTTTOHEVOS EEoTepIks TpIGY BobivTwv KukAwv, Gv ol BUo e’
oo
128. Né ypopij kiKACS, BIEpYOUEVOS 51&x BodévTos onpelou A, Exwv TO kEvTpov TOV gt 8
Befong eudetas (X) kol EQOTITOMEVOS Soleions evbeias (Y) i BobévTos kKUKAOU (0. R).

129. Né karaokevaod Tplywvov ABI #x Tév groiyeleov Tov o, P+ ¥ = A kal TS b4
vias (o W)

130. N& karaokeuaddi Tplywvov ABT iU o, Uy, W K= A :

131. N& ypogi] KUKAOS Eywv TO KEVTPOV TOV &l Bobeions eubelas (X) xal tpaTrTopEvos &
kukhaov (K, R), (A p)- .

132, N& ypaghi kixhos, tparrropevos Godelons e0Belas (X) xai Sobévros kukhou (A g
By v BE TO KEVTpOV TOU ¢rl Bodeions evdeias (Y) A trrl GoBévros kuxou (K, p).

133. N& ypogi] kUxhos &rroxémrTey &d Tpels BobévTas kUKAoUS yopbas Toas PSS 7
Bebopdva €U0, TUnHaTA A, B V- 1
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134. N& koraokevaodfi Tpiywvov ABI ek Tév «, v, B4+ y = A
135. Na& épio8ij onpeiov A bl Sobeions evbeias (X)), oUrws doTe Td &Bpoiopa 1@V Eparrto-
Hivaaw Ty dyoptveoy € alimol Tpds BYo kUkous (O, R) kal (Oy, R,) v elven A.
. 136. "Eml BoBelons evdetas (X) va elpebij onueiov I, TooUTov HaoTe 1O &bporopa (Siagopd)
TWV drooTdoedoy Tou & Blo Beboptva onpeia A, B vd elvon foov pds Bobiv eUd. Tufjpa A.
137. Né& xaTaokevactij Tpiywvor ABI ik Tév atorxelwy Tou 1) a+ y, P + v, T kal 2)
%V yiB=p:v
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KE®AAAION III

AIATEMNOYXAI KAl IAIOTHTEX AYTQON

27. "Opropoi. — Mia ebbeia elvan SuvaTov vé.t TPV TS TTAEUPAS EVds TIOAUY -
vou f) kal Tas TROEKTATES TRV TAeUp&Y cTOU f) MEPIKES HOVOV TOUTWY kal T&S
TrpoekTéoEls TAV &Ahwv. OUTws 1) ed-
Bt xy (ox. 24) Téuvel Tas TAeUpds
BI, EA ToU moAiuydvou ABMAE kal
T&S TPOEKTATELS TGV &AAwvY. ‘H eUfeia
xy kohelTan Satépvovsa ToU TTOAU-
yvou ToUToU.
Toé kowodv onpeiov SiaTepvouons
kai TTAeUpds Tvos aUTou Opilel Buo
3y, 24 &UTIoTPOPOUS Adyous Toufis Tpds TU
&xpa TS TAEUpds TaUTNS.
"Ew &v omueiov Topfis TAeupds Bl (oX. 24) elvon EowTepikdy THs TAEUPES
TaUTns, ©i Adyorl:

kad —— Elvon apvmuikoi.

HB Wl
HF HB

A TO onpeiov Z THs TPIEKTATEWS Ths Theupds AB oi Adyor :
_EEV Kal TZ__A— elvon Betikoi.
ZA ZB

‘Opilopev s BeTiKNY GOPaV Biaypagfis TS ToAuywvikiis ypauuiis TV
ABTAE. ..

Awgdoyukol Aoyor.— Ao ii neprocotepor hoyor topfic omlopevor Do T
kowdv anueiov datepvodeng kol tdv Thevpdv molvyhvou Aéyoviar Sradoyuxol
dv 1| mponyovpév ypapy Exkdstov hoyov (At ToU TpTou) mepatobtar gig T
KopuQTV. £ig TNV omoiav nepatoitar & Emdpevog 10D mponyoupivon hoyou.

28. QEQPHMA TOY MENEAAOY (H).—Eav e0Beio x tépvy tag mheopd
BT, T'A, AB kata ta onpeio A, By, ', avrietoiyws, va anodery0i) 6t :

AB Bl A

AT BA TB

(1) Mevikaog (80 w.X.). "Exdnv MabBnuatikog Lhoag év'Akelavbpeig. "Avexaluye nhelotag lSotnrag v
sempikdy tprydvey xai Edogev G Muua 10 Oepehiddes Bedpnua thg Oewpiag T@v Satepvolicdv.
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'An6deigig 1 'Ex Tou [ &youev v mapdhAniov mpos Thv BA, ) dmoia Té-
uvel THY X els TO onueiov A.
"Ex T&v dpolwv Tprywvwy ABlM, ATA kal IB,A, ABIM, 6& Exwuev &vTi-

oToiywWs : i
AE-B-. = BD ¢}
A rA

sttrvr Bl sl B shongy
BIAT AT

Aix  ToAAaTAQoIGopoU
KaTd pEAn Tév (1) kal (2),
Exopsy ;

= = £ o
Al (1 :
Ay BA TIB

Inp.: To Becypnua loyver kad Stav ) Siaméwvousa x elvon TapdAAnios
Tpos Ty Bl

29. OEQPHMA (avriotpogov).— Eav éni tév nhevpdv BT, TA, AB tpryd@von
ABT drapyovv avricroiyog ta onpeia Ay, By, I'), towabra date va ninpodtan 4
ooty

AB Bl A _
Al BA TB
T0te 10 onpeia A, By, ) Ba keivian & evbeiac.

'Anodeitig ¢ Kard 16 dEicopar ToU Pasch, 10 &v 1év onuelwv A}, B, T, 8&
Keltan ¢l Tfis TwpoekTdoEws Ths GvTioTolxou TAeupds A kal Ta Tpia. ‘H edbeia
AB, Thuver Thy AB s o Iy, “Apa kaT& TO Trpomyoumevoy Bewpnua Bk Excopey :

AB Bl TA _
AT - Bsh B

"Ex tdv (1) ke (2) EmeTen 671

ég oU ; T = A i ——= = e f
R r.B B
A TB=T,B *Apax I =T, kol 7& onueia A;, By, I} xelvran ¢’ edBeics.
3 33

Wnepiomotr|Onke amé 1o lvotirouto EknmaiSeuikrg MoAmkng



Mapatipnois : ‘H oxtois (1) duvaton v& ypagf kai dxs €67 :

AF BA TB _

AB BT A

AnAaBr E&oTn KopueT) TOU TpLyvoy, 1 Srrola evplokeTan gls Tov &piBunTHv
fuds Aoyou, elpiokeTon Ko els TOV TrapovopacThy Evds &AAou Adyou.

30. 'Epappoyn Na anodery0f 6t ol modEG

500 EOOIEPIKOY SIEOTOP®Y TPLYOVOL
kai O moug tig tpitng EEwrEpIkiig
Syzotopov keivrar &n’ ebBeiag.
‘Anodertig : “Eotwoav o, B, Y
T& PAKT TEOV TAEUPSY TOU TPIywVoU
ABT. Karé T6 fecopnpa Tijs BioTouoy
ywvias Tprywvou, Ba Eywpey :

AB G s )
AF N
A __B
B
; AB é’E_Lﬁ_il_.i(_£=1_€£=l
g AF BA T8 F (-7 (%) = e

Kat' dxohouBiav T& anpeia Ay, By, Ty kelvTa g’ eUBeias.

Enpeioorg: 'Eav p =Y, +ore ) B,

elvan TrapdAAnAos mpds T Bl kal To A, dpavileTen
els 0 &meipov.

31. @EQPHMA tob Ceva*.—Eni 10D gmunédov £vog tpry@von ABL Beopodpey
v onuetov L. Al eBeion AL, BE, T tépvouy tag mhevpas BI', I'A, AB avriotoiywg
eic @ onpeia Ay, By, Iy Na anodery 0 ot :

AB BE TA__ i q
Al BA I,B

A OB

o,
. 27

'An6seitig ¢ "Ex Tév B kal [ &youev Tés Tapahiiious pds Ty AA, of-
Tives Téuvouv Tas [T, kai BB, dvTigToiyws elg T& onueia A kai E.

ME_EB B IECTA B
AF 3SE' BA AI B BA
* 'lrakog Mulnuarixog
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Aia TToMaTTAGCINOHOU TOUTWY KT péAn AauPdvopev :

Ly LA, 2B Aﬁlﬁﬁ_g‘_r—ﬁi BA

& "B IE 1A% BN EECBAT BT

32. GEQPHMA (avtiotpogov).—'Eav éni 1@v nhevpdv BI, TA, AB tpiydvon
ABT brapyovv avrigroiyws ta enpeia A, By, '), towadta dore :

_— e == p— » 1
Al BA TIB o
va arodeiy0f 6t ai edbeio AA |, BB, I'T'; Siépyoviar 81a tob adrod enpeiov.
'Anodeibig ¢ Al edfeion BB, xai T Tépvovton els Bv onuciov Z. “EoTw 611 1
AZ Téuver Th BT els 16 onueiov A, Kard 16 TrponyoUpevoy Bedpnua B Excouey :
AB Bl TA

= —_— e m—— =1 2
A BiA TR @
"Ex tédv (1) kol (2) EmeTon 611 :
AB_AB . AB+AT ABLAT . B W
Al AT AT AT Y e

€ ol: AT=A[T. "Apx A,=A, xal kat’ drohouBiov i elBeion AA,, BB,
Ty Bitpyovran B1& ToU arrol onpefou Z.

Mapatipnmg : To Sedvpnua ol Ceva elvan dAnbis xad dTav al edfeicn AA,, BB,, IT, elvar
Tap&AAnior.

*Arbdeitig ¢ "Ex ToU TrapamAeUpws oxTinaTos Exouer :

: BI A LA,
_— = Kol — = ——
B, A, Iy B
80y Blug B8 o TR o AL
BA r.B B,A .B
&€ o : BB Bl I s @) Sx. 28

"Avastpogos : "Eav al ebfelan AA, kal BB, elvon mapdAAnior, ToTe ik ol I dyopev Thv
TopdhAnioy Tpds THY AA,, 1 émola Tépver ThHY BA els TO onpeiov I, O Exwpev :

AB BT TA

Ll el

T A

A A : 2 .
7 &mroiy cuyKpvoptvn Trpos ThY (3) Bibe : ’___ié_ = —I—__¥_- kal 1y dmola &nioi &m TO
1 L

My =T,. “Apa al edeic AA,, BB,, I'T, elvar mapdAinhon.

33. 'Eg appoyi—Na arodaybfy om ai towtepikai diyotopor tprydvov Sibpyovrar
a tol avrod anuciov.
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‘Anodatig. “Eotwooy o, B, Y T& piKn TGV TrAeupddv ToU Tprydvou ABI. Kord 16 fecopnua
Tfis BryoTdpou ywvias Tprycvoy, B Exeouey :

B o . Bl & - &b B A
BT, oHE LUERET 0 TR
xal kT’ droAoubiav
- 20 JIKR, 5% B 5 I
AB B,l rA yap A, a
s le A T L PR e 5 o9
Al BA TB Pre X

*Apa al towTepikal BixoTowo! Tprywvou BitpyovTal 51& ToU aUTol onueiov 1.

ATKHZIEIZ

138, Na &mwodery8i 6T f Sikpecos Tpomeliou SiyoTouel tkattpav Sixyuiov alTou.

139. N& &moBey 7 &1 ol wodes TV EEcoTepIKEY BIYXOTOUWY TGV ywviddv Tpryvou KeivTal
t’ eUbelas.

140, N& &modeayfii ém1 al Bidpesol TraTds Tpiyvou Sitpyovtar Bia Tou aUTou onueiov,

141. Alo tEwTepikal SiyoTopot Tprydvou Kal # TpiTn EowTepikh BifpyovTan &i1& TolU avTou
onueiov.

142, T& Oyn TavTds Tpiydvou SiépyovTal §1& ToU auTou anpeiou.

143, Al Trheupal ToU 8pBixoU Tprycvoy £vos Tprycvou ABIT Téuvouy Tag drévowvT TAEUPAS
00 ABT &ls Tpla onueie, T& dmrola KEVTal i’ edBeias. *AkoloUBws va dmobeiydi) &1 N ebeia
o0 Buler ToU Tprycvou ABT elvan ké&BeTos i THY tv Adyw eUBeiav.

144%. Ev%eta X Thuver T&s TAEUPAS 8r, FA, AB Tprydvou ABF els T& onueia A, By, Ty &vTi-
atolyws. 'Edv Ay, By Ty elvan T& ouppeTpika T&V Ay By, Ty &5 Tpds TO pécov Tév Bl FA, AB
&vTioToiyws, V& &robery 07 8Ti T& onuela A,, By, [ xeivron &1 eUBeias.

145. Tpiycvov ABI elval tyyeypauptvov els xUKAOY 0. Al tpamrrdpevan Tod kUkAou elg T&
anueia A, B, [ Téuvouv & Theupds B, TA, AB €ls & onpeia A, By, M. N& &modery8f) 11 TadTa
keivran £ eUBeias.

146. N& &mobel€nTe 1o Becdopnua o0 Simson ut Thy PofBeiav ToU BewpripaTos ToU Me-
veAdou.

147, T& péoa Tév Biaywvicov tudg TATpous TETpaTTAEUpoU KelvTa Er’ e0Beias.

148. Al mheupal BF, TA, AB Tpiydvou ABT EpamrovTal ToU Eyyeypaupévou KUKAOU &vTi-
aTolyews els T& onuela Ay, By, Ty N& &mobeiydij 6T ol evBeicn AA,, BB,, T, SitpyovTal 51 TOU
adrou onueiov (Gergonne).

149. ‘O Trapeyyeypanuévos kUxAos els THv yeviay A Tprydvou ABI épdrrreTan 1@V TAEUPEY
BT, FA, AB els T& onueia L, Iy, li. N& &moBeiy8fj 671 ol ebBelcn AlL, BI, TI, Biépxovren Biax ToU
atrou onueiou (Gergonne).

150. Ol Trapeyyeypaunévor KUxkAor els Tas yewvios A, B, [ Tprydvou ABT épamrrovtat TGV
. N& dmoBeixd7j &1 al eddei Al,, BI, 1, Bip-

e

maeupdv Bl A, AB €els T& onuela e B 1

yovTtan 81& Tou atrrol onuelou N (Nigel).
151, *Evros Tprycvou ABP Becopolpey TUX SV anueiov P. Al eufeion AP, BP, TP TEpVOUV TES
mheupds BI, TA, AB els & onueia A, By, [ dvmigToiyws. N& &moderydij & :
PA _BA  TA
_— e T "
PA, B,l r,B

152. N& yivn épappoyn TS oxéoews TauTns, STav To P elvan 1o kévtpov ToU tyyeypoupés
vou kUkAou elg TO Tpiywvov ABT # & dpBékevtpov H fi To xévTpov O Tou Trepryey papuévoy k-
KAov.
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153. EU8ela mapdAAnios wpds THY mAeupdv BT Tpiydivou ABI Téuver Tas AB kol AT dvti-
oToixws els T& onueia B, M. N& &mwobeaybfj 6T al eUbeian Bl kai B’ Tépvovran Eml Tiis Bia-
utoou AO, Tol Tprydvou ABT.

154. AiBovtan BUo Tplywva ABIM xad A'B'T'. "Edv al elBesion AA", BB', ' Téuvwvron elg
Ev onpeiov Z, va dmodeyBij 61 T& onpeia:

P=BrNBT, K=TANIA’, A=ABNA'B
KevTan &’ ebfelas kal dvrioTpdpws. (Bewpnua ToU Desargues).

155. "Emri Tév kabérwv mAeupdv AB kal Al épioywviou Tprydvou ABIM kaTagkeudiopey
EEwTepIkdds aUTol T TeTpdywva ABAE, ATZZ. Né& dmoberydij 61 ol edfeian [A kai BE Téuvovtan
&l ToU Gyous AH,.

156. AoBévtos ToAuywvou, m.Y. taydvou ABMAEZ kal ds evelag X, 1 dmofa Téuver Tds
Theupds AB, BT, TA, AE, EZ, ZA dvrioToixws &ls T& onueia o, B, y, B, & &, v& dmobeydij 6i:

L L il el e <
C R o7 - O
To &vriorpogov &iv loyler
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KE®AAAION IV
FINOMENON AYO NAEYPQON TPIFQNOY

34. OEQPHMA I.— To ywopevov 800 mhevpdv tpryd@vou icodtar npog 1o
yivopevov tijg dwapitpov tod TEPLYEYPAppPEVOD KO-
khov Emi 10 Uyog, 10 dnolov dvuiatoryel &ig tiv tpi-
v nhevpay avtod.

"Anoderlic : "Eotw ABI Tpiywvov dyyeypap-
pévov els TOV kUkhov O. “Ayopev T Uyos AR,
v Bidpetpov AZ kai Thy yopdnv ZI. T &pbo-
yovia Tpiywva AAB xai ATZ fyouv Tds Eyye-
ypapuévas ywvias B kai Z foas.

Zx. 30
. Al AZ .}3__(_2& el 3
L e L e €€ oU: By=2R.v, | (1)
*Oupolws épyalduevol, EUpiokopey : ye=2R.u, | (2)

af =2R - v, | (3)
AZKHZE|Z
157. Els tpiywvov ABI vé dmoBeiyfolv al loobuvapio :
lov: A=90° <= By = m,,
2ov: @>P>yY = yupan,

158. Tpiywvov ABT elvan tyyeypapptvov els kikhov O. Ay o0 A &youev Tuxouoav Yop-
&hv AE kol Becopolpev Thy ouppeTpikiy ebleiav Tiis AE bg mpds Ty BixoTdpov Ax Tiis towTepikiig
ywvias A ToU Tprycvou ABT, 7 émola Téuver Thv BI els 16 ©. N& &rroBeryBi &T1:

By = AE - AB.
159. ’Eav |, I', I, 1" elvan T& xévTpa T@V KUKAwy, by yeypaputvou kal TopeyyEYPaKuEveY
els Tds ywvias A, B, [ Tou Tprycvou ABI dvrioroiyes, v dmobeiyBolv ol oytoers :
Yoz By = Al - Al', yx= Bl'. BI”, af = Fl. [

2v: By =Al" A", ya=BI". B, op=[l.[]"

35. OEQPHMA I1.— Al 811016]101 AAI = 81 (éUC\)TEleﬁ) xai AA, = dl (é&w—
Tepikt)) Tiig yoviag A tprydvov ABI' (oxainvol) tépvouy v nhevpav BI eig td
onpeia A, kai A, aviotoiywe. Na aroderybij dmu :

Py=581+AB - Al
kad Py=AB . ATl -,
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a) ‘H Sixoropos AA; TERVEl TOV TEpLyeypappévoy kikAov els Td onusiov E
Kal 1) eEwTepikn) AA, TOV Tépver els T6 ©. "Ayopey Tds xop8ds EIM kai 0.

Ta tplycova ABA kad AET Exouv Tas ywvias els 1o A { lccrs kad TGS Eyyeypau-
HEvas B kai E foos. Apcx

AB AA, . Y 5

FET o L RE TR
i By=AE - §,= (5,+ AE) 8, =
=8 +AE -8 =5+AB AT
nTon ;

Br =8+ AB . AT 1)

Ty. 31 £

_ B) TaTpiywva ABA, xai AGT
EXowv Tds ywvias el 0 A foas kol Tas ywvios B xai © ioas. "Apa:

AB AAy = Y dy

AT AR LA g
i Py=A0 . d,= (A@—dy) dy=A0d, - di = A;B - A

firor : Py =A;B - AL —di @)

36. ‘Yrohoyiopdg tiig 8, Ivwpilopev 61
AB - AT ABLAT a = ay ap
——=-1 _ 1 A , &€ olU: AJB= kol AT =
e R Bry PEv e -
"Evexa TolUtwv 1 aytois (1) yivetan
ofy BYTP tyr—el] .

8i=Py—AB.Al=py— E+v)?E B+
B Ak D it s oL
(P

"Eav 5t Tedff o+ P4y =27, B& Ewuev:
Bty—a=2(r—a), y+a—Pp=2(r—B) a+B—y=2(T_ y), &wére:

2 Py-21:2(1—0) _ Pyr(t—2) 5
e B e

"Eaw 8§, §,, §; KAnBoUv T& prxkn TV tgwTepIKAY BiYoToUWY TGV ywwiby
TPrydovou, B Exoopev :

o Pl v G
E— ——— Vpyt(r=—u) ﬁas—:{—jjlv”f“‘(‘_ﬁ) 8y=— mvaﬁf(t—"ﬂ

By
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37. “Yrohoyiopds tiig d,. Mvepllopey o1 B
AL _AB_ [Af=AB

ap e Y
g ™ 8P =p oy

O tEol: A=

P Y B—yl B~y
kol Ko dkohoubiov ) (2) yiveta

By [c—(B—Y)*]_ By(a+P-y)(o=B+Y)_

2|
fm BB APy =P Py

®-r)* (Bt By
_ Py-2¢—v)-2 (-p) _ 4By(—R)(—Y)
(G B
E€ o0 xai kat dvehoyiow
— 2 — 2 ey TS0
d,= \—B% Ver(e—p) (=) [do= | Vya(r—1)(t—0) | 5= la—p| Vap(z—a)(z—P)
ATKHZEIZ

160. Ta urkn TéV TAEUPEY Tprycovou ABI dlvar : a = 25, B = 40, y = 45. N& Umohoy1-
ooy T& phKn T@Y ETWTEPIKGY ko EETEpIKDV B1Y0TOHWY QUTOU.

161, ‘Opoicws &v efvan : @ = 12, p =16 y=20.

162. N& Umrohoyiodalv T& BiKn T ETWTEPIKDY BIXOTOHWY TGV ywvidy loomAeUpou TpI-

ydvou ABIT TAeupds a.
163. T ufxn TV TAEUpOV tprycvou ABI elvan: a= 300, p = 288 kal y = 84. N&

Umrohoyio8i f B, xal d, TOUTGV.

164. Méds ouvbéovten al mhsupal Evds Tpryhvou ABT, els To 6molovelvan : &, = E%T* ;

165. 'Eav 5, elvon 7 EowTepIKn BiyoTouos AA, Tprydvou ABT, va eupeli) 0 avq},mi;(-‘di
Ikav owvBfkn Tva AAl = 4AB - AT,

166. "Av AA, elvan | E§wTEPIKD BiyoTopos Tis yovias A Tprydvou ABF, v& &mobery8i 1
AoYyIKT looBuvapia

AAy=BA, 4= @=PpP-Y: ¥ B>

167. "Av AA, elvan | towTepik BixoTéuos TS yovias A Tpiydvou ABT, v& &rroBeiy6f

1) Aoyixn looSuvapia :
AA,=AB = E=pE+ 7).

168. SuvapThoe TV KabéTwy mheupdv P, y dpboywviou Tprydvou ABT, va UtroAoytofou?
al BiyoTéuot B, kal dy Tiis ywvias A.

169. Eis Tplywvov ABI va &mrobery 87 AoyloTikds 671 :

a=p=y <+ B =08=38
170. Els tplycvov ABI loyUer tkarépuabey f looBuvapia :
P=y <= dy = dy;
171. Els wav Tplywvov ABI v& &mrobeydij 61 :
4pryr = (B + V) + (B—y)-d.

172. 'Eml Tis bowTepikiis SiyoTouou Tis ywvias A Tprydvou ABI Bewpoiuev Suo onuel
A, Z, vowdra Gote: AD = AZt = B - y. Na&moBey®i 8T 1o Tempamicupov BZIA elvan &f
ypayiuov els KUKAOV.

173. Tigs ouvdtovtal ol mheupal tvds Tprycvou ABT, els 16 dmoiov elvan : 8, = d, ;

174. Na kataokevacdi Tpiycwvoy ABI & tév a, A xal AAL = BA, . AT,
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175. ‘Opolews tk TV vy, §,, Py = k.

176. ‘Opolwg & Té@v vy, B — T = w xal Py = k*.

177. ‘Opolws &k Tév A, a kal Py = k%

178. MetaPAnTol Tprycovou ABI #) kopugh A elvan oraBepd, f ywvia A = @ Bobeioa kal
By = k2. "Eav 4 xopugh B ypdon Sofisioav euBelav fi kixAov, va elpedij & yecopeTpikds ToOS TiS
xopugfis I

OEQPHMATA TQN AIAMEZQN TPIFQNQN

38. ‘Yroloyiopdg t@v Sapfowv tpry@vov guvaptijoel tdv mhevpdv adrod.
MveopiZopev 811 el 8y Tplycvov ABI elvean A
2

a
B+ 12 =2 + 5

B2 v U] \ iy g
4o =23 + 5 M

L B Hy Ay = g
o+ =2 +5 Sy, 32 )

AnAaBf: To dbporopa 1@V teTpaydvev d0o mhevpdv tprydvov icobrar mpog
0 dinhaciov ol tetpaydvon tiis tepteyopévng Srapécon, ndEnuévov kata 1o fjpov
ol tetpaydvov tijg tpitng mhevpds avrod.

"Emrions elvan yveoTow 6T1:

p2— 7y =2a - AH. B>y 2)

AnAabr): ‘H Sagopa t@V tETpay@vev dbo mhevpdv Tprydvov isoltar npdg 16
Simhasiov tijg tpityg nhevplc Eni Ty mpoPoriv tijc dvrioteixov Swapéoov ini
TadTny.

*Ex 16w oytoswv (1) Aaupdvopey :

RPN, ST 1. o ; IR s,
= VIE T =0, k=5 V2@ T, m=VI@ -1

Tevikevowg tob Bewpiparog 1@y Saptowy : "Ex Tig kopugfis A &yopev TuyoUoow evlelav
Téwovgav THv Bl els 7o A. *Ayouev Thy AZ | Bl xoi 8évopev AB = x, Al =y, AA = B. "Ex
Tou (o). 32a) Exouev :

Pr=08+4 y* 4+ 2y - AZ

bl Pix = x5 + xy* + 2xy : &Z (1
Emions: y*= & + x!—2x - AZ
bl yy'= yb* + x'y —2xy - AZ (2)
o * Ex Tédv (1) xai (2) AauPavouev :
=5~ =5 ———= B + y'y = xb' + yb* + xy?' + xly =
E - =(x+ y)8 + (x + y)xy = ab' + axy
£ 32a fiTon : P’x + ¥’y = ad® + axy (¢))]
"Edv 18 A keltan &proTepd Tou B fi Befia Tou T, 6 Exwpev dvTioTolyws :
—p'x + 7'y = ad — axy @
fix — y'y = ad® — axy 3
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'Eav 4 x'x elvan mpogavaTohiguévn evlela, xéreal (1), (2), (3) ovyxwvebovtan els THY
oxtow :
MA? . B 4 MB? . FA + MI?* . AB+ Bl - TA- AB =10
kal ovopdleTan OXEOIS Tou Stewart.
Baoer Tiig oxéoEws TOU Stewart UmohoyfoaTe Tas Siopéoous, Ta Uy, Tas Sixotduous Tpi-
ywvou ABI guvapTHoEl TGV TAEUpOY aUToU.

AZKHZEIZ

179. Els tpiywvov ABT elvar a = 8, B =10, y=12. N& UmoAoyicholv T& phjkn TEV
Sroaptowy TOU TPy VoY TOUTO.
180. ‘Opoics, drav elvan @ a = 10, p=8, y=6
181. Eis Tpiywvov ABI va &mobeyfouv Aoy1oTikés al looBuvaplon :
1) P=y <> m=u xa 2) a=P=Y <= W= =

182. Els wav tpiywvov ABT v& &mrodex8i 611 :
T e 3) W = o (a4 e
Y B2 S T e Tl Gl
s ' 3 ; 5 '
2) IJ‘I =+ e = Ti=ferny (at + P2+ %) 4) (p*— YY) ) + (y'— Cx*)u: b (u,_ﬁ,)ul: 0.
183. Els Tplywvov ABI vé& &moberyBouv Aoy1oTIKGS al looBuvapulan :
1) A=90“-=b-2u1=(! xal 2) A=90°‘="“’+B=+Y'=8u'.
184. Elg wav Tplywvov ABI va &moBey67) 611t '
1) 3(at+ B+ y) =4+ vt )
2) 4Zuu =3Tap
185. Aibetan et Tufipa AB = a oTaBepov Béoer kal ueyebel kal InTeitan & yewp. TdTos TGV
onueiwv M, i Té& dmroia:
1) MA?®+ MB* = k* kal 2) | MA*—MB2| = 2,
fva k, A Bebopéva elBUypanua Tpfuara f &pidpol TpaypaTixof.
186. AiSetan TapahAnidypapuov ABTA xai InTeltat & yewp. Témos Tév anuelwy M, 518
<& dmola: MA? + MB? + MI™* + MA? = AL .
187. AiBeten Tplywvov ABI kol ZnTeiTan & yewy. TOMWOs T@Y onuelwv M, B
, B T it
loyuer # lodng: MAT + MB! + MI* = . & T& Gwo
188. AlSetan TeTpéamheupov ABFA kal fnreitan & yewp. TéTTOS TR e
smoic :  MA? 4 MB? + M + MA? = k2, v onueicov M, Bia T
189. Aisetan Tplywvov ABI (A = 90°) xal {nTelTen & yey. Témos T8 )
<& dmola: MBt 4 MM =2 - MAL s T&v onuelov M, Bt
190. A[Se-rf'.n KUKAOS xlql tv onueiov Z bvds auol oTadepdv. Tepl 1o Z orploeron Spbi Y&
vl figs “AEUPT Téuvouv TV KUKAOY els T& onuela A kal B. 1ov) N eUped & yewy. Témos Téw ub
aav T@v xopd@v AB. 2013 O yewp. TéTOS THs Xopugfis A ToU dpboywviou AZBA kal 3ov) €
YEWY. TOTrOS v TpoPoA&v Tou Z &l Tas yopbas AB.
191. AiBetan Tpiywvov ABT kal InTeitan & yewu. Témwos Tdv { 5
51 T& dmoia: MB?! + MM = 2MAL onuelwv M Tou dmmédou Tov
192, AiSetan kukhos (O, R) kal onpeiov A oraBepév. "Ev anueiov B Siarypéger Tov kUKAD

(0). Els 1o B &yeTan toarrToptvn ToU kUkAou (O), Tepvoptvn UTd TH &
AB els 6 onueiov M. N& elpedi) & yewp. Tétos ToU onuelou M. Tis peookadtTou TolU TufpaTd
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193. AiSovran BUo kikhor (O, R) xail (O, R,) kal peraPAnTdv onuelov M. Ayopev Tas
fpamrTopévas MA, MB Tév kUkAwv kal {nTeitar & yewp. Toémos TAVY onueicov M, Sia Ta dmoia :
MA? — MB? = A2,

194. Aietan xixAos (O, R) kal onuelov A otaBepév. Mepl 16 O orpépeTan Si&petpos BOF.
N& elpebfj & yewp. TéTos TGV KévTpwy TV KikAwy ABI.

195. Tprycvou ABI # mheupd Bl = & mopauéver otadepd, fy & Siagopd AB— Al = &
oTafepa peydn. “H xddetos els 1o B émi Ty AB Téuvel THv towTepiknv Sixotéuov Tig ywvias A
ToU Tprydvou ABT els Td onueiov M. Na elpedi) & yewp. Tomos Tou M.

196. N& koTaokeuaadij Tpiywvov ABI &k Tév oToiyelwy Tou.

1) o A B4+ y=2A 5) q uy, PPoyrt=

2) o u,pr+y'=n 6) o v, PPoyt=ut

D aqu, PPt yr=>2 7) a P yr=2 Proyt=
4) o A PP— =1 8) o B =0 pr—yr= .

Y¥H KAl EMBAAON TPIFQNOY

39. ‘Yrohoyiopdg tdv Oy@v tpry@vev. “EoTwoov o, B, y T& prkn TV
TAsupéy Tprywvou ABIM, AH;=u; &v T®v Uydv Tou kal foTw émions B < 90°
fi B> 900 ©&elven :

P2=a? + y?—2a- BH,;
gls Ty TpcaTny TepiTTwoty, Kal
= a?+ y24 2a- BH,
els THv Seutépav TepiTTTWaIV.
Ex Tév oytotwy TOUT®V

1

(e
AcuPévopey B Hy @
S| ~2__R2 Ix. 33
BH, — 4 Lgn_“_ )

*Ex ToU dpBoywviou Tprydvou AH,B Exouev SiaBoy ks :
(2 +y*—PBY) _ daly'—(oP+y'-pOr _
4o ) 4o 3

Vi=y'—BH} =Y'—

1
7 4*1; 2oy -+ o+ y*—p) Qay—a—y*+8%) = 5 (et y)*—P? [B*~(a—y)?] =
24%2 @+ y+B)aty—B) B+a—V)B-aty) =
4
3 4%. 27.2(1—p) - 2(1—y)-2(—) = —y T (1= D(T = B) (*—¥),
£ ob = 2 ViE=a) =B =)

‘O TUmros olrros dgeiheTan els Tov "EAAnva MafnuaTikov kai Quoikov "Hpuwva
(Tfis *AheEavBpiviis Emoxiis).
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A& kuKAikdis Eveharyfis Tév o B, Y eUpiokopey

b 2 ViE—DE—P =

%:%Wu—wﬁ-mﬁ—ﬂ )

03:%vm(—“z—y>

'Eppadov tod tprydvon ABT. *Eyouev :

E= é—a-ulz-lz— a- %VT (1—a) (T—PB) (t—Yy) , tfoU:

E=Vi(—0) — =1 )

‘O TUmos (4) dpeihetan els TV "Hpowver.
Civopevoy 1@V TAELPGY TPLYDVOL ABI'. “Eyopev :

2E 4RE -
By=2R-u,=2R-—g:T, &€ ol : apy = 4E-R 3)

‘0 TUmos (3), Suvaue ToU (4) Bider
afy
BR=— B 5
4Vic—a)c—PB(—7) ©)
‘Egapporii: 'Edv T& prkn T8V TAeupdv Tptywvoy ABF elvar: a= 20, p = 16, y = 12,

vé UroroyioBolv T& Iyn Tov, TO tuPabov Tou kal fi R.
‘Opolas, &v o= 8, p = 10, y = 12.

AZKHZIEIZ

197. Els tplycwvov ABI va &moberyBolv AoyroTikdds al loobuvapian :
lov: P=Yy <> Y=V, kal 20: Aa=P=Y 4= U ==V,
198. Els Tplycvov ABI va dmobeydi) &mi:
1 1

lov: (u‘+u'+u‘)(ull+'u_,+'ﬁ)ﬂ(G+B+Y)(%+%+%)-

Jov: 4E = V2P + 2ytat + 2a'pP —at — Bl —yt,
199. Né& (mrorayodij 1o tupabov Tpameliou ouvapTioel TGV TAeupdY Tou a, B, Y, &
200. N& Uohoyio8ii T dupabov Tprydvou ABI ouvapTrge: T@dv Biapéowy .,.oul U 4 Har W
201. ‘Ouolws ouvapThioe! TGOV UWdv Tou. BN
202. Els Tpiywvov AET va &modeyij f loobuvania:
A=B=T <= u+u+u=3EV3
203. 'Edv Z, elvan T kévtpov Papous Tprycvou ABM kal Ra, Ra, R GV KV
' 1 1 dneri
oy Z,BT, ZoTA, ZyAB, v &mroBeiy®ij &m it Sl B 0l RTINS N WS
h-Ra _ m-Rg "w-Ry

a ﬁ Y
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204. 'Edw & byyeypaupbvos kUkAos els Tplywvov ABT épamreran Tdv mhAeupdv BI, A, AB
dvTioToiyws els T& onueia A,, B, I, va Umohoyiofolv T& Tunuara AA,, BB,, I'T, ouvaptnoa
T&V TAeupdY Tou Tprywvou ABI.

Té abé, &v T& A, B, I, elvan dvTioToiyws Ta onpela dragfis TGOV Tapey yey pRUBEV@V KU-
¥Awv Tou Tprydvoy ABI. (YmoBeafis: Kapete XpTiow Tiis oxEoecws Tou Stewart).

40, "Eppuddv tprydvov cuvaptioel T@v mhevpdv tov kai tiig dktiveg p
ol Eyyeypoppévov KUKAOL.

*Edv | elven 16 kévtpov ToU éyyeypapuévou kukhou els 1o Tpiywvov ABI
xad dyfouv ai 1A, IB, IT, B& éxwpey
E = (IBM) + (IFA) -+ (IAB)

1 1 1
=5 o+ zPpt+5YP

1 1
S5 BrRty] e &R

SN e 1
gy l_El:I (4 Tx. 35

AnhoBr: To ippadov navedg tpry@vou icolitar Tpog 0 Yivopevoy tijg fumept-
HETPOL Tov Eni Tiv GKTiva TOD EYYEYPERPEVOL KOKAOU.

‘Yrokoyiopog tig p. "Ex Tol TUmou (1) Aappavouey :

E Vi@-o@-P—y) _ V(T =)=t =)
E RN s

T

p=

v C—C—hcE—7 @)
=¥ =T %

41. "Eppadov tpry@vou suvaptiigel tdv mhevpdv Kal 1@V axtivov py, py, pg.
*Edw dyBolv ol I'A, I'B, I'T, B Exwpev :
E = (ITA) + ('AB) — (I'B)
1 1 1
=B g TR 9P

= % (J3+y—clf)P.= -% »2(T—a)py

i =(T—a)p
kol B1a kukAikAs évadAanydis, 8& elvan :
E=(t—a)p, = (t—Pp=(—7)p; (1)
Zy. 36
"Ex té&v TUmeov (1) xed ToU Tumou E = Tp, AapPavopey :
E' =1 (t—a) (T—B) (T—Y) PPiPsPs= E'PPiPsPs
€ ol E=Vppip:bs @

45
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“Yrohoyiguos 1@V py, Pu Py Ex TV TUTWVY (1) elkdAws eUplokouey Tous TUTTOUS :

TP _)/re=ne-9o _)e=9e-h | @
AZTKHFEELE

205. Els Tpiywvov ABI even: a = 13, p =14, y=15 Naimchoyiodi f p.
206. Els Tpiywvov ABI evar: a= 17, p= 10, y = 21. N& Umchoyicloiv al dxtives

Pir Pz Pa:

207. Els Tpiywvov ABI evan: E =96, py = 8, py = 12, py = 24. Na Umchoyicfolv of

mhevpal a, B, ¥ ToU TpIywVoU TOUTOU. o
208. Els maw Tplywvov ABT va &mrobery 87 6Tt :

1 ﬁY+yniuﬂ=T’+p!+4RP 14_=L “—L.i: ,lﬂ
2, ol + pr4 y*=21"—2p"—8Rp PL™ MRy UV Dy Ps
; ‘ 1 1 1
2, p:Pz*PePa+PIPI:T' 15.F+;+;+_'=
4. Py = ppr T PaPs 1 s P,
5. ya= ... =4(L+L+ﬁ)
6. a|3 — U: U‘l u:
7. (pr+ o) (P + pa) (Ps T p,) = 4RT _ 2pps T
. 16, v, = , , Uy = Uy =
8. (p—p) (pa— ) (ps—p) = 4Rp PzzT Pa
9. pi+ptp=4RTP VT = BB ey s
3 o 3 i o 1 16 R? Pr—P
o -* 1 =
10. « p Y p.sF Rl By 18 yiui+_tl_§+u[ Ut g
11, a(pp,+pups) =B(ppatpsp) =Y (PPsTP:P2) =¥ % T
= P - Y -y , y—a«  a—p
— = o T Y 19. b e 5 sl B =
g pi(p: + Ps) pa(ps + P1) pa(py + P2) Py P2 0 Ps 0
13 L+L__]4=_E:i+i+~L 20. (—S—+E-+J_)(_G—T‘-BT‘YV)___4_
TP P Pa Bag Y L Vs P1 P2 Ps/\PL T P2 T Pa
209, Eis wav 6pfoydviov Tpiywvov ABT va &mobdeiy8i) 611 :
1. a+B+y=p+pt 0t Pu 2, @+ P+ yt=ptt el o el
210. Els Tpiywvov ABI va &moberyBouv al icobuvapion :
A< 900 { DI e PPL = Pupy
a<pst+ps ptp=a
. A=90" <= PP = @
PPy > PaPa at 4+ pr r — 8R?
A>0900 { <= p*+ ¥
a>>p,t+ P Pr=p+ptp
241. Eis wav Tplycvov ABI va amoberyfi) 611 :
1. ap, + Bpa+ ¥ps =27 (2R —p) 3. o+ (p: ) = 4R (p, — p)
2. aip, + Pipy + VP = 4T (R -0 4. a=2Ypp, PB=2Vop. =2 ya

N T (p+y)ep _ 9Py _ PPL(Pe—ps)
) pi— P Pt P p: T Pa p—y
e AR
o p-tmlete) | AfBe o |fBR-nte
< Re==p. PP
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212, Eis tpiywvov ABI vé &moBeiyBolv al iooduvanian :
. P=y <= o= 4ppu 2. a=Pp=y <« a'=dpp

213, 'Eav |, I, 1, ' elvan T& kévTpa TEOV KUKAWY, by yeypauuévou Kal Tapey ey papuévawy
els Tpiywvov ABI, va &moBery 87 6 :

) T X 5 a- AR+ P Br‘")'-rlﬂ—— «By,
b Al = B 4r= A B I =R
2. Al'= T By, 7. 1A BB [T dRea
& i 8 "< I = 16Rp,
3 = ?'FTB_YG’)' 9. 1I"=4R (p;—p),
o L !
4. Al = Py —4Rp, 10 (P + Ps)

214. 'Eav H, O, K, M lvar 16 dpBokevTpov Tprywvou ABT, T kévTpov Tol mrepryeypaupévoy
KUKkAou, To kévTpov Papous Kal Tuydv anpeiov Tou émmébou TOoU Tpryvou, va &mobeixBn 6Ti:
- o : Q’)
i Tipiaiee S0 S9teil),
4E
2. HA + p, = HB + p, = HI + p,, &v ABI &fuycviov
3. HA? = HB: + HI? = 12R*— (a* + B*+ ¥*), 4. OH! = 9R*— (o + P 4 y2),
1

% DR =Rt (et - RRRCH 6. HK*=4R!'—4(a® + '+ y*),

7. MA? £ MB? + MI* = 3MK? + 33- (a8 + B+ yY),

- \ VRIS 2
Gv A< 90° kol HA? = i(L4E =Y a A 900

8. MA?! 4+ MBt + M = 3MK® + KA® + KB? + KI?,
o, KAt+ KB+ KM= 3 (@ + B+ ).

215, 'Eav A, E, Z elvan TuxovTo onpeia ¢mi Tédv wheupdov B, TA, AB dvmioroiyws Tou TPI-
Y@vou ABT, va &moberxfij 611 :
(AEZ) _ (AZ)-(BA)- (FE) + (AE) - (I'4) (BZ).
(ABM) T apy
216. 'Edv o kal o4 elvan T& duBadd TéY Tpryvay, T dirola Exouv kopugds T onuela tra-

Pis T kUKAwY tyyeypaupévou kai Trapeyyeypappévou els Ty yewviav A Tprycveu ABT, va dmo-
Beixdf &mi;

.E kol 2. oOx= E.

P i
15 o= —E_R_ 2R .
217. "Eav A, M, N kad A,, My, N, elvan T& onpeia tragfis ToU Eyyeypaputvou Kal TV Ta-
PEYYeYpaupévey kikhwy gls Tpiywvoy ABI peTa Tdv mAeup®dvy Bl, TA, AB tpiycovou ABT, v&

dm—oﬁaxﬂrj &ti: (AMN) = (A\M:N,).

AZIOSHMEIQTOI FEQMETPIKOI TOTIOI

42, TIPOBAHMA I.— Aidetar e080ypappov tpfijpa AB=a otabepov Bioer xai
REYEDeL, kai Inreitan 0 Y. Tonos 1@V cmu»:iwv M 100 tminédov, Sra 1a dnola
loyber i) oyémg :

: p - MAZ 4 v. MB*=k*

— M
Eva , v, Sobévieg apibpoi kai k dobiv 0. tpfipa.

- s S
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*Avaivetg : “Eotew AB = a T Bobiv eUf. Tpfiua kai M TO onueiov Tou Emi-
réSou, ToloUTOV (OOTE :

W MAZ4v - MB2= k% (@)
"Errl ToU TpfpaTos AB opiloupev onueiov I, els TpdTrOV GWOTE :
A B, bALTE «
v p BF+v  utv’
Bdv: A= ol B=—"h
MV H+V

*Ayopev Tiv M, kai xara 10 Becopnpa ToU
Stewart (§ 38), 8a Excopev :

S 57 MA2 . [B+MB:.TA=a-TM2+q«-TA-TB
A P o el v L R R e L
i M u+v+M W= 4 i WV B+ v
. I rar—oove o
€€ oU: '™ :Ev VEK2(p + v) — a*pv. (3)

AUTn BnAcl Tt TO M weiton &l KkUKAoU kévtpou [ kal dxrives TM. (TTés
8& korackeudawpey TO TuRpa FM;).
K2

Eav k2 (u+v)—ctww =0 A ;52

Ty UTeRXE & kixdos (M TM).

‘Aviietpogms ¢ “EoTw N Tuyov onueiov ToU KkUKAou (I, TM). Katd 16 Beco-
prua Tou Stewart B elvan ¢
u- NAZ+v . NB2= (u+v) - NI+ (u4v) - TA - TB =

: a? kE(u + v) —a’uv oy
= (V) TME = e ¥ Ry W g
(w+v) L) o
“Qore: 'O {nrodpevog yeop. tomog elvar & kikhog (I, FM).

Eqp: A p=v, dvaydueda e yvwoTov ToTov (Gox. 185 — 1),

43. IPOBAHMA IL.— Aidetan £00. tpijpa AB—a atabepov Béoer kai pevidet,
kai {nreital 6 yewp. 10m0g 1OV enpueiov M 10d imnédov, diua ta drola ioyer 1 ioo-
me

p- MAZ—v . MB2 =K% (1)
§vBa p, v dobEvees apiOpol koi k dedopivov
£00. tpijpe i apbpos k e R.

'Avarvorg : “El Tiis TpoekTaoEws Tou
Tufiuaros AB =@, Opilopev anueiov O,
WOTE :

OA_OB_OA-OB_ «

v o v—U v

o ECeOlle

48
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"Ek ToU Tprydvou MOA, xatd 16 Bedopnua Tou Stewart, 8 gy copev :
OM? . a4 MA2. OB=0OA - MB2+OA - « - OB

f M. - MAT 2=~ MBE 40T L
" . MAZ—v . MB? o*pv 2 3
e Bt e gyt =
€ ol : OM = LVl Mk e, @)
1 émola BnAot 811 TS M keiTan i ToU kUkAou (O, OM).
By G- ktotw>0 A oy > T, 6 vomos dmspxa.

"Avtiotpogpns ¢ “Eote N Tuydv onusiov Tou kukhou (O, OM). Katd 16 8ew-
PMHa ToU Stewart 8 éxwpey :
ON2.a+-NA2.OB=OA -NB-+0OA.«a- OB
OM?2 . o+ NA?. MGG OV,
v—H v—H
el : - NA2—v - NB*= k.
‘Qore: O {yrodpevoeg yeop. tonog ol M givat 0 kokhoc (0, OM).

=

NBry & oL oM
v—u Vi

AZKHZIZ

218. Aigeren kikAos Biapétpou AOB kol nreitan va eUpedfy & yewou. Témos Tév on-
Helwu M, els Tpomov dote, tav al MA kal MB Téwvouv Tév KkUKkhov (0) els T& onpeia I xal
» V& Eywopev TEVTOTE :

MA MB : -
o o k (kER, Bi&gopos ToU pnBevés)

OEQPHMATA TOY MTOAEMAIOY

4%. A° QEQPHMA TOY INTOAEMAIOY (1).—"Eav xuptov tetpanicvpov ei-
vau Eyyeypappivoy £ig KUKAOV, TO YIVOPEVOV TOV diayoviov tov icobtar mpog 10
@Bporopa t@v yivopiveoy T@V anévavit mhev-
P&V 1o,

"Ar6deiZig ¢ “Fotwoay AB=a, Bl =B,
FA=y, AA=35, BA=x, Al=y T& pikn
TAY Theupdv kel T@Y Biarywviwy TOU KUpTOU
TETpamAedpov, TO dtoiov elvan By yEy papuEVOV
€ls kiKkov.

Mt mheupav THY AB kai kopugny TO A
KaTagkeudfopey THY ywviav w; = EKTOS
e

(1) Mrohepaiog (Kraodiog). Ataonpog "ELAny GoTpovOMOS, yewypapos kai Mabnpatikdg dxpaous xata tov

M.X. aldva. TuvEypawe peralo dhhov @ «Madnpankn Iovealigr kai «lMewypagikn agnynoigy. ‘E&nynoe v

*WNowy vaw mhavnraw dexbeic tiv TAv axivatoy kai opuipkiv, tov idiov 8¢ kal Tolc mhuvAtac atocgoptvons
RE0l ity xurd inxévipous xukhovs., Tuvéypawey Eriong énincdov xui a@aipukny Tprywvopetpiay
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Tol TETPOTTAEUPOU KELUEVTIV. ‘H &tépa TAevp& cwTfis Tepvel Ty B els To E,
51671 GAAws 8& fito w,= % ABI= w, Oomep &roTrov. O& elvan p= < AAT.
*Apa T& Tpiywva ABE kai ATA 8& elvar Spoig, kad :
9_:,-_E§, ¢€ oU: ay=2056-EB (1)
By ¥
Ta& Tptywva AET ki ABA elvan Suoig, BIdT1 Exow T&S Eyyeypappévas yeovias
ATE xai AAB foag kai Tas ywvias EAT, BAA ioas, 8i1dT1:
% EAr = @, + BAT = o + BAl = BAA.
EE . N g ow oo
"Apa e ¢€ ol: xy =3+ EL, 2)
"Ex tév (2) kai (1) AcpPavouey :

xy—oy=>=5" Er -5 -EB=5&: - (ET—EB)=5.p

"Ofev : xy = ay + pé 3)

45. @EQPHMA.— 'Eav kuptov tetpamievpov div eivar Eyyeypappévoy sig
KOKLOV, T0 YIVOpEVOY T@V dlayavioy Tou elvar pukpdtepov tod abpoicpatos tov y1I-
VOREVOVY TOV GTEVAVTL TAEUPGY TOV Kal HEYAAUTEPOV THS SLOQOPES @V Yivopivoy

00TV

*Andderlig: "Eotw ABTA Ev kupTov TeTpa-
TAEUpOV UT| Eyyeypappévoy eis kUkhov. Mi TrAcu-
pav THy AB kaTaokeualopev To Tpiywvov ABE,
EKTOS TOU TETPATAEUpOU  kelpevov, oUTws oTe:

Wy =w kai ¢ = 9. "Apa 4 AEB— < ATA,

“Ayopev Thv ET. T& Tpiywva AEB kai ATA

elvan Spora, kai B& Eycopey

EB " o T NEA 3 ay
Ty. 40 A I €€ ol : EB:S_ (1)
Emeidfy 6t < EAM = o, + BAT = w + BAT = < BAA «ai EA % -
a
Tplywva AEl xai ABA elvan Spola. “Apa
Er v

Exs Vi Y
= 5 ¢ o0 : EI = = @)

To onueiov E 8tv keitau el g TB. AidT, d&v Ekerto dmi Ths B, B eiyouev :
¢+ ABM = 180° A o+ ABI— 180°
kal 16 TeTpamAsupov ABIA 6a fito éyypayipov, dmep &Totrov.
*Ex Tou Tptywvou EBI & Eycwpey :

|EB—Br| <Er <EB+ Bl GSY B O e

(€ oU:

[ay —PBd| < xy < ay + p6 3)
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46. ANTIZTPO®ON OEQPHMA TOY ITOAEMAIOY.—Eav xuptoi te-
tpamieipov 0 YIVOpREVOY T@V SLayeviny Tov ieottal mpog 10 Glpotopa TV yivopé-
VOV T@Y ATEVAVIL TAEVP@V TOV, TODTO Elval £Ypayipoy £ic KUKLOV.

"Anodeilig ¢ TlpdypaTi, &av TO TeTpdmAeupov Biv elven Eyypdyipov, Ba
loyvouv ai oyéosis :

ay — P8 | < xy < ay + B§,
Smep &rotrov, 51671 ¢€ UTroBégews elvan Xy = ay + B8,

47. GEQPHMA ANTIZETPO®ON TOY 45.—Eav 10 yivopevov tév diayo-
Viov kuptod tetpanieipov mepLEyetal petadld tiig dwaqopis t@v yivopivav TdV
anévavrl nhevpdv kai tol abpoiopatos tov, tolte div civar Eyvpayipov Eic
KUKLoV.

Anédatiy. AdTy, tav fTo Eyypdyipov 8 eiyouev xy = oy + B8, &mep
&romov, S16TL: | ay — P8 | < xy < oy + P8 £§ Umobéoews.

48. B OEQPHMA TOY INTOAEMAIOY.—"Eav kuptov tetpanicupov sivar
éyya?pun"gmv £ig KOKAOV, 0 LOY0S TAV Saywviny tov isolital npog tov Loyov tév
WBporaparav t@v yivopivay T@Y TAELP@Y, ol drolon Katakiyouy £ig ta dxpa Tov.

"Anoderiig ¢ Ex ToU oyxnuaTos 41 Exouev :

(ABlA) = (ABrA)

T'l (ABA) + (BrA) = (ATA) + (ABIN)

i 4R(ABA)+ 4R(BrA)= 4R(Ard)+ 4R(ABM)
A aBx + Pyx = By + yBY

f (a8 +Py)x = (P +YD)Y,

£€ oF X _ QLH'*_TE

y  ad+ By Ty. 41

"Aviiotpogos @ "Eav oyl i (4), t0 tetpanievpov givat Eyypayipov.
Inusinog : 'Ex Tdv oxéoewv TOU TTroAspaiou, B meAAamAaoiaouoy
TOUTeov ket wéAT i Siaupéoeas kT peAn, eUploxopey Tas Sixywvious.
ey + Bd) (ap + 18) (ay + Pd) (ad — Py)
MRV TS XC EXU NN VI C RS I C RS TN
ad + By af + v
SWapThoe Tév TAeupdv a, P, Y B ToU TeTpamAeUpou Eyyeypaupévoy els k-
KAoy,

ATKHZIEIZ

219, Mi thv Pondeiav ToU BewpriuaTos tou TMrohepaiou va &mobeifnTe 10 Becopnua Tou
nuﬁ“"!épou . . . ] )
220. N& UmrohoyioBij # Bixydvios loooxehoUs Tpameliou guvapTioel TV TAEUp&VY Tou.
221. ’lodmheupov Tplywvov ABL elvat tyyeypaupévov els kuxhov O. ‘Ecw M elven -x:uxév an-
Helov 1o pikpoTépou ToEou BIN, fi & MA Tiuvel Thv BI els 16 onueiov A, va &moBeryBij omi :
1 Loy A
lov: MA = MB+ M[  xai 20v: wa =" T wr
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292, *Erl So8évtos kUkhou (O, R) Bidovran T& onupeia A, B, [, Na UmoAoy1o6f 16 ufjkos
75 yop5iis Bl ouvapTioe TGV yopB&v AB = o, Al = B xai Tiis ékivos R (800 mepimrradoes)
(Ipoprnpa @V pLdY LOPIAV).

223, N& Umohoyio8fj f) xtis R ToU TEPIYEY POBLEVOU KUKAOU TTEPT KUPTOV TETpATTAEUPOV
ABIA guvapTioe TEV TAEUPEY TOU &, B,y 8.

224, Na UmoroyioBij TO Eupabov KUPTOU TETPaTIAEUpOU By yEYpaupevou els kixAov, ouvap-
THoE TGV TAEUPQOY TOV.

225. KupTév TeTpamAsupov ABIA elvat ouyyxpovws Eyypdyiuov els KUKAoV kai Trepry pdayi-
uov els kUkAov., N& Umoroyiofij 16 éupabov Tou cuvapThiger TGV TAEUp&Y Tou.

226. Tpiywvov ABI oplaycviov els T A, Exer kabétoug TAeupas B kad y. 'Emi Tfis B kata-
oxeudlopey ioookehis dploydviov Tpiywvov kopugiis O. N& Umohoyioi) 1) dméoracis OA ouvap-
THger Tév P Kal Y-

227. Aldetan lodmAevpov Tpiycwvoy ABI xal {nTeiTan & yewp. TOTOS TéV onueicov M Tol
¢mmébou Tou, Bid T& dwoia loyvouv al fooTnTes :

1) MA = MB+ M, 2) MB = MA 4 M, 3) MM = MA + MB.

52

WnepromoirOnke amé 1o lvotirouto EknmaiSeutikng MoAmkng



KE®PAAAION V

KANONIKA EYOYFPAMMA IXHMATA

FENIKOTHTEZ

49. "Opropoc.— Kavovikov tohbywvov Aéyetar Ekelvo, 1o droiov sivar icdmhev-
pov kai icoydviov.

Q07w T& TeTpdywva kal T& lgdmheupa Tplywva elven kavovikd ToAUywva.

Mia te0haopévny ypappt) 0a karfjtar kavoviky, dv ndcar ai nhevpai g elvan
loan kai naoar ai yovia tg ioat npog dhinhas.

Eis thv mepimToooy TadTny, Emedn 1O Emimedov &ml ToU dmoiov Epyald-
Heba elven TpocavaTohouévoy, Buo BiaBoyikal ywviat TaUTns keivtan TPOS TO
QUTS pépos Tol EmiTESou 6§ TPOS THY KOWAY TAEUpaV T&V ywvidy ToUTwv.
Edw v elvan & &p1fpds TEY TAEUpROV V0§ KOQWOVIKOU TTOAUY@VOU, TOTE 1) TIuM
éKé(c'rns ywvics ool §ideTan UTo Tou TUTTOV :

IAIOTHTEEZ KANONIKQN TIOAYTQNGQN

50. OEQPHMA I.— ’Eav kokhog elvar dinpnpévog eig v loa pépn, tote ta an-
Mela tiic Sumpéocog Elval KOPLPEL KAVOVIKOD TOAVLYOVOL Kai td Tpfpata @V
E‘Pﬁmopévmv el & onpeia tiig Sraipong elvar mhevpal £vog {hiov kavovikod mo-
hoydvoy mepryeypappévon nepl 1oV KOKAOV.

lov: *Eotw 8T & kuxAos (O) elvan Binpnpévos el
& foa ToEa B Tév onuelwv A, B, T, A, E, Z. Al mheu-
Pal 1ol TroAvydvou ABFAEZ elvon xopBai fowv Tégwv.
A’ﬂﬁﬁﬁ 6 elven xad :

AB =Bl =TA = AE =EZ =ZA. pe

*Ermbh Bh v ¥l A=B=T=0=E=Z,
g Eyyeypappévar els TV alTOV KUKAOV, Paivouoat elg
62 — 4 foo T6Eq, Emeran T T6 TOAUywvov ABIA

elvan kavovikdv.

20v: Al tgomrréuevan Els T& onpeia THs Siapé-
Otws A, B,..., Z ToU xUkhou (O) dpifouv TG onueia AsyiBes D By, oo
Smoia elven kopugad Evds GAAoU TOAVYGVOU AB,MAEZ,. Ta tpiywva AAB,
B‘Brl.. .y ZAZ elvan loookehd xad Toa, dx Exovra Tds Paoeis Twv AB, B, .. .,
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7A foos kal T&s Trpookeptvas els aUTos ywvias foas, kaBdoov TO pétpov Exa-
oTns looUTal Tpos TO Aoy ToU péTpoy EkdoToU TRV fowv 16wy AB, BT, .. .,
ZA. Ko’ dxohoubiav :
ABy =BiT; =Ty = AE, =By =ZiAy,

¢os &BpolopaTa oy THNRETLY. *Apa 1o ToAUywvov A B M AEZ, elval kavovt-
kov. ‘Opoiws drmrodeikvUeTal 76 Becopnua, dtav 6 kKUKhos Sraiped els v ioa pépn.

Enueioog : Ta dvwTepw ToAUywva ABFAEZ xai A B, AE 7, xaholvtan
avrigrorga kol TO pev Tp@dTOV koAeiTar Eyyeypappévov els Tov xixiov (O), TO
B¢ SeUTepov MEPLYEYPAPPEVOV glg Tov adTOV KUKAOV.

51. OEQPHMA 11— Ilav kavovikov rokbyovov elvar Eyypayipov kai mepi-
ypayipov Eig KUKAOV.

lov : *Eotes ABMTAEZ T6 xavovikov ToAUywvov kail O ) Toun 1@V pecoka-
BtTewv TV TAeupdY AB, Bl arol. Tome 84 elvan

OA =0B =0T,

“Apa 6 kUkAos (O, OA) 8& SitpynTan kad &mwd
& onueia B kai M. T& Tpiywva OAB xai OB &l-
vai foa, 6 EXovTa TAS TAEUpds Twv foos piav
Tpos piav. “Apa @; =w = ¢ = ¢,. 'Emeadn 5¢
elvan kad el F, gmeTan 6T w=o. T& Tpiywva
OrA, OAB &youv Tds Theupds OF = OB, MA = BA
kal @ =o. "Apa elvar log, dméTe B elven kal
OA = OA. Zuverdds 6 xUxhos (O, OA) BigpyeTa
Ty, 43 kad &mrd T kopueny A. “‘Ouociws drodekvietal

611 6 kUKAos oUTos BifpyeTal xal &md Tog EAAQS

xopupds E kal Z. Eivan &pa 16 moAUywvov ABMAEZ tyypayipov el kikhov.

20ov : ‘Emaidh ai xopdai AB, Bl,. .., ZA eval foa, ai &mootdoes autév
&md 16 xévTpov O 8& elven Toc. Andadn : OH =0l = ... ‘Emopéveos oi mAeupal
AB, BI,. .., ZA 8& tpérreovTan Tou Kukdou (O, OH).

*Edv TO xavovikov TOAUywvov EXT) v TAeUpds, | &modeifls yivetan elkdAws
Bi& TAs Maf. Emaywyfs.

52. ‘Opiapoi. TO Kowov kévTpov ToU Tepryeypappévou xal byyeypapuévou kukhou els 10
KQVOVIKSY TTOAUY VOV KOAEITAl KEVIPOV TOU TOAVYWVOU TOUTOU.

Al dctives TOU TEPIYEYPaMpEVOU KUKAOU KaAoUVTal GKTIVES ToU Kavovikod TroAvyvou kal fi
&méoTacis ToU kévrpou ToU kUkAou (O) &md Ty mAeupav AB xakeitan danéotnpa Tol oAUy G-
vou. 007w, T& TpApata OA, OB,. . ., OZ elven al dxTives kai 70 Tufipa OH elvar 1o dmdaTre TOU
mroAuycvoy ABFAEZ (kavovikou).

‘H yowvia AOB kakeitar kevipikt) ywvia ToU kavovikol Tohvydvou ABMAEZ.

"Av TO Kavovikoy TOAUywvoy EXT v TAEUPAS, TO LETPOV Tijs KEVTpIKTg yevios u atrrod elven :

u, = % &pBis ywvias.
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Olras, # ywvia Ay ToU Kavovikou dkTaywvou elvan :

4 4 l-Tca il e !
Ay 2—— m 2 = 255 = Lo Spiis = 135°,
f i Urou el =t — s
Kal 1) kevTpikn yovia u, oUTou elver U, = 5 = 5 opbfs = J
AZKHZEIZ

228. N& karaptionTe Tivaka tpgaivovTa TO plrpov tkdoTns ywvias kad T6 pérpov Tis Kev-
Tpikfs ywvias éxdoTou TEV droAoubuv KOVOVIKGV ToAUydvwy : loomAelpou Tprywvoy, TeTpa-
Ydvou, mevTaydvou, Egaywvoy, SkTaywvoy, Bekarywvou, Bwdexkarydvou kal SexamevTarywvoy,

v g i 125

2929, TToiov elvar TO KaVOVIKOV TIOAUYWVOV, TOU otofou 1) kevTpikfy ywvia elven = s
Sp8Biis yewvias ; il

230. TMoiov elval TO Kavovikdy TOAUYwWvOV, Tou Smoiov pla ywvia elven 1659 ;

231, 'E&v Kovovikov TOAUywvov Exn mAelovas TévV Tecodpwv mAsupdv, tkéoTn ywvia
aUtol elven &ppAcia. 9 . 2 i

232, N& dmobey8fj 671 al &kTIves KQVOVIKOU ToAuycvou Bixotopolv Tés ywvias alTol
dvmioTolyws. ‘ i

233. To méTwpa tvds SwhaTiou toTpwln B1& TAOKDY EXOUTEY OYXTHETA KAVOVIKGV TTOAU-
Yéovewy, &piBuol TAeupdv dvTiaToixws A iy V. Né& &mobeiybij ot :

g &1 @Pndpednd
e i gl

53. @EQPHMA 1I1.— ’Eav 800 kavovikd moliyova £youv 10 abvtd miijbog
mheopdy, elvar dpowa (ué Tuyougav dvTioTotyiay Kopugdv)., ‘0O 8¢ M‘wog tiig
dpotbrnrog abtdv isotar mpog tov Aoyov 1@V dktivov tov kal mpdg tov Adyov
TV arostpatov abtdv.

lov: *Eotw &T1 T& Kavovika TOAUywva ABFAEZ xai A,B,IMAEZ, Exouv
TO aUtd ATBos TAEUpddY, K. EE
TAeupds. O elvat :

4 8
=pb= =l=L——=— 0.
b=, . —I=2—m = op
Kai
4 8
A=B,= =21=2_-?:—6—6p9
o
R:‘A\ll a:é\l' 1 f: 1°
Ereibty 5¢ AB=Bl = ... = ZA kol AB, =B\ = ... =ZA,, tmeTan:
ARY HD f e o
AB, BN Z,A,

"Aoa T& kavovikd TaUTa TToAUywva elvat Spoia. ‘ ‘
‘AE &yBouv al dxTives OA, OB, xal 0,A;, 0,B, xafds kal T& &mooThuaTa
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OH, O,H,, & T@v dpolwv Tprywvey OAB, 0,A,B, &g’ tvds, ki OHA, O,H,A,;
* ETépou, EXOMEV :
i AB OA  OH

2B, DAl BiH;

‘H aurh dmoBeis kal &v T TOAUYywva EXOUV V TTAEUPGS.

54. [IOPIZMA.— *Eav kuptdv Kevovikdv roriywvoy elvay Eyyeypappévov eig
koKhov Kai ayfobv é@antopevar Tod KUKLov mapalinior npde tag nhevpag tob &y-
yeypappévon, oynpariletar Etepov KAVOVIKOV ToLby@vov mepryeypappévoy nepi tov
kOKhov Kai Gpowov mpdg T EyyEYpUppévov.

*Apkel v &yBolv of dTives ToU tyyeypauputvou, ol dmoicn B& SiEABouv &mo
Tds GUTIOTOIYOUS KOPUPAS ToU TrEPLYEYPOHHEVOU KAT.

AZKHZEIZ

234. ‘O Adyos TV &mrooTnpdTav §Uo Kavovik@y ékTaywvay eva -% Toiog elven & Ao-

yos Tév axTivev Twv xal oiog & TGV EuPadldv Twv ;
235. To &Bpoigpa TGOV GTOOTETEWY TuydvTos onuelov dowTepikol SoBévtos kavovikol
ToAvyGvou & T@V TAEUpEY aUTou elvan oTabepov.

55. IPOBAHMA I.— Na brokoytedil 10 dnéetnpa kai 10 Enfadov kavovikod
roluydvou guvaptijeet tiig thevpls Tov kai wiig dtivog tol mepiyeypappivon Ki-
Khov.

Aborg : “Eotwo AB=A, | mAeupa kol OH = o, 10 &méornua kavovikol
oAUy wvoU Eyyeypappévou els kUkhov (O) dxrives R, Eyov-
Tog v &p1Budy TAEUpGV.

lov : "Ex ToU SpBoywviou Tprydvou OHA Eyopev :

o= Rt— AH2=RZ— A 4R:-N

4 4 ’

- 1 —
éE oV ! Oy = — V4R3 _ a2
Sy. 45 2 b ¢9)

20v : 'Emaidh) TO kavovikdv ToAUywvov Exel v &piBudy TAeupév, B droTe-
AfiTon &md v loa Tplycva wpods 16 OAB. "Eav E, elven 16 dupadov Tol kav. trohu-
yvou, TOTE

E,=v-(OAB)=v-%—?\, o —
1 |y 1 et
=V - ? = M ) —é-v4pla—?\5 :‘4- Vi Rv . V4[{2_A3
“Qoe : E_-l— W - VaR2 — 32
v—4\"‘ v+ V4R —lv (2)
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Inueimarg : "Ev Tois drkoholfors B apiotdpey i ol R Thv dxTiva ToU Tepryeypappé-
vou kUkAov, Bid ToU Av Thv TAevpav kal S1& ToU ay To &mdoTnpa ToU KAVOVIKOU TOAUYWVOU.

56. IPOBAHMA II.— "Ek tijc thevpds L, kavovikod molvydvov Eyyeypappé-
vou tig kokiov (O, R), va Omoloyia0f) | mhevpa kai 1o Epfadov tod avricroiyov
TEPLYEYPARPEVOD KAVOVIKOD TOLLYAVOL.

Abaig : lov : "Eav AB = A, elvan 1) mAeup Tol éyyeypappévou xai A;B, = A
fl ToU &uTioToiyou TEpIyEypaMuEvou, Emeadn (§ 53)
T& ToAUywva elvan dpota, B Exwuey :

A_OH, R
% DH- %
e A 2R-A
Bouigin R-A R- A
e —V4R2 N VaRe—
2o,
AR B

2oy : 'Edv E, elvar 76 tpPoaBodv Tou mepryeypaduévoy kal E, ToU éyyeypop-
BEvou, TOTE :

' " \,_R_z_ 'y
E;- ()]'{2 RZ s o E\,- - ""?7“—
1 é& oy V4R2 T 13

57. IPOBAHMA IIL.— Ek tijc nhevpds ky kai tijg dxtivog R kavovikod mo-
hoyGvou v Onokoyis0f 1 mhevpa Aoy TOD gig TOv adtdv KOKAov Eyyeypappivou ka-
VovikoD moluy@vov, to droiov Exel dirhdciov apOpov mhevpdv.

Avoig: 'E&v AB = A, elval 1) mAeupd Tol dyye-
ypaupévou KavovikoU TToAuydwvou, ToU ExovTos v &pi-
fuov Aeupdv, kal [ elvar 10 péoov ToU TéEou AIB,
TéTe 1 xopdf Al =Ry, B& elven | mheupd Evos &Ahou
KOVOVIKOU TTOAUYVOU £y yEy paupévou el Tov alTdv k-
KAov kai EyovTos SirAdatov &piBuov TAsupGov.

O elvan :

HI = Or—OH = R—avuR—-—Va;RE My

Zy. 47

B | A=AP=FZJH =2R(Rv_ V4Rre - x )=2R=—RV4R=—J\S.

ey : A — J2R*—RVaR2— 2 )
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‘0 tumos oUTos ogeireTan els Tov "EAAnva MaBnuamikov Apypipddnv.
58. [IPOBAHMA IV.— *Ex tijg nhevpdc hay Kavovikol molvydvou kai tijg
axtivoc It abdtod va brmohoyie0ij i mhevpd by Tod £ig 1OV aTOV KiKAOV Eyyeypappivon
KavovikoD molvy®vov Kai Exovrog ijpiov apilpov mhevpdv.
Abaig : *Ex ToU oyxnuaTtos ToU TrponyoupEvoy TpoPAnpaTos Exouey
AZ: =78 — AT? =4R?—2}, o0: AZ =VaR:_ 2,

A —
Emeish 8 : [Z- AH = AT - AZ & 2R-5- =N, V4R2-2,

5 VaRF -3,
greTon 6T M =i————

R
‘0 TUTros oUTos TTPOKUTITEL Kad &k ToU TUTToV (2) Tol *ApyiunSous, &v Auli
oUTos o5 Tpos Ay .
AZKHZIEIZ

*236. 'Ex Tijs dxTivos R kal ToU &mooTiuaTos av kavovikod ToAuyvoy v elipeddi 1) dxls
R, xal 16 dmgotnua a,v &AAoy XavoviKoU TOAUYwvoY, TO dTroiov Exer SimmAdaioy &p18pdv TAeUpV
kal THv abTny TepipeTpov. AnAadn :
1) Ulv=-2!'(Rrrc!V): 2) R;=FRC!:- ked 3) Rl“"’w(%(ﬁ—av).

*237. *Edv p elvan f) mepipeTpos dvds kupToU KavovikoU ToAvydvou dkTives R kol P f Tepl-
UETPOS TOU Opoioy mepryeypanptvoy, va Urohoyiotiolv al meplueTpor p, kai Pl vikavovmay WD
&Y ToAUyDvwy, EyYEYPauuivoy kol Tepryeypaupivoy es Tov aiTov kUxAov kai Brhagiou &pt-
BuoU TAeupdov.

AnAadh va &mobexdi STt

. —g,_= 7 %' D p=TR"p % 3) P—p < o (P-p)
EuxdAws B¢ dmodeikvieTar 6T kol Py —p, < _j_‘_ (P—p).

FPADIKAI EQAPMOrAI

59. MPOBAHMA I.— Eig doBévra kioxkiov (O,R) va dyypupij teTpayvov Kai
va OmokoyieBi] 1| nhevpa tov cuvaprijos s R.

"Avaivoig : "Av AB =, elva 1| TAeupd ToU {nTou-

Hévou TeTpayvou, TéTe < AOB — lzr— kal kot’ dxoAou-
Blov ol Siduetpor AOT, BOA 6& elven kéBetor.

Lovleows : "Ayopev BUo Siapérpous AOT kai BOA

kadéTous, ddTe TO TeTp&mAeUpov ABIA 84 elvar 1o In-

ToUpEvoy TeTpdywvov. AlaTi :

* 'EvevvilOn elg tag Zupaxovoag thg Iixelas. Mibaveg 8¢ toroltsagey el "AheEavipeiav, 'O MoloPLog
& Tiroc xai & Mholtapros dvagépouv xai txBeialovv ta Epya tou. "Egovevin tno Pwyaioy crpurmbmu xad' &
gpovov hoxolelto ue unyavixa xai palnparica mpoPinputa. Tote héverar Bt elne 10 meplonpov : Mi 'uw 0%
xixlovg taparte. "Hro npototunog elg 14 uebodoug tou xai T4 anodeieig v Beopnydroy tou, Eivar & péy-
ato; tOv Mabnuanxdv tol Koouou
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"Yrohoyiopdg tiig mhevpls . "Ex Tol épfoywviou Tprydvou OAB Exopev :

AB* — OA® +OB* fi N =R®+ R®=2R?, ol: |X=RVZ

60. Mpoprnpa IL Eig dobivia xikkov (O, R) va tyypapi] kavovikév dktaymvov
kai va Oroloyiodil | mhevpd tov cvvaptioel tiig R.

‘Avicuoig : “Av B8 = A, elvar fi Theupd ToU Eyye-
Ypaupbvou TeTpaydwou els TOV kukhov (O, R) xai A 10 pé-
cov ToU ToEou BO, ToTE i x0pbn AB Ed. elvon 1) TAeupd A,
ToU InTouptvou EyyEypOUHEVOU KAVOVIKOU SdKTaryovou.

Tovbeoie. Ak va Byypaywpey el kukdov (O, R) kavovi-
kdy dkTdywvoy, Eyypaouey TpdTov TETPAYwvoy Kal Biai-
polpev T& Téooapa TpokUTToVTa Tod 16 elg BUo Toa pépn
Kal karomy &yousy T&S GuTITOIXOUS yopdas TV iowv ToU-
Tev ToEwv. To TpokUTTTOY OKTEY VOV ABMAEZHO elvan ko-

vovikdv. Aatl ; ) Wit
‘'Yrohoiopog tiig mheopds b Di& v =4, &TOU TU-
Tou Tol 'Apx1pnBous, EXOHEV :

B oo 8 T PR L i?ﬂﬂe
r = Yore—R VaRi =2} = V2R —RY4R' 2R =R V2 VA&F 3, 7%

Z
P
202
"Qoe : =R Vz_-VT .\3; N =
\.‘&G X
N Oivae

AZKHZEIZ

238. N& Umrohoyiodij To &méoTnua Kol T6 tuPabov TeTpayvou by yeypauptvou els kixhov

©,r Troe THs R. .
Z)SEUVSE \‘Tno?\oywﬁﬁ 16 rrdoTnua Kal T6 tpPabov kavovikou dkTaydvou by yeypaiuévou els

kUkdov (O, R) ouvapthoe Tis R. - _

240, Tlept Bobévta kukhov (O, R) v& Tep1ypaen TeTpdywvov fi kavovikdy dkTdywvoy kal
& Umrohoyio8i 1) Theupa kal TO Eupabov tkaoTOU CUVaPTNOEL THS énrr-lvog R.

241 Mél'n'?\supdv Bobiv eUBUypanmoy THika & V& xaTackevacdi) kavovikdy SkTdywvov Kal
dkoAotBios v UroRoy1ai T EuPaBoV TOU GUVGPTAJE TOU o

s va Utrohoy1a8i) 1l ’ g

242. Kavovikov OKTdywvov ABIAEZHO elvan éyyeypapuévov els kikhov (O, R). "Ayopev
T&s yopbas Al TE, EH, HA, al émrolat Téuvouv Tas TAEUPAs ToU TETparywvou BAZE xal oynua-
Tileran 00w viov Kavovikoy SKTEYWVOV. Na Utrohoyio®i) fi mAeupd, TO amooTnpa Kal 1O EuPa-
8oy ToUTOU CUVapTHOEL THS GKTIVOS R:

61. TIPOBAHMA II1.— Eic d00évia xioxiov (O,R) va Lyypagi] Kavovikov
Edymvov.

sAvaivaig ¢ 'Eav AB= A; elvan ) Aeupa Tou {n-
ToUpEvou xavovikoU EEcydvou, TOTE 1) KEVTPIKT yw-
via AAB = -1;- kai kaT’ dxohoubiav T Tpiywvov OAB

84 elvan lodmAeupov. AnAadm
AB = 0OA =0B = R.

Tovleac : A va by ypbywpey kavovikov &y co-
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vov el kUkAov (O,R), AauPavopey EE SraBoykds ¥opbas ioas Tpds ThHy dkTiva R.
To ABFAEZ elvan kavovikév. Aiati ;

*Ex T&v dvaTépe ETETON OTL: hg = i

62. IPOBAHMA 1V.— Eig dofévia xbxlov (O,R) va &yypagi) iednleupov
tpiyovov kai v brokoyiedil 1] mhevpd Tov cuUVUPTGEL THiG R.

Aveig : Eis 1o oyfjua Tou TTpOTYOULEVOU TpoPAnUaTOs &youey Tds Yopdds
Al, TE, EA. To Tpiywvov ATE elvan todmheupov. Aot ;

"Yroloyiopde thg mhevpds kg 'Ex ol Spfoywviou Tprycvou ABE Eyouev

?\EZAEazaES—ABlzﬁll—{’_R!:31{" tE ol L=R|3

AZKHZIEIZ

243. N& (rroAoy1o8ij 7o &réoTnua kai TO ¢uPaBov kavovikol Efayvou tyyeypappéivoy
els kUkhov (O, R) ouvapTrioel Tfig dxTivos R.

244. N& Umohoyioff To dméaTnua xal 1o Eupabov loomAeipoy Tprywvou Eyyeypappévoy
els kukhov (O, R) ouvapTnhoe Tiis axtivos R.

245, Tlepl SoBévtaxukiov (O, R) v& meprypagi] kavovikdy idywvov fi lodmheupov Tpiyw-
vov kai v& Umrohoy1o®ij fi Theupd xal TO tuPobov ixdoTou ouvapThoel Tfis dxTivos R.

246. N& ouykpiBolv T& Eupada E, xad E, foomAelpou Tprycvou byyeypappévawy els kUkAov
(0, R) kaBos kai T& tupaba E, kal E, Tév &vTioTolywv mepryeypaupéveov mepl Tov kUKAoV
TOUTOV.

247, Mt Theupdv Bobiv eBUypanuov THTHA & v& kataokeuaoi] kavovikey Edywvov f lod-
TrAeUpov Tplywvov.

248, Els kavovikdv idywvov ABMAEZ &youev Taoas Tas Biaywvious Tou. Na dmodeiybii
&1 avtan oynuarifouv Kavovikdv dywvov. N& Utrohoy1o8f f) Theupd Tou, 6 dméoTnpd Tov
al 16 Eupabév Tou guvapTioE TS TAeupds R ToU dpyixou.

249. Eis Bobévta kikhov (O, R) v tyypogi] xal v& meprypagi) kavovikéy Buwbexdrywvov
Kol v& Crohoyio®i f Theupd kal TO tuPadov tkdoTou guvapTnoer Tiis dxtivos R.

63. IIPOBAHMA V.—Eig d00évta kikhov (O,R) va &yypagi] kavovikov Sexd-
yavov kai va inokoyieOij 1 whevpa tov ouvvapri-
ot tijg dxtivog R.

*Avaivers : "EoTw T T6Eov AB elvan TO Bé-
kaTov ToU kUkAou. TéTe 1) yopdh) AB 0& elvan 1)
TrAeUpd TOU {NTOVLEVOU KavovikoU Bexarycovou.

‘H kevronsy youts’ Aot o 2
, P T e 3

Apa ExdoTn T@V yowdv A kal B ToU Tpryw-
vou OAB 64 elvan :

S 2 T
AEB __2_(2 800, — 6p6.)= - bpis.
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*Ayouev THv SixoTtopov BA Tiis ywvias B ToU Tprycovou OAB. O& elvan :

N: P 2. 2 4.4
W= = % 5pf. = AGB ki AAB= AOB + ¢= —5—OP9.+§6§36.: = 5p0. = A.

“O6ev ON = AB = BA.

To fecoprpa TédOV BiyoTouwy Bibel :

OA. OB o SONEEAR:
TR~ AR TR

‘H (1) 8&nAoi 611 16 A Branpel v drTiva OA els péoov kai dkpov Adyov. 'E-
Tadh 5 OA = AB xai AB > AA, gmeTon 671 1) TAeup& ToU els KUKAoV &y yeypap-
Bévoy KkavovikoU Sekarycvou ioouTal Tpds TO peyaAUTepov Tufipa Tis dkTivos,
BicupeBeions els péoov kol &xpov Adyov.

Eovleag : Atanpolpey T GkTiva OA ToU Sobévtog kikhou (O,R) el péoov
kol &kpov Adyov &1 Tou onueiou A. Katémv AapPavopey £mi ToU kUkAou Stka
BiaBoy ks yopbas AB= Bl = ... = KA= OA, foos mpds 16 peyahirepov Té@v
Tunudreov, els & Sinpttn 1 dxtis OA. To pokimrToy Bexdrycovov ABT. . . IK elven,
Tpopavéds, TO LnTOUREVOV.

"Anoderlig : AlTn va yivy UTro @V pabnTddv.

OA2= 0A - AA )

"Yrnohoyiopde tiig mhevpls Ay EQV Teff OA = x, T6Te AA= R —x xal 4 (1) ylveren:
- R -
xt=R(R-x) {4 x*+ Rx—Ri=10, tE oV: x= = A5 -1 =2,
Tiis dpunikdis pllns droppimrTopbvns, 5 dmoAUTws keifovog s dwtivos R ToU Sobvros kikAou.

) R
“Qoe ; Mo =5 a5-v

64. IPOBAHMA VI.— FEic dofivra xoxkov (O,R) va &yypagfi xavovikov
EVtayovov Kai va droroyicdij i TAEVPA TOV cvvapTi-
%2 tijg aktivog R.

Aborg : ArcipoUpey Trp@dTOV Tov kUukhov (O) el 8¢-
K {oo T8Ea AB, BT,. .. IK, KA xai &youev Td&s Yopdas
AT, TE, EH, HI, IA.

ZynuaTileTar olTw TO TMEVTYWVOV ATEHI, T&
Smolov elven kavovikdy. Aol ;

"Yrohoyiopds tig mhevpds Ay Ex ToU TUTOU Tou "Apxi-
MhBous, B1& v = 5, Eyopev :

— R e ke e e
hoz JoR—R VAR _ M A 3 (V51 = [2re-RVaR A

V] —_— . R =
s 1,:!2’:1/10_2\“ xal pa: o= (15+1)

Péot o rimou (1) s (§ 55)-
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AZKHZELS

250. N& Umohoyiofij T dméornua kai 7o Eupadov kavovikoU Gekaydvou tyyeypautvov
elg kukAov (O, R) ouvapTroe T &kTivos . 7

251. N&‘Qﬁn?\oylcﬁﬁ 6 tuPadov kavovikel TevTaydvou by yeypappévou els kukhov (O,R)
guvapThaer TS axTivos RR. ‘

252. Tepi BodévTa kUkhov (O,R) va eprypagi) kavovikdy Sekdywvov fi TevTéywyov ke va
Utrohoy1o8i To EupaBov txdoTou guvapTroe Tiis akTivos R.

253. N& dmodery8ij 611 ol mheupal Ay, Ag Ay guvioTouv dploydviov Tpiywvov,

254. Els kavovikoy mevTaywvov TAeupds a dyouev Blo Siaywvious, al ol va TépvevTal:
Né& &rroBeiydi 8Tt alran TépvovTan els péoov kal &kpov Adyoy, kal dkohouBus v UmrodoyiaBolv T&
TpfeTa EKETTNG CUVEpPTRTE TOU . )

255, *Eri TGV TAEUp@Y Kavovikol E§ayvou TAEUpEs a Karaokeudlopey EEwTepIkdds C!\:ITO\.;
TeTphywva. N& &mobeydi 6T al kopugal ToUTwy elvar kopupal kavovikol Bebexarydvou, TOY
Srrofou InTeiTan TO Eupadov oUVApTNOEl TOU Q. |

256. *Eav dyfotv oo al Siaydviol kavovikol TevTaydvou Theupds a, oxnuatiferar Sid
Tiis Toufs Twv Kawovikdy TEvTaywvov, Tou dtrofou {nTeiton f) TAsupd kal To EuPabdv ouvapTrioe!
ToU a.

257. Els Softvta wikdov (O, R) v& Eyypogf] xavovikdy BexaeEdrywvov, elkoodywvoy xal
elkooiTEgTapdywvoy Kal v Utrohoy1oBolv af wAeupal Twv kol T6 EpPaBéy Twv ouvapThioer THS
dxtivos R.

258. Mt Thsupav Bodiv elBUypaupov Tufjua va kaTaokeuaodi] kavovikdy Bekdrywvov kal
TIEVT Y WVOV.

259, AiSetar TeTp&ywvov ABIA wAeupds a kal kévtpou O. Mixkévrpa Tés kopugds kal &k
v AQ ypépopey ToEa, T& dToia Téwouv Tas TAeupds els SkTdy onuela, T& dmota elva KQpUq’Ul
Kavovikal dkTayvoy, ToU dmoioy {nToUvTal f) TAeupd kad TO EuBaboy uvepThoe ToU &

260. Eis Sobévta kIkAov (O, R) &yopev 8Uo kabérous Biopérpous AOT kal BOA. Mi éve
Tpov T pégov E Tiis OA kai Griva EB ypdpouey kUkhov, & &mroios Téuver Thy O els 76 Z. N& gmo’
Bery8i) 6T T TUHUOTA OZ xal ZB elvan dvmioToiyws ) TAeupd Tol kavovikou Bexarycovou Kdl
TEVTaY VoY TRV tyyeypapuévov els Tov SobévTta kikhov (O, R).

65. TMpoprnpa VIL Eig dobévia wiklov (O, R) va tyypagfi xavovikov Sekamey’
tayovov kai vi broroyiodij N thevpd Tov cuvaptilee tig axtivos R.

Averg : Tlepatnpotpey &1
ToUro pds 0Bnyel els THy dxdhouiov karraoxeufiy @ AcK
Pavopev yopBfiv AB = R kal Ty yopdfv Al = Ay =
g _ ‘ .
o8 ( F5 —1), ¢ Bekvie 16 Evavm oy fika. To TéEov gr &

| e .
elvan T T5 ToU kUkhou (O, R) kai ouverrds f xopbn Bl %

elvan ) AeUp& ToU {nTouptvou kavovikou BexarmevTarycovoV:
Ty xopbny Bl travarauPavopey BraBoy ks SexarmevTakt

i Emi ol kUkhou (O) xai TpokUmTel 0UTW Kavovikdy Bekae’
X Taywvov, Eyyeypappévoy els Téu KUKAOY (O,R).

‘Yrohoyiopog tiig mhevpds Ay “Ayouey Thv BiépeTpov AOA kal Tég xopbas TA, BA. (21

elvan :

TA? = AA*— AT? = 4R*— [%(}'ST— 1)]', ol | TA= % Viorz s (1)}
|

xaf: BA® = AA*—AB! = 4R* —R? = 3R?, I£ of: BA—R{3 @
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"Emeidh 16 Terp&mieupov ATBA elvan Eyyeypappévov els Tov xixdov (O, R), xara 16 8eco-
Pua ol TTroAepalou Ba Exwopey

AA.TB+ Ar-BA=AB.TA 1 2R.Au+%(v5-1).RV3’=R- %V10+21'5‘.

s R [ym—Do= = x
&€ ol il [V10+2 5 -13 ()‘571)} 3
AZKHSEIZ

261. N& Umoroyodij 10 &méoTnua ay kad T6 EpPadov E;q xavovikoU SekaTevTorycovou
E‘p’)'sypcxuué\«'cu.u els xixhov (O, R).

262. N& UmohoyioBij TO Wiikos Tis TAeupds Ai, Kavovikol BEKGTIEVTAYVOU CUVEPTHJEN
s &kTivog ToU Eyyeypaupévou kUkhou (O,R).

263, 'Ex Tiis wAeupds A, KQVOVIKOU ToAuydvou mepryeypaupévou mept xikhov (O, R)
V& Urrohoy1o8i] | TAeupd Av TOU &VTIOTOIXOU EyyEypamuivou KoVOVIKOU TOAWYGVOU.

264. ’Ex Tijs wAeupds A2y KQVOVIKOU ToAUydvau éyyeypappévou el kukhov (O,R), vé Utro-
)‘O‘rwer‘j 1) TAeup& Ay TOU kavovikoU TOoAUydvou ToU dyyeypappévou els Tv kUKkAoV ToUTov.

265. "Ex s mwAeupds A;v KAVOVIKOU TIOAUYWVOU Trepiyeypaupévou Tepl xUkAov (O, R),
Y& Urrohoyio8ij  mheupd A, Tol kavovikel ToAuydvou Tol Teprysypaupvou els ToV KUKAGY
ToUTov.
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KE®ANAION VI

MHKOX KYKAOY —EMBAAON KYKAOY*

66. OEQPHMA I.— "H nepipetpog xuptiis kavovikiig 1e0haopévng ypoppiic
Eyyeypappévng &g ToGov KOKhou tlvar pikpotépa tilg meppéTpov tiig avriotoiyov
TEPLYEY PAPPEVTS.

'Anédeitig : "Eoteo AB v 1680w ol kikhou (O, R) (o). 54). "Ag trobéocouey
&11 TouTo Binpédn kaT& Tva TpoTov Els v iox o6 B TGV onpeicov

Ap Ay Ay, oy B,

Té onpeic TawTa elvan ol kopupal wds
xovovikfis TeBAaouévns ypapufis tyyeypoupt
vns els O To§ov ToUTo AB. *Edv e, elven 1) e
piueTpos Tils Kavovikfis TouTns TeOAaoLEvnS
Ypoppfis, TOTE :

av="v - AA,.
‘Bav 8¢ H, elven 16 péoov Ts mAeupds
Ty 54 AA,, ToTE :
@, =v -2 AH,. 1)
Eis T& onueia A, A, Ay, - .-y A1 &youev Tas EpamToptvas ToU Becopn Bev-
tos kiUkhou (O, R). Alton opilouv T onpeia By, By, ..., B, , B, T& émoia elvat

kopugal GAANS TeBAoPEVNS YPARUTS TEPIYEY paupévns Twepl 10 T6Eov AB. *EoTed
T, # meplueTpos ToUTNS. Od elvar :
HV:V’z'AB’_ (2)
*Ex Tou dploycwviou Tprydvou AH,B, éxouev :
AH, < AB, § v - 2AH1<V'2-ABl

A a, < II, 3)

67. OEQPHMA II.— "Eav @y, @, @svs @sy, . .. elva ol nepipetpor 10Y
2k . v kuptdv kavovik®v tebhaopivav ypappdv tév tyyeypappivev cig tokol
kokhrov (O, R), va dnodery0i 61t 1) axohovbic : @&, , @ny, @y, o
thvac abfovan.

*Anédergig : "EoTe AB v T68ov Tol kikhou (O, R) (oy. 55). Atipoipey To¥
To els v foa TOEa Bi& TV onuelwov A, A, L. L, Ay, ked EoTe AA, ) TrpcoTn TAEY
pa Tis kavovikiis TeBAaoubvns ypapufis AAJA,. . B, T tyyeypauuévns €l 0
T6€ov TOUTO AB.

"Edw I, elvan 10 péoov ToU t66ou AA,, ToTe AT, B&elven 4 Theupd ids &

. elvar pove

» Abyovieg tuPabov xixhou. Oa Evvoobuev 1o tomtepikdv abro.
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Ang KUpTTis Kavovikiis TeDAaouévns ypapudis, tyyeypauuévns els 1o Téfov AB kal
& oUans Sirhdaiov &pibudv TAeupidv. 'EQv @, elvad f) TepipeTpos aUTis, 9
Excopey :
v = 2V~AF1.
"Ex ToU Tprywvou Al A, B& éxwpey :
AA, < AT, +THA, @1 AA, < 2.AT,

f v-AA < 2v- Al
i @v <
‘Ouoies épyalduevol, eupioxopey 811 :
Wy < D < Wav < Dy < . .. €)) Iy. 55

68. GEQPHMA IIL 'Eav IT, , ITy,, Iy, Ig,, ... elvar ai nepipetpor tév 2% v
Kopt@v kavovik®v te0iaopivey Ypappdv, TGV nepLyeypappivov neplt tofov ki-
Khov (0, R), va drodery0ij ot i axorovbia : IL, , Iy, , Iy, Mg, . . . elvar povoto-
Vag gbivovsa.

*Anodersig : Mpdypati, v My, elven 1| TrepiueTpos wds kupTHs Kavovikfg
TeBhaapbuns ypaupds, TEPLYEYParUéVns Trepl TO TéEov KkikAou (O, R), &piBucy
’Tksupc'ﬁv 2v, & TOU gyNUaTOS TA§ TrpOTyouLéuns Tapaypagoy Ba Excwuey

Hz\. =v.2. AAI.

"Ex ToU dpBoywviou Tprywvoy B,A, M Exopev :

N4, < AB, § A, + A, < AB + A8, i 2AA; <AB, § 2v-AA, < v-AB,

n Iy << Hy.
‘Ouolws Epyalduevor ebpioxouey OT1:
N T P | PRI b Bl L @)

69. @EQPHMA 1V.— 'H nepipetpos tuxodong &k tdv 2% . v kuptdv kavovi-
X@v te0haopévoy ypappdv, @V EYyEYpappivoy sic tolov kikkov (O,R), civar
Mkporépa tijg meppétpov tiig avriotoiyov Kuptils Kavovikilc telhaopévng ypap-
Mg, tiic repryeypappévng eig 10 ToZoV tobto0. 4

'Anobetig: o) "EoTw @,k N TEPIETPOS TS Kavovikfs kupTiis TebAaouévng
quu“ﬁs' Tﬁs éweypauug’vns Eis T6 TéEOV AB ToU KUKAQU (O, n), Kol nzk £ ﬁ TTe-
pi“ETpos Tis &vTioToiyou wsplyeypawévﬂi Kat& Ta wponyoUpeva Sewpriuata
Eluey -

@ik < nz]i“. -

B) *Eore Tl # mepiueTpos Tiis TEPLYEY PALMEVNS KUPTHS Kavovikfs Te-

e)\ucuévng Ypauufs, wAnBous TIAEUPGV 9%y,

‘Bay |~ Kk, 6& elvan ‘Eav k < k', 6 elvan :

J nzk s n._,;\ 5 Dk, < k', (Becop. 1)

Apa - xaod @i, < Ty, (Becop. 2-3)
@, <y, €)) ‘Apa: . ax, <My 2
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*Ex 16w (1) xal (2) émeTon 8712
@y, <Thr., (3)
kol Bi1& tugovrag k kai K.

70. OEQPHMA V.— Al agopai 1@V nepypétpov 800 avriotoiymv Kuptdv
Kavovik®y TE0LACPEVOY YPUpPREY, gyyeypappivng kal nepryEypappévng nepi toZov
kokiov (O,R), arotelodv undevIKTvV akolovliav.

'Anedeifig @ “Eotwoav M., xal @k, o TepipeTpol BUo dvTioTolyoov
KUPTEV KOVOVIKGV TeBAQOUEVV YPOHPGY, TrepryEY POHMEVTS Kol Eyyeypaupévns,

g ol omoix gyouv v-2K ThAeupds. *Eotwoav A, E ol Blo mpidTal
A kopugal THS by yEY POHUEVTS, kal AA TO fiuigu TS TTAeUpas THS Gv-

R rigToiyou TreplyeypOUBEVNS, I 8¢ 16 péoov THs TAeupds AE. Kata
TO TTPOTYOUHEVOV Becopnpa I, B elvan :

A 0]
Zy. 56 My, = v- 25+ AA kol @k, = v-2KF1.AT,
"Ex ToU dpBoywviou Tprydvoy ATA Exouev : AA — AT < AT (1)
'Ex 5& Tou dpfoywviou Tprycvou OAA Eyouev :
Jr 2 AA?
AAZ=TA . OA, S
tE oU A S5
o e g : AA?
smote f (1) ylveran @ AD— Al < BA @

*Emeish) 58 OA>R, EreTon 6T : -&- < _%l. A i\)A;_ 2 ﬁ[?_zJ

kad 1) (2) ytveran:
2 ;
AL — AT < ﬁn‘ A 2ty AA-2"TLy AT < 25y AN
R

2K+, AAZ
nzk_v'_ Wk < —n (3)

e 1]

'EE  &AMou :
T ek v AR =2 AN f 25y Ane = (Max )

ok+l.y '
kai #) (3) ypageTal: X

Mk )?
My, —@x, < i3, R
Erraidn 8¢ Ty, <Th, &meron omi: My —ay , < "'i;( Im, )* _
2k+tv. R
'Ex Tig oxtoews (4) Emetan 611z “H dxohovBia tdv _ZL(;[IL\)%{ Eyev puot
V- .’

o pndév, kaBdoov of &pibuol MM, , v kad R elvan BeBopévor &pibpoi
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Kot droroudiav @ lim(My , — @y,) =0, fton:
lim- Ty = lim-@yx,
k—r = k—>» =

"HS5n, &v VONTWHIY KUPTOV KaVOVIKOVY ToAUycovoy, Eyyeypauuévov els TOV
kukhov (O, R), xai TO QUTITTOIXOV Treplyeypapévoy, 81’ dpoiwv ouAAOYyIopGY
Tods Exetvous, Bi T dmoiwy dmredelyfn 1O dvawTépe Becopnua, Pepanovpeda 611

Al dxolovdiar TdY TEPLPETPOV TOV AVIIGTOIY OV TOHTOV KAVOVIKDY TolvyOVEOV
Eyouv kowvov Gplov.

Kot dxohoublav : “H dagopa tdv meppétpav tov Exa dplov 1o pndiv.

71. *Avantoypa Kai piikog kokkov. "Eml s fueubeios OX (ox.- 57), &s Beco-
Priotopey T SpdppoTTa THIHATX

OA, = v xad OB, =TI,
OAZV = w » OB;V = nzv
(e A=t 0 OBy —Ty
OAZ“:‘\- = wZR-v $ OBZK-\' = nzk.\'l

QvTioTolyws foa wpds THV TrEplHETPOV KQVOVIKEY TOAVYWV®@Y, &y YEYpappévoy
Xal Trepryeypaupévou, kai Gv EkagTov Exel BimAdoiov &piBudy TAeupdY & TO

TTpoTyoUpEvoy.
(0} AL A Asv.. . Aky Baies 2 R eSS B e HY
M X
£x. 57

"ATrd T& TrponyoUpEVa BewprjpaTa eUKOAWS tvvooupey 0TI :

a) Té Gixpar Ay, Azvy Aavy oo A, Paivouv dmopaxpuvoueva Tou O,
Td & &xpa By, Bay, Bavy - - s Bok.y TAnoi&louy Tpos auTo.
B) Elvai: OA, < OB., OAx <OBa, ..., OAx, <OBy,.
y) Al Biapopai:
OB, —OA,— A, B,, OBy —OAy=AsBa, ..., OBy, — OAy = Ay By,

Blaprass EhorrToUvTal Kai Teivouy TTROS TO UNBEV.

"Ex toUTeov EmeTon 811 T& &xpa Ay, Azyy Adve ooy Agk,, - .. GTTONGKPUVS-

Heva 1o( O, kal T& &xpa By, B Bifv, -laip Bakog s os
M, é&kpov ToU Tunuatos OM. ToUto elvan koi-

TAnoiafovta Tpos To O,

Telvouy &mravTa Trpds TO onueiov = = :
YOV Spiov Tay TepIETPY TGV GVTIOTOIXWY KAVOVIKEY KUPTGY ToAuydvwy, Ey-

Yeypﬂuuévmv kel Trsplysypotuuévcov epl Tov kukhov (O,R).
Aéyeton Bt avartoypa ToU KUKAOU ToUTou. "QQ0°TE :
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s Avartoypa kOkhov kakeitar 0 ev00ypappov m?w:a, 10 omolov lvan x’m\'bv
oprov v axolovthdv iV TEPLRETPOV ‘“‘7-"" _2" ;V “UPV'“’V KAVOVIKGY KO}UYUWG-“G
Eyyeypappivov &g OV KOKALOV 'I:O\']‘I:O\"KU.I m)v' avtqu:mv m:;iwsypupmi\'m'v.

To pijxo3 tod avartoypatos tod KOKAOU TOUTOU Kaheltolr B 1] K 0 ¢ 1ol KUKAOL.

Equci.u)«\n; . “Opoics tvvooupev &TI UTTapyEL eUBUypauuov Tufjua, TO oTroiov elvan xowdv
So1ov TOV dxohoubidy TRV TrepipéTpeov kavovik@y TeBhaouévev ypapndv, Eyyeypappiveoy el
TZEDV kuUkhou xal T@V GumigToixwy Trepryeypanptvey. To elBUypappov TolTo Tufjpa xaheitan
avantuypa Tou Togou. ' ‘

To Bt pfjxos aUTol AéyeTan pijkog 10D to5ew TOUTOU.

72. @EQPHMA VI.— O Loyog 1@V pnrdY d00 kUkhov looltal npdg tov Loyov
1®OY aktivov adtdv*.

*Anodeiic: “Eotwoav (O, R) «xal
(04, R;) BUo kUKAoL Eis ExaoTov TouTwv
4, EYYPAQOUEV KavovIKOy KupTdV TTOAUYw-
Wy Exov v TAeupds. *Eotw AB 1) Theupd
ToU évos kad A ToU &Ahou. Gewpolpev
8t xad T& dvTioToka Tepryeypappéva
KUPTA Kavovikd ToAUywva. *Eotw AB;

Sx. 57 Sy. 58 1) TAEUP& T Euds kai A, ) TAeupd ToU
&AMovu.
Al TrepiueTpol, TGOV pev Eyyeypauptvav elval dvTioToiyws :
av="+-AB xal g =v.TA, (1)
1@y B¢ mepryeypapuévay elvan dvTioTolyes
M=v-AB, kai TI'=v.TA,. @)

Ex tdov (1) kai (2) Exouev dvTioTolyws :

e i 3) kad A = f‘lBJ (4)
@, ra i I—IA]
. AB AB I ; = .
P AN = "F:Ai- =R OToTE, Aoyep TAwV (3), (4), 6 elven :
v, nv - R
7N 9

'Edv oF kol ) elvan dumioToiyws T pikn Tév kikhwy (O) kal (O,), 8& Exe”
pev TS oxECEIS !
o< I < xa @ <F<T,

@y J nv w’v J rf
e e 1 5, 1 B o'
2R <2R 7R & 2R, i 2R, = 2R, " @

=N

* To Gewpnpa tobto Ogeikerar elg tov “lxmoxparny tov Xiov (450 =.X.). Ovrog nunn(o).ouo;wc padf
pata gihogoplag &v "ADAVALS, xaitol firo Eumopog. “18puce 8¢ ldiav Ixohfv. Elg abrov dgelierar & tetpayoV
opdg TV pnvioxov.
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‘H Seutépa TéV (6), Adyw Tév (5), yiveran :

v c.?; nv 2
R = 2R, TR )
A& auyxploews Té@v (6) xal (7), AapPdvopey :
j i _&_ @&y I, — ey
TR R e e e e ®)

ToU v TelvovTos gis TO &meipov, ) Biagopd TT, — e, Telver els TO undév. “Apa

1 Biagopd =7 —CZ{—, Eyel Splov TO undiv.

2R~ 2R,
‘Yo T ouvdikes TauTas Tapadexousda G :
el gl
I Ry
‘0 Adyos % elvaa, Aoy, oTadepds, olooBnmoTe kad &v elvan & BecopnBeis
kikhog ( O,R), kai mapioTaTa Bik ToU ENAVIKOU ypduporTos .
"Qoe %zﬂ. ¢ oU: J=2R-n ©

‘0 TuTos (9) ékgpdlel ST : To pijkog x0khov (O, R) civar yivépevov tiig
8‘-Clp.t':tpo:m Tov &ni tov aplbpov T ‘ ,
Tpémrer Gpeos v yvwpifouev Tov &p1buov . ‘H elpeois ToUtou ylveran kara
Tpootyyiow s EERS
73. ME@OAOE TQN NEPIMETPON.—Edv a kal TT, TapioTdvouy Tés
TEpIETPOUS TGV KUPTEV KaVOVIKGY TTOAVYwvwv, Eyyeypappévou kal Treprye-
Yoaupévou s kikhov (O, R), &piBuol TAEUp&Y v, yvewpifopey OTL:
o < 2R <TI,
Kal kot dwohouBiaw, Bid 2R = 1, EmeTan 6Tt :
oy <t < I, .
lov : “Yrohoyiopds 100 @y GUVApTGEL 100 &\ - Elvan yveooTdv 6T :

‘0O TUmos Tou "Apyipndous

@y = 2v. Ay, EE OU: Ay = E;lv_ ) T L el
1
; Sid R= =, kal Pdoe Tév (1) kad
@ =y.},, égoﬁ:?\,_—__‘g_ 2) 5 B
s (2), yivetan :
(ow P = (v=VV¥=(@ ) ) ©))
2ov : “Yrohoyiopog tod IL, guvaprtijoer 100 @y . Elval yvewoTov 6mi:
taadiil}s
T -
x @y
Ko &y L el A =t )
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2R -\
Vari—
= AV
VY= )
‘Egappoyi] : "Apyopevol &mwd Ty Ty v=3 &i& Tov Tumov (3), xai &md
THY Tify v = 6 &1& TOV TUTIOV (6), AauPavopey QVTIoTOIKGS :

*Eveidh Bt elvon: Ay = , tmetan, Péoel TGV (4) xal (5), STi:

(6)

| Wyg=3,215401. 1

@ =3 !w12:3,10582...( M, = 3464l |
T TR DT |
@2 = 313262 ... | @ 3,13935... lrlgi: 3,15967. . . | Tl =3,14605.. - |

il l
s = 3,14103 ... | @ 3,14145... “ Tlye=3;142725.. . | M=3,14188...

'Ex tdv oxtoewy @y < < T, kol Tév dvwTépw eUpeBaicddy TPV ToU
T, TPOKUTITEL OT1 :
3,14145... < n < 3,14188.. ..
xql pt déka BexaBika yneia: ®= 3,1415926535.. . .
‘H Tipf Suws m= 3,14159 elven &mapkns Bid Tas ouvnbes tpappoyds.
Ardx v 2vBupoUpeda Guws ToV &p1Bpov T, dvTioToryifopey T& ynoeia ToU &pi-
Buol ToUToU Pt THY yVwoThy PpaaIy
'Agi 6 Ogog O pEyoag yeoperpei,
T G TR S 9

ele TV oTolav TO TIATiB05 TGV YPABUITWY téoTns MGecos Exgpddel TO dvTioTol-
yov ynoiov ToU &p1BuoU T, € &pioTepddY Tpos Ta Befid,

* 74, ‘Iotopukov onpeiopa. ‘H oralepdTng ToU Adyou Tol prikous kikAou Tpds THY Biépe:
Tpév Tou fito yvwaTh Els ToUs dpyaious "EAANVas. ‘O péyioTos Tév Malnparikéy Tol  KooHoY
*Appundng (287 — 211 m.X.) tpripuoge TpdTos THY WEBoBov T TepipéTpov kal elpev ds TIWAY
Tou 0 TO KAGOHA

22 5 5e: 3 10 1
R=o= 3,1428, dxp\Pids b : 3W< < 3 7
‘O Mrohepalog (87 — 167 u.X.) elpe : = 3,14166....
‘O *ONAyBbs Meouérpns Metiug (1571 — 1635 uX.) elpe & = 2o

113°
‘O &rhos MaBnuaTikss Viete (1600 p.X.) eUpE :

n = 3,141 592 653 5...
L THY PofBeiay KavovIkoy Tohvydvou ExovTos TATBos TAeupdY v = 3,218,
‘0 “Ayyhos MabnuaTikds Shanks UmeAdyioe, 77 BonBelg Tdv dvwrépwy MadnuaTikdvs
Ty TRy ToU T pt 707 Bekabika ynola. T& yngia TauTa dvaypéeovrar els Thy Lwogdpov ToV
Meyépou Tiis "Avarahuyews (Palais de la Découverte) els Tapioifous. 3
To Eros 1949 51’ HAekTpovikol UmrohoytoTal timrou ENIAC Umrehoylofnoav 2045 BekabiKd
ynglia ol &p1Bpol . "Ex ToUTwy povov Ta 525 TpdTa guuTiTrTouy pE Ekelva Tou Shanks.
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Katé 1o Etog 1958 ut Tov HAextpovikdy UmohoyioThv IBM 704 Umehoylodnoav T& 10 000
TpdTa Bexadike ynela ToU &pifuol .

TMpédtos & *EABeTés MadnuaTikds Lambert (1761 p.X.) amédeifev 671 6 7 elvan dodpperpog
&p1Buds.

BpaBUrepov, kard To Eros 1882, & Mepuavos Madnuarikss Lindemann &mébailev oM & T
tluen kal DrepPanikog &piBuos. AnAadh &  Biv elvan pila dAyePpixiis E§iodoecs ut TpaypoaTIKOUS
OuvTEAEDTAS.

EGypnoTor els Tov hoyioudy, kal 18ies els Ty Quokny, elvan al dxdhoulor Tipai :

L 0318309 886.,  hoym= 0497 149 872,  doy ~ = 1,502 850 127
n

AZKHZEIZ

266. ‘H dxcrls dvds xUxhou elvan 8m. Tléoov elvan T piikos ToU KUKAOU TOUTOU ;

267. To uijkes tvdg xUKAOY elven F = 4,398226 m. N& UmroAoy1o8i f dktis TOU KUKAOU
Totrou,

268. Na Urohoyigdij 10 uijos kikAo, EyYEypauuivou els TeTpdywvov, kavovikdy i§dywvoy,
Kavovikdy dkTdrywvov TTAEUpEs &maTelxws 5 I’Z 8, 10V2— 72_

269. Tléoov elvan T& pfiKos KUKAOU TepIyeypammévoy Trepl Tetpdycvov Theupds 512 kal
TWooow T Trepl kavovikdy EEdywvey mhevpds 213 ; )

270. Aieran TeTpdycwvov ABIA mheupds o. N& UmrohoyiaBf) Té ufikos ToU kixkhou (A, Al).

271. Né& ypagi) kukAos Tgos Trpos T Gpotopa BUo BebevTwy kinkAwy f Toos Tpos THY Siago-
P&V v, ‘

272, N& ypagij kukAos TETPOTIAGDI0S BobévTos kukAou (O,R).

75. EYPEXIE TOY MHKOYE TOEOY.— "EoTw T T6 pfikos T6€ou o kal
F 16 pfikos ToU kUKAo, els dv Gvrikel TO ToBov TouTo.

Elvan yvworéy 6T & Adyos Buo Speceldddv ooty loouten Tpds TOV Adyov
T®Y pérpoov airdv. Kar' drkoloubiav @

3 —_ ,E, T: = ._-}l._ 1
— = 360" ¢€ oU = [¢h)

'O TUmos (1) éxgpdder 671 :
To pjkog té&ov kikhov looltal Tpds 1o ywvopevov tob pijkovg tol kKikhov tol-
00 i tov Abyov T0D pétpov 10D 1650V 10010V TPOG TO péTpov Tob KiKAOL.

"Emeiyy F = 2R, 6 Tumos (1) yiverar:

nRp
TS 80 @

“Allm Expphanig Tod pijkov; 1o50u 'Eav AB elvan 76 TdEov tvds kikAou (O, R), Tou &-
Tofoy T4 ufikos T slvan Toov Tpds R, A yevia AOB SvopdleTal axtivioy (povadiaia yawvia).

"Eaw 1ebij AOB = g, T6TE B EYwpev :

E N @)
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AOB AB B

*Egtew FOA ula dpfn tmikevTpos ywvia ol kUkhou (O, R). Téte —— = ——— kal 6Aé-
ria o e
yes Tav unk&v Tév Guo T6Ewv AB, MA elvan 7——“ o _3_
- L
4
KoB 2 A 2
Apa : T 6081 =iy tEcl: (AOB)=a= = 1 6p0i.

Kot &xoroubiav : 1 dxrlviov = 90°. % — §7017°44"".

sx. 59 ‘Oucles : ] dxriviov = 100P . % = 63,662° .
Ardx THY peT&Pagiy &To & dxrivia elg 1&g pofpas kal Babuols yvwpifopey Toug TUTOUS -
e Jatit
180~ 200 n’ *
Ex &y Tomey (3) xal (4) AauPévouey :
P n
1=mn'|1 (5) xal t—mﬂ.-ﬁ. (6)
AZKHZIEIZ

273, *H dxrlg tvos kikhou elvat 8 em. Né& eupedi) TO ufikos TéEou arrou 60°, 72°, 300, 45°.

274, TéEov xixhou (AB) = 389 12' 24" e uikos 42 mm. Nat elpedi] A dis vou.

275. ToéEov 92,691 P Exer Wijkos 65,8 mm. N& ebpedij f dtis Tou.

276. TéEov 1,251 dxmviou Exer ufikos 49 mm. Mola # éxis Tou ;

277. Elsxixhov (O,R) Aappévopey Tas xopdas AB, A, EZ Toas dvmioToiyws mpds Tés TAeu-
pés TRV Ey yey pPapHEVGY KQVOVIKGY TOAVYWVwY, TETpaywvoy, loomAelpou Tprydvou kai i§a-
yobvou. N& Urrohoy1087 TO PTiKOS tedoTou TGV BAacodvwy Té§wv AB, MA, EZ, & R = 2 cm.

278. Mt xévtpa TaS xopupds lgomAeupou Tprycvou ABI Theupds a ypégouey Téfa, Tepa-
ToUpeva els Téas GAAAS §Uo Kopupds aUToU. N& UTroAey1o6i To ufikos THs U’ airdy droTeAoUBEVTS
ypapuis.

279, AlBeran fuikukhos BianéTpoy AOB = 2R. Mt Biaptrpous Tés dxrivas OA kai OB ypd-
QOEV AHIKUKAOUS kelpvous Evrods TGV TpcoTou. N& UrohoyiaBfi Té pfikos ToU kUKAov, Sois Epdr
TrTETon TGV TRIGY NHIKUKAGY. 1

76. EMBAAON KYKAOY.—©ewpoluey kixdov (O, R) kal t& Buo dvrioTol
Ya KupTd rkavovikd ToAUywva, Eyyeypauutvoy kai
Tepryeypauuévoy s TOV KUKAoV TouTov, Gv & &pi-
Buds TGV TTAEUPEOV elvan v.

Eqv e kal T, elven ol TeplpeTpol TOUTWY, Kai
a, TO &TOoTNH ToU tyyeypauuévou, TOTE T& EuPa-
5& Tov xav. ToUTwy ToAuydvwv 8& evar dvmi-
oTolyws.

@y - Gy el R - nv
2 2
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"Edv E, elvan 16 Eupadov Tol fecopnévtos kikhou (O,R), 6 dAnbelouv,
Tpoaveds, ol oyEoEs

@y * Qy B % nv
Tk T (1)

R—a - oy i)
AR LR e T N Mg A e N

kel g, < F, &mou F TO piikos ToU kUkAou (O, R), Emeten 611 :

: —_ + Uy 1
T szv s <§[R(ﬂv—wv)+c7(R"‘“°)]-

*AMAG ToU v TelvovTos els TO &meipov, al Siagopai TI, — @y kai R — o, Tel-
vouv els Tov pndév. Kat’ dxolouiav 1) iagopd :

nv‘R'-fa'v‘CIv
2

Telver elg 16 pndév.

O S RS O e [T R
BE ARdou vk oFin e B0V St e e )

Emeidh 58 o, < R, EmeTal 6T i 2 < 2' R kel ) (3) yiveren :
J: R M, - R

@y - Sy
ey e S T ®
MR av: % _T,-R—ea-a
&€ o7 . 0 < —‘?—2—{ i 5 2 5)
P &y + Ay
AMN Ek Tiis (1) EmeTon OTI: —5—— — E, < 0. (6)

A& Trpooféoews kaTd PEAN v (5), (6), Aappavouev :
JR ﬂv'R—wv-O!u

B CEab () e 2 ' )
"Emreibn Spws ) Siagopa T1, - R — @, - o TeEivEl TPOS TO Undév, EmeTon 811
kal f Siagopd Ey— f‘—?z‘—ﬂ— Telver elg TO pndév.
‘Erropéveos Suvdpeda va TrapadexBidpev & :
E=g TR &
Emaibh 8¢ 7 = 2wR, & TUmos (B) yivetan:

"Ex tév AexBévrwov dueTépwo TPOKUTITE :

OPIZMOZE :— ’Eppadov k0Kkhov KahoUpev 10 Kowvov Gprov @OV axorovlidy
Ty tnfaddv t@v 2K - v KavOVIKAVY Kupt®OV molvy@vey TV Eyyeypappivov eig
L Kikhov toDtov Kai T@®V @viioToiy®V TEPLYEYPAPPEVOV.

73

Wnepromotr|Onke amé 1o lvotirouto EknmaiSeuTikrg MoAmkrg



‘O Timos (2) tkppdler OT1:
To éppadov kokhov elva yivopevoy tob aplpod n tni 1o teTpayvov tijg akti-
vog 10U KUKAOU TovToL.

77. TETPATQNIEMOE KYKAOY.— Terpayoviopog dobéviog kikhov kakei-
TaL 1| KATAOKEVR TETPAY VOV {obuvapon mpds TOV KOKLOV TODTOV.

"Erreibfy 1o Eupabov E, tvoe kUkhou (O, R) elvan Eg = % F- R, fmetan 6T 6 kUKAOS
otrros elvan looBivanos Tpos Tpiycvov, T oToiov Eyer Paotv fonv TIpds T ufikos ToU kUKAGU
ToUTou xal Uyos ThH dxTiva R attou. "Edv, Eroutves, HBuvdpeda va XATAOKEUGOWHEY TOIOUTOV,
Tpiywvoy B& Ererparycoviouey v KUxhov. To mpoPAnua TouTo érl aldvas &mnayéAinoe Tous Ma-
BrucTikous Ao ToU Koopou. MeTd THY KaTa TS #ros 1882 &mdBei§iv Tou Meppavoy Mabnuatixol
Lindemann &T1 & &piBuds elvan UmrepPaTikds, Wi GV plla EEI0C0EWS Pé TPAYPTIKOUS TUVTE-
AeoTds, Tpokkuyey OT1 f) kaTaokeun aUTn elvon &BuvaTos Bid Tou kavévos kai Tou SiafnTou. "Apa
& TETRAY WVITWOS TOU xukhou elvan adovatog,

ATKHZIEIZ

280, ‘H dxrig tvas kixkhov (O) elvar 5 em. Né& Urohoyio8i) 16 EpPadov Tou.

281, Kavovikdv tEaycvov Exel mheupdy a = 6 cm. N& Utrohoy109i 16 EuPaBéy ToU EpT-
YEY pappEVOU KUKAOU. ol

282, ‘lodmAeupov Tpiywvov EXEl mhevpdy 2 ¥3 m. N& Umrohoyiobiy 16 tupabov Tol Trepi-
YEYPAUHEVOU KUKAOU. _

283, To &TOOTNHA KAVOVIKOU tEaycvou elvar 6 Y3 em. N& Umohoyiodii 16 Eupaddy Tou
TEPIYEY POHHEVOV KUKAOU.

234, AiBetan KUKAOS (0, x). "Ayousv U0 xopbas aUtol AB =8cm xal Al = 6cm
xabétous. Na Utrohoyiobij To tupabov Tol kuKAOU ToUTOU.

285. Els épdoydviov Tpiywvov ABI pt xabétous mheupds AB = 12 cm kai AT = 9 cmy
Syopev o Oyos AD. Els i tplycva ABT, AAT, AAB tyypdgouey kUKAous, T&Y dmrofwv {nTodvTd!
Ta tupaba.

286. Mé BiapéTpous TS Theupds dpoywviou Tprydvou ABI ypgopey kixhous. Na ouykpt
87 1o Eupabov <00 KUKAOU, BaTis ExEl BidmeTpov THv UroTeivousav Trpds T6 &Bporopa TV EuPaddY
v Buo &AAWY KUKAWV.

287. AiSovtan SUo SpokevTpor kKUKMot O dxTivay R xal R, &8a R > R,. N& \'f'rro'.\oywﬁf]
6 tuBabov Tis kUKAIKTjs TTEQAVNS xal va oukpiBij ToiTo Tpds To EuPabov Tou KUKAOY, fu
tyer BraueTpov Yopbhyv ToU peyaAuTEpOU KUKAOU, tpaTToREVIY Tol WKpOTEpOU.

288. Na xaragkeuasd] xUKAos looBivanos Tpds TO &Bpotoua Ty EpPabiv Buo BodévTa!
KUKA@V f SowVBNTOTE RUKA W@V,

289. N& xoraokeuaodi] KUKAOS looBuvapos Tpds THY Biagopav 1oV EuPadiv Buo BobévTw!
KUKAWV.

78. EMBAAON KYKAIKOY TOMEQE.— Ocwpolpey kukhikdy Toutd
AOBA", Kéﬂwpou O kal dxtivos R. o) TMapadexd
pebar 81 Evas kUkAIKOS Topels Eyel EUPaBov .

P) Mopadexopeba éT1 16 tuPabov TouTo
elven u_sya?\\b'repov ToU EuPadol Evog kupToU K&
VOVIKOU TIOAUYWVIKOU Topéws Kol pIKpOTEPOV ol
tuPadol évos GAAOU kav. TroAuywvikoD Toptd
TEpIYEYpapuévoy els TOv kukAikoy Topéa.

Eyypagopev Aoimdv els 16 TéEov AB i
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Topéeos plav kavovikny kupThv TeBhaopévny ypauphv kol Bewpoluev kol ThHY
GurioToyov Teplyeypaupéuny TolaUTny. "EoTw v & &dpi1Buds Tév TAeupddv alTdv.

Edv @, kai TT, elvan of TepipeTpor alTév, o, TO &mdoTnua THs Eyyeypau-
Bévms kel T TO wfikos ToU Tofou AB, B Eywuev Tas oyboes : @, < 1<Tl, kai

: B R _mp . R o 4.9 M, - R
LB e T T e T SR
H w;'av T'R n;.R
i poh M ©)

"Epyagépevor B¢ 6maws kol B Tv elpeciv ToU EuPadol ToU kUkAo, &k TRV
oxéaewy (1) kai (2) evpiokopey 6T

=73 3)

mRy

Emreidn 8: 1= 180 & Tumos (3) ylverau :

C))

79, EMBAAON KYKAIKOY TMHMATOE.—“Eote xikhos (O, R) ol
XopBH alrol AB, uf Siepyouévn Bi& ToU kévtpou. AUTn
X@piler Tov kuKhov s BUo &vioa KUKAIKE TumuaTa, T6:

ATBA kohoupevov Elacoov
kai g AABA koAoUpevoy pellov.
"Edw ¢, elvon T épPabov ToU EA&ogovos kai g, elvan

T EuBabov ToU ueifovos KukAikou TufuaTos, 8& Eye-
R Zy. 62

o _ (OATB) —(OAB) | () xad | &, =(OAABO)+(0AB) | (2)

AZKHZIEIZ
290. Na Umrohoyio8ij 10 éupabov kUKA1KoU Topéws 300 xal dxTivos 8 p.
291. ‘Opoiws To0 Topéws 60° A 120° A 1500 xal dxTivos 5 .
n : 5 85 B .
292. Kukhikds Topeus Exer Eufadov o m? kai Paoiv 30°. Na Urohoyiobi 1o éuPabov Tou

Aoy, elg du dvriker & TopEUs. : . ‘

293. Na Umrohoyiodij To éupabov ToU EAdoaovos TEV KUKAMKOY TEnudTwy, ey & Siaipeitan
Kk dxrivos R Umd xopf;ﬁs {oms Tpos THY TAEUpay ToU Ev aUT® éy_yeypcxpuéuou a) TeTpay-
You, B) loomAeupou Tpiyovoy, ¥) kavovikcy EEaycovou kal B) kavovikoU SKkTaydhvou.

¥ 45)
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294. Elsxuxhov (O,R) &youev o xop8as AB kal A mapadiihous, Tpos T6 alrrd uépos Tol
kévTpou xeiptvas, kal foas dvTioToixws TPoS ThHY TAeUpav Tou £y yeypappévou TETpaywvou Kal
lgomAeUpou Tprydvou. N& UmohoyoBi] 16 éupabov Tijs emeaveios ABIA.

295. “H BidkevTpos Buo fowv kikhwv elvar & = R |3. N& Umohoyiotij 1o tuPadov Tiis ko1-
viis aUTdv Emgaveias.

FENIKAI AZKHZIEIZ

296. AiSerar kUkhos (O, R) kai &l tijs wpoekTdoews Tiis &krivog OA AsilBvapss T
OA — AB. "Ayopev Thv épamrropévnv Bl tol xikhou (0). N& Umrodoyiodii 16 tuBadov tou wi-
kToypéupou xwpiou BrAB.

297. TuvBtopev TO pégov EKAOTNS TAeupas TeTpaywvou ABIA pé T &xpa Tiis &mévayTi TAEU-
pds. Na Urohoy1odij TO Eupadov ToU KavovikolU OKTaywvou, 8Trep oxnpaTileTal Ud Téy ey
ToUTwY, TUVapTAGEl TS TAEUpEs o TOU TETpAYwVOU.

298. Mt BiapéTpous Tas TAEUPAS TETpaydvou TAEUpSS o ypdpouey fuikikAous keipfvous
el 1O towTepikdy ToOU TeTpaywvou. Na Umoroytofi] 16 EuPabov Tou oxnuaTILopivo TeTpa-

pUAROV. 1! i )
299. Alfeton TeTpdywvov TAsUpEs a. M kévTpa TaS Kopueds ToU TeTparydivou kal dkTiva

N ypdpopey TetapTokixAia elg 16 tOWTEPIKOV TOU TETpaycvou kelpeva., N Utrohoyiofij TO

tuPaboy xal f| TeplkETPOS ToU oxnuaTifopévou KapTUAOYp&UUoU TETpary oy,

300. AiSetan TeTpéywvov ABIA mheupds a. ME kivTpa Tas kopupds ool kad ducrlva &
yp&popev T6Ea EOWTEPIKGDS TOU TETPOyDUOU Kelpeva, T& omola TépvovTan ¢ls T onpeia E, Z, H,
6. N tmrohoyiodij To tupabév ol kapTuAoypdppov TeTpaydvou EZHO.

301. AlSetan TetapTokUkhiov OAB dktivos R. ME Siapétpous Tés dkrivas OA xal OB yp&
gopey funcUkAous LowTepIkGS TOU TeTapTOKUKALOU KElpévous kal Tepvopévous els 16 K. N& Urroro”
Yo7 T6 tupabov ToU KapTuAoypaupou Tpiywyou ABKA.

302. Aiseran xukhos (O,R) kai ula Bi&petpos alrol AOB. *Eorawoav T, A 1 péoa Tév OA
wal OB. Mt Biapérpous A, AO, AA ypdgouey, EowTepikéss Tol Gvew fuikikioy, Aumikhous kal p
Siopérpous T& Turuaa BA, BO, BT ypagouev fuikikhous pos Téw Erepow fulkukhoy. Né dmor
BeyBi 611 & Sofels kUKAos Branpeitat oUTws els Téooapa loobivapa uépm.

303. Kuxhos (O,R) Broipeitan els &€ Toa T66a Biax Téow onpeiwow A, B, F, 4, E, Z. Mé xtvrpd
& onpela TauTa Kol dxriva R ypdoopev TéEa Evtds Tol kikAou kal TrepaToUpeva els alTéy. NE
Umohoyiobii TO tpPadov Tou oxnuaTifopévoy KaptuAoypdupou égﬂ&tp\'}?\?\eu. kal TO pfikos ayToU

304. AiBetan kavovikdy E§éywvov ABTAEZ, kévtpou O kai TAeUpds o ME Biapétpous T
&crivag OA, OB, . . ., OZ ypdgouev flukikhous kaTd Thy iy 9opdv AB, ..., Z. N& Umrohoy"
087 T EPabov ToU 0UTE OXNUATILOUEVOU KaUTIUASY p&ULoU TpIgUAAGY,

305, AiBeran dpBoydoviov Tpiywvov ABI (A = 909), Tpégouey Tov Auixuhov ABF xd
it Siapérpous Tas AB, AT yp&gokey fukikhous &Tds ToU Tprydvou xewpbvous. N& dmoberydl
&1 76 &Bpoioya T EPabBdY TdY unviokewy loolTal pos 1o EuPabsy Toj Tprydvou ABI (M
vioxot Tou ‘lTrrokpdTous).

306. Tpameliou ABIA al Biaydvior AT kal BA tépvevran els 16 onpelov E. "Eév x elvar
upabdy Tév Tprydvey AEA, BET kal y, 2 Ta tuPaba Tév AEB, MEA dvTigroiyws, v& dmrodeixd
i () = (y) @

307. Bewpoipev lodTAsupov Tpiywvov ABT Eyyeypapptvoy els kikhov (O, R) xal 6 &vth
ororgov mepryeypapuivov AB,I, EuPadiv dvmiaTeiyws E, kel E,. Edv E elvan 16 Eupabsy 1ol &
Tov aUTdv KUKMoV Ey YEYPAUUEVOU KaVOVIKOU E§arywvou, ToTe :

E¥ o= E; . E,.

308. Aiberan Te1up1'om"n<?nov OAB, én.cﬁvcs OA=R. Mt Biauétpous OA Kal Oé yobqol
fuikukhous, Tepvopévous els 16 onuelov IN. Na ouykpiBolv & tuPabd Ty KapTrUAoy papwY XV
plwov OO xai MBAT.
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309. AiSeran TeTpdycwvov OATB mheupds a. Mi kivtpov T0 O xal drTiva OA = a ypagouev
firdg Tou TeTparyvou To Tofov AB. Els TO pikToypapucy xwpiov TAB Eyyp&pouey KUKAOV KEVTPOU
0,. N& Umoroyioi 1o iupabov Tou kikdou (O,).

310. Eis odévra xixrov (O, R) va tyypagolv Tpeis igor kUkAor, tpamropevol peTaly Twv kal
ToU Bobévros Kai va Uohoy1adi 10 EpPabov Tou tvds £k ToUTWY.

311. Tpeis oot kUKAOL, dxtivos R, tpamrTovTon E§wTepIK@ds KaTa Ta OTUEIX A, B, . N& Umo.
Aoy 187 To EuBabov ToU kauTTuAoYpauUuoy TRy wvoy ABT.

312. Mt BiapéTpous TS TAeupds ioomAelpeu Tprydvou ABI, Theupds 2a, yp&oouey Tpi-
XUkAcus Tepvopévous dva Buo el TV TAEUp®V TOU TPIydvou KaTd T& onpeia 4, E, Z. N& Umoho-
Y1087 16 ¢uPaBov ToU WIKTOYPaRHOU xwpiou AEZ, kai dxohctBuws To tupabov ToU kikAou ToU
byyeypaupévou els T yopicy TOUTO.

313. Mi xbvrpa TAS KOPUPAS {ocAeUpou Tprycvou ABT, Trheupds o, kal dkTiva a ypagouev
& T6Ea BF, TA, AB (BAdyiora). Na Urohoyo8i) 16 tupadév ToU xikhov, 70U dyyeyparuévou el
TO KapTUASYpappoy Tpiywvoy ABI.

314%. Ao xuxhor (O,R) kai (04, R,) TépvovTen els Ta onpeia A kal B. "Ayopev THY kowiy
Ewrepikny tpamrropivny [A auTév. N& &mobeiyff 671 ol kUxAot ATA xai BIA elvan Toot. "Eotw
P # dxTis aut@v. Na dmobeiydi &11: -

pt=R- R wal 2) AL = /-

315. Kukhos dxrivos R va Sicnpedi] els Tpla uépn dvdhoya Tév &pibudv A, w v Bi& buo
5uckév1pwv KUKA WV,

316. Kixhos (O, OA =R) vé Biapedf els uépn évdhoya 1@y dpibudy A, u, v Bik Blo ki-
KAcov Epamrropéuay towTepikGs Els 10 A Tou SobévTog KUKAOU.

317. Aiberon xuxhos (O,R) kai pia BisueTpos arou AOB. Na ebpedi] & iis AB v omusiov
I\ To100Tov GoTe, & Wi SiapéTpovs T TufpaTa Al kai MB ypagolv fjpikurdor éxarépwley Tiig
AB, v& Brcupeivar & kukhos (O) els Suo pépn Gvahoya TGV dpiBudv k kal v.

318. Kukhos (O,R) Biapeitat o Toov anueiwv A, B, [, A, E, Z &g &€ oo Té8a. ME xkbvrpa
T& B, A xkai dktiva R ypagouey T& 166 TOA kai MOE. Me kevtpov [ kal éktiva A ypagouew
T8 6oy AE. N& tmrohoyiai] To tupadov TOU KauTUACYpauUOY Xwpiov AOEA.

319*%. *Eav K elvan 70 kévTpov papous Tprycvou ABI éyyeypauptvou els xixhov O, va &rro-
Benyoq omi: |

D(K) = — 5 @ + P+ V).

320*. 'E&v A,, By, I, elvan 7& CUUUETPIKE TEV KOPUPEY TPryvou ABT, tyyeypapuévou elg
KiKkhov (O,R), cos Tpds Tas GIrEvavTL heupds BIT, TA, AB dvmioolyws, v dmoBer8fj &T1:
DA + Do(B) + Do) = o + B* 1 ¥~
321*, 'Edav K eivan 0 kévTpov Papous Tprywvoy ABM ket Dy, Doy D, al Buvépers TV Ko-
PUgGy A, B, I og Trpods Tous kukhous KBT, KFA kai KAB, v& dmoBei®iy om :
1
3);=9,=-‘D:=T(ﬂ'+l§'+f)-
322. Els &pBoydoviov Tpiywwvov ABT (A = 90°), v& &mroBeix8ij 611:
lov: a+p+ry=¢ft Pﬁ‘.Ps"}'lPla :
oy o3 Pk =Pt kR TR
323. "Edv 10 Tpiywvov ABI elvar fuydviov, va &robeij 6Tt
at + ﬁl + Y: > BR:.
Ti oupPaiver, &v 1o ABT elva dupAvyviov |
324. Els wav Tpiywvov ABI va &moberyBouv al oxtoes :

4
R>2 xa ip-‘tﬁ?g-

7
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325, 'Eav &, §,, 8., & elven &l d&mooTagels TOU xévtpou O Tou TrepryEypaputvoy kUKAou
mept Tpiywvov ABT &md & kbvrpa |, 1L 17 I TGV KUKV by yeypanptvou kal Tapeyeypaipé-
veov els Tég ywvias A, B, I aUrou, v& &moBeryfi) 6T :

lov: B +8 + 8 + 8 =12R%
2ov* : Eav a,, &y O Eva al TAeupal ToU Tprywvou 111, va &moBery 81 oT1:

ot p* ¥ 2aPy
e == = 1.
e apiva

1

a P

Jou* : "Eav X, Xa X, elvan al &rroordoeg Tou O &md Tag TAEUpds &, B, Y &vtioTolyws,

i

vax &modeiyfi 671 ¢
= By Y

Xy X Xy 4x, X, Xy

326*. KupTol TeTpamAeUpoy ABFA af mheupal elvan @, B, v, & xai of Biarycoviof Tou A, W
N& &mrobeiydij 671 T dupabov Tou S elvan :

8= IT |3 = (o + v — P -5

327%. "Edwv els Tpiywvov ABI elvon py = 2p: = 3ps Té1e 30 = 4Pp.

328*. 'Eav ol mhevpal Tprydvou ABI &moTeholv &piBunTikiy mpdoSov, ToTE al &KTIVES
£1, Pas Pa 0& &TroTEAOUY GPUCVIKNYV Tpéobov.

329*. Auo xukhar (O,R) kal (0O, R,) teamrrovTal tEwepikas els To A, "Eav d elven 1) &ré-
oraois Tou A &To Thv EEOTEPIKTIV tpaTrTOopEVTIV Bl alréov, vé &mrobery@i 611 :

2 1 1 s - 1

1 i + =, kal 2) N& Umohoyrofolv al mAeupal ToU Tprydovou ABI ouvap-
thoer Tév R xed Ry

330. Tpeis kikAor (Oy, R,), (Os Ry (On R,) elvar Byyeypoputvor els Thy ywviav Xyz
e v omolwv & (O,) tpamTeTan twTepikids TV (0,) kal O,. N& dmobeiyhij 6m1: Ry*=R,- Tt

331. ’'lodmAeupov Tpiywvoy ABF elvan tyyeypapuévov el kixdov (O,R). "Eav M elven Tuyov
anueiov ToU KUKAQU, TOTE &

MA? + MB® + MI™® = ct.

332, "Av KavoVIKoU OKTOryvoy ABFAEZHO dyfolv ol Biaydvier AA, AH, HB, BE, E©,
er, rz, ZA, al Topai alTdv elvar kopugal BUo GAAwv Kavovik@dv oxTaywvwy. Na Yooy
1 TAeupd Kal TO tuPabov txaTipoy, guvapTtioel Ths &kTivos R Tol mrepl 1o Sobiv dxtdrywvov TEpY
YEYPOUUEVOU kUKAou. "Eaw 8t Ey, E,, E; elvan Ta tuPoba Tou &py1koU kai TGV véwv, TOTE :

Eg V E’ = 253’. )

333*. Aidovran Tpia anpeia A, B, I ) keiuevar i ebfeics. M kévrp T omelor TaUTa yp&-
QOMEV TPELS xukhous Tepvoutvous dpoywviws &vér BUo. 'Edv a, P, y elvan ol mhAeupal Tol Tpry@voy
ABT xal Ra , Rg , Ry o dxrives TGV &v Moy kUkAwy, va &odeiyBi &1 :

' 1 ] ! 2 '
1) R3=T’{ﬂ‘+)’ —=a?), RSZT(Y + ot — pY), Ryz%{“‘+ﬁ'—Yl)

2) N& Umrohoyofij 7o tupadbv Tou ABI ouvapThoa v R, , Ra . Ry .
334*. Edv K elvan TO kévTpov Pdpous Tprydvou ABI kai R, R,, R., R, ol dxrives TV
Trepry ey pappivey KUKAGY elg T& Tpiywva ABI',. KBl KA, KAB &VTIG‘roixw-g' va &mrobey8ij 611
L)eRe = R: =R, - R, xal 2) 8116 xkhos KBI SiépyeTon dmrd 1o dpbékevpov H TOIG ABI,
&v ol Thevpal Tod ABI ouvbécovTal 51 TS oxEoews Pt 4 y? = 20,
335. 'Eav els Tpiywvov ABC loxun i loétns | T —B | = 90°, ToTe :
5, =d, = gvzr =V vz_
1B+ S
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336*. 'Ewv O xal | elven T& kévTpa T@v kUKAwY, TEpryeypanpévoy kal by yeypapuévoy, els
Tplycovov ABI kal loxim f oxéoss p + py = 2R, va &mobeiy7) 611 f) Ol elvan TapdAAnios Tpds
The Br.

337*. "lva els Tpiywvoy ABI & AmoAAdvics kUkhes, & dvtigToiydv els THv xopughv A,

™
loolran s Tov KUKAOY ABT, pemer kai &pkel §) yovia (1, vi) = TE

338*. ‘O tyyeypapuévos rUKAoS el Tplywvov ABI tpdrrretcn T@v ThAeupdv BT, TA, AB
els T onpeia A, M, N dvmiooiyws. "E&v A, b, v elvan T& prikn TéY TAeupdy Tou A M N xai a
B, y & prikn Tév TAEUp&Y TOU ABT, v& &modeiyfi) &t :

g (v=a) | pE=P)I Fyir—)
W ian Pl

19
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MEPOZ AEYTEPON

FrEQMETPIA TOY XQPOY

KE®AAAION VII

NOAYEAPA

80. OPIZEMOZ *.— [Mohvedpikn impavele kareltar Ev Ldvolov imnidwV
KhergTdY Tohvydvay, toroitev Hote Ekaotov va ¥xn pé Ev dhho kowviyy mhevpav i
pijpa tootepkod ThELPES, gkaot 68 kowvi] mhevpd i xowov tpijpa towrepikol
nhevpls va aviky sig 600 noiiy@va tob Zuvohov.

T& ToAUywva kahoUvTal Edpat, of 8¢ Aeupal dxpal Tfis TToAvedpIxTis Emiga”
velas. Els 16 (oy. 63 ) TO TOAUywvov ©BlH elvan Lia 88pa kad # TAeupd BE
i dxun ThS TroAVEBpIKTs Emipaveias. Al kopugal TGV TToAUyvwy ToUTwy lval
al xopugai TTS TroAuebpixiis Emigavelas.

Ix. 63 Ix. 63a H 3y, 64

Aaybviog TTovedpikis Emipavelas kaheiTan TO eUB. Tpfiua, To dmoiov st
Zeven &md BUo xopupds alrTiis uh Kewévas bl Tiis aUTfis Bpas. OlTw, To THAW
IZ elven pla Siorycvios.

Aray@viov Eninedov ToAuEBpou kaelTan Tav ErrimeBov, 1o &rrotov dpileTd!
&md Tpels kopuPds Wi dqunrovoas els Ty oty E8pav. OYte, 1o Ermrimedov osf
(ox. 64) elven Biarydoviov ErriTreBov.

Enpela Tiis TOAVESpIKTS emgaveias elvan Ta dswtepika Ty £5pov kal T
dxuddy aUTTS. j

“Otav Aywpev Eninedov topdv s moruebpixfis tmgavelas, vooUpev el

» Obtog ¢Anedn éx tob Pifilov «lapacrutich ewuetplan o0 xabny. tob E.M.M. x. I1. AaSorothov:
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Topfv TEV EoWTEPIKEY TRV EB5pav kol TGV &kp&dV aUTiis UTTO TOU TEMVOVTOS -
TmESou kal Sy TéV TTPOEKTATEWY TGV ESp@V i TGV EKpdv.

“Ey grrimeSov (TT) 6& Abyoopev 671 Téuvel f) Bév Téuver piav E5pav (&) Tiis TOAU-
eSpikfis Emeaveias, &’ doov | edfeia THig Topfs ToU émmébou Tis EBpas (€)
uetd Tou tmeSou (IT), Exer T Bév Exel Tufjua Tng duvtds ToU ToAvyvou Tiis E-
Bpas (&).

*Ex Tév QueoTépe EmeTan 61

Moibedpov kaheitar 1 roluedplkn Emgavela, tijc droiog nica Eninedog Topt
elval KhElGTOY TOROyOVOV i| KAEWOTA ROLDY@VA.

EiBixéds, Ev mohoedpov kaheital Kuptov, £av ma- "
oa Erinedog tops avtod gival Kuptov moriymvov.

Eis T0 (oy. 65) Exousv gv p1} KupTOV TTOAUESpOV. A
*ATroSekvieTan &T1: TTav pij kuptov nolvedpoy dva-

T vi yoprebdij sic Kupta roloedpa.

Oecopoipev 1o ToAvedpov (TT) ToU (o). 63) kai
Tuyov anueiov O pry kelpevoy gl €dpas Tou (TT). To B
onueiov O Aéyetan toarepkav Tou (1), ¢’ Goov &l
téans S1& Tou O evBeias (X), TO oNMEOV O xettan
beTa€y, Ud THY Evvoiay TV &EiwpdTov Biatagecds, TdY onueicov Topfis TS ué
TO (1), &AAws kohelTon tEotepkov. "Ev Tois dxorolfols & dvagepopebar povov
&g kupTd TrOAUEBpa.

*E&v O towT. Kai P EETEPIKOY => 3 A ToU TroAuedpou petagl O kai P.

"Ex ToU &piBpou T&V £5pcov Twv T& ToAUEBpa AopPdvouv T dxdrouda dvo-
ot Tetpaedpov (4 EBpat), revracdpov (5 Edpan), EEaedpov (EE E8pan), dkrasdpov
(8 E8pan), dwdekasdpov (12 5pat), eikooacdpov (20 E8pa), . . ., v-edpov(v EBpan).

Té anhobotepoy TdV TOAVEIPOV slvm o tetpacdpov.

‘Exéorn &kum ToU kupToU v-édpou elvan i)
wds BitBpov ywvias, Tiis dmolas of E5pon Tepiéyouy
dumioTolyews Tds E8pas Tou v-e8pov, ko els Tas dTrofag
&uiiker 1) Becopoupévn dxpn.

OUTeos, 1 kupTn Bledpos ywvia -AB-Z (oy. 63)
elvan pia BieBpos yowvia TOU TTOAVESpOV.

Té towTepikdy ToU xupToU v-E8pou &viiker elg
16 towTepikdy olaodfioTe BieBpou ywvias alUToU.

‘ExdoTn Xopuer) v-e8pou elval kopuet) Wids tolu-
A edprkijc yoviag. OUTes, &v A elvan 1) kopugn v-£8pou

werd By s X T GrpelThY ANV SKpGY onl-
TouU, ai dTroial Exouv &xpov TO A, TOTE 1) TToAUEBpoS
B ywvia A—BIA ... X xaheitan nokbedpog yovia ToU
2x. 66 v-¢5pou. To TrAfifos TGV TOAUEBpWY Ywvid v-E8pou
loojTa ut TO TATBos TV KopUPRV aTou.
Els 16 (oy. 66) éxouev plav Toufv EZHO Tou xupToU Tohutdpou OABTA.

=

x. 65 A&

0

o

81

Wnepromotr|Onke amé 1o lvotirouto EknmaiSeutikng MoAmkng



Mic e0Beic Tépvouaa KUPTOV V-EBPOV, TEMVEL auTd els BUo pdvov onueia K, A
(oy. 63). Aiom, &v tvavTia TepITTTAROE, 1) Touf 1) Siepyopévn 81’ auTis 8& fiTo
uf KupToV TOAUYywvov, Sep &TOTTOV.

TTPISMATA KAl ZTOIXEIA AYTQN

81. IIPIEMATIKH EINI®ANEIA.— "Evl ¢mmedou (P) Becopoluey mohlyw-
vov, EoTw TO TETPATTAEUpOV ABTA, kai edeiov (x) Tépwvouoav To émimedov (P).

Ka)oUpev TPLopRatiKiy tmoaveiay 16 Zbvokov 1dv evlerdyv (), tdv napai-
riphov mpog v Sobeloav diedbuvery (y), xai
Siepyopivev dua enueiov t@v nhevpdv tob mo-
rLuydvov ABIA.

‘ExdoTn TGV eubeiddv (y) dvopdleTar yevé-
tewpa THS TPIOPaTIKTS émpaveias.

’|BlenTépess, af yeveTeipan al dydueval &mod
TAS KOPUPAS TOU TTOAUYGVOU KaAoUvTal GKpai
Tfjs TplopaTikfs Emgaveias. Al petofU TV
Akpcv TEpIAapBavopeval Emipdveial dvopddov-
Tou Edpar TS TploUaTIKAS Empavelas.

*H mohuywvikn ypauuf, ABMA kaheltal
66m708.

Mia TpIoUaTIKT EmipavEIa KOAETTa KUpTil, Stav 6 68nyds elvan kupTov TTOAY-
yavov, &Mhes koheiTan pi) KUpTi].

82. EMNIMEAOI TOMAI INPIEMATIKHE ENI®ANEIAL.— AoBeions wés
mpiopaTixiis meaveias (E), Becopoupev emrimedov (Py) Téuwvov piov Tédv dxpédv
autiis. TO (Py), &5 yvwoTov, B TEuv kai Tas dAAag
dxuds aUTis, Kad kar' dxohoubiav B Teuvn ko Tré-
cas Tas EBpas aUTHS KaTd EUBUYpaMNa TUTuaTa.

To Tivorov tdv Kowvdv enpeiov tiig npiopan-
iic imoaveiag Kai Tob Emrédov (Py) glvar Eninedov
noliywvVov.

O0te, 16 ToRUywvov A B MA, elvan # Touh
THs TPITHATIKTS ¢meaveias (E) Umd Tou émimédou
(Py), (ox- 68).

‘Eqy TO Emimedov (P) elvan kdfetov émi piav
Tésv &xpddv Tis TpiopaTikis Emipaveics, 6 elvan ke
Tov Kad £rrl Tas dAAas dxuds aUTs Kol kaAelTan Ka-
fetog TOpT).

“Qote : KabBetog topt) npiopatikils émgpaveiog
kaheitar nidoa topt) avtiig, kabetog Eni piav 16OV dkpdv e,

OUrws, 1) Toun ABIA (ox. 68) elval k&fetos Topny 17 &
i U1} THS TpIoPOTIKTS ETIQO”

82
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'Eqv To &mimeSov (P) Btv elven olte kdbetov, olte TapdhAniov mpos Tas
Gkuds, § Topf xaheiTan mhayia.

83. OEQPHMA.— Al topai juic npiopanxkiic imeaveiag Ono napakiiiov
Emunédwv, pi rapokiilov Tpog T aKpag g, tlvar mokibyove isa.

'Anodefrg ¢ “EoTwoav ABIA xai AB,IA,
SUo rapdAinion Emrimedol Topal Wwds TPIoUTI-
kiis émpaveias. Ta TUNpaTA AA, xai BB, elven
loq, ds TapaAAnAa mepiexoueva petagu duo ma-
POAAT A EmiTrES V. TANRK kad T& TufpaTa AB
kai A B, elvan TapdhAnia, ©F Topal TrapadAn-
Aoy pmimedeov Umo TpiTou. "Apa TO oxfipa
ABBle elvan  TTapaAANACY pPAHHOV. ZUVETTGOg
AB == A,B,. ‘Ouoicos elven kad:

Br—B,[,, FA=TA, xal BA=AA,.

Al yovicn BAA kol BA A, glvan foan, BioT1
ol v heupad Tev elvan TapdAAnAcl Kal SudppoTrol.

‘Opoiws elvan xai :

¥ ABF= & ABl, < Bra= & BNL4, TAA= s NAA

Kot dxohouBiay T& moAUywva ABIA kai A,B, M A, elvan foa kal rapdAAnAa.

Zy. 69

84. [IOPIEMA.— Kabetor topai mpropatikiis meaveiag civar toar.
A6 elvan TrapdAAnAol Touai. *Apa ioal.

85. [IPIZTMATA KAI ZTOIXEIA AYTON.— Ilpiopa eivar tc‘)_ noli»a_ﬁpov,

0 Opiiopevoy Omo pids TPLORATIETS impaveiag kai Ono dbo :Eapu}lnkmv £mumé-
dov Topdv avriic.
Ay Al Topai elval al Pacsig
B v Tou mrplopaTos. ‘H &méoTa-
n o15s HO T1év 8uo Paoewv ka-
AsiTan yog ToU TrpiopaTos.
2 T74 A 5 Ot T& TOMIywva
ABIA kad A,B;[ A, elvan af
Paotis Tou wpiouaTos (BA,)
Sy, 70 . 71 Sy 72 lfdi 76 Tufjpa HO elvan 1o
Uyos5 Tov.

Al hoimad E8pan, & 1) ABB WA, elvar ol rrupam.t:upm eSpm Tou Tplopartos.

Elvan 8¢ pogaviss TTapaAATAOY PAHHC, Biom AA, = BB
To oUvohov TGV TAPXTTAEUPWY £5pddv ToU TrpiopaTos KaAelTal mapamigv-

RS Emeavera ToU TpioHOTOS. ' ) A )
Al &xuad, o ) AA,, ol uf relpevan &l TV EmméBwv Tiis Pdoews, elvan af
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napand.evpor dxpai Tou TrpiouaTos kal elval Toat pos GAANAaS, g drévavTi TTAEU-
pal TTapaAATAOY PAHBV. ' :

“Ev mrpiopa B& AfyeTtal TPIYOVIKOY, TETPAYMVIKOY, MEVIAYOVIKOV, EEayovi-
Kov, . . ., 6Tav ol P&oels Tou glvan Tplywva, TeTpdmAEUpa, TevTdywva, E§d-
ywva, . . - ' et .

“Ev mrpioua AfyeTal opbov, &v ol TapaTAEUpol akpal Tou elvoa xéBeTol
pds Tas PAOELS. Al TapdiTAeupol EBpal ToU elvan dpboydrvia. "AAhws TO Tpicua
AbyeTal mhaylov. : i

“Ev mpioua AgyeTal xavovikby, iav elval 3pBov kal ai Pdoeis Tou elvar kavo-
VIK( moAly@Vd. e, e ‘

Mav mpiopa elval daproptvov Bia mds TV Péoecov Tou kai wds T@Y TTapa-
TTAEUPLOV &rpddv ToV. , '

Eis 10 (oy. 70) TO Tpioux glvan TAGytov TeTpaywvikév. Eis 16 (oy. 71)
& mpiopa elvan Spbov mevTaywvikéy, To (o). 72) TAPIGTE KavovIKOY Tplywvl-
KoV TrploHa.

86. KOAOBON ITPIZMA.— Kolofov npiopa Kaieitar 10 molvedpov, 10 droioV
rpokUNTEL GMO piay APLORATIKT Y EMQAVELDY, Grav altn tun0{ Ono d0o pn nopak-

. ) Ahov tmridov.
v 5 H "E&pon ToU ToAuEdpou TouTou B elval
j al 8vo émimedor Topadi ABMA xai ©EZH
£ (ox- 73) xal al hovmad, dos | BMHZ, Tparé-
, fic. Al Topad ABFA kai ©EZH elvan al pa-
A 6t1g ToU kohoPoU TrpiopaTos.
] = Jr Elvan Buvatov ai mapdmieupor E5pal
¥ - (’Tl‘vég)' Evos K:D?\OE:!OG TpicpaTos v elval
i Sl kal Tplywva, ds 1a ABZ kai EAQ (oy. 74):

"Ev xohoPov Tpiopa B Abyetan dpBovs
&tav ) pla ik TOV Paoeny ToU elvan k&deTos el Tas TapamAeUpous druds. Al Tar
pTAEUpOl, ToTE, EBpan B elvan opboydvia tpanilia fi dployirvia tpiyova.

87. ®EQPHMA.— To Eppadov tiig napaniedpov Emeaveiag

nhayiov npicpatog igobtar mpdc TO YIVOpEVOY Tl mEPPETPOL pidg £y By
xaBétov abrod topfis Emi Ty mapanievpoy akpiy tob mpiopatog. A, ! NG
Abore : “Eotw aPyBe (ox. 75) pla kdbetos Topn Tol Wha- ! By
ylou mpiouaTos (AA,). Al TAevpal of, . . ., ex Tiis Toufis elven i !
Té& (ngn TGV TrapaTAEUpWY £Bpidv (mopadAnioypéumwy). *Apa 2 KUY/ 70
16 tupabov Tfis TapaAedpou Empaveias Tou TpiopaTos TolTou :\ vy
8& elvan TO &Bpoiopa TGV EuPabidv TGV TapaAelpwy E5pdv. £ 8l *L
Anh. E=(aP) - A+ (By) - A+ (¥8) - A+ (8€) - A+ (ea) - A !,' .
= (B +Pr+Yd+det+ec)A=aw A A\ b it
fitor : Y 8
Iyx. 15
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8B ¢ TTapIoTE THY TEPiMETPOV THS kaBéTou Topfis ToU TAayfou TrpiopaTes kal
A elvan ) TAEUp& aUTOU.

AZKHZEIZ

339. To tupabov Tiis rapamieipou tmgaveias dpBol TpiopaTog looUton Trpds TO ywouevoy
Tiis TepipiTpou Tiis Péoecg Erit T6 Uypos oUTov.

340. Na Umohoyioffy 10 gupabov THs TapamAelpou EmQaveics bpBol TrpicuaTos Uyous
3a kai # Paos elvan lodmAeupov Tpiywvoy f| TETpaywvoy i Kavovikov EEdywvov TIAEUPaS a.

341, N& UmohoytoBij 16 tubadov Tis SAikfis Emigaveias dpfol mpiouaTos Uyous 2a, ToU
émroiou ) Pacis elven poupos Biaywviwy & xoi 3a.

342. 'Opbov Tpiopa Exel Paoiv TETpaY WOV ABTA mheupds a. "Eml T&v dxpdv, ol dmoim
&yovtan & Tas kopugds A, B, T AauPévopev Ta onueic M, N, P, ToialTta dote: AM=4a,
BN — 3q, P = 2a. To émwimedov MNP Tépver els 7o onueiov K THv dkpfy Thv dyopévny £

Tou A. - )
lev: Né ebpedf 1o eibog ToU TeTpatAcUupou MNPK,

J0v: Na Umohoyiofolv ol mheupad Tou MNPK.

3ov : N& Umoloyiodii TO Tpfipa AK.

dov : Na Umrchoyio8ii To Eupadov Tiis Tapamhebpou Emeaveias kal TO SAkov tuPa-
86y ToU tvos kohoPol TpigHaTOS.

S5ov: Na& yivn 70 QUaTTTUYHa THS TrapamAsUpou Empaveias kads kal Tiis SIS
Tolairrng ToU KoAoPel TpiopaTos,

343. 'OpBov mpioua Exel Paoy loémheupov Tplywvov ABI mhAeupas a. 'Emri Tédv mapammied-

Pwv dxpdv AauPavopey T& TUPATS AM = a, BN = 2a kai P = x.

lov: N& Umohoyioii 6 X, Gore 10 Tplywvov MNP va elvan plicyviov.

2ov: Tol x dpiobévTos, V& Umrohoy1a8ii To EuPabov Tig dhikiis Emgaveias ToU koAo-
Poi TpiopaTos ABITMNP.

3ov: Na& yivy 70 AuaTTTUYRa THS tmpoveias TOUTOV.

344, Els mpioua, ToU émoiov # Pdoig elval KUpTOY TETPATTAEUpOV, va &moberyfi T Td
&poropa TE TETpay VY TEY Bwbeka GxUGY TOU {gouTen TTpos TO afpolopa TOV TETPaYy VWY
&Y Tegodpwy Siaywviwy ToV, nUENuévoy KaTE TO SKTETTAGTIOV ToU TETPQYWVOU Tij§ GTOoTd-
iy Ty plowy TGOV Biaywviev.

345, N& dmobery8j émi: "Av Buo Biacycvia Emimeda 6pdcl mpiouaTos TEvwvTE, 1 Touh
DTy elvay k&BeTos Tpds Tas PACEIS TOV.

346. Elg fv Tpiywvikdy TRIoHa V& &moBeryBi OT1:

. lov : “Av BUo Trap&mAeupol EBpat elvan Toa, al &mévavn abtdv Siebpor ywvia elven
loq,

& 2ov: 'Edv Buo EBpan elvan &vioor, al &mévavTt aUTdv Biebpot ywvia elvan dpolws
Vigor,

88. OPIZMOIL.— Abo mohvedpa 0a Aéyovral dpodoye, Eav brapyy apgipovo-
Tipavrog dretkoviolg TV OpOVIpROY oTOEIOY abtdv.
_ 'Eav 800 nohiedpa Eyouy TPIYOVIKAS £dpag tod alrod minbovg, TETpayLVIKAS
Epag rob adrod nhndovs, reviayovikag tdpag tod adrod nhnBovg, . . ., T@ rokiedpa
Slvayrar va katagtobv Opdloya.

MOAYEAPA IEA.— Abo anhd v-cdpa 8a héyovrar ioa, brav kata piav
&V!lcrolxiqv (&TrekoVIoIV kopupddv) ai Edpat kai al moliedpor yoviar abtdv elvar
00 airop nposavatokiapod kai avrietoiyog loat.
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Eis 15 (o). 76) Exouev dUo TpiouaTa (AQ) kai (AQI), ?rc‘x"é-rroia Exouv Tpeis
#5pos ABFAE, ABHZ kai AEKZ foas dvmioToiyws mpos Tas E5pa ABIMAE,
A,B,H,Z, kai AJEK,Z; xai ToU aUToU TpooavaToAoHOU. _

*ExovTes Ut Syel T& Tepl lodTnTOS
B1¢5pov kai TPIEBPWY YwVIddv, ouVayoueY
811 ai Tpledpol ywvian A kai A; & elvan
joou. 'Emraidn) 8¢ ai BH, I'Q, Al, EK elvat
&uTioTolyws TapdAAniol pds T&s B, Hy,
0, Al EK; xai ioo, émeton &1 xad
T&oon oi Tpiedpol ywvian Tév lo Tpi-
opaTwy elval foal kai al é8pan dvTioTol-
¥os foon kal ToU ayTtolU TrpocavaToAl-
ouoU. “Apa T& TpicpaTa elvan foa.

Ty, 76 *Evtelfev Emovtan ol TpoTdoes

89. TIOPIEMA 1.— Avo kokofa npicpata elvar Toa, Grav Eyouvv 1peig tdpag pé
v abTiv Kopuefy igag, piav mpog piav, kai elvar 100 adtod mpocsavatoiiopol.
90. MTOPIEMA I1.— Avo opba npicpatae elvar loa, £av Exovy ioag Pacers kai

ica Uymn. : : A
A& THY &médBeafiv TouToy 8év oI TEITAL TTPOTAVATOAITOS.

TTAPAAAHAETIITIEAA KAl EIAH AYTQN

91. HAPAAAH;\EHIHEAON-— ﬂupullnlsninsﬁov Kaleltal 1o npiopa, tob
omoiov 1 pacic elva napakhnhoypappov.

Mpogavds f GAAN Bdwais xal ol TapaTAcupor Iy r
£Bpan elvan TapahAnAdy pamua. Al V& KOTOOKEUS -
owiev Eva TapaAAnAetrimedoy, dpkel &GO TS KO- A,
pupds TOU TTapaAANACY paMHOU ABIA v& pépuwuey
T& Tufpata AA,, BBy, [T,, AA, TapdAAnAg, ioa r
kai dpdppoTa.

To TrapaAAniemimebov ExEl €5 Edpas, OKTM Ko- A B
pupds, dhdexa dxuds kal tégeapag Bicywvious. Zy. 7

92. IATOTHTEE TOY ITAPAAAHAEIIIIEAOY. lov : [aca ai £dpar no-
pukinremnidov elva napekhnioypoppa.

MpdyuaT, &pol f Paots elvan apeAAnAdypanpov, kara Tov dplopdy ToU
plopaTos kai 1y &mévavTt E8pa & elvan TapahAnAdypaupov. "Emeidn ai moapd-
mheupol dxpal ToU Tpioparos elvan Toat, kai of Aoimol Epan Tol TapaAAnAeTi:
tdou B& elvan TapoAANAOYpapua.

*Edw, Aonmrdy, Traoan ai EBpon apaAAnAemimédou elvan TapaAAnASY PapKd:
ToUTo kaAeiTal hayiov TTapaAAnAetriedov (oy. 77). .

*EvTeufev wpokUTrTEl OT1 Al Gxpai mepaiiniemnidou, avi tégoapeg, Elvad
loa Kai rapaiinion:
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OUTes, els To (ox. 77) B elven :
AB = A =TA; = AjB; xai mapdAAndor
AA, =BB, =TT, =A4A, » »
AA =Bl =B, =A4; » »
*Evredfev mrpokuTrTel OTL: Al anévavru Edpa rapakinkemnidov civar Toa,
Kal ko dxohoubiay BUVAVTQI V& Xpnotuedoouy & Béoels auTol, kaBooov elval
kai TrapdAAnAol.
Tav TapaAAnierrimedov elvon Gpioptvoy, Bav yvwpilwpey Tas TPETS GKPAS
W& Tpitdpou ywvias aToU, X 45 : AB, AA, AA, (ox. T7).
2o0v : Al tégoapsg Slay@viol rapariniemnidov Exovv 10 avtd péoov.
TMpdrya, Emadn T& TUIHATS Bl kai A4, elvan mapdAAnAa, dpdppomra kai
loq, To TerpamAeupov BIAA elvan Trapai- A .
AAdypaupov. “Apa o Siaryviol Tou Bixo-
TopoUvTon el 1o O. Aniadn O = OA, xal

OB — OA,. ——ie
*AMAG kad TO TeTpémheupov AT B elvan 4 R XAl
TapaAAnAdypappov. “Apa al Srarydviol Tou e R ] 1N

BA,, Ar, BiyotoucivTal. “Apa of Biaycviol
AT, BA,, AT, SixoTopolvTal Els 76 0. ‘Ouoiws
&mroSeikvieTon 8T1 Kad 1) Bloryvios BA Biepxe- - B
T &mrd 16 O Kai SryoToperTal GO TOUTO.

‘H Toun O Tév Biaywvicy mapodnAemiméBou dvoudletan Kkévipov ToU
TapoAAnAeiméSou.

3ov : [ldca érinedog TORT nupnllqlsmné&ou glvar napalinioypappov.

‘H &mrobeis eUkoAos.

93. OPOON I]APA.\AHAEI'[II'[EAON.— "Ev napalinleninedov kakeltan
OpBov, 2av pia Tapanhevpos GKpM TOV clvar k@0etog mpdg TV Paciy avtod.

Eig TO TOpOTAEUpWS TapoaAAnAeTiTebov ai Pa-
oeig ABIA kol A,B,IMA, elvan TrapaAAnAcypaupa Kai
f TTap&TTAEUPOS ducpty AA, glvan kabeTos Tpds THY Pa-
o ABTA. "Apa xai ai GAa Tapd&mAeupol dxpai BB,
[T, kai AA, 6& elvon ké&Betor Tpos THv Paow ABIA.
'Ereibhy B¢ elvon kai foo, ai Tapa&Asupol Edpon B el-

Ix. 19 van opBoydvia. Elg THv TEPITIT@OV TAUTNV TO Trapai-
AnAerriredov kaAeiTal aplov.

To dpBdv TapaAlnAeTrimeSoV Exer Tas 1B16TNTOS ToU TAaylou, pé TAeovd-

Sovoay 16T Ta 671 al Tap&AeUpal éspan elvan dpbloydvia.

94. OPOOTIQNION HAPA.\.\H.\EHIHEAON.-— 'Oploydviov napakinke-
Rinedoy wareitar to 0plov rapakinhreninedoy, 100 oroiov ai Paceig eivar dpbo-
Thwg,
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Al E€ £8pan ToU dpBoywviou TrapaiAniemimedou elvan dpfoydvia. To dpbo-
yéoviov TapaAAnAemimedov elvat Gplouévoy B18 TGOV UMKEY TGOV TPIGY SKpY, TGV
&yoptvev & Tiis aUThs kopueds, foTtw Ths . Ta pfkn TV Axpdv ToUTwV
MB=p, M=« kai [T, =y xohouvTta daaticsig
1ol dpboywviou TapaAAnAemimedou.

‘H pia ToUTewv KoAelTan pijkog, 1) &GAAn mhdatos
kad 1) Tpi™n Uyog i pados.

Mav é“rriTrE‘Sov TapdAAnAov TTpos piav E8pav ToU
dpBoycwviou TapaAAnAeTITESOY, Kai Téuvov alTd,
6 Siaipel eis SUo dpboywvia TapoAAnAemimedar.

*AvTioTpdpws, éTtav SUo dploywvia Tapahin-
Aetrimreda Exouv piav E8pav ionv, Buvdueba &1’ émi-
TpocBEaEws aUTRY v& oynHaTicwpey Bva dpboywviov TapaAAniermimeSoy.

"Yroloylopog tdv Srayoviov épboymviov taparinkeminédov.

“Egte Al =8 T6 pfios Tiis Biorywviou Al "Ayopev v AT,

*Evreibn) T& Tplywva AlT, xai ABI elvar dpboyovia, 8& EXCOMEY :

5% — A2+ T2 = AB2+ B2 4 ITi= a2+ P24 y2

&€ ol : 5= Va2 p+72

‘Ouoicos &mobeikvieTal OTL: B, =0;=8,=06= Vdé;qu. (1)

“Apa: To tetpayavoy Tiig Soywviov opBoywviov raparinlemnridov isobral
npog 1o dploropa téV tetpayGOVoV OV TPV abtod dwactdoewy,

*Ex tiig (1) paiveren 871

Al Saydvior dploywviov napaiiniemnidov elvan foam,

*Avtiorpogog : 'Eav al dSaydvior maporinkemnidov sivan ioar, tovto eivad
apboydviov napalinieninedov.

AdT T Saywvia dmimeda evan dpBoydvia, s Exovta Tds Biarycvious
Twv Toogs KAT.

95. O KYBOZ.— Kipog eivar 10 6pBoyaviov napodlinieninedov, toi oroiov
ai tpeig draotaceig elvar foas : 4

Al £€ E8pcn Tou elvan TeTpdywva TAsUpSSs a. ‘H TAey-
p& o elvan ) Gxpf ToU kUPou. ‘O kUPos kaAeiton kal ka- As
vovikoy £Eacdpov.

‘0 kuPos Exer Tas 1816TNTAs TOU dphoywviou Tapad-
AnAemimréSov, i TAfov Bt Exel Tas E8pas Tou TeTpdywva
ko BAas Tas dxpds Tou foas. 7

"Edqv a elvan T) &xpn ToU kUPou, ToTe ) Siaydvids Tou A # V.
elvan : Ix. 81

Oy f;

6 Bi

LR

1

1

1

I

:

: \
o SN

a

=a®+ o+ o= 3a?, ¢€ of: 5=aV3
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AZKHZIEIZ

348. TTav mpioua Exov Péow TeTpaTAevpoy Kal Tas &mévavT TrapaTAeupovs EBpas TTapa-
Mpous, eivar maparAniemimedov.

349. ‘H Paoig mpiouaTos elvan TeTpaTAEUpOY, al 5t Buo mapdmieupor EBpai elven ioar kai
TapaAinior, Na& Beix8ij 6T 7 Tpioua ToUTo eiven TapaAAnAemimedov.

350. T&v evBUypappoy THAUS #yov T& &kpa Tou i Tédv Buo &mévavTi EBpdy TapaAinie-
TiméSou ko Siepyduevoy 1& ToU kévTpou, B1XOTOUEITON UTrd TOU kévTpou.

351. Ta eldUypaupa TRARAT T& &moia dpifovTan Umd TéW péowv ToY drévavTi Trapak-
Mhcoy dxpdy TapaAnAemiTESOU B1XOTOROUVTaL.

352, T& eiBUypanpa THHOTE T& Spiloueva Umd Thy kivTpwy Tév dévavT EBpdv Trapai-
AndemiméBou SiyoTopouvTal.

353. Avo kafeta eUdUypaupa TuRpaTa dydpeva &k ToU xévTpou TapaAAnAemimédou xal
TepaToUpeva el TaS ATEVAVTL EBpas auToU, elven kopugai pduPou.

354, 'Erimebov BiépyeTan &To piav Sixrycoviov wds E6pag xifou kal Sia Tol péoou TS
Smbvaymt TapaAAniou &ufs aTou. N& eupedij To €ibos Tfs Topfis Tou kUPou Urd Tou tmimeBou
TouTou.

355. N& elipeBfi 7o eibos Tis TouTS kuBou UTre Emmedou opilopévou UTTO TMV GKPWV TPIGV
Skudsy alToU, Gyoutvay i TS aU TS KOpUPRS.

356. N& &mobuydi 6T fi Toun kUPoy Utrd Emmedou kabétou els T péoov s Siaywviou
Tou elvan kavovikov Efaycwvov.

357. To &Bpoioyc @V GTOCTAOEWY TAY KopUDY TapadAnAemimiboy & dmimebov pf
Thivoy aqUTd, ioelTal TPds TO SkTATTAZO 10V TS &TTooTAOEWS TOU KEVTPOU Tou &Trd 16 aitd dmi-
Tedoy,

358 N& omouBachi TO oAUebpov, 15 drroiov Exel Kopuods T KévTpa TEV E8pddv KUPoy
SKufis o 3,

o 359. 'H Bixycvios kypou elven 8)3 m. N& Umohoyioffi 16 EuPaBov Tfis SAikfis tmgaveias
u.

% 360. To tuPabov Tis SAIKiS ¢mgaveias kUPou elvan 150 m?. Na& Umohoyio8iy 1) Siarycovios
-8

361, Al BiaoTaoes Spboywviov rapadiniemimibou elvar o= 7cm, Pp=24cm kol
Y = 60 cm. N& Umohoyio8fj i Biaycvios B xal fi OAk) Em@aveld Teu.

. 362. Els épBoydviov mapoAhnhemrimedov elvat o = 15m, p=20m xai & = 313m. N&
UTohoy1o67) ) dAIkA TOU EmiQavEIS.

5 363. N& Umohoyiofolv al SiaoTaoEs Spfoywviov TapaAAniemimébou, yvwaTou Svrog
M tluen dudhoyor TEv EpiBudv 4, 5, 6 xai 871 O dAkov Eupadov Tou elvan 1332 m?.

364. To &9poropa TOV TETPOY VWV @y Biaywviey TapaAAnAemmibou looUTan pds 16
Spoioua iy TeTpaydvey TEY Bubeka dxpdov TOU.

365. Té &Bpoigua TAV -rg-rpczyda'vwv 16y dmooTAgEWY onuEiou & TAS Kopueds Trapalin-

EMimiSoy loolTan Tpds TO Sxramhdgiov TETpdyvoy Tiis STOTTAOEWS ToU onpueiou ToUTou &md
™ kivrpoy Tol TapahAnhemimeBoy, nuEnuévov KoTd TO Aoy ToU dBpolopoTos TEY TeTpayds-
YOV 1@y Braycwvicov Tou.

366. To &Bpolopa TOY TETPAyYWVLV v tuPadiy Tdv £ Biaywviny tmméBuv Toudy Ta-
PO e rES o elvan SiTAdaiov ToU dfpoiauaTos TV TETpaywvwY TV EuPabiv TAY ESpdv Tou.

367. Aia Tou pfoou Tis AKBTS Bl mapaAAnAemimidoy ABlAAB,IMA, &youev Emrimebov
TepdAAnAoy Tpos To BAA,. N& &rrobex@i &m fi Touf elvan #dycovov xal va omoubacBolv al

1O Teg Tiis ToRfs.

368. Aiberan xuBos ABMAA,B, T8, dxuiis <. 1) N& Umrohoyio8ij f| wpoPein Tiis AB éwl Tiv
5"“delw AT,. 2) N& &mobex8q &T1 <6 Tplywvov BAA, elvar loémAeupov. 3) "Omt 1o brimebov
QA v xéBeTov mpos Thv AT, kal 4) "Om # wpoPoAR ToU kUPou tml Erimedov kaBeTov Tpds

%
VAT, elvan xavovixdy EEaywvoy.
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369. AiBetanxuPos ABMAAB, M4, dxpfis a. Téuvopey Tov kUfov UTrd Emmedou Trapahifiioy
mpés To émimeboy BAA, xai Siepyopévou B1& Tol pégou Tiis Br. 1) Na 8ex8i 611 1) Toun elvan
xavovikdy Edywvov, 2) O f AT, elvan k&BeTos Tpds TO Emimedov Tou EEaydvou ToTou Kal
3) Na& Umohoyofiy 1o tupabov Tou tEaywvey ToUuToU oUVapTNOE! TOU .

370. AideTan dpboyviov ABTA, el 16 dmoiov AB = 2a, Bl = akai UyoUpey Tas KaBéTows
AA,, BB, [T, xai AA, Tpos 70 rrimreSov Tou dpBoywviou. A1k ToU A dycpev Emimebov Téuvov THY
oxnuaTiodeigav TrpITpaTIKAY ETIQAvEIaV. ‘Yo Toias owvBhkas 1) Topn elvan 1) dpboydviov, 2)
poppos Kal 3) TeTpaywvoV ;

371. TlapaAAnAemiredou ABFAA,B,T A, al ié8pat ABBA, xal AAAA, elvan igoBuvauor
N& dmobeydij 611 1) 'H xabevos Topn adTou, xé&deTos Eml Thy dxkpfv AA, elven pdufos. 2) T& Bia-
yowvia Erimeda TG Siepyoueva Bid Tédv AA, xai BB, elvar kéfeta pos T& BiyotcpouvTa Emimebd
tov Sibpwv AA, xai BB,. 3) To xévTpov ToU TapaAAnieTiméSou dmiyer lodkis TV TeooGpeY
t8pov, TRV TEPIEYXOUODY Thy AA, | TapaAAniwv Tpds Thy AA,.

372, AiSetan TapakAnAemimeSoy ABMAA,B,MA,. Ak Tdv anueiwv B, A, A, &yopev trri-
meBov Téuvoy TO TapaAAnAemimeSoy katd 16 Tpiywvev BAA,. 1) Na dmodeiy8iy 61 16 érimeboV
AAT, Tépver 16 BAA, katd THv Biapegoy ToU TpIywvoy BAA,. 2) "OT1 ) AT, Téuver 16 Emimebov
BAA, xaTd TO KEVTPOV Pépous ToU Tpryvoy BAA,.

TETPAEAPON — TTYPAMIZ

96. OPIEMOE.— OtwpoUpey TECOAPA OUElx A, B,T, A ufy kelpeva éri oV
aUToU éTriTrESou.

Kaj.oDpev tetpacdpov 1o rolvedpov, tod dnoiov Edpar tivar ta técoapa Tpi
yove ABT, AAB, ABI' kai ATA.

T& Téooapa onueia A, B, T, A dvan of xopogai
ToU TeTpaedpou, Ta Tunuata AB, Bl TA, AA, AB
AT elven ai akpal Tou TeTpoédpou kai T& Téooapd
tpiywva: ABI, AAB, ABI, ATA elven of £dpat
TOU TETpaESpOU.

‘H &mdoTaois EkdoTng Kopuefis &mo ToU EMY
ESou TTS gapﬂs, N &moia ixgl KOpUq)ﬁS TaS SANCS
TpEls KOPUPAS ToU TeTpaiSpou (anévavt idpag), KO
AelTan Gyog ToU TeTpatdpou.

sy, B2 B Eis tkdotnv €8pav ToU TetpatSpou dvTioToryE
X v Oyos.

OUtws, H dmoaTaots AZ elval 1o Uyos ToU TeTpaédpou AABT, 16 dvtioTol
youv eis TN ESpav ABT.

To cuvohov T&Y E8pidv TeTpatBpou kadeital Empaveia alTol.

*E&v onueiov O elvan Esmtepkév ToU TeTpatBpou, 1) evbeia 1 cuvbtouoa Ut
pE EKAOTTV KOPUPTV TEMVEL T &mévavTt EBpav els towTepikdy onpeiov aUTHS:

T& onueia T& orroia Btv elvon oUTe EowTepikd olTe onpeia TGV EBpcv <ol
TeTpatSpou kahouvTal EEmTEpkd TOU TeTpaidpou.

97. IYPAMIE. — Iupapis kakeitar 16 mokoedpov, th drotov npoxinrer and pid'
rokvedpov yoviay, dtay abmm tandi inod Emnidov, tépvovreg racag tag anpd
avtijs kai pi diepyopévov dud tig Kopueiic avtiic.
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‘H xopugr) Tiis TeAuESpou ywvias O koAelTan kopugr TS Trupapibos kai 1
€Bpa TTis TouRs kaheiTan Paoig Tiis Tupamidos.

Qe el 16 (oy. 84) Paois elvar T oAUy wvov ABIA kai kopuen To O.

Al &MAat £8pau, ai émolan elvan SAan Tpiywva,
dvopdlovtan mapankevpor Edpar Tiis Tupapidos. AU-
Tl guvigToUV THY RAPATAELPOV EMQAvElay TR Tu-
papiBos. Al kowal drpal TGOV TapaTAeUpwy EBpdv,
al Biepydpevan Sk T kopueiis O, kahoUvTa napa-
mhevpoy akpai T TUpauibos.

‘H k&Betos 1) &youévn & Tiis kopufis TTpos TO
brimeBov Ths Paatws, elvan TO Byog THs TUpauiBos.

Mia mrupauis Ba KaAfjTad TPLYWVIKT], TETPAYO-
VKR, meviayovikd, ..., kaBooov 1 Baois Tns eivan
piyomvov, TETPATLELPOV, TEVIAYOVOY, . .. Tx. 83

To TeTpdedpov SuvaTal va Bewpnff) cs Tupa-

Mis kota Téooopas TpéTOUS, GVEASYWS TS Ebpas, TNV omolav Bewpolpev g
Bao.

To Tivohov Shwy TV EBpQdY WES Tupauidos koAelTan Emgpavewa Tijg Tvpa-

Hiﬁo;_

98. KANONIKH ITYPAMIL.— Mia mopapic héyetan KavovikT, otav 1 pacg
tivay kavovikoy morOyovov Kkai 0 movg tod Uyoug tng eivar 10 kévrpov Tijg
pacewe.

EvkdAws amodeikvieTal 6T1 ai Trapa-
TAeupol EBpal Kavovikiis Tupapibos elval
igookelii] Tpiyova ioa.

To Uwyos v, Wids TapatrAsupou E8pas
kavovikfls Tupapibos kaAsiTal tapani.gu-
pov Uyog qUTTS.

‘Avuatpopog @ [lasa mupapig tijg 6-
noiag ai nepamicupot dpar cival icooke-
i} tpiywva Toa, £lval Kavoviki.

x. 84 Mp&yuaT, &gou OA — OB
0OZ xai OK kown, Eémetan 6T1 T& Spbo-
Yy Tpiywva OKA, OKB,. . ., OKZ slvan ioa kai kT dkoloubiav KA — KB
.. == KZ, dwoTe 1) Paars ABFAEZ elvan kavovikov ToAUywvov, kafdoov elven
AB =Bl = ... = ZA.

Toic Biebpor ywvial Tis KAVOVIKTS mrupapibos eval foa
99. KANONIKON TETPAEAPON. — Tetpazdpov ABI'A Oa kakijrar xavow-
K0V, Grav naem ai axpai Tou civan igat.
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Al EBpan Tou elvon TTaoo iodmAsupa Telywva ioa. "EoTw a f) dxpry Tou. ‘O
mous H TolU Uyous AH 8& elvan TO kévTpov ToU iootrAelpou Tprycvou BIA xaf

A ol L 2 P o? o 3a?
B =Bl i
° = L) al3
, ol BZ =)
: . x 2 a V3
Z kal BH—T.BZ_,,3 ;
< *Ex Tou dpboywviou Tprycvou AHB Eyopev :
3x. 85 e
Bl sl
u2=AB‘3—BH2=a2——3§-: S Apa: e

100. EMBAAON KANONIKHE NYPAMIAOZL.— "Eotw OABIAEZ xavovi-
x# Trupauis (ax. 84) kai OH = v, T6 Trap&TAEUpoY \"f’\-PO'S aUTs. "Emeidt ai Topd
mAeupotl EBpan efvan lgookeh] Tplywva loa, Eretal 8T 1O tuPadov By Tiis o
paTTAEUPOY gmipaveias aUTHs elvan :

E,—6- (QAB) =6

1
TAB'U1:3-AB-U1_
Eqv & &pifpods TV TTAEUp®V Tiis PATEWS elvat v, ToTE

! 1
Ep=v - (OAB) =v ‘= - AB Ui = (v AB) - v,

&)
Emreidn v-AB elvan fy mepiueTpos THs Paoews, toTw T1, Ay (1) yiveton :
1
wa T n'Dl (1)

xal & TuTros oUTos Ekgpalet 6T1 :
To ippudoy Tijg mapanieipov Empaveiag Kavovikiig nupapidog loobtar mpog o
ywvopevov Tiig Auinepipétpov Tis paceng £l 10 nupanizupov tyoc.

"Eav els 1o TapdmAeupoy EuPadov kavovikiis Tupapios TrpooTedf TO EuPS”

Bov Tiis PéoEws, TPOKUTITEL TO EuPoBOV TRis OAIKTs émpaveias alTiis, foTw Ea
AnAadn :

1
Eo. =(B) + T“'Ul

@)

LHM.: To éppadov tiig Empaveiog yobong tupapises sivar 1o dbporopa 1@
ippaddv thv E0poOV alTRS.
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AZKHZEIZ

373. Na& Umohoyioff To tupabov Tis SMikils Emgaveias kavovikou et pow (ARG o

374. Tlupapis OABIA Exer Baow TeTpaywvov ABIMA mheupds a. ‘H &xuny OA lven xaBetos
Tpos THy Paotv kal £xEl BHKOS 3a. Na urohoy1o8f 1o éuPabov Tis dAIkfs émgaveias THs Tupaui-
Bos rauTns.

375. Kavoviks Trupais Exel Paoy kavovikov EEdywvov heupds o kal Uyos 3a. Na ymroroy-
987 16 EpPabov Tiis SMikis fmpaveias TNS.

376. Kavoviky mrupopis Exer P&ow Tetpdywvov TAeupds @, kai al mapdmheupol Ebpan
Exouv khiow Trpos ThY Béow fony Tpos 60° §) 30° f) 45°% Na Umohoyiadi] 7o tupabov Tis Shikils
fmipaveias U

377. Ta kévrpa Tév EBpddv kUPou elvan kopugal Evos TroAueSpou. N& Uroroy1o8i) To éupadov
Ths migaveias ToU ToAUEBpOY (xTaibpou) ToUTou, &V 1) druh Tou kUPou elvan a.

FENIKAI 1AIOTHTEZ TQN TTYPAMIAQN

101. WEQPHMA.— 'Eav mupapis tunbij bmé imrédov mapahlfiiov mpog
My Baowy :

lov : Al napanigvpot axkpai kol 1o Dyog tépvoviar eig pépn avaroya,

20v : "H topn eival opoia Tpos TV paciv, kai

3ov : 'O hoyog tod Eppudod TS TORTS npog 10 tic Paccnc icobtar npog 1o
EtpGymvoy 10D AdyoL T@Y an’ adTdY GrocTAsEMY TS Kopupic.

'Arodertic ¢ lov. *Emeibh of Topal TapaAAnAwy EmTedwv UTo &AAou elvan
80Beicn rapdAAnAol, EmeTan 8T Theupal TS
Toufis A,B,M,4, elvan dvTioToIXWS TapdAAD-
Aoy Tipds Tag TAEUpds THs PACELS ABIA. "Apa
& tpiywva OAB,, OBy, - .. OBA, eva
6"'nc:r-roi)(c.m; duola Trpos TA Tpiywva OAB,
OBr, .., 0AA.

Kat’ dxohoubiav :

OAI OBl __9_1__1_ = OA]_ (1)
OA oB oOr 0A°

AN kad T& dpfoydvia Tplywva OHA
kol OH,A elven Gpora. “Apa:

OA, _ OHy (2)
A OH
"Ex 1édv (1) xai (2) Acupdvopey ©

OA, OB, _Or, 04, OH, &
5i On Lar. Sooa . Ol

20v : Ta& ToAUywva AB M4, xal ABIA &youv Tas ywvics :
A1=A'B]=B,r1:r pccrle A == I 4)
Sidry o mheupad Twv elvan QUTISTOIXWS TrapéAnhol kal SuoppoTrol.
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"Eveka Spes THs GHOIOTNTOS TGV Tprycvewy OA;B, kai OAB,. .. elven:
AlBl N OBX il Blrl — orl s rlAI e OAI. N A]Al

AR TR B G e e g R
A:B, o _Blrl o M4, = AlAl (5)

. 2B B ek BB
Al (4) xai (5) Beikviouv 8T1 TA moAUywva AB,IM A, kal ABIA elvat Spoia.
3ov : "Evexa Tiis Spo1dTnTOS TOUTWV TTPOKUTITEL OT1 :

(A,BIA) AB, 2# .0_41_ 2m 9H1 $ (6)
" (ABIA) *( AB ) T\ OA ) _( 0}1)

102. TTIOPIEMA 1.—'Eav 8bo icolyeis mupapideg tpnBolv Omo d0o Emun£d’ |
rapaliihov npog Tag paceig abtdv kai lowv GrEXOVIOV And TAV KOPLODY: ¥ :
Enpada tdV TOpdY elvan avaroya npdg ti Eppada 1@v Pacewv adtdv. |

*Anddeitag : “Ymrobétopev 87
Té& ToAUywva ABIA kal ABi?
(P&oeis) xeivtan &mi ToU
o0 ¢mimébou (P) kol dmi v E
val 1O Kowov Uyos TV mrup®|
iswv OABFA xai O,A,Byly

*Ectw OH,=O0OH'=W h
dmréoTaols THg Topfs &od @'
xopupév O kal O, kaod (B_)'
(B,) & tuPada Tédv TOAVYY
voow ABFA, ABIT,A, xai (B
(B") T& tupaba Téov A,Bsls ¥

A'B'T’, ©4& elven : :
CE et D\ BT S ey ;
@) = v Kai By o EE Qv : _(Bl) = B) \

103. [TIOPIEMA 11 — *Eav 800 icobyeic tupapiseg Exouv (oag fj icoduvl
pacsig kai tunBody Omo tmnédov nopakiniov npog tag Paseg kai igoV
LOVIOV Ao THV KOPUODY, ai topai avtév elvar loa ij igodivapor.

'Anodertig ¢ Els 10 penyoUpevov mopiopa éBeifapev o1

((BBI; - Eg;))_ "Av Aorrrov elvan B = B, fy (B) = (By),
TOTE: Bys=B' B == (B,
AZKHZEIZ
378, "Exrl Tifs deufis OA TupauiSos OABIA va 6pi0df anpelov A,, ToloUToV &a«f‘:i

atrrol Biepyouévn Trap&AAnios Tpds THy P&aw Toud Tiis mupauibos va elval TO Aiov A
TapTov Tou tuPaBol Tiis Paoews.
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]

: 379. "H dkph xavovikoU TeTpaédpou elvar a. Na Uroroyiodfi 1o tpBabév Tiis Toufis alTol
Y6 EmimréBou kaBéTou els TO péoov Tou Uyous Tou.
. 380. Kavouifis upapiBos 1) Pdois elvan Tetpdrywvov mhAeupds a kal tk&oTn TapdmAeupos
Bpo Exel KAfow mpds ThH Paow 60°. N& UohoyioBolv al TapdmAeupor dxual kal o Tyes THs
Tupapisos.
| 381. Kavovikd) rupauls ZABIA Exel éow TeTpdywvov ABIA Theupds a kal Uyos SH=2a.
) N& UrrohoyiaBoiv al TapdmAevpor dkpal xad T Trapdmheupov Tyos Tis Tupapibos. 2ov)
& M elven 16 pégov Tiis ZA kal N /) Tops ZB Umd ToU bmiméSou MAM, va &mobeayij 6T1 T Te-
TP&W?\supcv TAMN elvar loookeAts Tpaméliov, ToU dmroiou {nTeiTan T6 EuBadov ouvapThoer THs a.
382. Mupapuibos AABI # Paois ABT elven dpBoycviov Tpiywvov els & A. ‘H dxpny AB elvan
WETDS Tpos THY Paow. Ad TuyovTos onuefou M Tis AB &youev mrimedov k&Betov Tpds THY
- N&t &mroBery6ij 11 1 Topt) Tiis TUpMiBos UTrd Tol EmiméBou ToUTou elvar dpBoydviov.
383. TMupauibos f) Paois ABI elven dpBoydwviov Tpiywvov els T& T kal §) kopugph T KivelTo
Em €UBeias xy KaBéTou els TO A i TO ErimeBov ABT. lov) N& Beix87j 671 al E&pan Tiis Tupapibos
"0 pfoyduvia Tpiywva. 20v) “Ayouev T6 Uyos AA Tod Tprywvou ZAB xai 16 Uyos AZ ToU Tp1-
Yvoy TAT. N& eUpedf] & yewp. TOTOS TGV anpeiov A kal Z. 3ov) Na Berydij 6m1 1) AZ elvan xabe-
5 TMpds ¢ EmimeSov SBI 4ov) Ta onueia A, B, T, A, Z &méyouv Toov &mod éva onpueiov 0. 5ov)
AZ elyey x&Betos érl Tas ZB xal AZ kai 6ov) ‘H AZ Sitpyetan Bi& orabepol onueiou Tiis Bl
384. Els TetpdeSpov ABMA ol wpoPolal Tis kopugiis A Erl & BiyoTopolvTa rrimeda TaS
DTepikdg kal tEwTepixas S1é8pous ywvias BIN, M4, AB keivron i ToU adTol tmiméSou.
104. KOAOYPOE NYPAMIE.— Eore OABTAE pia mupagis. Oewpoipey THY
Touhy A,B I AE, Tfis mupapidos Tautns Umo émiméBou mapaAAflou Tpos THY
B‘gfnv ABTAE aUtiis. To moAUedpov Tou étroioy €8pai elven T& BUo Spoia TTOAU-
I‘fvu ABTAE xai A,B,,AE,
B"“ T& Tpamtlic ABB,A,,
B, ..., EAAE, xahe-
% x6)ovpog mupapis.
Al #poi ABFAE «ai
,EalrlAlEl, elven of Paocerg
)\05 KoAoupou Trupapidos. Al
Mol E5pan elven ol napa-
Ypor ESpan Tiig KoAoupoy
N PAuiBos, ‘H  dméoTaais
Bdl( =V oT@v EmmESwv TéV
OE"“)V koAeiTan  fyog TS
SUpoy Trupapios.
"Eaw f mupapis OABIAE elven kavoviki, TOTe, fi kot T& dveTépw dpilo-
" XSAoupos Trupapls ABFAEA,B, M A, E, elvan kavovixi.
9 Els v mrepimrreomv Tty ai Tapémheupor Epan Tiis kavovikiis TrupapiBos
) tﬂwxskﬂ pantlia ioa.
3 [¢) Uyog 0,0 = v, TGOV TAPTTAEUPLOV EBpdv kavovikfls koAoUpou Trupapui-
“Delren naparnievpov Gyos aUTiis.

Zx. 88

| uly H e0B:ia 1) ouvBéouoa T& kévTpa T@V P&oEwv KoAoUpou kavovikis Trupa-

Lo tlvey, Tpopavéds, kabetog dmri T Emimeda OV Pdoewy kad Aéyetan Ghwv
KQRQUpoU Trupapidos.
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*Ex 16w dveoTépe EmeTan O &xohoubos OpITHOS :

OPIEMOZ.— Kokovpog mupapig kakeital b mo)bedpov, oD dnoiov do EdpEt
elvan mokiyovae dpota Keipeva £mi Emnédov napaliilov, al 8 howral Edpar glvat |
tpanlia.

105. EMBAAON EMI®ANEIAE KANONIKHE KOAOYPOY nmyPAMI-
AOZ.—‘H Trapdmheupos Emigdueia KQVOVIKTs KoAoUpou Trupauibos &rroTehei T
&mod icookehdi Tpaméfia foa. Eav Egp elvan T EpPaddv Tijs TapamAedpoy £
gaveias, T6TE, (0. 89), B Eyuev :

Ep=6- (ABBA)=6 - (a4 o)V

7 Egp =3 (« + )y
*Eqv v elvan 6 &piBuds Tév TAeupddV ticdeo Tl
Poews KavoVIKiis kohoUpou Trupauidos, TOTE *

Ep=v- (ABBA)=v - * DL v =

:—;—(vﬂchv-a,)-u 0l

*Emreldd) vo kal v, ehval &vrioTolyws af mepiperpor T xad T1; Tév padsw"'

& Tumos (1) ylveran: E@:—;—(ﬂ-l— I1,) v, @

kal Exppdler OT1: To #ppadov tilg naparnkelpov tmgaveiag kavovikiic Kom"r'
pounupopidog icolrat npdg o ywopevov tod fpabpoioparog @V nap:p.étﬂ”"
16y paccov Eni 10 napanievpov Hyog.

To tupadov Tiis OMKis tmipav:ias koAoupou kavovikfis TrupauiBos elvai :

Eo. = 3 (0 + 1) v, + (B+B) A

srou (B) kal (B") T& tupaba tédv Péoswy aUTis.
£HM. 1. 'Edv & Tol péoou A, Tis drufis A\A wmds kohoUpou mrupapibos &) é‘l‘l’l:'ﬂ'iwﬁ;;
ufy AyBalady, TrapéhAnhos Tpds Tas Baoes auThs, kal tav AB=g¢, AB, = o, ABy =X 1o

() _ (B) _(B")
c e el 3)
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A 2x  a+ o
"AMAE @ + oy = 2x, OmoTE .
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EHM. II. Auvdpeba va pépwpev e, Tpfjua EZ = y mapddAnhov mpds Tés AB, A,B, Tol
TpamreZiov ABB,A,, olTws doTe TO Tpamifiov ABB,A, v ywpiletan els SUo Suocia Tpamélia.

“Eorew 6m fixbn 10 y, GoTe T& Tparéfix A,B,ZE kal EZBA va elvan Spoia. “Av dyBolv Ta
Tuuora EB, kal AZ, TalTa Ywpiloww T Tpaméfia &ls Tpiywva
Suorar dwer v kel Bpofcs kelpeva, "Ex 1@V Spofcov Tprycvewy A EB,
kal EAZ o’ tvéds, xal B,EZ, ZAB &g’ ttépou, Exopev :

ant JVASE y' _BZ AE

i AER Wl e T T R

S :
Pa = o € oU Y aa,

To Tufiua ToUTo kaTaokeualerar (§ 20).

A& Tiis EZ &yopev trimedov mapaAAnAov mpods Tas Paoeis
5 kohoUpou TupapiBos, T EZHO xai éaTe (B) T6 tuPabey Tis
Toufis. O Eycopev :

® B _® _ & egav:(a)z@_;“;% il (8= B

B 7
Zy. 91

ot e ] aaq, o
i

“Apa (B:-B)= .(_%?‘— =B, tEol:

"Qore: “Yrapyer topi napakiniog npos tag faceig kokovpou mupapidog, tfic dmoiag to
adoy glvan péooy avaroyov t@v tpfaddv t@v o Pasewv Tiig korolpov.

AZKHZEIZ

385. N& &mrobeydf 61 1o Eupabov Tis TrapaTAeUpoy Emgaveias koAoUpou Kavovikiis Tu-
p""_Uiﬁo; loolTan pds TS ywdpevov TS mepruéTpou TRs péons Paoews i 1o apamAsupov Uyos
ms.
386. Kavovikfjs kohoupou Tupaiibes f TAeUp& Tiis peydAns Pdoews elven 12 m. xal Tfis
MKpds 6 m. ‘H mapémheupos dkun elvar 5 m. "Eqv ol Paoeis elvan kavovika mevTaywva, v Uo-
Y108 1o tuPabov Tis dhixfs bmigavelas THs Trupaplbos,
.. 387. Kéhoupos xavovikhy Trupapls Exer peyaAny Baow lodmAeupov Tplywvov mAsupds a.
H Tapdmrheupos dxuf elvan 2a xai al TrapamAevpol E8par Exouv kAiow Tpds Thy Pacw fony pos
". N& Urrohoy1087) T6 Shikdy tupaBéy atrriis kai vé yivy épapuoyh S1d a = 10 cm.
388. Kéhoupos mrupals Exer ueydhny Béow dpboydviov kal looakehés Tplywvov Umrotewol-
5 a, *H i vév TaparheUpwy dxpdy elven k&BeTos Tpds THY Pdowv kal looiTar Tpss a. ‘H ula

& o e o 1. 0 "
Ty Towy TAEUpGY TTis mikpEs PATEWS elven = Né Utroroy1o8f) 16 LuPadov Tiis dhikiis Emga-
Dths atrriis.

OrKOz TOQN TETPAEAPQN KAl TIOAYEAPQN

106. Ao arka noroedpa (1) xai (I1,) AEyovra npookeipeva, dtav Exovy piav
gnemqootgpﬂg Edpag (ij tpijpara E8pdV) kowig kai niv onpelov EowTepkdv Tob
tlvan tE@tepikoy Tob dhlov.
'Edv Beopfiowpey uh UgioTaptvas Tég xowds Ebpas, ToTe OpileTan TpiTow
OAUeSpoy (T7), ToU dmoifou EkaoTov towTepikdy onueiov elvan éowTepikdy ToU
) 1 Tou (I1,) fi Tév Tapahagbeiotdv tdpisv. To TrolueBpov ToUTo (IT) kaheiten
8 Porapg a5y (1,) xai (T1,). B Aéycopev Bt Ot 16 (IT) xwpileTon ué Tas dpaipe-
Bs Epas els T (MM,) kad (TTy), kel ypdgopey :  Th =TIy + T,
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1060. OEQPHMA.—Eig niv tetpasdpov 1o yivopevov tob Epfadol pag £5p0S |

abtod Eri 1o avtiororgov Dyog elvar avelaprnrov tilg Bzpovpivig Kopuoiis abrod:

'Anodertrg : *EoTtwoav AH xal A® 8o Uyn ToU TeTpaeSpou ABIA, &yoéuevd

B Tew kopuedy A kad A Tpds Tas E8pas BIA kai ABI™ &vTioToiyws. "Ayopev 4
oyn Al kol AK Tév E8pév ABIM kad BI'A dvTioTolX®5 |

A Kord 7o Becopripa TV Tp1dv kaBéteov ol HI kad oK 8a

elvan ké&BeTol & ThHY Bl ked o ywvian AlH kai AKO ge

elvan foau, s dvtioToiyor Tiis itdpou Bl ToU TeTpot”

Bpou. ’Ex Tdv Spoicv dpboywviey Tprywvey AHI xat

ABK B& &ycopev :

AL A s A8 =AK. AH. ol

8 o &K~ a6
I
1
K~V A AI~TBF-AG=_;_-BF.AK-AH
Zy., 92 ™
A (ABI) - A@ = (BIA) - AH. @

*Edv (M) elvan ) Tipf) ToU dpiopévou ToUTou yivouévou kai A* GpiBuos Caty
Bepds, TO ywopevov A(M) koAelTal 67k 0g TOU TeTpaédpou ABIA.
TUMPOAIKES (ABFA) =A(M) f V=21. (M) 3)
fhx V & Syxos TOU TETPOESPOV.
*Ex Tou piouol ToUTou EmovTan al E€fis mpotdoes :
107. IOPIEMA L—Eav 800 te1pasdpa Exovv thy abtiiy Pacuy ij iooduvd”
povg Pacerg, 6 hoyog TV tykov tov icodtal npog tovidyov tdv avieToiywy oyaY
Mpdyuat, tav () elvan T6 kowdv EuPaddv Tév Towv ) looduvduwy Bc’xdﬁ‘*’v
kad Uy, Uy T& GuTioToixa Uym TV TeTpatbpwv, Ba Exwpey :
Vi=A(M) =2 (B)v ] = _‘_TL_ v,
Ve =A(My) =2-(B)-v, b T
108. MOPIEMA IL.—’Eav 800 tetpaedpa Eyovv dbo iyn loa, & Loyog Y
bykov tav icolta mpog tov hoyov t@v Epfaddv tdv Edpdv (Pacewv), Eig v
droiag avristoryodv ta Bzwpodpeva by,
Mpérypari, t&v v elvan 16 kowodv Uyos Tév BUo TeTpatbpuwv, TOTE, &k TGV L8

THTWY !

[1=A (M) =A-(By)-v v, T&

Vo=A(Mp) = A (By)-v Vet B

109. ITOPIZMA ITL.— Eav 800 tetpasdpa Eyxovv loag ij icodvvapovg gaaﬁﬁ
xai ta Dy t@ avriotorgolvia eig tag Paoes tabrag ioa, Baiyovy tov abTov ayRoY ‘
MpdoynaT, & Tév looThTwWY ! ‘
Vi=AM) =A-(B)-v '
Vy=2A(My) =A-(B)-v

] ey "1 = ‘.2 ‘

J- Mepl Tod 7 I;u Sduhnoouev elg thy § 113, |
93 '
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: 110. OPIEMOZ.— Abo tetpacdpa réyoviar ioodivapa, Hrav Exouvv tov adtov
TKov.,

111. GEQPHMA.— Ilav tpriyovikdv npiopa yopiletar eig tpia tetpacdpa
i“o'ﬂﬁvupa.

"Anddaiis : TpaypaTl, E&v @épwuev Tas Siaywvious AB,, B, kai AN, Tév
8oy ABB,A,, BIT,B, kai AITA;, 70 mpiopa xwplfetar Hix 1@V Emmedwv
ABIl wai AB,I, els T& TeTp&edpa B,ABT, B,AIT, xai
BlAf‘]Al_

T& TeTpdeSpa B,ABI xad AB,IA; Exouv foas Pdots,
a5 ABT ke A,B,I, xal TO a¥UTd Uyos, Thv &mdoTagv
& Baoewv ToUTWY.

"Apa elvar igoBuvapa nAadn

(B,ABIN) = (AB,[|A,). €))

Ay

' T& TeTpdedpa B,AIT, kol BAIT, Exouv Ty alriv AR
Sow AIT, kol 1o Owos, 81611 i BB, elvan mapddinios
Tpog ThHv Péow AIT,. AnAabn : B
(B,ATT,) = (BAIT,). (2) Ty. 93
"AMG : (BAIT,) = (I ,ABI) = (B,ABI), 3

S6m 1 B, elvon TopdAAnAos pds THY E5pav ABI. Ex Tav (1), (2) xal (3) ov-
Youev &1 :
(B,AT,A,) = (B,AIT,) = (B,ABD).
Ko’ drohouBiau & dyxos V Tol Tprywvikou mpiopatos (Al) elvan TpimAd-
%105 70 &yxou Tol TeTpatbpou BABT. “Hror:
V — 3(B,ABI’) = 3k (ABI) - v. (€))
"Qoe - "0 Bykog tpryeviked mpispatog elvar tpinhactog tol dywov tod teTpa-
I.lou, brep Exer Paoty v abtiy pé ©0 Tpiopa kai Uyog (avtiotoryov) té tyog tod
Plopgzroc,

112, [IOPIEMA. 'Eav 600 tpryovika npiopata Eyovv Paceig loag i ioodu-
Houg wai 1o abtd Dyos, elvar isodivapa.

113. EKAOIH TOY APIOMOY i.—EiSopev 611 6 Syxog V dvds TeTpaddpou
eTon Y1rd Tl TUTOU V=21(M) @5
Oioggﬁn—o-rg kol &v elvan & &piBuods A, els THy dvmioToiyiav perafy Tol Zu-
OV TGy roAutSpov kal ToU ZuvoAou TRV BeTikddv &piBuddv, Tnv Spilopévny
%981 175 (1), foyxvouv ai dxérouBor ouvliikat :
loy . Eig 800 Toa nolvcdpa avriotoiyel 6 avtog dyxog V.
| & 20y Bewpolpev uo Tohledpa (IT,) kal (1,), Ta 6'.n‘oiu E)(’ouv r‘(owﬁvliﬁpuv
POokeipeva roAUeBpa) Kkal &vTioToixous SyKous V, kal V,, T6Te 1O ToAUeSpov
. TS dmoiov elvan To &Bpotopa TEdV BUo Tpockeiptvawy ToAvtdpwv (T1;) kal
| Vg &umigToid els Tov Syxkov V, doTis B elvan 16 &poioua T dyxwv V,

s V. Anhabn : V=V, +V,
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L Wnepromotr|Onke amé 1o lvotitouto EknmaiSeuikng MoAmkng



*EvraUBey EmeTan OT1 1) #xhoyn) ToU &piBucy A ouvbesTa pé TV EKAoynv ol
mroAuéBpou, TO dTrolov ExEl s Sykov ThHY povdda Té dykwv (Tapadoxn)-

“Q¢ To10UTOV TTOAUEBPOV EKAEYOUEY koPov, Tou émoiou 1) dxun elvar o pove:
Sraicy eUBUypoloy TRTjHA. |

5 Biarycoviov rrimreBov ABB, A, ywpilet Tov kUPov ToUTOV els BUo Trpookel
HEVa TPLy@VIKE TrpiopoTe, Ta: ABFA,B,I, xai ABAA,BA,. Kara t& mpof”
youpevov Becopnua o &yxos V, ToU TpiopaTos ABFAlBlrl

A|1 ' elven TpirAdoios ToU dykou Tou TeTpatdpov B,ABT, fjTor: |
af———6, V,= 3A (ABT) - (B,B) |
: ety 81671 TO TRfua B,B elvan 16 Uyos ToU TeTpatdpou TouToY:
] )
_____ 1y 1
SETP)T Emabhs: (ABM) = (AN (TB) A (D) ylvera!
A B 1
Ty, 94 V, =3A - — (&0 (TB) (B,B). 2
‘AMG& (Al = (TB) = (B,B) = povds pfkous kad 7y (2) yiveraa:
3
V= 5 A

‘Erreisly T& mpiouara ABAABA, kai ABTA,B,IM; Exouv Thv cUThv paov
ABA = ABI kai T aird Uyos BB,, elven ioodlvapa. “Apa & Sykos V Tou kUpeY
clven Simh&aios ToU Sykou Vy ToU mpigHaTOS ABTA,B,IM,. "HTou:

y 3
V=2-V;=2:-5 -A=3

"Av Bt 667 V=1, TéTe: 1=3], EE 00 A =%,

Kordmmv TouTou eUkdAws UtroAoyibopey TOV SyKov TRV KUPILITEPLV ol

£Bpeov.
114. YIIOAOI'TEMOE TOY OIKOY TOY TETPAEAPOY.—"EoTw AABr
v TeTpdebpov kai AH = v 10 Uyos aUToU, TO QUTi- A

oroiyouv els THY Pagiv ABI. \
Kord Té yvewoTd, 6 Syxos V Tou TeTpatdpou ToUTOU
B elvan :
1
V =A- (ABl) -.v = = (ABI) - u.
‘Eav B¢ 187 (ABI) = (B), TOTE :

1
Y=—1(B) v B
A Sy. 95 .

. 1
Anhadn : "0 dykog tpryevikijg mopapidog ioovtal npdg to Tpitov Tob onpﬁvﬂ |
oi Epfadod tiic pacewe gri 10 avristorgev Uyog avtijc. ‘

100 |
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115. OFKOL ATIAQN KYPTQN TTOAYEAPQN.— Mpokeluévou vé 6piodi
Sykos TGV STAGY KUPT@V TTOAUESpWY, TTapaTnpoUpey &Ti
lov : "Edw elg piav moAuywvikny upapia O. ABFAE &yBolv ai Sieydvion
tr, B Ths Paoews ABIAE, ToTe T& Siaryovia emimeda OTE, OBE ywpifouv THv
PapiBa els T& TeTpESpa
OTAE, OBFE, OABE. 0
20v: "Av Bewphowpey Tas Biaywvious Tis Pa- f
%85, Tas dyopévas ik THs kopugiis AR B AT 7 A, Eyo-
“i‘v BeUtepov, TpiTov, TéTapToV, TEUTTTOV Bicuepiopdy
s Tupaisos el TeTpdebpa.
3ov. *Edv Becopriocousy TUXOV ETWTEPIKOY onueiov A
kTﬁS Tupapidos, kxal ouvBégwpey TouTo 81’ elBeidy pé
oy Kopugds TTis TTupapidos, Exouey &AAov TpoTov Sia-
PIouol Tfis TrupapiBos els TeTpdedpa.
Fevikss : Kabe amhoby kuptov moriedpov dovata Zx. 96
* Yopodi cic tetpacdpa katd mokhovg Tpomovg, Kai
’lui_'Td @Bporopa t@v Gykev T@Y TETpaidpov eig 1a dmoia ywpiletar anlolv Kuptov
Vedpov, elvar aveEaprnrov tob Exdotote Srapepropod adtob eig tetpacdpa.
To &Bpoiopa ToUTo KeAoUpey Gykov Tou &mAol ToUTou kupTou ToAuESpou.

r

. "Qore : "Oykog anhod kuptod morvédpov elvar 10 Gbporopa tdv dykwv @V 1&-
Nﬁﬁpmv, £ig ta dnoia tobto ywpilerar

116. OTKOL MOAYIQNIKHE MYPAMIAOX.— *Ectewo OABFAE pia Tro-
Auyvikn Tupapis. "Av dxBolv al Siaxydvior Tfjs
Paoews ABIAE ék Tfis kopugfis A, ToTe & ToU

oXNHOTOS EXOUEV :
V=V,+V,+V,

1 1 1
fi V='3—ﬁ1U+TE’2U+“3—ﬁ3U=
1
N (By+ B2+ Ba)v
- T l
1) N = o (B) - v.
r
% 91 AnAadny: ‘O bykog naong nupapidoc loodtar

L
Wi ™ tpitov tob yivopévou tod Epfadoed tijg faocwg Eri 1o Dyog tiig mupapidos.

ki 117, MOPIEMA I.—'Eav &bo mupapideg Exovv Paceig Toag ij isoduvapoug, 6
% @y Oykwv tov igoitar npog Tov Loyov t@V VY@V avtdv.

™, 113, [MOPIZMA I1.—'O Lioyog tdv dykev 800 icolydv rmupapidwy ioodrar
S toy Abyov t@v épfadav 1OV Paceov abrdv.
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|
!
119. MOPIZMA IIL.—Eav 800 rupapideg Exovv paceig icac 1j iooduvapovs '
kai byn ioa, givar icodbvapor.

Enusinog : "OTav &moPAémepey els TOV Adyov TGV Syxwv Buo TroAvebpwy, sév napiotar®
avayxn Exhoyfis piopévns TS TOU A,

AZKHZEIZ

389, Eis wav TeTpdebpov T& Iy elvan &vmioTpopws dvahoya TRoS Té& tpPaba TGV dyrioTor
ywv Paoewv.

390. Né& Urohoy1adij 6 Sykos KowovikoU TeTpatBpou cuvapThioel THs dKpfs Tou & 'E@upuo’fh
ix a=8m.

391, N& Umohoyiofi) & 8yKos Kavovikiis EEarywvikiis TupaniBos, THS droiag 1 -rrcz;;wln’r?\e\i'i"’s
&xpd elvan fon Tpos THY TAeupdv a Tiis Paoews. 'Egapuoyh Bid a = 12 m.

392. Tupauibos OABI ) Pdois ABT elvan lodmheupov Tplywvov TAEUpas . ‘H Tpledpos 0
elvan TproopBoyvios. Né& Uroroyo8it 1o ihypos OH Tijs Tupapidos kal & Syxos «UTHS.

393, 'Evri Tév dxpdv Tpiooploywvioy Tpitdpou yevias O Aaupdvopev Tpfuara OA = )
OB = 2a xal OF = 3a. N& Umohoy1o8i) & Sykos Tiis TupapiBos OABT kol T Uyos OH 0TS

394. Tupapis Exer paow Tplywvov, <00 dmofou al Theupad elven 6 m, 10 m kol 8 m. AL T
pémheupor xpal elven oAl oot wpos 13 m. lov) N& UroAoyio8i To Uyos kal & Sykos afsla
pauibos TaUTns. 20v) Els Trolav &mwéoTagw &Trd TS XKOPUPTIS TTPETTEL V& PEPWLEV trriTreBov AP
Anov Trpos ThHY Baow, Tva 1 Tupauls Sranpedi] el BUo looBuvapa pépn ; L

395. Né& Umohoyioff & &ykos ToU mroAukBpou, &Trep EXEl KOpURES TG KEVTPA TG E5p@V i
Pou drpfis a.

396. AiSeTan kavovikdy TeTpaeBpov &Kufis < xal onueiov O towTepikdy auTol. N& dm"’ﬁﬂ‘
8 &T1 1o &Bporoua TOV &mooréoewy Tou O &md Tas E8pas TOU teTpatbpou elvan oTabepov (wm,
Trpos T Uyos ToU TetpatBpouv). TIids TpoTromroleiTal Té &Bpoioua ToUTo, &rav 16 O elven EEwTep™
onueiov ToU TeTpatBpou | !

397. Els xiPov dxufis @ &yOHEV 1&g Brarywvious Tév EBpdv auTou. N& &mobery8ij 67! oy
warifovran Ud ToUTwy U0 avovikd TeTpdeBpa kal dxohoubuws va auykpiBouv ol &yxker T@Y
Tpatbpwy ToUTWV.

398. ‘O &yxos TeTpatBpou looUTen Tpos T %- ToU ywoyévou s dxufis Tou bl TO wh?

§ov Tiis TTpoPoAiis auToU ¢l ErrimeBov k&BeTov Tpds THY v Adyw dkunv. 4
399. 'O Sykos dpBoycavikoU TeTpoébpou (&rrévavTi dkuai Tou dpboycovion eUfeian) 10°‘ﬂw
Tpds TO —-:-5— ToU YIWOUEVOU Suo drrévavTi &kpédv Tou £l TO pfjkos Ths koS kabéTou aUT@V:
400. To BixoTopouv trieSov mas 51E6pou TeTpaibpou Sicupel tkdoTny Tév EBpaav TGV 5%
YOpéEvv 51& Tiis &mévavTi &xufis els pépn dvddoya TGOV E5piov Tiis v Adyw BiEGpov. ; ‘
401, T&v Emimedov Biepyduevov B ds &xufis TeTpatBpou kal Tou péoou TS dﬁf"‘ﬁ‘
&g, Broapel auTd els Suo {coblvapa pépm. &
402. N& Utrohoy1a8ij & ykos Tol TeTpatbpov, Smrep Exet KOpURAs T KEVTPE TGV t6pdY 5
vovikou TeTpatbpou dkpfis & ;|
403. "Eml Tiis PAOEWS KOVOVIKTS mupapibos AauPavouev Tuxév onuelov M. N& hosal)fm:
&1 16 Gfporgpa TV &mooTdoEwy Tou M o Tas mapamhedpous Ebpas elvar oTabepov. ‘
404. 'O Byxos Kavovikiis Trupapibos looUTal Tpods T ywopEvoY ToU tuPadou Tiis Trapa™ |
pou tmeaveias TS #rl 16 TpiTov Tiis oo TACEWS TOU KEVTPOU TS Péoecos drod piav wcpd‘"mﬁl
i5pav aUTTS. ﬂd
405. Al mheupal Tiis Paoews ABI Tpigoploycovioy TetpatBpov OABT elvar &, g, Yo
Umrohoyiafi) & Sykos Tou TeTpaibpou. |
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406. Edv al E5pan TeTpaéSpou elvan Tpiywva looduvapa, T &Bpoiopa TGV dooTdoEwy Tu-
Xdvrog anueiou EowTepikoU ToU TETpatdpou &rrd Tds E8pas elvan oTadepov.
407. Els 16 Erwtepikdv TeTpatbpou vé elpedf onueiov O, ToloUtov GaTe cuvBedpevoy pi Tas
mp"?‘is. v& oxnuaTifovTtan Téogapa TeTpdebpa loodlvapa f) dvéhoya TAV &p1BudV KA, u,V.
& 40B. Els & towTepikdv kavovikiis Tprywvikfis Trupapios ZABI va eUpedij onueiov, &md 16
T\°I°V al mAeupal Tis Paotws va palvawvTal UTo Gpbiv ywviav, &v T Gyos elvat u kal 1) TAeupa
5 Béoecos a.

= e ok = 2 o
409. ‘O Sykos TeTpaiSpou loolTen Tpds g ToU ywouévou ToU Eupadol, tvos mapahAnic-
"P"‘Huou kaTaokevalopévou pi GUo dmévavTi dxpds Tou, il To pfikos THs kowds kabéTou TV
MY ToyTeov,

410. Els dpboywvikoy Tetpdebpov T ywopeva TV dmévavTi dkpdv elvon dvTioTpéps
Doy Tpos TAs kowds kabéTous aUT@V QVTIgTOlYWS.

; 120. OrKOX TPITQNIKOY IIPIEMATOZX.— *Eotw ABIA,B,I, Tuxdv
Plycovikoy rpiopa (8pBov fi TAGytov) ué Péoeis ABI
kai A, e
Eis thv (§ 111) elpopev 671 6 Syxos V avrol elven :
V=3 (B,ABI) = 3A-(ABI)-v
By A :%, AcuPdvopev : V= (ABI)-v.
"Eqw Te87j (ABM) = (B), Té1e: V= (B)v
‘0 Timros olTos tkppdder 671 :
" 0 Gykog tprywviked npicpatog igobral mpog to yivo-
YOV 108 Eppadod tilg Pacewg éni 1o Dyog abrod. Tx. 98

121. OrKOEL MOAYI'QNIKOY IPIEMATOZ.—"Ected (AA,) &v mevraryco-
vikov mrpiopa. "Av dxfolv T& Siaydvia émimeda AT, A,
kad AAAA,, TO Trpioua Ywpileton es Tpia Tprywvikd
TpiouaTa.

*Apa & dykos V ol TrpionaTos 8& elvan 6 &poroua
TGV Syxwv T@V TPIGV TOUTWY TPIYWVIKDY TTPITUATWY.,

‘ AnAodn :
' V=V;+ Va+Va=F1 +B +P)u=(B)-v
g AnAad Y=(B)-v.

‘O TUtros oUTtos Ekppalel OTL :
B ‘0 bykog navtog mpiopatos icoltar mpog T yivopevoy
Zy. 99 100 Eppadod tiig Paocwg éni 1o Uyog avrob.

" 129 I[MOPIZMA I.—'Eav é0o npiopata Exovv ioac ij isodvvapovg facerg, o ho-
"By Fyxov Tov icobra npdg ToV hoyov 1@V DydY abtdv.
kg 123, [IOPIZMA 11.—'Eav 800 npiopara Exovy 10 abto Hyog, 6 hdyog tdv by-
§ oV igobrar npog tov hoyov T@v Epfaddy OV Pactwv abtdyv.

iy, 124, MOPIZMA III.—Eav dvo icoiyi] npiopata Exovv faceg ioag i ioodu-

» tlvar {oodivapa.
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125. MOPIZMA IV.— O dykog 0pBod npiopatos icobtar Tpog o yivopevoy
100 Eppudod tiig fastmg #ni 10 pijkog tijg mapaniedpov akpijc avtod.

126. MOPITMA V.— "O Gykog kavovikoD mpiocpatog icodtar mpog o YLVOpE
vov tob ipfadod tiis mapariedpov tmgaveiog Tov Emi To fjpov 1od arocTipatos
tijg Pacews avtob.

127. @EQPHMA.— [lav miaywov npicpa clvar ioodovapov mpog opbov, omep
Eyer pactv piav kabetov topfy tob mhayiov kai Dyog Ty Tapanievpoy AKpRY 10
nhayiov. !
& 'Arodaiiig 1 “Eotw A,B,ILA, pia k&BeTos TOPT| T‘J‘"
mAayiou mpiouaTos (Al). ‘H Toun altn eva rpopoM
r; Tév paoecv ToU TAxylou TpiouaTos Emi TO ¢rrimedd
Tf)s TOMTs.
o Eqw B elvan 1o tuPaBov Ths Péotws ToU Trpiob®
Tos, E, TO EuPabov TS kaBéTou Topfis ToU Trpicud"f('
kot @ f) yovia TGV Emimedwy, TS Poecos ABIA xai T
waBitou Topfis AuB.l A, B Excopev !
E,=(B)-owp @ (B) s Fa (!

ouve

'Eqv AH elvan 1o Uyos ToU mpiouaros, trreidh ¢
AA xai AH elvar dvtioToixews ké&BeTol frei & BT
Tfis Toufls kai Ths Pacews, fretan 611 X AAH= 9. “Apq, & Tou opboywV OU‘
Tprycvou A HA, B& Exoopev:

AH = AIA-O'UVA/AH i v = aoug.

A& oA opol KaTa MEAT) Tév (1) xal (2) Acppdvouey: |

B.u—E, o 'AM& Bu=V. "Apx V=E-a ¢

o o TO Wijkos TAS TapaTTAEUpoy. GKUTS ToU TAayiov.

Zy. 100

128. [TOPIEMA.— Abo npicpata tdv droiwv ai mapankivpor dkpai slvet mij
kai ai kadetor Topai igodivapor, eivar igodivapa. |

]
129. OTKOE [TAPAAAHAEIIIEAQN. — o) "EgTew (AlN,) TA&ylov -rrc(Pd}i
AnAetrimredov. TouTo xwpileTan s BUo TRIYWVIKA |
TpiopaTa UTO 10U Blaywviou émmésou BB,AA,
<& ABAA,B,A, kai BFAB A, T& oTroia Exouv
paoeis ABA xal BIA ioas, kai TO aUTo Uyos u.
*Apa elvan oobuvauad. *Av V, elvan & Oykos Tou
mpaTou kai V, & OyKos ToU BeuTépou, TOTE !

V=V, + V=2 V;=2(ABA)u = (ABMA)u= (B)-v
*Hron: ¥V =(B)-u (1)
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‘0O TUmos oltos ékepddel &T1:
. O Gyxkog nhayiov mapakinkemridov icovta npoc 10 yivopevov 1ol Epfadod
s Passag ini 1o avtictoyov Gyoc.

B) 'Eav 1o Tapad/Sov elvan opBov, ToTe 16 Uyos oupmiTTEl pé THY Topd-

:REUpov drkuny y=B,B, xai émopéves 6 Timos (1) yi-
ETay

V=(B) -y @)

K Eppdldel OT1:
"0 Gykog oplod mapaiiniemnidon icovta npoc 1o

Wongvoy rop Eppadod tijg faccmg éni 1o pijkog tiic na-

Miipou axpiig ( Gyos ).

oUTO Spws guvdyeTal Kal £k yvwoTou Bewpriuaros, kabdoov # Pdois

Sivaran v BecopnBi} dos kaBeTos Topd ToU Trapod/Sou.

ABra

Y) 'Eav 1o TapaA/Gov elvan opBoydvioy, TéTe :

- (B)=(ABMA)=a-p kai & TUmros (2) yiveren :
; ‘ V=(pr, 3)
, 6 omolos exppalel 6T1:
’ "0 dykog opBoywviov napalinlemnidov icovtal
z;. 103 B TPOS TO YIVOPEVOV TV PNKAV TdY TPV adtod Sia-
) CTACEMV.
N, 8) Eaw 1o TapaA)Bov elvan kUPos, TOTE @ =P =y kal & 4y i
i 705 (3) yivetan S
o‘ ‘T — aa. QL_G‘ \ l_
i e Anadt - "0 Gyxog Koo isobrar mpos Tov KiPov Tob pikovg A B
2 (“‘llﬁq avtol. Sx. 104
) ASKHZEIZ

; f‘“b)\:u' f\l 510:0"@0’515 6pﬁ?ywuiou TapaAAnAemimédou elvar a =8, P =10, y = 15. N&
| Y1067 1) Siayovios alrol kai & SyKos.
Y, 41?- Els dpBoycoviov mapaAinAemimeBov elvar o= 25, p = 40 § = 57. N& Umroroyioi

0oV T tmgpaveias Tov kai & OyKos TOu.

i Ky, ; _3- Na Umohoyio6fj f mapamAeupos tmpdveia kal & Sykos dpbol mpiouaTos Uyous v,
CTroioy f) Paais elvan TeTpdywvov i lodAeupov Tpiywvov f kavovikov EEdy wvov TAEUpES a.

| ¥l g, 14. "Opfioywviou TapahiniemiméBou Uyous v # Paoss elvan Tpaméfiov pt Pdoeis B, o

) OUS Uy, N& Umrohoyio87 & &ykos Tou.

| '3-\-, ‘5- Té tuPadov Tiis bmgaveias kavovikou EaywvikoU mpiopaTos elvan 150 cm?, T 5

Hroy looUran mpds THv SidueTpov Tiis Pagews. Na Utrohoyiodfi & Syxos Tou.

416, N& Utrohoyioffj & Syxos kuPou ouvapTrioel Tfis Siaywvicu Tou.

5“%4‘17. N& Umoroyi087 & Sykos mpiopaTos pi Baow TerpémAevpov ABFA, ouvapTioer Tou
o

|
|

.!
?’ &

udhos‘foﬁ TapaAAnAemimébou, Strep ExEl KOPUPAS OTA ptoa TV TAEUPGY TGV Paoewy Tol Tpi-

g, noAuywwKév mplopa va petaoynuaTiodi] els looduvapor Tprywvikoy Tou alitou Uyous.

419
Wugy

szyc.:vnc(w Trpioua Oyous v, va petaoxnuaTiofi els &AAo loobivauov pé Paow Te-

:
‘ 105
l
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420. Né& &rmoBeybij 611 & Sykos Tprywvikol TplopaTos looUTan Trpds T fimou ToU ywopé-
vou ol EuPaBol wds TapaTAEUpoY £5pas bl THY GméoTACY s &mévavTt drpfls &md TalTnV.

321, 'O Syxos KavovikoU mploparos loolTen oS 14 ywwbpevey ToU tpPodou Tiis Tapa-
ThAeupou Emigaveias Tov, ¢l Td ARIOU TOU ATOCTHRATOS TS Baoews.

422. AiBetan Tpioua, ToU dmoiou uia kéBeTos Tou) elvan loomAeupov TohUywvov. Na drro-
Bery8fj 671 1O &fipoiopa Tév &mooTéoewy onueiov O towTepIKOU ToU TrpiopaTos &md Tas Paoels
Kkal Tas Tapahedpous EBpas elvan oTadepov.

423. TprywvikoU TpiopaTos ABFA,B,T, # Paois ABT elven oradepd, 1 BE kopugn A, Bia-
ypdage: ebbeiav (X). Néx eUpedij & yELUETPIKOS 6105 TEV Kopupdy By, M ToU kévTpou Papous ToU
Tprycvou A,B, I, kal TGV uéowy TGV TTEPATTAEUpWY Axp@V TOU.

424, Edv el TETpaywvikoy TRITH TPELS BlayGovior TERVWYTAL, va dmoderyff o1 kal 1)
TeTépTn Sraywvios BitpyeTan B THis Toufis TGOV TPIGY TPRTWY kal 671 TO TPIOHA elvan Trapai-
AnherrimeBov.

425. Né &mobayBij 6T ol mpopohal TV Axudv kUpou Emi TuyoUTay Biaydvidy Tou elvan
foon Trpos ToOV TpiTOV TS Biaywviov.

426. Mapohnhemimébou ol E5pat elven popPot foon, pi Siywvious & kal B. N& Uroroyio8i
& &ykos cToU ouvapThoe ToV « kad B.

427. *Edw 5Uo raparAnierrimeBa Exouv wiav TpieBpov ywviav jonv, & Adyos TdV Sykwy Twy
looUTan Tpds TOV Adyov TV yivopévey TGV ErubV Ty TPIESpLV TOUTGV YWVIGV.

428. AlBerou Tpiopa ABTAB,T, xal BUo oraBepd onpeia M kai N. Né& &y87) Bix Tév M,
N Errimrebov, Tépvoy TG TPIoHE KaT& Tpiycavov dpfioydviov.

429. To afporoua TV 51Ebpov TGV oynuaTiGopEvey G1rd TV TapaTAsUpwy E8pdy Tp1-
yowvikoU TpiopaTos HETG pids Paoews QUTOU, TEPIEXETAL ueTaly 2 opddv kol 4 dpB&v ywvidv.

130. [IPIEMATOEIAEL.—TIpiopatocidis slvar 10 mok0edpov, Tob dmoiov d00
gdpar elval mohiywVa KEipeva ini maparlhov tmnédov, ol 8¢ hownal Edpar Tpi-
yova i tpantlia.

Al TrapdhAnhol E8pai Sdvoudlovtal Paserg
10U TpioHaToadous, ai 8¢ Aovmai EBpan ka-
AQUVTOL TAPATAELPOL £dpar cUToOU.

‘H drdoTacls TGV EmTEdey Ty Paoewy
elvan TO yog ToU TpiopaToeBous.

Maoa xkun 1 omoia Btv elvan wAeupa Tiis
widis ) Ths GAANS Pdoews kaheiTon mapanhev-
pog Gk TOU wpiopaToedous.

‘H B TéV pEgwy TGV TTapaTrAeUpv &K=
ucv Siepyouévn Toun ToU TplonaToaiBous Ka-
AciTan peoaia Topn 1) péan faoig cUTou.

OfTe, Td ToAUywvov BIKAMN elvan 1
peoala Toun ToU TpiopaToedous(BH).

"Av &vti Tfis BE Bewpficwpev Thv AZ, TO

Tx. 105 TIpOKUTITOV TPIoHaTOEIBES elvan Bidgopov TOoU
TPOTYOUHEVOU K.ATT. 3

*Av ol Pdoets ToU TrpiopaToEdoUs EXOUV T6 aUTd TAffos TAeupdy Kol
al Tapémheupor EBpat dlvan Tpamélie, TO TrpiopaToebis BlvaTan va dvopdleTal
kel MPLOPOELES.

E H
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‘H mupapls SUvaTtan vé Bewpnéij ds TpiopcaToedés, Tou dmolou N pla Pdoig
mepropifeTan els THY kopughv T aldTiis.

To mploux elvar TrpiopoeBés.

To kohoPov Tprywvikdv mplope Becopeitan xai dg TplopaToelBés, ToU o-
molou fi i Paos elvan piar TGV TapamAeipwy E8pGv alTol Kal f &AM TEPIO-
piCeTen eis Thv drury, N dmola elval TapdhAnios Tpsds T EmiTeBov Tiig Becopn-
Belons Pdoecos.

‘H xohoupos Tupapls elven mpiopoeds pi Paaoeis moAlywva Suola.

131. OFKOZ MPIZMATOEIAOYE.—'O bykog npiopatosidoic dibctar 0mo
tob tonov :

V=(B+B +4B) .. )

€vba (B) kai (B') ta ppada 1@V faccov adtod kai (B”) 1o EpPadov tiic peoaiag to-
Hijs.

TMpdrypar, tav &l Tfis weoaias Paoews Bewprowper Tuydy onpeiov O kal
TO ouvBéowpey BI’ eUfaiddy e TAS KOpueds TGV Bdoewv kai TAS péoms Toufs,
TO TplouaToadls elvan &fpotopa TGV Tupauidwv OABTA, OEZH kai Tév Te-
TpaEBpwy kopugfis O kal pe Paocels Tas TapamAelpous ESpas, ke’ Soov elvan
Tplywva fi T& Tplywva, e T& Omola xwpilovral Umod T@vV Sioywvicy (i’
Soov elvan Tpomélia ). Elven &é :

1 v 1 y N R e
\TOABTA=T(B)'~2_:?(B)U ki Vopz = "3“(83 . ?=E(B)‘U-

kol &v &y ) OP kdBetos éml Thv EBpav ABE, Tote:

. I
Voo o % OP . (ABE) = 5 OP - 4 (E1©) = 4 . 1 OP.(E10)=

1 v 4

=4.Veore=4 - 3 (0olo) - 555 (01©) -u.
‘Opoiws :

4 4 " 4
Vonsze = & (OIK) - v, Voprz= 3 (OKA) - v, Voraz = E (OAM) - v,

4 St &
T — = (OMN) - v kol Voaaue = Z (OBN) - u.

Kat' dxohoubBiav & Sykos V Tou mrpiouatoedous elvan :

Ve %[ B + B’ + 4 (08I + OIK + OKA + OAM + OMN + OBN) ]+

V= _‘é_ (B+B'+4B").

=

"Qore &mebelyfn & TUmos (1) xal dvoudleran TUTos ToU Sarrus.
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Inpeiwos 1. ‘0 dykos V 1ol piopaToebols 8ideTa kal Urd ToU TUTov :

E H

N \':%(Bﬂuiﬂll)u

fv8a u T6 Oyos avTol, (B) T ipPabov mas Paoews oUToU kai (B;) 10
uPaBdv Tis Toufis aUToU Umo Emimedou TapaAAniov wpos Tas Pa-
oeis alToU kal &TéyovTos &me THY Paow ToUTou &méoTaocw ionv

r wpds T& = 760 Uyous ToU TpiouaToedols.

Kéuete tmainfevoy, AapPdvovTes Tuxdv onpelov O s Pa&-
cews xal ouvBtovTes TOUTO wé TS KOpUGAs ToU pioparonbous (oX- 106).

Sy. 106

Tnueimaig 11. Béoe ToU TUmou Tou Sarrus UmrohoyileTan & Sykos Tfis kowfs Tupauios.
1
TMpdrypaTt, Eav els TéV TUTOY TOU Sarrus 1687 (B) =0, (B") = T(B') AapPdvoyey
0 e 1 gt ! el
N :T(B* B' + 4B )U——G- ¥ (B-rO—‘tTB)U—T(Q) -\,
snhabh Tov Sykov Tiis TupapiBos.

Enueimog 1. A1x vé elpwpev Tov Sykov ToU TRigHaTos, els TOV TUTTOV TOU Sarrus Béto-

pev (B) = (B) = (B") xal Aaupdvopev:
\':%(B—' B+ 4B)u= (B)v.

132. OTKOX KOAOYPOY MMYPAMIAOE.—Eotwoav (B), (B") 14 éuPaba
Tév Péoswy Tis KoAOUpOU TrupauiBos ABIFAA,B, T A, xal (B") 10 tupaBov fis
pecaias Toufs.

Kara v (§ 105 onu.) evan:

b 1 ; e
@®)=4(B+B +2VBB),
bréTe & Tumos ToU Sarrus yiveton:

v

%(B—f—B'%‘iB“)u:

L (B4 B +B+B+2VBB)=

K
3

(B+ B +VBB)v

fiTol :

V-3 (BB VBB, o)

Ix. 107

‘0 TUTos oUTOs TEOKUTITE! kal ko' &Nhov Tpémov s 675 Gewpolpev THY Tupapiba
OABTA, &€ fis wpofiAbev T kKGAOUPOS, kai EXOUEV : J
@ _ (8) . 18 _ V& _ ¥B-VB _ JB-|F

OHR'  OH! OH ~ OH, OH-OH, =
viB vlB
€ oU: OH = 'W kal  OH, = TTFB—_'—
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kal ker” dkohouBiav :

s5fli e 1 vlB i viB
V = — (B) -OH—— (B")-OH;= ——(B) . — L A LS el
7 (B 5 (B) 3 (B) 5_y5 3 (87 V618
__1 BIB-BYB i i
— _——YBL_YB—'U-L*B—(B-FBTFBB)U.

‘O TUmos (1) Bnhol &Ti:

‘0 Gyxkog kokoOpov mupapidos isolitar npog 1o GOpotopa t@V bykeV TMdY TU-
papidwv, Exovedv Dyos t0 Byog tiig mupapidos kal Pactig aviiotoiyog Ty pe-
yaknv Paciv, tiv pikpav faoty Kai iy péonv avaloyov tdv dvo pascwv 1fig Ko-
Lolpov.

"Eav ) kdAoupos mrupapis elvan ToU B eious, TéTe & Sykos Tns SiSeTon Ymd
ToU TUTTOU :

1
V:?(B+B'—VB_B’)U.

AZKHZEIS

430. KdAoupos Trupapls Exer iyos v = 12 em. kal Péges lodmheupa Tplywva mheupdv 9cm.
kal 4 em. Né& Utrodoy1084) & dykos aUTiis.

431. Koroupos mrupapis éxer Uyos Sa kal Paoes lodmieupa Tplywva TAevpdY Ba kal 2an
Na UmroAoyio6f) & Syxos aUTTis.

432. "Opoles pé T& alir Sebopéva kal al Péoers va elvan kavovikd édywve.

433. Kéhoupos kavoviki) upanls Exer Paoeis TeTpaywva mheupdv 4a kai 9o, Uyos B 6a.
Né Urodoy1o8f] & Sykos Tiis Tupapibos, Tfis dtrolas kopugal elvan T& péoa Tév TAEUPRV TGV P&-
oewv Tijs Sobelons.

434. Al Paoeis kohoUpou TrupapiBos elvan kavovikd Edywva Theupdy 4a kal 9a. Na ro-
Aoyiof) 16 EuPabév Tijs utong Toufs aUTis kal dkohouBuws & dyxos Tng, &v Té Uyos Tns elvar Ga.

435. Kéhoupos Trupapls va TEndf Umd EmmeBou wapahAfilou mpds Tag Baoers aUriis,
0UTws doTe 16 EuPabov Tiis Toufs va elvan ptgov dvddoyov TV EuBadiv Tév Bhoewy, "AKoAOU-
Beos v Urohoy1087) & Adyos Tév Syxewv T@V BUo kohoUpwy TrupaniBuwy, els & ywplZerat f GpxIKn
U6 1ol dv Adye bmimréBou, &v (B) kal (B') elvan T EpPabd Tév Pdoewv Tiis Bobelons.

436. N& kapete yewpueTpikiy &mébeifiv eUptaews ToU Syxou KeAoUpou Tpiywvikiis Tupa-
nidos.

437. N& elpeBij Syxos kohoUpou TrupapiBos B1& ywpiopol auTis els kowds mupapiBas pé Thy
Ponbeiav towTepikou onuelou O Ths wmas Paoews Ths TupauiBos abrfs, ouveoptvou pt Shas Tas
&AAas kopugds aUTHs.

438. Kéhoupos Trupapls pé Paoers tupabidv (B), (BY) Ttuvetar Umo tmméBou mapaiiriou
Tpbs Tds Paoeis, kal Tou dmrolou & Adyos T@V dmooTdoewy dmd Tas Paoeis elvan —L:—- TMoiov elvan

T6 tuPabdv THs Topfs ;
439. N& &mobeiybij &1t Urdpyouv BUo Errlmeba TapdAAnAa wpds Tas Paoeis kohoUpou Trupa-
uidos i Pageis TaparAnious, Biapolvra alThyv els Tpla loodUvaua uépn.

133. OKOZ KOAOBOY TPITQNIKOY ITPIEMATOZ.—Eovw ABIFA B, I,
v koAoPdv Tprywvikdy Trpioua, ToU émofou T& pfkn T&Y TapaTrAedpwy dkpdv
AA,, BB,, T, elvan dvmioToiyws a,p,y, kKal STE A <P < Y.
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*Ex Tis kopugfis A, &yopev EmrimeSov Topfiv A,AZ ToapdAANAoY TTPOS THY
Pé&ow ABT, 1) émola Sicupel TO kohoPdv Tpioua els 10 mpiopa ABIAAZ, ma-
poaTAEJpoy  AKufS o, kal el plav mupapida AAZMMB;. *Eotw E, TO #pPadov
s kaBétou Topfis A KA dyouévns & toU A, To Oyos AjH ToU Tprywvou A KA
glvan xad Oyos Tis Trupauios AAZIB,, kal 16 KA elven Gyos ToU Tpameliov

AZT,B,.
i ‘O &yxos ToU MAayiou Trploparos A AZMBA elvar E,, - .
‘0 &yxos Tiis TupauiBos A,AZMNB, elval:

1
Vanzrsy == (AZT,By) - AjH=
I
:% (AB, +ZI) - 5 KA - AH. (1)

"Emreidn) &t elvan:
AB=p—q ZH=y—<
1

- kol . KA. AH=E,, EneTan ém:
1 ;
Iy. 108 V (a,azrea) = (B—a+y—a)-E,

*Apx & Syxos ToU kohoPol TprywvikoU mrpioparos elven :
L a+pP+y
V:Eu-cx+—§—(j§—a+y—cx)~E,,:Eu-‘ e

fi V¢% E,(a+B+ 1) (2)

*Apc. : "0 dyxog xoropod tpry@vikod rpiopatos iooltar npog 1o tpitov Tob &p-
Badod pidg xabitov topfig abrod Emi to dbporopa thv mapariedpov dxpdv adtob.

134. TIOPIEMA L.— O Byxog kohoPol tpry@vikod npicpatog igobtar npdg 10
ywopevov tod Eppadol piig kabitov abTod topfic £nl Ty andotaciv 1@V KEVIpOV
papovg tdv dvo faccav.

‘H mpéTaots adrn elvan yevikn Kai Mav ypriowpos Bia Thy elpegtv TGV
Eykwv TGV KOAOPEBY TPITUCTV.

135. TOPIEMA IL.— ‘O dyxog 6pBol kohoPol tprywviked npiopatoeg loodrar
npog 10 tpitov 1o EuPadod Tiig paccws Eini 10 d0poropa thv napandedpav dxpdV
abrod. ;

136. [TOPIEMA III.— Ilav dpBov kokofdv tpry@vikdv npiopa elvar loodiva-
pov npdg 1o GOporopa TPIBY rupapidov, Exove®dv Ty adtiv facy kai Hyn, dvi-
aroiymg, Tag mapariedpovg axpag avtod.
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Wnepromotr|Onke amé 1o lvotirouto EknmaiSeuTikrg MoAmkrg



AZKHZEIE

440. "H Pdois 6pBol koroPol Tprywvikol TrpicuaTos Exel mheupds 9 em., 12 em kai 15 em.
Al rapémAeuper dxucl elvan 5 em, 8 em xai 10 em. N& UmroRoy1087 & Sykos abrol.

441. 'O Syxos kohoPoU TprywvikoU mploparos foolTal Tpds TO TpiTov ToU EuPabol wids
Paoews, ¢l 1o TpiTov ToU dBpoiouaTos TG &mooTdgewy TGV KOPUPAV Tis &GAANS Péoews i ThHY
TPWTNV.

442. 'O Syxos xohoPol TprywvikoU mplopaTos lcoUtan TpOs TO ywdievov ToU EuPabol
s TEv Paoecv Tou bl THY dTooTacy Tol kévrpou Bépous THs &AANs Pdotcws dré TalTny.

443. 'O Syxos kohoPou TapaAAnAemimBou (al Péoeis Tapah /pa TapdAAnia) looUTal
Tpos TO ywopevov Tou Eufabol wids kabETou Touds alTol dmi THY péony dpibunTikiy THV UnK&Y
TGOV TapaTrAEUpwy GKUDY TOU.

444. 'O dyxos kohoPou Tapad/Bou looUTan Tpds T6 ywbuevoy Tol fiuabpoiopaTos TGV
EuPaddv Tév Buo TapadAriwy E8pdv aliTol Errl T pfikos THs drooTdoEws QUTRY.

445. ‘O &yxog xohoPoU Trapad/Bou foolral wpds TO yIwbuevov ToU tuPabol was TV Pa-
gV Tou Emri T ufjkos Tiis ATooTACEWS Tiis Toufis TV Biarywvicov Tis &AANS Péotws &ro TauTnv.

446. A& ds TGV Gxpdv kodoPou TprywvikoU TplopaTos va dy6i Emiebov Blaipoiv auTd
els SUo looBUvapa pépn.

447. *OpbBov xohopov Trploua Exet Baaw kavovikev Edywvov ABFAEZ mhevpiss y. Al Trapd-
TAeupor dxpal AA,, Ty, EE, elvan dvmioToiyws o, 20, 3a. Na Umrohoy1o8f & Sykos alrTol,

448. 'Opfov mpiopa Exer Paow pouPov ABIMA pé Biacywvious Al = 2a kal BA — o, 'Emi
TGV TapaTAeipwy dKpdY AapPAVOpEV KaTE THY alThv gopav TufuaTa AA, = 3g, BB, = 4a
kal Ty = o. lov) Néelipedi] 76 elBos ToU Tpiydvou A,B, I, xai vé Beiydij 51 16 bmrimeBov A,B,M
BiépyeTan Bik ToU A. 20v) N& UrroAoy108ij & Sykos ToU Trpiouaros, dmep Exer Paoers Ta ToAUywva
ABTA kai A B,I",A.

449. N& ebpedi) & Syos Tetpaibpou OABT, Bewpoluevos s Spiov Tol dbpoiouaros T@v
Syxwv tyyeypappévev els aUTO TPIoKETWV.

137. ASIOZHMEIQTON OEQPHMA.—Eiv dbo tetpacdpa Exovv piav Tpie-
dpov yoviav iony ij ooppetpikiy, 6 10705 TdV Sykov tov icobtar npdg tov Loyov t@vV
Ywvopévov @y akpdv tijg tprédpov talng.

"Anddertig : "Eotwoov OABI xai O,A,B,I, 8Uo Tetpdebpa, Té& émrola Exouv
T&s TpitSpous ywvias O kal O; foas. "Ewri 1év
Grpddv OA, OB, O tfis OABIT AauPdvopev
dvtioTolyws Tpfpara OA,= OA,, OB,= OB,,
Or,=0r,. T& tetpaespa OA,B,I", ki O,A,B,I7,
elvan Tpogavéys foa. Awari; ‘Exk Tév T, I
&yopev T& Oyn TéV TeTpaEdpwv OABIN kai
OAB,l,, T& TH xad M H,. Ta onueia O, H,, H
KelvTal, o yvwoTdy, ¢’ elBeias kal T& dpfo-
yovia Tpiywva OHI kal OH, I, elven Suoia.

H or or

N gt i T
1
Voart . o (OAB) (TH)
"ANAG —_——= = S,
VOA.B.I'. ___:_13_ (OAIBI) (rlHl) (OAI.Bl) rIH1 (2)
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. . , - (OAB) _ OA - OB

Eweidh) 88 Voasr,= Vo,as,r, kal (OAB) ~ OA,- SA, - OB; '

A (2), P&oet kal @V (1), yiveTau :
Voasr OA=QB Ol OA .OB . Ol

Voanr, | Opy 0B, O T« ks 0B, »Chks

; Yoasr  OA.OB.Or
L Vouz,r, Fh 0,A; - 0B, - O,T, )
AZKHZIEIZ

450. ’E&v al TpieBpor ywvicn TeTpatBpou elven wdow foan, al dmévavm dxpai Tou elven
foan.

451. T& pboa Tév &rpddv TeTpadSpou elvar kopugad dktatBpov, ToU dmolou & &ykos loolTa
pds T6 fiuiov Tol &yxou ToU TeETpaédpou.

452. 'E&v SUo TeTpdedpa Eyouv plav &xufv kowny, kol v al 8ieBpol al dvrioToiker els
THY drphy TauTny elvan foai, & Adyos Tév Sykwy Twv lgolTal TRds TO YIWOUEVOV TOY Adywv TV
tuPaddy T@v EBpdv, al dmolar wepityouv Tas Bitdpous TaUTas.

453. AiBeton TetpaeSpov OABT, els 16 dmroiov elvan OA = a, OB = B, O = y xai al mepl
16 O &8pa elvan txdorn 60°, N& Umoroyioi) & Sykos ToU TETpatbpou ouvapTioe Tév a, B, Y

454. Tlav trrimeSov (P) Biepyduevoy Bid Tédv plowv E xal Z T@v &mévavn dkudv Ad, B
TeTpaebpou ABIA, Bicipel Tolro el BUo pépn looblvaua.

455. AiSetan kavovikh Tprywvikd Trupapls SABI Oyous ZH. Awx TuyévTos onuefov O, Tob
Oous Ty Tis TpoexTaTES Tou &youev Tuxov EimeBov, Téuvov Tas TapatieUpous dkudas OA, OB,
OF els 7& onueia A,, By, T,. N& &moberx8ij 61 :

1 1
G TR T

456. AiBeTon xavovikiy TeTpaywvikh trupapls OABIA Uyous OH = v kal &v onueiov O,
trrl ToU OH. *ErrimeBov, Biepyduevov 514 Tou O,, Téuvel T&s Tapamieipous dxpas OA, OB, OF, OA
els T& onpeta A, By, Iy, A, dvrioToiyws. N& dmoberxdij 671 :

1 1 1 1
oA, Tor, ~ 0B, T 04,

457. Tupapis Exel Baow TapadAnidypauuov. N& Bicipedl) alrn els 8Uo loodlvapa uépn
&1° tmmréBou Biepycpévou E1& s TAeupds Tiis PacEws.

458. *Eév BUo TeTpdeBpa Eyouv piav dxufy AB kowny kal Tas Bitbpous Twv AB TrapamAnpaw-
paTiKds, & Adyos TV Sykwv Twv looUTta Trpds TOV Adyov T@V youévwy T EpPabidv Tav Edpdv,
al dmrolar Tepifyouy TaS TAPOTTANPWHATIKAS BitBpous.

459. TlupauiBos TABT # Péots ABT elvan Tpiyeovov Spboydviov els 7o A xal fy ywv. B = 60°.
‘HBM=akalf IM | Twpds THY Pdotv kal Exer piikos 2a. lov) Aeiferte &1 ol £5pan ToU TeTpatSpou
elvar dpBoydvia Tpiywva. 2ov) Tlolog & &ykos ToU TeTpatBpou ;

460. Al E8pai ToU TepatBpou ZABI elvan AZB = 120°, BET = 900 kad AZl = 60° kad TA =
— 3B = I = a. lov) N& etpebij 7o elbos ToU Tprycvou ABI xai 2ov) Tolos & Syxos Tou Te-
Tpatbpov ;

=G
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KE®PAAAION VIII

Al KYPIQTEPAI IAIOTHTEXZ TOY TETPAEAPOY

A'. KOINA TETPAEAPA

138. OEQPHMA.— Ta e000ypappa tpijpata ta opllopevae Ono 1@V KOPLOOY
tetpaidpov Kai T@V KEVTPOV papovg 1@V anévavi £8pdv, diEpyovrar dua tob avtod

A e e, : ’
anpeiov, T droiov anéyel and EKAGTIY KOPLET|Y Td — ol dvrioToiyou tpijpares.

‘Anodaiii : “Eotwoav AA; xai BB; Ta tpfpare, Ta dpifdueva o Tag
kopugds A, B kal TéV kévTpuwv Papous Tdv &8pidv Blra, ArA dvtioroiyws.

T& A, kal B, keivtan dvTioToixes &l T6v Siapéowy BE kai AE tdv i8pdv
BrA xai ATA. *Apa T& TunpaTta AA, kai BB,
TépvovTal, koBdoov kelvTar Eml Tou émimeSou
ABE. *EoTe K ) Toun Twv. 'Emedn :

BE 3. AE

RE TN BiES
freton 4T TO Tufipa A B, elvan apaAiniov
mwpds Thv AB.

“Apa T& Tpiywva KAB xa KA,B, elvan
Cpola, Kal :

Ak BR _AB 3
KA, . KBy . ABy.

¢€ ol : KA = 3-KA,;

1

3 . -
'F] K.‘\ = T" AA, Kal KB = 4 BBI EX‘ 110

*Avd BUo AoiTrdy T THNMATE TauTa TépvovTal, "Etreidn) 8¢ Bév kelvTon emi
ToU avTou émimedou, & BiEpyxeovTal S1x Tou avTou onpeiou K.

To onueiov K koheiTal kévipov Papovs Tou TeTpaEBpou. :

Ta eUBUYpaHM THAHETS T& dmola OpilovTal dmo TC‘[S, KOpuQas TETPGEEPO\:T
kal TGV KEVTPWVY Bapous 1oy &mévavTi E8pdv Tou, dvopalovTal SiapEcol Tou
TETPAEDPOU.

AEKHEBIE

461. 'E&v Buo TeTpdebpa Exouv yiav E8pav fonv xal Tas mwpooxeiutvas BiEdpous foas, plav
Tpos piav, TAUTA elvan foa. i S P ’ '

462. Ta TuhuaTa Ta Opilopeva UTod TV péowy TGOV amévavT dkukv TeTpatdpov, SitpxovTat

B1& Tou kévtpou Papous auTou Kai BixeTopouvTal UTTo ToUTow.
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463. Tadmimeba Ta Opildpueve Umd s dikufis TeTpaéBpou kal Tol péoou THs dmévavT &Kpfis,
SiepyovTan 81t ol kévTpou Bépous.

464. Ta Bixorcuolvra émrimeBa Tas &€ EiéBpous ywvias TetpatBpov, BitpyovTtan Bidx Tol ad-
TOU onueiov.

465. Ta peooxdBeta tmimeba Tév £ dwuddv TeTpaébpou BiEpyovTen Bik Tou aUTol anuelov.

466. Ta SixoTopolvra dmimede Tas Tpels BitBpous ywvias TeTpatbpou kai Ta 8:)(010;10&\;1«1
Tas &GAAas Tpeis E§wTepikds S1i8pous ywvias altou, SifpyovTal Bia ToU alTol onueiou,

467. Ta BiyoTopolvTa tmimeda Tas Tpeis B1edpous TpiESpou yuwvias TeTpaiSpou, BiEpyovTtan
B1&x Tiis alTiis edfelas (Brotopog TpLEdpOL).

468. Al BiyoTouol TV Tegodpwy TpiEBpwY Ywvidy TeTpaedbpoy, BipyovTtan 81& Tol aUTol
onueiov.

469. "Emi Tdv EBpddv TeTpaiBpou kai els Ta KéVTpa TEdY TEPTYEYPOUUEVEY KUKAwWY Trep] anlrds
&yopev Tas kabiTous émri Tas EBpas TaUTas. Asifate dT1 aditon BitpyovTan Bi& Tol alTol omueioy,

470. Avo TeTpdebpa éyovTa piav Biebpov iony kal Tas TEpIExoUaas EBpas ious, piav TROS piav,
Kal Tou auToU TpocavaTohMoucy elvar foq.

471. To dBpoigua 1dv &moordoewy Ty xopupdv TeTpatdpou &To érrlmedov un Téuvou
aliTd, loeUTtan Tpos TO TETPATAGTIOV THs &TMOCTACEWS ToU KEVTPOU P&pous altoed amd T Eri-
Tebov ToUTO.

472. "H dvaykaia xai fkovh ouvlnkn, iva al edfeiar ol dpildpevan & T&S KOPUPAS Te-
TpaEBpou Kal TEV KEvTpwY TOV by yeypaupiviy KUKAwY els Tas dTEvavTt €8pas Bikpycovtan B1x Tod
auToy anuelou, elvar Ta ywopeva TGV dmévavT dKUGY Tol TETPOEBEOU va elva ioa,

473. To alrd B1& T& KévTpe TGV TapEyyeypapptveoy KIKAWY Els Tas dmévavT Edpas ToU
TETpaESpou.

474. Tetpdebpov ABIA va TrpoPAnBi] émi émimeBov kaTa Tpiywvov f TApOAANAS Y pappov
f| TeTpaywvov.

475. 'Eav a, a; kal B, B, kai Y, Yi elvar al &mévavTt dxpai TeTpaéSpou kai By Ugs gy i
Siapegol Tou AA,, BB, I'T,, AA, dvrioToiyws, va dmoSeiybfi 671 :

1 i
lov: u;:—-;[B(a;+ﬁ;+y:)—(a"*ﬂ’~y-)J- SRR L e 1
1
20 I i el o (0t B o ot ol L

3ov: "Avx, y, @ elvan T& TpduaTa, T& Spifdpeva U TV picwy Thv dmévavTi drudv

Tou, va &moberxf éT1:
q=+5'+y’+u:+}3:+y:=4(x2+y2—w1).

476. 'Edv ta dBpolopaTa Tédv dmévavTi dxudv TeTpatBpou elvan foa, TéTe ol k&BeTor i
Tas E5pas Tol Tetpakbpou els T& EvkevTpa aUTdv SifpyovTal B1& Tou avTol onueiov. 'loyve 16
&vTioTpogov ;

477. Ta bmimeba Ta dydueva bk TOV pégwy TOV dRUGY TeTpatSpou xabéTews wpos Tos doé-
vavTt EBpas, SipyovTal Si1& ToU aUTol anueicu.

478. AiBeton TeTpdebpov ABIA, kévpou Papous K, kal M Tuyev onueiov oo xwpou. N&
&rroberx8ij &t :

MA? + MB? 4 MP? + MA? = 4MK? + KA? + KB® + KI'* - KA*  (Leibnitz)

479. Eis w@v Tetpdebpov TO ywopevov SUo dmévavTi dipdv Tou elvon HiKpoTEPOV TOU &-
OpolopaTos TGV yoptvwy TdY Blo Geuydv TV SUo EAAwy dmévavTi &KuGY alTou.

480. To &f9poioua Tdv BiEdpwv ywvidv TeTpatbpou TEpIEYETAN peTafU 4 SpB&v kai 6 Sp-
&YV yownidv. :

481. Els wav TetpaeSpov T6 uPabov ékaoTns éSpas elvan HikpdTEPOY ToU ddpolopaTos TV
upabdv Tav Tpiddy EAAwv EBpdiv.

482. 'Eav TeTpatSpou al dmévavT Biebpor elvai ioat, TéTe al dmévavm dxpai Tov elven foa.
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483. Terpaebpov ABTA va Tundf Umo émmédou, olTws doTe 1) Toun va elven Tapadin-
Adypappov (TPES TEPITTWOE).
484. AoBévtos TeTpaidpou ABIA, va cUpedij O yewuetpikds Témos TGV onueicv M, Bia Ta
Smoia {oyve 1) lootng : MA? + MB? = MI'? + MA:,
485, N& xatacokeuaoBi) TeTpdebpov ik TV dmooTéoewy TGV péowv TV GévavTt dKu&V
kal TV ywviddy, Tas dmoias alTa oxnparifouy peray Twv,
486. ‘Opoiws &k Tov ptowv K, A, M, N Tecoapwy akpiv Tou (Bwdeka AUoers).
487. ‘Opoiws ik TV £§ ARGV TOU.
488. Aiderar Tetpaebpov ABIA kai onpeiov O towTepikdy Tijs EBpas ABI. Al &k ToU O dyo-
Hevan TrapdAAnAct Tpds Tas Gkpds AA, AB, Al Tépvouv Tas E8pas ABI, ATA, AAB dvrioToiyws
els T& onueia A, By, T, ToTe:
OAT) SORF WO
Bk DT AT
489. Na tEeTaoij kal ) TepiTTOOTS, xad’ fjv 16 O elvan tEwTepikdv onpeiov Tou Tprywvou ABT.
490. A& TV &mévavTi dkpdv TeTpaiBpou &yopev Emimeda mapdAAnia kal oxnuatifeTan
oUTws fva TapaAAnAeTimeBoy, TEPLYEYPEPPEVOV Tepl TO TeTphedpov (TO TeTpdeSpov Lyyeypap-
Révov), To dmoiov Exer Tas é§Ts 1816TNTAaS ¢
lov: ’Edv SUo &mévavTt &xpal Tou TeTpatBpou elvan foal, 76 rapadAnAemimebov Exear Paoeg
Spfoywvia.
20v: 'Edv 16 TeTpdebpov £ o Ceuyn dmévavT dkudy foa, TO TapaAAnAeTimedo elvan
Spbov.

= L.

3ov: 'Eav SUo &mévavrt dxpal TeTpaidpou elvon dpboydvict, T& dvtioToxa TapaAAnié-
Ypauua elven poupor.

dov : *Edv 16 Terpaebpov Exn Tpia fetyn dmivavm dxudv foa, TO TapadAnAemimeSoy elvan
SpBoycwviov.

Sov: *Edv Buo feUyn dmévavTi dkpédv ToU TeTpatdpou elvan dpfioycvior eifelon, TéTE xai
T6 TpiTov [eUyos elven dpfoydviol eubeion, kai al E8pan ToU TapaAAnAemimiBou elvar popfor
(poupoeBpov). :

Gov : "Eav 5o &rmrévavtt drpad TeTpatbpou elvan Toan kai dpBoydvior, al dvrioToyor éSpaxt
ToU mapaAAnAeTiTéSoy Elval TETPAy WV

Tov: 'E&v To TeTpdebpov elvan KOQUOVIKOVY, TO TeEpIyEypappévor trapodinierimebov elven
KUBos kai QTIOTPOPWS.

B'. TETPAEAPA ME AYO AKMAZ OPOOIQNIOYZ

139. OEQPHMA.— 'Eav ta Uyn AA, kai BB,
tetpaédpov ABIA tépvaovrat, ai anévavi akpoi tov
AB kai T'A givar opBoydvior.

'Anoderiig: “Eotw ABMA &v Tetpaebpov, ToU
dmoiou T& Uyn AA, kal BB, TewovTal els TO om-
ueiov H. "Emreisny f) AA, elvon xdBetos il Ty E5pav
BrA, Emevon 6T 1 AA; elval SpBoydvios TTpog
Thv [A.

‘Oupolws, tmaidfy fi BB, elvar kdbetos & i
8pav ATA, Emeron 611 1) BB, elvan dpBoycovios Tpds
THv A,

"Agol, Aormév, f TA elvan  dpbBoycovios Tpos X111

115

Wnepromotr|Bnke amé 1o lvotirouto EknaiSeuikng MoAmkrg



T&¢ euBiog AA, kal BBy, EmeTan 6T A 0& elven k&eTtos el 16 émimedov ABH,
ki ko drorouBiav i TA 6& elvan dpBoywvios Tpds THy AB.

140, OEQPHMA ANTIETPO®ON.— "Eav ai anévavit akpoi AB kal TA
retpaidpov ABIA givan opboydvior, ta tyn AA, kai BB, tépvovran

‘Amédsiiie : “Agol f TA even dpBoydovios Tpos v AB, Umapyer mi-
meSov, Biepyéuevor Bid Tis AB kol kaBeTov wpds Ty A, éoTw els 1O onpeiov
M. (oy. 111). "EoTtee H 15 SpBoxevTpov 10U Tprycovou ABM. Tate & elvan, &’
tuds piv ) AA, kaBetos émi Thv BM, &g’ Etepov &t 1) AA, dpbBoycovios Tipds TNV
FA. Kot dxohouBiav f| AA, 8& elvan xdbeTos gl Thy E8pav BIA. ‘Opoiws kai
f BB, 8& eivan kéBeTos £l Thv ESpav ATA. *Apa T& Uyn AA,; kai BB, Tou TeTpa-
é5pou ABMA TépvovTal

Mapatypioets, lov: Emeidn f AB elvan dpBoycovios Tpés THY TA, Emetan 6T T& Uyn ToU
+e1patbpou, T& &ydueva Ek Tév [ kal A, TépvovTal ¢is fva ampeiov H' Bidgpopov, &v yiver, Tou H.

20v: 'Emreidf 1o H eivan 7o opBokevTpov ol Tprycovou ABM, 1 evfeiac MH 6& elvan kabeTos
i THv AB. "AAA'f) MH elvar x&BeTos kal gt Ty TA."Apa i MHN givan korvi) kabetog TV AB
kai [A.

ATKHZIEIZ

491. Tetpaibpou ABMA ai drpai AB kal TA elven dpBoydvior. N& &moBerxffj 61 1o Uyos
AA, aUTol, Exel Tov TéBa Tou A, i ToU Uyous BM Tiis Edpas BrA.

492. *Eqv 8Uo Uyn TeTpatbpou TéuvwvTal, 8& TéwvwvTal kal T& &hAa Buo Gyn alrol, xal
16 TeTpaedpov 8 EXN) SUo dmévavTt dxpas dpboywvious.

493. Eis TeTpaedpov ABIA # kown kaBeTos Tév AB kai TA Téuver T6 Uyos AA, altol. Na
amoBerydi 61 ol dkuad AB xai A elven Spboycvion

r'. OPOOKENTPIKA TETPAEAPA

141. OPITMOZ.—Ev tetpaedpov hiyetar oplokevripik ov i opbo-
vovikov, drav €71 kai t@ tpia Levyn TOV anévavit akpdy tov dpboywviong svfsiac.

To BpfoxevTpIkOY TETPAEBPOV Exel Tas dkoloubous 1B16TNTAS :

lov : T Dyn oplokevrpikod tetpaidpov diépyovtar S tob avtod speiov (&p-
foKevTpOV TETPGESPOV).

2ov @ 'Eiv 800 Le0v1 arévavrl Grpdv tetpatdpou civar dpboyoviot cobeiar, 1o
retpaedpov eival oplokevTpLkOV.

Al &mobeifes va yivouv U 16V pabnTév.

'ExTos TOUTWY TO dpBoxevTpikdy TeTpdedpov £xel kai &AAas IBloTnTCS, TS
STroias dvaypdgouey (HepIKAs) O pHop@T) AOKNoEWY.

AZKHZIEIZ

494. Eis dpBokevpikdy TeTpaebpov ABFA & troUs ToU Uwyous AA, oupTrimTel pé TO Opfio-
xevtpov Tiis Epas BIA. ‘Opoiws xal ol TéBes TV EAAwv Uy elvan Ta SpBokevTpa TGOV dvTigToi-
xawv Edpddv.

495, Els pfokevTpidy TEpaeBpov al kowal k&BeTo1 TGV dmévavT dxpdy Tou BitpyovTal B
Tou bpBokévTpou TOUTOV.
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496. 'Eav el TO opBokevtpov A, Tprywvou BMA Uywowpey kéBetov émil To tmimeSov BrA,
ToTE TraRv onueiov A TS kadittou TalTns 5ibel dphokevTpikoy TeTpaebpov ABIA.

497. 'Eéw & wous A, Tou Uyous AA, TeTpaeBpou ABFA gluon T6 dpBOKEVTPOV TOU TpIywvoy
Bra, téte 7o ABMA elven dpBokevTpixoy.

498, 'Eav Tpia Uyn TeTpatbpou BitpywyTal §1& ToU aUtol onueiou, TOTE kal TO TETApTOY
Uyos BiépyeTtan ik Tol onueiou TotTou kol TO TETp&eBpov elvan SpBOKEVTRIKGY.

499. Eis opBokevTpikov TeTpéebpov Ta dfpoicpata TEHY TETPAYLVWY TRV STTEVEVTL aKp@v
Tou elven ioa.

500. Ta péoa TOV E§ AkpdvV &pBokevTpikol TETpaEBpOU Kail Ta &rpa Tév kowdy kabiTwy
TEY dmivavTt dkpdy auToU &méxouv Toov &TTo TO kévTpov Pépous Tol TETpatBpou TOUTOU.

501. Elg &pJoxevTpikov TeTp&eBpov TA TUNHATA Té& SprLopeva UTro TGV HETLWV TGV ATEVAVTL
dxuddv Tou elvan ioa.

502. Eig dpJoxevTpikov TeTpaeBpoY TO TEPIYEYPOUUEVOV Tapaiinhemimebov elvat poupoe-
Spov,

503. ‘H Toun OpfokevTpikol TeTpaébpou UTo Emimédou Tapahinicy Trpos BUo amEveVT
dxuds Tou elvan Sployviov.

504. Al xéderor tml Tas E8pas spbokevTpikoU TeTpatbpou el TG Kévtpa Papovs aUTdY,
Bitpyovrar B1x ToU aUToU gmueiov.

505. Of obes TV Koy KaBiTwy TGOV &révayTi dKpcy dpBokevTpikol TETpaESpoy TUKTI-
TTouy ui Tous Tobas TGV UGV v EBpiv ToU TeTpatdpou ToUTOU.

506. Els dpfokevTpikov Tetpéebpov pia EBpa givan dEuywviov Tplywvov.

507. *Edw M xai N efvan ol wodes TS koW KabéTou TAV dévavT: dkudv AB kai T'A &pho-
KevTpikoU TeTpadbpou ABIA, i drobey8 6T1:  MI . MA + NA - NB = MN! xai GvTioTpo-
Puwg,

508. Els Ty mponyouuévnv &oxnotv va &mroberydi 611t AB? + MA? = 4 EZ?, &v E,.Z T&
uoa Tév AB kad [A.

509. Na kaTagkevaodi 6p60KEv‘TlebU TeTpdebpov £k TGOV TETTGpPWY KDY TOU.

A'. |IZOEAPIKA TETPAEAPA

142. OPIEMOZL.— "Ev 1etpaedpov Kareltal icoedpikoy, Gtav ai arévavil Gk-
pai tov gival ioat.

143. OEQPHMA L—Eav ai @névaviy axpoi tetpad-
Spou givay foay, Tote ai Edpar Tov sivar Tpiyeva ioa, Kai
aviigTpogs.

'Anodeiglg ¢ “Eotw 6Tl at &rrévavTi dkpai elven oot :

a=day, =R =

Tote T& Tplywva ABT, ABA, ACA, BIA Exouwv T&s TTAEU-
pés Teov dva piav Toas. “Apa elvan Too.

Té &utioTpogov &OBEIKVUETOL EUKOAWS.

144. OEQPHMA IL.—Ta tpijpara 1 OpLLopEva OTo TAV pESWV t@v anEvavy
dkpdv tooedpikod TeTpaidpov elval k@fera ava dvo.

‘H &mdBeifis eUKOAOS. 7os | \

\a o
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AZKHZEIZ

510. Els &v looebpikdv TeTpaebpov :
lov: Al Téooapes TpleSpor ywvion Tou elven loan.
20v: Té &Dpoioya TGV TPIGY ywwidy wds Tpitdpou ywvias alrol elvan SUo dpbal yew-
via,
3ov: Al E8pai Tou elven raoan d§uydvia Tpiywva.
4ov: Al BleSpor al drrbvavTi TéV Towy dxpddv elvar Toar, kal &dvTioTpdpos.
Sov: ‘ExdoTn kopugt Tou TpoPdAietan bl Tijs &dmévavT E5pas els Bv onpelov, oUPHETPIKOY
Tol &pBokévtpou Tiis E6pas TaUTns s Tpds TS Kévtpov Tol TepryEypapuévoy KUkhou Trepl ThHY
E8pav TaUTnv.
6ov : Al E8par Tou elvan lgodivapor.
Tov: T& Oyn Tou elvan loa, xal dvrioTpodpes.
8ov: Td mepryeypapubvov Tapahhniemimedov elvan dpBoydviov, kol dvTioTpoPews.
9ov : T kévrpov Pdpous &méxe lodxis TGV Kopugdv Tou.
10ov : T kévrpov Phpous &méyer lodiis TGv 8pdv Tov.
llov: Td &Bpoiopa Té&y &moatdoswy TuydvTos onuelov O, towTepikol Tol TeTpatbpov,
&mrd Tds ESpas Tou elvan orabepdv kal oov pds 16 Tyos Tou.
120v : Tlap&AAnAov EmrimeBov wpds BUo dmévavT dxpds Tou, TO TEUVE KaTd TapadAnAdypap-
pov oTabepds TepipéTpou.

E’. TPIZOPOOIrQNIA TETPAEAPA

145. OPIEMOZ.— "Ev tetpacdpov xaleitar tprooploydvioy, dtav Exy plav
tpiedpov yoviav adrod tproopboydviov.

ToUto Exel YopakTnploTikas [816TnTas, Tas Omolas dvorypdgopey Umd
Hop@nv dokrigewy.

AZKHZEIZ

511. 'Edv f) Tplebpos ywvia O Terpatbpou OABI elvar Tpioopboydovios :

lov: *H Bdais ABT elven d§uydviov Tplywvov.

20v ; 'O Tous ToU Uyous OH elvan T dpBdkevtpov Tijs Pdoews ABI.

3ov: Mla Tap&mieupos EGpa Tov, fotw 1) OAB, Exe ¢pPabov uéoov dvddoyov Tév Eupadiov
Tiis Pdoews kal Tou HAB.

4oy : ’loyte f) loéns: (ABM)? = (OAB)* + (OBI)* + (OTA).

Sov: 'ElvOA=qa, OB=Pp, OF =y xal OH=v, TéTe:

1 l 1
ST -+ F + l

512. “lva T6 Terpdedpov OABI elvan 'rpwopﬂoymwov els Ty kopugty O, Tpémer kal dprel
# xopugh O vé& TpoPédheTan els To dpBdxevtpov H Tijs Phoews O, kal 16 Tyos OH v elvan -
aov &véhoyov Tdv BUo TunudTwy, els & YwplieTan Td Uyos Tiis Paoews Utrd ToU dpbokévrpou H
auTiis.

513. Els Tpioopboydviov terpdebpov OABI, &v dybij tvrds mrroG HmeuBela OA :

lov: Td &Bpoopa Tév yowdv, Tds dmolas oxnuatife almm perd TV TopaTfAeipwy
docudv kal TdY TapaTAeUpwy E6pdv foolTen Trpds Tpels dpbds ywvlas.

2ov: Té &Bpoioya Tév TPV TpdTwy ywwidy evan peyaAUTepov Tou dfpolouaTos TéV
TPIdhy  BeuTtépov.
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514. N& karaokevaadij Tpicopboydviov Terp&ebpov OABT ¥ Tol Tprydvou Tiis Pacews
ABI" adrrol.

515. Na& Tundf Tpigoploydvios ywvia O Umd bmimtBou, olrews doTe 1) Toud v& elven fom
Tpds Softv Tplywvov AEZ.

516. To Tpigoploydviov TeTpdedpov elvat xal dpbokevTpikdv.

517. *Edv O elvon kopugty Tiis Tproopboywviov ywviag TeTpatbpou OABT xal A, E, Z Td péac
Té&v drpddv BI, FA, AB, To TeTpdedpov OAEZ Eyer Téds &mévovmi dxuds Tou loag kal &vTioTpSPaxs.

518. Alberan TpigopBoydwiov TeTpdebpov OABF ¢els 6 O. lov: Aeifore &11 al Trpopohal
ToU Gyous OH &l Tés &xpds OA, OB, OF. elvan &vddoyor pds T& tupaba TV t5pv OBI,
OFA, OAB &vrioToixws.

Rov: ’Eav K,, Ky Ky Ky elvat & kévrpa Papous Tév E5piv ABIT, OAB, OBI, OTA é&vri-
oTolyes Belfare &1t 11 OK! = FK} + AKi + BKi.

519. N& Urohoyiodij & Syxos TpigopBoywviou TeTpatspou OBrA quvapThoer TV TAEUpEY
o, B, y THs Phoews ABI alrol.

ST’. TO KANONIKON TETPAEAPON

146. Mvoopifopev OTi: Kavovwkdv tetpasdpov elvas Exeivo, rep Exer Edpag
lednieupa tpiyova.

ATZTKHZEIZ

520. Elg xovovikdy TeTpdebpov ABlA:

lov: Té& Gyn Tou elven loa.

20v : Al d&rmrivavT dxpal TOU elvon dpBoydovion eblelan.

3ov: T TpdpoaTa Ta Spioueva e Tév plowy TéY dmivavTi dkpdv Tou elvat xowad
KéBetor Tav dvriaTolywy Leuydv kal V& 5vo kddeTa perafy Twv.

4oy : TuvapTrioe Tis dKpfis & Tol TeTpatBpou ToUTOU V& UmroAoyioBoUv T& pfiKn TV TUN-
HaTwy ToUTwWY.

Sov: Edw O elvar T péoov ToU tyous AH, T TeTpdebpov OBrA elvan TpigopBoydoviov elg
6 onueiov O.

6ov: T TEpryeypanpivoy TapaAnhemimeboy elven kUPos.

Z'. TETPAEAPA ME EAPAZ OPOOIQNIA TPITQNA

147. Elg &v ToloUTov TeTpdedpov ol Béoeis TGOV
8pBidy ywwidy ExdoTns Epas BovaTal vé elven al
ToU Trapormhelpoy oxfueros. Aiai ;

Al &\Aon  TpEls  TIEPITITATES &rroxAelovTal.

Averri

(‘Yrddabis: Kauere ¥pfiow o TuBayopelov Oew-
Phucros ). :

AZKHZEIZ

521. "E&v maoo al Epon Terpatbpoy ABlA elven dpbo-
Yaovia Tplywva :
lov: ‘H dxud BA elvan ko ké&BeTos v AA xal Bl
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2ov: Al Tipad Tédv ywownidv ABA kal BAT looUvtan &vmioToiyws Tpds Tds Tipds T@Y Bié-
Bpwv Bl kal AA dvmioTolyws.

120

3ov :
4ov :
Sov :
6ov :
Tov:

Al dxpal AA kal Bl elvar dpBoyvior elfelal.

To péoov Tiis Al &méyer foov Tév kopuedy ToU TeTpatBpou.

T& ptoa Tdv dxpdv AT, AB, AB kal AT elvan kopugal dpboywviou.
TMaa Tout TapdAhnhos Tpds Td dpBoydviov TouTo elvan Spfoydviov.
Al Bidpecor al &ydpevan & Tév A kal B elvan Toat.

THM : A o terphedpov, Ev yével, drapyovv naprolla doxforig. ©a Enpene va Ypaof
s)oxinpov Piphiov. Ald 1o oyxoielov elvan ddovatov va ypagoly diar.
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KE®AAAION IX

H IYMMETPIA EN TQ XQPQ

148. YYMMETPIA QE ITPOX IHMEION.— Oewpoipev onueiov O ToU
Xepou oroadepdy. Els mav onueiov M Tol xdpou (oy. 114) dvrioToiyel &v pdvov
onusiov M,, ToloUTov GaTe TO eUBUypaupov Tufipa MM, vé Exn péoov TO 0.

To M, xaeitan ouppeTpikdy Tou M és pds T O.

T ouppeTpikdy ToU M; @ Tpds 16 O elven T4 onpeiov ﬁ-‘—-“ R ™
M. T& onpeic M xad M, elven ouppeTpixd dAARAcV s Sy 114
Tpds 16 O. "Apa:

Abo oqpeia M xai M; kalobviar ouppetpika ag npdg S0biv onpelov O, Grav
0 O glvar péoov tob tpfpatog MM,

Els Thv duglipovooTipavTov TaTny dvmioTorxlav T& onuela M xal M; xa-
AoUvron dpodhoya.

To onueiov O koAeiTan KEVTpov ouppeTpias.

Té kévrpov ouppetpias O ouptritrTel pé TO ouppeTpikdy Tou, kal elven
Té pévov omueiov ToU Xpov, Smep Exer THY iBidTnTa TaUTHY.

149. TXHMATA EYMMETPIKA QF IMPOL KENTPON.— OPIZMOZX :
Abo gyfipata AEyoviar CORPETPIKS Qg npdg kévrpov O, drav ndv onpelov Ekatépov
elvar ooppetpikdy onueiov Tvog tod Ehlov @g mpds T

A B, kévipov toito.
0 Ay lov: Oewpolpev fmimedov (P) xal onpeiov O
B P (ox. 115) xelpevoy &’ arol. TO ouppETPIKOY TTaVTOS

onuefou A, B, ... Tou (P) ds mpds TO onueiov O kel-
ton tml ToU (P). Kot dxoloubiow :

To copperpxdy oyfipa Evog Emntdov Sepyopévov diud tol kévipov ovppetpiag
elvar adtd tobro 1o Eminedov.

Y
2ov : “Eotew O 16 oTabepdy onuelov
A ToU xwpou kol AB Boftv elBUypappov o A =

\ Tufipa (ox. 116). Ta ouppeTpika Ay, By ,/

3. 115

L < <6y A,B dpilouv T Tufjna Ay, TO & 4 \\‘n‘D
0\1(‘, roiov elvan ouppeTpikdy ToU AB ds Trpos %, N
i xévtpov 10 O. A,
B il T& evBUypappa TuhueTa AB; xal s
1\ n ABevaioo, TapdAnia kal avTippoTra. o,

3ov : Oecopolmev yooviav Ay, xat =x. 117
onueiov O &ds ToU Emmedou auThs
(ox. 117). To ouppeTpixdy Tiis yewvias XAy é mpos 16 O elvan f yavia x,Ay,, Ton
Tpds TH xAy, xaBdoov al heupal Teov elvar TapdAAniol kal &vrippoTrol. "Apa:

Sx. 116
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To coppetpidv yoviag XAy g mpdg 10 empelov O &lvar yovie x,A,y, lon
npdg TV kataxopu@iv tiig XAy.

4ov: Oewpolpey tmimedov (P) xal onpeiov O berds ooy (oy. 118). "Eml
10U (P) Becopolpev TUYOV OTUEIOV A xal Tég 81k Tou A

S )Aq:' B Aueubelas AB xal Al Tou (P). Al ouppetpikal ToUTwov
B == r é Tpds 1o O elvan of fuieuBeicn A;B;, A, Topdh-
\

AnAor mpds Tas AB, Al dvrioTolyws kal &uTippo-

mor. Al A;B,, Al opilow gwimedov (P,) Top&AAn-
Aov Tpds To (P). "Apa:

\O
M et To cuppctpikdv Emnedov (P) dg mpdg kévepov O
/57 B Ay xeipevoy Extdg abtod elvay ininedov (P,) napihiniov
npog 10 (P), ayopevov tk tob A,, ooppetpikod onpeiov
Bl A 1ob (P) &g 1pds xévrpov O. B,

Sov: Auo kaTakopuiy Tpiedpot yewvioci ZABI kal
SA'BT elvan ouppeTpikal &5 TPOS Thy kopughv Z ;
(ox. 119). ‘H ouppeTpixny Ths ZABI Gs Tpods TO On- [‘3‘
Loy O dvm § Tpledpos EAB, Ton s THY S
SA'BT'. "Apa: L

Téo coppetpikdy TpiEdpov GG npdg kévrpov O clvar LN
tpiedpog lon npds TV xataxopueiy Tiig dobeions. g h?

6ov: *Eote A'BT'A TO GUMHETPIKOV TOU teTpatBpou ABMA dos Tpds Kév-
tpov THY kopughy A xed AB A, 1O cuppeTpikdy ToU ABTA s wpos kévTpov
Tuydv onueiov O ToU XWpov.

Al éxpal AB, kal AB elvan
focn, Trap&AAniol kod &vTippo-
mot. Al dxpal A'B’ xal AB elvan
foan TapdAAnior kal &vTippo-
Tror. *Apa al dxpad A'B’ kad A,B;
elvan dppopoTras foal.

‘Opoles of dxkuad BT, AT,
AB', A'A elvan dvmioTolyws &=
poppdas Toou Tpos TS Bl
ATy, AsBy Al

Ofrw, T& BUo TETPAEDPC
AB, A, A'BT'A Exow TGS
EBpas Twv loos plov Tpds plav
kal Tou aUTou vpocrcrvcrro?\lcuo(;. “Apa elvan Toa. “Qore:

Té cuppetpikdy teTpatdpov &g npog kévipov O (Biapdpou TGV KOpUEY TOU
SobévTos TETPaEDPOV) elvan Toov pdg 10 Ketakopu@iv Tod BoBEvrog. ‘Etropéveds kal |

Ta KETAKOPUPTY retpaedpa dobiviog tetpatdpov elvan loa perald Tov.

Al

Tx. 119a
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Elvan Suvorrdy v EmekTadi 1o Becbpnpa ToUTo kel Bic&k Tuydv kupTdY TrO-
AUeBpov;

150. EYMMETPIA QX IIPOL EYOEIAN.— Ocwpolpev elfeiav (x) ToU

Xdpou (oy. 120). Eis w&v onpeiov M ol xdpou &vTioToixel x)
&v onueiov M, ToU ywpov, ToloUTov oTe TO eUflypaupov o M
Tufjue MM, v& Exn TO péoov Tou &mi Tiis (x) kai va elven Al
Kk&Betov Trpds THY (x). T6 M, kohelTon ouppeTpikdy Tou M My
s mpds Thy (x). "AvtioTpdpws T& onueiov M elvar 1o B18B
ouppeTpikdy ToU M, d Tpds Thv (x). "Qoe: R

1 &) ~—A

Avo anpeia M kai M, tob x@pov Ba hiyoviar cuppetpl-
K& (g npdg £0Beiav (x) tob ydpov, dtav i (x) elvar peooxd-
Bztog 100 tpfpatos MM,. Sy. 120

Ta M, kad M dvopafovTtal kal dpdroya onpeia. *H (x)
kKaheiTan GEwv ooppetpiag. T&v onpeiov B ToU &fovos cuptrimTel pé TO ouppe-
Tpikéy Tou B,, s Tuxov Emimedov Siepxouevov Bik Tiis x.

151. EXHMATA TYMMETPIKA QE ITPOL AEONA. OPIEMOL.— Ade
oyfpate (T) kai (£,) AEyoveal CORPETPIKD. ®¢ npds GEova (x), rav nav onpeiov A,
00 (£,) elvat copperpucdv anpeiov A tod (E) ¢ npog tov GEova (X), kai aviioTpdens.

T& onueia Tév (T) ko (Z;) elven dva Bvo OUPUETPIKS G5 Trpds Tov &fova.
T& xowd onueia Tou &Eovos kal ToU Evds oxrfuaros elvan Emriong kowd Tou &-
§ovos kad TolU &AAOU OXTICTOS.

"Ex s Mecopetplas ToU emimrédou yvawpilopev 6Ti: SUo oxnuaTa OUBHETPI-
K&, ds Tpds &fova, Kelpevov Ev TE Emméde Twv, elvan dvmippdmws foa. "Ag
Beopey &v ToUTo dAnBeln Kad €ls TOV XBpov.

152. @EQPHMA.— A0 offpata CUMPETPIKE O mpdg GEova elvar avrp-
porwc ioa.
(X) 'Anoderlis : "Eotw AB  eUBUypappov
2 Tufina kal (x) Bobeioa elBeia, ury ouverrl-
! H:,JU*""” Trebos (v yéver) pué 16 AB. "EcTwoav A, kal
B‘w/f A Pree: B, T& oupueTpika TGV onpeiwv A xal B
' o M dvmioTolyws s Tpos Tov &fova (x). Eis 1o
3 g TUYdv onueiov O Tou &fovos (x) &youev 1O
a, _E__,__" ) trrimeSov (P) xé&Betov pods Tov &fova (x).
:j?/ *Eotwoav af kal oyf, ol wpoPoAai Tdv
B0 ¥y AB xai A,B, dvrioTolyews &l ToU (P). B&
elvar Aa= Aa, kai BPp= B,p,.

Emreibny 8¢ AA= AA,, xai TB=TB,,
Emeton 8Tt Oa= Oq,; kai Op=0B,. "Apa
T& Tplywva Oap kai Oo,p, elver dvTippo-
TS foa. Suvemdss of = ayp,. Ta dpoydvia Tpamélia ABPa xai A;B,p oy

Ix. 121
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Exouv To auTd Uyos off = oy, xai & aUtds Péoas Aa= Aa kal BR=Byp;.

*Apa elvan duTippémas foa kad kot droroubiav A,B, = AB.

*Edv dutl ToU AB Bewpriowpey TO Tpiycovov ABE kol TO GUMHETPIKOV alTou
A,B,E, s Trpds Tov &ova (x), TOTE & elvon A,B, = AB, A E; = AE kol B,E; = BE,
dméTe T& Tplywva ABE kal A;B,E, 64 elvan dvTippoTres ioa.

‘Ouoiws tpyclouedo kal Bid kade &AAo oyfjua (Z).

153. TYMMETPIA QE ITPOZ EIMIMTEAON.— Oewpoupev Emrimedov (P). Eis
& onueiov M Tol Ywpou &VTIoTOIXE &v onueiov M; Tol ypov, TOIOUTOV WOTE
18 eUBUypappov THijpa MM, v&t elvan kdBeTov Tpds TO Emimedov (P), TS Bt Tyvos B
100 (P) kal ToU MM, v& elvan 70 péoov Tou TunpoTtos MM;.
Té M, xeheitan ouppetpixdy ToU M dos mpds TO Emimedov (P).

M
A ' AvTioTpdgus T6 M elvan TO GURHETPIKOY ToU M, g Tpds
A B 16 (P). "Apa:

M, Abo enueic M kai M; tod 2 GPoOv KahoTvrar GUUPETPIKD
Ty, 122 &g npdg Eningdov (P), drav 1o irninedov (P) elvar pecokabetov
toil tpApatog MM,.
T& M kai M, kohoUvTon kal dpéroye onpea. To B¢ émimedov (P) xoAeitan
Eninedov  ouppetTpiog.
“Ev onueiov A ToU émméSou oupueTpias oUPTTITITEL P& TO CUMPETPIKOV TOU
A,, kol pévov T aTpEla ToU (P) &youv THv iBidTNTC TOUTNV.
154. TXHMATA LYMMETPIKA QI IPOZ EITIINEAON.— OPIEMOE :
Ao oyfpata kakolvial GUPPETPIKE O TPIS trinedov, £av niv onpeiov Ekatépov
elvar cuppetpikoy onpeiov Tivdg tob dhlov (g mpog 10 Emi-

B
nedov tobto.
low: *Eotw AB euUypapuov TUHG Kai TO OUMMETPI- A
xév Tou AB, ds Tpds TO Errimredov (P), (ox- 123). A
"Edw T8 ' b 16 (P), TOTE T ox(f Bl
Edv 16 AB elvon mAdytov pos 1o (P), TOTe TO oyfjua o
ABB,A, elvon loookehss tpaméfiov, kafdoov A Al elven
uegoxdBeTog TéV Pdoedv ToV BB, xad AA,;. AnA. AB = A;B,. /A1

B,

“Qore: T copperpkdy Evdg €00, Tpfipatog &g mpog Sy. 123

trincdov slvar £00. tpijpa loov npog adtod.

20v: Geopolpev Tplywvov ABI Kal TO oupue
Tpikdv atoU A;B,[M s mpds To Emrimedov (P). ©a
elvan :

AB,=AB, B,=Bl, TA=TA

*Apa T& Tplycva A,B,IM; kai ABI elvan GvTip-
poTTws ioa. “QoTe :

Avo tpiyove ovppetpika (g npdg Eminedov el
var avupponag loo. )

*Ex Tijs lodTnTos TéV Tprydvey ABI kad A,B,I
Eretan f lodTns TéY yowmév A,B,[ xai ABI.
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"Apa: Abo yovior ovppetpikai @g npdg Eninedov elvar aviippénog Toau

"Emreiny wav &mwimedov moAUywvov ywpiletan els Tpiywva, Eémetar Ot

Ao mollywva CUPRETPIKG O mpos Eminedov elvar dvmpponwc foa (pt Thyv
QUThy Bidray iodTnTOs TPLywIwY).

155. EXHMATA EYMMETPIKA QI IIPOL KENTPON KAI EIMIIIE-

AON.— Aicxpivopey 8Uo TrepITTTCOEIS :
lov: To &rninedov va Sifpynrar Sia
b kévipov. “EoTw oyijpa (Z) xal TO
SUpLETPIKOY cUToU (Z;) G§ TPOS KEv-
Tpov O, kai (5,) TO CUMUETPIKOV TOU
(2) dx wpos To tmrimedov (P), T dmroiov
Sipyeten Bix o0 O (Ty. 125).

"Edv A elvan Tuydv onueiov Tou (Z),
kal A;, A, T& ouppeTpik& oUToU Trpds
T kévrpov O kol 16 ¢mimeSov (P), B&el-
Ve OA, — OA kai BA, = BA. "Apa o
Tufipa OB elven ropdAAniov mpos TO
Thfjua A A, kal TO fiuou aUTol. To OB
o kai kéeTov £ T AA,.

"Edw elg 16 O &yBij x&Betos Ox mpds 16 Emimedov (P), alrn 8 Tépvy Sixa
o kadbreos TO TRFua AjA,. “Apa T onpeix A; kal A, elvan ouppeTpikd s Tpds

@WEova Ox.

*Emeidd) 68 ToUTo ouppalver B TavTa T& onueia TV (2;) kal (Z,), Eretan
Tl Toadrar elvan cuppeTpikd dos Tpds Tov &ova Ox. "Apa elven dvTippéres foa.
"Qore: Ta coppetpke oyipatos mpds kévipov kai Erinedov &1’ abrol diep-

Touevoy glvar avupponag ioa.

20v: To Eminedov Siv OiEpyetar Sid tod kévipov. @) “Eortwoov (Z,) kal

s

(&)

o)) A S
é_/_. ‘

(x)

! (Za)
x. 126

(Z,) 8Uo oxNBaTA CURHETPIKA TOU alToU ayn-
patos (Z) ds mpos lo kévtpa O kai O;. A
Tfis 00, éyopev Tuyov Errimedov (P) kal oTeo-
oav Ay, Ay Ay TE oUPPETPIKG Evds onuelou A
ToU (Z) ¢os Tpos kévTpa O xal O; kai pos T
(P) dvmioToiyws. Kara Thv mwponyoupévny Tre-
piTTwo T& onpeia A, kal A, 6& elvar ouppe-
TpIk& 6 Tpods Tov &Eova Ox. ‘Opoiws T& on-
peia A, kol Ay 8 elvan ouppeTpikd dos Tpds
TOv &Eova Zy.

Emreibn) 8t ToUto oupPalver Six mévTa TS
onueia T (Z,), (Z;) &’ tvos, kal (Z,), (Z;)
&’ &tépou, EmeTcn OTI:

(E) = (T,) dvmppdmes, kai (Z,) = (Z5) dvmippdmras = (Z,) = (2y).
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*Apa: Ta npdg 500 kEvipa GUppETMKE TOD abrod oyfpates elvan loo.
B) “EcTwoav (Z,) kai (Zp) T& CUMpETPIKG  OXTHOTa ToU oyfiparos (Z)
a5 TrpdS KEVTPOV O kal Tpds TO grriTre-
sov (P). "Av (Zy) glual TO GUUHETPIKOV
gl g Tou (Z) G Tpds TO onueiov O, ToU
,..‘,;D(Ez) tmimtdou (P), 8& evar (2,) = (Z,) &v-
; TippéTres. Emeidn B T& (Z,) kol (Zy) €l
Vel CUMHETPIKE ToU (Z) s Tpds SUo kév-

y ‘ tpx O kai O, EmeTan 6T (Z) = (2a)-
ik (Z3) *Apa () = (E2) &vTippoTreos. “QUOTE

Ta npdg kEvipov xai toyov Emine-
p Sov ovppeTpikd tob abrod oyijparog £l
(Z4) var avrpponwg loa.
Ty. 127

156. ETMHMATA LYMMETPIKA QL [IPOL AYO EINIIEAA.— Aoxpi-
VvouEY BUO TIEPITITAITELS
o) Ta Ernineda (P), (P,) tépvovial
p) Ta Enineda P), (P, elvar rapaiinia.

"Eorwoav (Z;) kol (Z2) & ouppeTpIka oxfuaTos () Gos Trpds T Trapd-
AnAa Emimeba (P) kai (Py)- Oewpoupey TO X (£,)
ouppeTpikoy (Z) TOU oyfuarTos (2) G5 TTPOS (TON" o At
Td Tuydv EmimedSov (Py), Otep Téuver & (P) \
kad (P;) kaTa ds e0Beias HO, KA &vTioToi-
yws. “EoTwoav Bt (Z,) xad (Z5) T& OUPPETPI-
k& oyfuaTa ToU (Z) s Tpds T& Kévtpx O
xad K (omusia) Tév ebBeadv HO xai KA avTi-
orofyws. Katd T& TpOTyOUBEVT BecoptipaTa
0 elven :

Z)= (0] &uTIppOTIOdS (¢9)] } i iR
2

Gy =0 2 3)

O GGy, Wl (R =13 " l
&rippsmeos (5). “Apa (Zn)= (a), ¥ ¥arm (Zs)jA Az (Z2)
dxohoubiay (21) = (Za)- Qore: b3'8 1528

Ta coppeTpikd oyipate gvdg oyfipatog g npds dvo Enincda glvar Toa.
EuxdAws 78N gmrodekviovTar Ta drdhouba TopiouaTa.

157. TIOPIEMA 1—To cuppetpikoy Sitdpov yoviag slvar dicdpog ywvia 10
npdg TRV dobeicav, )’ avnifitov @opag.
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158. IIOPIEMA IL—Tb ovppetpikdv modvédpov yoviag elvar nokiedpog yo-
vig, fyovsa pet’ avrijs avnpponeg ioa, &v npog Ev, mavra ta opoeidii oroiysia.
*Apa fon Tpds Ty kataxopugnv Tfis Sobelons.

159. MTOPIEMA IIL.—To coppetpikdv nolvédpov elvar mohivedpov, 1o drolov

Eyel per’ Exeivov avrippénmg ioag, Ekdotny ékaotn, tag Edpag kai SiEdpovg yu-
viag,

160. AZQON TLYMMETPIAL ENOEX EIXHMATOZ.— OPIEMOEL. - Mia
esia slvan GEmv ouppetpiag £vdg oxfpatos, £av 10 oyifjpe todro oupminty pé
0 gupperpikdy tov g mpdg Ty evbelav tabTyy.

T& onueia ToU oynparos elval, &u 800, TUPHETPIKY s TTpds Tov &fova
Supetplas. *AvTioTpopws, Eav T& onpela Euds oxfiuaTos elvar,

&ud BUo, ouppeTpikd cos Tpds plav evfelav, f elbeia alrn elven (X)
&y ouppetpias ToU OXTHATOS. )
r e e > e S St

lov: “Afov coppetpiag piag ebbeiac. EoTw pia edfeia (x).

AC’TT] OUPTTTTTEl P& THY CUUUETPIKNY TNS s TTpos Taoav evbeiav A )
(Y), k&BeTov Tpds THY (). X

*EE &AAou, TO ouppeTpikdy A, Evds onpelou A THg (x) s T A

Tpds eubeiav (Y,), Wi k&Betov Tpds ThY (X), Bév kelTon #mrl =y
s Cx)s
*Apa 1 (Y,) Btv elvan &cov ouppeTpias Bi1& v el (x). Ty, 129

Keer® dxoroubiav :
Mia ebfeia x Exer aneipovg dgovag suppetpiag, tov Eavtoév g Kai ndoag 1ag
t0eiag, ai dmoian slvar kabetor mpdg abTiv.

20v: "AEov ouvppstpiag Eveg Emmédov. *Eorw #v Emimebov (P). ToUto
guuTTiTTTEL pE TO OUPLETPIKOV Tou @ Tpds THY
o (Y)  tuyoUoov ebfelov auroU kai dx pods TEoaV eU-
feiav (x), kdbeTov Tpds alTé. EE &AAov, TO
ouppeTpikdy [ Evos onueiou [ tou (P) ds pos
edBeiav (Y), Thaylav mpos T (P), Biv xeiten &l
ToU (P), &kTds Tiis TepiTToES Ekefvng, ko’ fiv
16 [ keiton &ml Tis kabéTou mpods THv (Y) els 1O
onueiov A, Topry Tis (Y) kal ToU tmmedou (P).
*Apa iy (Y) Btv elven &€wov ouppetplas Bia 16 (P)-
"Ofev
“Ev &mingdov (P) Exev dareipovg GEovag
ouppetpiag, maceg tag edbeiag tag xewpévag in’
oy kai nacag tag xabitovg mpds avtod.

(X)

Zx. 130

3ov: "Atwv ouppetpiag Evdg  xOklov. Tl&oal al SidueTpor tvds kUxkAou
Elugy &Eoves ouppeTplas el To emimedov (P) ToU xukAou. “lva 8¢ pla evfeia (x),
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uh) kewpévn el ToU (P), elvan &Ewv ouppeTplas ToU KiKAoY (0), el v elvan
ké&Betos Errl To EmimeSov (P).

(X) "Evrlong mpémrer vé elvan pegokdBeTos TéV yopBidv ToU
kUKhou, T&V Biepyopévay i ToU Trobds Tns, 6oTis B el-
vai 1O kévtpov O ToU KkUKkhou. "Eqv Aorrov ) (x) elven
x&Betos &l 16 (P) els 1o KévTpov O Tou kUKAOU, TQ OT|-
peia ToU kUkAou elvad, &t BUO, TURHETPIKS €5 TTPOS ™V
(x). ‘H edfeia (x) xadelTa, ouvhificos, GEmv tob K-
Ty. 131 Khov.

161. KENTPON TYMMETPIAL ENOL EXHMATOEL. — OPIEMOE. —
“Ev onpelov £lvar kEVipov ouppetpiog oyfuartos, tav 1o oyfjpa toito gupninty
pE o cuppeTpIkdv TOL Gg mpdg to onuelov TobrTo.

Ta& onueia ToU OYNHTOS elven, &vd 8lo, CUBMETPIKY G5 Trpds TO KEVTPOV
cuppeTpios. *AVTIoTpOQuS, E&v T OTHE tvog oynuaTos elval, dvd BUo, ouw
HETPIKG €35 TTPOS &v onueiov, TO amuEioV TouTo Elval kévTpov ouupeTpias toyted
15 oyfila ToUTO.

OUTux, § Toun TV diaywvicy mapeAnAoypdupou elved KEVTPOV OUHUE
Tplag TOU TrapoAATACY PEHHOY. Té wévtpov KUkAou elvan kevTpov guppeTpias
aUTou.

 AvagéparTe OXTHAT ~fis TewpeTplag ToU fmimédou, & Sola Exouv KEV-
Tpov ouppeTpias.

lov : Kévrpov coppetpiag €V gmnédov. Flg Thy ( § 155) eidouev o1k
& GUUMETPIKOY oYTiua tyde EmimrEBou BiepyoMEvoy 518 TOU KEVTPOU OUMHETPIOS:
elvon TO ErimeSov TOUTO kol &1 v Emrimebov Exer OURUETRIKOY GANO gl
meBov  TTap&AAnAoY pds  oUTY, &tau TO KévTpov ouppeTpias KEITal xS
aUTou.

Otras, Bv Emimedov EXEl KEVTPOV OUUHETPICS, TO TUYXOV TV onuelcov ToYr
kol oubtv &AAo omuelov SUvetal va elvon kEvTpov ouppeTpics.

162. EIIITEAON SYMMETPIAL ENOE EIXHMATOZI.— OPIEMOZ.~
“Ev &ninedov elvar trninedov ovppetpiag Evog eynparoc, tav 1o oyfjpa todto ovf
ninty pé 10 suppeTpikoy Tov 63 npdg 10 Eminedov tovTo.

T& onueia ToU oXAMETOS elvan, &vé U0, CUPUETPIKG G5 TTPOS 16 grimedo?
ouppeTpias. “AVTIOTPOPWS, tow T& ompeia dvds oxnucros elval, dva &Uo, oul
UETPIK 5 Tpos &V trrimedov, TO EmimeBov ToUTo elval ¢rimrebov ouppeTpi®
Bix TO oyfHa.

Ofrreos, EUKOAWS &robeikwUeTon &1 Tav Ewimedov (P) elvan trrimeBov oub
petpias touTou, kol &T1 TEV trrimeBov (Py) kdBeTov Tpds 16 (P) elvan Errimedo!
ouppeTplas ToU (P) kol oUBtv &AAo Erritredov.

lov : 'Enincda ovppetpiog 800 mapariihrov tmntdov. *EgTtwoav 500 gt
meba TTapdAAnAa (P) xal (P,). Taw #mimedov (Z) radetov gml & (P) xad (Py)
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elven Errimedov ouupetplas, 516m1 &pfiver EkaoTov &k TGV tmiméSeov (P) kel (Py)
&peT&PATTOV.

*E€cupoupévns THs TEPITTAOOEWS TXUTNS, 85 Becwphiowuey T& onueia AB,I
ToU (P), xad & gépwuev &g kabttous AA,, BB,, Ty &l 10 (Py).

*Av O, A, Z elven Té& péoa TV TunudTwv AA,,
BB,, I'T,, ToTE T& TRfpaTa AO xai AZ 8& elvar Ta- /é W\?”‘V
pédAnAa Tpds o (P), kabdoov elval &vTioTOIY WS- s, :
TapdAANAG TS T& THAKGT BA xai BI. Ta Tun-
uora AO xai AZ dpilouv Emiedov (P,) TapdAin- é o) - V
Aov mrpds T& (P) kad (Py). (Dll : l

*AvtioTpdges, tav O evat TUYOV onuEiov Tou -
tmimiBou (P,), kai dyBolv ol xdfetor OA kad OA, 2 /M\L{/
pds T& (P) xai (Py), 8 elvan OA= AB= AB,= . :

» ) ~ 132
OA,. *Apa 16 (Py) elvan EmimreSov oupueTplas T&Y
(P) ki (P,). Koheiten Bt pesorapdrinhov té&v (P) xai (Py). "Apa:

AoBEvtov B00 mapariihov imnédov (P) xai (P)), brapysr Eninedov (Py),
anéyov ioov tav (P) kai (Py), 10 dnolov elvar Eninedov ooppetpiag Tod oyfjpatoes
T@v napakiihov Emntdwv. ;

20v : Kévipa ovppetpiag 500 mapariilov imrédov. “EcTtwoav Buo trriTre-
Sa rapddinia (P) kai (Py) kel (Pg) To Emimedov ouppeTplas abTddv.

*Egtew O, Tuxdv onueiov Tou (P,). 'Ex Tou O, &yo-
pev TuyoUoaw eUbelav, f) émola Tépver & (P) kal (Py) €ls
1& onueia B xal By, ‘Opolws plac &AAn evbeia &youévn &
ToU O, TéuvEl TX (P) kal (P,) el T& onueia [ ke ;. Al
Bl kai B, elven rapdAnor. *Emeidty OA, = OA, katd
1 Becopnpa ToU OatoU 8 elvan kal

BO,= 0,B, xai T0;= Oyl

*Apa T O, elvan kévTpov ouppeTpias TGV Emimedov
(P) kad (Py). "QoTe:

Mav onpeiov tod Emnédov (P,) elvar kévipov coppetpiag tob oyfjpatog 1@V
8o rapaiiijrov Emntdov (P) xal (Py).

AZKHZEIZ

522. Tav Tapa) [Gov Exe Ev KETPOV ouppeTplas.

523. To dpBoydviov Tapc/Bov Exel rpels &Eovas oumpeTplas, dva Bio kabéTous, dyout-
vous & Tol xévrpou alrol, kal Tpix trrlmeba ouppeTplas,

524. ‘O kUpos fxer: lov) "Ev xévrpov ouppetplas, 2ov) Tpeis &Eovas ouppetplas Siepyo-
Hévous, dvd BUo, Bid TV KEvTpwWY &y &rrévavi E8pév Tou, 3ov) Ttooapas &Eovas ouppeTplas
Biepyoutveus, dvd BUo, Bid iy &rEvavT! Kopue@v Tov, 4ov) "EE &Eovas ouppetplas dpifopé-
Vous dmrd Té pkoa T@V dmévavTi drudv To, 50v) Tpla EmrimeBa oupperpias k&eTar Tpds Tos
&ovas Tols Siepyoptvous Bid TV kévTpwv TV drévavT E5pcv kal 6ov) EE bmimeda ouppetplas
xd&fera Trpds Tous &Eovas TOUS Blep)OHEVOUS B1& Tév péowy TAV &rrtvavTi dKudy.

525. Maca Siebpos ywvia fxer Bva &Eova oupetplas, THY xowhy dxpny, xal fva trivedov

SVvupeTplag, Trofov;

9 129
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526. "Edv al é5pan Tohuéspou ywvlas elven loas, atrn Exer &ova ouppeTplas.

§27. Els xavovikdv Terpledpov ABIA va &mroberydi) &tz 1) Té dyn Tou elvan &Eoves guppe-
Tplas. 2) Té TufuaTa T& dpiidueva Umrod e pbowy T@V &mévavt dkpddv Tou elven &Eoves aup-
petpls atrol. 3) Té brimeba & dpildpeva UTd ExdoTou TEV péowv T@vV dxpddv Tou kal Tig
&réve rm dwpfis elven Emimeda oupperplas.

523, TMaoa xavovik Tupapls EEl tva &fova ouppeTplas.

529. *H etfeia 1) dpiGopévn UTd TGV kévTpwv TV Péoewv bpbol Kkavovikou TplouaTos,
elvan &Ewv ouppetpias alToU.

530. T& mpds anueiov f Emimedov ouppeTpikdy Spbol mploparos elvan loov Tpds aliTd.

531. 'E&v 5o Emimeba kabérws Tepvdpeva elvan brimeba ouppeTplas oyfuaros, f TouT| TWV
elvan &Eewov ouppetplas ToU oxfueTos ToUTou.

532, 'Eav oyijua &n tmimedov ouppetplas kol &fova ouppetplas bv TG tmméde ToUTW, B
#yn xal Erepov twimebov ouppeTplas.

533. N& &moBeiy8ij 871 1o kavovikov dktdebpov, &mep ExEl Kopupds T& kévTpa TV E5piv
xUPou, Exel T& aUTa OTOIXEIX ouppetplas, &Tva Exer & KUpos oUTos.

534. 'Eqv oyfua &xn tmwimedov ouppetplas xal xbvrpov ouppetplas, kefpevoy &l Tou Emimé-
Sou TolTou, B Eyn kal &ova guppeTplos.

535. SyfuaTa ouppeTpikd TplTou G Tpds Bluo elbelas TapaAAnious, Buvavrar va elven
ouupeTpIKE Kal G5 TTpds eUbeiav ;

536. Na &moBey8i &1 8Uo oxruaTa cuppeTpikd TplTou dx mrpds Emrimebov kal &5 Tpds
&Eova kébeTov Emri To EmimweSov oo, elvan ouppeTpikd kal &g Tpds onuelov.

537. Na &mroBeaybij &ti BUo oxfuaTa guppeTpik& TpiToU X TPdS eUBelav kal onueiov kei-
pevov i THs elBelas T, elvon ouppeTpikg Kal @ pds trrimwedov.

538. 'Eqv TeTpdebpov ABrA BéyeTan &Eova ouppetpias, Téte al dmtvavm dxpal Tou elvat
loor xatd BUo Zebym kal dvmioTpodpws.

539. "Eqv TeTpdeSpov Séxetal BUo &Eovas ouppeTplas, TéTe al &mivavTt dxpal ool elven
toa kal kara 1& BUo {evyn kal BexeTal xal TpiTov &fova ouppeTplas, kal &vTioTpdeus.
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KE®AAAION X
OMOIA MOAYEAPA

163. OPIEMOEX KAI ITOIXEIA OMOIQN ITOAYEAPQN.— Ao no-
Aoedpa Léyoviar bpoa, Eav slvar dpoloye kai Eyouv tag opoldyoug Edpac Opoiag
kai tag dpoléyovg moluédpovs yoviag dpoppénwg isag.

OUre, BUo xavovikd TeTpéedpa ABIA xkal A;BlMA,; (ox. 134a) elvan dpox
TroAueSpa.

‘Opoiws BUo kupor (ox. 134p) elvon moAledpa Suota.

Ay A -
.5 " (] B,
9’/, A — /
Q}- -gar’
7 a1 Al d Br
i
r
Iy. 134a Ix. 134p

Ta Tpdpora T& OpiLdpevar Umo Buo SuoAdywv Kopupddv Aéyovtal Opb-
Loyor dxpol TV TTOAUESPLV.

Mapatnpioeis :  lov. "Emeidn ol Sudhoyor ToAledpor ywvial BUo dpofwv
ToAuESpwy elvan foan, Emeton Smi: Al opohoyor dicdpor yoviar o opoiwv
mokvédpav elvar loar

OUres, of Biedpor AB kal A,B; Tév Suolwov TeTpatdpwv elvan Toal.

2ov. "Emreibny of Spolcn E5pan T@v Supoicv ToAVESpwY Exouv TOV aUTdV
Adyov dpoidTnTos kai Emeish pla xad f o) ducuy ¢l éxdoTou ToAvESpou &viy-
Kel el 5Uo Biaboyikas EBpas bpolag, EmeTan OTL:

‘0 Loyog t@dv dpordyov dxpdv dbo opoiwv rolvédpav elvar otabepoic.

‘O oradepds Adyos TEV OHOASYWY GKUGY BUo Spolwv ToAuEBpwY Kael-
Tar Adyog Opordrnrog abtdv.

A’. OMOIA TETPAEAPA — IAIOTHTEZ

164. @EQPHMA I.—'Eav tetpacdpov ABLA tpun0i ono Emnédov B, A,
rapalifhov mpdg piav Edpav tov BIA, opiletar dedtepov tetpaedpov AB,I' A,
Buoov npog 10 npdrov.

'Anédeifrg : Al dwuad BylM, BI elvan mapdhindor, és Toual TrapaAAnAwy
EmimiSeov d TplTov.
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‘Opoleos ol dxuad A,By, M4, elvai dvrioTolyes TapdAAnAolL PSS TAS AB,
FA. “Apa al Técoopes &pon ABP, ATA, AAB, BrA, Tol mpdTou TeTpagdpou,
elven Buoian dvmioTolyws Tpds Tés E8pas AB, Iy, AT, A,, AAB,, Bl A, ToU Beu-
tépou TeTpatSpou AB,IHA;.

“Eveka Tiis GuoidTnTos TV EBpédv TouTwV, al Tple-
Spot ywvion B kai B, Exow Tds EmmEdous ywvias Twv
{oas, iav Tpds wiav, kal &l wAtov al ywvia adta elven
ToU airTol TrpocavaTohiopol kol Emouévess elvon Too:
B=B,. ‘Ouolws F=T,; xad A= By

O, T& BUo TeTpdedpa Exouv T&s EBpas Twv Tou
atrrol TrpocavaTohiopol duolas kol Tés TpitSpous SpOAO-
yous ywvias foas. “Apa elvan Spola.

Tx. 135 Mapatipneg I : Elven glkohov v& 18wpev &11: Ado
dpowa teTpacdpa Exovy TG dporbyong dxpag Twv avaldyoug.

‘AvtioTpbdgws : Abe tetpasdpa clvar Spoa, dtav ai dxpai tov elvar avalo-
you kai tob abrod nposavatohiopod.

AéT ol Epar Twv elvan dumioToixws duotan, g Exovoon TAs TIAEUPSS
&vahbyous, kal al dudhoyor Tpiebpol ywvict Twv elvan foal, s Exouoan T&s i
TréBous ywvias Twv igas kol ToU crTol TrPOgaVATOAICHOU.

Mapatipnoig IL. "Eqv ol dxpal AB, AT, AA BiaipeBolv els Tov airoy Adyov Bia Tév onpelwv
B, . A, dvmoTolyws, To TeTpdedpov AB,I,4, 8& elven dpotov Tpds To dpyikov ABIA. TTpdypa-
11, ) By, & elvan rapéAinhos Tpos THY BI, xaBas kal M A, || TA xad AA, || AA. "Apa Té trrl-
meBov B, A, B elvan TapdAAniov wpds 1& BrA, xal T& TeTpdedpa AB,MA, kol ABMA 8 elvan
Suola.

To dvwrtpe Becopnua loyler xal 5i1& Tuyouoav Tupapiba, Tewoptvny Uwd tmmibou Ta-
padAfidou Tpds ThHy Paaw aUTis.

165. OEQPHMA I1.—'Eav svoteTpasdpa Exovv dbo Edpag dpoiag, piav mpdg
piav, tag 8¢ On’ abtdv nepeyopévag diédpoug loag kai tod abvrod TPOCAVATOIL-
opod, elvar dpora.

'Anédetrg 1 “EoTtwoav  Buo TeTplebpa
ABFA xai A,B,[4, (ox. 136), €s 1 bmroia
1) 5iedpos ywvia AB elven fon Tpds TH Ble-
Bpov ywviav A,B,, Ta BE Tplywva ABI, ABA
eflven dvmioTolyws Suoix TTpos T& Tplywva
ABI xai AB,A;.

B Tiis dxpiis AB AapPévopey  Tfipa
AE=A,B, xal 8i& Tou E &youev Errimedov
EZH mapéAAnhov mpds 16 BrA. Ta TeTp&eSpa
ABFA xal AEZH dvon Spota. *Apa o E8par AEZ, AEH, 6& elvan Sporat Tpds TAS
&pas ABIN, ABA &vrioToixws xai kot dxohoublav Tpds Tas EBpas A;B I,
A.B,A,. 'EE &Adou AE= AB,. *Apa T& Tpiywva AEZ, AEH 64 elvan dvTioTol-
xws Toa mpods Tas A;B,IM, kal AjBA,.
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“EyovTes 8¢ U’ Sy T& mepl iooTnTos TGv B1EBpwv kal TpiESpwy ywvidvy,
Ouvéyopey &Ti TO TeTpdedpov AEZH elven Toov mpos 70 TeTpdedpov A B, MA;.

"Emeisny 8¢ 16 Tetpdedpov AEZH elvon Suotov Tpos 16 ABIA, Emetau &1
kai 16 foov Tou A,B,M A, & elvan duolov Trpos TO ABlA.

Mapatfpnoig: Aobévros terpatdpov ABIA kai tob tprydvouv B,IM A, dpoiov npig
v §dpav BrA, duvapeBa éni tod tpiyidvon B, A, @3 Baoems, vd KATAGKEDAGOUEY TETphL-
Spov Oporov mpoc TO MPDOTOV.
TMpérynam, &s pépoauey To Emrimeov B, A,, oUTes doTe # Biedpos ywvia AB,T A, va elvan
fon Tpos Thv &iebpov Bl
*Errerta £l ToU &miréBov TouTou kaTaoxeulouey Thy ywviav A,B, I, Tony mpos Thv ABT,
kel Thy yawviav A,[B, fony mpds Thv ATB.

To Terpdebpov A,B,MA, 04 elvan Spotov Tpés TO ABFA. Mém T& TeTpdebpa TaUTA

Eow piav BieSpov Tony, TepiexOREVTIV uetafl BUo Spoiwv E8pdv kal Tol alToU TpocavaTo-
)\lcpo\j_

166. OEQPHMA II1.—'O Loyog tdv bykwv 800 dpoimv tetpatdpav loobran
TPdg tov Aoyov t@v KDPwv TAV OpokéyOV AKPAV T@V.

"Anodaitic : “Eotwoav SUo Spoia TETpdeSpa
ABrA kai A,B,I,A, (ox. 137). ’Emadn ai Tpiedpor

Ywvica A kad A, elvan focu, EmeTan OT1: Ay
Viaprss o BB AT ARy
V(A.B,I‘IAJ— AlBl'Alrl'A!.Al 3 A,
__AB AT AL
i AIBI Alrl AIAI
B SR UNBT AR
T AL B By T AR
\Y AB3
ke AL - AB CABL s e e
R B AL B e R e
ASKHIEIZ

540. N& &moBeiy8ij &1 & Adyos TV Shikdv tmeaveidy §uo Spofwv TeTpatbpav loolma
TPds Tay Abyov Tév TeTpaydvmy BUo dUoASYw@Y kpdy aUTdY.

B

542, N& UmohoyioBij & Syxos ToU TETpatBpov,

541. *And 1ds kopupds TeTpatsp
3 S, T& Smroia, Tepvépeva dva Buo, dpifowv véov TeTpdebpov A,B, A, Na Umoroyioi) 6 Aéyos
WY Syxwy T@v Suo TeTpaEBpwv.

ou ABFA gépwpev Errimeda TapdAinia Tpods Tas dmévavTi

&mep Exe1 Kopugds TA KévTpa TV EBpdv

K o o = 5
Tovikay TeTpatbpou, oUVapTNaEl THS &wpfis o ToU BobévTos TeTpatdpou.

543. "Ewrl g dxpuiis AB mupapiBos AB
EmrimeBov TapaAAfiws TRdS THY

Sy duepoy

FA va dpiofi) onueiov A,, ToloUTCY GOTE TO £ alToU
Bdow BrA va dopi autd elg Blo loobuvapa pépn.

544. 'F&v Az ol dxpai TeTpatbpou ABIA oA /afotv &l A, BiarnpnBoiv &t al Tpiebpor

'?’mv[m TOVU, TOoAKIS PEYTAUTEPOS yiveTan b byxos TOV
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B’. OMOIA TIOAYEAPA — IAIOTHTEZ AYTQN

167. OEQPHMA I.— Abo nevtaedpe arotelodpeva #x ol avtod mhifovg &-
poiav teTpatdpov, Evog mpog £va, kai tod adtod Tpocavatoriopod, elvar opowa.

‘Anédetig 1 “Eotw OABA, OBl4, OTAE, pia Sidragis TeTpaédpeov Tpoo-
kewpéveov, els & elvan ywplouévov TO TTOAJEBPOV OABTAE kai O,A;BA;, O,B,Ay,
O,MAE,, pia kol f aUTh BidTagis duoiov TETpaEBpwy TIPdS THY TPWTNY,
gls fiv elvon ywplopévoy TO TOAUEBpOV 0,A,B,MAE, (ox. 138). ©& Bei€oopev

0 &T1 T& Bud TaUTa TToAUedpa glval Spoid.
TMpdyuari, ai dudroyor Edpou TRV

TroAviBpey elval Spotat, s &moTeAoU
By peven &K ToU otToU TrhnBous dpofeov Tpt-

yovwv kai Tfis TS Biaraews.

A OUres, f) E8pa ABIA ToU TrpedToY

\ &rroTeheiTan &mo T& Tplywva ABA, Bra,
I N t& &moia elvan dpoia dvTioToiyws Tpds

& AB,A, BiMA, Ths €dpas AB, M8y

ToU &AAov.

*Erreidhy & Tpiywva ABA, BIA kelvtan ¢l ToU adrrou Emimédov, ai biedpo!
OBAA, OBAT Tév TeTpatdpwv OABA, OBIA elven ropamAnpwparixad. ‘Oupoies:
ol dpdhoyor Siedpor O1B1AAL 0,B,4A,; Tév TeTpatBpuv O,B,8,A,, 0,B,4,M
elvan TrapamAnpwuaTikal. *Eweidh 8¢ T& Tpiywva A,BA;, BlMA, kelvtal gl
ons els TS auTd Eimedov &roTtehoUv THY E8pav A,B,IMA, duolav mpds THY &
Bpav ABIA.

Al ToAUEBpor yevian Tév Buo moAuéBpwy elvan Toan, kaBooov Exouv S
T& oroiyela Twv foa kal THS aUTfis BiaréEews. ATl al Gudhoyor EBpan TGV U0
TohuéBpwy elvar Sporat kai ToU alrol TposavaToAiouol. Al ToAUebpot yoovidl
Eyouv SAas Tas EBpas toas EkdaTny Exdam kol Tiis aUTis SiardGecos. Eri rAgoY
ol dudhoyor Bisdpot ywvial TéV TroAUESpeov ToUTwy ywvidv evan Toal, g 6po”
Aoyor BieBpot Buo duoiwy TetpatBpwv kai ds dBpofouaTa fowy BiEdpuv YRV

‘H BieSpos BMAE m.x. oxnuomigopévn bmd 1év Blo tspév ABIA, FAE ToU
TrpeyTOU TrOAUEBPOY, glval 16 &Bpoloua T&OV BiEdpwy ywviddv BraO, EFAO, o
Strolan dvrkouv els T& TETpaEdpa OBra, OrAE. !

‘H Biedpos ByMAE,, oxnuoamlopévn Umo Téy E8piv AR iy, ToE 7ol
BeuTépou TOAUEBPOY, elvan 16 &Bpoiopa TV BUo dpoAdywy Biedpwv B, A,0n
E,lA,0,, al émola dvfikowv els T& TeTpdedpa O,B,M4;, O,NAE,.

To dvwrépe Becdprua loyuel kal 51& Tuydv ToAleBpov, &mobekvieTal Bt eUkdAeos Bid TS
peBdBou Tiis MadnuaTiks "Eoay@y s

168. OEQPHMA ANTIZETPO®ON.— Avo dpora nohvedpa dovavral va 1
prefodv eig loapibpa tetpaedpa Bpowa dva Ev kai tiig abtiig Sratageme.

'Anodertrg ¢ “Eotw O onpeiov évtds ToU TPMOTOU TOAVEBPOV. TuvbéopeV
16 onpeiov O pE TA KOPUPAS ToU TroAuéBpou TouTou kal EoTw OABI v T&Y

B B,
Sy. 138
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TeTpaiBpwv TouTwv. Ta onpeia A, B, T, Exouv s SudAoya i Tou SeuTEpoU TE-
Toatdpou T& onueia A, By, Ty A Tfis drufis AB, &yopev. gmrimedov O0,ABy,
Gvebey Tis E5pas AB,I, oxnuatifov Biedpov ywviaw O,A,B,I, Tonv Tpds THY
BieBpov yovicw OABT, dvebey Tiig €5pas ABI kewpévns. Etri ToU é-rrm'é‘Sou 0,A,B,
karaokeuddopey TO Tpiywvov O,A;B; Suolov Tpos To OAB. Zuvbtopev 10 O
W& T&s kopuds ToU BeuTépou ToAVEBpOU Kal

XwpiZopey olTe T SeuTtepov ToAUEBpoY €l 0

TeTpdedpa, T& dmoia GUTIGTOIXOUY TTpos 5 \

teelva Tol TP TOU TOAUEBPOV, Kal HEvEL T

Pa vk Seifwopev 8T1 T TETPGESPA TOUTX el-

Vau Guora dvd Buo. s ' A \\v Gy
*Egreo A pla TETGPTN KOPUET| TOU Trpcd- \

Tou ToAuEBpov, TolauTn GoTe T& BUo Tpi- 4

Ywva ABF koi ABA v Exouv plav TAeupav
Koy Kad vé keivTen &l Ths aUTis E8pas
fm SUo BiaBoyikdv EBpdV. Suykpivopev T& Buo TeTpdedpa OABA, 0,AB,A,.

Al &5pon OAB, O,A,B, elvan duoia, ¢ dudroyor TéV Blo duoiwy TeTpa-
©pwy OABI, O,A,B,l.

Al #5pcn ABA, A,B,A, elvau Spotan s dudhoya Tplywva TV Blo duoiwy
Bpay tov BoBévtwy TOAUESpLV.

"Etri mwhéov, dav T& Buo Tpiywva ABI, ABA keivton &l ToU aUTou Emime-
Bou, of Buo Bicbpot OABA, O,AB,A, eloc foar & TapamAnpdpere TéY fowy
Bié8py OABF, O,AByM.

"Edqw T& BUo Tpiywva ABI, ABA 5tv kelvtan &l ToU aUTtou émimédov, al
Suo 8iedpor ywviot OABA, 0,A,B,4; evar dxdun Toc oo Siagopal &V lowy
BéBpcoy, AABT kol OABT &¢" &vds, AABLM xal OABIT, &g’ trépou.

Els &g 5Uo mepimrcooes, T& TeTpdedpa OABA, 0,A;B,4, tven &poia.

‘H aurh) &mébeafis 8% tpappooti Babundév kai f dpordTNs TGOV 8o Beco-
p‘]ﬁév-rmu Tetpatbpwv B uas 85nyHon TEMkds els TO v oupmrepducopey 6Tl
Ta Buo Emépeva TeTpaedpa glvan Spoia.

Ix. 139

Enp. To Becopnua ToUTo &roBEIKVUETX kal §1& TR Madnuomixfis "Emaywys.

T& onueia O kal O, kahoUvTan dpokoya. 'Eqv T& &xpa Suo eUf. TunpdTwY
Elugy Sudhoya onpeia TéY dUo Spoiwy TToAUEBpY, TaUTa elvan Spooya. Tolau-
T vy o Blorycoviol, ai Sprgoueval Umrod SUo SpoAdYwY Kopupdv TV Spoiwv
“‘ﬂ\uéspw\,_

169. OEQPHMA I1.— "0 Abyog tdv dykov 800 dpoiwv nolvédpov isolra
oS tov Léyov tdv kOPov d0o OpokOy@OV AKp@Y TOV.

"AnédaiErg : OecopoUpev BUo ToAUEBpa Buora TT kai T1, ExovTa &ykov &vTi-
9Toixws V kai V,. *EoTwoav a kai oy uo Sdudroyor dxkual clTdw.

“Eotwoav V,, Vy Vg - - - - Vyol Syxol Qv TeTpaéBpwy, E€ v droTeAel-
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T TS TRHTOV TOAUEBPOY Kal Vi, Vg, Vg - o vy Yy ol Bykor Tdv TETpaEbpwv EE DV
&moTeheiTon TO BeUTepov, kal T Omoia TeTpdedpa elven Gpoia.

Koata 16 Bzcopnua Tiis (§ 166), gav A elvar & Adyos g— Tfis - OUOIOTNTOS
1

+év TT xai TT;, A 8& elvan kai & Adyos Tiis SHoI0TNTOS Tév dpolwv TeTpaEbpwY,
gls & TaUTa ywpifovtal. “Apa 8 Exwuey

Vv, o .
kL (B TR = A
— < A3, ol: V=V

3
-Y—E:ST=7\3, BEol: Vy=vy- A L
Ve "Apa :
;‘f“ = L E IV M

V4 Vot Vot ot Vu=N L ¥yt ¥+ ¥k - - )]

3
i Sl Sl s A
v o

s 1}

170. TIOPILMA.—Edv nico ai dxpol nokvEdpov rohhanhacracdoby Eni oV
abtov apibpov, Sratnpnfdo HE aperapinror ai mokoedpor yoviar abtdv, to mo°
).oedpov mokhanhacaleral grni tov kOPov tob apBpod tolrov.

AZKHZEIZ

545, 'Eav ol dxual kuBou TodAamhaoiaafoly tmi 5, Siarnpndeot 5t al ToAUeSpol yeovid!
avTol, ToMamhdaios ylvetat O kUBos oUTos ;

546. N& dmobaiyfij 8T & Adyos T&V tmipaveiiy BUo dpolwy TohuEBpwy looiTal TPOs oV
Adyov TAV TeTpaywvewy bl Spordywv GKpdV.

547. AUo Tetpaebpa elval Suoia, tav Eyouv piav EBpav dpofav kal Tas TPES TpOTKeIEVES
B1tbpovs Toas, plav Trpds piav, kal ToU aUTOU TrpocaverToMapoy.

548. Ao TeTpdebpa elvan Spoia, E&v Eyouv Tpels EBpas duolas kai Tol aUToU mpocavaToht”
ouou. ]
549, Avo Tetpdebpa elvan duoia, dTaw Exouv wévre BitBpous Toas ulav wpos piav kad oV
airrol Tpogaver oAgHoU.

550, T TeTpdywva T@Y dykwv 8o duciwv Tohuibpwy elvan dvddoya wpds ToUs KUPOYS

SUo dpordywv EBpv.

551, To TetpheBpov dmep Exel Kopupds T& kévtpa Papous T&V ESpdV TeTpatdpov ABMD
elvan Suorov Tpods TO CUUHETPIKOV TOU TETpaEdpou ToUTou. Molos & Adyos TGV dykwv TouTe!
TV TETpaEDPWV |

552. ‘O &yxos dpdoywvicy TrapaAAnAemimébou elvan V, al Bé Siaotéoes Tou elvatl dvéroy®

Tév &pibudv o,B,y. N& UmrohoyioBolv al BiagTéoels aUTol.
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KE®AAAION XI
FENIKOTHTEX ENl TON NOAYEAPQN

171. 'E&v E elvan 6 &piBuds Tédv E5pddv £vds kupTou TohuéSpou, A 6 &pifiucs
TRY dkpddy Tou kai K & &piBuds TéV kopugdv Tou, Utrdpyel petabl Tav dpibudy
ToUTewy pia &EloonueiwTos &pBUnTIKY oxéols, f émola éxppdletan UTd TOU
KaTeatipe BewpnuaTos, opethopévn els Tov Euler.

172. ®EQPHMA TOY EULER.—Eav K,E, A glvar avuiotoiyog 1o nhijbog
@Y kopugdv, Edp@y kai GkpdV Evdg drhol mokvédpov, torte :

K+E=A++2 (Euler)
. CAmédatig: "Ag Umobéowopey 8Ti &ro TO Sobtv ToAuedpov dpaipoluey piav
Bpay Tou, Emerta plav Seutépav ESpav f) dmola va& Exn pé THV Tponyouuévny
é@(}(lpeﬁgiaau 8pav piav dkunv kownv. “Emeita &paipoupey piav TpiTny E8pav,
Smofa v Eyn pé THY Tponyoumévas dpapedeioay Seutépav EBpav piav dkufy
¥y k.o.x. péxpis dtou dgaiped kal Tehevtale EBpa ToU ToAuiBpou.
"Otav aponpedi &rd TO TOAUESpOV 1) TTPLTT £5pa Tov, Bév GpapeiTal &GO
o ToAUeBpov oUTe &kun oUTE kopugn). Kat’ dxorouBiav 1 dmropévouoa TToAvE-
Pl Emcpavau fa Exn TooCS drpcs kal Kopuq;c:s, doas elyxe TO APy IKOV TTOAU-
pov, &AA& piav E5pav SAryoTepov.

"Eav A, elvan & &pibuds Tév dxpdv Tiis mphTns Edpas, kad Ky & &pibuds

&y Kopupddy alTiis, fa elvan

A=K, #00: A —K=0 1)
"Axohoifes dgaipolpey &mod To ToAUeSpov piav u?\?\nv §8pav Tou, THV Beu-
Tepay, TpiTny K.0.K. tkTOS Tiis TEAsuTaias EBpas Tov, 1) &ropévou- B

Oq ToAUEBpIkT Emipdvel X&el plav dxpny TeploodTEPOY &TTO /\
qu Kopupds y&vel. A1oTl, EoTW ém dpaipeiTan 1) ESpa ABFAE, 5 ‘ vr
ol Eyer pé THY droptvouoav TOAVEBPIKNY ETIQAVEIQV Koas  ° ;

T 4 Gxpdg AB, BT, elvan wpogaves 6T, E&v doonpedii 1y E5pa al-

J B Gpaipebouv &md THY TroAueBpIkny Emipdveiay Tpels dxpa, Sy. 140
SLAE, EA, AP (al pfy xowal) kai pévov dbo kopugai ai E ai A.

"Eqv rapaoTthowpey bt Ay, Ay Ay, .. TOV GpiBudy TdY mheupdv Tiis Seu-
Tepa, TpiTns, TeTdpTNS, - - . E0pas kal pt Ky, Ky, Ky, ... TOV &pifudy T&V xo-
Pugpcy Twy, dvTioTolyws, 8 Exwuey Tas &piBunTikas oxEoEs :

Ay—Ky =1 @)
Ay—Ky=1 3)
A—K =1 C))
e k&Be lodTns drapiBuel piav E5pav.
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Téhos, v dard T TOAUEBpOV dpaptacoey kol THY TeAevTaday ESpav TOY,
B &paipeBolv Téo dpad, Soa kal kopugai. OUTws, & A, , Ky elvat dvmigTol-
Y035 O &p1Buos TV GKUGV (rheupédv) kai & &p1BuoS &V kopuedV Tiis TEAEUTAISS
#Bpag ToU TohuEdpov, B Exwhey kal THv oXEov:

A, —K =0 v)
A& Tpoobioews KT uéAn Tév ioothTav (1), (2), ... (v), AauPdvopev :
(At At At . A Y=(Ky+ Ko+ Kyt - - -+ K )= (3+1+1+. ; .+_1|)—2.

E
Smrou el TO BeUTepov péAos UTTGPYOUV Tdoon povddes, daoov glvan TG TATBOS
E Tév &5pdv ToU ToAUEBpoOU AN 2 povades. *Apa
(AI+A.,+...+Av)—(K1+K2+...+Ku):E—2, )
*ANAG A+A+...+A=A Ki+ Ko+ ... +K=K
kod kot dxoroubiov f (A) ylvetan:

A—K=E—2, % ob: K+E=A+2

Mt Béow To Becopnua to0to Tou Euler dmoBekviovtan &AAoa TIvEs &
onuelcaTol TpoTagels Six & kupT& TrOAUEGpQ kal dvapepdpevan elg T gToIYE?
KOpUPas, GKUGS, EBpas K.AT. aUTV.

173. @EQPHMA.— To G0poiopa 1Y YOVIBY machV 1dHv £5pdv kuptod M
Luédpov loodtar mpdg 1O TETPARLACIOV 00 apidpod 1@V KopuedY Thattepive’
kata 8.

*Anodekig ¢ "Eqv pio Edpa ToU ToAUESpoU Exn v kopupds, TéTE TO &BpO”
opa 3, TéV yowidv Tis 6 elvat :

3, =2v—4 opbai yoviat. (1)

"E&v v, Vy, Vg, - - Elvat o &p1Buol TéY TAeupddY TéV Biagopwy EBpivV ol
ToAuéBpou, TOTE & &Bpoiopa Z TGV youdy Téy E8pidv Tou B& elvat :
S=—(@—N+ @ =D+ Qv—H+... 2)

‘H &xohoubia atn Exer E Spous, d00s elval & &piBuds Téwv g5pidv Tou. AP’
f (2) ylvetan:

s=2(v+v+vet+...)—4E (3)
"Erreibh) tkdoTn & QVTiKel elg BUo EBpas, B elvan :
v4v et .. =24, 4
kai kot dxohoubiav i (3) yiveTon
s—92.2A—4E =4A —4E=4(A —E). )
*ANAG, koTd TO BEpniua —ou Euler, elvan A—E = K—2, kal ﬁ'(S) yive'l'd‘:
L=4(K—2). (6)
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173q. IIOPIEMA I— Na arodey0ff 6t d&v Omapyer wvprov moloedpov,
100 drofov naco ai Edpar va Exovv mhevpag nepocotipag tdv névie (5).

173B. MOPIZMA II.— ‘Opoing, tod dmoiov ndcar ai mohvedpor yoviar vi
Exovy neprocotépag tdv névie (5) axpdyv.

AZKHZIEIZ
553. Els mav kupTtdy moAveSpov elvar: 2A = 3E kal 2A = 3K.
554, ‘Opoles ém1: K< 2(E—2), A<3E-2), K> ‘? E+2 wi Am %E.

555, "Eqv ol #bpai kupToU Tohutdpou dmoTeAolvTan &md Tohlywva TeprtTol mAfBous
Theupdov, Td TATiBos T E8pdv elvanr &pTios &pifuds.

556. 'Eqv al moAueSpor ywvial kupTou TohuEBpou meptExouv TepiTTOV TATiBos dkudv, TO
’T?\ﬁeog Té&V TOAUESpwY YwvidV ToU elvan &pTios aprBuds.

557. El m&v moAUedpov elvan A < 3K, A <8R

558. ‘Opolws &T1: % K< A

559. Atv Umrdpyer kaviv &mhouv TOAVEBpov pk EmTa dkuds.

174, KANONIKA ITOAYEAPA.— OPIEMOE.— ITokvedpov O Aéyetan ka-
Vovikéy, Grav nicar ai Eépar abtod sival Kavovikda norliymva ioa.

Olrews, & kUPos Kal TO KAVOVIKOV TETPAEdpOV elval kavovikd TroAUeSpa.

"Ek ToU &veoTépe OpiopoU kal TV TpoTdotwy, o ool GvagipovTon
€S Ty fodTnTa TEV BiEdpwy kal v - EBpwv yewnidy, Eretar éTi al Siedpol kai
V- e8por yevial kavovikol TrohuEBpou elvan iocn Trpos GAATIAGS.

175. OEQPHMA YIAPZEQL KANONIKQN TTOAYEAPQN.— Na ano-
ﬁc‘leﬁ 1 Drapyovv povov mEvie €181 KAVOVIKBY noAvESpOV.
. CAnodmitig: “Ag UmoBécwpev OTI écdoTn E8pa ToU kavovikoU TroAuESpou
& U Theupds kad &1 ékdoTn v-eBpos ywvia ToUToU ExEl V GKPGS.

‘H &méAutos Tiph Exdotns ywvias A wds épas attou elvan:

A:Q-—% SpBad. m

"Emeih) 5t 16 &fpoiopa T@V v-EBpIkdY ywvidv ExdoTns ToAUESpou ywvias
W0y elyen HIKPOTEPOY TQV TETTAPWV dpbddv ywviddy, SnAad :

” 4 "
v-A <4 dpdy fi AL e Sphddv, ()
eren & v (1) kel (2) &m:
4 4 e % M el
2_T<_\f_’ égOU, " +T> 3 (3)

Kora o mropiopara Spews (§ 173 - 173p) elven :
W O R S )
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*Ex Toutewv kal Tis (3) mTpokimTouy o £E7js TévTe AUoElS

I)UZB} = ‘”%:3] mU:5l V)V=3} @)

*Eaw E elvan 1O mAfiBos Tédv E5pddv Tou KawovikoU ToAutspoy, TéTE To AT
Bos Téw dxuddy Tou Ba elvan WE. *Emreibn) B¢ wdfe dxpr) dvnkel els SUo E5pas, Bd
EycouE uE = 2A (5)

' ARN ExéoTn &xuf) ouvBtel BUo kopugds. “Apa: v.K = 2A. (6)

'Ex tév (5), (6) xai THs K +E =A 12, AopPdvopev, 81’ dmohoigfis
v K kad E, THv oyfow:

1 1 1 1
6 G Sk N @

*Ex ToU TUToU ToUTou KaTapTifopev Tov dkdhouBov Trivaka :

| M v A E | K ! Kav. TToAUedpov

|
i " [ 6 | 4 | 4 mﬁpov
12 | 6 | 8 ‘Egaspov (xipos)
8 6 | 'Oxtasdpov

| 30 | 12 | 20 - Aodekaedpov
30 L 281812 | Eikooacdpov
\
‘Ex TV dvwTipe EmeTal 8T1 UTGpYOUV pévov mévte £idn kavovikdv koF
1@V molvEdpwv.
Taira kohoUvtan Etepea tob IMharoves™.

&
Q.

w U Wb W
Wbk Www
—

[y

176. TAIOTHTEE TQN KANONIKON MOAYEAPQN.— OEQPHMA~
Na anodeiyi 61 dnapyy enpeiov £viog Tob kavovikod nohvidpov anéyov rp@e0
ooV (rd Tac KOpLPAS TOV Kai devtepov toov ano tag Edpag tov.

'Anobeitig ¢ “EoTtwoav 8Uo ESpat ABFAE kai ABZHO #vds kavovikou T
AuéBpou pE KEVTPQ dvmioroiyws O kai O,

Al kéBetor O,A kai O,A x TV xbvtpawv O, kal O, pds THY KOWHY !
AB, Téuvouv Thv AB €ls 16 auTtd onueiov A. *Apa 16 tmimedov O,AO, 6& elvd!

# 'H Teouetpia 100 x@pou xpewotel nokrd elg tov uéyav tobtov 'A@nvalov @iiécogov. Eivar & ,:',g\ﬂ"l
wfic the TRitNg Slaotacews 1@V cwpatev. 'H oroudl T@V xavov. noluedpov guvedédn pe 1o dvoua tou. Ta b p
xavov. nokiebpa, ta Omola gpnaonoel & Miatwy Swa va égnynon v guykpotnaly 1od UAkoD KOGHOY, exM
Onoav Omd T@Y rolaidv Kol Miorevika oepata. Elg Ay « Mokireiay », S1a va dnkoon 0 GVILKEHEVOV s
petplag tob x@pov, pcrayepiGeral tAv Exgpagy «td mept THv 1@y kOPwv adEnowv xai tod PabBoug uetExoV v("f
rétn tiig SaoTagEwg rod xUfou xal mavrog Exovrog Badog). 'O Apog Mewuerpia 10D xHPOU dvaypageral d6 .
« téxvn, fiv &0 atepeopetpiav ixaheoav ol mpootuxelc abth yeyovoteg» (elg Téxvmv, thy drolav. g vl
dvbpaoay OTEQEOHETPIAV ol aoxoinBévies pé avtiv). Eig tov Mrarwva dpeireral 1o rpd®roy | omoudn TAY I
HETPIKDY TORGV, f Gavaiunkn xai ouvBetixn peBodog Hia Thy émiAvowy lewpetpiady rpofinuatwy. Yno ,ml}’
fewpeital & & Beog g Mewpetpiag.
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k&eTov £l THY Kowhy Gxuny AB els TO A kol 8& mepiéyn Tas kabétous 0,0,
0,0 &mi Tds E5pas ABFAE, ABZHO. Al x&fetor aliren TéuvovTton el TO ampeiov
O xal svan dvtioToiyws &foves T@v E8pdv ABFAE, ABZHO. "Apa:
OA=0B=0M=0A=0E=0Z=0H=00 (1)

T& opboycovia Tpiywva OO;A kai OO,A €el-
val iow, ds Egovta ThHy UmoTeivouoav OA ko
Vi kai Tés kaBéTous TAeupds Oy A = O,A ds &-
TooTpaTa Tév lowv E8pdv ABIAE, ABZHO.
*Apa < ONO,; = < OAQ,. "Emeibh fi yoovia 0,A0,
elvan ) dvrioToiyos Tis S1€8pou AB ToU xav. To-
AuESpou, Emetar 6T 1O Tpiywvov OAO, elvan
oTaBepov Bid moas Tas EBpag TOU TOAUESpOU.

*Eqv O, elven 16 kévTpov Tiis E8pas, 1 btroia
Exer kowny Sxpmv CA pt T& Tiis E8pas ABIAE, kal &y B 1) k&BeTos émi ThHy EBpav
TaUTny els TO kévtpov Oy, alTn 8& 8188 Bi& ToU O, kabdoov T& Tplywva o;MO
kad OO, M elven ioa.

‘Ouoles Epyalduevol, eupiokouey 811 m&oo al k&Betor éml Tas E8pas ToU
Kaw. TroAutSpou els T kévTpa aUTéY BitpyovTan B1& Tou aUToU gnueiou O, TO
OTroTov kaeiTal KEVIpOV TOU KaVOVIKOU TroAvESpou.

T O dméyer iodxis TEY KOPUGRY ToU KavovikoU TToAvESpou kai {odkis &mo
Tas E8pas aUToU. Anhadt :

00,=00,=00;=. ..
‘H &méoraois 00, koAsiTal Gndstnpa ToU kavovikoU TOAUESPOU.
‘H &mooTaois OA kaheiTon axtig ToU KQVOVIKOU TroAUESpOU.

Sx. 141

177. £XELIE AKTINOE, AINIOLTHMATOZ KAN. ITOAYEAPOY KAI
ATIOETHMATOEX MIAE EAPAL AYTOY "H AKTINOZX TQN EAPQN AYTOY.

"Eqv 1edf OH= R, 00, = a xai O;H=p xai Qpl = ay, &k ToU &pboycw-
viou Tpiydvou O0,H & Exeouev: '

OHt = 003+ O,H* # R?=a? + p? )}

"Ek ToU épBoywviou Tprydvou OOl Exouev:

OI2 =00;+ 0y A or*=o* +aj @

"Ex THs (2) paiveTon 6T1: TO KEvTpOV O #vds kavovikoU ToAvESpou &réyel
ooV e Tdg dipds aUToU.

178. TTOPTEMA.— ITdv kavovikov mokiedpov dovatar va yopiodi clg tooag
Kavovikiag nopapidag, soar elvar al Epar tov.

MpdypaT, tav &yBouv Taoal al &xTives TOU kavovikou TroAutbpou, TouTo
XwpiZeTon el Téoas kavovikds Tupauidas, Soan elvan kad al &Spon Tou. Bdoeis
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Tév TupapiBey TouTwy elval ol E5pa ToU kav. TOAVESpOU kel Oyos TO &méoTn-
pa ToU TroAVESpoV.

179. EMBAAON EINII®ANEIAL KAN. IIOAYEAPOY.— ’Edv E elvai TO
upaBov was EBpas ToU Kav. TroAuéBpou Kal v & &piBuds TV EBpdv aUToU, TOTE
& pBadov E, Tfis émeaveias Tou Bi8eTan UTS TOU TUTTOU @

E.,=v-E

Anhadn : To tpPadodv tilg ¢mpaveiag £V Kavovikob nohvédpov elvar yivope-
vov tod mhffovg Tdv E8pdv Tov iri 10 Eppadov uas Edpag Tov.

AZKHZEIZ

560. ZuvapTnoel THS Akpfis a KOVOVIKGU TIVOS TroAUEBpoU v& Umohoy1o8ij A dxtis Tou, TO
&méoTnud Tou, T tuPaboy Tis OAKfg ¢mgavelas Tou kal & &ykog (ol &1& T& 5 Kavovik& TTo-
Auebpa ).

561. M3oa Toun KavovikoU OKkTaESpou Umd tmimébou Siepyopévou i Buo &Ebveov Tou,
elvar Terplrycovov.

562. Na Umoheyiodij & Syxos Tou wavovikol EEatBpou, GTep Exel Kopugds T& KévTpa TGV
£8pdv KavevikoU SkTaibpou dxpfs .

563. N& Umrohoyiodii 1 dAikh tmgdveia Kol Syxos kavovikol TeAuedpou (kal TGV TréVTE
el5@v) ouvapThoe Ths axTives R auToU.
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KEPAAAION XII

KYAINAPIKAI EMI®ANEIAI — KYAINAPOI
FATOTHTEZ

180. OPIZMOE KYAINAPIKHE EMI®ANEIAE.—Emi émmébou (P) Beco-
poUpey kUkAov (). *Eoteo 8t xai elela (8), Téwvouoa 10 émimebov (R

Kahobpey kuhvdpikiy Emgaveiav o Lovokov tdv evBaidv (7), tdV napar-
Myhav mpog tiv dobeioay diedbuvery (8), Exaotn Tdv dmoiwv Exer pé tov dobivia
kokhov (I') koivov onpeiov.

‘0 kUkAcs (M) xoheiTan 6dnyog T Pacic s
KUAvEpikfis Emigaveias.

‘H B1& Tou xévtpou O ToU 68nyoU kUKAou
(M) Tapddindos x TpPdS Thy (8) kodeiTan dEwv
THs kKUAWBpIKTs Emipaveias.

‘ExdoTn Tév eufaiidv (y) xaheiTan yEvetel-
pa Tiis kUAWBpikiis Empaveias. - —

‘H dvootépw KUAIVBPIKT ETTIQAVELX dvopudde- / / / ‘7’ b0
Tan kol kvkhikd] Kukwvdpied Emeavela. z’);"l';é“vﬂ

'Edv & 65nyds elvan evfela, TOTE TO Zvo-
Aov Ty etacov (y ) elvon EmimeSov, Téuvov 16 (P) kot TOV 68nydy TouTOV.

Tovinoa : Atk v yvwpiowpey Eav onpeiov N xeftoan f oU &l 7iis xuhivBpikiis Emgaveiag
(E), &youev &x Tou N THY TrapdAAniov Tpds Thv (8). AUTn Téuver To ErimeBov (P) els T onueiov
N,. "Eqv 1o N, Biv keiton Erl ToU Kukhou (M), 76T Aéyouev &t Té N 8dv weltan Emri Tis kAW~
Bpikiis tripavelos. 'Eav T& N, kelTal gl Tou kUkhou (M), TéTe wad 1O N kelTon i 11is KUAW-
Bpixiig tmpaveias, kabos kal k&Be &\o onpeiov Tiis e0Belas NN,.

181. EITIIEAOI TOMAI KYAINAPIKHE EINI®ANEIAL TAP \ AAHAOIL
MPOLX TON AZONA.— EoTw kukAikf KUAiv-
Bpin tmgdveia (E) (ox. 143) xai émimedov
(P,) TapéiAniov mpos Tov &fova OO, Tis ku-
AwvBpikis Empaveias, fitor wpos TV Biev-
guvow (8). To (P,) B& Téwvn T Emimedov
(P) ToU 68nyoU kUkdou kata Thv elbeiav
Xy-

«) “YmobéTopey &1 1) Xy Bév Téuver ToOV O-
snydv (O). 'Eqv 7o &wimedov (Py) Erenve v
kuAwdpikiy émeaveiav (E) els 1o onueiov N,
# TapdAAnAos fi &youévn Ek Tou N mpos Thy
BievBuvawv (8) B& Eteuve TOv OBnyov kUkAov
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els 2v onueiov N, xelpevov émi Tfis xy, Smep &roTov. *Apa 16 émimedov (Py)
oUBty koo onueiov Exel PETA THS KUAWBpIKTs Emipaveias.

B) “Eotw 671 ) XY Ep&TrTETON TOU 581yoU kukhou els TO anpeiov A (oX. 144).

“Oha T& onueia THs TapaAAnAoy Tpds THY (8), Tijs &youevns dix TOU OT}-
pefou Emapiis A, KelvTan &g’ Evos pév émri ToU ¢rriméSou (P,), &g’ Etépou 8¢ el TiiS
kuAwBpikfs emeaveias (E), kai novov aUTd. *Apa T EmimeBov (Py) Exel MET
Tiis kuhwdpixis mpaveias (E) xolvd omueia povov T& T yeveTeipas AN, kai
pdvov auUTA.

Iy. 144

v) "EoTw &T1 i Xy TéUVEL TOV 58y dv kUkAou els T& anpeia A xal B (o). 145).
“Oha T& onusia TGV YEVETEIPGOY 6V dyopévev &k TV A kal B, kelvTal ¢l ToU
¢mmedou (P) ol émi TRS kuABpikils Emipaveics. "AvTioTpOpWS, gav M elvan
TUYOV onpEiov, Kooy ToU ¢gmmébou P, kal Tiis Empavelas (E), 1) ¢k Tou M &yo-
péun yevételpa O keiton £l TOU (P,), kai ko’ dxohoubiav B Tépvn Tov SOV
xUKhov ele T6 onueiov A fi B. "Apa 16 (Py) B& Thuv THY KUAWVBPIKTV ETIQaVEIY
katd BUo yeveTeipas.

Bk tédv dveotépw EmeTon 8T1:

Ilaoa topt kukivopikiic tmoaveiag o Emnédov mapalifhov mpdg Tag YE-
vetgipag abrijc elvay dbo yeverepa i pia.

182. TOMH KYAINAPIKHE EMI®ANEIAL YI1O EMNITEAOY ITAPAA-
AHAOY IIPOL TO ENINEAON TOY OAHI'OY
KYKAOY.—

*Egrew Emimedov (P,) mapdAAniov Tpds TO Eri-
meSov (P) ToU 68nyol kUkhou Tis kuAwdpikils Emiga-
velas (E) (ox. 146). Mia yevétapa s (E), &youevn
& Tou onpeiou M ToU kikhou (O), Tépver T (Py) els 10
onueiov M,.

‘0 &Ewv Ox Tis kuAwdpikiis émeavelas (E) Té-
wvel T mimedov (P,) eis 1O ampeiov O,. Al eluBelal
00, kai MM,, s TapdAAniol mpos Thy (8), opifowv
¢rrimreBov, T &moiov Tépvel Ta (Py) kal (P) kaTa Buo
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£UBeias TapedAdrous, O;M,; kai OM. To oyfjua OMM, 0, elvan TapoAANAOY pa-
Mov, “Apa O, M, = OM. Kot dxolouBiav T& M, ypdgel kUKAOV KEVTPOU 0,
kal dxTives O, M, = OM, keipevov gml ToU Emmedou (Py).

*AvTIoTPOPWS, T TTap&AATAOS mpos ThHv (8), 1 dyoupévn £k Tou M,;, TEWvel
16 ¢mrimedov (P) eis To onueiov M. To oyfipa O,M;MO elvan TapaAANAOY paik-
Hov ki OM = O,M,. "Apa 16 M xeiTad i ToU kukAou (O) kal kar’d koAouBiav
T M, keltan emi TS KUAIVBpIKT]S tmopaveias (E).

"Ex Tév dueoTépw EmeTan 6T

Mav érinedoy mapahhiniov mpos tov 0oMyov Kuhvdpikile Empaveiog TEpveL
ity katd KokLOV igov TPOS TOV 03MYOV KUKLOV.

183. KYAINAPIKH EMI®ANEIA EK NEPIETPO®HE.—"Eotw O TO Kév-
Tpov ToU 8BMyol kUKo kai (OX) & GEwv ToU kukhou ToUTou. "Eav A kai B -
Vot BUo &uTIBIOUETPIKG OTMEIT Tou kukiou (O) kal AT 0
SxBolv of evbeicn (Ay), (By1) TrapdAANAC PSS TOV ‘ ?ra. - 7
Wova (OX), TéTE, TOU A Sloy pagovTos TOV Ku- '.
Khov (0), # (Ay) 8& ypayn wiav KUALWBPIKTY ETTI-
Paveiay Ek TEPIOTPORTS. 2OTE

Kviwdpiki £mgavela fk memoTpo@ilc Kaheitat
W Emgavera, | Oroia TapayeTal oro evbeiag oovav- [P :
Thone ¥va kokiov, Kai kabétov gni 1o Eminedov 10D ' ~:

i
'

IR o
I"._-& : -

o™\

KkUkiou tovtov.

‘H Toun THs xUAWBPIKS ¢migaveias EK TEPI- Sy. 147
STpogfis (o EmimiBou BiepxoHivou i ToU &Eovos
®tfig (OX) elvan SUo yeveTelpal Ay xal By,, mop&AAnAol pos Tov &Gova (OX)
kel guupeTpikal G TPOS TOV &Eova.

184. LTOIXEIA LYMMETPIAZ KYAINAPIKHE EINMI®ANEIAL. — Otw-
POUNEY kUAIVBpIKTY ETTIQAVEICY, fi omoia bpileTan e fva kikAov (O) kai piav
SicuBuvaty (8), Thaylov Trpods TO EmriTredov Tou kUkAou (O).

lov: *Eotwoav 8Uo omuElx A xai B &vTiBiapeTpika
o0 kukhou (O). To O elven kévTpov ouppeTpiag Bid Tas
Buo yeveTelpas (y) xai (Yads &g Siepyouévas Bia Tév A kal
B dvTioTolyws. “Apa TO O elvon &v kévTpov OUPRETPioS
S1& Ty KUAWBPIKNY ETTIQAVEIRV. Touto cupPaivel kai Bia
k&fe &AAo omuEIOV ToU &Eovos OZ. "Apa 6 OZ elvon &Ewov
ouppeTpias B Sha T& Levyn TRV YEVETEIPQV, EKQOTOV

Iy. 148 +éov dmrotcov TepiEXEl BUO QuTIBIGUETPIKG onuEla ToU 6Bn-
you KUKAOU (@)

"Bk tév dveotépw EmeTan OTH:

~ Taoa kukiaki kvkwvdpixi Emeavela gyet aneipa kévipa ovppetpiag (Sha
T8 onueia ToU &Eovos OZ), (ox. 148)-
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2ov : "Eotw Eva Ewimedov (P) k&BeTov émi Tov &Gova OZ Tijs kukAikils kUALY-
Spikiis tmipaveias. Touto B4 elvar kd&BeTov kol Tpods Tés yeveteipas aUTfis. Kat’

dxohouBiav Tuxdv onueiov A wds yeveteipas (y), Biep-
youévns 81 ToU onueiou I Tfis Toufls, £xel TO ouupE
Tpikév Tou B émi THis alTfis yeveteipas (y) dog Trpds
16 Emimedov (P). "Apa:

Iaca kabetoc topn) kvhwvdpikic émeuveiag gival

ininedov ouppetpiog avtijc.

3ov: *Eote (P,) &v EmimeBov, Biepyodpevoy &1 ToU
&Eoves OZ mds mAayias kUAVSpikiis Emeaveias, kabe
Tov émri 6 émrimeSov (P) Tol &8nyou. To (P,) Téuver 0
(P) xara tnv BidpeTpov AB, ) ool elvan &€cwov ouupe
Tpias Tou OBnyou xukhou (Q). Eis Ev Tuyov
nueiov M 1ol kUkhou (O) dumioToiyel &v
anueiov M, airoU, ouppeTpikdy Tou M dos TTpos

v AB, (oyx. 150).
‘H edfeic MM, elvon kéBetos émri 10 (Py).
Al yevéTeipan (y) kai (y,) of dydupeval &k TV

M xai M, elvan TapdAAnAor pos Tov &fova /B M,

OZ. "Apa 10 émimedov (P,) elvon TrapdAAniov \ \ \\\ \ \
Tpos Tas yeveTelpos TauTas, dméxov iodkig \
ToUTwy. “Apa ol yevéTeipan (y) xai (y;) elvan £x. 150

guppeTpikal ¢ Tpos 1o (Py). "Apa:
[Mav irninedoy diepyopevoy 61 tod dZovos Kuivdpikilg Empaveiag Kai kabetoV
ini to tniredov tod 06myoD KOKAOU, Eival émimedov cuppetpias tig Emgpaveiod

TaUTNS.

4ov : “Eotw (P,) v trimeBov, Biepyopevov S1& ToU &fovos OZ Tiis kukAkiis
kUAIWBpIKTs Empavelas pt 08nyov Tov kikdov (O), k&BeTov émi To Emimedov Py

Zy. 151

Coy. 151°).

To (P,) Tépver Tov 68nyov kUkhov katd THY
Bidpetpov AE, xdfetov Emi Ty AB. OswpoUpey
&Uo onpeia N kai N, ToU 68nyoU, ouppeTpikd &5
Tpos THY AE. To émimedov Tdv yeveteipdv (YY)
kal (y,) T@v Siepyoptveov Sid v N ke N, el
ven kabeTov émi v AE ToU émimédou (P,,) 10T
N AE elven kébetos émri thv OZ kai émil v NNy
"Apa 1o émimeSov NNy, elvan kd&Betov i T0
¢mimedov (P,). "Emeidy 16 H elvan péoov Tou Tun”
paros NN, kad ol yevitaipan (y) kol (y,) Siép-
xovtar 81& Tév N kai N,, Emeran ol (y) kol
(y1) elvan ouppeTpikai s wpos TO Emimedov (Py):

*Apa ) kuhvBpikn Emgdvela BeyeTal s émimedo. suppeTpias kal TS EmimeSov (Py):
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‘Ex Tév dveoTipw EkTeBivTeov guvdyouev OT, &mo 1o TUydv anupeiov O
Tou &Eovos OZ was kUKAIKTs KUAIVBPIKAS tmoaveias duvaueda va épeopev Tpia
trimeSa oupMETPITS

a) To dua tob aZoves OZ kabgtov &ri to Eninedov P ol 0dnyod 1o (Py),

B) To dua tob #igovog OZ kabetov ini 1o Eninedov Py, 10 (P,),

y) To s tod O wabetov éninedov mi tov dova OZ, o (P).

T& Tpla Emimeda (P), (P1), (P,) oynuatifouv Tpiedpov ywviav Tpioopdo-
Ycoviov.

Al dxpad TauTns elvan GEOVES cuppetpiog TS kuAWSpIkTs EmiQavelss.

185. KYAINAPOZE.— Kohwdpog civar to Livoiov, Tol Omoiov ototgeia £ival :
W Egmrepikd onpeia Vo EmmEdmv topdv KuAWdpKiS Emgaveiag, napakiniov
PO Tov HdNYOV KUKLOY, Td onpeia TV TORAY T0DTOV Kai
W onpeia THg KUALVIPLKTS #mpaveiog T@ peTaly OV T0-
ROV tohTmV.

O BYo kUKol Topfis xahoUvTal Pacelg Tou kUAivBpou
kad eluan Toot.

‘H xown &kTis TV elven 1) axtic R TOU KUAIVEpoOU.

‘H &mréoTacs TGV BUo Pocwv elvar TO Byog ToU
KAivBpov, (ox. 152). Ty, 152

"Eav ol yevéteipon ToU KVAIvEpoY elvan k&BeTor TTPoS
Tag Baoeis, & xUAWSPOS koAeiTal KOMVEpoS EK mEPLOTPORTIS, GAAWS AfyETon
Thipog kikvdpos.

. Miax yevéteipa AAy, of dxrives OA kai OjA;, kal 16 Tufiua 00, Spifowv 16
“ploycviov OAA,O,.

Kot dxohouBiow & kUhvBpos £k TepioTpOPRis BuvaTal v& Becopnfiy 6T -
P&yeTen &mod TO dpboycoviov 00,AA (ox. 153), STav TOUTO OTPOPT TEPL TNV
&xivnTov mheupdy Tou 00, KoTd ywviov 2.

‘H 00, koheitTan GEwv ToU Ex TepioTpopfls kUAivdpou,
16 B¢ dpBoycoviov 00,AA xaheiTal peonupprvoy Eninedov Tou
gk TEPIOTPOPTIS kUAivBpou.

M&v &mimwedov Siepyxopevov B1& Tou &fovos OO, ToU Ex
TEPITTPOPTS kuAivBpou elva, Trpopavds, tmrimedov ouppeTpias

aUTov.

‘O kUAwSpos EK mepioTpopfis BUvaral v fecopni s
<6 “YrooOvehov 100 Tuvorov T@V KUKAOY, ol omoior fyouvv
WV airpy izova kai Ty adTiy axtiva kaberov Emi tov afova 00, mag £k me-
m“POtPflg KuhLvBpLilc Empaveiac.

186. EGAIITOMENON EINIMEAON KYAINAPIKHE EK [IEPIETPO®HE

HMIGANEIAL.— Oewpolpev kUAVEpov Ex mepioTpoils ué agova 0O, T on-
uﬁf’"’ A &l Tiig kupThs Emeaveias avTou, THY yevétaipav (y), i dtoia BiEpXETaL
X ToJ A xai Téuver Tov OBnyodv kukdov () es TO onueiov B. ‘H yevéTeipa (y)

Ao
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glval, Tpogavds, TapdAAnios Tpos Tov &fova 00;,. ‘H tpamTouévn BA, «is T0
B Tol &Bnyol kukhou () elvan kdBetos i THY GKTIVG OB ToU 681you kukAou:
‘H BA, elven émions kafeTos émi Thy yeveTeipay (BAY). “Apa 1) BA, elvon ko-
(v) Betos Trpods TO Emimedov (OBAY), (ox. 154.

To trmimredov A,BA, 10 dp1ldpevoy &mo ThHv YE
véTetpav (y) ToU anueiou A xai &mo ThHY EpaTrTOHE
“(E) vnv BA, Tou 88nyou kikhou (M) e 1o onueiov B

ka® O 7y (y) Téver TOV OBnyov kUkAov, KoAeiTa!
Epurntopevoy éminedov THs &k TEPIOTPOPTS KUAVEPL
[P ks tmgaveios.

| =

Ay ?,,AO / To emimedov OBAB,O, koheitor peonpfpivoy
: ety (B imingdoy THg xUAIWSpPIKTS TaUTns émgaveias. “QoTE!
To tguntopevov Emimedov eic Ev omuelov puds

;}—5“ ‘ ik neprotpogilc KUAWVOPIKTS Emgaveiag ivan Kabe

Sy. 154 tov éni 1o peonupprvov Eninedov abtiic, 10 SiepyopE

vov o1 ol enpeiov tovTou.
"Ex ToU épiouoU ToU EpomrTouévou EMITTEBOU WIS ék TEPICTRORTS KUAIVEPK
Kfjs EMQaveias TTPOKUTITEL o1l :

lov : "Oka ta onpeia tiig veveteipas (v) tod onpciov A Exovv 10 avto fpantd
pevov Eninedov (P)). Anhadn 7 yevETEIpX (y) ToU onueiou A keltan &l Tou e@d”
TrTopévoy tmimEdou (Py).

20v: To épartopevoy ininedov (P)) £ig 10 A div Exer, IKT0g TOV onuLioV 1411
(), @120 KOOy anpeiov pE 1OV KU LVOpov,

‘H &mddeafis yivetan i Tfs els &Tomov dmoywyTs.

‘H yevéteipa (y) Tou onueiou A dvoudleton yevitewpa Eragiig Tis kUAW
Bpikfis émeaveias (E) kal Tou fpaTrTOpévoy EmiTreéSou els TO A.

Al dmrootdoes Tév onueiwy Tou &Eovos OO0, ToU ik TepioTpogiis kuAivBpoV
&md ToU TuybVTOs EpoTrTopévou aUToU EmimSou elvon foon pog ThHY dxTive
Tou kuAlvBpou ToOUTOU.

*Ovopdlopey Epurtopivny Tfis kUAWSPIKTS &k TeploTpogfis Emipaveias ls
16 onueiov A aUThs, TGoaV eUBeiav Biepyopévny B Tou A kai kelpévny i ol
éparTopévoy EmiTEGOU a¥Tiis Eis TO OTUEIOV TOUTO.

KéBe tparrropévn edeia (€) Ths ék meploTpopfis KUAWSPIKiS Emipaveids)
gls To onueiov A aUTiis v Exel, ékTos ToU A, &GAAO KooV ampeiov WE TNV K'J’j
AvBpIknV ETIQAVEIQY. |

‘H &mdBeifis yiveron Sia Tijs els dromov dmaywyfs. 1

187, 'Ecotepikov kai sEmtepikov enuelov kukivépou ik mepotpoefis. “Ev anueiov A 96!
dvopaleton Eomtepkdy Evds xuAivBpou Ek TERIOTpOgTis Gv, kai wpovov &v, f € auTol &Y*
pévn Tapdiinios Tpds TS yeveTeipas Tou kuAivBpou Tépvn Tas BUo Pdoers els towTepika o
peia auTdwv. -

Mav onueior 16 dmolov Bév eivan towTepikoy olTe anuelov Tiis kKUAIWEPIKTS Emgaveias, kK&
heften EEmtEpikoV omueiov adtob.
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Eoxdhws &moSeikvueTan &T1: "Amd anpeiov M, EEatepikov  Evdg Kuhivipov, @yovra o,
kai povov dlo, teantopcva inineda avtol.

‘H &modeabis eUkohos.

188. IIPIZMATA EITETPAMMENA KAI MEPITEFPAMMENA EIL EK
[MEPIZTPO®HE KYAINAPON.— o) "Eotw kUAWBpos
ik TreploTPOQTS HE KUKAIKAS paoeis (O) xai (O,). Eis Tov
kUkhov (O) Eyypdgopey & mroAUycvov ABIAEZ. "Ex T&v
Kopup@V TOUTOU A,B,I,A, E,Z &youev Td&s YeveTeipas TOU
KkuAivBpou. AUTal TEUVOUY 15y &ARov xukhov (O;) xaTd
T& onpeia Ay, By, Ty By, E,, Z, dvmioToiyws. TS TrpokuU-
wav Trpioua ABFAEZ A,B,T; BEZ, elven Eyyeypadpévoy
glc Tov ik TEpIOTPORHs KUAIVBPOV 00;.

“Ogte : “Ev mpiopa 0& AEyetal Eyyeypappévov €ig
KOhivdpov, £av ai paceig TOL sivar mohoyova Eyyeypoppi-
va gig tag Pacsig tob kuhivépov, ai 6t naparhevpol akpai
tob mpicpatog eivar yEVETELPAL 100 KLLIVOpOL.

B) Tepi ThHv Paow (O) tvds &x EPIOTPORTS KUAIVBpOU TrEpIYpaQOLEY TO
TOAUY WVOV ABTA kai &k tédv A,B,IN A &yopev Ta-
pahAfhous TTpds 1&g yeverelpas ToU kuAivBpou. Al
TopdAAnAol aUTal TEWVOUY THv &y Baow (O,)
xaTd T& onueia Ay, By, o aN

To wpokUyay TRIoHA ABTAA,B,IMA, elva Tre-
pLyEY POHHEVOY repl Tov kUAWSpov OO;. “QoTe :

[piopa Oa héyeron rEpLyEy pappévoy mepl Ki-
Lvdpov, drav ai paceg 100 kvhivdpouv sivar Eyye-
ypappévon £ig Tag pacerg tob mpiopatos, ai 6 £opar
B toi mpiopatog eival imineda EQURTOpEVE TG Kuhiv-

Sy. 156 dprxiis Emeaveiag.

189. EMBAAON KYPTHE ENIGANEIAL EK NMEPIZTPO®HE KYAIN-
APOY. OPIEMOX.— Kahobpey Eppudov Kuprije Empaveiag Kukivépov &k mepi-
otpogpils tO Gpov TS axohovdiag t@v ippaddv OV Tapa-

Thebpav EmQaverdv 2% v Kavovik®V TpLopdTov Eyyeypap-
REvev gig TOV KDLLVOpOY.

"Egteo ABFAE... AB,... kavovikdov Tpioua, by ye-
Ypauutvov els Tov £k nepLaTPORiis kUAwBpoy, Upous U kal
dkTivos Paoews R.

To tuPadov € TS TTapaTTAEUpOY ¢mgaveias Tou Tpi-
OhaTos TouTou Elven ¢

¥ E=w M (@b
BuBa ¢y 1y TrepineTpos TS PacEws avTou.
Kar® dxolovblov: ope=op (& - V)= (opa)v (2) sy, 157
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*Emreidn B¢, € dpiopoU, ope elven T tppadov E, Tis xupTiis Emgoveias
Tol &k TrEplaTROPTS KUAVBpov, kKal opw = 2R, TO ufjkos Tou kixkAou Tiis Pacews,
N (2) yivetan :

E,=2zR-v 3)

“Apa s To infadov tijc kuptiis Emaveiag kviivépov ik meproTpoeils iooltal
npoc To YIvopEVOV Tob pijkoug tol kikAov Tig Pacswg Eni 1o Dyog adrod.

To éupadov Tis OAkiis fmeaveias ToU &k TEpIOTPORTS kuAivBpou B& eUpedT],
&v els T epPadov THs kupTis Emipaveias Tou TpooTedT TO EpPadov Tdv Buo Po-
oewv adTou. "HTol:

E,, = 2wRu -+ 2wR?= 2R (v+R). (4)

E,=2rRv -

= :
L E. = 2r R (v + K) ®

190. 'Avantuype tiic émgaveias wkukivépov ik mepiatpopiic. TMapadeydueda ST, éav
koywpey  TOU kUAwBpov &k TEPIOTPOPTS
(ox. 158) xatd pijkos Tfs yeveTeipas AA;
aUToU, Buvaueba va épapudowpey TRV Kup-
Thv émgdveiav abToU émi évos Emimébou.
AapPavopev oUTws &v dpfoydviov, Tou
omoiou T6 Uyos elvan foov Tpos TO Uyos Tou

onR ) TEPIOTRORTs KUAivBpou Kai TO ufjkog Tiis
Paoecs Tov looUTan Tpds THv TrepipeTpov
Tx. 158 2R ToU kUkAou THjs Paoews Tou KUAlvEpou.

Eis 16 6pBoycoviov TouTo EmiouvaTTOUTES Kal
Tous kUKAous THs Paoews, AapBavouev TO dvamTuypa Tis OAkils émipaveias Tou kuvAivBpou.
Kat' dxohoudiav ErainBelovtar of TUmor (5) Ths (§ 189).

191. OFKOX KYKAIKOY KYAINAPOY.—Kakolpey dykov KukitkoD Kukiv-
dpov, 0 bprov tiic axokovdiag TOV GyKOV 2% . v kavov.
npopdrov Eyyeypappivoy gl 1oV KUALVOpov todtov.

*EgTo TAdy10s kukAIkSs KUAIWEpos (BE, ), (ox. 159),
kal ABFAEZ #v kavovikdv TOAUywvov Eyyeypaupé-
vov el THY kd&Tw Pdow Tou kuAivdpou TolUTou. ’Ex
Tév A, B,..., Z &yousv Tas yeveTeipas ToU kuAiv-
dpov, oiTLves Tépvouv TOV Gve KUKkAov els Ta onueia

BBl s e g

To oxnuaTiobiv mpiopa (BE,) é-
XEl Pacels kavovika ToAUywva. “EoTw
v To Uyos Tou TpiouaTos. TeuTo elvat
kai Uyos Tou kuAivdpou. ‘O dykos V, Tou mpicuaTos -elvat

Ny=B:- (D)

“Apa : opVy=opB . v (2)
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*Emreidty 88 opV,, E€ Spiouoy, elvan & Gykos V 10U Aayiou kukAikoU kuAivBpou
kai op B = wR2= 70 tpPadov Ths Péoews ToU kuAivBpou, STav & &p1buos TV
TAeupdY TGV PACEWY TV TPITUAT@Y CUVEX RS SimAaotalnTay, 7 (2) yiveran :

: V =mR2- v 3)

*Edv & kUAWEpos elvan K TEpIoTPOPTis, TOTE TO Uyos u glvan foov pé Tov &Eova

00, Tol xuhAivBpou ToOUTOU, kai B Exoopev TEAW :

Kat® drohouBiav :

‘0 $yKk0z Kukivipov pé paocers KUKhoug iooltaL mpog 10 yvopevov tob Eppa-
Sob tob kOKkLov THg Pastws éni o Dyog avrod.

192. TIOPIEMATA : L.—"Eav 800 KOhvdpor Exovv 16 adtd Gyog, 6 hoyog TV
byKkov tov isodtal Tpos Tov LOYOV TOV TETPUYDVOV TEHY axtivov tdv facewv avtd@v.

I1.— "Eav 800 kokvdpor Exouv oo paceig, 0 hoyog T@V dyK@V TOV icobtal
npog tov hoyov T@Y DYEV GUTAV.

193. OMOIOI KYAINAPOI().— ‘Opropoc.—Avo kikvdpor ik mepLoTpoRiis
Léyovtoy dpotor, drav gl Sua Tod @tovog Emimedot topal aUT@OV eival dpotat.

Oewpolpey BUo KUAivEROUS 00, kai
KK, (ox. 161), TotoUTous coTe al B
Tév &Eovv 00, KK, &youeval Topal
ATAA, xai BIMA,B, va gval Suora opbo-
yooua. Tote a O0,AA, KK,B,B 8 el-
val Suola, pi BlaOTXOES R,v xai Ry,
v, dvrioTolyws. Kota Ta yvwotd, 8a
elvan ¢

R V] R+v

e e , kaoi
Ry Ry
E=2nR u | E R _l_{#_rl_{_ R2 e R
T R e T e Ry R g
‘Oupoics :
Ean = 2R (u+R) R - B - e e
I R o, B E o i — = 9
Bl = 2R, (uy + n,)} pil -t METES TR )
"Ex tév (1) kai (2) EmeTan OTl :
E Ea R v
== &)

E] p Elol “: U:
AnAadty: 'O koyog TV ippuddv 600 dpoiwv kuhivbpov iooltal mpog oV Ao-
TOV TdHY TETpEyOVOY TOV axtivoy Tov ij TOV TETPAYOVOV THV VYOV avtdv.

(1). Oiv Tptmer va yivn ouoxETios ut Ta Spoia ToAUedpa
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*Emrions 8& Excouev :
V =mR%u b R®  ?
: = — ; = —. 4)
Vi=mRy v, v
“Apa: ‘O khoyog 1@V dykov d0o opoiwv kuiivépov igobtar mpog tov Loyov
@V KOPov t@v aktivov tov §j tpog tov Loyov TV KOBwy tOY Dydv avtdv.

ASKHZIEIZ

564. ‘H dxis Tfis P&oecs kuAivBpou &k mepioTpogiis eiven 8 cm, kal T Unyos Tov 12em. Na&
Utrohoy1a8i} & Sykos kal i Emedveld Tou.

565. KuAw8pixn oThhin xer Gwos 8 m kal tpPadov kupTis Emeaveias 25,12 m2. Toios eivan
6 OyKkos NS ;

566. KuAwspikn SeSauevr éxerl Pados 4 m kai dykov 12,56 m*. Na Umrodoyiobi) 16 éupadov
Tfis xupTs ém eaveias Tng.

567. Sinpa xuAwdpik oThAn éxer Sykov 4,5216 m® xai EpPabov kupTiis Empaveios
15,072 m®. N& Umohoyiabij f| dkTis Tis Paoews, To Uyos kai TO Bapos TouTov, &v To elb. Pdpos
ToU o8rjpou elvar 7,8.

568. Ta éuBada T&v kupTdY Emgaveidy Buo kuAivBpwy Etk TEpIOTPORTs, ExdvTwy Toas Pa-
gels, elvan s Ta Uyn auTdv,

569. Ta tuPada TéV kupTGY Emeavady 8Uo kUAivBpwy &k TepioTpogs ExevTwv Toa Iy,
elvan dos ol derives Tdv Phoewy auT@v.

570. To éuPadov Tiis dAkils Empaveias kuAlvbpou &k TeploTpopfys elvan E xal fi mepipeTpos
Tfis Pagecs Tou [, N& Umohoyiofij & Sykos auTou.

571. N& Umohoy1o0ij 16 Oyos xuAivBpou tk TeploTpogfis, ¢k ToU éppabol E s kupThs
¢mipaveias Tou xkai ToU EpPadol E, Tiis SAkiis émgaveias Tou.

572. Na Umohoyiadij 1o éubabov E Tfis kupTis émeaveias kuhivBpou ik mepioTpopfis &
ToU Syxou Tou V kai THs dxtivos R Tfis Paoecws.

573. Avo xuhvBpor #k TepioTpogiis Exouv loobuvauous kupTas émeaveias, Tlolog elvar &
Adyos TGV GyKwv TWY

574. Ao kUAEpo1 Ek TIEPIOTPOQTS Exouv looBuvapous Sykous. Tloios elval & Adyos Tddv
KUpTEY ETIQQVEIGY TV ;

575. N& Umodoyiodoiv ol Siggrtdoeis dploywviou, yvwoTtol évros 8Ti, &v oTpéywuey
abTo SiaBoyikds Tepi Tas Buo Siaboyikas TAeUpas Tou, ol Tapayduevor Sykol elvan dvTigToiyws
V=108m* kai V, = 12md

576. “O &yxos kuAivBpou &k TeploTpogfis looUTal Tpos To yivduevov Tou EuPadol Tol dpbo-
ywviou § ol TapdyeTai, Eml TO BijKos Tou kUKkAoU, GV Ypdgel TS kévTpov Tou pBoywviou.

577. ‘O &ykos ToU oynratos Tou Tapayopévou Utd ploywviov, oTpepoptvou mepl &ova
Toi tmmiSou Tou, TapdAANAoY Trpés Wiav TAEUpAV auUTOU, un TéuvovTa aUTo, igoUTal Tpés To
ywdpevoy ToU EuBabol ToU dpBoywviov Emi THY MepiueTpov Tou kUKAou, SV YpagEl TO kévTpov
ToU &pfoywviou TouTou

578. Na &yff émimedov mapdahAniov pos Tas Paoeis kuhivipou éx TepoTpogiys, olTas
GoTe | Toun va elven péom Gudhoyos TEY KUPTEV ETIQaVEIDY TGV &Uo oxnuaTifopévwy KUAiv-
Spwv.

579. ‘O &yxos kJAivbpou Ek TEpIoTRORTs IooUTan TIROS TO ywduevov Tiis kupTHs émpaveias
Tou i TO fiMiou TTis dxTivos THs PAaCEWS TOV.

580. *Erimredoy meptéyov piav yevéteipav (y) kuhivbpou éx TepioTpogfis kal Ev onueiov A
THs kuAwBpIkis Emgavelas Tou, EmavaTéuvel alThY KaTa piav yevéteipav, Siepxoutvny &1a Tou A.

581. 'Eav 8vo émimeba tpdmrTewvTal wmds kuAwdpixiis tmgaveias ¢k TeploTpogiis, i Toun
Twv elvarl TapdAAnAos wpos TAS YEVETEIpas.
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582, A& onueiou A v &x8ij EmimeSov tpamTopevoy Wwds kUAwBpikils Emigaveias b Tep1-
oTPORTS.

583. N& ay07 tmimedov dpamrdpevov kuhwbpikfis Empavelag éx TepioTpogiis kal TapdAAn-
hov Trpods Sobeicav SieuBuvo (8).

584. Mic euBeia, Siagopos wids yeveTelpas kuAvBpixils Emgaveias &k TepIoTPORTis, Bév Bu-
varal vd £xn) KOwa onuEia TepiocodTEpa TGV Buo pet’ abTis. *Eqv Exn Tpia, 8& oupmiTTn pE piav
YEVETEIPOV.

585. Toios & yewy. TOTOS TGV &Edvewv TRV kUAiVBpwY, TGV épamTopivev Buo TrapaAAfAwy
EmiTEdwv

586. ‘Opoiws Tédv tpamroutvey BUo Emmebewv.

587. Na& opiodi KUAIWBpIKT ETIQavEIX ik TeploTpogis, EpaTrTouévns Suo Bobévtwv EmiTTé-
Bewov kai Siepyouévn dia BofévTos onueiov A.

588. 'Eaw Eimebov Tépvn yevéTaipay kUAIEpIKAS Emigaveias. B Téuvn kel Tas GAAGS.

589. TMav émrimeSov (P) Biepyduevov i s yeveTeipas kuAvBpIkils Emeaveias, TEMvEl Tau-
v kard plav ANV yevéteipav fi EpaTrTETal aUTHs.

590. O &foves 5o xuAEpIKOY tmpavedy elvon TapddAndor. Na opiofi # Touf alTdv
Kai T& kowd EparTopeva Emimeda.

591. Aocd%ions kuAwdpikfis Empaveias éx TepioTpogfis, T kowh k&BeTos ToU &fovos kal was
Xopbiis SiépyeTan B Tol uéoou THs xopdiis.

592. Elg xUAwSpov ik TEPIOTPORTS &youev BUo tpamTopeva tmiTeba TapdAiinAa. Né& &mro-
Sery0f &1 Umdpxn HeonuPpivov trrimeBov kowdv TGV Buo ToUTwv Emmédwv, k&BeTov Tpos
alTéd,

593, "Ectwoav O xal O, T& kévtpa TRV Pacewv kuAivBpou kal M onusiov EkTos oUTou,
Li& Tol M &yovtan T& EpaTTOMEVT trimeda ToU kuAivBpou MAB xkai MIA. 1) Na Beix8i) ém
AB || TA. 2) ToémimeSov OO,M SixoTopuel Th biedpov T6v EpamToptveov Emmidwy. 3) To #mi-
TeBoy OO,M BiyoTopel Thy Biedpov AOO,A. 4) To émimedov ABIA elven kéfetov  mpos 16 éri-
Tebov OO,M.

594, Oecopoupey Shas TaS evBelas Tas dmeyovoas &méoTac R (Sobeioav) &1ro oTabepdy eU-
Beiqy (X). N& dmobey 6T maoa al ebBeicn alrtan EgdmrovTan mds kuAwdpikiis Emeaveiog
& TepioTpoRis.

595. TMoiog & yewy. ToTOS TEV eufadv (8), ol domoia &méyouv dmooTacels o,f amo uo
TapaAAiicy eBady (x) kai (¥):

596. Nox eUpedy & yewp. ToTOS TV onuelwy ToU Xdpov, &mo Ta dmola BUo kyAvbpor ik
TEpIOTPOPTS, HE TapaAAfAOUS &Eovas, gaivovTal Yo Thv abThv SieSpov ywviav.

597. N& eUpebij & yewp. TéTros TMY oTUEiwy ToU Ywpou, Qv al opBail rpoPolai &l Tdg wAEU-
Pas BoBévTos Tprydovou keivtan mr’ eubeias.

598. N& eupedij & yewp. TOTOS TGV onpelwy Tou ¥dpou, GV & Adyos TOV &ToTTATEWY &TTO
Buo eUfelas TapaAAfhous elval A, fi To &fporopa TEV TETPOYWVWY TEV GTMOOTACEWY &Td TS
€0Beias TordTas elvan k2

599. N& ebpedij & yecou. TOTOS TV onueicov ToU ¥wpov, Gv & Adyos Tév drooTdoewy &md
BoBty ErrimreSov kai Bobiv amueiov elvat A.

600, Awx Buo TaparAfiwy elfady &youEV Buo tmimeba kaBeTa. Tlolog 6 yewp. TOTOS TS
Toufis auTdv.

601. AiBetan kUAwBpos ék TEpITPOPTs Kal omueiov P ¢xTos avTou. “Ayetar | Téuvouoa
PAB arou. N& spedij & yewy. TéTros ToU pégou Tiis Xopbiis AB.

602. N& eUpedfy TO ouppeTpixoy KUAivBpou &5 rpds &fova kal dg Tpos EmiTebov

603. To dpoiéBeTov kuhivBpou G TTPOS kévrpov elvar xUAWSPoS ;.

. 604. AUo xUAIvBpo1 £k TEPICTPORPTS Eyouv Tous Gfovdas TwWY mapaAinious. Na dmodeiybi
ST Toun Twv elven ToUAGY10TOV BUo yevETEIpQL.
605. KUABpos éx TreploTpo@fis EXEl &xTiva Paoews R = 4 xal Oyos u= 3. N&a Ba-
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¥07f 6T Umdpyel Ex TEPITTPOPTS KUAIWBpOs Exwv TO aUTod tuPabov SMkfs émgavelas kal TOV
abtov dykov. Moiar al BiatagTes ToU SeuTépou kuAivEpou ;

606. N& xkaraokeuagdij kuAwdpikn émgaveia ix TEPITTPOPTIS tK TPIDY YEVETEIPGV aUTis.

607. ‘Opoiws ik Tpidv Sobévrwy fmimebwy TapaAiiiwy wpos Sobeicav elbeiav.

608. ‘Ouoiws #x Buo tpamTopéveov EMITESWY xal pids EQaTTTOMEVTS.

609. ‘Ouoiws tx Buo tpamToptvav eufeidv xal Wds YEVETEIPOS.

610, N& kaTaokeuacdij eUfiia mapdhAnhos pds Bodeioav eufeiav (B), kai Téuvouoa Buo
whous (M) kal (1) kewpévous dvmioToiyws émi Buo mapahAniwy tmimedwv (TT) kai (TT,).

811. AUo kUASpaor Exouv To alTo Uyos kal kowév &fova. “Av IR > R, sivan al GKTIVES
Tdv Paoewy aUT@Y, va Umoroyiodi & ykos alTéY, & TEQIEYOHEVOS peTaU TAv Buo kuAivBpwv,
&v ol Paoeis Twv keivTal dmi TOU aUTou Emimrédou.
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KE®AAAION XIII

KQONIKAI EMI®ANEIAlI — KONOX — KOAOYPOXI KQONOX

IAIOTHTEZ

194. OPIEMOYL KONIKHE ENI®ANEIAL.— "Emi émmedou (P) Becopou-
wev kUkAow(l) kal onueiov X &KTOs TOU ETi-
meSou (P).

Kalotpev kovikiyy émeaveiay, 1o Zi-
vokov tév £00aidy (7), Ekdoty tdV Omoiwy
Siépyerar S1a tod orabepod ompeiov I kai
Exer kowvov onpeiov pé tov dobivia Ki-
khov ().

‘0 xkUkAos (M) koaheitan 68my0g 7 pa-
o1 THg KwvIkfjs TaUTNS Emipaveias. To oTa-
Bepdu omueiov I koAeiTan KOPUPT) THiS KoVI-

Kfjs Emipaveias. 4 / \-anm;
‘ExdoTn T&V elBadv (y) SvopdeTal ¥) .A6) Q)
Tevitelpa THs KwvIkig ETipaveias. Ty, 162

Emi fxdoTrs yeveteipos fi xopugh Z
Spiler BUo fmevbeias dumiBéTous. TO Suvohov Té&Y fuieubady, aiTives cuvavTouv
Tov kUKAov (1), &roTehel piav xOVIV. Al &vTifeTor AuieuBeion &moTeEAOUV piav
Beutépav oV

‘H etBeic ) ol ouVBEEl THY KOpUPTY 2 ué 16 kévtpov O Tou 68nyoU ku-
Khou (') Buvaran v& SvouddeTal GEoOV TR Kwvikiis TaUTnS Empaveios.

“Otav 6 6Bnyods Bev elvan ku-
KAOS, 1) KOWVIKTY EMpAvela AéyeTal
STTAGS KOVIKT] Emi@aveia.

Mia kwvikf) émigdvela elvan
yvooTr, éTav glval yvwoTh f) ko-
puen aUTiis kol 6 OBnyds KUKAoS.

Edv 6 68nyos elvan evbeia, TO-
Te 1) yevéteipa (8) yp&ee Emie-
]_.-..‘,m‘ Vi \/ —xixA0g Bov, Biepyouevoy Bia T kopupfis Z

sy. 163 kad TS Ev Adyw evbeias.
Eav 1) kopugn 2 keiTan ETmi
ToU &Eovos Tou G8nyou KUKAou, TOTE 1) KeVIKT) ETIQAvEIa KOAEITAl KOVIKY Em-
Pavewy ik meprotpogiic.

195, 'Erincbor topai kovikig tmeaveiag pi dbnyov Kokhov. B4& (EeTdowuey TAS TrEPL-
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mrrooers, kad & To Emimebov Topfis BiépxeTan Bix T KOpUQTiS THS KUKAIKTS KVIKTS tmpoveias
# elvan Tapd&AAniov pds To Emimedov Tou 661 yoU KUKAOU.

Mphtn nepintworg To éninedov TS ropfic SiEpyetar dud i Kopueiic TS Ko~
vikflg émgaveiog.

&) “Egtw &1 To émimedov T TORRs (P,) Bip-
yetan Bi& Tis Kopugtis T Tiis kwvikis Emgaveias
kel Tépver T EmimeSov (P) ToU 0Bnyou kUKAoU Ka-
T& THY eUfiav AB, 7 omola Biv £xEl Kavéva KOOV
anueiov peTd ToU &8myol xkUkhou(O).

*Edqv 16 (P,) xal f) kewvikh) dmeaveia elyov koi-
vov anpelov, foTw TO M, TéTe ) EM 8& ETepve TNV
AB &l &v onpeiov A abTiis, f 88 ZMA 8a fiTo ye-
véteipa kol 8& Erepve Tov S8nydy KkUKAOY, &mep &
Totrov. “Apa:

- To iminedov (P,) 8&v Exen @hho kowvov on-
/ peiov perd tiig Kovikiig émeaveiag, £ktog Tob I.
Ty. 164 B) “EoTw &1 f Toph AB Tdv tmimébowv (Py)
xal (P) #xe1 peté Tou 68nyoU kikAou Ev, Kol-
vév onueiov E (ox. 165). Téte mav anueiov Tiig SE elvan kowdy ToU tmimedov (Py) kai TS kevi-

Kfjs tmpavelas kai oUbEva &Aho. “Apa:
Téo #rninedov (Py) kai 1| Kovikn Emeavea pi 68nyov KiKhov Exouv kownv piav YEVETEL

pav tiig meaveiag TavTNg.

Tx. 165

y) 'E&v T tmimedov (P,) BipynTan S Tis kopugfis 5 THig KUKAIKTS KWVIKTS tmipaveias
kal elvan TapdAAnAov pods TO ErrimreBov Tou &8nyoU KUKAoU, TO Kowév anpeiov TV Buo TOUTWY
tmgaveidy elven povov TO Z.

§) 'Eaqv o #mimeBov Tfis Toufis (P,) Téuvr To EmimeBov (P) ToU 8Bmyou xuKkhou xatd THY
euBeiav AB, kal 1) dtrola Tépver Tov 08TYOV KUKAOY kard T& onueia Z kal Z,, ToTE al yevetepal
57 kot TZ, elvan xowal, ToU #mimébov (Py) Kol THs kevikfs Emeaveias kai oUBepia GAAN. *Apa:

Té Erinedov topfic (P,) Exen pera tiig xovikilc émpaveiag 800 KOWaG YEVETELpAS.

Agsvtépa repintoarg: To ininedov topfis civar mapaiinkov mpog to Emincdov
100 68ny0d xkoklov. "EoTw Emimedov (P,), TapdAAniov Tpds TO trimeSov THs Paotws Kwvikfs
tmgavelas, xal pn Biepydpevor Bia T kopufs  Tiis kwvikfs émeaveias (o). 167). "Edv A €l
vail Tuyov onueiov Tou 68nyou KUkAo, 1) yevéteipa ZA Tépver TO Emrimebov (P,) €lg v onueiov A;.
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‘Opolews, tav O elvan TO kévrpov ToU S8nyol kukhou, 1) ZO Téuver T tmrimedov (P,) elg TO
ONueiov O,. *Emrerbh T& Emimea (P) kal (P) elvan TapdAAnAe, Emetar &Ti T& TUipaTa OA kal
On‘\l elvon TapdAAnAa, ds Toual TapaAAnAwY tmmédaov Umd TpiTou, Ta Tpiywva ZOA kai 20,A,
e pora. *Apa:

04, 0, 20,
Q8= F0 50
f_]e"ﬂ'oia oytots Bekvier 6T1 TO THfpa 0,A, elvat
“pigpévoy, kai TO anpeiov A, 8& ypagn KUkAov
(01) xévtpou O, kal dxTivos O,A,, dpifopévns K
s oyéoews (1).

‘0O kUkhos (0,) B& xeiton Ewi Tou EmiTE-
R,

"Avtigtpogag, tav B, elvon Tuyov omueiov
o0 kikAou (O,), 7 EB, Téuver 1o Emrimedov (P)
U & onuetov B, ToloUTov GoTe:

€ ol O,A, = OA.

50 50 P i il
OB = OB, S = QA - v
30, z0, / / / /
L T e x. 167
= 0A. 5o ' S0 OA.

"Apa 16 B keftan frrl ToT kukhou (O), kai xat &xohouBiov T& B, elven kowév onueiov Tou
Srirepon (P,) kai THs Secopneions kwvikfs dmeavelas.

‘Evrelfev EmeTan f) TpéTaoNs:

Mav #ringdov napadinhov mpog to Enimedov oD Odnyod KiKhov KoVIKTG Emeaveiag,
;) ampxéucvnv Sua tijg kopupils TiS KOV. imeaveiag, TERVEL aLTAYV Katd Kokiov.

"Eav R efven ) diris ToU 68nyod kuxkhov (O), f dkris R, Ts Topfs elvean :
LH,

R, =B e @

i ZH, kai IH ol dmooTdoeis THs Kopughs Z &0 & BUo émimeda (P,) kai (P) dvmigToiyes.

Enpeioorg: 'Eav Tedf EZ!:]L — », téte Ry = A - R. "Emeidn els éxaoTov A dvTioToryel s

?KADS (0,), 1 kwvikh émedveia duvaTtal va Becwpndi) Kal ds TO ZUvodov TGV KUKAwWY (0;), ol
Tolg dvTioToryolv els GAas TaS Tipds Tou A (&mo 0 Ews o )1 .
Qi A — 0, & xiihos (O,) TepiopieTan els THY xopughy 2.

Napampioeg : Mia & wepioTpopiis keovikf Emedveia BlvaTtan va Tapoayf) xal xeta
Tov Efjs TpodTOV.

Btwpoupey 500 etBelas (8) kal (5,), Tepvouévas els T6 onpeiov Z, kai
Thy BiyoTopov (y) TS mEs Tév ywwvidv Tév 8o elfadv (8) xal (8,).
*Eqv M elvan Tuyow onueiov TS (8), TOTE TO CUPLETPIKOV TOU G5 TTpos
Thv (y) kelten i THiS (5,). 'Eav 16 M oTpignTan mepl THv BiyoTouov (y),
B ypagn KUKhov &Eovos (y), xal xat' é&kohouBiav al Bidgopor Bioeig
s (8) Tapdyouv piav Kevikiy tmoedveiay &K TEPIOTPOPTS WE KOPU-
efv T kal &fova (y). "Ofev:

‘H imgaveia | zapayopivn &ia g otpogils mag e0beiag mepi
piav dikmy, v omoiav tépver O Gpopévny yoviav, sivar kovikn
tmpavela K TEPOTPOQTIS.

KahoUpey peonpppivoy Eminedov was kwvikfis tmeaveias &k epi-
oTpogfis, wav trimedov Siepyduevov Sia Tou &fovos Z0 Tou &bnyou KkU-
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Khou (Q). ToUTo &moTeAeiTan &To 1&g BUo yeveteipas EM kai ZM, (o). 168), ouppetpikas &)
Tpds Tév GEova ZO. Kot dkoloubiav : i

Eic piav xoVIKRVv Emeaveiav ik mepotpoofis 0 afwv avtiig elval kai G&wv aupumpiﬂ;\
g Empaveiag TavTng.

* 196, Lroiysia OGUPPETPIAS KOVIKAG tmpaveiag £k TEPLOTPOPTIS: lov: Elvan npoq)ﬂ““!
&Ti: gig mMACAV KOVIKAY EmQAvelay i kopuen E aitiig gival kKEvepov cuppetpiag adriic.

Aém, Tav onueiov M uds yeveTeipag aUTTS EYEl TO CUMMETPIKOV TOu trl TS ysvs‘rsfpdi
TadTng G5 TWpds THY Kopuehy E |

20v : EiSopev dvwTépw &T1: £ig piav KOVIKNY ETIQavelay €K TEPSTPORTIG o asov abrlt
£0 slvan GEov ovppetpias avtic. |

Jov: "EoTe Kwviki Emigdvela &k TEpIoTPORTs. Al |
xopugfs T kol kal ToU kévtpou O Tol 68nyou kikAou (@) ¢
youev rrimeBov, STrep TEUVEL THY KoVIKNY Empavelay KaTd |
yeveteipas TA kol TA; CUMHETPIKGS G Tpos Tov &Gfova 20
"Av &y87 1| &AAn BixoTopos (ZM) Tiis ywvias AZB, alTn 8l
elvan kd&BeTos Emi Thv Z0.

AlTAkal 5B, elvan ouppeTpixal dos wpos ThY (). Tol#|
Buws SrarypagovTos Tov kukhov (0), i ZI oTpégeTan Trepl 70 |
Biayphgovca trrimedov (TT) kdbetov émi Tov &fova ZO. *Apt
of TA xad IB, elvar ouppetpikal dog mpés To émimedov (1)

OUTw, TO CUPPETPIKOY TOU A g Tpds T trrimedov amn E:
vai 16 onueiov B, kal T ouppeTpikov Tou O é mpos To !
elvan 1o onueiov O,. "Apa TO CUMUETPIKOV TOU KUKAOU (@) “‘l
mpds To (TT) elven & kikAes (O,). "Obev :

[av éxincdov kabetov £ni tov afova KoVIKAG ima”
veige £k mepotpooils, Sepyopevov Sud TG KOpupiis b1
glvar Erninedov ouppetpiag Tiig tmgaveiag TavTING. ]

4ov: "Eore v peonuPpvdv tmimedov (MM,) oradepdy, (ox. 170). ToUto Tépver TOV 86my”|
xUkhov (0) kaTd T& onpela A kal A, GuniBiapeTpikd GAANAWY s -
mpds To O. TI&w onueiov B Tou kukhou (0) #xe1 TO CUPHETPIKGY TOV
B,, mi ToU kUKAoU TOUTOY, &5 wpos Thy SidpeTpov AA,.

“Apa of yevéteipon 2B, xad ZB elven ouppeTpIKal g TTpos TO EmTi-
meSov TAA,. "Ofev :

Mav peenuppivay  Erinedov koviKiig tmpaveiag £k meploTpo-
@i eivar émincbov ovppetpiag avtiig.

Enpeinoig : Oewpoupey plov KGVIKTY KUKAIKTV ETiQaveiay, TS
&molas 7 kopuen I Bev keitar i
ToU &Eovos TOU &Bnyou xukhou
(0), (ox. 171). Te Bx Tfs ZO
&yobuevov Erimedov (P,) kadéTeos
Tpds TO Emimebov (P) Tou dBnyou xuxhou (O), -réuvil"e;
68mydv KUKAov kaTd T& omueia A kol B GumiBiapeTpike: |
gURMETPIKOY omueiov M, mavTds onueiov M ToU xuxAoU
dos Trpos Ty BiépeTpov AB keiTan Errl ToU kUkhou (O). “Apd
yevéterpan M kol EM, Tiis keovikiis TabTns Emigaveias e’
ouppeTpikal d mpos TO Emimedov (Py). "Ofev:

Ty, 169

Maca mhayic KoVIKN Emeaveia pé 66;176\1 tﬂxl.o\'-::
yeran Eninedoy ovppetpiag (P)), 1o ova tiig Kopueiig Kai
kivipou tijg Pacewg diepropcvoy Kai k@fgtov mpog v Paciv tadTnv.

Exu i
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"H UmapEis Buo &MAwv EmméBwy ounkeTpias oxnuaTICoVTWY eTd Tou (P,) Tpicopdoywviov
TpleSpov ywviav kopupfis Z elvar Tpogaviis.

“Yrodafig: T 5Uo &MAa bmimeda ouppeTpias elvan 7& x&beta émri 1o (Py), T& Biepyoueva
bix v BIXOTOUWY TEV ywvIdy, TAS Srrotas oxnuatifovv al ebBeian ZA xal ZB.

197. KONOX.—Kdvog koieitar 16 Lidvohov, tod oroiov atovyeia civar: ta
Mpeia tod HdNYOD KOKLov Tig KwVIKTG Emgaveiag, Ta EomTepkd onpeia 0D KO-
kkov tohtov kai ta enpeio Tig kOVIKiC imi-
Pavgiag ard tiic Kopupijc péyxpr Tob 0dMYOD
kkhouv.

‘H xopugn Z Tiis xwvns elvan kai f Kopu-
9 ToU kevou. ‘H Emimedos Topt, 1) Omoia dpi-
le Tov kGvov, kahsitan Paeig Tou kovou. H
dméoraois H = v THs kopuefis o TO Emi-
TeBov s Péoews elvan 1o Hyog aUTol. /

To pépos THs kewvikils Emeaveias TO MEPI-
Aﬁuﬁauéuevov petafy Ths kopugfis Z kal Tfis
Bf‘cems dvopdletan mhayie impaveia T KupTh E{meavela ToU kwvou,

"Eé&v ) kopugh Z elvan onpeiov Tou &Eovos TS PATEWS TOU KUKAIKOU Keovou,
Tote & kédvos kaheiTal EK MEPLOTPOQTS.

Awdmi 6 Ek TrEpIOTPOPTS KEVOS TrapdyeTal &md TO Spboydviov Tpiycvov

L5 SOA (oy. 173), étav TouTo 0Tpagf) Tepl TNV oTa-

Bepav k&BeTov TTAEUpGY TOV 20 kot ywviav 2.

‘H OF elven & GEwv f) TO Uyos ToU kwvou ToUTou.

teoc-atev  T1aw tmimedov Biepyodpevov Sia Tou &Eovos 20
elvon peonppprvov Erinedov TOU KWVOU TOUTOU.

‘OTav 1) yevéteipa ZA ypden ThHv Emipaveiav
ToU Kkcwvou TouTou, Siatnpel oTafepov pfikos, xa-
AeiTan B¢ ouvnBws kai mhevp@ TOU €K TERICTPO-

L—pdoig

Iyx. 173

PTi§ KWVOU.

Al yevéteipon ZA oxnuaTifouv petd Tou &o-
Yo 20 piav oEelay ywviav w GPITHEVTY, ) 6moia kaeiTan yevétEipa yovia Tou
X TepioTpopis Kbvou.

"Eqw 10 Uyos ToU kdvou BEv oupTinTy Wé Tov &ova alTou, & K@dvos Kahei-
N mhayog (ox. 172).

. 198, EGATITOMENON ENIIEAON TOY EK IEPIZETPO®HEI KQ-
| NQY.-_ Oscopolpev Eva &k TEPIOTPOPTS KVOV kal onueiov M Ts kupTfis Fm-
| g“veiq; atroU. ‘H 51 ToU M Siepyopévn yevéteipa (y) ToU Kdvou Téuvel Tév
Syoy xixdov els TO onueiov A.

: N Eis 1o A &youev Ty tpamrropévny AT Tou 681yoU kukAoy (O). To bmd Tév
‘ N kai AT épiZduevov émrimeBov koAeiTon EQantopevoy éninedov ToU kcvou elg
| ° onueiov M.
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*Ex ToU &piouol ToUTou TTPOKUTITEL &T1 :

a) “Oka ta onpela ThHg yeveteipag () tob enpeiov M Eyovv t0 avtd Epantd-
pevoy Erinedov, Sniadn TO EQOTITOUEVOV tritreSov Tou kovou elg TO ompEioV M,
TEPIEYEL TNV YEVETEIPOV (y) ToU ompeiou TOUTOV.

B) To tpamrTopevov ¢rritreBov ToU kavou els TO
onueiov M abtol Bev EXEl, tkTos TGV onuelwv TS
yeveTelpas (y) Tou M, &AAO KOOV OTHEIOV PE TOV
KQVOV.

‘H &mrodeabis yivetan Bix Tiis els &romov &rro-
ywyfis.

y) ‘H 8i&x Tou M TapdhAnios TROS THV EQO-
mrropévny AT ToU 68nyoU kUKAou &g TO KOWOV oMY
uetov A aUToU WE TV ¥M elvan elBeic ToU EQaTITO-
pévou EmiTESou ZAT.

‘H yevétaipa (y) ToU onpeiou M KOAETTQL YEVE-
te1pa Enagfic TOU KGOVOU WE TO 2parrTopevoy ErrimeBov ey TO M.

8) ‘H yevia ZAO elven fi GuTigToIXos T#is S1t8pou TéY Sy ToU 68nyoU
kUkAou kal ToU EpamrTopévoy ToU KEVOoU KOTX TNV Yyeviteipav ZA.

) To peonuppivov émimedov SOA elvon kdBetov &l O dpaTrTépevov Eri-
TreBov SAT ToU &k TrEpIoTPOQTis KLVOU els TO onueiov M.

oT) Kdbe eubeia Biepyomévn §i1&x ToU M kai kewévn i ToU EpormTopévoy
¢miTiSou ToU kdwou gs TO M, koAeiTal EQamtopévny TOU kcvou &ls. TO OT

Iyx. 174

peiov M.

{) 'Eév ple efeia EXN &y pbvov Kowdy omueiov M pé fva k@vov, elvan dpa-
TrTopévn aUToU.

‘H &mrodeafis yiveton Bi& T els &ToTov &marywyis.

199. ‘Ecotepikov kai EEotepikdv onpeiov kbvov. Znueiov A keheiTan Eow-
tepukov onueiov SoBevTos keovou (), 6Taw 1) ZA Té-
pvn TO émimedov TolU 68nyolU kUkhou (O) els éocote-
pIK&Y OT|HEIOV alTou A;.

T&v onueiov B, T dmolov Btv elvan anueiov Tod
Keovou, oUTE ECWTEPIKOV OTUEIOV aUToU, KoAeiTon
#Ecotepikov onueiov (OX- 175).

200. OEQPHMA.— Aw onpsiov B xepévov
tktog Tob ké@vov dyoval d00 Emineda fguntopeva
100 KAOVOUL.

*Anddertrg : "Eqw P elven ) Toun Tiis 2B petd Tou Emimedou ToU &8nyoU KU
Khou (O) kai P, PA of tpamTopeval Tou kUkhou (0O), ai &youeval ik Tou P, &xa
ooy 6 Emmedwv P kal ZPA elval, pogpavds, EpamrTouEvoy trriTeBov Tou K&
vou Kol TrepléyEl TO OT|UEIOV B. .
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201. EITETPAMMENAI KAI IEPITETPAMMENAI IIYPAMIAEE EIT
KQNON.— Tlupapis 6& Aéyetcn Eyyeypappévn els Sobévra ké&vov, 6Tav 1 Pdoig
aThs elvan ToAUywvov Eyyeypapuévov els THv Pdoiv ToU kdvou kal of Tapa-
TrAEUpol dkpad Tns elvan yevéTelpal ToU kadvou TouTou (ox. 176).

Mia rupauis AéyeTon nepiyeypappévn Tepi k&vov, dtav 1) Béois tns elvon wo-
AUywvov Trepryeypakpévoy Trepi THy Baov ToU kwvou, ai 8¢ E5pat Tns elven EparTd-
peva émrimeda ToU kodvou (ox. 177).

202. OTKOEX KYKAIKOY KQNOY.— *Eotw xévos KopURis Z, Eywv Pd-
ow kUkhov (O, R). "Eotw v T Uyos ToU kidvou ToUTou.

Eis THv péoiv ToU Kvou TouTou EYYPAPOMEY Kavovikdy ToAUywvov ABIAE
kupTév. ‘H Tupapis kopupfis Z kol Pdoews
ABFAE elvan éweypauuévn gls TOV kK&VOV TOU-
Tov. Edv (B) TrapioTd To épPadov Tiis Paotcws
THs TupauiSos ZABFAE, ToTe 6 Sykos aUTiis
6a elven :

V=5 (B) v M

"Edv & &pifipds TV TAeupdv This Pdoews
TGV Eyyeypappéveoy TrupopiBeov els TOV Kéd-
vov guvexds SimAaotéletan, T& EpPada Tév
Blapdpwy ToUTwY TOAUY@VWY Telvouv Tpos
T &uPadov TR? ToU kUKo This Pdaews.
‘Etroptvess, &k Tiis (1), Emetan 671 of Sykol TGV Biapdpwv Tupapidwy Téy
tyyeypaupévwy els TOV KGVOV oynuatifouv piav drkodoubiav, ) omola Exel Spiov
TeTepaouévoy &piBudy. To &piBudv ToUTOV KOAOUMEV BYKoV ToU kddvou. *Apa :
1 1

QPV1:—3—-OP(B)'U ﬁ v ='TTTR2'U (2)

"Ex 16V GueoTépw ouviyodey 5T :
a’) "Oykog kKdvov kareltal 10 dprov tijg dxorovbiag tdv dykmv 2% . v kave-

vik@v ropapidov Eyyeypapptivov gig tov kdvov toltov.
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kal B') ‘O dyxog kGvou igobtar Tpog o tpitov Tob ywopévov tob énfadoed tiig
paccwg avtod imi to Uyos.

snu. "Edqv & kédvos elval ik TepIoTPORis, TéTe TO Uywos U oupTriTrTel pé ToV
&Ecva ToU kdvou ToUTou.

203. [IOPIZMA I.— "0 Aiéyog t@v dykav &0 icolydv kavey icobtal
npds TOv héyov TOV TETpRydOVOV OV aktivov tdv Paccov.

204. TIOPIZMA I1.— "0 Léyog 1@V dykov dbo kbVOV Eyovrav Ty adtnyv
pa-owv, iooltal mpdg tdv hoyov tdV Dydv Tou.

205. TIOPTEMA III.— *Eav 800 kdvor Exouvv faceg icoc kai Hyn ioa elvan
iocodivapor.

AZKHZIEIZ

612, ‘H dxris Tfis Péoews dphou kwvou glvar R = 9¢em kal T Oyos tou v = 12 em. N&
Umrohoyio8ij & Sykos aUTol. ;

613. 'Ex mepiaTpogfis kdvou fi dxis elvat R = 24 cm xai TO piikos Tiis yeveTeipas Tou
A = 40 cm. Tlolos elven & Syxos Tou ;

614. "Ex mrepioTpogiis kdvou f TeplueTpos TAs Pdoecws elvar 94,20 m. “Av To Oyos Tou elvat
v =9 cm, Toios elvan & Oykos oV ;

615. 'O dykos i TepioTpopiis kdwou elvat 36T em? kal T Gyos Tou v = 12 em. Mola elven
A éxis TR Paoecs Tov ;

616. ‘H yevéiteipa yewvla Evds kavou tk meproTpogiis elvon 300 f 60° # 45° kai TO Uyos
Tou 12 cm. Tloios elvan & &ykos ToV ;

617. "OpBoydviov Tplywvov ABI i kabérous TAeupds B,y oTpépeTan SiaBoyikdds Tepi Tas
Theupds TalTas kaTd yoviev 2. N& Uohoy1o8i) & Adyos T@v Sykwv Tdv Toapayinooptvey
SpBdv KWWY.

618. "Ecreoay Va, Vp, Vy ol Syxot ol Tapayouevor Bid mepioTpogiis dpboywviou Tpryw-
vou ABT mepi THY UmroTeivovoav xal Tas kadéTous TAeupds kal koard ywviaw 2w Na  &moder-
x87) &1 : i N 1

5 d
i

619. A& wids evbeias ZA, EEwTepIKis wds kwvikfis mpavelas ik TepioTpogiis, &youev Buo
Ermimeba tparrrépeva aUTis. N& &modexBff 6T | ZA oxnuarile foas ywvias pé Tds yeveTeipas
tragfs.

620. Tetpaywvixh mupapis ZABMA elvar mepiyeypapnévn mmepl k@vov dk TepIoTRORTS.
N& &mobBery8i 6T To Gbpoioua TdvV Buo dmévovTt TapaTAelpawy EBpdv alTis loolTal Tpds TO
&Bpoiopa TEY BUo &AAwWY &mévavT TrapaTAeUpwy EBpdv.

621. Aix Bodévros onuefou A va axBij Eparrtéuevoy trrimeov s &k TEPITTPOPTS KOVIKTS
tmipaveias (BUo TTEPITTTAOTELS).

622. N& &yb7 EpamTopevov ¢rrimeBov mas & MEpIoTPoRiis Keovikfis Empaveias TapdAiniov
Trpds Bobeloav  eUfieiav.

§23. Mia eufeia, Bidpopos Wds YEVETelpas kwvikfis tmgpaveias, Bév Buvaral va Exn kowd
onuela TepioodTepa TV BUo peTd THs Emeavelas TaUTns. *Edv &y Tpia ouumimTel ué uiav
YEVETEIpAV.

624. A& BoBévtos onueiou A &youev Blo tpamTépeva trimeba wds kwvikfs dmgaveias i
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mep1oTpogfis. N& dmoBerxBii 511 f) Toun 1@y EmiméSeov ToUTwy BikpxeTen Bid THs kopuofis THs
kwvikfis dmeavelas.

625. N& opiofiouv T xowd tpamrdpeva émimeda U0 KewvikY ETIQavEIdy ik TrEpIoTPOgTis:
Exoug@v kownv Kopugfv kal Paoels keipévas El ToU alToU EmiméSou.

626. Aibeton Ex Tep1oTPOQTs KAVES KopUTis T kal onueiov M EwTepikdy alTol. Ak Tod M
&yovtan T& EpamrTépeva Emimeda Tod kdvov kal EoTwoav SA kal IB af YevéTepan Emragis. “Av
O elvon 16 kévrpov Tijs Pdoews, va &moderxdi) dti: 1) Té trriweSov ZOM SixeTouel ThHv Biedpov
IM. 2) Té tmrimedov ZOM SiyoTouel Tnv biedpov 2O kai 3) Té tmimeSov TO M elven xé&beTov il
T6 #rimedov AZB.

627. N& dmoBeydij &1 ) yowvia Tfis kopupfis kvou ik TepioTpogiis elven ueyoAuTépa Tis
ywvias Tév SUo yeveTelp®dy TAOV N Kerpévcov i ToU alrrol ueenuBpivol tmiréSou.

628. Aofeiodv TPV Tepvopévwy ey, va amodery8ij 6T Utrdpyouv TECOapes Kwvikal
tmgdveian k TeploTpogfis, al omolar BéyovTan Tas elBeias TalTag yeveTelpas,

629. Na& eUpebfi 6 yewp. TéTOS TOY dxpdv T@Y Bitdpwv yewidy, dv ol E8pan Biépyovran
duTigTofyws 8i1& Buo So8e10Gv TEUVOUEVWY eUBai1dy,

630. N& eUpedi] & yewu. TOTOS TGOV ONuEiwy ToU xwpou, Gv & Adyos T&V &rrooTdatoy
&1wo BUo Tepvopbvwv evBeidv elvan Toos Tpos A.

631. Ne elpedi) & yewp. Témos T@v elBady EX, Tév Biepyontveor Bi& Bobtvtos onpeioy T,
Kal dv & Adyos T@Y &TOOTETEWY amd Blo Bebopéva onueia A kai B elvan foos mpos k.

632. N& eUpebi] & yewop. TOOS TGOV GKPGY TOV BiEdpwv yeovidy (Sphav), dv ol E8pon bpd-
TTovTan Sofeions ék Tep1oTPORfis KwVIKfs Empaveias.

633. Na xataokeuaoBf] kwvik émgaveia £k TEpIOTPoRfis &k Tol &Eovos aiTii kal SUo
onueiwv Ths tmeaveias TS

634. ‘Ouoics € évds onueiov alThis A, mds tpamTonévns (L) kad 1ol &Eoves,

635. ‘Ouoics k Tou &Eovos, pds tpamrtopevns (L) kai ToU onueiou Eragiis Trg.

636. ‘Opoicws ek ToU &Eovos, BUo tpamtopévav (L), (t,) dyoutvev &k onueiou A,

637. ‘Opoiws &k Buo yeveteip@dv (¥), (y)) kad mds tpamrropévns (L),

638. ‘Ouciws & Tis kopugfis Z, Evos anueiov A kal 8o épamtoptvay (1), (ty).

206. EMBAAON KYPTHE EINII®ANEIAL KONOY EK HEPIETPOGHE.
“EoTe kddvos exmmeploTpoiis Uyous u kai drTivos Bdoews R. Elg Thv Pdaiv Tou
Kavou ToUTou Eyypa@OoHEV KQVOVIKOV TroAUywvoy
ABTAEZ xai &youev T yeveTelpas, Tas Siepyopevas
Bia TGV Kopuedy ToU ToAvydvoy TouTou. ‘H Trpo
KUTTTOUoa Trupapis elvat kavovikT), EYYEYpappévny eig

; = . v
ToV kévov. To éuPadov E, Tiis mapatAeupoy £~ \ \ ovevérepa
pavelag Tis TupapiSos TaUTNS elvon e (e ).
E;— o I - 2H; @) A\
7 i
#v8a T, ) mepipeTpos Tis Péoews Tiis TUpauidos kai gl i
\ . & Yaci A B
EH TO TTGPUTT?\EUPOV UW?S CI:fTﬂs- I f “—=napdnieupov Uwog
NooUpev 811 & &piBuos TGV TAEUp@Y TOU TOAU- Iy, 179

; . - ;
Yovou guvex@®s SirAaoialeTar. “Apa al TepipeTpol
T8V kavovikGYy TOUTWY ToAUywvwY axnuaTifouv piav dxoroubiav, Tis Smoiag
T Bplov elvan Copiopévos &piBuds : TO ufikos Tou kUKAoU THis Poews ToU kdvou.

AnAadn 2mR. % J X
T& mopdmisupa Uyn TGV KAVOVIKWY TUpauideov TV Eyyeypappévey el
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Tdv x@vov, oxnuatifouy piav &Anv dxoloubiav, Eyouoav Epiov &GN GplopE-
VoV pfjKos : TV YEVETEIpaw A TOU KGMVOU.

Ko dxolouBlay T& 2uPadd Tév TapamAelpwy EMQOVEIGY Eyouv O&piov
Gptopévov. To éplov ToUTo E kodeiton #ppadov tiic woptils émgaveiag 100 ix
nepLoTpoiic kOVov. "Apa :

opElzr%_opﬂ‘.osz- A E:.}z—-lnR'l:nR-l @)

*Ex TEW GV@TEPW OUVEyopey 0Tl ¢

‘Opiopds.— "Eppadov kupriig imoaveiag kGOVOL £k TEPLSTPORTIC Koigital 10
dprov tiig axolovbiag TV Epaddv 1OV Tapamledpov imeaveldy 2K v Kavovik®v
nupapiday Eyyeypuppivev Gg tov kdvov tolTov.

*Ex 8¢ ToU TUTrou (2) EmeTan 6T :

To épPadov tijc wuptiic tmpaveiog KOVOL ik meplotpogils icodtar mpog 0
yivopevoy tod fpiceg Tl pikovs tod kOkhov tiig Pacewg Emi v mhevpdv tod
KOVOU.

*Edw els T uPabov Tis kupThs tmigaveias kdovou TpoaTedf TO éupadov This
Pdoews TR?, TpoKUTITEL TO ¢upabov Tis OAIKiis Emipaveias Tou. "Apa B Excopev:

E. = rRX:

E,, — nR? + nRA = 7R (R + 2) =

207. 'Avantvypa thg Emgaveiag Kdvov tx neplotpopiic. To &vamTuyna Tis Emgaveias
tuds kdvou bk TepioTpogiis (dxtivos R kal &mooThuaTos A) yivetan drmews kad TO AvdTrTUy-
ua wmids Tupauibos. Kotrropey oy KV KaT& piikos wids yeveteipas TA (urkous A), omoTe )
KUKAOS Tfis Paoews QuamTUgoETal KaTd
fva TéEov kUKAou dkTivos A kol prkous
2R (o¢.174). "Edv el T dvamTuypa
TouTo IMA, T bmolov elvan KUKAIKOS TO-
HeUs kévTpou I kal dkTivos A, tmouva-
yoopey kad THy Emgdvelav Tiis Paoews ToU
Kwvou, hapPavopev TO &vdmTuypa Tiis &-
Aikijs Empaveiag TOU K@vou.

“‘Qore: To avantoypa tis xupriig
tmpaveios kdvov K meproTpogiis eivar
KUKLIKOG topedg axtivog k., kai tof 4-
noiov 1o toLov Exer piikog 2nR.

Enusioos : TTpos gmohoyiopdy Tis ywvias w Tol Topbws, dpxel va tfiowowpey Sle fk-
ophaeis ToU TOEOV (ufikous) Tol kUxhou TouTou. Olrws, tav f) w tkepainTal els poipas :

27w x . R
e 2wR, & oU: & =308 e (w els poipas)

208. OMOIOI KQNOI EK INEPIZTPO®HE. — Abo kdvor ik nepratpoRiis
Léyovian Hpoioy, Hrav al d1a OV agovov abtdv ayopevar topai eivar Gpoval.
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Qs yvwoTév, ol Topal elven loooked| Tpiywva. “Apa T& dpfloydvia Tpi-
ywva Z0A kai 2,0,A 8 elvan Suola.

o) ‘Edv € kai g elven T& EuPpadd TGV kupTdY Emipavelddy TV Yo dpoiwy
Koovewv, O& elval :
e = TRA € RA R A

s R P ETER R m
*Etre1dn 6¢ :
R A v R+A :
E:X:—u::'ﬂ_,ﬂ? n (1) yiveton :
£ R? A2 v?
Ce ek i s

B) "Edw £o kol 10 elvon T SAka EuPadar arédv, B Eycopev :

€ = TR(R+A) g B CBRERA TR R LTS 2

Ga=mRy(Ry+A) | T @ By RefA Ry R, RN B

g & o REEHE v2

R . s T 3)

y) ’Edv V kai V, elven of Syxor aUtév, 8c Excopev :

1
V=§T1'H2AU #lzfﬁ.izﬁ.f‘_zﬁ_”_”’
Vi S Rl V2 ool g Alette BR A
3
" W (S I Sa08
Gl o @

*Ex Tédv (3) ouvéyouev 8T1:
‘0 Loyog TV KUpTdY EMQAVELDY 800 opoiwv kdvov leoltar mpog tov hoyov

@y dhkdv Empavardy tev Kai oltog igoltar mpdg tdv Léyov tdV tetpaydveav
@V dktivoy tov § @Y Thevpdv TV i TOV Oydv adtdv.

"Ex Tév (4) ouvéyouev STi:
‘0 Léyog t@v Gykwv 800 opoiov kGvov isobtar npdg tov Aéyov tdV KOPwv

@Y Gktivoy 1@V Pactov i @Y Thevpdy tov §i Tov VYDV TOV.
AZKHZIEIZ

639. Kdvos éx TepioTpogiis Exer dxTiva Paoews R = 36 em kal Oyos v = 27 cm. Na& tro-

AoyiaB7 # kupth kal f GAIKT EmEVEIR TOU.
640. Késvos tx mepioTpogfis Exet Oyos U= 32cm xal &méotnua A = 40 em. N& Umo-

Aoy1o8f # kupTh Kkal i SAwd Emgdveid Tou.
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641. Kévos &k mepioTpogfis Exer Uyos 40 em xal TeplpeTpov PaoEws 188,4 em. N& Utro-
Aoyiofi fi SAkh Emigdveia kal & &ykos aUTol.

642. To tuPabby Tis dAIKTs Emeavelas xéovou ik TeproTpogiis elvar 2160 T em? kal W yE-
véreipd Tou A = 6 cm. N& UrrohoyiaBij & Sykos kal i Shikh Empaveld Tou.

643. ‘H yevéteipa ywvia xdvou i mepioTpoghs Elvan —Té* N& Umooyiofi # yovia
™

, T
ToU dvarTUypaTos aiTol. To alTo &v 1 yevéraipa ywvia elver = 1 =

644. To dvémruypa Tiis KUpTHS tmgaveias kdvou & meproTpogfis elvan fuixAiov Scri-
vos 12 cm. N& Utrohoyiodij 6 &yxos o0 KGvou kal §) SAh EmMe&vEk Tou.

645. N& Uroroy1o8i A dueris R xad ) yovia o dvds KUKAIKOU Toptws EE Evds pUlhou yeuBap-
yupov, Bi& va KATAOKEVATWHEY Kwvikdy Soyelov X@pnTIKSTNTOS 5 MTp&v kal els Td dmolov v&
elvar v=3 R,

646. Oewpolpey Kwvikiy Empdveiay &k mepioTpogfis, fis A yevéTepx yevia @ = 300. Té-
pvopey alThy UTrd EmimEBeov kabETwy Tpos Tov &fova xad &meyévTLv &d Tiis Kopuefis 4vTioToi-
xos ke 2 cm, 4 em, Scm. 1) N& Umohoyiofoiv <& tpPabl TGOV Topdv Kal va BeyBi ST elvan
&véhoya T@Y &pibudv 2%, 4% 5% 2) *Opoiws, i ¥ mpéTaas, Bik T EuPabl TdV SMKDY Emi-
paveIdy TRV TPIBV-TOUTWY KWVEV xal 3) Né& Utroroyodij & &yKos TGV TPIGY TOUTWY KWVWV
kal v& ylvy cUykpIols aUTGV.

647. Oewpolpev xdvov Ex TEPIOTPOPTS YV = 12 cm. Els molav &méoTac &md Tfis Kopu-
@fis TTPETTE VE PEPLOLEV trrimreBov TrapdAAnAov TPoS Ty Péow, va f kupTh Emedved Tou Biat-
pedfj els BUo looBlvaua uépn ;

648. AlSeran xdvos Ex TEPICTPOPTS xal Cnreitan vé dyBolv Blo ErimeBor Topal TrapdA-
Anhct Tpbs Tas Paots, daTe T Eupabby s kupTs bmgovelas Tou va ywpio®i els Tpia foo-
Sivapa  pépm.

649. 'loémAeupov Tpiywvov ABI Theupds a oTpegeTan Tepl plav TV TAEUp&V TOV KaTd
yoviav 2. Na umoroyrodi # tmpdvaix kal & Sykos ToU Traparyopévou OYTHOTOS.

650. Tetp&ywvov TAEUpSSs & grpépeTan Tepl THY By dviy Tou katd ywviav 2. Né& bmo-
Aoy1oBij & &yxos kal A Fmpdverd TOU TIEpayOUEVOY oyfueTos.

651. 'lobmAeupos kivos ExEl Oyos v = -9—;1. N& Umohoyio8ii & &ykos Tou Kol ) dAkh
tmedvad Tou.

652, N& &mober8ij &T1 & yxos Kavou Ex TrepIoTpoofis loolran Trpds T& ywopevov ToU fu-
Pabol Tol &pboywviov Tprydovoy, £§ ol Tapéyetan, bl Th meplueTpov ToU kUKAOY, dv yp&eel
b xévtpov Pépos ToU Tprydovou ToUTOU.

653, N dmoberyd7j 6T & SyKos kvou i Tep1oTpOpHs looTTan Tpds TO Ywépevoy ToU tu-
Babol Tiis kupTHis tmipaveios Tou &l T TpiTov T &troothoews Tou kévTpou Tiis Paoeds Tov
&md TO GméoTnuG TOV.

654. N& Umrohoyio8i & 6yxos V kéwvou & TEpIoTpogTis k ToU tuPaBol Tiis SAIkiis Emga-
velas Tou Eon xal TOU &moaThuaTos aUToU A,

655. ‘Opolcws &k 10U Eon kal ToU Uyous u.

656. *OpBoywviou Tprydvoy ABF ) UmroTelvousa BI = « kal #| ywvia B = —:- TolTo

aTpépeTan mepl THY mrotelvougay kaTd ywviav 2. N& Umohoyio8i & Syxos xal | SAikd Emi-
gdveia ToU TapayouEvey oY HOTOS.

209. KOAOYPOZ KONOEZ.— Kéroupog k@vog elvar 1o Lovohov, 10 bmoiov
crouyeia elvar : 1@ anpeia tod 601700 KiKLou piag kovikilg tmgaveiag, 1d fowTepkd
anpeia tod 6dnyod, Td onpeie topiic Tis kovikiig Empaveiag dno Emnédov napak-
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Mihov mpds Tov 08176V, Td EcwTepika onpela Tiig Topfig Tabtng kai ta onpeia tijg

kovikijc émoeaveiag ta perald tijg topfis kai tod 6dnyed kdklov.

Oi 8o kukhol (O) kai (O;) kahoUvtan Baseig ToU koAoUpou kdvou. ‘H &méd-

oTaois T&v BUo Paotwv koAelTal iyog ToU koAoUpou kdbvou.

"Edv ol Péoeis kelvtan pds O alTd péPos THs Xwuns Tis kwvikfs mpaveias,
6 KGAoupos kAVOs KaAEITal KOLovpog KBVOS Tob mpdTov £idovg (ox. 182). Eis thHv
&vifetov mepimTwotv kaAeiTar kbhovpog kidvog deutépou eldovg (oy. 183).

Iy. 182 Zy. 183

Zx. 184

"Edv ) keovikhy émpdveia elven & TepioTpoefis, kal fdw oi Phoers elvan k&-
Betor &l ToV &fova Tiis keovikils Emgaveias, & koAoupos k@vos dvopddeTan K-

Aoupog kdvog £k meprotpogiic (o). 184).

‘O kbhoupos k@dvos & TeploTpogfis SUvarran va apay8ij &d T dpoydviov
Tpaméliov 00, BA, éTav ToUTo 0TPagi mepi 1O Oyos Tou OO0, kard yeviaw 21, &v

16 Oyos Tou 00, Bewpnfi] oTabepdy Béoer kai ueyeder.

To pépos Tijs yevetelpas AB = A kadeitan drdotnpa i mhevpd ToU kohoUpou

KWVOU.

Al péoeis ToU Tpameliou OA = R kai O,B=p xohoUvran éxriveg Tou

koAoUpou kdvou, kate kol dve Pdoews.

210. EMBAAON KYPTHE EMI®ANEIAL KOAOYPOY KQNOY.—Eorw

xéhoupos kivos éx mepioTpogfis e Pdoeis (O, R) kai
(0,, p), Uyous v kai &mrooTfpaTos A (Bvla R > p).
Auvépeda va Becopriowpey TO EpPadov TS kupTiis Emi-
pavelas s Siapopdy TEdV EuPadiv BUo kdvwv Kopugfis T
kal pé Péoels duTioTolyws ToUs KUKAOUS (O, R) kal (Oy, p).
*Ex 1é&v dpoiwy dpfoywvicy Tprydvawy Z0A kal 20,B
- ZA BN 2R BT A
(ox. 185), Exomev: == it R

o AR . s LD
€€ v : EA:_R_—; (1) kai EB= o) (2)
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To tupadov E Tiis kupTiis tmgaveias ToU kohoUpou B elvon :

= i AR Ap )
E=xRZA—1p - ZB=mR ¢ R—p‘_“p' e E o

= (R+p).

Exupn‘\( == R(R + P)l (3)

Té tuPabov Tiis SAIKTS gmaveias Eo. elvon :
Es=m(R+p) A+ TR+ Pk

“Qoe :

AnAaBH ¢ E, — (R + p)  + w R 7p? 4

“Etepor Exkgpagels tod ippadod tiig xuptilc Emeaveiag xohodpov k®vov £k
nepraTPoRiic.
a) *Ex 1ol péoou K Tol Oyous OO, ptpopey TapdAAniov Tpos v OA,
Thy KA. ©& elvaa :
R+p
2

xai f oyxéors (3) yiveren

~ Exuprq; =2nd: A (5)

Enueioas : ‘O xukhos (K, 8) AtyeTan péon Pacig TOU
xohoupoy kavou (ox. 186).

‘O Turos (5) Ekppdler OTL:

To tppadov tilc kuptils tmoaveiog Kolobpov kdvov £k neprotpo@iic iocobtal
npog O TIVOPEVOY 100 pikovg Tod pécov KOKLOU &ri 10 dmbotnpa tol KokoOpov
KOVOU.

B) 'Ex ToU A &youev w&Betov Emrl Thy AB, xewpévny v 16 mméde OO0,BA.
AT Téuver T& Oyos OO €is +& Z. *Emrions &youev Thy k&Betov BH émi Thv OA.

'Ex Téov dpofwv dpoywvicu Tprywvey KAZ kai BHA Exouev :

ZA & 3]

A BRI T 0

KA=8=

, 8€o0: R+p=128

, ob: h=2ZA v, (6)

&méTe & TUTros (5) ylveTan: Ewipy =28 - ZA - 1 M

kal txppadel OT1:
To éppadov tiic xuptii Emeaveiag Kohovpov KOVOL tx nepotpopiic igobrar
npdc 6 yivopevoy tod pfixovs T0D xiwhov (K, AZ) ri 16 yog ol Kok, KDVOL.
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211. 'Avartoypa tfic imeaveiag tod kokobpov kdvov &k neplotpopiic. To (Iy. 187)
BewkwUer Tivi TpoTIR YiveTan TO dvdTuya ToU & TeploTpogiis koAoUpou kdvou,
“Eorw I A Touhy 1év 00, = v kad AB = A. ’Ex Tév buolev Tpiydvemy SOA kal S0,B Eyouev:

rp
3B ZA B+ A = EB = — " _
IR e ey m
IA=ZIB 4 4
Ay Tov Urohoyiouov Tils ywvias w ToU Topéws Tou &varTiypaTos Exopev U’ Sy Thy

(§73).

Odre, 51 Tov kddvov &kTivos p kal dro-
oTrpaTos =B, elvan :

TR L
W =21 5B

| omola oyéois, Pacer Tév (1), yiveron:

m:Zﬂ-B;—p @

212. OTKOE KOAOYPOY KONOY ME BAZEIL KYKAOYE._ *Eore
TAy105 kSAoupos k@vos ue Paoels kikAous (O, R), (Oy,p) kai Uyous u.
*Edv ¥ elven ) kopugf) THis kevikis émpaveias, ¢€ fis wpofiAfey & KOAOUPOS KEd-
vos, &k Tév Suoiwy dpBoywviwy Tprywvwy Z0H, Z0,H, kal Tév dpoiwy TPy vy
20A xai ZO,A,, 84 Eywpey :

Eg = EH_I = OlAl ihgip
20 PHF AR T apa
g ZHur S B P b v
L p B—»p  H
Boo: EH=-F ol VP
. " R—p " R—p
Kai &v V elvan & dykos Tol kohotpou kdvou,
Ix. 188 Vi, V, ol &ykor tév (Z,0,R), (Z,0.,p), TéTe:
e | ke el el
le =Vl—\‘2=§'ﬂ'R2‘ZH 3 ™ ZH1—3 R R—P 3 mp® . R—p=

1 RS—PS__I 2 2
L e mv (R®+ p2+ Rp).

1
“Qoe : Veor, xivor = 7 ®(R? + p* + Rp)v )

“Av & kdhoupos ké@vos elvat éx TreploTpogfis, ToTe & &Ewv 00, elvan kdBetog
Tpos Tds Péoes Tév kikAwv (O) kai (O;) kal 16 Uyos v = 00,.
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‘H oxtors (1) txppdder &T1 ¢

‘0 Hykog KoLoDPOU KMVOU pé pacerg koxhovg givan 10 @Oporwspa TV Gykwy
PV KOVOV, £k TOV oroimv 0 £ig Exer factv Ty kAT® paciv, 0 drhog Ty dve
paciv kai 0 Tpitog tijy péeny avakoyov tdV d00 pascov, Byog 82 Ty ardoTacLy
thyv dvo paccov.

Enp. "Edv 6 k&houpos K&Vos elvan ToU P’ cibous, TOTE & &ykos Tou BideTar UTO
TOU TUTTOU :

\'=-13ﬂr:(R2-;rpz*Rp)U-

ATKHZEIZ

657. Kéhoupos k@dvos tk TEPIOTPORTS EXEL R = 16cm, p=4cmkai v=20cm. Né& Utro-
Aoyrofi) fi kupTh kai 1) SAKT ETIQAVEIT TOU Kai & OYKOS.

658, ‘Opoiws, &tav elvan R = 30cm, p = 6 cm xai A = 40 em.

659. Kéhoupos kivos & mrepioTpoRils EXEl P = 10cm, A = 50 cm xai yevéTeipay ywviav

¢ = % Mot  ¢mgaverd Tou xal & dyxos TOV |
660. ‘Opoiws, dTav ¢ = —:—, u=12cm ki R =24cm.

661. Elg kdhoupov kdvov €K TEPITTPOPTS v& &modaxbij omi:

1y A=V (R—p), 2) Exopri = (R +p) Yoi+ (R—p)* = ™A (2R - Yar—u?).
662."Av 1) yevéteipa yovia KohoUpou Kkdvou &k TeploTpogis elval ¢ = —:- o= —lﬁr— f

¢ = -13L vé droBeiy8i GvTioTOIXWS &ti: 1) Exuprn = m(R + p) (R—p) Y2,
2
2) Eupen = = 5~ ™60 V3 + 30, 3) Exorn = -5 TA(dp + AV3).

663.'Eav ¢ = .‘;_, <ore v &moBeyF oTi:

1 /E A Y LA fiEx A
) R=— (ﬁ *T) Kl 2) p= - (H_T)'
664. ‘O &yxos KOAOUPOU KWVOU i Tep1oTpofis BibeTan xal UTrd TOU TUTTOU ©
R

665. Al SiagTaoES KohoUpoU kdwvou K mepioTpogiis elvan R, p, v Elg moiav &mocTaow
&mrd TS HEYSAVTEPOS Péoews TIPETE! V& QEpLOLEY ¢mrimeBov mapdAAnhoy Tpds Tas Paces, GoTE
T6 ¢uPabov TS Topfis vé& elvan pEoov &udhoyov T@V EuPabiv ThV PagEwy;

666. Els moiav dméoTagw &rrod THS HeyaAuTEpas Paoews koAoUpou Kwvou tx TEPIOTPOPTIS
TrpéTrEl V& QEPWHEY ¢rrireBov Trap&AAnAoy Tpods aUTHY, BoTe fi KUPTH ¢mgaveid Tou va SrxpfiTal
els BUo loobuvaua pépn ;

§67. "Emi ToU &TogTNHATOS KOAOUPOU KQVOU €K TEpIoTPORiis va dpioBij onpeiov, ToloUTOV
doe, v &ybi Emwimedov apdAAnhov Trpos Tas Paoes, va BiaipfiTan & &yxos Tou el Buo loobu-
vapa pépm ;

668. MvwoTou GvTos &T1 elg kGhoupov K&VOV €K TEPIOTPORTS flvan A = R + p., woicy oxé
oerg mapyouy 1) netabl v kal 6v R,p; 2) uetall V kel év Ex, U3

669. Kdvos i TepioTpogis Exel Uyos v xai dxTiva Paoews R. Na& Tunéi olUTos UTro e
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Bov apadAfAou mpos THY Pacwy, doTe TO tuPadov Tis Topfis va elvan looduvapoy Tpos TO Eu-
Babov Tiis kupTiis Empaveias ToU TpokUTrTOVTOS KOAOUPOU Kedvou.,

670. "lodTAevpov Tpiywvov TAEUpds a oTpipeTal KaTd ywviov 21 epl &Sova Xy ToU Emi-
médou Tou, kabeTov RO THY TAEUpdy AB els To A, Tlotos & &ykos kai i Emgpdveia TO\:J Tapoyo-
KéVOU OXTHATOS ;

671. To auto wpoPAnua, &v & &Ewv xy &méxn Tiis B &méoTaov «.

672. Kavovikov fue§dywvov oTpégeTan katd ywviav 21 mepl Thv S18ueTpOY Tou AB = 24
Na Urrohoyiafi) & dyxos kai 7 OAIKN émgdveia ToU Tapayouévou oXnfuaTOoS,

673. Tetpaywvov ABIA Theupds a oTpépeTan kaTa ywviay 21T mepl &fovar xy Tol Emi-
méBou Tou k&BeTov Eml TV Sraywviov AT els To . N& Umohoyio6ij & &ykos xkal 4 c‘.>7\1;<|‘-| tmQa-
VEla ToU TrapayoMévou OXTHOTOoS.

674. 'OpBoywviou ABFA elven AB = a, AA = B. ZTpégetan ToUTo KaT ywviav 21 repi
eUBeiqy xy ToU EmiméSou Tou, k&BeTov Emi THY Biaydviov AT els 6 I, TTofog Sykos ToU Tapayo-
uévou oxfpaTOos ;

675. Na UmoAoyio8i) 6 OyKos ToU oxnuaTos, Smep mapdyeTon Umd dpfoywviou ABTA, oTpe-
poptvou Tepi &Eova xAy TopdAAniov Tpds T Siaydviov BA = 2a, &v Ywvia BAA = —E“-

676.'0 &yxos kohoUpov kdvou &k TepioTpogfis ToU Beutépou eiSous TOPEXETAl UTTO ToU

TUTTOU !
N %W(Rzﬂl’ p*— Rp).

677. Moiog & Adyos T@V OyKwY TV OXNUATMV TGV Tapayoutvey Utd Tou Tapal /pov ABIA
oTpegoptvoy BiaBoyixds epl Tas mAeupas AB kai BN kata yewviav 21 ;

678. KoAoupou keovou ék TrepioTpopfiselvoar v =3 m, R =4m, p = 1 m. N& Srepedi olros
els BUo pépn #mri émiméBou TapoAAnAou Tpds THY Pacwv, GOTE TS Tpookeiuevoy uépog “F;és T
peyohutépay Paoiv va eivan OkTamAdeiov Tou &AAou pépous.

679. N& Sicnpedij 1o Eupadov Tiis KUpTis Emgaveias koAoUpou kdvou ik TepioTpogfis els
v loobuvapa pépn Umé émmeSwv TapaAAniwy Tpos Tas Péoels Tou.

680. ‘O Adyos Tidv TeTpaywvwy TdV Syxwy Blo Suciwy kohoUpwy kevwy Ek TEPIOTROPTS
ioolTan Tpos Tov Adyov TdV-KUBwy TEV SAIKGY Emigavaidy Twv fi TEY KupTGY Empaveidy

alTév.
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KE®AAAION XIV

213. EIIMANEIA [TPOKYIITOYEA YIIO KAN. TEOGAAIMENHE
I'PAMMHE, *TPE@OMENHE IEPI AZONA TOY EIIINEAOY THE.
Ocwpoluey xavovikiy TeBAaouévny ypouMiV ABIrA xévtpou O kai piav
evbeiav x0y (&ova) Tou &mimeSou TN,
pn Téuvouoav aUThy (oy. 189).
‘Opropios. Kahobpev Emgaveiay £x
repLatpo@iis Tig kavovikile tebhaopévng
ypappiic ABLA nepi tov dova xOy, 10
Tovolov tdv kikhov, oi omolor Exouv
axtiveg tag anostdoers 1MV oNuEiov Tig
dobsions kav. teflaopévns and tov do-
Bévra GEova kai kévipa Tovg mOdAg TOV
kabitowv tovtev éni tov dlova.
'Eppadov. ‘H xav. TeBhaousvn ypopur, ABFA Exer kévtpov TO kévtpov O
ToU Tepryeypampévou KUKAOU Kai KTIVa OA = R. "Ectwoav a, P, v, & ai épbai
mpoPorai T&V A, B, I, A gmi Tov &fova xOy dvmioToiyws. “EoTwoav émwions
OH, 08, Ol ai &wooTAoEs tou O &md Tds TAeupds ThHs kav. TEBA. ypaupfs.
O& ¢lven : OH = 00 = Ol.
Katd T els v (§ 210) Aexbévra, B Excopey
E|A13i = 27~ QH - (C‘E')r
E(Bl’) — 2T MGD)- (BY) =2m - OH - (BY)r
Eirwy = 2w - Ol - (¥8) = 2w - OH - (yB),
“Apa Eaera) = 21 - OH - (af + By + y8). 5y
“Av 5& Tebf ofp + Py + ¥y = v, ) (1) yiveran :

E@asray=2n - OH - v

kal ékppaler OTL!

To ippadov ThS tmgaveioc tis mapayopivne Omod kavovikilc tebiaopivng
ypappiic, cTPEQOREVIS katd yoviav 2r, nepi dSova tod Emnédov g, SEpy opEvOV
Sua tob kEvrpov abtiic Kai pi| tépvovta adtijy, isolrar mpdg o yivopEvoy Tob i
KOUS TOD EYYEYPARPEVOD kOKLoU £ri 10 pijkog tijg npoPoliis tiig tellaopivng ypap-
pijg émi tov agova.

214. OFKOL LXHMATOX ITAPATOMENOY YIIO TPITQNOY XTPE-
®OMENOQY TIEPI AZONA.
AoBévutos Tprycovou ABT, poTifuea va Urohoyiowpev Tov by kov TOoU OX1-
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Wates, TO omolov TapdyeTal U THs émigaveias Tol Tprydvou ToUTOU, &TQ
oTptpnTal epl &fovar Xy kaTd yewviow 2, Siepydpevov S1& wids Kopugfis Tol
TRy VOV, UM TépvovTa alTo Kal kelpevov émi ToU émiméSou Tou TPy wvou.

Arakpivopev Tas droAoUBous TrepITTTMOEIS

a) ‘0 GEwv nepotpopils ovprminter pé TRV nhevpav BI "Ayouev T& Uyn
AZ xai TA ToU Tprydvou ABT. Znueiolusy 8¢ Tpels TepimrTedoeis S T oxfua
ToU Tprycovou ABP, kaBéoov elven < 90°, > 900, [ — oo,

A A

Ffa—=
=
=
m-
=
(93]

Eis thv TeAeutaiav mrepimTwoty Exouev To (o). 190y) kai &pa :

: 1
\':AB]‘1:“3—'IT . FA2 . FB. (!)

Eis Tv mepimTwow Tou (o). 190a), 8& Excoue

1
—— - ZA2 . ZT riﬂ.ZA2.ZB —

Viasr)= Viarz) + Viaze) = = 3
,——;'n'-ZA2~ @r +2B) =%1T-ZA2-FB.
: ] .
“Hron : Viasr) =— T - ZA* . TB. 2)

Eis Thv mepimrwow ToU (o). 190B), 6 éxcouev :

1 1
Viasr = Viaze) — Viazn = P T ZA%ZB — s nlh ZA® . 7T =

-%-'n' . ZAL. (zs—zr):% g il
: 1
"QO'TE éAv elvat : \ (ABIN) = -3— . ZA?. I'B. (3)
Eis Tous Tumous (1), (2), (3) Ba dwaowuey piav &AAnv poperiv.
MvwpiZopey ét1: 2 (ABlN) = B.-ZA = AB - TA, éméte & TUmos 3)
YpdgeTal S1a8oxIKs :

|
Via o _;_ . ZA - B+ ZA = —B_TT-AB-FA-ZA:% (Tm-ZA-AB).TA —

1
7, T Ecan) - FA.
1
*Hrol : Viasr) = g Eam - TA. (4)
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B) 'O Gtov reprotpo@iic SiEpyeTar S Tilg wopupiig [ (ox. 191).
"Eoteo &11 ) TAeupd AB Tépvel TOV &Eova TeploTPORiis Els TO anueiov K.

Od& ExuEY :
: : . 1 1
Viasn = Viarxy — Vierxy = S Ea - [A s T Egky - TA=
1 1
== = - TA - [Eary — E®x ]=’3— - Eany - TA.
“QaTe AW elvan :
) 1
Viaprn = FaE - Eam) - ra. (5)
y) ‘O Giov neplotpoiic elvan maparinhog mpag iy AB (ox. 192).
“Ayouev TGS xaBtTous AO, BH émi Tov &fova kai TO Uyos [A. Ok EYwHEV :

Varn = Veare) T Viaens) — Viren) =

OA2 . O+ - OA? - eH_L377 S mhe

—

W

:%n-rm.re+w-rA2-@H——l3—n- ra- TH=

i%ﬂ.rm.(re+3-eH—rH):%n-rm (F©+OH +2.6H—TH) =

_ L pAN. (CH+25OH=THy=—> . 2 . T52 - €H=

3 3
1
L (2w -TA-AB) A= Eup -l

“Qae, Ko lg TAS TPEIS TrEPITTTWOEIS, elvan :

: 1
Vs = - - Eap - TA (6)

‘O TUTros olTos tkppalel OTL:

‘0 byxoc tod oyfipates 1o orolov rapayeton Omd TS tmpaveiag £vog TpLYGr
vou ABT, atpegopévoy mepi dZova katd yoviav 2m, KEipevov iv 1d Emnidw tov,
i| tépvovta avto Kkai diepydpevov da tiic Kopugiic I, icodtar mpog 10 tpitov tod
yivopévov Tob Eppadod, td dolov napdyer | mhevpd AB ini 1o avtigroigov Uyog

10 tprydvov TolTou.
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215. OGEQPHMA TOY IIAIIIIOY*.— 'O BTKOQ 00 O'Iﬂl.lut()g 10 6roiov
rapayetar bro Evog Tprydvou, otpepopivou mepl dLova katda yoviav 2, RoiuzvoV
iv 1® Emnédo tov Kai pi tépvovia 1o tpiymvov, icoltm npog to YIVOPEVOY TOD
ippadod tob Tprydvov Eni 10 pijkog tod kOKLov, oV drolov Ypagel Td kivrpoy pa-
pous K tob tpry@vov todtou.

*Anéderlig: “Eotw ABI Ev Tpiyco-
vov, T6 émrolov oTpépeTan Tepi Tov &o-
va (8), keipevov dv 1@ EmimESe Tou kai
un Téuvovta TO Tpiywvov. Mia ék Tdv
TAEUpGY TOU Tpiycvou B Tépun ToV &-
Eova ToUToVv.

*Eoreo 61 ) Bl Téuvel Tov &fova
(8) eis 16 anueiov O. *Ayouev v OA,
T6 Uwyos OA xai TaploTOUEY Bix TéV
X, ¥, 0 T&s &mootdoess Ax, B, My Tév kopupdv A, B, I' &mé tov &Eova (5).

B& Exwpev
1 , 2
Vioam = -%— - OA - Bap)= 3 -OA - (x+y) - AB= Eoap) - 3 T(X+ V)
2
kai dpolws : Voan = Ean - T (x+ w),
kol kot drohoubiav :
Viasn = '§* m - [Eoam - (X +¥) —Eoan  (x+ w)]. )
; e Ecam _ Eoan - _E(0A51= Eo_“',?: E‘Lﬂ[’
e g mor Ty e y-o
: w

€ dv:  Eoas = Easn - }Tzrj;, kel Eoan = Easr) - Y-

omoTe 7y (1) yiveran :
YOy — I G| L e KRN o

Viasr) = % m - Easn)| - y—w 3

*Eoteo H 10 péoov o MK kai A, , v ai doataoes Tév K, H, Z &mo Tév &fova
(8), &vBa K o xévTpov Bdpous ToU Tpiywvou ABI kal Z 10 péoov Tfis AB. O&
flvon: x4+ y=2v, ptv=2A o+AiA=2y (Siduecor Tpameliwv), € Gy :
.\'+yf‘w+h+v+7\:2u+ 4+ 2N AX+y+tw=p+v+A=2A+A=3)
kal ) (2) yiveton :

Vasr = Easr) - 21 - &

AZKHZEIZ
681. Mepi Toiav TAEUpGY TIPETTE! v& oTpagi] Tpiywvov ABI xatd ywviav 2w, doTe va
Tapayfi 6 péyroTos SyKos |
; “Eidnv MabBnpanixog g *AlgEavipivig Emoxfc.
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682. Ak THs kopugfis A Tprydwvou ABI va aybf v TG Emimede ToU eufeia Yy, W) TEpwovoa
adTé, TolauTn GOOTE & SyKos TOU oXHUATOS TOU Tapayoutvou UTd ToU Tprywvou ABI, oTpe-
goptvou Tepl THY XY, V& elvatl péy1oTos ;

683. Aidetan Tpiycwvov ABI kal Inreitan v ebipeBf) el TS heupds Bl v onueiov 4, To-
oUTov GoTe ol Syxor TV o¥nuaTwy, o Trapaydpevol Utd TV Tprywvwy ABA, AAT, oTpego-
péveov Trept &Eova xy Tou émmeBou TOU TPIydvou, Un TEWVOUTOS auTé, va elvan fooduvapor.

684. A1 ToU kévTpou Papous K Tprywvou ABI &yetan TapdAAnAos Xy Tpos Ty Bl xad
6 Bhov oyfipa oTpégeTan TEPL THY XY xata yoviay 21, N& evpedi) & Adyos T@dY SyKwy TAV X1~
u&Twy, THY Tapayopévwy UTTe TRV Yo pepdov, els & ywpileTa T6 Tpiywvov UTd THS XY.

685. Tpiywvov ABI oTptgeTcn epl ThHy EowTepikAY BiyoTopov Tou AA katd ywviav 2T
N& ebpedij & Adyos TGV Gykwy TV oXMUGTWY THY TEPIYOHEVRY Uwd Tév Tprydvey ABA
kal AAT.

686. AiSovtan BUo Tpiywva ABI xai A,B,T, kai év onueiov O &l Tou atrou Emimédou (T1)
eipévav, Na &yBi 81& ToU O evbeia xy Tou (1), pf TéWvouea Ta Tplywva, TolxUTn QoTE ol
&yKol T&V TaPXyOHEVEY oxnuéTwy, UTd TV Tprydvwy, oTpEQOpEveV TrEpl THY XY KaTa Y-

[ yE . B
viav 2, va Exouv Adyov i
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KE®AAAION XV

I o AL P A
LAY O H T ES

216. OPIZMOZ.— Egaipa kaisitor 10 Livokov t@v onpciov tob ydpov,
1d omola anéyovy dpropéviy ardotacty and Ev otabepov onpeiov.
To oTabepdv oTHEIOV O elvan To Kkévepov Tiis opalpas (oy. 194). ‘H dpiopévn
&éoTaos elvar 1 axtig THs opaipas.
‘0O gupPoriopds : TEATPA (O, R) TrapioTd THv ogai-
pav kévtpou O kal GKTIVOS R. )
*Eri wids TuyoUans evBeias (8) Siepyoutvns Six Tou
xévrpou O wids opaipas, Umrdpyouv duo onuela M kai My,
kai pévov Buo, TolaUTa GITE !
OM = OM, = R.
Té Tufiue MM, elvan f) S1apeTpos Tfis oaipas.
“Ev onueiov N dvopaleTal towtepikov Tfis ogaipas (O, R), 2&v, kel pbvov v,
ON < R, kai iEotepikdy aUTiis, t&v, kal pévov &y, OM > R.
OUTw, Té& otoiyeia O kad R ds opaipas Biapepifowv T& onpeia N ToU ydb-
pou els Tpia ZUvoha : . :
ON < R... towTepikov ogaipag
ON = R... fmgdaveia opaipas
ON > R ... #wTepikov opaipas,
fxaoTov Tév dmrolwy elvan UTogUvoAov ToU Zuvodou TGV onueiev Tou ydpou.
‘H opaipa elvat KAEIOTT) EMQAVEI, 1) Smola Braywpilel Tov xdpov els ow-
TepikdY Kol EETEPIKOV QUTHS. ' | iy
AUo opaipan Tis aUTHS dx-rTvo;fIvm ioat. A,lc"r} ) CUUTTTWOIS TEV KEVTpGV
Tewv ouveTrdyETan THY CUMTTTCAIV TWV Uﬂl-fE[C\W bl o)
"Eqv onueiov A elvan EowTepIkdy opaipas (O, R), kad Erepov omueloy B elvan
EEwepikdv alUTis, TéTe 7| AB TéUVY) THY o@aipav el &v, kai pdvov v, onueiov ov-

Tfs.

Sy. 194

Kéde ogaipa (O) Exer novoy fva kévTpov. A16Ti, EGv elyEe kad Selrrepov kévTpov
0,, TéTe 1 BidpeTpos aUTHS f Tepiéyouoa T& SUo kévtpa B elye SUo péoa, Emep
1

&ToTrov. T L 3
Ao TuyoUoon BIGUETPO! THis aUTfs opaipas elvan Tea, &5 dpoicpaTa fowy

axtiveov. e |
"Av Buo onueia A kol B elvan TuyxdvTa onpeia Tis aUTiis ogaipas (O, R),

T6 eUBUypaHpoy THTHG AB kaheitan xopdi) Tiis opaipos.
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"H duapetpog ogaipag civar ) peyohvtépa F0pdi) avriic :

TMpdyuaT, éav MOM, elvon pia Bigpetpos opaipas (O, R), kai AB uia ¥opbt
adTHs (ox. 195), TéTE & ToU Tprycovou OAB B& Eycopey
OA+~OB=AB #f OMOM, > AB § MM, > AB.

217. TOMH LI®AIPAL YIIO EINIIEAOY AIEP-
XOMENOY AIA TOY KENTPOY AYTHE.
lov: "Oha T& onueia Tis opaipas kévtpou O kai
Sy. 195 dxtivos R, T& keipeva Emi Tou émmedou (P) (ox. 196),
ToU Biepyopévou Six ToU kévtpou O, dméyouv dmdoTa-
ow R &mo 16 O, xai avuetpépog. “Apc:
Mav ininedov nepiiyov 1o kévipov oaipag (O, R), tépver avmiv xkara wo-
khov kévrpov O kai aktivoc R.
‘O kUkAog oUTog elval péyieTog KUKAOS.
Mav émimedov mepiéyov TO kévTpov ogaipas ka-
AeiTan drapetprkov Errimedov aUTHs.
20v : Noolusv 871 & kUkAos Siapétpou AB (o). 196)
oTpégeTan Tepl THY SidpeTpov TauTnv. T&v onueiov M
TOU KUKAOU ToUTou, Gméyov TQVTOTE améotacy R
4o T& kbvtpov O, ketan émi Tis opaipas (O,R), kai
avrietpopwe, Tav onueiov M TS opaipas &vrikel efs TOV péyloTov kUkAov aUTiis,
Spilduevov Umd THs Biapétpou AB kal ToU anuelov Toutou M.

218. ETOIXEIA EYMMETPIAL MIAL EMAIPAL. — lov: Kévrpov ovp-
petpiag.

Eis thv (§ 216) eidopev 6T, tav pia elfeic (8) BiépynTon &mo 16 KévTpOv
O waés oeaipas (O,R), bmrapyowv §Uo onpelx M kai M,, kai pdvov &uo, TolaUTa
@ote: OM =O0OM, = R. “Apa:

To kévrpov ogaipag civar kEvipov guppetpiag avtiic.

20v: "Afav cvppetpiac. “Eotw M #v onueiov ToU
kUkhou (T) kad M, ) via Béors altou, dtav & kikhos (1)
A&pn Thv Béow ('), oTpepdpevos mepl THY elbeiav xOy
(ox. 197). Ta Tpiywva MAB kai M,AB elvai dpboyavia
els 70 M kai foq, kai ai k&betor &k TV M kal M, émi Ty
AB Tépvouv ol els TO alTd onueiov H. "Apa HM =
HM,. "Apa 16 onueiov M ypagper kiUkiov xévtpou H xai
dxtivos HM. ‘H AB elvan &Ewv ToU kikAou TouTou. Eig
&y onueiov M; Tol kikhou ToUTou duTioTolxEl TO on-
pelov M';, ouvupeTpikdy ToU M, s mpos 1O H.
*Apa 16 M) elvan OUPHETPIKOY ToU M, s Trpds &Eova AB. "Qoe :
Miaca diapetpos opaipag elvar GEov ouppetpiag avriic.

Zy. 197
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3ov: ’Eninedov ovpperpiog: "Eotw (P) Biapetpikov dmimeSov ogaipag
(O,R) (ox. 198). 'Eav M elvan TuxOv anpeiov Tiis oaipas, kai M; T6 ouppetpi-
kov Tou ¢ Tpos TO émimeBov (P), 0& elvan :

OM; =0OM = R,

dpax TO M, kelTan ¢l This opaipas (O). Kat’ &-
kohouBiav :

[av Swopetpikov Eninedov ceaipag eivar Eri-
nedov ooppetpiog abtis.

219. EGATNTOMENON EMINEAON EIX
YHMEION IL®AIPAE. — Oewpotpey opaipav (O, R) kal &v onueiov A ém’ al-
5. “Eoteo () efs TV &melpwv peyioTwv kUKAwv Ths opaipas, TV Siepyopé-
veov Bi& ToU A. Eri ToU kUkAou TouTou BewpouUpevy Ev onueiov M.

To Tplywvov OAM ¢lven oookeAés, Biomt OA = OM = R. Eqv qépoopey
THv Bidpeoov OH atTol, aUrn 6& elvar kébetos émi Ty AM. "Otav 16 M Tei-
vn TPOs TO oTaBepov anueiov A, TO pfjkos
Tou AM Teivel Tpos TO undév. “Apa kal T6
pfikos Tou AH Telvel rpos TO pndév, To Bt
onueiov H Teiver wpds to A.

Eis 70 A &yousv Ty épamrroptuny (5)
ToU peyioTou ToUTou kUkAou, 1| &mola B&
elvan k&BeTos Tpos THY dkTiva OA.

Oewpolusv GAous Tous peyioTous ku-
kAous Tfis oaipas Tous Siepyopévous Bid
Tou A Kkai Tas éparTopévas els EkagTov Tou-
Twv els TO onueiov A. Tladom ai épamrTdue-
von aUtar 8 elvar kdbetor rpds THY OA Eig
16 onueiov A. “Apa 8& KelvTal ¢t vds emméBou (P), kabétou Tpds THv OA

Iy. 199

els T A. -l o 1 =

'AvtioTpdpws ¢ T1aoa eBeia (8) Siepyopévn 81 Tou A kad kewévn &l Tou
(P), kadéTou &mi THY &xtiva OA s 1o A, elvan épamrropévn €vds peyioTou kU-
KAQL' Tis opaipas, KelpEVOU ¢l Tou EémiméSou Tou Opifoptvou U ToU omueiou
O kai Tiig evbeias (8). "Apa: T .

Té Tovohov tdV EQantopévoy cvbewdy eig Ev onpelov A mdc ogaipog sivan
Eninedog déopn c00LOY, ijg droiag 10 Eninedov elvar k@betrov Emi v axtiva OA
tic opuipas &g ™ A. . _

Té rmimedov ToUTo, €€ dplopol, kaAeiTal Epantopevoy Eninedov THs ogai-
pas (O, R). i 4 = X

‘Isuotnreg Tob Epantopévov gmnédov. A wav onueiov M’, Biagopov Tou
A, Tol tparmrroubvou Emmédou (P) €ls 10 A Tiis ogaipas (ox. 199), elven
O'M' > OA — R. "Apc T onpelov M’ keiTan ¢kTos TS opaipas. "Apa :
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To tpantopevov ininedov pidg cpaipug Exer pet’ avrilc Ev povov kowvdv o1-
petov.

T onueiov TouTo koAeiton anpeiov Eragiis Tfis opaipas kai Tou émméSou.

220. LXETIKAI @EXZEIL EDAIPAL KAI EYOEIAX. — Oewpoipey opai-
pav (O, R) xai plav eUbeiav (&).

Ipien nepintoets : ‘H (8) diépyetar dua tod O. Nvewpilopev 611 1y (8) Té-
pvel THv opaipav elg BUO oMuEia CUMHETPIKG 65 wpds TO Kévtpov O aUTfs.

Zy. 200 Eyx. 201

Agvtépa mepintwoig ¢ “H (8) dév igpyetar dud tob O. ‘H elfeia (8) kal 1O
onueiov O épilow Ev émimeSov (P), TO omolov Tépver THy oeaipav katd Eva
péEyloTOV KUKAOV.

Té& xowd onuela, tav Umépxouy, Tis ebfeias (8) kal Tfis opaipas (O,R)
8& kelvTan i ToU émméSou TouTou (P).

O& elven, Aoimrdy, xowd THs evbeias (8) kad Tol &v Adyw ueyioTou xkikAou
(oy. 200 — 201 — 202).

*Avriotpdgog ¢ TTav kowodv onueiov Tou BewpnBivtos peyioTou kukAou kad
THis e0felas (5) elven xowdv Tfis opaipas (O,R) xai Tfis elbeias (B).

*Avary Sueba oUreds els 76 yvwaTov TpoPAnua Tfis yewueTpias Tou émimédou :

Aobévroc kikhov (O,R) éni Emnédov (P) kai tijc evbeiag (8), Toradtng dote 1
anootagic g ard o O va elvar d, moia elvar 1 Barg tiic (8) g npdg TOV KO-
Khov O, kata tag Swagdpovs npds s d;

Ko’ &xohoubiav :

Eav d > R, #) (B) xeitan ko5 ToU kikhou (O,R). *Apa 1y (8) keitan txTos
Tiis ogaipas (O,R).

‘Eav d = R, 1 (8) fpdmTeTan ToU kixkAou (O,R). *Apa 1y (8) tpdrrTeTan
Tfis ogaipas (O,R).

Eav d < R, /| (&) Téuver 1OV kUkdov (O, R). “Apa i (8) Tépvel THv ogai-
pav (O,R) eis BUo omnpueic.

221. BALIKAI LYNOHKAI OPIZOYZAI THN I®AIPAN.— Elvan mpo-
gavis &71: Mia opaipa elvar Opopivny, Srav yvopilopey o kévipov g Kai
v axtiva avtijc.

Mia ogalpa elven opiopévn kal UTd Tds dkoAouBous eUkoloaTroBeikTous
YEWHETPIKAS ouvBnKas.
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lov : AoBivtos anuelou A, v anueiov O ToU ywpou elvon kévtpov opai-
pas, Biepyoutvns Bik Tou A.

Zov: ‘O yewp. TOTOS TGV KEVTPwY TV ogaipddv T®V Siepyopévwy Sid SUo
BeBoptveov onueicov A kai B, elvan 1O uecokdBerov émimeSov Tou TurfpaTos AB.

3ov: ‘O yewp. TOMOS TGOV KEVTPWV TRV opaupdv TV Siepyopévwy Sid
Ty onueiov AB,T, un xepbveoy &’ ebbeias, elven & &Ewv Tol mepryeypay-
pévou kukhou Trepl TO Tpiywvow ABT.

dov : AoBévtos TeTpaebpou ABIA Umdpyer pia pévov ooeaipa, Siepyopévn
§1& TGV Kopu@V TOU TETpaEBpOU ToUTOU (mepryeypappivn oaipa Tepi TeTpde-
Spov).

AZKHZEIZ

687. Toios elval & ymuﬁpm‘x TOTOS TV aneiwv Tou Ywpov, & T dmroia Sobiv eld.
Tufina AB oTadepdy, Bioer kad ueyéder, gaiveran Urd pbiv ywviav ;

688. Moios & yewy, TOTOS TGV KEVTPpWY TGV 0QaIpddV TGV EpatrToptvwy SobévTes fmimédou
(P), els Bobiv omueiov A abToU ;

689. TMoios elvar & yewy. TOTOS TAV KEVTpwY T&V ogoipdy TdY teamToptvey §Uo émimé-
Swv (P) kal (P,)

690. AiSeron onueiov A bl mds ebdelas xy. 1) Totos & yeeop. TéTros Téw KévTpwy oY Tex-
p&v TGV bparTopéveov THS XY ElS 16 A. 2) Tlolos & yewh. Témos T@V KEVTpwY T&Y opaipddy &kTi-
vos R, Tév tpatrTopévay TS XY elg 10 A

691, Tolos elvan & yewy. TOWOS TAV kévTpwy TGV opaip®dv dxTivos R, Tév Epamrtoptvey
Bobeions euBeias Xy

692. Tlolos & yewu. TémOS TOV ptowv fowv xopddv Bobelons opaipas (O,R) ;

693. Totos & yewi. Témos TV onueiwy M ToU ywpov, 51& T& droia MA24 MB? = k?, fvba
A xai B BeSopéva oTafepd onuela ;

694. Toios elvan & yewp. TéTos T@V KEvTpwv: 1) Tév opaipdv &kTivos R, Siepxoutveov Bic
BobévTos onuelou A, 2) Tév oeaipidv GKTIVOS R, Biepyonévewy B1& 8Uo orabepdv onueiwv A,B-
3) Tdv opaipdv dxTivos R, dgamrropévey BoBévros Emimédou (TT). 4) Tév oeapéy dxrivos R,
tpamrropéveov SUo TTapaAAfiwy eufaidv (8) kal (8,)

695. N& &mobeiydij 5T1 KUKASS (@, p) Kol onpeiov A dkTds auTol, dpiZouy piav ogalpav.

696. N& &moBery8ij 61 BUo kUKkAo! (w,p) kad (e0y,p,), uh kelpevor v T aUTE Emimédey Kal
EyovTes BUo kowd onuelx A,B, Spifouv piav ogaipav. .

697. Alo kixhor (w,p) kel (@y,py), BN Keiuevor tv 16 aUTd tmimebe, tpdrTovTan Els TO on-
ueiov A. N& Seix®ij 6m opifowv piav cpaipav. i d

698. N &mroSeix8ii om Umdpxel ogaipa tpamToptvn TdV E5pdv TeTpakdpou (Eyyeypau-
pévn i Tapayyeypaupéval).

699, AfSovTan Buo oTadepd onpela A xal B xai ineita & yewy. TéTOS TGV onpeiwy M
Tol ywpou, Bid Tag dmola foyUouv al looTnTes:

1) MA: MB = u:v, 2) u-MA? 4 v.-MB? = k2,

700. N& dmoBeiy8ij 6 o xavovikh Tupals elvan Eyypdyinos els opalpav.

701. T&v opBoycoviov mrapah /Bov elven tyypéyiov els opaipav.

702. Mo xehoupos xavoviky Tupauls elvat Byypyios els ogaipav.

703. ‘Yrépyowv ogaipal tporrTopeval TEV &KUY RS weauiﬁos 3

704. TuvapTiioe TS dxufis a kUPou, v& ‘:"“07\07“33‘[1 1) ﬁ d“ﬂ_i T'f]S TEPIYEY pappévns opai-
pas, 2) Tiis és_,rygypcxpuéw]s kal 3) Tiis tpamTONEVNS TGV dxuddv Tou kUPov.

705. Tax ouvbéovTar al &xTives TGOV o@aIp®dy, THEPIYEYPOUPEVTS, tyyeypauuévns kal dpa-
Trropéung ToV EE GrpdV xavovikoU TeTpaEBpou &KuTs a |
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706. Tlolos & yewp. ToToS T@Y anueicov M Tou ywpov, &ia Ta omoia loyler f lodTng:
MAZ 4+ MB® - Mz — ke, évBa A,B,I ai kopugai orafepou Tprywvou ABT ;

707. Né& &mmobey87 &m, tdv pia ogaipa tpamrerar T@Y E§ drudv TeTpatbpou ABIA, ToTe
& elvan : AB + A = Al + BA = AA -+ BTI.

708. N& xaTaokeuaosdij opaipa dxtivos R, Biepycpévn Six Tp1&dv Bedopévwy onueiwv A,B,I
ufy kewpéveov ' eubeias.

709. N& ypagil ooaipa, Sipxoutvn Bia Tpi@v Bedopévav onpeicov A,B,I" kai épatrTopévn
80BtvTos Eémmedou (P).

710. N& kataokeuactiy opaipa axtivos R, Biepyouévn Bia BUo SeBopbveov anpeiwy A.B kai
¢patrropévn Sobévtos Emimédou (P).

711. AiSovrar BlUo elfeion (§) kai (8,), pf keipeven év T& aUTd Emimebe, kai 8o onuela
A kal A, & abtév. Na &mobey8ii 6mi Umapyer wia, kal povov pla, ogalpa tpamropévn TGV (5)
kal (5,) els T& onueicc A kal A,

712. MetaPhnti opoipa SipyeTan B Suo oTabepdv anuelwy A kol B kal tpdmTeTan do-
BévTos Emimibou (P). N elipedfy & yewy. TéTos TV onueicy émagfs.

299 TXETIKAI OEZEIT EMAIPAL KAI ENIMTEAOY.— Oewpolpey ogai-
pav (O,R) xai v émwimedov (P), TolouTov &oTe T amdoTacts OH ToU kévtpou
O &mro 716 EwimeSov ToUTo v elvar d.

lov: *Eav d > R (ox. 203), 76 onueiov H keitau éxtos s ogaipas (O, R).

Ty. 203 Zy. 204 Zx. 205

Az & onueiov M ToU émmédou (P) £xopev: OM = OH.

M&v onueiov ToU ¢mmédou (P) eluan, Aoimoy, E§wTepikdv onuelov Tfis opai-
pas : To irinedov (P) hiveram tEotepikov tiic oguipac.

'Avniotpoous, Eav TO Emimedov (P) elvan &§wotepicdv THis opaipas (O, R),
t61e OH > R i d > R.

2ov: 'Eav d =R, 10 émimeSov (P) tpdmrreTen THis ogaipas (O,R). To émi-
medov (P) kal ) ogaipa Exouv Ev uévov xowodv onpeiov, 10 H (o). 204).

3ov: 'Eav d < R, & petaPAnTov émimebov (P,), Siepyopevov Bia Tfis OH,
Tépver Ty opalpav katd Eva péyioTov kUkhov (M) kal 1O Emimedov (P) kara
picv eBeiav (8), (ox. 205).

*Emaish OH < R, ) evBeia () kal & xixhos () TéuvovTan. “EoTwoav A kal
B t& onpeia Tis Toufls Twv. Elvar wpogavis 8T T& A kal B dvrikowv els TO gi-
meSov (P) kai els v ogaipav (O,R).

182

Wnepromotr|Onke amé 1o lvotitouto EknmaiSeuTikrg MoAmkng



Kot drxohoubiav, #av d < R, 1| opaipa kai 1o ininedov (P) Exovv kowvé on-
pele. AnAadn TépvovTal.

*EgTee M Tuyov onueioy, xowov Tfis opaipas (O, R) kai Tou émmédou (P).

O& elvar :

HM2—= OM2—OH?= R*—d?, &§ ol: HM= VR: — 2= GPIoPEVOY.

“Ofev : IMav kowov onpeiov M tiig ogaipag (O,R) kai 1ol émnédov (P) kei-
tar éni kOkhov kévrpov H xai daxtivog HM = VR2 — @2

*Aviigtpopog. T&v onpeiov N ToU kUkAou (H, HM) elvan kowdv Tis opad-
paﬁ (O,R) kai ToU émimeSou (P), xaBdoov & kikhos (H, HM) keiten &l 100 (P)
Kal OTl:

ON? = OHz 4+ HN2 =d? + HM? =d* + R®*—d*®= R?, £ ol: ON=R,
SnAadh To N keiten émi TS ogaipas (O,R).

“Ofev : "Eav d < R, 1) cpaipa (O,R) kai 16 Eninzdov (P) tépvoviar katd kixkov.

Eqv 10 (P) Bibpxntan Six Tou O, 167e d =0, kal 10 émwimedov (P) elven
SicpeTpikdy Tis opaipas, kal dpa HM = R.

‘H Toun, ToTE, elvan pEYIOTOS KOKAOG Tfis opaipas.

*Eav d = 0, & xowds xUkhos ToU (P) xad Tfis opaipas (O,R) keeiten pi-
Kpog kOkhog THs opaipas.

*Evrelfev pokumTel 6T1: 'Eav xOKhog EXn Tpic KOwa onpsia petd puic
ogaipag, O0a keitar &ni TS seaipag Tavng, kol OTi:

‘H ogaipa civar pia Em@averd, gni tijc Omoiag duvapeba va ypayopey Em-
nédovg kopmilag (KUKAOUS).

223, TOMH AYO EQAIPQN. — "Eotwoav dUo Siakekpipéva ogaipa (O)
kai (O;) xai M v kotdy anueiov alT@v. “YobéTouey 611 TO M Btv kelten £mi Tfis
Biakévtpou 00, T&V o@IpdY TOUTWY.
To EmimeSov OMO, Tépver 1&g BUo opai-
pas kaTd Buo peyioTous KUKAOUS, TEHVO-
pévous els 16 M.

Tou Tprycovou OMO, yvwpifopev
Té&s Tpeis wheupds OO0, = 5, OM =R
kad O;M = Ry. "Av &x6i] T Uyos Ml a-
ToU, TOTE TO OTHEIOV I elvar dopiopévov
¢l Tiis Siakévrpou OO0, kai 1O Uyos M
elvan copiopévov, Umohoy1fouevoy ouvap- [B_‘R’ﬂ_ﬁﬂ)
THoE TV TAEUPGV TOU Tprydvoy OMO,, Ty, 206
P&ogl Tou TUTTOU Tou "Hpwvos. OUTw,

& M dmréyel GopiopeVny &mréoTac &md To cpiopévov onpeiov I Tis Siakévtpou
00,. "Apa 8& kel ¢ri TOU KU
"H topi 600 o@aipdv tepvopEvoy sivar KOKAOG, Exov GO¢ dfova v diaxkev-

Tpov T@OV cQaLpOY TOUTOV.

xhou (I,IM). Kat’ dxohouBiav :
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Ex Tév &uwTépw TOpPATT|poUdEy OTI !

a') “Ymépyouv onueia Tiis opaipas (O,) éowTepikd Ths (O) kai onueia Tfis
(0) towTepika Tiis (O;).

B") ’Edw 8o ogaipan (O) xai (O,) Exouv &v povov KooV omueiov A, TOTE
ToUTo B& keiTon &mi THg Slakévtpou 00, TEV opaipdy TOUTWY.

Ao, el Thv duTifeTov TepiTTTwoy ai opai-
pat B elyov arelpa kolv& onpeia [ T& onpeia ToU
kUkhou ()], kaTd TOV OToiov, oUL@MVWS TrPos
16 dvwTépw Bepnua, tépvovtal.

Avo ogaipan Exoucal £v pdVOU KooV on-
ueiov, dvopdlovTal £Qamtopevar, Koi TO KOWOV
onueiov koAeiTal enpeiov inagiic alTddv.

y') "Av Buo opaipat (0) kai (O,) EpdrrTeov-
Ton kT TO onuelov A, TéTe TO EparrTOpEvoV ETri-
Tedov Tiis (O) es To A efvon kal tpamTOMEVOV érmrimedov Tiis (O,) els TO anueiov
ToUTo A, kol &v Suo ogaipan (O) kai (O;) Exowv T6 alTd égarrTopEvoY Errime-
Sov els &v Kooy onueiov A alTév, TOTE ol oaipal épdmrrovTan GAANAWY KOTA
T6 onuelov TOUTO.

9294, EXETIKAI @EZEIL AYO IOAIPON. — lov. 'Eqv T1& onueia wds
opaipas (0,) kal T& EowTepiké ompeix aUThs eivan EEcoTepikd onueia wds &A-
Ans ogaipas (O), ToTE Abyouev 671 ai ogaipar (0) xai (O;) kelviar Ek105 @h-
AMijrov (oy. 208).

Iy. 207

sy, 208 Tx. 209 x. 210

20v : Edv & onueia 75 (O;) kal Ta towTepika au-
Tis elvon owTepikd Tiis ogaipas (O), TéTE Adyopev éTi
f) ogaipa (0,) keitar Evidg T ogaipas (0) (ox. 209).

3ov : *Edw al ogaipat (O) xai (O,) épdmrreovTan, TOTE:

“Av & kévTpa Twv KelvTon EkaTépwlev ToU kowou on-
uelou Emagfis A, ToTE B Aéywpev 6T ai opaipal Egantov-
tn $Eorepikds els To A (ox. 210).

"Av T& kévtpa T@V opaipdv (O) xai (O;) xeivton
TIpds TO aUTd pépos ToU onuelou Emagfis A, TéTE Abyouev
&1 ol ogaipal abtan Egantoviar Ecotepkdg (oy. 211).
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"Edv d elvon 16 pfikos Tis Siakévtpou OO0, Vo opaipdv (O,R) kai {OLRy),
TéTe amobeikviovTal af dxdAouBor mpotdaels (dxpiPdds, dmws kel ai dvrioTol-
X0l mpoTaosls Tis émmeSou Mecopetpias, ai dvagepduevan els Thv Béow Blo k-

KAwv), dnAadn :

d >R + R, = Zgaipa &xtog aliirov
d=R+R, — » tpantopever EwTepikic
IR —R,|<d<R+ R, — » TEPVOpEVaL
d=|R—R,| = » Epantopeval Eootepikdg
d<|R—R,| — » 1 pie &vrog tiig diding.

Alo opaipan ToU aUTOU KEVTPOU Aéyovtal dpdkevrpor.

Al TrpoTdoeis Tfis "Emmédou Mecwou. ol dvagepdpevar els v dmdoraciy Suo
kikhwv (0) kad (O,), loxtouv kai Bix 8Uo opaipas. ‘Ouoia &mddeiis.

225. KONIKH EINI®ANEIA ITEPITETPAMMENH [1EPI E@AIPAN.— O
YEQPETPIKOG Tonog T@V EQantopivev T@v dyoptvov ik enpeiov I, ixtdg opaipag
(O,R) kepévov, npog iy ceuipav tadtyy, elvar k@voeg &k nepiotpopiic, Exov Ko-

PLOTV 10 onueicy E.

*Avahva : *Eotw ogaipan (O, R) xal onpeiov 2 ora-
Bepdy EkTods aTiis. OewpoUpey TUYOV EmriTedov SiepyOpevoy
Bi& Tiis 20. ToUTo Téuvel TNV oPAIpaV KOTQ HEYIOTOV KU~
Khov. ToUTou &youev Thy éparrropévny ZM. To Tpiycovov
OME elvan pBoycoviov els T6 M. *Ek Tou M Gyopev iy
ké&Betov MH mpds Thv OZ. "Ex Tou &ph. Tprywvoy OMZ
(ox. 212), Exouev : =
OM2z—=0%.0H 7 R*=0%-0OH, ¢ o¥: OH =55 @)

f) &mola oytats exppdder 611 T H elvan oTaBepdy onueiov

¢mi Tijs OZ.
"Ex ToU 6pf. Tprycovou OMZ Eyouev :

x2— HM2= HO.HZ, ¢ oU: x= VHO-HE = dpiouévov.
*Apa 10 M xeitan émrl kUkAou Tiis opaipas (O), kév-

Zx. 212

Tpou H xai dxTivos X = YOH - HZ, xai xor” dxohouBiav ) IM elven yevéteipa

Kcovou, Kopugfis T pE 8nydv Tov kikhov (H, x).

‘Avniorpbpos. “EoTteo M Tuxov onpeiov Tou kUkAou (H,x). "Emadd elven
x2— HO.HZ, 16 Tpiywvov EMO elvar opboycoviov els To M. "Apafy OM L M,
To M kai f 2O dpifouv Emimedov, Téuvov THY ogaipav KaTd péyioTov kikAov,
Siepydpevoy Six Tou M. "Apx f) ZM, ds k&Betos émi THv OM, elvar EparTopévn
ToU peyloTou ToUTou KUkAoU €ls 16 onueiov M. *Apa | ZM EpdmrTeTan Tiis opai-

pas elg To onueiov M.
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‘H dvwTépw KWVIKY ETIQAVELX KOAEITA nepyeypappévy Tepl THY ogaipav (O,R), ) B¢
opalpa Eyyeypappévn el THY Ev Adyw KVIKNY Emedveiav.
‘O xUkhos (H,x) xaheitar kbkhog trapils T opaipas kal Tfs kwvikijs tmigavelas.
226. MEPITEFTPAMMENH KYAINAPIKH ENMI®ANEIA IEPI EOAIPAN.
Bewpolpev ogaipav (O,R) kal évar péyrotov KUKAoV aUTHis. Oswpolpev Ei-
ong TO cuvohov T evbadv (M) Tdv TaparAfAwy Tpos Tov &Eova Oy TOU pe-
yioTou TouTou kUKAou. To Zivohov Tdv edfeiddv ()

?9 ' elvai, &5 yvewoTév, kUAIVBPIKN &k TEPITTPORTS Emoa-

3 ‘._ . VEle, pé 68TyOV TOV uEyIgToV TOUTOV KUKAOV.
o "Av els Tuyxov onueiov M ToU peyioTou xukAou
= (0,0M) &x8f tearrropévn M, kepévn &l ToU Emime-

M = ;O i M, Sou ToU kUkhou TouTou, TéTe f| MT 8& elven waBetog
11& 'YJ tml Thy yevérapay MIT, 10 8¢ émrimeBov TMIT B elved
M T

tpamropevoy Tiis ogaipas (O, R) s 16 onueiov M kai

: ..,""' s kuhwBpikfis Emgaveias koT ufikos THs yeveTeipas

P Ml auTis.

i ‘H dveTépe kUAWBpikn Emigdveia B AfyeTon me-
Sy. 213 puyeypappévn Tepl THY ogaipav (O, R), f 8¢ ogaipa

gyyeypappévn els THY kuAwSpikiy TaUTNY EmipAveIav.
‘O péy1oTos KUKAOS (O) xoheitan kOkhog Enagfic TGOV SUo ToUTwv EmQa-
VEIQDV.
AZKHZEIZ

713. N& &mobeydij émi, tav MT elvon Eporropévn ToU &8nyol kirdou (H,x), (ox-212),
+o7e TO ErrieSov IMT EpaTTeTal TOU KMVOU KaT& TNV YevéTElpav IM kai THs opaipas els TO
onueiov Touto M (épantopevov éninedov coaipas kal kwvikfis Emeaveias ).

714. N& &mobery8ij 6T, tav MT elvan épamrropévn Tou peyloTou kinkdou (O,0M) els 16 on-
uefov M xai i yevéreipa MIT TS kuAWwBpIKTs Emigaveias (oy. 213) dpilouv Emimedov, To bmoiov
tpdmrreTan TH opalpas (O,R) xai Tfs kuhvBpikfis tmipaveias (Eparntopevoy tninedov ogaipas
kal kuAwBpikig tmgovelas ).

715. AUo ogaipm Exouv dxktivas R =35 cm kad R, = 3 cm. Toian elvan al oxeTical Béoeis
auTdy, kv BiéakevTpods Twv elven

d=15cm, d=8cm, d=4cm, =2cm; d=1lcm;

716. Na& ebpedfi ) oxeTikn Séois 8lo ogaipddv, &rav ) Bidkevtpos d kal ol dxTives R xai

R, Exouv Tas drkohouBous Tiuas el ExaTooTOuETPE.

717. Al dxtives BUo opaipdv Tewvopdvwv v R =3 V’l§ cm, Ry=2 Y13 cm, xal f
Siakevtpos d = 13 cm. N& UmroAoy1o87 Té pfikos xal To tupabov TS Topfis aUTdv.

718. AiSovran BUo onueia A,B oTalepd txtds tmméBou (TT) kal Tpods TO aUTd pépos alrTou.
Né& eUpedfi & yewueTpikds ToTros TV onueiwy M Tob (TT), &md T& dmola 1o TEfipa AB gaivean
Ume Opbfv ywviav. "
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‘Opoiws, iva MA? +~ MB? = k2,

‘Opoiws, va MA: MB = (u:v) # 1.

719. 'ATo Té onuela mas ogaipas(O, Y) &yopev elfuypapua TunpaTa uikous A, TapdAin-
Aa mpos Bobeicav BietBuvaiy (8). Na eUpebi] 6 yewy. TéTos TGV dKpov alTdv.

720. To kévtpov O mas opaipas keltal &l ToU Sixoropolvros émimedou ulav Biepov yw-
viav. N& dmobeiydf ém1 al Topal Tév E8pdv xai Ths opaipas eiven kixkAor fool.

721. N& &mobedij 8m1 Umépyel opaipa Teptyeypappévn Tepl K@VOV Ex TEPIOTPOPTHS.

722. “lva E4eBpov elvan Eyypawipov els opaipav, Tpémel kai dpxel al £5pan Tou va elven
TETPATAEUpY Y Ypayipa els KUKAOUS.

723. Mas kUAwBpos éx TepIoTPORTs Elval Eyypayipos els ooaipav.

724. Kdhoupos kdvos £k TEPIOTPOPTS elval TolouTos, WoTe TO Uyos Tou elvar pécov dvd-
Aoyov T@v Biapétpewv Tév Pdaedy Tou. N dmadeyBij 6T oltos elvan meprypéynnos els ogaipav.

725. Zoaipa dkTivos p elvan Eyyeypaupévn els k@vov &k TEPIOTRORTs dxtivos PBaoews R
1 1

T

1
kai Uyous u. Na dmodeixffj 671: StEl

726. 'Emi Tév drudv Tpigoploywviou oTepeds yowvias Oxyl AauPdvousy Tufuata OA = o,
OB = B, OF = y. N& dpiodf 1o kévTpov kal f| dxTis Tfis ogaipas, Tfis Siepyouévns Six T@v
onueiwv A,B,IN0.

727. AiSetan ogaipa dxTivos R kal gnTeiTan & yewp. TETOS THis KOpURTis TpIEBpOU oTEpESS Y-
vias O, Tiis dmolas al dkpal tpdmTovTal Tiis opaipas, &v kai al é5pat Tng elvan Ekdorn 60°.

728. 'Emri tmiméBou (P) BiSeTan oradepdy onuetov A xai picoTadepa el Ox, k&BeTos il T
(P) el 76 omueiov O. OewpoUpey Tés gpaipas Tés tpamroptvas ToU (P) els To A kal ta Biax Tiis Ox
tpamrépeva trimeSa TGV cgaipdy TouTwy. N& elpedi] & yewpeTpikds ToTos TdY onueicw dragfs.

729. Té buoiéBeTov opaipas s Tpds KEvTpov elvan opaipa.

730. Tetpaédpou ABMA 1 pdois ABI elvan cr-mespci.‘ﬁ B¢ kopupn & kiveltan Emi ogaipas
(O, R). N& eUpedfy 6 yewy. TOTOS ToU KévTpou Pdpous Tou TeTpaédpou.

731. AiSeton ggaipa (O,R) kai yopdn Bl alriis a-r_aespa. “Ev onuelov A Bixypdger Thv
opaipav. N& elpedfj & yewp, Témog ToU Spfokévtpou H Tou 'rp.|yd)uou ABT.

732. N& dmobeiydij 6m1 16 oxfiua, Smep CIIT!'OTE?\ETT‘Q!'&TTO‘SUO ogaipas (0) kal (0,) £xe
&Eova ouupeTpias ThHY Sidxevtpov 00, TV apaipdv, kai ds émimeSov ouppeTpias TO Tuyoy Bi1ix
Tiis 00, Biepyoduevov. .

733. 'Eav 1& kévtpa O, Oy O: Tp1@v opoupdv Bitv kelwTan Em’ elbeias, TO oxfiua ToUTo Eyer
trimeBov ouppeTpias TO (00,0,)- . ’ . y

734. To oyfjua T dtrolov &moTeheitan &mo pia ogaipav (O) kal pilav ebfeiav (8), Béxera
dys EmimeBa oupperplas: 1) TO BiapeTpikdy EmimeBov Tis ogaipas, To &id Tiis (8) SiepySuevov,
2) To BiapeTpikdv émimedov Tis oQaipas, TO x&BeTov mpos v (B). . ;

735. To oyfjuc To dmolov dmoTEAElTal &TTd uit:.v ggaipav (0) kal fva émms?u (P), &xer:
1) &Eova guppetpias Thv &1 ToU KévTpou kafeTov EU.GE'IG\«: (.e) érr’l T hé‘nmiﬁov toiTo (P), kai
2) trrimebov ouppeTpias kade trrimeBov Siepydpevov B ToU dvawTépw &fovos cuppetpias (e).

TTOAOI KYKAQY ZOAIPAZ
|AIOTHTEZ — KYKAQI ETII ZQAIPAZ

297 MIKPOI KAI MEIIETOI KYKAOI EZOAIPAE.— EiSopev 671, Taoa
Topn oeaipas UTO imiméBou un Siepyouévou Bid TOU KEVTPOU Tns ‘EIVGI— Evas
HiKpdg KOKAOG, Kal TEoOQ Tout) opaipas UTo EmimESou Siepyopévou B ToU kév-
Tpou alTiis elven Evas péyiotog KOKAOS m’rrﬁ;: ;

O& yvwpiowuey fi5N HEPIKAS {B16TnTas CUTEV.
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228. OEQPHMA L— Awr tpidv dwokekpipévay onpeiov A, B, I' jmag ogai-
pac SiEpyerar fvag, Kai povov Evag KUKAOC.

MpdyuaTy, tav A,B,IN elvan Tpia onpela el THs ogai-
pas (0), TaiTa Sév elvon SuvaTov va kelvtan & eUBeias,
B167T1 pia evfela Exel BUO MOVOV KOIWA OTHEIa HETQ MIGS
opaipas. “Apa T& onueia A,B,I" dpilouy émimedov, Sep
Tipver THY opaipav kard Eva kUkAov. "Ev yever, 1O émitre-
Sov ABI 8tv BitpyeTan B ToU kévTpou Tijs opaipas, kal 1
Topt| elvan WKpOs KUKAOS.

JEtal KOKhoG.

'Am6daIElg ¢ Alakpivopev Tas EEfis MEPITTATES :

a') T& A,B elvan dvmiBiapetpixé. Elg v TepimTWOIW
Tautny i1 Tév A,B Bigpyovtan &meipot uéyioTor kUkAol
Tfis oeaipas.

B) Ta A, By 8tv elven SumiSiapeTpikd. ToTe TO Kév-
Tpov O Tiis opaipas kal T& A, B, dpiCowv émimedov, Téuvov
THv opaipav KaTd Eva pévov péyioTov KUKAOV.

y') "Eav t& A, B, Btv elven dvTiSiapetpiky, TOTE &’
altéy BikpyovTon &mepot Wikpol kUkhor Tfis ogaipas, 516 T& A, B, xai Tuyov
onueiov [ THis opaipas opilouv HIKPOV KUKAOV.

Té #haooov Té€ov AB ToU peyloTou kikhou kaheital CEALPLKT] ATOoTACLS
thv onpeiov A kai B avtiic.

Zy. 215

AAANAI IAIOTHTEZ

lov.— AUo TuyOVTES HEYITTOL xUxAol ogaipas SixoTopoUvTal.

2ov.— Mas pbyroros kUkAos ggaipas Braipel abthv els BUo Toa pépn (Auooeaipia).

3ov.— Ol péy1oTol KUKAOL ogaipas elvan iool.

4ov.— AUo pikpol kUkAol Tfs aUTHs opaipas, ioov &mréyovtes Tou kévTpou Tiis ogaipas,
elvan Too, kal &uTioTPOPWS.

230. [TIAPAAAHAOI KYKAOI L@OAIPAL.— Ai topai ogaipag Ono Emuné-
dov nepallilov Liyovial rapaliniol kikhor o@aipug.

231. TIOAOI KYKAOY ZOAIPAL.—"Eotw émimedov (P), 10 dmolov Téuvel
Sofcicav agaipav (O, R) kard Tov kikhov (). “Eotw H 1) wpoBohf Tou O émi
6 trrimebov (P). ‘H Biduetpos OH Tiis ogaipas (O), cos kadetos ¢mi To Errire-
Sov (P), elvan &Ewv oupuetplas &1 THv oeaipav (0) xai Bix 16 émimebov (P).

Ak s OH Oecopolev tmrimedov (Py). ToUTo Tépver THv opaipav (O) kaTa
ptyioTov kUKkAov kal To Emimedov (P) kara plav elBeiav, Tépvougay TOV KUKAoV
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ToUTov els Ta onueia M kal M, ouppeTpika s pds T6 H (ox. 216), kal xefpeva
¢l ToU kUxkhou ().

"Otav 106 émimedov (P,) oTpépnTan
mepl TV OH, 7@ M xai M, ypdeouv
Tov KUkhov ().

‘H OH Téuvar tHv ogaipav (O) s
&Uo onpeia TT kad TT,, dvTiBiapeTpika Tijg
opalpas TauTns, kal 1 TTTT) kaAeiTan, s
yvwoTov, dEwv tob kvkiov (T).

T& onueia TT kai TT; koAoUvTtan mé-
Losv ToU kUkhou (IM). *Apa:

[To)or kOKiov o@aipac kahoDviar T
onuela, eig ta dnola 1) cpaipa TEpvETAL
brd tol dlovog Evdg KUKAov abtiic.

232. OEQPHMA.— "Exaotog nolog £vog kOkAov ogaipag anéyer isov dnd
ta onpeio 1ol KUKAOL toltouv.
Mp&yuom, Ta SpBoywvia Tpiywva AHIT, BHIT,

FHTT, ... elven foa, @5 Exovta Ty HIT kowdv xai
HAF— H B —HA= %
"Apa MA =TIB =TI = ..

‘Opofws &mmobeikvieTan &T1 kal :
GEEE s B
Enpeioag : Ta 16fa TTA, TIB, TIT, . .. 1@v peyioTwv kikAwy,
Té& dmola dpifovTar &md Tév méAov TT kal &md T& onuela Tol kUKhou

(M), elvan Toa. Aémt elven TéEa fowv xopdidv fowv kikhwy, Kaholy-
Tan 8¢ mohikai @rootaoeig TV onueicov AB,T,. .. ToU xikhou ()

Ta TuApara TTA = p, kal THA = p, kadoUvTal molikai axtiveg ToU ku-
kAou (7).
'Ex ToU (oy. 217) 8a Exwpev, & OH =d:

lov: TIAZ + TA=TTTT; # pi + P} = 4R,
ov: MA: =TT, - TTH  § pi = 2R (R —d),
3ov: MA2=TT, - TH # p: = 2R (R +d)

"Av KAndfi p f dxtis HA ToU kixdou (1), TOTE :
d=VREp?
kai af Suo TeAevTaion oxfoels yivovTal:

p—2R(B—VRI—p) kal pr1=2R(R+VRI—pd).
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PAviioTpopog @ O YEOPETPIKOS TOTOS TOV onpeiov tic oeaipes (O,R), ta
oroia aniyovv anéctasiv p, < 2R and Grho oradepov enpeiov I tiic ogaipag,
givan kOkhog pé mélov to enpeiov I

AoT elven T TopRy Ths Bobeions ogaipas (O, R)
kai Tiis opaipas, N &rrole Byer xévtpov 1O TT kal dxTive
16 Opiopévoy pfjkos Py < 2R, xafdoov 7| Topn Buo
oqaipdy elval KUKAOS.

"Edw & kikhos () elven péyiaTos kUkhos Tiis ogai-
pas (O,R) xai TT, T, of woAoL ToU peyioTou ToUTOU KU-
xhou, TéTe 8% efvos OA= R xai OMM= R (ox. 218) kai
kot &xohouBiav.

ol = TIA? = OA? + OT = R* + R*= 2R?* & o0 p, = RV2.

A AN
Ta T6€a TTA = TIA elvon TETAPTNHOPIX peyioTou KUKAOU.
To dvwTépw Beopnua HES ¢mirptmel v& elpoopev THy dxTiva Sobeions
opaipas.

233. ‘..‘.spmpl;ce').; suaPitng. Aid v& ypoywuEy Buws KUKAous i pias
opaipas yperalopsta eidikov Spyavov. Touto elvan koweos SiaPriTns ué
kaumuAwpéive oxéAn (ox. 219) xal pas EmTpéma va AdPeopev ThHY &mo-

oraov BUo onpeiwy A kal B s opaipos kal vé& ypéapwpev kikhous Emi
Tis bmgaveias Ths opaipas TaUTnS.

OlTeo, i TéAov TuxOV onueiov TT s agaipas (O,R) Bu- Sx. 219
véueba v yplywpsy &TEipous kU-
khous Emi Tis opaipas ToUTNS.

T& tmrimebo TGV KUKA@Y ToUTWY Elvar TapdAAnAa
G5 kdBeTa gl THY Sidpetpov T,

A& va ypdywuey Spws péyroTov KUKAoV gl TS
agaipas (O,R), mwpémer va AdPwpey, ¢os Guorypa ToU
ogaipikoU SiaPnTou, THY yopdnv TeTapTnUopioy peyi-
oTou kUkhou Ths ogaipas, fiTol p; = R V2.

Eivan dvdykn, Emopévas, va yvwpilwpey TNV GKTI-
va R Tis ogaipas. Tlpds ToUTo Alopev TO dxohoubov
TPOPATHa.

n
Ty, 220

FEQMETPIKAI KATASKEYAI ETII THZ SOAIPAZ

234. TIPOBAHMA L.— Aobeiong ogaipag va kotackcvachij 1 axtic avtiic.
Aboc : ‘Emi Tiis ogaipas AauPdvopey 800 TUXOVTX onueia A kai B. M
kévTpa Ta A kal B xai dvoryua ToU opaupikol BiaPriTou TO QUTO, YPAPOHUEV
BUo ToEa Bl Ths opaipas, TEUVOMEVX glc 16 onueiov I. “Emaidn A = B, to
I 8& xeiton bl ToU pecoxaBéTou dmimédou Tis Xopdiis AB Tfis opaipas. To éi-
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eSOV TOUTO TEWVEL TNV OQaipav KaTa péyloTov kUkAov, &mi ToU émroiou keital
70 [,

‘Opoicws, pé kévtpa T& A,B kai dxTivas ioas, eUpiokopey &AAa Suo onuEia
E kai A, T& émoia 0& keivtan éml ToU ool peyioTou KU-
khou Tis ogaipas, émi ToU omolou keltal kai 1o T

"H8n, ué Thv PonBeiav Tou ogaipikoU SiaPriToy, Acp-
Bavopev T& Tpnuata TA, TE, AE kai katackevdlbopev émi
¢mimédou Tpiywvov FAE, £gov TAeupds T& Tuniuata taUTa.
‘H é&xTis R ToU Teprysypappévou kukAou els 1O Tpiywovov
IAE elven ) dktis Tijs Sobelons ogaipas (O). Zy. 221

235. Mpofinpa [1.— *Exi dobeiong opaipug va ypugfl péyietog kokhog, diepyopevos Sia
800 dedopévov anpeiov A kel B abtiic

Aboig 1 Supgdivess TTpdS TO TPOTYOUHEVOY TpdPANuG uTrooyifopey ThHY dkTiva R THs opai-
pas (0). Kartémv pé kévipa (ToAous) T& onueia A kai B xal dxriva
p, = R V2 ypdgouev kixhous Emml Tiis ogaipas, ol dtmoior Téuvovten el
& onueia 1T ke T, Eita pé wéhous (xévtpa) 16 onueiov T # TT, kal
dktiva p,=MA =R V2 ypagouev xikhov, daTis 8& 51NN dmo T& A, B
kad, Tpopaviss, B& elvan péyioTos KUKAos THis ogaipas (O, R).

"Edv T& onueia A,B elvon dvmiBiapetpika els THy ogaipav (0), Té-
Te Utrdpyouv &mEipor péy10TOl kUKAo1, Blepyduevol Bid TV onpueiwy

Ty. 222 TOUTWV.

236. Mpopanpa 11— 'Exi Sodeiong oopaipag (0) va 7pagil péyiotog kokiog, diepyope-
vog ia Sobivrog empciov A tiig opaipus xai va elvar kaberog Eni dobévia péyistov KiKAOV

A tiig opaipag taime. _

Abowg : Mi wéhov 16 BoBév onpeiov A kal dxtiva R YZ (B
dxris Tiis Sofelons opaipas O) ypagouev uéyroTov KUkhov Emi Tg
ogalpas, Soris Téuver Tov EANov BoxEvTa péyrorov kKUkAov els Ta on-
pela M kal M,, dvmiBiapeTpika Tou kUkhou [A. KoTtémiv ut wdAov 10
M# M, kol dkriva MA = R Y2 ypégouev &hhov péyioTov kikhov,
ois BifpyeTan &md TO A xal elvon kaBeTos ¢l Tov Sofévra TA.

Mpdypari,  MA elvar xop8n TeTapTnHopiou peyioTou kUkAou
Tfis ceaipas, & kUkAos MTAMIT, B& 51éABn &md T6 A, 'Emeidn To M el-
vay TréAos ToU peyioTou xukhou TTATT, 1) SidueTpog MOM, 84& elven
kabetos Erl TO EmimeSov ToU kUkAou TIATT,. "Apa & xkUxAos TTATT, el-
van kdBeTos &l Tov kUkAov TA.

AZKHZEIZ

736. ‘H &méoTacis ToU KEVTpOU agaipas (O,R = 15cm) &md 16 kévrpov tvds pikpod ky-
Khou atriis elvar 9 em. Na Umrohoy1odi 1) oAk kTis TGV anpeiwy ToU pikpol ToUTou kiKkhou.

737. Mikpds kUkAos opaipas dréyer &mo Tov woAov 3 em, A Bt wohikn dkTis ToU kukAou
ToUTou elvar 6 cm. N& UmoAeyioBij 1) &ktis Tiis ogalpas Kal f) &xris ToU WiKpoU KUKAOU.

738. Al ducrives 500 TapaAAfAwy kUkhwv opaipas elvan @ kal P (a > B), 1) 8¢ dwéora-

ofs Teov §. Tola §) dxtls Tis ogaipas ; !
739. ‘H &xTis évds pikpol kUkAou ogaipas elven 6 cm, 1) Bt dwéoTaos alrol &md TdHV TéAOY

elvar 4 cm. Tola / dxris Tiis opaipas ;
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740. 'Eri Sobeions ogaipas v ypoagi) kUKAOS dxTivos p, Biepyduevos Bia BUo Seboutveov
onueiwv AB Tiis opaipas TAUTNS.

741, 'Emri Sofelons opaipas va ypoagi) KUKAOS Bebopéung GxTivos A

742. “lva Buo kiAot &vikouv el opaipav, Trpérer kal &pKel V& ExOuV Tov atTév Gfova.

743. “lva 5Uo kUKAot keipevor Eml 8Uo Tepvopévey EmimEBwy, dviKouy els THhv alThv ogaipay,
TrpETEl Kal GpKET: 1) va Exouv Buo xowd onueia. 2) va tpbrTwovTan Tfis aUTiis ebBelag els T4 aUTd
anueiov kol 3) ol &Eovés Teov V& TEpVLVTO kol T ErrimeSov T@V &ESVWY TwV v Tépvr) Tous Buo
kUkAous els Tégoapa OTuREIX SpokUkhia.

T44. Bewpoupev ogaipav (O.R) Kai peTaPAnTAY Xopdnv auTs AB. N& eUpeBi) O yeop.
rémos Tou péoou M Tiis AB, étav: 1) AB = A, 2) fi AB BitpxeTan Bi&x oradepol onueiov P (R
évn TapdAAnhos mpos Bobeigav Sievbuvay (8) ked 3) ‘H AB =4 BitpyeTan Bi& oTadepou
onusiov [ f ehvan TapdhAnios Tpods Gobeloav Sievbuvow (B).

745, N& karaokeuachij opaipa Sofeions axtivos R kol 1) Siepyouévn Bia Buo onueicov AB
kal tparrTopévn Bobeiomg opaipas. 2) Awpyoutvn 51& onueiou A xal Epamrropévn SUo tmimebev
(P) xai (Py), 3) Awpyouevn S1& SobévTos onueiou I kal EpamrTopévn Suo apapdv. 4) Aepyo-
pévn Bia SoBévTos onpeiou kal tparTopévn ogaipask ai BobévTos Emmédou. 5) 'Egamrrouévn Buo
triréBev kel mas ogaipas kai, 6) EpoTrTopévn BUo coapddy Kal tvos tmrédou.
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KE®PAAAION XVI

IPAIPIKH ZONH — ZDAIPIKOX TOMEYX
OrKOZ ZOAIPIKOY TOMEQZ — OFKOX ZOAIPAZ kAT

237. OPIEMOXL KAI ETOIXEIA X@®AIPIKHE ZONHE.— Egaipiki) {dvy
ovopaletar 1o Livolov tdv anpeiwy 600 nopariflov kiklov piag oeaipag (0)
Kai 10V enpeiov tic ogaipag tadtng, ta onolo kelviar petald TV Emnidwv tdv
KUK LoV touTmv.

“Eotw pix opaipa (O,R) kai A, BA &Uo ma-
paAAnAol Topai abTiis. TO ZUvohov TV onueiwv TGV
kKUKAwv (AlN) kai (BA) kai Tév onueicov Tiig émi-
paveias Tiis opaipas, T@Y Tepieyopévy peTabl TGV
8o ToUTwv KUKAWY, koAeTan saipki] Lovn. Of ku-
kAot (AlN) xai (BA) kodoUvtan Bacerg Ths opaipi-
Kkijs foovns, kal i améoTacts HH, == v Té&v 0o pa-
oewv kaAeiTal Dyog THis opapikis fwvns.

'Eav 16 Ev TGV TrapaAAnAwy ETITTESWY EQATITE-
Tat Tiis opaipas eis 6 T1, (oy. 224), ToTE 1) O~
pikn Goovn Exel piav Péoiv. i 2;4

OUrws, 1) opaipikny feovn THLEO Exer piov Pa-
ow THv EQ. "Yyos Tfis opaipikfis TauTns Levns elvan 1o Tufipa KIT,.

Tuyov émimedov ywpiler THY oaipav els SUo opaipikas fovas we piov Pd-
oW, TNV Tounv Tis ogaipas ki Tou émmedou TOUTOU.

‘H ogaupixsy Zeovny ABIA Suvaron va mapay iy &me 16 Toov AB (o 224),
OTPEPOUEVOY KaTd Yaviav 21 mepi Thv Sidpetpov TTTT, Tis ogaipas (O), f émola
Stv Téuvel aUTd, kal keiTal &l ToU EmimESou aUTou.

238. EMBAAON L@AIPIKHE ZQNHEI. — Kahlolpev épfadov ceopikile
Lavne 10 dprov tig axolovbiag t@v épPaddv t@v mapayopivev fmeaveidv Omod
2% .y kavovik@v telhacpévey ypappdv fyyeypappivov sig 1o téfov AB, and to
omolov napayetar 1 opaipiks Sovn.

239. YIIOAOTTEMOX TOY EMBAAOY EQAIPIKHE ZONHE.

“Eoteo AB TéEov peyloTou kUkhou wids ogaipas (O,R), 16 omolov Btv Té-
uveTan Umo Tis Siapétpou T, Tis opaipas TavuTns. Els 70 T6Eov ToUTO tyypd-
QOPEV KaVoVIKNY TEGAQOUEVIV YPaUUAY AFAGB kai fotw OM 1O amdoTnua
aUThs.
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Els Thv (§ 213) eUpopev 8T 16 épPadov Tis émeavelas, f otrola Tap&yeE-
Ton UTS THg Kavovikfs TaUTns TeBAaoUEVNS YpauuTs, OTPEQOUEVT)S KaTd ywviav
21 mwept &fova TIMTy, uh TépvovTa auTthy, Bidetan Umd Tou TUTOU !
E, = 2w-OM-y, (1)
#ha v TO Uyos Ths opaipikiis fovns. “Apa fa
EXCOUEY :
op E,=2m-0pOM.u =2m- R-v

fjToL : Ez=2rtR - v (2)

‘O TUTros (2) éxppddlet 611 :

To ippaddv cpapkiic Lhvng ioobtar mpog
10 yvopevov Tijc meppitpov Evog peyiotov Ki-
khov 1iic opuipas &ni 16 Uyog Tijc ceuipikiic
Lovne.

Inpeioeg : ‘O TUmos (2) ékppdler 6T1:

To tupaddv opapikiis fovns elvan TO aliTd pé 16 EpPadov Tiis kupTis Emea-
velas kUAVBpou &k TreploTpogfis dkTivos Pacews R kal dyous v.

240. TTIOPIEMA I.— "0 Liyog tév épfaddv b0 o@. Lovav tijg avtijs ogai-
pac ioobtar mpog ToV hoyov TOV DydY abtdv.

241. TIOPIZMA IL1.— ‘O hoyog tdv épPuddv &0 ioobydy o@. Lovv, dvi-
gov opaipdy, igoltal mpog OV Aoyov TV AKTivov T@V c@aipHy TobTOV.

242. TIOPIZMA II1.— Avo icoiyeic 0. (@var tiig adtiic ogaipag i owv
apuipdv eivar icodivepot.

243. TIOPIEMA 1V.— To épupudov coapikiic Sovng pé piav Paov isodrar
npods 10 EpPadov tol kOkhov, Botig Exer dktiva TV yopdiv tob toZov, arnd 10 oO-
noiov mapdyeta 1) LoOvn abty.

244. EMBAAON I®AIPAEL. — *Edv 1o T16§ov AB (oy. 225) elvan fuiku-
Khos, TO tuPabév To Gmoiov O& mopaxdf UM adTou Bk elvan To épPadov T
ooaipas, S THY dmolaw u = 2R. "Apa & TUTrOS (2) yiveron :

Er=2rR-vu=2rR-2R=4wR? froi: Ex = 4n R®

245. TIOPIZEMA. — O Loyog t@v épfaddv 800 coaipdv icoltar npos TOV
ALbyov tév tETpayOVOV TV AKTiveV avtdv.

! : E R
Mpéypar, tav E, = 4w R kai E,=4mwR, =— f‘ =3
2 1

194

Wnepiomotr|Onke amé 1o lvotirouto EknmaiSeutikrg MoAmkng



AZKHZIEIZ

746. 'H dxtis wds opaipas elvan 3m kal 16 Upos wids opaupikiis {dovns alTiis elven
u = 0,4 m. Na Umoloyiobfj 16 EuPadov Tiis fwvng TodTns.

747. To émimeBov pikpoU kikAou ggaipas &kTivos 16 cim drréxel o To kévTpov Tiis opaipas
amooTaciv ionv pods 4 cm. Na Umoloyiodij T tupabov T@v fwvév Tis opaipas TaUTns.

748. To tuPabov opaipikils Laovng Oyous v = 5 cm elven 251,2 em®. Na Umohoyiobf) To
EuPadov Tiis opaipas, els fiv dvniker fj fovn adTn.

749. Al mrepipetpor Tédv Paocwv ogaupikils Cwovns Uyous u = 0,2 dm elvenr 8w dm xai
167 dm. N& Utrohoyio87) To Eufadov Tiis opaipas, els fiv dvnker 1) Lovn alTn.

750. To tuPabddv ogaipas elvan 100w em?. Tlola 1) dxis adTis ;

751, To éuPaBov opaipikiis fovns Tapayopévns Umo Tofou AB oTpepouévou Trepl ThY Sid-
uetpov PP, elven looSlvapor pos o duPadov kukAkoU SakTuliou dkTivev PA xai PB.

752. Zgaipa dktivos R va Tundf Omd émmédwy fowv dmexoviwy &mo TO kévTpov, &ls Tpo-
Tov daTe TO &Bpotopa Té tuPadidy T@V Toudv va elven igoduvauov Tpos TO épBadov Tiis favng,
Ty omoiav dpilouv TalTa.

753. Na Umoroyio87] 1o Uyos opaipikiis Lwvns, yvweTou dvtos 6Tt TO EpPadov Tns looUtan
Tpos TO tuPabov peyloTou kUkAov Tis ogalpas, els fiv dvriker 7 Loovn.

754. Na &moberyd7 871 1) Lcbvn, Ty dmoiav dpifouv o dudkevTpol opaipal émi TpiTns ogai-
pas, Biepyoptvns &mo TS kévtpov Twv, Exel EuPabov oTabepdv.

755. Aobeloa ogaipikny fdovn va Sicupebi els péoov kal dkpov Adyov UTo KUKAOU TTapoRAAT-
Aou Tpds Tas Pdoes Tiis Ldvns 1 els SUo pépn dvdioya TdV &pBpdv 4 Kal v.

756. To tuPadov povoPacikiis opaipikis ovns ioolten mpds 16 EuPadov ToU kUKAOU GKTi-
vos Tong mpds ThHy Xopdfiv Tou Téou, T6 SToiov Tapdyel THV fwvny TaUTNv.

757. Avo kiAot (O,R) kad (O, R,) Epdmrovran EfcoTepixdis els T onpeiov . "Ayeton 1
€cotepikn) EpamrToptvn abtédv AB xal T6 oxfiua oTpépetan mepl Thy 00, katd yoviav 2. N&
amobeiy i) 811 7o EuPaBov THs Emipavelas, THV Smolav Tapayer 1 AB, elvan péoov dvdhoyov
ueTafU TV EuPaddv TdY opaipdv, ol dmoim TapdyovTar Ud TéY kUkAwy (O) kai (O,).

246. ZOAIPIKOL TOMEYE.— Becpolpev kUkAov (O, R) kai kukAikov To-
péa abtou OABO, pn Tepvdpevov n
Umd 1 Sropétpou TT,1T TouTou. 7

To Shov oxfjua oTpépeTan Ka- AL
T& yoviav 21 mepl T SidueTpov B tf’”'m"
MM, émwéTe B Tapayfij Umd ToU D
KUKAIKOU Topéws Ev oyfipa, TO o-
Tolov KaAsiTal GQAIPIKOS TOREDS.

‘Qore: Zoaipikds TOpEdS Ka-
Leltar 10 oyfipa, 10 omolov mapa- 5. 226
YeETar Umd KUKALKOD TOpimg, oTpe-
popévov katd yoviav 2n mepi Siapetpov toll Kikhov £ig Ov aviker, kai 1) dnoia
otv tépver avtov.

Elvar Trpogavis 8T & opaipikos Touels TeplexeTal peTagU 8o kwvawv, Tous
dmoléus Tapdyou af dktives OA kai OB xai Tfis ogaupikiis fovns, Ty omolav
Tapdyel TO Té6Eov AB TOU ToOMEwWS.

‘H Zeovn alrn kaeitan Pacic tol opaipikol topéwe.
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237. OFKOL ZOAIPIKOY TOMEQE. — "Oykov cgaipikod topéng Kahob-
pev 1o dprov tiig axohovbiac TV bykov @V tapayopivoy o 2KV kavovik®v
TOAUYOVIKOV TOpEOV EYYEYpappévoy £ig KukAKOV Topéa, aTpEpopivey Kata yw-
viav 2r nepi GEova tod Emnédov Tob TOPEWMS, Siepyopevoy dua i Kopugils avtod
Kai pn tépvovia avtov.

Enueioog : TToAuywvikds ToEUs KOAEITAl T6 ToAUywvov, Tou dmolou Buo
TAeUpal oupTrTITOUY pE TaS OPIKAg GKRTIVES KUKAIKOU Topéws, ai Bt Aorral TrAeu-
pai Tou elvan xop8ai ToU ToEou TOU KUKAIKOU TOMEWS.

248. YIIOAOI'TEMOL TOY OrKOY EDOAIPIKOY TOMEQE. — "Eotw
TIOAUY GOVIKDS KOVOVIKSS Toueus OATAEBO, dyyeypappévos s Tov KUKAIKOV TOMEQ
A OAB éxtivos R kai kévtpov O, xal Tou
[ x o '

5 &mofou 1) Paots (T6Eov) AB elvan -
kpoTépa Ay fom Evos fkikhou (oy. 227).

To 8hov oyfila oTpépeTal TrEpi THY
SidpeTpov TTTT, Tou kukhou (O), 1) omola
Stv Téuvel Tov Topéa. “Eotw OH 1O &
TOOTNHUA TOU KQVOVIKOU TIOAUY WVIKOU
TOUEWS.

‘0O &ykos Tou TTapayOpEvoU OXTUaTOS Ud Tig tmipaveias ToU Kavovikou
TroAvywvikoU Toutws elved :

rl\ a y 0 b ; Bjﬂ‘
Ty. 227

1
V, :T'OH‘[EAF"F Era + Eae + Ees]=

=-—;- .OH-[21-OH oy + 27r-OH-y8 + 2m-OH - 8e + 2 OH -¢f ]
=—§-1r . OH? - (dy+y8+55+s[3):%1r-OH2-u
*Hrot : Yy =—§T- - OH?2. v, (1)

EvBa U 1y dpBi) TTpoPoAn ToU TéEou AB Emrl Thy SiapeTpov TTTT,, T6 bTrolov keAeiTal
kol Gyog TOU CQOIpIKOU TOMEWS.
*Ex Tou TUtov (1) AcuPdvouey

op\’li—g-'ﬂ'-op (OH)z-U:%Tr—Rz-U (2)

*Erreid, €€ opiouot, op V; = Var, 1) oxéois (2) yivetan :

2

T e B
Y — 3 nR?- v 3)

‘H oxtos (3) ypéeeTtan kal o5 67s :

¥ =znnu-53‘; 4)
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kol Ekppdler 6T1:

‘0 Gykog cpaipiked topéng ioobrar mpdg tH ywvépsvov tol Epfadod tiic pa-
eemg tov émi 1o tpitov tijg dktivog tiig oeaipag, sig fiv dvike.

249. OI'KOX I®AIPAL.— ’E&v 16 Téfov AB ToU ueyioTou kukhou TMATT,
(ox- 227) yivn foov Tpos Tov fjuikukAoy TTABIT,, TéTe v = 2R, xai & num\m}\og eu
Ypayn oaipav Siapétpou T, = 2 R. ‘Emopéves, &v s Tov TUTrov (3) &vrikaTa-
OTHoWHEY TO U pE 16 2R, B AdPwpev ToV Syxov THis ogaipas (O, R). Aniabd :

. 4
\W:TnRS. [¢))

"Eqw €ls Tov TUmov ToUTtov ftcwpsy R = & /2, &tou & 1) BiaueTpos Tfis ooai-
pas, 8& AdPowpev Tov TUTTOL *

Voo = % 5%, @)

250. [TOPIZMA.— "0 Léyog tidv bykav 800 oQaipdv icoltar npog OV Loyov
@V kOfov @V dktivoy adtév.

Mpdypat, & :
: 4 3
V,=—
oy TRy Y. B
p — v, i (3)
V,=— R} g .
3
AZKHZEIZ

758. ‘H dxris m&s opaipas efvan R = 12 cm. Motog elven & Sykos Tng ;

759. ‘O Syxos opaipas elvan 36 m?. Tlolos & yxos xai Té EuPabéy Tns ;

760. Tolos & Syxos ogaipas Tepryeypapuévns els kGPov dxufis « ;

761. Tlolog 6 dykos ogaipas Tepryeypapuévns fi dyyeypoupévns els kavovikéy TeTpdeBpov
axpfs a ;

762. AiSeran ogpaipa (O,R). Toios & Adyos Tédv Sykwv TéV kUPwv Eyyeypaupévou kal Tre-
pPrysypapuévoy els Thv ooaipav TalTny ;

763. AiSeron opaipa (O,R) xal {nTeitan & Adyos TGV SyKwv TEV KAVOVIKGY TETpaéSpv
Eyyeypauubvou kal mepryeypappévou els TV oaipav TaUTnv.

764. "lodmAeupov Tpiywvov ABI mAeupds a orpépetan mepi 1O Uyos Tou AH. Bewpoupev
xal Thy dyyeypauutvny ogaipav els Tov Tapayduevoy k@vov Umd ToU AHB. Né dmoBeixij 6
6 Adyos TGV dykwv ToU Kwvou Kal Tiis opaipas TalTns, loolTan pds Tév Adyov TV SAikdY
tmpaveidy TV SUo TOUTWV OXMUATWV.

765. Aiberon TeTpdywvov ABMA mAeupds a.

a) N& karaokevaodi] yewpeTpik@ds f) kopugf) Z mids TeTpaywvikis Trupapidos ué Pdov
TS TeTpdywvov ToUTo, oUTws doTe f) ToAUedpos ywvia T va Exn E5pas foas mpds % tkdoTnv.

B') N& dp1oBf] yewueTpikéds 1o kévrpov O Tiis mepryeypauuévns oaipas els Thv Tupapiba
TaUTny, kads kal dykos Tiis opaipas TaUTns.

y') N& &piodfi To kévtpov w kol v& eUpedi] & Sykos Tiis byyeypauuévns opaipas els THy
Tupaplda TalTnv.
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§') N dpiofi) dhyePpikdds T kébvTpov w, Tis opaipas, Tfis tporrTopévns TGV OKTG GKUGY
Tfis TTupaniBos SABIA. *Edv bt @, O = X, v& UrroroyioBij 1) dxtis Tiis opaipas TaUTNS.

€') N& Op1oBf] YewHETPIKDS TO KEVTPOV W, THS ogaipas, Tis épamTopévng Tol EmméBou Tiig
Bdoews kal TdV TEaTApLY TapaTAEUpwY GKUGY TS mrupapiBos. N& Umohoyiobi 1o Tufijpa Ow,
kal 1) dxtis Ths ogaipas ToUTTS.

ot') Né& Umrohoyigfolv ol Adyor ToU Sykou tkaoTns TGV TpOTyoUltvey TQaIp&Y TIPS
Tov Sykov Tiis Tupauibos.

766. "Ecw Uy, Us, Uy, U, elvat T& Oyn TeTpaéBpou ABMA, T& dydpeva tk TV kopugdsv A,B, A,
duTioToly s Kl p, Pru P2 Py Pys Gl GKTIVES TV TPV, tyyeypauubvns Kal Trapeyyeypoppé-
veov &uTioToixws els Tas ToAuESpous ywvios A,B,I4, v& &mobeaybij oTi:

1 1 1 1 1 1 1 1 1 1

) —+ —F+ —4+—=— 5 —=—+ —+ —— —
) Yy V, Vs vy P ) Ps Yy Yy Vg Vg
| 1 1 1 1 1 | ; 1 1 1 il 1
el B SR e s e
P Uy Uy v, v, [ P4 vy U, Vs vy

1 1 1 1 (T 1 1 1 2
e e (e R oT —_—— —  — —_——
) Pe Vs Yy Y U | ) p'—v— Pe Pa Pa P

767. "0 &yxos V, opaipas, & yxos V, kuhivBpou Teptyeypappivou els TV geaipav TaUTNY
kai & dykos V, ToU TEpIyEypaupévoy mepl THY UtV oaipav lgomAeUpou KOVoY cuvbéovTan
Sia TGV oxEoEwv :

Vs
5

768. N &moBeyBij 671 T& EuPada T&v OAKGDY EmQaveldy Té@v aUTdY oxnudTwy ouvbtov-

T 81 TGV OxETEWV :

i .
& 6

o) ‘Ef = % = % p) &m: Vi=V,.V,, y) Ei=E, - E xai 8) 2E,=E + E,
769. Na Umohoyiofolv ol dxtives R xai R, 8Uo ogaiplv, tav eivar R—R, = a «xal
VoV, = 4nps

770. Tav xavovikdy ToAUebpov elval Eyypdyiov kal meprypayiuov mepl ogaipav. Toior
ol &ykar TéV gpapdv TouTwy, B SAx T& KavoviKa ToAvebpa ;

251. TOAIPIKOE AAKTYAIOE.—*EoTe xuxhos (O) kévtpou O kal dxTivos
R, yopbh altol AB kal SiapeTpos TTTT,, un Téuvouoa ThHY Xopdnv AB. To EAao-
oov TOEov AB xai 1 yopdn AB
arTou Gpilouv TO kUKAIKOY Thfl-
po AGBA (ox. 228).

‘Opopos. — "Ovopalopsv
oQaiptkov daxtvliov 10 oyijpa,
16 omolov mupayerar amd 10 Ku-
Khikov tpijpe AOBA, Gtav toito
otpagi] nepi Ty duapetpov III,
Kota yoviay 2m.

*Eotwoav H kai H, ai mpo-
Bohal Tév A kai B i Ty Si1a-
petpov TTTT,. T Tufjua HH, = v kahdiTan yog Tou ogaipikoU Saxtuhiou. Elven
BnAadn T Uyos Tou oaiplkou SakTuAiou O Uyos Tiis CRIPIKTS Leovns, 1) omola
TapdyeTan &d TO Tofov AB.
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‘Emropéveds : ‘O oqanpikds dakTUAlos OpileTan &mo TNV oaupikny Lovnv
Uyous HH, = U kol &mrd ThHY KUPTNV ETIQAVEIQV KOAOUPOU KOVOU €K TrEpIoTRORTs,
pt &wdoTnpa THY Yopdnv AB.

252. OI'KOL L®AIPIKOY AAKTYAIOY.— [Tpogavds, 6 dykos Tou opal-
pixoU SaxtuMou elvan f) Slapopd T@V Sykwv ToU opaiplkoU Touéws, & &moiog
TrapéyeTen &mo TOV KukAikoy Topta OABB, kal Tou SyKou Tou oynupatos, To
dmroiov TapdyeTal &mod TO Tpiywvoy OAB. Kat’ dkodoubiav, Gv &xbij f) OA k&-
BeTos i THv yopdnv AB, 84 Exwpev SiaBoy ks :

2 2
\?05: Vc" _\rDAB:—g—WRgu—%_ . OA EAB =TWR2-U—?W~OA2-U=
2 1 e L
:%m} (H?—OA?):% Tru.AAE:?w-u- T ~AB~:—6—'n‘-ABgﬂu
*Hrot : Yas =% n- AB2.v €))

‘O TUTos oUTos Ekepddel 671 :

‘0 bykos couipikol daxtuhiov igobtar mpdg to Extov Tod Gykou Kuiivipov,
o drofog Eyer Tyog o Gyog tob opaipikod daktukiov Kai dktiva pacews v yop-
81y tod KukhukoD Tpiparoc.

Enpeiooig : "Av els tév timov (1) Béowpev AB = 2R, kal u = 2R, mpokUtrTer & Sykos Tiis
geaipas (O,R). 1

. 1 .
\a=‘—évTTAB’AU:—?TI’-‘%RSZR—T‘ITR.

253. ZOAIPIKON TMHMA.— “Eo7w opaipa (O,R) kai pic Sicpetpos ad-
Tiis T,

*Ayouev BUo Emimeda (P) xad (P,) xé&BeTa &l Thy Siduerpov M.

TaUTa Téuvouwv Thy ogaipav (O, R)
Kat& 8Uo kUkAous, kévTpwyv H xai H;.

’EvTeUbev EmeTon 611 :

To Lovohrov tdv onpeiov tic ogai-
poc kai toOv Ecwtepikdy onpsiov av-
Tijg, ta Omola keivral petaly T@v d0o ToU-
tov napaliiiov Emridoy, TEPVOVIOV
TV cQaipav, KEAETTAl CQUIPLKOY TRTjPHA.

Al Topai (H) kal (H,) TGV év Ao- o
yo ¢mmiSwy pé THY opaipav KaAoUv- Sy 229
Tal PacElg TOU oQaIPIKOU THTHATOS.

‘H &méoraois HH, T@&v kévtpwy Tév Pdotwv (H) kai (H,) xodeitan fyog
ToU GQaIPIKOU THTHATOS.

Eqv 16 &v &k Tév Emmedwov (P) i (Py) elvan épamrTdpevov Tiis opaipas, 1O
&uTtioToryov opoupikdy THfjHa KoAETA povopacikiv.
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*Ay & brrimeda (P) kad (Py) elvan éparmropeve, TOTE T dvTioTor OV CQAIPIKOV
Tufina elvon SAGKANpos | ogaipa.

Katd TauTta: 'Eav érninedov tépvy ogaipav, TEpveL adtiy glg 600 povofa-
OLK(L CQUIPIKE TRTpaTd.

254, OFKOX EGAIPIKOY TMHMATOZE.— TMpogavds, & Sykos ToU ggaipl-
KoU TuRperTos elval T &Bpoioia Tév &ykwv Tou oaipikou SakTuliou, 6 dmroios Ta-
pyeTal &Td TO KUKAIKOV TUTjUA AOBA (oy. 229), kol ToU xohoupou keovou, TS
Trapéyetan &md T pboydviov Tpameliov HH,BA. OUtws, t&v Tebf) HA =B,
H,B =, HH; = v, xal &x87) f k&Beros Al émi Thy H,B, 8& elven Al =u Kai
B =a—p. "Apx:
AB2—= U2 | (a—PB)2= v+ a4+ P —20p ()
*Apa & Sykos V Tou TQXIPIKOU TUNHATOS B elvan

V= —é-*rr . ABi-uﬁ-—é v (o + % + ap) :—é'rru (v + o+ P2 — 20P) +

1 1
-T———;—T\'U(O‘.Zj'*ﬂ2+uﬁ):—6—TTU3+T1T(C(2+&2)U

£ 1 1
*Hrot : \ ag. TARpatos — Jﬁ_ no? = T n (uz + ﬁE) ) (2)

‘Edv T6 opoupikdy TRfjua elvet povoPaaikdy, TéTe P = 0 xai & TUmos (1)
yiveran :

1 1
vuuvollucnwm‘. Q. TWANATOS — = nv? + =5 na*v (3)

*Emre1dh) elg 1O povoPagixdy oanpikdy Tufjua T1,BB, elven
a?=H,IT- Hll,= 2R — H,T) - H T = QR —v)u=2Ru—\?

& TUmos (3) weTaoynuaTileTon glg TOV :

1
Vpnvoﬁomxuﬁ op. hpatog — T i'lf!.)2 (3B — 'l)) (4)

AZKHZIEIZ

771. N& Umrohoyiodij & dykos opaipikol SaxTuhiov, SaTis TapdyeTal &mo KUKAIKOV TRTjHa,
Tol dmoiou 7 yopbh AB elvan wheupd TeTparyvoy tyyeypauptvou els kUkhov dxtivos R, 1) &¢
BiapeTpos BiEpxeTon &mo TO A.

772. ‘Opoiws, &v f) xopdh AB elvan mAeupd loomAeUpou Tprydvey ) xavovikou E§arydvou
tyyeypapuévou els kUkAov GxTivos R xai 7y SidueTpos BipyeTan dmd 1o A.

773. Zgaipa &xkrivos 6 m TépveTan Umd Emimrebou &méyovTos Tou kévTpou 2u. N& Umrchoyt-
ofn & Syxos ExaTépou TGOV CPUIPIKDY TUMUATWY, el T& dmola SiipeiTar 1) ogaipa UTO TOU
tmmébeu ToUToU.
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774. ‘H BidpeTpos ogaipas (O, R) Téuveron Umd 8Uo Emrébov xabéTwy wpds alThyv els Tpia
ioa pépn. Na UmohoyioBi] & Sykos TGV Tp1dov CPIPIKGDY TUNUATWY, T& &Trola TrpoKUTTTOUY.

775. AiSovron BUo dpdkevTpor kUkAol (O,R) kai (O,R,), &vbax R > R, kal 800 foat xai
TapdAAniol xopdal alTdv. Na amoderx8ij 61 ol ogaupikol BakTUAlol, ol dmoior Ba Tapaybolv
&md T& BUo KUuKAIKE TufpaTa, dTav TaUTta oTpagouv mepl piav SiaueTpov, uf Téuvovoay auTd,
xatd ywviav 2m, elvan looblvapor.

776. AiBetan ogaipx (O,R). "Emi Tfis wpoekTaoecos s dxtivos Tns OA AapPdvopsy Tufjua
AZ— R.’Ek ToU I &youev Tas Epamropévas Trpos T opaipav. N& roloyiobi] & Sykos Tou oxi-
paros, Step opideTon &TO TAS tpamrropévas kol This Emgaveias TH EAdooovos povoPaoikiis opai-
pikfis Loovns.

777.'E&v (B), (B)), (B.) elvan 1& ¢uPaba T@v Paoecwv kal Tfs wéoms Toufis Evos ogaipikod
Tufparos (wyous v, TéTE & SyKos TOU O@. TNuaTos Elvan :

V= B+ B+ 4P

778. N& dmoBeiydij 61t & Sykos opaipikou Saktudiou fooltar mpds T& 2/3 Tou Uyous Tou
i 1o EuPabov Tijs Toufis Tou U EmimESoy kabéTou elg TO péoov ToU Uyous Tou.

779. Aisovtan &Uo ogaipan (O,R) kai (O R,), Gv f) Bidkevrpos autdv elvan 00, = d.
‘Edv ai opaipan alron TépvevTal, va eUpedT) & Oyxos TOU KoWoU pépous auT@V.

780. N& Umodoyio8fj & &ykos ToU oXnuaTos ToU Tepiexouévou petalyu BUo apaipdv (O,R)
kal (O1, R,) épamropéveov EEwTepikéds kol TCU Tepryeypappévou kwvou mepl aUTas.

781. 'ladmheupos kidvos elvan Teptyeypakiévos mepl cpaipav dxtivos R. Tlotos elvan 0 Adyos
TV Sykwv kal & TGV Emeavedy T@V SUo ToUTWY oxnpdTwy ;

782. KUAwdpos elvan mepryeypapuévos mepl opaipav dktivos R. Tlolos elven & Adyos Tdv
Sykwv kal & TV tmpaveidy autdy TEV BUo oxnudTwv ;

783. Els kwvikhv Emedveiav &k TepioTpogiis Eyypdopev Tpels oaipas, dv ) peoaia Epa-
mrreTan EEcoTepikdds TGV SUo &AAwv. TTds ouvdéovTan ol dkTives TGV oeaipdy TOUTWY ;

784. KuAwbpos elvan mrepryeypaupévos Tepi opaipav dxtivos R. Téuvopev 16 oxfipa Umo o
bmiméseov (P) kal (P,), kadétwy wpods Tov &Eova ToU kuAivBpou. N& &mobeiyi) 811 16 éupabov
Tiis opapikiis Lovns elvan loobuvapoy Tpos TO EuPabov THs kupTiis Emeavelas Tol kuAivEpou,
ooTis Exel Paoes Tas tv Adyw TOudS.

785. KUAwBpos elvai Trepryeypauptvos mepl opaipav dxtivos R. Téuvopev Ty opaipav kai
Tov KUAEBpov Umd BlUo Emimébwy Siepxopéver Bid Tou &fovos Tou kulivBpou. Na dmoderybi)
&1 Té £uBaB& Tdv drokomrroutveov Emeavady Eml Tiis opaipas kal ToU kuAivEpou elvar loa.

786. Ta &u3a5) opaipas Tapayopévns UTd fuikikAou oTpepopévou Teph THY BiGUETpOV
Tou elvar péoov dudhoyov petall T@V EuBaBdv TdV Emipavaidy TEV TApAyOuEVwY uto Buo
fukavonikidy dpofwy ToAuywvwy, byyeypaupévou xal mepiyeypaputvou mepl TOV fiuikukiov
TOUTOV.

787. Aietan opaipa (O,R) xai Bewpolpev Tas Tpiooploywvious TpitBous ywvias, txdoTng
Tév drroiwv ol ESpar EpdrrrovTan Tis ogaipas TatTns. N& eUpedij & yewH. TOTOS TEY KOPUGRY
Z Tev TpiEbpwy ToUTWY ywvidv,

788. 'Eav R, p,, p. elvar ol dxrives TGV ogaipddv, TEpryeYpaupévns, tyyeypaupbvns kal dpa-
TrTopévns TEOV dxpdv kKUPou kal xavovikol ékTatbpov, va &mobexbn Oti:

i : 1 1 1
o) Rt=p4p! xal P9 T:=ﬁ;+—pf‘-

y') Edpere dvahdyous oxtoes B1d 1O Kavovikey Bwdekdedpov xal Kavovikov elkoodebpov.

789. Ocwpolpey Tpels opalpas EpamrTopévas dva BUo twTepikds kal Tou émimidou (P) katd
& orafepa onpeia A, B, I atrou. 'Eqv o, B, y elven ol mAeupal ToU Tprywvou ABI, va Uro-
AoyrofoUv al xTives TGV opaIpdv TOUTWV.
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790. Na dmodeaybij 671 & Sykos ToU opmipikol TufpaTos 8i8eTen Umd ToU TUTTOU
1
A= i 3
TPy 5 T
EvBa p 1) &xTis THs pecaias Toudis auToU kal v T6 Gyos Tov (tores Maclaurin).
791, AiBetan kUPos dxpfis o. Oewpolpey dAas Tas opaipas kaoTn TGV dmoiwv KelTon tvTos

kUPou kal Eyer Sidpetpov fonv Trpds %a. Na dmodeydij 611 16 &fporoua Tév dykwy TAV opal-

pdv ToUTwy elval otabepdy kal dveEdprnTov TOU V.

792. KuhivBpou To Uyos elvan Toov Trpods Thv SidpeTtpov Tis Paoesws altol. Els TouTov &y-
ypégopev apaipav Kal ik TeploTpogiis kivov. Na dmrobeyij 671 ol dykol TGV TpIdY ToUTWY OXN-
uéatov elven dvddoyor Tév &piBudv 3, 2, 1.

793. 'O Syxos loomAeUpou kuAivBpou Eyyeypauutvou els opaipav dxtivos R elvar pégos dva-
Aoyos peTafl TV Sykwv Tou yyeypauuévou fgomhelpou kwvou kal ToU Sykou THs opaipas.

794. 'O oyxos tvds kURivBpou, Evds kwvou kal Evds KOAOUPOU Kovou €k TEPITTPOGTS TrepI-
yeypauuévey s opaipav drTivos R looUtan mpds 16 ywdpevov Tou dAikou fppabol Twv Enl TO
TplTov Tis dxTivos THs coaipas.

795. Kévos &k mrepioTpogds yous v kal dktivos Paoews R Exel kopugnv T kévtpov opai-
pas dxTivos R,. N& UmoAoy1o8f & dyxos ToU kowol pépous T&V SUo TouTwy oxnpdTwv.

796. ‘O Sykos V & mepihapPavépevos petafl dUo dpokévtpwv oempdv (O,R) xal (O.R,)
elvan lgoBUvayos mpos Tov Sykov Evds koAoupou Kwvou, ExovTos Baoels Tous peyioTous kUKAoUs
T opaipdY ToUTwy kai Uyos TO TeTpamAdoiov Tis dmooTdcews d = R — R, T&v opaipikidv
tmeavaiiv.

797. Avo ooaipan (Q,R) xai (O, R,) evat TaraUtan dore 00, = 4R. Na Umohoyioby &
Sykos V, & mepiAapPavopevos petall Tédv opaipdv kal ToU Weptyeypapuivoy KuAivbpou.

798. AiSeran opaipa (O,R) kal xUAwdpos Eyysypaupévos els THv opaipav dkTivos Paoews
R/2. N& Umohoyio8ij & dykos Tou kowol HEPOUS oUTGQV.

799. AiSetan fuikukhos SiapéTpou AB kol onueiov [ émi Tfis AB. Mé Siapétpous Al xad B
yp&pouev SUo &AAous Huikikhous dvtds Tol TpTou. To SAov oyfjua oTpigeTan mepl Thv AB
Katd yaviav 2. N& Urohoyiobij & dykos Tol oyfuaros, Tov dmolov 8& ypayn To KapmuAc-
ypauuov Tpiywvov, T6 oxnuani{opevor UTd T TGV fiukikAwy, ouvapTioa Tdv Al=a Kal
FB=p:

800. Bewpolpey k@vov ik TEPITTPOPTS, Tepryeypaupévoy Tepl opaipav (O,R). TS tupabov
ToU KUkAoU Eragfis IoolTan Tpos T Siagopdy Tdv Eupadddv Tév UTd TouTwy dpifoptvawy i TS
opaipas povoPaaikdy apmpikdy [wvév. N& eUpedi] & dykos Tou kdvou.

801. N& Umrohoyio8fj 16 EuPadov kal & Sykos dugikipTou ogaipikoU pakou ék ToU Tréyous
abrol € kal Tév dkrivwy R,R, Tév opapdv, al émolar dpifouv TouTov.

802. To clrd mpoPAnua, &v & gaxds elval ko1AKUpTOS.

803. N& Umohoyio8ij & Syxos dugikoilou paxol, guvapThoe T&V dxTivwy R kal R, Té@v
ogaipdv, al dmoim Toév Spilowv, Tol Téyous € aUTol kai Tiig dxtivos p Ths xabBétou Toufs
aUTol Trpos Tov KUplov &fova ToU @okoU.

804. N& UmroAoyioffj & Sykos Kbdvou &K MEPITTPORTS GKTIvOS Péoews p, TEpIyEY pappévoy
mepl opaipav dxtivos R.

805. Oewpolpev Yo ogaipas (O,R) kal (O,R,) duokévrpous ué R > R,. Na Urohoy1oti) &
&yxos V, & mepihauPavéuevos petafl TEV opaipdv kal BUo émrmibwy TapehAnicwy, ATrEXOVTWY
&rd 1o xévTpov O &mooTdoes dvmioTolyws o kal a+p, Bl at-P < R xal kewpbveov mpos T
auTd pépos Tou kévtpou O.
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KEPAAAION XVII
IPAIPIKH FONIA — ZPAIPIKON TPIFQNON
STOIXEIQAEIZ IAIOTHTEZ

255. TONIA AYO METIETON KYKAQN I@®AIPAL. “Eotw ogaipa
(O,R) kal ABA, péyioTos kUkAos auTiis. “EoTwoav
T kai TT; of méhor ToU peyioTou ToUTOu KUKAOU
TS opaipas.

*Eotwoav (P) kal (P,) 8Uo émimeda, Siepyopeva
81 ToU &fovos TTTT,. TaUta Téuvouv ThHv ceaipav
(O,R) kord 8Uo peyioTous kUkAous (TTATT,) kai
(TIBTT,). Els 16 onueiov TT &youev Tés éparrTopévas
TT kai TIT; 1@V fuikikiwv (TTATT,) kai (TTBIT,).
*H ywvia ¢ Tév tpamrroptveov TTT kai TTT, koAeltal
yovia Tév 8lo fukukAwy (TTATT,) kai (TIBTT)). Al
OT kad TIT, keivron dvmioTolyws &ml Tdv Emimé-
Bawv (P) xai (P)).

*H &mroAuTos Tiun s yowvias TTTT, elva fon Sy, 230
TpoS THY &TTOAUTOV TIENY TTis &vTioTolyou EmimeSou
Tis B1€8pou ATTIT, B, 8nAadt) | ¢ | =] ADB|. ‘H Tipf 0T elvan o Tpds THY &md-
AuTov TiuAy ToU Téfou AB Tol weyloTou xikhou (ABA;) Tiis opaipas (O).

‘0 péyioTos kiKhos, & droios Eyel s Téhous T& onpeia IT ka TT, Trepiéyer
Tous éAous K, K, kad A, A, Tév peyioTev kikAwv TTATT, xai TTBIT, dvmioroixaws.

"Av of ywvici AOB xal KOA Exow Thv adthv Sictafw, even loay, 16T
Eyouv Tas TrAeUpds Twv kaBéTous. "Av Suws Exouv &vTieTov Bidrakv, ToTE elvan

TapanipOpaTIKai.

"Ex T&v dvwTépw EmeTan OTI:

OPIEMOZL : Twovia 800 peyictov kikiov opaipes kaleltar 1| yovia 1oV Epa-
nropévev TV peyictov todtov KUKV &g ta onpeia THS topfis avtdv.

256. SOAIPIKON TPITQNON KAI ETOIXEIA AYTOY.— Occopolpev
TpleBpov ywviav Oxyz kal TuxoUoav opaipav (O, R), fi moix va Eym KEVTpOV TO
anueiov O (kopugnyv Tiis Tpitdpou). Al drpal Ox, Oy, Oz Tépvouv THv opaipav
katd T& onueia T, B, A dvmioToiyws.

Al #8pan xOy, yOz, zOx Téuvouv THy ogaipav KaTa peyloTous xUKAous au-
Tfis, Siepyouévous Bix TV onueleov B, I kai B, Axai A, [ &vTioTolXWS.

OXIEMOE. Kalolpev spaipikov tpiyovoy ABT 1o Edvokov tdv anpeiov 1@V
toEwv AB, BI, TA.
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T& onueia A, B, ' kahoUvTal kopugai Tou ogaipikou Tprywvou ABI.

L) ~— ) U ~ ~

Ta 166 Bl =a, TA=PB, AB= y kahouvtar mhevpai ToU ogaipikolu
Tprywvou ABI.

Al yawvicn A, B, I Tév EpamrTopévwy TEV peyioTwy ToUTwY KUKAwWY, Bewpou-
pévaov dva 8Uo, els T& kowd onuela A, B, I altdv, kahoUvtal yoviar Tol ogaipl-
koU Tprywvou ABT.

Al TAeupai ToU ogaipikou Tprywveou ABI
elvon T& TéEax peyioTwy KUKAWY, Ta &vTigTOl-
youvta els Tas E8pikas ywvias Tis Tp1ESpou
Oxyz.

Al ywvicn ToU ogaipikoU Tprywvou elval
iocn Tpos Tas dvTioToiyous EmiTédous TGV Bié-
Spev Ths Tpdpou Oxyz.

Al yvwoTal TpoTdoels, al dvapepopeval
els Tas TpIESpous ywvias, Exouv dvTigTolyous
TpoTAOElS €ls TQ o@aipika Tpiywva.

Sx. 231 Eis Thv mapamAnpwpaTiknv Ox, y, z; So-

Belons Tpitdpou Oxyz dvrioToryei Emi TS

opaipas (O) &v &\Ao opaipikov Tpiywvov A'B'T’, T0 dTrolov dvopdieTan morKOY
Tplycwvov ToU ABTI.

Eidopev dvwTépw, 6TI TO opaipikdv Tpiywvov ABI dpiofn ds Topn Tiis
opaipas kal pids TpIESpov ywvias, Eyouons Kopughv TO KEVTPOV Tiis opaipas.

Eqv 16 kévtpov Tiis opalpas elval kopuer) pids ToAuedpou ywvias, TOTE 1)
Topn THjs opaipas UTTo Tfis ToAUEBpov TauTns ywvias elval apaipikov toliywvov.

‘Etropévess, &l 1@V mpoTdoewy TGOV dvagepopivav ls Tas TroAutdpous yw-
vias GQUTIoTOIXOUV TTPOTATEIS Quagepopeval el T TQEIpIKA TTOAUYwva,

“Ev opaupikov Tplywvov SuvaTtal va elval dpboyaviov, disopBoydvioy, tproop-
Boydvioy, appruydviov 1) 6Euy@viov.

"Emrions 8UvaTtean va elvan igomhevpov, icookeris 1) okainvov.

Eis m&v opaupikov Tpiywvov Biakpivopsy Gy, diapioovs, diyotopovs.

O& dvaypdywpev &v Tois droAoUdols I816TNTds Tivas Eml TV opaIpIK&Y
TPIY VWY Kal TTOAVYWUWY.

257. OEQPHMA I.— ‘Exdotn nievpd c@aipikol tpi-
yovou elvar pikpotépa 1ol abpoioparog t@v dbo dhiwv
nhevpdv kai peyakvtépa tiig SwaQopdc avtdv.

*Eotw ABI &v ogoupikdv Tpiywvov kai Al 1) peya-
AuTépa TAeupa avTtou. Eis Thv dvtioToiyov Tpiebpov yeo-
vic O — ABT Exopev, G5 yvwoTov :

< MOB—* AOB| < « TOA < ¢ OB+ < AOB. Ty. 232

"Apa AB—BI'| < TA < AB + BI.
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258. OEQPHMA IL.— ’Eav évo oaipika Tpiyova sivar molukd arifnhovy,
ai yovior 1od &vos slvar TapunAnNpOEATIKal t@v Thevpdv tob dhiov.

"Eotwoav ABI xai A'BT’ 8o mohikd AN AV
opaipika Tpiywva. “Eotw &1 ai mAeupal AB, AT Tou ABI
Téuvouv ThHY TAsupav BT 700 A'BT" &l Ta onueia A, E
duTioTolyews. "Emeidn) 16 B’ elvan dAos ToU AE, Emetan 811

BiEr— —121- "Emeidn 1 I elven TéAos Tol AA, Emetal 61

Al :% axT. "Apa: B'E + Al =1 kad, kar’ dxohoubiay,
émaidn B'A+ AE+ Al =1, Emeton 6m1: AELBT = 1.
AN ) T ToU AE elven f Tiph THs ywvias A kal
Bl"=a'. “"Apa: A+o' = ‘Owolws B+P'=m, [+y' =m.
‘Ouoics ebpiokopev &11: A" +a=m, B +p=m M +y=m.

259. OEQPHMA I11.— To ifporopa TOV YOVIOY cpaipLkod TpIyGVOL TepLé-
xetuL petadv 2 6pb. kai 6 6pO@dV.

Mpdoypamy, 2av A'B'T elven 16 mroAioy Tplywvov Tou ABI, TéTe xaTd T
TponyoUpevoy Bechpnua B Eywpey :

A "= 2 dph. %
Big':gofe A+B 4T +a +p +y =60p8.
e A +B 4T =6dph. — (x +B +v¥) (1)

"Emaidn Suos elvan o B 4y’ < 4 6pf., EmeTon 611 :
A +B +T =6 ph. — &Bporopa HiIkpOTEPOV TRV 4 pB., fiTol
A +B +T > 2dp8.
AN o +B' +y >0, kai ket drohouBlav : A +B+4T < 6 6pb.

“Apa 28p0. <A +B+T < 60dp8b.

"EvTeUBev EmeTon & :
To cpaipikdv tpiymvoy ddvarar vi Exn Vo, §j toviayiotov tpeig, dpbag yoviac.
"Eriong divatar va Exn 8vo, ij tovkagiotov tpeic, appleiag yoviag.

"Eqv opaipikov Tpiywvov ABT Exn 8Uo dpbds
ywvias, keAeiton SisopBoydviov. *Edw B¢ Eyn Tpeig
opbas ywvias, kadeitan tproopBoydvioy.

260. @EQPHMA 1V.— To 0poropa t@v mhev-
POV opaipikol molvydvov elvar pikpétepov tdV 2n
axtuviov.

Mpérypam, els THv ToAueSpiknv ywviay

O — ABFA #&yopev :
) ) ~~ ~
BOA 4 T'OB + AOT + AOA < 4 &pb.
Ty, 234 f) AB + Bl +TA + AA < 21 dxmvicov.
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Enueionog: Awaydviog ogaipikol ToAuydvou Kaheitar T6 Téfov ToU ueyioTou xUkhou,
¢ omolov OpideTan &mo BUo pf BiaBoyikds KopuPds ToU TRAIPIKOU TOUTOU TTOAUYGVOU.

"Ev Tols dxoAoubols Gvary paouey Pepikas I510TNTas TGOV oQaIpIKEY TpLy VL
JTTO popPNV AOKNTEWV.

AZKHZEE]E

806. AUo opaipika Tpiywva CUPHETPIKG G5 Trpds TO KEVTpov Tiis agaipas, el THv dmolav
dvnikouv, elvan ioa ;
807. To almo Bix SUo opaipika TOAUywva.
808. AlUo cgaipik& loookeAs] Tpiywva elven foa ; kal woTe ;
809. Eis &v loookehés opaipikdy Tpiywvov dmévav fowy TAeupdy duTioToryouv ioal ye-
vien kal &vmioTpbgus.
810. ’Eav opaipikdv Tpiywvev elvan iodmAcupov 6 elvan kai looydviov kal dvtioTpdews.
811. 'Exdorn TAevpa ogaipikol TroAvydvou elvan pikpoTépa ToU dfpolouaTes Tdv UTro-
Aoftrav,
812. To &fporopa TAY TrAEUpdY KupTOU oaipikoU TroAuywvou elvan pikpdTepov Evds pe-
yioTou kixkAou Tis opalpas, els fiv dvnker ToUTo.
 813. 'Eqv 8Uo ywviai ocpaipikoU Tprydvou elvan dvicor kal al dmévavti abtdv mheupal
6& elven dpolws &Guicor kal dvtioTpdgs.
814. Alo oouipika Tpiywva Tfis alTiis opaipas elvan foa:
1) &v Exouv piav TAeupdv fonv kal T&s Tpookeipévas ywvias loas, piav wpos piav.
2) tav Exouv BUo TAeupds foas, plav pds ulav, kal Tas U aUTOY TEpiExopévas ywvias
foas kai
3) &v Exouv Tds TAeupds Twv Toas, ulav rpos plav.
815. Alo ouppeTpika opaipikd Tplywva elvan loobivaua ;
816. 'loyUer ToUTo Bi1& BUO OUMMETPIKG OQaIPIKA TIOAUYWYA ;

Inpeioorg : 'Eml wmas opaipas 8év Exopey spmpka tpiywva bpowe, Aty UgploTaTan 1) Bew-
pla Tfs dpordtnTos, §) dvagepoptvn els T& elBUypapua Tplywva kal ToAUywva.
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