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KEQPAAAION |
IIEPI ZYNOAQN
1. H ENNOIA TOY IYNOAOY
("Eravakiyeg kai oupnlnpdosls )

$1. Dipare el; tov voiy qag 1d Apbowna Tic olxoyevelag cac, xai few-
eroaté ta ¢ & Glay (piav 6udda, piav ovidopsy npoodnwy). T{ mapatnpeire ;

norpcrrnpoﬁuev 611 pé &vTikelpeva Td STroia y vopilouev kaAds (T TPO-
ocwma Tfs olkoyevelas uas) kol petafy TGV OToiwy Sty KGUVOUEY CUyYuaLy,
éoxnuaTioauey S THS OKéWEDS pas Ev viov &vTikeipevoy. :

To dvrikeipevoy auTd *dvopddopey gbvorov. TO cUvohov TG v TPOCWTTW VY
THs olkoye velag pas. Auvépeba va Becopnowpev &dvtikeipeva o, B, y, & xahAd
Qplopéva (t& drroia yvwpilopey KaAds) Kai Siakekpipéva (T& dwoia Biv ouy-
XEOUEV) og gy avikeipevov T oUvorov Tév a, [

Zbvodov elvar 1o dvtixeipevoy To émolov axnpatilopev (Siad tig oxé-
Pews § g Pavraciag pag) é&v Bewphowpev xoaADG wplopéva  xai
Sraxexpipéva dvtieipeve, g &v dvtixeipevoy.

Ta SVTikelpe v adTd AéyovTal, atouyeia Tob ouvédou, kai oupPolifovTal
HE ypdppaTa meCa ToU EAAT VikOU dhgaPntou: a, B, y, 8, ... To ouvorov
TOV QvTikeipé oy o, B, v, 8, oupPoriletan B KepaAaiou ypdppartos: A R
B A,

Aéyopev &1i, 1 gtouyeia évdg ouvédou A dvixouv eig adté, kal ouvupo-
Aifouev ae A, B A ko, f| 671 éx Tob ouvédov A AapPdvovral T& oTol-
X€la Tou, 2uuBoAiés A 5 a NA3B (& Tou A AouPavetan T a k. A.r.). 'Edv
TO QvTIKeipevoy o Siy &vniker els TS oUvoAov A, ypagopsv agA.

§2.50vorov kafopileTar Sick dnAwaoews 1OV gToryEiwy Tou kai dvaypa-
P75 aUT@Y peTaly Buo dykioTpwv . x. T6 oUvohov TGV a,B,y, 8, ypdeTa
{a, B, y, 8). Attov tov TPOTTIOV TAPAOTEOEWS Abyouey kabopioudy Tol cuvd-
Aou 81’ dvaypagiis Té oToryeiwy Tou.’

Mapaderyua. N& Op1oB7) T oUvorov TAV PuUIIKEY Gpifuddv 5, 6, 7, 8, 9

To aUvorov aiTo Spiletan o5 EEis: {5, 6, 7. 8, 9.

Auvapeda Sucs va dplowpey 16 gUvorov alTd @§ TO cUvolov T&V u-
OGOV &piBucdy, of dmolor elven HEyaAUTepol ToU 4 kal pikpoTepol ToU 10 kai
va YPaywpey IX/X puoikds Cp1Bpds xai 4<x<10}. Tov Tpémov alTdv Ad-
Youev kafopiopdv 1ol oubdAcu Six TEPIY pagTis.

Zuvodov xaBopileTal Sia Trepiypagis, v TEPLY PAYWHEY piay xopakTn-
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ploTikny iSibTnTa TGV oToiyeiwy Tou. Anhadn wiav i6i1dTnTa, THY Smolav
fxouv SAa T& oToieix Tou kad povov aUTd.

Miaw i516TnTa oupPohifopey S1& Tol p( ) fi ToT q( ). Thx. q( ) onuadven
«Quatkos &p1Buds peyoAlTepos Tol 10». Aix ToUs 11, 13, 17 ol omolot Exouv
aUthy THY (B16TRTa ypdeousy 11 :q(LLy*, 13:q(13), 17:q(17). & Tols 6,
3, 2, ol émoiot By éxouv TV IBiIGTHTA abThV ypapouey dx1 0:q(6), &xt 3:q(3),
&yt 2:q(2). Ar Ev &vTikeipevov ¥, To omoiov Exer Ty iG0TnTa q( ), ypdgouey
:q(x). Anhabn 1o ¥ Exer THY iBidTHTa q( ). Ar” év dvTikeipevov g, TO &rolov
Bev Exel THv 1B16TTA aUThY Ypdgopey Sxi ywiq(y) kol BlaPalopsy: To g Bev
Exer TV iB1dTTa q( ).

$3. *Ovoudoare A 76 giévoiov {3,4,5,6) xai B 1d |y'y guowmog pryavtecog
108 2 xal pixpdrepos Tot 7} Tl maparnpeite ;

Maparnpolpev 6Tt xafe oToIXEloV TOU A Gunkel els T0 B kai k3be oTol-
xelov 10U B dvnkel els 10 A. Aéyouev Twpa 6T T& cuvola A kai B elvan oo
ki oupPohrifopey A—B f) 61 Tpdkertan Tepl ToU alTol guvdhou: A=B. To
alT& TapaTnpobuey Kkai es T& oUvoda A kai [ = {5, 3, 6, 4]. ‘Etropéves ¥
tdElg (| oepd) ut Ty omoiav dvaypdpovral T& oToiyela €vog TV
Aou, oldepiav ovpaciav Eyel §id Tov xaboplopov alvTob.

Avo odvora elvar ioa, étav xdbe oroixeiov Tol €vdg €E abTdN
&vixet elg td dAho xal dvtiotpdpwg. EUkdAws SlamoToluey &k TGV v
Tépw TapabaypdTwy, 6T A=A, A=B=>B=A kal A=B kai B==>A=T

‘H {odTns TéV ouvdlwy elvan &VaKAaoTIKT), CUBMETPIKN Ko peTaPaTikn

§ 4. 'Edv mpooéfwuev pdvov Thv iSidtnta @ kdd: oToixelov ToU A
dvrnket els 10 B, 8& Aéycopev 611 10 A elvar Omogvvolov tob B f| 611 éykheieTa
(f Tepiégetan) eis TO B kai 8& ypdpowuev: ASB. (el 10 dvewTépw Tapdderyua
§ 3, elvan kai BSA). ‘Emopéves ASB kot BEA > A=B.

Thv oxéov ACB SuvdueBa vx ypdyewusv B2 A, Tote 8& Aéycopev: T
B elvai Umepodvolov tol A.

¢ Eis 1& olvoha A kad A={y|¥ ¢uoikos c&piBuds peyaAUTEpOs Tou 2} Ta
patnpobpey 8Tt ACA dAN 11t AEA (Bidmt Ta oToryela 70 BS . ot
Btv dvixouv els T A). Elg Thv mepimtwoty autny Aéyopev 6ti: Té A elva
Yviclov Umoovvodov Tob A xai oupforifousv 1 ACA. To A Aéyera
yviotov Omepoivorov Tob A- oupPolikdds A DA.

'E&v Splowuev 81& mreprypapiis TO cUvolov {XIX PUOIKOS HEYOAUTEPOS TOI
2 kod pipdTEpos ToU 3}, B& Taparnpriowpev 611 oUdév oTolyelov Exel. Kaflo
piletar Amov oUvorov, TO Smolov- aTepeiTal gTolxEiwy. TO gUvoAov auT

* T oupporov 11: q(ll) B]Mrrm: 11 Exer Thv BidTaTa.,
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1

AfyeTal xevév ovvodrov kai oupporiletan &1d ol @. To & elven Ummoou-
vohov k&f: cuvdhou. @S A Bi1d kd&Be cuvolov A.

Aexoueba 611, dAa T& dvmikeipeva T dmola BUvavTon vér elven oTolyela
T Becopountveoy ouvdAwy duikouv s Ev aUvohov U. To U Aéyetal Paot-
%6V (§ yevinov) abvodov 7| obvorov avacopds TV Hewpoupévey cuvdAwy.
K&be ouvohov A elvan Yroouvorov tob U. AcU &ia k&be ovvorov A.

‘H oxtois 1ol éyxretopod S Exer Tas &R 1810TNTOs

ASA GvarkhaoTikny (51071 ke oToyEiov ouvohou Gvrikel €5 TO oUvoAov)

ASB kai BCA -» A=B &vmiouppetpikny (§ 4).

ACSB kai BET-> ACT petaPorikiv (516m1 v kébe oToiyeiov ToU A
kel gis TO B ko kdBe oToixelov ToU B &vrker els 16 7, TdTe kdde gToiyEiov
ToU A dvrker eis 16 ). EmadnBeloaté To € Ta qvwTépw TrapadelypoTa.

A& v kauwpsv aloBnthy Thy Evvoiav Tol guvdou A TV oTOIXEICOV
% By ¥,..., TopioTdpEy TalTa Sia onueiwy kai TO oUvolov {a, B, Y,...} Bk
KAeloTHs ypauufis 1 dmoia mepIPAARel TG onpeia alTd. Zxnu. (1)

To UmooUvorov B--{a, B, y} ToU A, TaploTduev es TO EowTepkdY ToU
A Zxnu. (2). To paoikov cuvohov U TaploT&uEy s Ev oploydviov €s 1o
E3WTEPIKOV ToU STolou TapioTavTan Sha T& fewpoliEva oUVOAC. Zxnu. (3).

/’r‘\ ox. I.U! - —f‘} =
A/ﬁa - m‘/! 7/ \\
" N i
. =

K :
\% 31 A@\ k—/’/‘/

‘f’l B .g\j & /‘,-

A 1
K%
oy, 2

Al TrapacTacers airai Atyovtan Bévvia SiorypapuaTa wpds Ty ToT “Ay-
YAou @hoobgou kai waBnuaTikod J. Venn, (1834 - 1923), & dmoios Tds Expn-
TIHOTTOInGE TTpddTOS.

'Aoxfoetg

1. N& elpnTe 1 Urootvora 1dv cuvdhwy {ah {1, 2), (o, B, ¥), (3, 12, 6, 7).
2. N& elpnre & UmooUvoda 7ol ouvéhou {x!x Sudpaios peyadTepos Tol % ai

WPSTEpOS T -13—0}
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3. N& éplonte 51 dvaypapiis 10 auvorov (x/x Biaywvios Tol mevraywvou ABFAE}

4. N& dpionte bi' dvaysapis TO gUvodov (x/X Umdhorov s Sicpioews k:5, &mov
x dxépaios) kal Bix meprypagris TO {Al, BA}

5. Zuykpivere Té ovvera A= {0, 1, 2} kol B = {x/x UmdAoirov  Sicipéoews  QUaTKOT
&p18uod Six Tou 3).

6. Tuyspivate T4 oUvelx A = {¥[X TapaAAnAdypaupov), B = (x/x dpBoydvicv} kal
[ == (y/x Terpdywvoy} Kal KaueTe T& Biaypaupare TLV.

2. H ENNOIA THE ANTIZTOIXIAZ

Movoofjpavtog kai dpgiurovosfpavrog aviiotolyia.
‘[ooblvapa cdvola.

§ 5. Eig piav avdloyny (& abvolor) 4 yoappatoofumy dvjxovy Td
yoappardonua a, B, 7,8, e Ta a, y xai & rpdvrar 1 doayuiy. Ta § =ai & 2 doy.

T a xai 8 8teddlnoay o 1932, ta B,y xal e 10 1936. Oewprjoate Ta olivoda
d={a, B, y, 8, &} xai B={1, 2, 1932, 1936}. Zxeplijte tga €v oroiyelov Tod
A xal dinda el abré & ovoyeiov toi B. Ti mapatnosite;

Taparnpolpey 6T els 7o o mapadiTouey Tov 1 Ay 1o 1932 (thv Ty A
Thy ypovohoyiav ékBoaems), cupBotixdds (o, 1) 7 (o, 1932). Eis 10 p mapadé-
Topsv fj GVTIOTOIKOULEY TOV 2§ 16 1936. ZupPohikdds: (P, 2) f B, 1936)
KA.

Aéyopev Topa 8Ti peTagy TGV ouvdrmy A kai B Umdpyel pia &vTioTol-
yia (Emeadh) els oToiysia ol A Trapebéoauey T dvTigTolyioouey  OTOUKEIR
0T B).

'AvtigTtolyia petald Svo guvérwv, elval 1 avtiotoiylotg (1) mapa-
Beotg) elg orouxeion TOD TPWTOL CUVEAOU otolyeiwv ToU Seutépou.

Thv dvnioTorgiov uetafy TdY oUVOAWY A kai B Buvdueda vi TapooTi-
cowuey G5 piav kivnaty pé dvaywpnoty &k gTolyEiwv ToU A kai &pi§v els oToI-
yela 10U B. Tobto yiveton ut v Ponfeicy TV Pevvicov BlaypappdTwy Kal
Y PGV kaTeuBlvoews el To oxfux 4.

£a

2\
\,

N\
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Mia toUto 1o A AyeTan obvedov dpetnplag kai TO B avvedov dpikews.

To oyfina 4 dvoudlopev Bikypaupa (fi ypdenua) Tiis dvmioToryias (el
YPOUUXTOTNUOV AVTIOTOIXED 1) Tipn Tou kal 1) ypovodoyla ékddoews autod).

Znuelwaig. Al mapaotéoes (o, 1), (o, 1932), (B, 2) KA., Tds dmolas EypnoipoTorfioa:
Hev Bix v oupPoriowpev THY dvrioToixiowy, Abyovtal Satetaypéva Gevyn. Aurdpeda v
wapagTowey (i dplowpev) piav dvtiotoryiav ds guvodov BiateTaypiviy Leuyddv.

§ 6. 'E&dv petafU ToU ouvohou A TGV ypAUPOTOCTIHMY Kai Tol ouvohou
TOv Ty M={1, 2} usheTHowpev T &vTicToryiov: €ls ypappaToanuQy
&vtioToIyel 1) Tipd Tou, B& TapaTnpfiowper 6T els xdBe oToieio ToU ouvoAoy
A dvTioToiyel &v pévov oToiyelov Tol ouvdhou I *H dvtioToryia auTh Adyetan
povoorpavtog dvtictaiyia. Ta wpdTta ptAn tév SiarteTaymtvov Geuydv (a,1),
G, 1), 8, 1), (B, 2), (&, 2) elvan Topa Bidpopa peTaly Toov.

Movoavjpavroy dvtiotoryiav metafd §lo cuvéiwv Exopev, dtav eig
wafe otouxelov Tol mpddtou ouvérou dvTioTolyf €v  pévoy atouyeiov
o0 Seutépou.

To Bidypopua Tis povoonpdvtou dvmiotoryias petaly T&OY ouvodwy A
kai I Exopev eis 7o oxfjua 5.

HMopatipnoig. To cUvorov T@V
BraTeTaypévey feuyddy, TO dmoiov  ma-
ploT& piav povootpavtov &vTioToiyiav
AbyeTon — dos 68 pébwpev dpydrepov —
ouvdptrotg. To A xal I 8& AdywvTa
T6Te meblov dpropel kol medlov Ti-
p@v s ouvopTrioews (dvTioToiyews).

Inpelwotg. Els  dvwtéipav t&hiv  Ba ox:
paboopev, & pia poveorfjuavtos avrioToryia
petall 1Y ouvdhwv A kai B Ayetan kal dmewovioig tod A elg 1o B. To A s Tiv me-
pimtwoty althv 64 dvopdletar ouvorov dpyetumey kal 1o B oUvolov elkdvwv.

§ 7. Mztall Tol guvdhou dpiBuidv A={l, 2, 3, 4, 5} xal ToU ouvdiou TGV
Simhacicov Twv B={2, 4, 6, 8, 10}, Umdpyxer pic povoorpavros dvtioToryia.
‘H @ els k&3z &p1Bpov 100 A, dvmigtoiyel & SimAdoios tou els T B. ARG kad
petal TV ouvdAwy B kal A Umapyer pia povooripavros dvrioToryia, ‘H dvri-
oTPOQIS Tijs Tponyouptvns : eis kabe oToiyeiov (GpiBpcy) ToU B dvmioToiyel
TO ;— autol els 10 A, ‘H dvmioToryia abth) Afyeton dppipovoonpavtog G-
TigToLyia.

"Apgipovogiipavtoy &vtioToixfav petafl BJo cuvehwv (] dmeikévicty
v mpos Eva) Exopsv STav els xé4be atoiyeiov Tol mpTou ouvbAou GvTi-

YnoionoOrke amo 1o ivotirouto EknmaiSeuTikrg MoAmkrg
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ovoixel & pévov aroryelov ol Seutépou xal eig xdbe avoryeiov Tob Seu-
Tépov ouvbrou &v pévov aTouyeiov Tod mpdTou (éxeivo Tob bmolov adTH
fito dvrioroiyov) # dvav petaEd Tob mpddtou wal Tod Seutépou Omdpyy
ula povoshpavreg dvriatotyla xal perakd tod Seutépou xal Tob TEWTOL
Ymdpyp N dvriorpogog adriig.

To Bikypaupa  Tiis  &ueipovoonudvtou
avmioTolyias petabl TV ouvddwv A kai
B Exouev eis 10 oxfipx 6. ToUto Buvdueda
v& TTopooTiowpey kai s EEf :

o2 a3 d o5
2 4 6 B840

Mapatnpolpey  ém1 Buvdueda  KkéTwdev
ExdoTou oToIkelou ToU TpdTou guvdAov,
V& ypaywpev Ev oToixelov Tol BeuTtépou,
Xwpls va érravahdPaopey ) v& Tapaheiyppey
KU:)E‘V.

§8. Ta oUvoda A kai B petafl tév omolwv elvar Suvarn pia dpgipovo-
ofjpavTos dvTioTolyia Aéyovrtan igeblvapa evvola. ToTe Suws, o eibopev,
Buvdpeta kaTwdev ExdoTou oTorgeiou ToU A v ypdywpey £V gTolyelov ToU
B, xwpis v& EmavoddPoopev kai xwpls v mapodelyopey kavév. AnAadl T
oUvoha A xai B Exouv 16 autd mhfifos oTtoryeicov. Ak ToUTo Aédyopev 4TI T
loobUvapa glvoha Exouv TOV altdv mAnOkdv dpiBudv.

ZuuPoliZopev TNV oxéorv «td A elvan iooBUvapov ToU By Si1a Tol A~B.
Tov &piBudv, 6 omoios ékppdder TO AfBos T& Y oToikeicov ToU guvéAou
A ouporifopev &1 v(A). “Qore A~B <=-v(A)=v(B). Tolto BiamioToluey
kai 81° dmopiBunoews TV oToryelwy TV A xai B.
MetafU ouvédou A kal ToU tautol Tou elven SuvaTdy vé Eywuev piav du-
PluovospavTov dvtioTtoiyiav TAv 1 2 3 4 5
i 12 3 4 5

"Eav  petabl té@v A kai B elvan Suvari) 1) dugiu. dvnioToiyia é i g

2diw6r 3010
Q235 d e 5

4. 5
8 10
TéTe elvan BuvaTh kal 1 peTafl TV B xai Al

Oewpoluev Twpa kai TO oUvolov [N T@v TpimAagicov T&Y otoiyelwy Tol
owdrou A: ['={3, 6,9, 12, 15}. TTaparnpolpev 611 peTabl TGV Aked B, Akad I
Exopev Tas &upt. dvtioTtoixias: 1 2 3 4 5

2468 =0;
3 6 912 15 Tére Spws éxougv kad ™v
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Loy, i 46 By e LY
3:6 912 15
Ex TQV duwTipw ouumepaivopev, 6T1 ) locBuvapia T@v ouvdrwy Exel
T&S yvwoTds 18i1oTnTas Tfjs fooTnTos.
A~A A~B->»>B~A «kal A~B kai B~T—>A~T

AVOKAQGTIKT)V, CUPHETPIKT Y, Kad METAPOTIKT V.

peTafu TV B xai T.

Tas alras tmoptves 1816TnTas Exel kai 1 i06Tns TGOV TANGIKGY &p1Buddv.
3. IENEPAZMENA IYNOAA — ANEIPOZYNOAA

§9. "Eqv Bewpriowpey 10 oUvorov A={a, B, v, 8, €}, 8 TQPATTPTICWHEY,
6T 16 mAfifos TéY oToiyelwy Tou EkppalGeTan Umd ToU Quatkol pifuol 5. Tu-
vetréds  w(A)eN.

Té& oUvoha Ty émolwy ol mAnfikol &piBuoi elven puoikol &piBuci, Aéyov-
Tl memepaopéva oUvoia.,

AdBere Twoa &v ywjotov Snogdvoloy tob A xal devrdaare dav puetald adred
xal 105 A dvvdpela vi Eyopey plav dupipovoaijpavroy dutiotocyiar. Tl mapary-
pETTE |

AapPévopey 16 B {a, v, 8} kel Topatnpolpev, 6T ToUTto Stv elvan Hu-
v\‘.‘rrt')\):rvray(‘SEF}GBY&E

a ¥ 8 a P &

Té abto 6& TapoTnpiowpey éav AdPwicv OTroodnfmoTe yvnolov Uto-
oUvolov ol A. Aéyousv Aormmov 6T memepaopévoy elvat &v avvorov, Brav
TolTto 8¢v Exp ywvhoiov Umoavvorov ioodbvapov mpdg aldTé.

§10. "Ag AdBewpey 1dpa 16 olvohov N 1@V puUaIKEY aplBuwv N={1,
2,3,4,5,..} xad 16 oUvorov Ny Tév dpriwv: N, ={2, 4, 6, 8, 10,..

Mapatnpobuey &1 16 Ny elven yviiolov u-rrocuvo?\ou Tou N, NzCN kai 6T
K&Twlev tkdoTou oTorytiov 100 N Suvdutba va ypdywpev Ev aToiyeiov TolU

Ny xwpls va émavardBopey 7 v TOPOALIWWHEY KO VEVY,
ISR A S5 o R 1000 :2e
2idieibnes MOl 4 re N s 2000::wes

To obvohov N 1édv quowédy &piBuddy el v yvfiolov Umoouvodov ige-
BUvapov mpds aUTo. OUBels puotkds &piBuss — doovBryoTe peydhos — BuvaTal
v& tkgpdon 1O mAfiBos 1%y aToiyelwy Tou. To N elvar v &meipoovvoroy [ To

N, elvan gmrions &v ameipocUvolov. “QoTe anelpoovodrov elvar €v alvolov,
btav ¥xp & yvhoiev Ymoalvoroy loobVvapov mpég adté. “Ev oUvorov
loodUvapov mpds dmeipeoUvooy, elva émions &meipoauvorov. To Utrepouvo-
Aov Evds dmeipoouvoiou elvan dmeipoouvodov. Ty, 1o auvohev Q T&dV pn-

TV, To avorov A Téiv onpelwy Evds eUbuypdppor TufpaTes AB elvon dmel-
pPoguvoAov.

§11. Ta &vwtépw oUvora Biv Buvdpeda va Oplowpev TAfpws &1 dva-
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Ypegiis. Ak ToUTo uéxpr ToUSe EypnoipoToifoapey c'rrs?/\eig &vaypagds : N=

Sl St ah =l o 22 Ao B i il

owpev aUTa i TEplypagiis. Anhadh f&v BnAdowpev  piav iBioTnTa, THY
dmolav éqv pev Exn Ev dvTikelpevoy, &vnker els TO oUvohov, t&v &t By £xn, BEv
kel els alTd.

N={x /x elver mAnBicds &piBuds memepacpévou auvdiou!

No={x /% elval puoikds dpi0uds BiapeTos Sia 2

Q={x/x= i: e efvon drépanos, v elvon puotkds kai f%-dudymyov KAQGHa}.

A={x/x elve1 70 onuelov A fj B # onusiov petafl Ty A kai B

A& meprypagiis ouventds Opilovran kai TETEpaopeva oUvoha xkad (iBicws)
T& &MelpooUvoAa.

Enpelwotg. Auvipeda tdpa v efmwpey, 6Tt oUvohov elvan pia kaTnyopia 7| Ev eibos
dvTikelévy, T drola Exouv piav dpiopévny {BiomTa (dbs mpos ThHY Smoiav BewpolvTan).

'Aoxfioerg

7. Kéuete petall tdv ouvddwy A= {3, 8, 15, 13, 14, 12, 7 xal B = (0,1, 2, 3, 4} v
dymaroryiav : elg otoyeiov 100 A dvmioToigel TO UmdAoirov TS Blaipéoews altol Bix 3,
15 dmoiov dvrkel el 1o B.

8. Els 10 aluchov A T@v ywpdu s Aumikis Evpdmns dvrioTorgicate To oUvohou
B 1év mpwrevouady aldtddv. Xapaktnpioate TV dvmoToigiav. Kéuete 10 Sidypaups
oS,

9. 'Efetdoate tav elvan loobivapa T& ovoha A = (x/x elvar ToRRaAdoov Tob 3)
xal B = (x/x eivar Umrdhormov Biaipégecs puatkold apiBuod Six 7).

10. N& yivouv &han al Suvaral dpgipovoofpavror dvmigTolyion petafy TV ouve-
Awv A= {2, 9, 4} kal B = {a, P, y}. Méoa elvar avrrad;

11. ‘Oploate B’ dvaypagiis T& agUvodov Tév UTroguvéwy tvds TpipeAols ouvdiou kal
To givohov TdHY TANIIKGY &piBudy aitdv. Kdpete ety adtdv plav GvmigToryiav, Xa-
paxTnpicate 1o eibos alris.

12. Merafl 1év ouvihwv A = (2, 3, 4, 5, 6, 7, 8, 9 xai B = (0, 1, 2 3,9, 12, 18}
va glvn A dvmoToiyia : els oToieiov Tol A, dvTioToiyel 1o UmdAoimov Tiis Biaipboews auTod
5ik 3 | woAAamAdaov alTol, TO dmoiov Gvnker els o B.

13. "Efetdoate d&v petall T®v ouvdhwy A = {x/x elvar TwohAawAdarov ToU 11 -
xpdrepov ToU 97) kal tvds yvnoiou Umoouvdiou Tov, elval Buvath pia  dupiuovosiuavra
GvmigToryia.

14. “Oploare &1 meprypagiis 10 guvohov A = (0, 7, 14, 21, 28, ... .}

15. Tlofa oyéars Umrdpyer pitaby Tol ouvdhoy TV Gpriov Nz kal TolU auvéhou N
TV dK. ToMAamiagiwv ToU 4.

16. "EfevdoaTte v elvan locBivana t& alvora E = {x/x elva EmikevTpos ey kukAow
(0) ywvial kal T = (x/x Téov ToU kixAou (0)}.

17. 'Efetéoare tav elvar 10980vapa Ta@ ouvora N kal K = (%/x elvas KAOTPATIKY  po-

viis).

WYnoiomoiOrke ammoé 1o ivotirouto EknmaiSeuTikrg MoAmkrg
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é. ENQZIE KAI TOMH ZYNOAQN — AIAZEYZEIE KAI IYZEYEZIZ IAIOTHTON

§12.To oUvohov els To dmoiov dvikouv SAa T& oToiyeia BUo ouvdAwy

A xai B, kai uévov atd, Abyetan “Evweotg v A xal B kol cupBollletan
Ay B.

‘H &vwaois opiletan 81 THs loobuvapios acA elfTe aeB = acAUB.

THyv wp&€iv ué v dmolav eUpiokopev TV AuB, éfav Bofolv Ta A xai
B évopdouev «fvwolv ouvdhwv» kai ocupPohilopev Si& Tol .

T oUvodov els 1O dmroiov dvrkouy T& kotvd oToryeia BUo cuvdAwv A kai
B xai povov eird, Aéyetan Topdh tdv A xal B xai oupBohileton ANB.

H Topn &pileran Umod Tiis {ooBuvauias aeA kai aeB = acANB.

THv durric'l;oaxov mp&§iv Aéyopev «Touflv ouvoAwvy Kkai oupPoAilopev
i ToU N,

Hapdberypa. "Edv. A={a, B, v, &, €} kai B={y, §, ¢, {} Té1e AUB={q,

B, v, 8,5 &} xai AnB = {y, §, e}. Xpnowpomrorolivres T& Pévvia BiaypdupaTa
ExoueV :

B

AUB /\

ox. 7.

§ 13. Bewprjoare d advoda A = {y/y elvas Siagérng vov 12} xal B=

{x/x elvar Scarpérng 106 18} xai xaboploate &' dvaypapic lov v Evwow xal 2ov
Ty Touny adrdv.

Aol keBoplowpev 81’ dvorypagiis Ta Bobévta ouvoda A={l, 2, 3, 4,
6, 12} wai B={l1, 2, 3, 6, 9, 18} eUpiowopev :

lov 76 oUvodov AUB=({l, 2, 3, 4, 6, 9, 12, 18} xal TapoTnpolpey &1
kéBe ororygiov Tol AUB # Bicupei udvov Tov 12 (of 4 kai 12) fi Sicupel pévov
Tov 18 (ol 9 xal 18) fj Bicupel dupoTépous Tous 12 kat 18 (ol 1, 2, 3, 6).

THv ouvBetov abthv iBidTnTe, Thy dmolav fyouv T& oTolyeia ToU AuUB
Abyouev SudfevEiy (oupBolikds \/) mpo@opu@®s « €{T e ,TdY (Stothitwy «el-
vai Biaupérns Tol 12», «elvan Sicipétng ToU 18» kai THv oupPolilouev:

«Elvan Srcupétng 100 12» \/ «elvan Biaupérng ToU 18» dmrhovoTepov 8¢ «elvean
Sicupttng ToU 12» efte «elvon diroupérns Tol 18».

OUBtv &Ao dvTikelpevov ANV T@V oToixelwv Tol AUB Exer v (B16-

WnpionoiBnke andé 1o lvetirouto EknmaideuTikrig MoMTikrg
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TR QUThv. Zuvemeds duvapefa va dpiowpey Bid 1TEplypO[q/>ﬁs T6 oUvorov AUB
s €7 1 AUB={y [«x elvan Broupétns ToU 12» 7y «x elvan Braupétns ToU 18»} #
AUB = {x [«x elvan BianpéTng ToU 12» \/ «x elvan Sianpétns ToU 18»}.

Mevikds €av  avtitelpevov &y play TovAdyiotov éx Vo (SrothTwy,
Aéyopev 811 éyer g iSidtnTa v SialevEiy adbTtdv.

ZupnPoties : xpOO i x:alx) => x:px) V a0

Zuverréds @ "Eqv Yo glvora meptypdepovtar (dvrtioTtoiywg) Omd Tdv
tStomitwv p( ) xai g( ), ) "Evwailg tdv cuvéAwv, meptypapetal U
Tiig SralevEews avthy :

A={x/x:pCON B={x/x:q(x)} => AUB ={x/x:p(x)Va(x)}-

2o0v. ‘Opifouev 8" &vaypagfis 16 ouvohov ANB={l, 2, 3, 6} xal Tapa-
Tnpoluey, &Ti kéBe oToiyeiov alTol elvan Biaipétns kal ToU 12 kal ToU 18.

THv cuvletov Uty BidtnTa Aéyopev ZblevEiv 1a@v iSlotirwy elvan
Blaipétns ToU 12», «elvon Siaipétns Tod 18» kai oupPolifouev &mAds pev Bia Tiis:
«elvon Srapttng ToU 12» kai «tlven Bicnpérng ToU 18», dxkpipéoTepov b€ «elvay
Biaipétns ToU 12» A «elvan BIGIpéTT]'S 10U 18». 'Emeidf) ovdeis &AAos dpifuos
TATY TRV oToiyeiwy Tol ANB Exel atthv THv 1B16THTa, Opifopev Bia mepi-
YPagiis TNV Tounv TGOV ouvoAwv A kai B s €§fs:

ANB={y [«x: elvon Bieupétns ToU 12» A «x elvan Siocupérng ToU 18»). Ie-
VIKGS :

"Edav dvtineipevov €y 8Vo (8ibmyrag, Bd Aéywpev &ti Exer dg i8i6-
™ra xal v oblevEy avtdv' (¥) oblevEig oupPorilerar A xal Siafd-
Cetar axain).

"Eav 8Vo obvoda nepiypdpuwvtatl dvtioteiyweg Omé §bo (dtomitwy,
7 Topd) adTdv Teprypdpetal Ond THg oulevEewg TV iSothTwy.

A={x/x:pCOhL B={x/x:a)} =>  AnB={x/x:p(x) N\ a)}

EUkdAws émoinlevopey Siax mapabaypdtwy Tds  yvwotds i8i16TnTas TS
EVoEws kal Topds.

Té povdripov

Tryv petaBetiknv AuB=BuUA ANB=BnA

Trv mpogeTaIpIoTIKN YV Au(Bul)=(AuB)ul’
AN(BNIMN)= (AnB)nl

ToU ovbeTépou Aug =A AnU = A

Tryv émpeproTiknv Au(BNIN) = (AuB)N(AUTN)

AN(BUT) = (ANB)U(ANT)

WnopionoiBnke amé 1o vetirouto ExkmaideuTikrig MoMTikrg



15

'AoxfoeiLg

18. Toia elvan ) Biadeubis Tédv 1G0Ty «elvan &pTiosy, «elvan TepiTTéSH ;

19. Tola 4 oUleufis @V IBothTev x > 5, ¥ ¢ 13.

20. Moiov elven T& olUvohov {x[X:«x elvar &pmios» A «y elvan mweprTTdgn}

21. N& épofolv &1 meprypagiis kol B1” &vaypagfs, | fvwots kal # Topd, TV ouvd-
Aov A, = (x/x: «y elvan Bionpérns ToU 18»), A,={x/x: «x elven Binpétns ToU 54»}.

22, Mol elven f) Evwors TGV TPIGY ouvddwy A = {y/x: «x elvon ~ Siaupérns Tol 32
A «x elven Bicapérns ToU 40»), B = (x[x : «x elvar Siapérng toU 40») kal I = (y/x : «x €l-
var Swaapérns ToU 40 4 32»)

23. N& eipedfi 76 olUvohov A= {x/x: «)(EQ'('J' » A «x+1=5»),B= {x: u:)(g_:Qf;b A
) —3 = T»),

24. Né& tcreheobolv of mpéfers (A U B) N (TUB), (AUBUMNA

5. TO ZYMIIAHPQMA EYNOAOY — AIAMEPIEMOE ZYNOAQN —
KAATEIE IZOAYNAMIA®

§ 14 . Edv Becopriowpey 1O oUvorov A={y [y Bicupétns ToU 6} kal TO oU-
vohov B = {y/x Biupérns Tol 12} 6& mwapaTnpfiocwpey, dTi ASB. Tpéyuomn
B={1,2,3,4, 6, 12} xal A={1,2,3, 6}. To avohov {4, 12} fi {}/x «BrnpéTns
ToU 12» A «y Btv efvon Sicupérns ToU 6»} Adyeron ouptAfipwpa ToU A ds
mpos 1O UmepoUvoAdy Tou B kal gupPohileten AL f Al TCloTE:

Zupmijpwpe ouvélou A, dg Tpdg Umepovvordv Tou B, elvau
To gbvorov tdv atoiyelwy Tol B, t& émola S&v &viixouv elg Td A.

Maparnpolpev 611 els TO oupmAipwia Toll A &vfikouv Té& oToryeia ToU B,
T& omola Btv Exouv THY YopakTneioTikhy 1B146TNTA TEHY oToiKEwY ToU A.

To By elvan 10 @. T @5 efven 1o B.

Neyovtes &mhds oupmAfipwua Toi A (oupBolikéds AC), Evvoolpev TO
OUNTTATIpwpa aUTol ds Tpds TO Paoikov olvohov U (UmepoUvohov SAwv TGV
Becopoupévaov ouvdrwv). To Péwiov Sidypepua Tou AS PAémope s TO oXii-
poc 8, 1O Bt Sidypapua A¢, els To oyfipa 9.

U U

ox. 9.

WnopionoiBnke andé 1o vetirouto ExknmaibeuTikrig MoMTikrg
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§ 15. Occapolpev T4 oUvoraB={a, B, y, B, ¢}, A={B, 5, e} kad Af=={a, y
‘H Toun 1év A kad Aj elvan 16 kevov oUvodov, 7 GAAwS TG oUvoha aUTd €we
§va petall Twv, ‘H fvwois alTdy elvan 1O B, Aéyopev 811 Td olivora A xc
AL dmoTedotv Eva Stapeplopdy Tol cuvdhou B. ‘Opoicwe Aéyopsv 671 T& o
vora {a, v}, {B, € xal {8} &moTeholv Eva Siopepiondy ToU guvsAcu B, 816
elvan Sidpopa Tol kevol cuvdiou, elval dvd Svo peTaU Twv Efva xai ) Evwo
Shwv elvar 16 B. Auvdpefa vd eimrwopey kal 11 1o B SrapepileTan els T& o
voha aUTd.

Ta abvora A, , A,, A;. .. elvar évag Siapeplopdg tol  ouvéio
A, drav obdev €E aldTdv elvar xevov, elval dvd Svo Eéva xai Y éva
oL 6Awv elvat 10 A,

§16. Na& Siapepiobi] 16 oUvorov

1 3 3 3 [ 7 12
Bl e G A
els oUvola towy  priTdv dpifucy. Mé Péotv Ty oxEgly igdTnTOS TR
wAaopatwy, Sapepifopey 16 K efs & oUvoda
158 the i geaiay e
AR RV R RE N SR
T& oroigeia ExdoTou T@v K, K,, Ky &vrimpoowmetour Tov autd
. . L ; ; - ; : b ol 2]
pnTov dpifudv Tol K, Tov prov —ll— 100 K, TO pnTov 1 kod ToU Ky Tov =
Ta oUvora K, Ky, Ky Ayovtal xhdoerg toobuvapiag. Mevikds 1y oyial
Ths lodTnTos T@v KAaopdTwv Biapepiler 1O gUvorov GAwV TGV KAQORATW
els KAGoers tooduvauias. ‘Exdotn -khdois ToploTd f| &vTiTpoowTeel £va pr
TOV &p1Bpdv.
"Edv obvodov A Siopepiletat eic dAha avvora Ay A A
€lg Tpémov daove 8Aa Ta ovoixein Tod A, vé dvtimposwmebouy &v AvTL
neipevov, 8ia 7& otoiyeia tob A, &v dAho dvTixeipevov x.0.x., T
Ay, Ay, Ay ..., Ayovtal xAdoeig loobuvaplag.
‘H oytos Paoer Tfs dmoiag yiveton & Biauepiopos alrds, AéyeTal ayé-
oig loobuvapiag xai £yer Tas iB16TnTas THg lodTnTos,

'Aoxfoetg

25. N& ebpedfj To Aﬁ Smov A = {x [ X Quaikds dpiBuds Ay ) 6)

26, 'Eav A= (x| «XEQ}L] » A x>3) xal B= (x/ *XEQ?{ » Ay (11) va ebpeBoin
T& gUvoda Ay B, ANB, AS:K&l | TouRh TGV guPTANpwUGTWY TV A xai B ds mpos Q,

27 Na ixteAeoBi 1) wpalis (A Ac) N A.

28. 'Eav A = (x/ x elven Satpitns Tol 60}, B = (x/x elvan Bicipitns ToU 12) kal
= {x /x elvar Braipétns 10T 15). N& ebpnre T& oupminppara Tév B kal T dg Tpos A,

29. N& twaAnfebonTe i T& oUvoda Tiis Tponyouuérns dokrfoews, ST TO oUPTTAT pw-
wa Ths Eveoews T@v B kal [ igolrar wpds v Tounv Tdv oupmAnpupdtwy TG oUvéAws

WYnoiomoiOrke amoé 1o ivotirouto EknmaiSeuTikrg MoAmkrg
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abT@dy (s Tpds T Umepouvorov Téy A). ‘Ouoiws 8Tt Td oupmAfipwpa s Toufs looUTar
TPOS THY Evidaty TV cupTAnpwpdTwy, ZupBolikds :

(BUNS= (BSYN S xat (BSHU(TH =@NADNF

30. ’Emadnfevoate 81& mapaberypdTwr 811 1O olvolov, TO omoiov Tepryplgetal Sid
Tiis ouleiecds Blo iBioThTY, elven UooUvolov dkeivou, TE dmolov meplypdgeTan Bid pids
£ alrréov.

31. Aiapepioate 16 oUvohov A = {2, 5, 9, 6} els povopeAi] oUvola.

32, N& Biapepiodfj 16 oUvohov A = {x /X eivan Siipétng Tol 4) els Siuedii ovvoda.

33. o) Né& réuete Eva Siapepioudy Tol ouvélov TédY mheup&dv Evos mapahknAoypdupou
ABIA pt Baow The oytov «elvan mapddAndoss. B) Képere éva Siapepiapdy Tol  auvdhou
OV Tpiydvey es Tpia UmogUvola.

34, N& SiapeplonTe 16 oUvehov A= {2, 5, 3, 6, 7, 8, 9, 11, 13} els kAdoes ioobuvapias

e Pdoty v oxéorv : ol &pifuoi xdoTns KAGoews dgrjvouy TO alTd UrdAoiTor Biaipolpevol
Bi& 3.

35. Els wéoas kAdoets loobuvapias Siapepiferar 1o oUvohov N i Béowv ThHv oxéow
Umréhormoy Siaipéoews To a Si1& 5 = UmdAecimo Siaipéoews Tou P &1 5.

36. Ixnuarioote T& UmooUvoha Tol ouvéAou TEY Baywvicy Tol TEVTXYhVOU
ABFAE, els Tpémov dome els év Umroouvohov, v& dvikouy al Biaydoviol, al émoicn BitpyovTan
Bi& Tis aUTiis Kopugfis. *AmoteAolv Btapepiopdy T& UTooUvoha aUTd |

'

6. ATATETATMENON ZYNOAON

§ 17. "Otav — ward THY pshéTny THs dvmioToyias—dvTesToryigapey
els 10 oToxelov o T aToiyeloy B, ExprioipoToioapey TV oupBohiopdy: (a, P).
Tolro elven #v Bipehés oUvodov els T6 dmoiov T Ev uéhos TponyeiTar TolU &AAov
(BnAadn éxer onpaciav 1) T&is T@Y oToryelwv Tou). To (o, B) Méyerton Sia-
TeTaypévov Lebyog 1| Srartetaypévev (Siperéc) ovvorov. ‘Emeldi Buvd-
pefar els TO o va duTioToyiowpey TS &, Becopolipev xal 10 (&,«) SiaTeTaypévou
Lebryos.

MpdéPrnua. Nodpare 6 advodov (2, 3, 1, 5, 4} dore va mponyijrar 6
pexpdtepog dplfuds.

Fpdpopev toTe: (1, 2, 3, 4, 5). To (1,2, 3, 4,5) elvar &v Sratetaypé-
vov abvedov. (A& THY TapdoTacty aUTol ExEToINOTOIoMEY Topevhécels
&vTi 1@V dyxioTpewv).

Awatetaypévov elvar & givodov, 8rav petakd Svo ototyelwy Tov
&xn optobi) molov mpoyyeirar. .

Metafu 8lo ororyeiwv Tol (1, 2, 3, 4, 5) .. T&v 3 ked 2, loyue 1) aytous:
23, Zynuaritopey TéTE TO Lelyos (2, 3). Ak 1o Lebyos (4, 4) loyve 1) 4=4
Fevikds Bi& Blo aroryeia Toll o kai B, Suvdusda v Ypaywev a<P f| P<a.

A ToUTo Aéyouev, 8T1 TO BiaTeTorypévov oUvohov (1, 2, 3, 4, 5), elvan
TO oUvohov {2, 3, 1, 5, 4} tpoBioopévov pt THy Sidrativ (f v oxéorv dia-

2
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Tébews) <. Thv Sikradiv aUThv dvopddouey Sidrabiv katd péyedos. TMapars
poluev, 6T1 bmrolobfimoTe Sipehds UrooUvodov Tol {2, 3, 1, 5, 4} dUvaTtar
Braroryfif we v Sikrabiv <. To {2, 3}: 2<3. To {5, 4}: 4<5 rox. Ak Tol
1 Siaralis < Abyetoan dAnd) Sudtaig kai 1o (1, 2, 3, 4, 5) dAixde Siatere
yiévov civolov.

Fpogikéds TapioTdpey Ty Bidrafiv: adP s 6fis: P, AnAadh |
karevbBuvopévny ypapufv &md 16 o mpods TO P

Thv TepimTwolv a=a TapIoTOUEY oS a), &nAadn pé Ppdyov, & émol
¢moTpepa eis TO o. Mpagikiyv TapdoTaoiv (Sidypappa) THs Siataecos &g A
Siatetaypévov alvodov (1, 2, 3, 4, 5) Exouev els 16 oyfjua 10,

‘EvioTe ués BiSetan 4 ed.
Kapla vad  kapwpey kol
Taryvicobn By pdupaTa

SiareTaypéveor  ouvdiwy,

s els Td oyfjpata 11 xai
12 81& 1o (1, 2, 3, 4).
oy. 11. oy. 12

§ 18. ZuuPotifouev v oxéolv & o Biaupel TOV P TpoowpLvds pE o f
‘Eqv EpoBidowiey 1O oUvohov {2, 3, 4, 6, 9} ut Thv Bidtabiv adThy, 8% Trap:
TPHowWUEY 8T MEPIKY €K TGV SiueAdv Umoouwdhwv Tou SEv SiatdooovTa

Mpdpouev 2 /4 (6 2 Bicupel 10V 4), 2/2, 4/4 k.0.x. &AAG Btv Suvdpeda v
ypdyowuev : 2/3 (6 2 Sicupel Tov 3), 6/9.

To épobiaoutvoy pt v Bidtadiv / aUvokov {2, 3, 4, 6, 9} AéyeTon pepixnd
Sraretaypévov olvodov kai N oxfols «Sloipel TOV..» pepued) Sidraie

'E&v Ty Sidrafiv: TS a mponyeltan ToU B | TauTtileTon pi Td B ow
Pohowpey B1& ToU a<P kol TAV: TO B Emeren Tol a (R TauTigeTon) Sik To

Wnoiomoir|Orke amo 1o ivotirouto EknmaiSeuTikrg MoAmkrg
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P> eUkdAos grainelopey &k TGV TapadelypdTov pos, 671 oi 18i1dTnTes Ths
Biordfeds elvan o
| asa &vakAaoTin
a<P kad P<a => a=B dvriouppeTpikd kol
asP xai Py => agy petaPariki.

'Aoxfoerg

37. Marébate 10 oUvorov (35, 3%, 31, 30, 31, 34} &-
oTE vd Tponyfitan 1) BUvops pikpotépou EkBéTou.

38. Kdpete 10 almd pt T oUvolov {32, 505 108 98y,
Elvor fy Sidrabis abrh) Sidrabls kerd uéyedos;

39. Ataréare 1o aUvorov {4, 8,9, 3, 12, 16, 18} doe oy. 13.
HeTafl BUo oToiyeiwy Tou, v Tpon Y fiTal T ToAAamAdolov
Tol &AAou. ©& elvon Tée T& oUvorow GAIKES Biatetaypéivov; N&  ylvn 16 Sidypanpa Tiis
Brorélecas,

40. Elvon Shikdss SiaTeTayptvoy & N pé Sidrabiv kerd néyebos; Aol ;

4l. ’Eényfoare Siati elvan dMikdss BiateTarypivoy 1o aUvohov TEY pnTéy THS &p1bun-
Tk, W Sidrabiv kard péyedos.
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KE®AAAION I

A'. TO ZYNOAON TQN PHTQN IPATMATIKQN APIOMQN

i. TO ZYNOAON Q('," TQN PHTQN THE APIOMHTIKHE (ENANAAHYIE)

§ 19. EpdBopev els v A" T&biv Bid Tous pnToUs &piBpols, Tas mpdes
aUT@dV Kad TS 1B1oTNTOS TGV TRdfEwv.

KerwTépw B émaveddPwpey pepikous yvwoTols kavovas Sk ToUs pnTous
S&piBuols kol Si& Tas wpdlels aUTdV.

A et * == 1 3 i
To atvorov Qf ={0,..., 5 ..oipore esliee o i2ine 2y - )

TRV pnT@dv Ths &piBunTikfis elvan &y Evwois Tol ouvdhou Ny Tév  drepaiwy,
kal TOU cuvdhou TGOV PN kepaiwv TrnAikwv £vds &repaiou B’ Evds guaikoU.
“Exopev :

QF = Ny U {x/x un dxépatov Tnhikov Evds dxep. 81 Evds uotkol}

‘H Evwois 1@y Blo ToUTwv cuvdhwvy 5iBe meprypapikids TO QF ds Kka-
Tewbi:
a. « :
Qt ={x/x = 5 ST aeN, , PeN xa Tdvuycoyov}
Els 16 oyfiuc 14 Exouev Thy ypagiknv TapdoTacty Ty prrdv trl Tis fuevbeios AX  kal
els o oyfina 15 1 Sidypapua 1ol ouvdiou QF

M

A B8 r
LA e B oL a2l 8. e IR0 MU SO
g =l °C 3 I =2 =5 L = 2 ol 1l I
2l 4 2 4 [ 4 2 & [ 4 F3 &
ox. 4.

§ 20. "E&v 8oBolv BUo pnToi o xal
P, TéTE Utrpyel TavTOTE O pTOS AP
AnAadny Suvapeba vd ExTeéowpey THY
wpa&Eiv Tiis Tpootéoews eis TO gUvolov
Tév pnTdv Tiis dpifunTikiis kal va el-

pwpey G5 &Bpolopa Eva pnTév. TolTto ox. 15.
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5ty oupPaiver Sik THy mpaEy THs dpoupéoews. ‘H Blagopd o — P Umrdpyel, E&v
o B. ‘Emropéveds 8ev Suvdpea mdvToTe vd ExTeAéowpey Ty Tp&bv TS dpat-
ptoews, fi Abyopev, 8Ti 1) dpalpecis Siv elvan mévTtoTe Suvarh els T& oUvohov
T&Y pNTOdV Tiis &p1BunTikis.

"Eav 1) Sragopd o —P Umrdpyn kad elvon & pnTos y, TOTE G5 yvewoTOV EXOUEV:
X — P=yé=pa=P+yé=ba —y=p. Emions &&v y, 8, elvan pnrol, Urdpyer m&v-
ToTE O pNTs .8 kal t&v y #£0, Umdpyea & prTds Tlr' (&vrioTpogos ToU y) kal
. 1
Exouev 8:y=38. — .
Xou v Y

§21. To undtv «O» elvon oUBéTepov oToiyeiov Tiis Tpoobioews, 0-4a=q,
&5 mapdywy pndevilar TO yivdpevov, 0.a=0 kol Biv Bewpeitan ToTé d B~
petns. *H povas «1» elvan oUBrepov aroiysiov els TOV ToMaTAaoIaopdy, La=a.

§22. Al wpdgeris Tis Tpoobéoews kai ToU ol /ouol elvon povéTipol. Ans
Aod) 1O dfporopa kad TO yivdpevoy Suo BoBévtwv pnTdv elvan els uévov pn-
165, (To cdmé oupPadver ko Bi& T v &palpeoty, Ew elven Buvart. AdTi, dpdoov
1 Siagopr 18 — 5 f 13 elven o, doTe 1o &dporopa auTis peta Tol dgat-
PETEOV 5 vax BiBn TOV perwotéov 18, Biv elven Buvardv vk Umdpyn GAAN Siapopd
Adyw Tol povoTiou Tijs Tpoofioecos. ‘Opoiws kal 7| Siadpeais a:p (P#0) elvan
HovSTINos, B16TL a: P = a. % kal & ol Jopds BUo pnTdv elven mp&fis po-
VOTIHOS ).

‘0 katwTépw Tivat wepiExel T&s kupiwoTépas (B1dTnTas Tév mpdfewv  oupPolikds.

Ol opyeQb
g hﬁpo’tﬁ&ls Mpdobeots TToA /ouos i
s am e PRRER0, (- BYEQK
‘1816Ttns &vmipetad. e _-PE : 'Br + « s p=p-«
BT wpooeTaip. (e B) Y=ok (YY) (@B)y=aCRY)
‘1816Tng EmipepioT. a-P+yY)=cP+a-y

’Asxfcerg

42, ) ‘AmhomoroaTe T& KAGOHOT

24 15 550 12ueated 42 8 Tl O
27 04 %3030 - 35% 21 283" 48
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B) ’Extehéoore Tds kérwd mpdfers : fi
3 2 i/ 8 13 5 1 8 7 9 11 0
e M s i O AR O

6
2. 4 g5 1

13 =

o

43. Tlofan &k T&V kdraab TpoTdoewy elvar dpbai, moic topodpévar kal Bl ;
5 3 3 5
@ A7:152€Q) ,pg—5= T F ) 200: 40=40 : 200 ,

8) 205 . (—;+19) = 205 . ( 19 -i—;) , E) (97—98) E N,
3
+

3 1
20! "a"+8=(? T
o (5+3)ri=g+ (2e1). w(h-2)eot
1
£

nos. (7. 5)=(05.7)

44. N& tkreheoBolv al kérwbr mpétes

5 (56 ~15): (¢5—=3)

2. TO ZIYNOAON TQN OETIKQN KAI APNHTIKQN PHTON

§ 23 ©& mpoomabriowpey v Emowpey TE KT mpoPAfjuaTa:

&) «Eis viv adhw A 1j Beouoxpacia fto 10 Pabuoi dvwler rod undevdg )

keanppfolay. To éondpac 1f Oeguonoacla elye xotéABer xard 7 Pabuocic. Mola i
Begpoxpacia vé fomépag;n.

"Exopev: 10 Podu. — 7 PabBu. = 3 Pabi.  Gveobev Tol unBevds.

"Apa 1) Sepuoxpacia T6 torrépas els THY oMY A elvan 3 Pafu.  &vewe
ToU pndevds.

P) «'H beguoxpacia ei; tiy nédev B fjro 6 Paby. dvawlber 7ob undevdg T
peanupPelar. To éanépag 4 Oepuoxpaala elye xaréifer xard § fabuods. Iola v
1j beguonpacla els iy nddiv B 16 éSonépac jn

"Eav kehéowpey X Pabu. THv Geppokpaciav To tomépas els TV MM B,
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TOTE oUNPdVws Tpds TO TROPATIUG, ExouEy v ExTeAéotopey ™MV deaipeaiv
6 Podu. —8 Babp. | v& tmilvowpey THY Efiowoty 6 — 8- X

‘H dpaipeots alr) 6tv elvan Buverty els T oUvohov Qt Tév pnrddv THs
&p1BpnTikiis. ‘Emropéveos kal | dvwTépw Eiowats BEv Eyxet AUotv els 10 oUvolov
aUTé.

"Ev TolTols 1o wpdPAnua Exel Alaiv kal oioabimoTe SUvatan vl &ravTiot
OTL ) Bepuokpaoia el THv TOMY B O tomépas fiTo 2 Pubuol k&rwdev Tol pn-
Bevdg.

"Exouev Aoimév : 6 Bafu. — 8 Podu. —2 Paduol k&Twdey Tol pndevds

6 - 8 = X

Ak va Exppdowpey Ty Slagopdy aUTHY, Tpéme v eladrywpev  véous
&piBuols, of émoiol vér BiSouv Aoy es T TpoPArjuaTa Stres TO dvawTépo.

Eis v mepimrwoty atthv & véos &p1Buos ¥, & omoios & &vTimrpoowteln
™V igpaciy «BUo Paduol k&Twdey ToU unBevosy ol v Spiodi kaTd TpS-
oV, ¢oTe 16 &fpoioua alTol pt Tov 8 vk looUTat pe 6, Bix va SrrnpfiTon
1 yvwaTth pag looBuvauia: 6 -8 = Y 4= 68+ X-

AMG TOTE Exouev :

=84+ X e 6=(064+2)+% = 6=6+24+x%)
¥ o

"Emeidty 6=64-0, mwpémet 6 2 kad & X v& Exouv &Bpotopa pndév. Anhabn
2+4x=0.

‘O véos &p1Buds X ovuPoifeTan —2 kal SiaPdletal dpvnTindg Slo | ANV Buo

“Qove #) Bepuokpacia «Blo Podp. kéTwdey Tol undevosy TapioTaTan Umd
ToU &pifuci —2 Padp.

‘O &pvnTikds &piBuds Buo (—2) Myeton &vtifetos ToU 2 kol eiSopev &m
2+4(~-2)=0. ‘Opoiws Eyopsv (—2)4-2=0, 81611, Stav 1O OepudpeTpov Bel-
K —2 Boabu. (2 Pabp. k&Twdey ToU undevds) kal &véAdn katd 2 Pabuous,
TolTo @& Bewwim Thv Bepuorpaciay 0 pobu.

ZUveTTdds TO &Bpoloua Blo &vTibéTwvy GpBuciv elven undév. ‘H étlowos
2+4x=0, 81 Tv dmolav Exopev Twpa THY AYary —2 exppalel kal TO EEfs Trpo-
PAnua

«[Toiov &piBpdv Tpémel v TpooBicwpey els TOV 2 Bid v Eycopey &bporopa
Undeév; » |

"Avéhoya mpoPArpaTa kppdlouv kol ol k&rwd oot

1

l+y=0 A y+1=0, 4 + ¢=0 # ¢4+2=0

34+z=0 § z4+3=0 |, i + 1=0 9 T+220
w+4=0 | 44 w=0
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e

Of dvrifetor v 1,3, 4, ; ked % 'rmpicr-row-rmawm-roixcos 51 T

e S il _3. “Exouev 8: 14 (-1)=0, 34 (—3) =0,
1 1 £ g 3
(—4)4-4i0,*’2 ";(-"—2—') :0 Kail 2—-*—(——‘4‘)‘_—_0'

O &pépol —1, =2, =3, -4 — ; : _2 KA. Btv GvAxouv
¢ls 1o ouvohov QF T@V pnTdV TiiS &pifunTidis MigTolTo pifouey TO oUvo-
Aoy TOWV GpunTIKGY prT@Y, TOU Smolou oToryeia elvan ol &pifuol — 1, =2,

1

=3 2, kod yevikéss & Gpibuos —«a &mou aeQT.

B b
Td ouvohov TodTo cuppohilopev Bia Tol Q- xal Exer T& OTOINEIX TOU ou-
vehou Q+, Tpd TV dmoiwy Exer TEBR TO mpbonuov TATY {—)- Anhadly T&

&vriBeta T@v oTorgeleov ToU Q.

1
TToiyela Tol Q¢ 1 .,]?,. i i, AN S 5 e
1
Sroiyeia o0 Q7 —1,.. .,_,;_' oip= 3—, =2 =2 A= he
- § 24, napq-rnpoa}lEv els TO Bepué_

B A M petpov (OX- 16) &1 T8 &xpov Tis UBpap-
‘l yuptkfis oTHANS BiépyETa TIPO TOV vév
apibpedy — 1, —2, — 3, kA Stav 4
Je 1z 4z Beppokpacia pyomEvn gk TOU unBevdg
Oarrodral. (AUTO Sikarohoyel Bierri
bchtEapev  TO TrpbonEOV  TIAYV «—
SRR $i& vix TaPOOTHTWHEY TOUS VEous dpi-
Bpous). A
A& va BiéAdn Gpws TO &xpov T
UBpapyVpIKis oThHAns PO TAY  Gve-
3 M3 =2 ey ToU pndevos &pibuddv, TpEmel
Bzpuokpaoia, &pyomévn fx To unBevds,
vi abEdvetat. L& ToUTo Bid THy
map&oTagiv T@V yVwoT@Y pas &pib-
pédv ol Q*F 0 xpncnuo-rrmr']ocope\; T
TrpoaTHOV ouv « + ».
ox. 16. “Q #x ToUToy tkgpdloney THY AU-
o1y ToU TpdaTov TpoPATiuaTos s EEfg :
«'H Beppoxpacia TO Eorépas & elvon +3 Poduob». ;
Eis & oUvohov Q+ &ufikouv Tdpa of &pibuol +1, + 5 +2, KA. ToUg
&trotous dvopdlopev BeTiKOUS PTITOUS kol T gUvorov QF gUvolov T&V BETIKG Y

N A
1
T
L]
0

T

pNT&RV.  “Eyopev TOPA
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5
ZToryeia ToU ouvddou Qt+: -1, . .,—%;f,..., +2,.. .,+-2‘,..,+3,...

§o% s Ll b g
Zroyeix Tol ouvdhov Q7 : —1,.. ..——-;-,. =254 ,—--'r;- SRR EN

T& oToiyeia ToU ouvbou TGV dpunTIKEdY PNTEY, Adyw Tol Spioucl al-
TV, dvTioToloUY Bv Tpds Ev Trpds T oTolyElx ToU ouvdAoy Q+.

T& oToiyela ToU Q- Abyovtan &vtidetar () oUPMETPIKY) T GvTigTolywV
ToU Q+ Smeos émions kel T& oToryela ToU QF Aéyovranr dvtifeta TéY dvTioTol-
X@v Tol Q.

My, ‘O &vriBetos ToU + % elvar & ¥ kel &6 &vtifetos Tol

2
5 5 v x ¥ .
— 5 elvar & s OUtor Eycuv &bporopa undév.

5 5 5 5 5
(heid (=2 ) >0l o) () =1

‘O undtv Bév dunker ey T QF oUre els 10 Q- kol ouvemés oTepeiTan Twpo-
onuov. (Atv ypdpopsv +0 7 —0).

"Avtifetos Sucs ToU undevds elvan & unBév, ST 04-0=0.

§ 25. ’Eav ovvoyiowpev T dvwTépw Exopev :

lov To yvwotd pas oUuvolov Q+F (tév pnT&v Tiis &pbunTikfis ExTds Tol
Hn3evds) wvoudaausy oUvolov TGV BeTik@dv pnTdv kol Eumpoctev T&Y oToI-
Xelwv abtol &décapsy TO Tpdonuov glv «-».

Efven :

ZUvohov BeTik@v pnTév = Qt = { ...+ é—, sy b syl Zyeed

Inpelwatg .Eis & twopsva & Betikds pntods 8& ypdpeTan petd Tol Tpoofuov Tou ) &vey

1 1 1
auTol (.. 6 BeTikds 7 0& ypageran -+ 5 A 7). & Oéteopev B¢ TO Tpdonuov oUv  els
TOV BeTikey dpiBudy, tav Sihwuey vé Bhowusy peyahutépav Eupacty els ThHY Exppacty  «Be-
TIKGS»,

“Qate : OQetindg pnrdg Aéyetar xdbe pntdg THg dpbunTidig éx-
Tog 100 pnbevég. lpd altoU Bétopey TO Tpdonuov oUv « +» | oUBkv
TpOoTUO V.

20v ‘Qpioapev Ev véov oUvodov, TO Smoiov dvopdoapsy oUvohov T&HV
&punTik Y PNT@Y 2k TGV oTorKelwy Tol cuvdiou TGV pnT&Y Tiis &IUNTIKTS,
els T& Smola éBécapev Epmpoobey alTdv TO Tpdonpov TANY « —».

“Qote : TApwnTindg pntds Aéyetar udbe dvriBetog Betinod pyrod.

Zupforixig: xdbe pntdg Tig dprbunTindig, dutdg Told pndevdg, & dmoiog
€yer 10 mpdompov TWARY « — ».
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-

Elvan : SUvorav &pummikédv pntév= Q- = {...,—é*,...,—l,...,~—2,...}.

3ov Metaty 16v aTorysiwy T@V ouvdhwy QF kai Q- UTrdpyEl GHEIHOVO-
ohuavtos dvriotoiyia. Ta &vrioTolya oToyeia elvan abrd, T& dmoia Eyrvay
&rd TO aiTd oToiyElov ToU ouvdou TGV pNT&Y THs &piBunTixis kal AdyovTon
&vtifeTar oToyElC.

"Qote : Kdbe Oetindg pntog &xet éva xal wévov éva apwnTINOY (g
&vrlfetév Tov. Kai xdbe dpvntindg Exet éva xal pévov éva BeTindv GG Gv-
Tibetév Tou.

'AoxfoeLg

45. *Amavtioate els & kéreh poThuaTa:

a) "Aviker & unbiv els T aUvohov Q+ A els 10 Q—;

35 17 25 1
p) Tloior of d&vriferor T&v @ + 77 =20, Figga—p oF 16, 15, 7

46. Tlofot elvan ol &pvnTixol pnrol ¥, W, 2, @, @ §1& Tous dmolous EXOMEV :
1 v

x+%_= ) 13}— 4 w=0 % +2=0 o +103=0, ¢+ 12=0.
47. Tlotor elvan ol Betikol pnvol x, A, W, v, Bi& Tous &molfous Exouev:

8 2 35 0:

=gk k=0 A& (ﬁT) =0, u+(-100)=0 —75+v="=,

48. Tlolov kavéva yvwpilete 81k Tous &vmbétous pnrols;
3. TO ZYNOAON @
TON PHTON ITPATMATIKQN APIOMQN — E®APMOTrAI

oy. 17a kel 17P.
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§ 26. To oxfjua 17a mwapotd Thv fueudeiay AX &l Tiis dmolas Eyxowv
TomofeTnO1, Katd TOV yvwoTdy Tpdtrov, ol pnTol THs dp1BunTikis.

Eis 10 oyfipx 17p ylveton éméktacis THis fueudelas AX katd ThHv dvmi-
kewpévny autiis AX' kal gppoviZertan 1) edBeta X'AX. O1 pntol Tijs &p@unTkiys
(txTds Tol undevds), ol dmoiol elvan TomoBernuévor &l Tiis AX AdyovTan Tdpa
feTikel pnol.

*Eml Tfis fjuevbelas AX' &lvavtar v& TomobeTndolv (els TO oyfiua Exouv
TomoBetnd) ol dvTifeTor TRV pnTdY Tiis &pBunTIkiis, of &pvnTikoi, kaTd
TPdTTOV, GoTe EKaoTos &pvnTikds v TowobetfiTan &wi onpelov &proTepd Tol
A, o dwolov vd &wéyn &wd ToUtou Soov &éyer TO onuelov wl ToU dmolou
Exer Towofatndfi & dwrifeTos aliToU BeTinds.

“Qote of &vrlBzTor TomwoleToUvTan Emi Ths X'AX cuppeTpikdds s Tpds
T onueiov A,

Auvdpeba éx ToUTou V& Tapatnpfiowpey &1t s BeTikds elvon Befick ToU
unBevds kal 671 w&s &pvnTids elvan &proTepd ToU pndevds.

{"'1 _2: ,—1, :_'%1 }U{O}U{' |+%7 ,—['1, !+21 }
f- = e 4
Q
ay. 17y

Els 76 oyfjux 17y éxouev Tomoferioe: Emi elfelas: a) 1o olUvohov TV
&punTikgy pnTédy, B) TO oUvohov Tol dmolou Troryeiov elvan pévov Td undiv

xal y) T oUvolov TEV GeTikGY PTGV
‘H fvwois @y Tpidy ToUTwy owvéhwv BiSet & véov olvodov Q

(Q = Q ul0}UQ*), To dmciov AéyeTal gbvodov TWY PYTEOV TPAYRATIXGY
GpBpdov.
Enpelwoig & . ‘O Tpéos ut 1o dmolov mapeoThoauey Teus pnroUs il Tijs ebfelas X'AX

Onuaiver 811 ExaoTos prTds Exel TomoleTndi Emwl Evos uévov anuelou T ebbelas, xwpls TolTo
V& onuaivy 6Ti els k&Be omueiov alTiis ExEl TomobBeTnf] els pnTdS TpayuaTikds &p1Busds.

Enuelworg B.. Els T fwépeva 8 Aédywouev «pnrogn kal 9& fvvooluev «mpaypati-
#dg pnTdon .

Enpelwoig v’ . Els waradrepx PifAix ol wpaypaTikol  prTol dvoudlovro  oxeTi-
kol (pnrol) &piBuoi.

WnpionoiBnke ané To vetirouto ExkmaideuTikrig MoMTikrg



28 .

§ 27. ‘YmooUvora ToU Q (ouvdlou Tdv pnT@dV) Elven WpOQVES TA:
Q- {0}, Q*.

‘Opoiws Umoatvoda Tol () elvon 1o olvohov T&vY SpynTik&y dkepalwy,
TO &moiov oupPorifouey Bi& ToU Z- (ToUTo elvan UmooUvolov kai Tol Q)
kal To oUvohov 1@V GeTikév drepadwy, T& dmolov oupPoiilopey Si& ToU Z+,
(To Z+ elvan Umoouvodov kal Tol Q+).

‘H £veoais 1@y ouvbAwv Z-, {0}, Z+, i 1o oUvorov TGV axepaleov TO
omoicv ovpPoMiouey di& ToU Z.

{"';"4;~3,“‘2._1} v {O} v {+11 +2a+3, +4r}
. v —

"Qore Z=2Z-v{0} u Z*
To oxfina 176 elven 16 Sidypappa

ToU ouvodou Q T&v pnTdv dp1Budv.

*Avaxeporaiwailg :

1. Oi dpvnTikol pryTol, T6 undtv kai of GeTikol pnTol Aéyovial pyrel dpi-
Buol kai TO oUvodov aUT@y oupBoileTan HBid ToU Q.

T& oroiyeia 10U Q Evrds ToU dykloTpou ypagovtanr kal dx E€fs
1 3

Q=05 ,+1, +5,22,£3, ...}

2. Ol &pvnmikol dxépanor, To pndtv kal ol Getikol dxépalol Aéyovten

&xépator &pifpol kal T cUvolov aiTédv oupPohifetar Sid Tol Z.

T& oToiyeia Tob Z Evtds ToU dykioTpou ypdeovTan, ouvTouws kal g E-
s i Z =10, 1, £2, £3, ...}

§ 28. 'Eqappoyal :
Tols pnrods &pibucls ypnowemoolpey es mpoPAiuara s Kadnuepivis Geois.
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1. To  fepuduetpov o (oy. 18) Bewvie
1 BaBp. &vewber 100 pndevos.

"Eav kahuebfj ) fepuopetpikd KATpaf (ox.
18B) xara TpéOV ,DOTE ViR SiaxplvnTal pbvov
T &xpov THs UBpapyupikiis oTHANS Kal & Tra-
patAelpws &piBuds Tiis kAipaxos, & Smoios el=
var & «lv, Btv Suvépea petd PePondTnTos v
dmavtiowpey & 1) Bepuokpacia elvar 1 Pabp.
&vwbey ToU pndevds A 1 Pabu. kéredev Tol
unSevds.

A& 1O BepudpeTpov duws y Biv &viue-
Twmilopey aUthv THY SuokoAiav, B16m, Eav
TS &xpov THs UBpapyupixiis oThAns elvar elg
Tov — 1, B& tvvorowuev &1 7 Bepuokpacia €l -

nNow

w N = o =

29

+3
+2
+
0
H1
o
-2
3
B Y oy. 18.

vor 1 PaBp, kérwlev Tol pndevés, tav elvan ey Tov 4 1, f) Oepuokpaoia elven 1 Pabu.

&vebey ToU pnBevds.

2. 'O Tapios Buvatan v& dvTikataoTion Tés EkepdoEls: emAnpwph 2000 Bpy.», «clo-
mpatis 1800 Bpy.» &vrioTofyews Bik TdY pnTdv — 2000 Bpy. ked 41800 Bpy.

3. Al mpd XpioTol ypovodoylon Suvavtar v TrapaoTadoly Umd &punTikdy pnTdY Kal

al ypovohoyiar perd XpioTov Umd Betikédv prTdv.

.. t&v ypépwpev —300 Ern, dvvooluev 300 Ern mpd XpioTol, v v ypéypouer

+ 1900 &rn, (A 1900 #rn), tvvooUusy 1900 &rn wX.

4. Ard 16 KépBos kal THY Lnuiav Buvéueda v& xpnoHoTrorfiowiey Tous pnTols &piBuols.

'"AoxnMoelg :

49. *AmavtiioaTe els Td xéTwd PpwTuaTa:

a) ‘O undtv dvike els 16 Q;
B) 'O undiv dviker els 10 Z;

y) Toia elven ) Topd kai N EvwTig T@OV ouvbhwy Z—, Z+;
8) Mola elvanr fy Topn xal f) Evwals TGV guvdhwy Q—, Q+;

£) To olvorov Z elvan Umoauvohov Tol ouvbiou Q+ §f Tol Q—;
§) Awapepioarte T oUvoha Q kel Z els yvwoTd oog UmooUvola.

30. XpnowomojoaTe Tous pnrous 51k v tkppaonTe ouvtdpws T kéTwb:

35 m ime ThHy Emgdveiav Tig fardoons.
500 m Umip ThHv Empdveiav Tis fcAdoons.

KépSos 2600 &py., Enuia 3500 &py..

Xpovohoyia Tiis péyns Tdv OepuomuAdy.
Xpovohoyla knpufews Tis ‘EAANuikijs Emavaotdoews.

"Etos yevvioews ToU XpioTol.

51. Edpete apaBeiypaTa, els Té& dmoia v xprnoipomorotivrat of pntol dpibuot.
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4. ATIOAYTOZ TIMH PHTOY —H IZOTHZ EIY TO ZYNOAON
TON PHTQN KAI Al IAIOTHTEZ AYTHZ

§ 29, *Améiutog T pnTod.

*AToAUTOVS pTTOUS &p1Buovs Sdvopdlopey ToUs prjTOUS TS c'xpleur]ﬂkﬁs,
Emropéveos Kol Tovs GeTikoUs pnToUs.

‘O Berixds dpiBuds mEvTe ypdgeTar +5 f 5, Snhabn ouuPohileTon pé TOV
déhuTov 5 kal TS Tpdanpoy oy Eumpoodey aUTol  pévov pE Tov doAuTo 5.

‘O &mdAuTos &piBpds 5 AdyeTan &mrdAuTos Tiph ToU 3. AUTSO oupPorileTan
s E&fs : | +5] =5.

“Qore ardéAvtoy TRy Betinol xahobpey oy i6lov Tov dplBpdv.

‘0 &pynTikds Tplar ypapeTan —3. TupPohiletan pt TOV GTOAUTOV Tpla kal
16 mpdonuov ANV Eumrpootey aTou. ‘0 3 Aéyeran &TOAUTOS T ToU —3

kal oupPohileton pé | —3| . Elven 8¢ | —3| =3 xal BiaPélouey @ «&mdAuTOS
Tipfy, ToU AR Tpix foov Tpiom. .
“Qote Grmbutog Tiph GpynTikol dpidpod elvar 6 &vtifetdg Tou.
Eraidny | 43| =3 xai | 3] —3 Eouev | +3| =| 3| (Bxi;)
*AmroAuTos TIph ToU undevos elvar TO undév. |0 =0.
Cevikdds : &y o elvan BeTIKDS pnTos,  EXoMev |a| =a
By o elvon dpunTikds pTds, EXOHEY | | = dvrifetos ToU o
ket tdv o efvan pndéy, gomev o | =0

*Epeppoyal @

o) N elipeBfi ) &wdAuTos Tiwh T&Y pnT@Y

i 1 ) 4 2
= Sa |5,+27;l'31 6, 5 0
: O e | X s
Broe: |~ |[= 7| g [=F TSI
E . . nll nid
| 2| 28 14117, 161=6, |5 |= 5 101=0

B) 'Edv | x—1|=12 xai x —1 glvon BeTids prTés, va eupedii O X.

"Emreidh y — 1 elvon femikds Exopey Ix—1]=x-L Apa | x =1 =x~-1=
=12 = y=12+41 &= y = 13.

§ 30, ZuuPoiiopdg pnTod pé & YPOaLLa

Qs €ibopzv, oupPorioapsy TUXO VT pn'rc'w-u‘e tva yphupa a.
Auvépedo hvTote v& cupPoAGwhEY B1x ypoHU&TWY TOUs prTous &pi-
Buols. '
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“Orav Aywpey 611 & B elvan pnTds &pibuds, B évvoolpey &m Suvépeda
V& &uTikaTaoThowpey Tov P pt dmoovEhimoTe pnTov &piBudy, SnAadh fe-
Tikdv, dpvnTikdOV T WnBEv.

‘H txgpaois «& P elvan Beikdsr oupBoriletan: P=-+|Pp|
‘H Exgpaois «& P elvar dpynTikdsy oupPoliletan: P= —| Pl
§ 31. Alo f TeploodTepor feTikol &piBuoi elvan dudonuor.

Ao #) mepioodTepor dpynTikol dpifuol elvan dpdompol
Els feTicods kad els dpunTixds elvan éTepdonpuot.

3 4 2 3 i
Mx. ¢ + 7 kal -—Ts'fvon ETepdoTUOL
6 —2 kol + —;—-ETVGI ETepooT ol
6 3 xai —4 elvan  ETepoompol
Ol &pibpoi :  + -Z~, 42, =1 ,—?.— , 8 elven Spdonpol:
Ol &pifpol :  — 1% , —4, =20 ,-—2%, —5 elvan dpdonuol.

§ 32. “H lobtng elg td olhvorov TGOV pnTidv.

MvepiZopey 811 & &piBuods OkTw BUvaTat v& TapacTalij Sia TV oUp=

BdAwv 8 ,1% , 642, 2 .4 wAm

‘Emropéveds 8 = % =6 +2 =2 .4 "OTav Abywuev 6T BUo ap1fpot

a kal B THs &pBunTikdis elvan fool, tvvooUpey &1 mpoxartan Tepl Blo  Bia-
POpETIKG Y CUPPOAITPGV Tol aUTol pnTol.

\ N 6 o g
"Eqv Eyoopev Thpa Tous pnToUs 3 kol 4 -5 , TapaTNpOULEY OTI
\ 6 6
Exouv foas dmoAUTous Tiuds ( glvan | + 3| = 3 kal| 4 o l =- Gpa| + 3=
=il ;—E A= %) kad TO aUTd Tpdonpov (Spdomuot).
|

> : 3 & L 3 ¥ 3 ek \ i
Emions of pnrol —7 kel —p5 EXOUV loas dmonuTous Tipds kol elva

Sudgnuol.

ToUs prTovs, of émoiol elvat dudonuol kel Exouv foas &moliTous TIPGS,
SvopdZopsv tooug.

"Qote ol pyrol a xal B Aéyovrat ioot (ovpPorinig a = B), &y nal
wévoy &&v elvar dpéompor xal Eyouv loag &mohdToug TIRGG.

‘0 oupPoriopds a=p, & oToios onuaiver 811 & « elvan foos wpds TOV B,
Myeton {odTrs.
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-

Emreidf) & —5= -5, loxue &vaxhaoTiky 18167 THs iodTnTos.

s s 1 5 1 . , 3 4
Emions &&v —5= — = glval kol — —2(-)- — — 5 Emopéves foyust kal T
ouppeTtpikhy 1819TNs THs iooTRTOS.
. 2 10 w10 15 15 , ,
Téhos t&v —5 = —5 KAl —5 = —— =3 =D =g &px loyvel

kai f) peraBarikhy i516Tns Tis looTnTes.
"Qoe ) ioéTng THY prTédy EplBuidy Eyel TAS yvwoTdas {S16TnTaS:
a=a (&vorhaoTikn (510TNS)
a=p => P=a (ouppeTpikty {510TnNS)
a=p kai p=y => o=Y (ueTaPoTikh 1516TNS).

AcxfoELg

52, N& evpedij f| &mwoAuTos TIMd Téhy KGTwO pnT&Y
25 13 12 o 11 0
+8, __3" = “*'T: "+’12 v 4
53. TTolous pnrols TapioTolv T& X, Y, 2 Bay ¢
3
| %=1 , Pel=0, [z =l -j?'l
54, o) 'Eav | x +31 = 5 xal ¥ + 3 hva feTikds pnTds v& eUpedi S X.
p) E&v [3x| =0 w& eUpedii & X.
y) ’Ed&w i& ToUs pnTols o, B, v, 8, #xwuev a 1= B+y+B kol P +y +85=75va
eUpedf O a.
55. *Eferéoorte v ol &pBpol a kal ¥ cluat opdonuot 7y ETepdonuor els Tag kaTwd Te-
PITTCROES.
1. o elvon dpdonuos TRSS TOV p xal B efvan Sdpdonuos TpoS TOV Y.
2. « elvan dpdames wpds Tov P kad B elvan ETepoanHos TTpds TOV Y.
s wpds Tov P kal P elvan ETepdonpos PSS TOV Y.

3. a elvon érepdonuos
B elvar dpéoTHOs PSS TOV Y.

4. « elvon ETepdampos TPOs TOV B kai

B'.IIPAZEIZ EIZ TO SYNOAON TQN PHTQN APIOMQN

Al Tpdgers els TO oUvoRov Q elven fy mpooBeas, | &opaipeais, & woAAa-

Thaciaopds kel 1) Badpeots.

§ 33. 1. NPOZOEEIE

&) *AcpomrAdvoy &vijAdzv kaT’ dpyhv 3 km kad karémv GMa 2 km. Ei
Troiov Uyos TeMkds &viiAfev TO depoTrA&voV;

Tpogavéds To depoTrAdvoy &viiAdev 5 km.
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"E&v ypnowpomrormowyer Tols pntols dpifuols TéTE 1§ Exppaots «&viABey
3 km» cupPohiZetar 3 km, ouolws 81& T6 «&viiABev 2 kin» £yopev + 2 km
kel 81k 16 «&vijAlev 5 kmy» ypdoopev +5 km.
) Emaidn &viiAev 3 km - &vijA@ev 2 km= &viiABev 5 km,
Exouev (+3 km)+ (+2 km) =45 km.

"E&v 1o depomrAdivoy katipyeTo katd 3 kol kord 2 km, Tolto 8& xaTrp-
XETo Tehikdds ward 5 km. "Apa (—3 km) | ( -2 km)= —5 km.

Zuvenig T dhpotopa SVo Spocpwy pnTdV elval pyTdg Spdaonpog
Tpdg adTodg wal Exer hg dméAuTov TRy T6 EBpolopa THY GTOADTWY Ti-
MOV adThV.

Mopadeiyporta.

(+5)+(+8)= +13=+(G+8)
(-D+ (=N ==10=-(T+3)

(48) + (4 7)= +Ba s ($+)

(=)t B+ )

Fevikéds &&v o kai P elvan Betikol, 1O &Bpotopa o -P elven Betikds kal 7
&mwéhuTos Tipd aTod {ootiTa wpes TO Gfporopa TV &ToAITWY TIpG V"

| ot+-Pl = | o +]| Bl

(CE&v o xad P elvar dpvnTikol, 10 a+P elvon &pvmTikds).

B) Elven yvewstov &1 10 pnbiv elvon oUbétepov oToixeiov Tiis mpoobé-
Ot gls TO oYvorov QfF. AnAedfy 5-40=045=5, émopéves kai
(+5)+0=0+(+5)=+5.

"Eav ) fepuoxpaoia elven —2 Pabu. xad &véNdn kata 0 Poabuols, TeAikéds
B4 Eycopzv Bzpuokpagiav —2 Paduous. "Apa ( —2) 0= — 2 oupoiws xai
0L —2)=2.

"Qote 0 undev elval odbétepov atoryelov Tic mpoobéoewg elg T
FOvodov tidv pNTOV.

ZUPPoAIKES : Edv 0eQQ => a+0=0+ a=a

¥) E&v ) fepuokpaocia &vih8n kard 3 Pafu. kol katdmv koTéMdn  katd
3 Bodu., oUb:zpic TeAkads peTaPoAn Tiis fepuoxpacias yivetar. Anhadi

(+3)+ (-3)=0

Td &0poiopa 8vo dvtiféTwy pyT@Y looltal mpdg undév.

8) Na& evpedij 10 &Bporopa (—3)+(+7).

A v& EmAUcwpey adTd TO TPOPANUa B8& oTnpixfdpey els Tols kavévag
ToU dBpoioparos Tév duoonuwy kal Toll &bpolouatos T&Y dvmibéTwv pnTHY.,

3
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Emebh +7= + G+ =(+3)H+(+9
Byt e Bk T = (= (RO 4 =0 ()= 4=
o ST

Ll 0

A Thv elpeory ToU dBpoiouaTos (-?3}-1-(—5) ¢pyalouela dpoiws. An-
8 5= —(3+2)=(-3)+(-2), &px (+3)+(—H=(FD+ +(-2)=

\__0/

=02y 2= =(5=2)

Ex Ty &vwTipe moapadeaypdtwy &BpofouaTos BUo ETepooTipV prTEV
EXOLEV

Té &bporopa Vo étepoonpwy pnTdy elvat pYTdg dpbanpog Tpdg éxel-
vov, & dmoiog &yet THv peyovrtépav dmérutov Ty, ‘H dnédutog Ty
abtod loobrar mpdg Thv Siapopdv (g pxpotépag &md Thg peyoduté-
pag) TdV GmoAdTWY TIRGOV. L

Hapadelypare.

(=12) + (+ 1) =—(12-11) =—1
(+10) + (—4) =+ (10—4)=+6

(-9 + (+3)=-G-9 =%
Cevikdds :

'E&v aeQ+, PeQ- xai|a] >|p| => a--p=-+(a|—=|B]), dmov [«|—~|B|>0
"Eqv aeQ+, PeQ~ xal |a|<|B|=> atB=—C(IPl=]«l) émov |B|—|a| >0

*Eqappoyol.
1. (49 +(+2)= +6=—+E+2), (+)+ (D= 3=-0—4)
- (=2)+(=3)= —5=—@2+3), (-+(+8=+5=+@-3)

2 () (-2 - - (F+3).
(-3)+ (+3)=-3=-(G-D)

§ 34.°Ex T®v &vooTépe kol TGOV TPONYOUREVWY TopaBely p&Twy Tapa
npolipey 6T Umdpyer mévToTe TO &bpoiopa o pnTdY Kal elval povdTIHO
(etpiokeTon podvov pia Tipd) aUTol), Bi1om & Umohoyiouos Tou &véyeton el
Thyv Tpdobeciv f el THY dpaipeoiv TGV dmoAUTwY Sp1Bpddv.
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Tevinddg &av a xal B elvar pyrol, Sndpyet 8 pntdg (a + B) [ovpPo-
Auedg : @, BeQ => (a+B)eQ], & bmoiog Aéyerar &Bpoiopa
QBT .

Té &Bpowopa 860 pyrddv elvar povédripov.

Emadhy (+2)+(-5)= -3 xal (=5)+(+2)= -3 Exouev ém

(+2) +(~-5)=(-5)+(+2).
Qore :
"Edv a xal B elvar pyrol, Eyopev a -+ B=P + a (pevadetud) idémg
Ti§ mpoaBéaews).
3. Karwtépw &{8etar yecopetpixyy épun veloa 163y wpootéoewy Tiis Ins dpap-
UoYis.

(+4)+(+2)=+6

{

B -4 -3 -2 2 0 O] +2 3 4 ) 6
oy. 19
_ (~2)+(=3)=-5
L R . b
-5 -4 = § -2 ] 0 f =2 3 v +5 38 v
oy. 20
(+4)+(-1)=-3
ek ! * i :
=5 -4 3 2 1 0 +1 +2 3 4 5 +6 L4
oy. 21
(=3)+(+8)=++5
‘N_"-T =y I.z, =) -| D H w2 3 o ‘-:'5 -
ay. 22.
4. *Edv el dupdrepa T& peAn Tijs lodmTos — 3 = — 'zi Tpoobopey

Tov 4 2 AcpPdvopev:
o pfros —3 + (+2)=-1
B ubhos — 5 +(+2) =~ (5 —2) =1
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“Apx —3 4+ (+2) =—5 +(+2)
Mevikdds o = P => a+y=PpP+Y (o, B, Y €Q)

’AcxfoeErLg

56. N& UmoloyioBolv Té& &bpolouarer:

S e T B Ry, DR
B e B ek e (5 (o
o (+2) +(-B) wens(+3) 0+ ()

1) +,g,+ ( —fgf), 1) —}-“g"'-%- (f‘%)r@)*‘%*‘ (—‘%)

57. Né& evpefoly T& ké&rwh &dpoiopata i Tov kavéva TpogBioews dpoofiuwy prTdY.
2 2 2
W (o Ceprtan vy (— =) {5 ) (-%).

3 & / 3 1
ST e e RS SR
(B1&x THy o v& Bobfj kal yewpeTpiki) Epunveia)
58. *E&v o, P, v, & elvar pnrol v& trrenfevone B1° &piOunTikdGY ToapaBelypdreoy  THY
kérwd 1BioTnTa.
a=praly=8 =>> aty=Pp +3
Enuelwaig. ‘H Epyacia Ut Myeten  Tpdobeois TV BUo looThTwy kord péAn.
‘H &vwtipn 1616TNs teppdder 16 povéTipov THs Tpoobioews.

59. *Edw ol o, P elvan &méAvTol &p1Bpol kai P < o, va BikaiohoyfonTe Pdoet TEY  Kawd-
vy THg Tpoofioews TG GTOTEMNEOHATS Tév dBporopdTev

L (40 4 (~B)=+@—P) 2 (- ++B)=—(a=P
5, () $ (—B=—(a+B): % (+0)+(+B)= +(a+P)

2. liPOEBEEIE IEPIZEEOTEPQN TQN AYO MPOLOETEQN —
IAIOTHTEE THZ IIPOZOEZEQE

§ 35. N& Umohoyio€ij 16 &poroua (- 2) + (+ 3) + (=6). ©& Ymo-
Aoylowuey T &bBpolopa a0Td Epyaldpevor, Gtros Epd@ouev els v A" T&bv.

AnAadn 84 elpoopsy T &Bpoloua T6v BUo mpwTwy TpoceTéwy, (4-2)-+
+(+3)=+5 xal B Trpocféowyey elg aUTO TOV TpiTov wpoobetéoy, (45)+
+(—6)= 1.

Totito ypdpopev kai s &fs :
(+2)+(+3)+(—6)=[(+2)+(+3)]+(ﬁ6):(+5)+(—6)i =
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‘O pntds —1 elven 70 &Bporopa (+2)-+(+3)+(—6).

‘H &yxidn [(4-2)+(+3)] Exer v Evvolaw &1 éktehoUpey TpddTov TNV
&y Evtds alTis.

*Avoddycs épyalopeba t&v Exwuey TeplocoTépous TpoaleTéous TRV TRIGV.

"Qote dbpolopa meplocotépwy T@V dbo prTdOV elvar & pnrog, TOV
dmolov ebpionopev, éav €ig to dBpotopa TdV §vo mpbTwy mpochéowp.ev
Tov Tpitov, €ig Td véov dOpolopa mpocBéowpey TOV TéTapTow %.0.%.

Fevikdds &&v a, B, vy, & elvea pnTol Exouev:
ot Py +B=[(a+P)+y 148
§ 36. o) Mapotnpoluey &T1:
[(+2)+ (+3) 14 (=6)=(+5)+ (~6)= ~1
kel [(+3)4+ (—6) 1+ (+2)=(~3)+(+2)= -1 -

[(+2)+(43) 1+ (=6)=[(+3)+(=6) ]+ (+2) #

[(+2)+ (+3) ]+ (6)=(+2)+ [(+3)+(-©)]

‘ Ex s dveotépw iodTnTos mpokUmTal OT1 ) Tpbdabeals T@Y pnTddv Exe
™My {8i16TnTa THS TPOCETAIPIGTIKOTNTOS.

Tevixdgéav a, B, y €Q => (a+B)+y=a+ (B+Y)

B) N& ebpedfi 10 &Bpoioua 1@V prrdv —4, 7, —1 kad SAous ToUs Bu-

V&Tous TpdTous.

"Exopev :
(D+HD+H(-D=[(D+EFD]+H(-D=H3I+(-D=+2
(= C=D A=) R DI (D=0 R =2
D+ (D4 (4) =[(+D+ DI+ D =(+6)+(—4) = +2
(14 ()4 (~D=[(F T+ () 1+ (1) =(+3)+ (1) =42
(-D+(D+ED=[(-DH(D]+FD=(B)+(+7)=+2
(1) D+ (=D + DI (D= (+6)+ (—4)=+2

'Ek 1®v dvwrtépw Tapatnpolpey 8T1

™ &Bpotopa TpLdy pnTédv elvar dvekdpmTov dmd  THV cephv  pE Y
Smoiay AapPdvovrtar ol mpoobetéor.

Fevikés Exv a, B, y elvan pnrol Exouev a+P+y=a+y+B=Pp+taty=...

(AUTS foyler kad §1& TrEpICTOTEPOUS TGV TPV PNTOUS).

"Epappoyal.,

1. N& Umohoyiodij 16 &Bporopa (—3) + ( 45)4 (—4) + (4 6).
Zupgdvas mpds THy &vetépn P iBi1dTRTa ExoMev :
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(=3)+(+5) H() +(+6) = (+E)+(+3)+(~H+(3)
= [(+6)+(-+5)] +[(-4) + (=3]]
= (FID+ (=T =+4 ‘
Tapatnpotpey 811 i P 181615 xal mpeoeTaiplaTIKOTTS Tis Tpoodioews uas éTrn'pf:.-
Touy v& mwposdicwpey XWPIOTE TOUS GeTikoUs Kol YwpIoTd ToUs &pvnTiKoUs kal v RaTadd-
ey els dOpoiopa SUo étepooriucov pnTdy dpifudv.
2. N& eUpedij T6 &Bpoiopa:

(+5)+ -»+ (+7) +( +3) +(-7)

"Exoupev :
( F-%") +(+ %) +( +%) +(w %) h (=3)=
\_6// \_0__/
+ 5

= ( + %) H0+(=3) = (+3)+(-3) =0

3. Katwrépw SiSetan yewoueTpik) fpunvela Tév iSoTiTeow (&vTipetabeTik, TpooETALPL-
gTikhy) Tiis Tpooféoews. -

(+2) + (-5 = -3

‘_f,m by -3 -2 -1 i} 1 2 +3 4 +5H _’
ox. 23
(=5) +(+2==3
4 : : : =
¥ =D = = =) -4 0 = =) +3 4 5
[C+2) +(+] +(~6) o, 3
(+5) +(-6)=—1
. —?- & ; fA‘ :1 Q 1 +2 3 w4 ,.lv ’
(+2) #I(+3) +(-6)] ]
[(+3+(=0]+(+2) ox. 2o
“ (=3 +( +D=-1
4*_'5 __‘:" _'3 5 =] E) o +2 +3 o+ i} +5 14
ay. 26.
Enpelwoig.

Suugeavotpey els Eva &poropa v& TapaeiTeouey TO oUpPolov Tiis Tpoadéoews kal v& ypd-
peopey ToUs TpooBeTious ToV Eva kaxTdTiY Tol &Aou ui TS TPSITUOY Tw,
My &vrl vé Exepey (+6) + (=5) + (+2)
ypdgpopev 6 =5 . B2 7 a=5+42
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—344-1245, tvvooduey 10 (=3)+ (4 H4(=12) 4 (+5)

39

My —3+4—=1245=(=3) + (+ H+ (- 12+ (+ 5y=(+4)+ (+5) 4 (-12)4-(=3)=

(+9) 4 (—15) = —6
AoxfoeLg
60. Né& eupefolv Té dfpolopaTa:
Q) (= 10) + (=113 + (=12) + (+13) + (+14)
BY (+15) + (=D + (+D + (=) + (=9
) (—42) + (43D + (=26 +(+1D

o (+2) + (-2 (++) () (+3)

6l. o) 'Eav @ =_% ’ B:“E"i_- Y= % kal &=+ 6 va evpedi] T &bpor-
e o B +y 4 8
B) Né& eUpedf 16 &dporopa — i + ..2_ = BL +1
5; 10 2

¥) N eipeij 10 &8poropar 16— 7 + s_é_ = 13;_ i)

§) Nk elpedij T &porapar — 15 + 15,5~ .:15_ Wiy

62. N& guykpifoly T& Blo xaTwTipw &bpolopara :
a) [(—4) & (+8) + (—6)) + (=3} (—4)+(4+8)-+[(-6) + (=3)]
P) dpoiwsTé: (—4) 4+ ( +12) + (=13) (—4) + (4-20) + (=8) +(=13)
63. ’Eav o, B, Yy, eivar pnToi, v& Sey i) Bi& TapadayudTwy T ik Tis fodTnToS
a 4y = P+ y ovvemayeral ) foétne a= p.

3. ATIOAYTOEZ TIMH A©OPOIZMATOZ AYO PHTQN

§ 37. a) Na avyxolij # anddvrog Ty v afgotopdTwy

(+6) + (+3) xai (—6) + (—3) nods t6 dbpotope TdY dmoddTwy TiudY TOY

goalBetéwy abtiv.

MveopiZopey 6Tt (+6)4 (+3)=+9 kol (—6)4(-3)==-9.
*Emions &1t 6=| 46| ==| —6|, 3=| +3] =| 3| xai 9=| +9| =] -9
.ETI’EIS'E] Spws 6 + 3.=9

howey | 46 +] 43 = F9 wxad [ -6[+[-31=]-7

B | 6]+ 431 =] (+6F I xoi |=6] +] 3] =] <6)+(=3)]
R | (6)+ (4] = +6l +1 31wl | (=)+(=3) =] =6 1+| 3|
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"Qote f| dnéiuteg Tipy Tob &bpoispateg &lo Spoovuwy pYTOVY
laoGtaL 7wpodg T &bpolopa TV &TOAGTWY TILAV AVTOY

Fevikdds &&v of pnrol a, P elvon opdonuol, Exouev:

[Eetespien s oltifn <k | B |
\T/ \_l__/
&TTOAUTOS TIUT &bporopa &o-
" dfpoiopaTos ATV TIPGY
B) Na auyrpilj ¥ drddvrog wius) tob dfgolouarog (4-8) + (—6) mede 0
d0potopa T@dv dmoddTwy Tiudy THY npocleTéwy adtod
“Exopev: | (+8)+(—6)| =| +2[ =2
| +8| 4| —6| =8+6=14 ’Ex TolTwv ouvdyeTtan &1 :
| (+8)+(-6)| <[ +8| + 4]
“Qate ¥ dnéAutog Ty Tod &Bpolopatog Vo  Erepochpwy pRTOY
elvar pixpotépa Tod &Bpolopatos TV GMOAVTWY TIRGDY adTHV.
Mevik®d; é&v of pnTol «, P elven Erepdonuol, Exopev:

[«+Bl <o +|B

Kol

HMapabeiypata :

1. N& &moBeixdii 61 | (—10)-+(+3)| < | —10] +| +3]|

*Exouev: | (=10)-(+43)|=| —7| =7 xai | —=10] 4| +3| =103
Emeidn 7 < 1043 => | (—10)+(+3)| < |-10] + | +3]

2. N dmoberyfj om | (+ ) +(-=%) l . | 1-%| +‘_%}

“Eyouev
[(+3)% (=) =10l =0t fr 3 |- 3=+ 33
e SeSE S RS SRR el it
" Avaxepodraiwotg :

§ 38. 'Ex 1&v &vagepoptvev els THY «mpbéobesty Tdv pnTévy oupTepai-

vopey &Ti:
a. Dofévteov SUo pnTdY a kal B, Umdpyst mavtote & pnTos a+t-P

ZupPolikés : a, BeQ = (a+P)eqQ.
*Hron :
"E&v o kal P dpdanuot, TéTe & (a-+P) elven dudonuos wpds alTos pt &mé-

Autov Tipfv TO &bpolopa TV &ToAUTwY TIPGY TwWV.

WYnoionoiOrke amoé 1o ivotirouto EknaiSeuTikrg MoAmkrig



41

| a+Bf =] o +| Pl
‘E&v o, P érepdonpor, TéTe & (a-b-PB) elvon dpdonuos wpds ToV prTodV p
TV peyodutépay &méAuTtoy TIEY kal 1) &méAutos Tiud olToU looUTton Tpos
™My Biagopay T6Y &moAUTwy TGV THY TpoobeTéwy.
|o+p| =|of B & lol >l
[atBl =B —|of & lal <Pl
B. To &Bporopa Blo pnT@dv elvon els xai povov els prTods (BovdTigov Tfis
Tpoobeoecs).
Y- Cloyver f) petafetikdTns els 16 &Bpolopa SUo pnT&V.
a+-P=R+a
8. AoBévteav T@v pnTdY @, B, y loxUs f TpocetaipioTikh 1816TNs THs
Tpoofécews
(«+P)+y=a+(PB+Y)
€) “Ymapye £v oTtoyeiov els 1O gUvohov TGV pTéY, TO undév, To &Toiov
tlvea oUbétepov oTorxelov Tis Tpoobicews.
’Eqv ae() elven: Ofa=a+0=a
o1) M kdbe prTov Umdpyer els kol uévov s &Ahos pnTds  dvrifetos ()
SVUpETpIKGS) TOUTOU.
To &Bpolopa TéY dvmibétwv iooltan mpds pndév.
Edv o elvon &méhutos &pibuds, & &vrifetos ToU +a elver & —a  kal

(+)+(—a)=0
’AoxvoGetLg

la I—TA' Ar d(pieun-nx‘rfw Tapaberypdrwv va ouykplvnTte 1O |a B - y| Tpds T
SRy o) t&v o P, v elven dudonuer kai P) v elvan Erepdonpor.
4! 5-‘ Né& :.ruynplﬁﬁ fi dardhuTos Tiph Tol dbpoicuaTos SUo Etepootiuwy  prTév wpds THY
POPaV 1@V dmodTwy TIpdY  auTdy. Andad tav @, B Etepdompuor wd ouykpBfj Té
e +p| mpos 10 |a| — [B], #v Jaf> |B| A7
la+Pl mpds 10 Ja| — |PI, v lal< |B].
66. Moo pnTol SUvavtan v &vTikaTaoThoouv TO ¥ &S Tds KT lodrnras :

) !(+§—) +x|= M—%[a— + 4
Y) '(%5)-1-(4--;«)I=|+5{.;_[X|

(=) +(-D)-]-Fne

87, Tloioy oupTrépaopa TpoKUTTE! 1k Tous pnTous a Kol B,
tdv a) a+p=0
P) at+p=a

BYI(=3) +x1=1-314]| -1|

5)

68. N& edpediodv T& &bpolopare:
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@) (=12) + (= 18) + ( +28) + (+30) + (=36)

0 (-3) +(- 1) () (+R)+en

n (- 4) +erp (= B) + (= 5)*+ (+m)+ e

69. N& evpefolv T& &bpolopara :

&) —4—64+8-10+14-20 B 1+ 4 ,--~+%_1

il Bt UF)
2 3
LN e 5 4 3
s SR Dol St S R R
Pl s e o i st 9
70. N& etpedij 10 &fpotgpa tév Slo &BporopdTo ¢
@) [(F3)+(=8) +(+D)+(-1)] H(=T)+(+10)+(-2)]
B) (—1+3-8+12) +(5-7-13)
1

71, N& tmidvfolv ol thighoms: o) (—2)+X= 43 xal B) X+ ( - i)= -2

4. H TIPAZIZ THZ APAIPEIEQZ

§ 39. MeépAnpa. Tiy mpwiar To Oeouspetooy Edeluvvey —28 xal Ty pe
onupoloy 3% . Kara mdaovg BaBuode peveplitn 4 Ocouoxpaata ;

"Eoraw &T1 1 Sepuokpacia peTePAndn xard x©. A& véx epoopev TO On-
ToUpevoy Tpémea dmd TRV TeAKHY Bepuoxpaoiay 38 va dgoupeocouey v
&pyknv Gepuokpaciay —2°

"Exouevdormov P =(+3)F — (—2)» bl

¥ A =R (2]

‘H ipf) ToU ¥ BuvoTon v Bewpnfiy el o AUois Tijs: E1owoEeds
(=2)4x=+3, f omola txpp&la TO Tpo@Anpa : «lTofov pnTéY TpETE
v& TpoaBicwpey els TOV (—2) i v elpoouey TOV -3a.

*Epdfopev els thy, A’ Tafiv 6T 1 &paipeais elvar Tp&dis Gy~
oTpoQos  THS Tpogbtoews. TO alTo loyler xal €ls 10 odvohov Q TV
pnTV dpibuddv.

.AthSh xai els Tovs véous dpifpcts depalpeais elval 9 mpakLs,
xaté Thv dmolav §ibovrar Svo pnrol xal ebpioxerar Tpitog, & &~
noiog mpooTiBépeveg eig TV BedTepov, SiSer dBporapa TOV PG TOV -

“Qore Eyopev THY fooBuvauiav:

(+3) —(-2)=x 4= (—2)+x=+3

Atk v eUpoopey Spws THY Biagopdy (4-3) — (—2) kduvopev TAS
EEfis oxbyes els TO dpyov TROPANua : To BepudpeTpov Bekviel —2° &pd
mpémet v& &veNdn 28 1) Bepuokpaoia Bix vd ¢ddon els TO undev kad Kooy
v& GvéAdn 3B, "Hror mpémer v Gvehdn 1| Beprokpacioa katd 58 .

“Apc Yo (20 + (L 3) =+5° . Suvendss f Biagopa (+3) —(~2)=
(F2)+(+3) A (+3) ~(-2)=(+3)+(+2).
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‘Qote ¥ Sraopd dlo pyridv edploxertar, éav mpoobéowpey eig Tov
Lelwtéov Tov dvtibetov Tol dpaiperéou. ‘Emoptvws kal 1) Eflowois
(=2)4oy =3 tmiAleTan cog LERg :

(=2)+-x=-143e=x=(+3) —(-2)¢mpx=(+3)+ (+2)4=mpx=+5

Xpnoiporrorolpey Todpa Ty 16161 0= &= aty=Pp 4+ ¥ (c,p,yeQ)
Si& v adriohoyriowuey YevikeTepor Thv Ewidvory Tfis £§locoews (—2)+x=
=43 f| v elpeorv Tfis Bragopds y=(+3) — (-2).

TMpooBéTouey kal elg T& Blo pédn T (=2)+y=-+3 Tov &vTiBeTOoVv TOU
—2 kol Eyopev:

(=24 x=43 ¢m [(~D) X+ (+D=+3+(+2)
[X+(~2) 1+ (+2) =434 (+2)
NE I =2)h(2) [ =8 (2)
X+ 0 =+43+4(+42)
X=+3+ (+2)=+5

Qore x=(+3) —(~2)=(+3)+(+-2).

Anhod) BiamoTolton 811 Bidk vax &goipiawpey pnTdv TpETEl V& TTpocbi-
Owuey Tov dvtifeTdy Tou. (—a= &vrifitos ToU a). ‘Emadn s 16 oUvoroy
TV pnrév Ymdpyel Tdvrote & &utifetos SobvTos &pifpod, UTTOpYEl TTAVTOTE
"“?fi 1| Siagopd BUo pnT@®v kad Emopbvws 1 dgaipeois elven T&vToTE Buvart) el
TO oUvohov alTd.

‘H doaipeots elvar Tpdfis povoTipes, 81T 16 &bpolopa ToU peiwTéou Kai
ToU dvTiféTou ToU Gpoipetéou elvan povoTIHOV.

“Qote, #av a kad B elvan pnTol &pifipoi, kohoUpev Biagopay a — B TV p1j-
TOV y, & émoios loolTer pé ot (&vrifetos 10U B).

"Exonev y=at(dvtih. Tol P)=>y-+P=a-+ (dvrib. 1ol P)4-P
\__/

=> y+p=a
ZupPonikés : l’_Ec‘w o PeQ: aP=y = Py —aq, yeQ.

|
|

"Eappoyai :

Le-0=a40=q (B1ém1 & &vtiBetos 1ol pndevds elvar O pndév).
(=3)=(=3)=(=3)+(+3)=0. Tevxds a—a=0, (ae0)

20-(43)=0+(~3) =~ 3 '
0~(=3)=0+(+3)=+3
0—a=0+(~a) =—a (@cQ)

EMush 0—a= 0 4 (dvrif. 100 a), cupPorlfopev Tév dvriferov pn-

™0 o pt —a

Qore Hix wede pnToY o Eyopev: a—0=a, 0—a=—a, a—a=0

3. N& eUpefoliv al ké&rwh Biagopal :
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(+6)—(—D=1(+86)+(+=+13
(=)= (F ) =(=T) + (=) =~13

(D (DD P=+3
(-2)-(-2)=(= H+(+3)- -4

Ex TdY dveTépw mapatnpoluey &T (Bav o peQ) of pnrol a—P xal P

ENEE) -a-lw

—a evan

&uribeTor.

'AocxfoetLg

72. N& etpedoly ol wérwbl Biagopal :
) (=10)—( +25), 8) ( +25)— (—10)
¥k = b, B) (+11)—(+14)
£) (—5)—(+5) Z) (—18)—(—18)

(+2)-(-8) »(-9-(-3

73. N& tmidviioiyv ol kérwb Ehiodoes:
1

a) )(-—(v%_;_)=-—l, 5)(*%)4-)(:71. C)X‘(ﬁ%)— 5

3 = — _ —_ BN —_— — —y —( — == —
B X + ( _56) = '_’T , B — X ( } ?)7 2, 1) X-(—12)=-12
) 18T a1} —d—x=—14 , B) $3=x= =3

74, N& ebpefouy ol kéTwd Siagopal kal vé trahnfevdii 7 lodtns «MeacoTéos = dgaipe-

Téos - Bragopdn.

g (-3)-(+3)® hﬂ“(—g)'ﬂ(+%)_(+%)

3

0 (+3)- <—%>w>(—*§->~<—n o4

~ 5. TO SYMBOAON (—) R ZYMBOAON ADAIPEZEQE KAI QZ IIPOZHMON
IAIOTHTEE THZ A®AIPEZEQE

§ 40 . Eidopev §36 onuelwots, 611 év &Bpolopa .Y, 10 (+3)+(—2) ypd&-
petar ouvtopws +3 -2 3-2.

Té wAny pd Tol HUo BewpeiTan g TTPOaNUOV.

Abvartan Spws 16 TANY v& Becopn i xad s oUUBoAoy SQaIpETELS ToU Oe-
TikoU BUo &md TOv Tpia BIOTL:

3-2=(+3)— (+2) (+3)+(-2)
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’Emviong Si&k 1& 3 —7 Exomev: 3-T=(4+3)+(-T)=—+4

Tpbonuov Tol EmTd
Mpoobeors Tol —7 &g Tov +3

3-T=(+3) —(+N)=(++ (=4

, SUppolov GeaipioErds
Agaipeotg Tol -7 &mo Tov +3
fi ToG 7 &mwd tov 3

Suverdds TO ouuPohov TARV( —) BuvaTa v& Becopn67) o5 aUuPorov deai-
phoecos f) s TPATTHOY.
Moapabelypata
1. Eis 16 oUpporov —(4-2) T& A Becopeitan &5 TpooTHOV ToU (42)
&M kol dos ouuPodov dgaiptosws Tol 2.
__,oUpPodov dpaipéaews TOU BeTikoU TévTE &mod TS pndEv
2. 0=5=0 —(-5)=0-+( —5)= —5

0=5=0:4(—5)= -5
l__,wpdonuov ToU TEVTE

i_,'npécrnp.ov

3. D832 (-8) ~(439)=(-8)+(-3)= -1l
L__.oUpp. dgaiptoews.
——TpooHOV

2825 (1 8) (£ 3=+ (B H(B)=(-Byh(~-H=-M

| ouppolov GQAIPETERS

4. *Eyopev: —4—10=(—-4)+( _10?: —l4= —(+14) = —[(+4) + (—I—IO?]I

) ek
|

Ampot : —[(+4)+(+10)]=(~H)+(-10), &M& (+4)+(+10)=
=[(+4)+(+10)] 7 [(+4)+(+10)]=(+D+(+10)
"Oote o &vriferov &poloparog looltal mpdg to dBpotapa THV EvTi-

Oétwv mpoohetéwy.
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§ 41, ’I616tyteg tiig dpatpéoews (eUxdhws Emohnbelovten ol k&b
15161 TES).
‘H Bragopd Bkv peTaPdAderon, i mpoobiowpey (H dgoipéocwuey) els Tov
peiwTéov kai els TOV dgonpetéov TOV cliTOV pNTOV.
a—p=(a+y) —(P+y) ( B ¥eQ)
a—p=(a~y) (¢ )
2. Méss &goupd pnTdv amo dbpoioua.
(oat+P) —=y=c+P-r)
(t+B) —y = (@) +B
3. TIéss dgoupd &pibucv &mod Siagpopdy
(a—p) —y=a—(@+y) A
(Gf) —y—(2-¥)
4. Téds &goupdd &bpoiopa &md &pibuoy
a—(p+y)=(a-B)-y
a—(PB+y)=(x—y)—P 1
x—(B-+y)—a-+[(—B)+(—y)] (BMérie mponyoluevoy wapdd. 4).
5. Tl&s deoipd biagopdy &md &piBuov.
a—(PB—y)=(a—B)+v A
a—(R~y)=(a+7y)-P
Al dvotipa 1816 TEs toylouy yowpls kavéva meploplopdy, Bidmt # Sia-
gopa Umdpyel mavToTe £lg TO oUvorov T&Y pnTOY &pibudv.
6. N& Emrodnbeudy ) 181615 : a=p => a—y=p—y.
*Apoupolpey kol drd T& 8lo péAn Tiis iodTnTos —5= —-!22 TOU =3,
« péros: (=5) —(=3)=(-5)+(+3)=-2
prudros: (—0)- (- = (- 2)+ (+3 = - (3-3) = -6-3 =2

Ao (= 5) = (=3)=(—3 ) ~(-3).

% = 10
Zuvenrdds &k THs —H= _.'720. = (-5 —(-3)= (_ _2.) —(—3)
*Epappoy.
*Apanpolpey kel &md T& BUo pédn Tfis lodTnTos —843=-5Tov 3.
“EXOMEV : —8+43—-3=-5-3
—ghr0— —5—3
—8= —5-3
*E&v mapaTnpriowpey Tés lodTnTos :g 'i %_L; :35

karohfyorey els 1o oupmépaopa 611 'Eav peTapépwney Spov &md TO Ev péhos fooTnTos €l
16 &AAo, GAAGCoTopEV TO TIPOaMMOY TOU.
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7. ’E&v o, B, ¥, 52Q, v EmeAnd=udii f [B1étns a = Pral y =8 — o —y =p—5 &
Xp1pnTiKol TapaBelyparos. (AUTn Ekep&ler TO povdTipov Tis Siagopds).

Enpelwoig. *H tpyaoia katd thv émofav, dav a =P xal y =8 =3 a—y = B—0 A&
yeTan Goaipeats Tév SUo fooTATWY KT PEAN.

'‘Aonfioerg
75. N& Umohoyiofij 1) Tiufy Tév Ké&Twh TapacTdoewy
o) tav 6 (—) Angdij ds oUpPorov deaipéoews kal
B) t&v T ARV AngOij ds wpdonuov.

1 g ol il
) Pl Bl 0= o 90 g8l <=1 Giesibniy

76. *Emodnfevoare Tds 1SidtnTas 1, 2, 3, 4, 5 Tis dpaiptoews Sk TV k&bt dpi-
BunTixgiv mapaberyudreov.

1. &¢=%35 , p=—-12 kal y=+7
3 2
2. iy p=+1 xal Ve
3. a=56 , P=72 xd y=-11
T7. N& eUpefolv T& £6aydpeva 1édv Tpdiecov:

@) 7—(-3) p) (74-8) —(-3+8), ¥) (@ =5)y= (=3 =3)
B)[124+(-2)+31 (4 o -T-(0+3)
ot) =12 -5 -(-2)], 8 (=3-1)-9, n) (15-2D+(-4)

78. N& Umohoyiafolv T& &, B, ¥, 8 X ¥ & TGV :
La=(-4+7)+6G-12), 2 B=(~4+5)~{7+(-12)]
3. y=(=5+9-+(-5-9), 4, 8= (=549 —-(-5-9)
5 —x—3=-5, 6,y +4=-17

79. N& epefodv 61° &varypogiis Tév oToixsiwy Tev & oUvoha:
A={x/lx+3=3 B=(yly-5=-Th FT={u2-w= -3}

80. Né& SoxpdonTe, fav Té kérwd fetryn Twdv a kal P éwadnfebovy Ty lodmra

| a=PBl=]al=|PI

. a=7 ,p=2 5 a=17 ,p=-2
2. a=2 ,p=17 6. 2 ,p=-1
3, Gme =], B==2 7. a=-2,p=-1
4, a=-7,p=2 8 a=-2,p=7

6. AATEBPIKA AGPOIZMATA

§ 42. N& Umoroyiofij fi GpibunTiki) TAPAOTEOIS @
(+6) ~(=5) (-3 ~(+4)

*ExTedobusy KaTd oelpdy TS OTHEIOULEVAS Tp&ters :

(+6) — (=DH+(D-G-H
\\‘-/
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(+6) + (+ 5) + (=) ~(+9)
\-_/
(F11) + (—(+ 9D
S W

(+8) ~(+ 4= (+8)+ (—)=+4

Tod &motiheopa 44 elven f) Td) THs &pibp. TapooTéoews. Mevikéss XV
g, B, v, & elvan pnrol Exopev:

o« —B+y —8=[(a—P)+y] -5 Ywpls mepiopiopols, 51671 al &opouptoels €ls
16 oUvorov Q elvan mévToTe Buvaral.

H 4pidu. TapsoTacts: «) (+6) —(—5)+(=3) ~(+4)
kafos kal af : B (+ —%')-i"(—%)-l- (_}_ _;_)4_(__2)

) (D) (=3 + (& + (—F)
8) 12—6+7—-14

Aéyovtan dhyePpixd dbpolopata.

"Qote xdbe dpBpnTiny moapdortactg, N émola mepléyel pnrobg Gpib-
modg, cuvbeopévoug pé To + § 1@ — Aéyertal &AyePpundy dbpolopa (]
&pLBunTidy moAudvupov.)

Té &vootépoo dhyePpikd ddpoiopora P, y elvon ddpoiopaTa TOAAG Y TTpOC-
Betéwov (§35). Of mpooBetéol aUtédv AéyovTar kal &pot.
’Errions kal 16 8§ elvon &Bpoiopa TToAG Y TpoofeTéwy pE Spous 12, —6,
+7, —14 &on:
12 —64-7 -14=124(—6)+(+ D)+ (-14)

(&mhouoTipa popeh &bpofopatos § 36 onuelewois 4).

To o &hyePpikodv &dpolopa (+6) —(—=5)+4(—3) —=(-+4) BUvaTx vl
yoogii kol @ (46)+(+5)+ (—3)+(—4). TolTo Exel &pous ToUs: +6, 45,
—3, —4, of dmoior elven Spor kai TolU &pyixol kal Tify 4.

"Edv els &va &hyePpikdv &lpoiopa TpoobBéocopey ToUs &vTiBéTous TQV p1-
Tésv, ol émoiol doonpolivTan, AapPdvoper &bpoiopa TOMEY TpoobeTéwv.

Mapabelypoata :

L (-4) (-
- (
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3. 48—(+7) ~(—6)+(5)+(+)=+8+(~-N+ O+ (H)+(+D) =
= 8-T7+4+6-544

Mapatypnoels :

1. "Ev &fpoioua mwoM@GY TpooleTéwy elva &ueEdpnTov Tiis oeIpds
Ty Epeav Tou (§36). TolUTo loyte xai el Eva &Ay. &fpoiopa, v ol dpiBpol
of émoiol &ganpolivTan, HETA@EPOUV pd aUTéY, katd THY Evehhayfiy TV,
T oUpBotov Tiis dganpéoews Ty

il -3y = = - (- 6) — (44 -3
TpooTih. c':cplmp. Trpjc"rie. &oanp. &paup. mpooTi®. &paip. mpooTif.

AnAabn kdbe &piBuds, & oroios mrpooTifeTon (i dpoupeiTen) els T6 o pé-
Aos, mpémer v& mpooTiferan (R v& doanpfiTan) kol els TO P péAos.
Efmopev 611 &pot ol (+6) —( —5)+(=3) —(+4) elvou ol 8po1 Tob
(4+6) 4 (4+5)+(—3)+(—4). AnpeBhyoi: +6, +5, -3, —4 .
"Emaidn : (+6) =+ (+6) = +6
—(=5) =+ (+5) =45
(=3 =+ =3
—(+4) =+ ) =—4
Suvdpeba v Becopiowpey g Opous Tol EhyePp. &Opoioparos
(46} —=( —5)+(=3) —(+4) Tots: +6, —(-5), =3, —(+9)

Enpelwotg: Tlpds dmopuyf|v ogohpdTey | &vmipetédeors TV Spwv Ay, &BpolopaTos
Yiveran guurBas, &tav ToUTo petarpamij s &Gfpotopa ToMGY TpoaleTiwy,
“YrrevBupifopey 611 kéde BeTikds fy &pynTikds &piduds, & bmoios Exer mpd almoli O 4+ (R
U8ty rpéomuov) TpooTifetar X, of dpifiol +(+6), +(—3), (4-6) mpooTibevTa.
"E&v Umdpyn mpd altol TO —, apapeiTal &nAabh) wpoatifeton & &vtifetds Tov.  TLy.
~=5)=+(+5)=+5=5
2. "Exopev :
(46) —( =5+ ( =3) —(+-4)=(+6)+ (+5)+(=3)+(—4) =645 -3 4
(46) —( —5) —(+3)+(—D=(+6)+(+5)+(-3)+(4)=6+5-3 -4
*Ex. ToUTtwv maparnpoliey &T1 A &mAouoTeuptvn ypaed Evds dbpol-
Olatog SUvaTon ve TPoEpXETal GO £V dnyePpikov &poioua, TO dmolov EXEl
YPagfi ket Siagépous TPOTIOUS.
My 16:  —643—142 =(—6)+H)+H(-1)—(-2) 4
= —(+6) (=B (~D+(+2) A
== 4 (=6)+ (4-3) = (4 1)+ (+4-2) kA
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*Eappoyai.

1. @) (=3)-+F(=6) —(—8)=(-3)+(—6)+(+8)=(-9+(+8)= -1
B) (+3) —(—6) —(+8)= (+3)+(+6)+(-8)=(+9) +(-8)=+1
T& &votépw Exouv dvmidétous Gpous kal Aéyovtan &vTifeTa.
2. Tipoobéropev Buo &Ny. ddpoiopaTa T.X. © [(—4) 4 (=5) — (=10)]+[—(-6) —(+9)] =
[C—4)+-(=5) + (O] + [+(+6) + (=] = (—4) + (=5) + (+10) + (+6)+(-9)=
| 4 = (+16)+(~18)=-2
[ (-9 + (+10) 1+[ =3 1=[+1+[-31=-2
*H Tiady Tol &bpolouaros Tév Blo dvwTépw dBpoiondTwy eUpéBn katd Blo TpdTOUS.
a) ‘Eoynuartioapev v &dporopa &d Tols Spous Tév SAyePpikidy dfpotopdrwy, Tol dmolov
edpopey THY TIAY Kot T& yvwotd (§ 36 tpapuoyh 1) kal
B) Ebpouev ThHv Tmfv EkdoTou TV &hyePpiciov  dporopdTwy  kal karehffauev els
&fpotopa BUo pnTddv.
3. [(=4)+(=5) —~(=10)]  —(—6) —=(+9) )= [(-H)+(-5)+(+10)] -
() +(=9N]=(( ) +(—5) +(+1OIH{+(~6) + (=L +1]+ [+3]= +4.

M v& &pouptowpey dhyePpikdy &poropa TpoobéTouey 16 &vrifetov adTol.
'AexfoetLg

81. N& Urohoyiofoly T& xéTwd ShyePpixa ddpolopata :

D(=HD-(+D+(-19, N +-(+D+(+ i) ~(+25)-(~05)

2
il g Lot 8
Py — (F10)-B8—(~18) + (z) £ 1 B3 ( 2_2) L) (+H)
82. N& Gmohoyiofolv T& rédrwh &hyePpikd dbpolouara :
Q) [5—(=9) +(=13) + (+ 1D+ (=-13)
B -++n —+19- (- Sl

»[g-¢d+ (- %)]rHJr { e (5]

B -2 -[1-¢+n-(- %) |
e){f3—<+s)—(—?33)]—[(—;—')—(—3>+-<+2>]
83. N& Umohoyiafolv T xérwd dhyePpika dfpolopara :
% )a+B+y , Yap+y , a-p-y L) —c+pb+ty
) —a—P—y , B) —a—Pf-+y . 7)) —a+p-vy, kv
c:=—-l2-,[3=—%-|<cﬁy=1

7. H TXEZIZ THE ANIZOTHTOZ EIZ TO ZYNOAON (. AIATASIZ

§ 43. Ti onualver § ayéors a>B; T y < §;

(Ei’vm YveaITov 6TL f) oxésis a>P onuaivel «& o elvan peyahlmepos Tol
P». 'H oxéois ol Aéyetan &vicdtns p mpddTov piAos TOV o kal Seltepov
péhos TOV P.
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‘H dwigdtns y < 8 Ekepdler 8m «d y clvar pkpdrepos Tob &v.

Al &vicérrres o> B, £ > § elvan dpdotpogor (i Tiis alrriis gopds).

Al duiodrnTes o > P, ¥ < b clvan ErepdaTtpogor (R dvmibbtou gopds).

54

Mapoatnpolpey T oyfipa 28, 16 émoiov wopioT& Ev pépos Tii Geppio-

HeTpikfis kAfpokos. Elvan gavepdy 6T 7 Oepuoxpaoia 4-38 el
Vo peyoduTépa Tis Beppokpooias 0F kai &1 4 Bepuokpaoia 0
ey ueyoduTépa Tis Beppokpaoios — 2P .

"Etrlons 1) Ocppokpaocia —18 elvan peychutépo Tfis Beppoxpo-
olag 48

"Ex ToUTwv ouvdyopev T €fis
1. Kébe Berikds pnds elvon peyohUrepos ol pndevos fi 6T 1o
HnBtv elvon pikpdtepov mavtds BeTikol Epibuol.
aeQ kal o elvar BeTikds 4= a >0
2. ‘0O pndtv elvan peyariTepos mavrds &pvnrikol f &1 kdbe
deT}TIK'Og elvan pikpdTepos Tol unbevés.
PeQual P elven dpimTivds 4=p B< O
3. KdBe BeTixds elvan peyahUTepos mravtds dpvrTikod,
@ elvar BeTikds prTds kal Boelven dpvmTikds => a > 2]
4. Metafl BUo Bemikdv peyodirrepos elvan Exefvos, & o&moiog

txe ueyodutépay &mwéAuTov TIpfv. X

a, vy feticol kal |o] >|y] = a>y

TR

oW N

(e
(8]

28.

5. Merafl BUo dpvnmixédv peyohurepos elvan Ekefvos, & dmoios Eyer pikpo-

Tpay dméhuroy Tiphv.
B ,6 dpwmmikel xal [B| >8] = P< &

MveoplZopev 871 wédbe dpibuds Tomobernuévos Sefichtepov &hdou bl Tijs

Mmeuteios av pnrdsy s &piBunTikiis elvan peyodiTepos adTod.

A a
REF R B4 I S R T

ay. 29.

L

T airrd oyt kai Sid Tous pnrovs, of dmolor elvon Tomobernutvor dmi

s ebelas Tav prTdy &piBudv.

e R WERETT TG SRR

oy. 30
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§ 4&. No ovyxgilfj # Siapopa Sbo gnrdy modg T undéy.

(+ %)_0: (+ é_) +0=+4 % 7| Sixgopd elvon OeTikds dpiOuds
0—(-1)=0+(41)=+1 7 Biagopd elvan  OeTikds &p10uos
(+5) (=)= (+5)+(+2)=+7 7 Sapopd eivar Betikds Ep1Buos

(__ %- - ( o 133): ( —%) - (-Jf— %):—1— l—;)- 1) Sraqopd elvan Betik. dpiB.
( ke g_) s ( - _:_)= ( = %)+ (+ %) = 0 # Siagopd loolran TTpds pndEv
(+3) —(+5)=(+3)+(-5)=-2 | Sixgopd elvan dpvnTikos &pifuds.
(—8)—(-B)=(-86)+(+5)=-1 1) Biagpopd elven &pvnT. &pi1Opods

"Ex ToUtewv mapaTnpolpey T& £Efs

1. ‘H Sixop& pikpoTtépou &md peycduTtépou elvan Betikds &pifuds.

2. ‘H Siagopk fowv &piBudv elvon undev.

3. *H Siagop& peycluTépou &md wikpoTépou eval dpymmikds Gpifiuds.

‘Emropéveos SiaTumolpey TOV K&Twb Sproudv.

‘0 pnrdg o elvar peyaitepog Tob pnTol B &av xal pwévov dav a —P
elval BeTindg &plBués, elvor ioog mpds Tov B édv a — B loolrar mpdg
pnbév, elvar ppdrepog tol B éav o — B elvar dpvnTucdg dplpds.

l a—P >0 &= a>p
o —P=0 = a=p
a—P<0 = a<P

ZupPolikds : o, Pe Q

"E@appoy.
Né& ouyxkpilolv of kétwdi &pibuof.
a) +7 ki =5
" *Eyouey (+N—(=5=(+D +(+5=+12>0
*Apx +T7>—-5

B) —13 kal —12
Elvar (—13)—(—12) = (=13 + (+1D)=-1 < 0
‘Emropéves — 13 < —12

Y) —% kal —4
o B (-2) oo (-B) #(+ )
— _]32.“.—4
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§ 45. "ISuémreg.

L. Mapoarnpoluev 811 &md Tds &vicdTnTas

+7> 42 kad +2>-10 ovvemdyeren 7| dviodtns +7>—10. "Hror
loyver N wetoP. iBi1dtng els v dwnisdtnTa

Fevikds: a>P kol B>y => a>y (o, B, Y eQ)

Tolro Bikocuohoyeitan cos EEfs :

Emaid) a>p xod P>y Exopev 6Tt a—P elvon BeTikds kad B —y elvan Be-
Tikos dpiBuds. To &bpotopa aUTdv: a—P+P —y elvan BeTikds &piBuds. *ANAG
B xal P &vribetor: dpa o PP —y=a—0—y=a—y elva Berikds &pi-

~
0
Buds, Eroptveos a>y.

2. ’Emaidy  + % >0 kai 6 &vTiBerds Tou F«—g— <0, tyouev yevikdds THV

looBuvapiay : a>0 4mp —a<0 (CE0))]
3. ’Emlons & T@v mopadeypdTwov
zig) oo Y= AU (e s o Ly g
—8—(-3)=—-8+4(+3)=-5, —8<-3
"Exouev : a>p ¢= P<a (x, pe Q)

Akaiohdynors :

Eqv & > B ovverrdyeton o —P elven BeTikds &pifpds dAAG ToTe & &vTife-
T Tou P —o B elvan dpunTikds dpiBpss (Tuvemdds B < o

4. "Edv kal els T& 8Uo péAn &wicdtnTos mpogbéowuev TOV alTdV pnToOV
epiokopcy Spdotpogov duodtnTa. Ty, —5>—12 mpocBétopev Tov —3:
~5+4-(—3) >—124(-3) BnAadH —8> —15.

Fevikiys : o> P €= aty>p+y (o, P YEQ)

Aikaiordynois :

Emast) a>p => a—P>0. Mpoabétouev 70 undiv els dupdTepa T péAn:

o —p+0>0

u*ﬂ«&-y —Y>0 = a+t+y-Pp u-Y>0 == at|y _(B+Y) >0 = G+Y>B+Y

"Eqappoyy.
APy €= afp+(—P)>y +(=P) => o> y-p ‘B dmd 1o 8y
HiAog dvigdTnTos peTagipwpey dpov s TO GAAo, dAAGooopey TO TpdonEdY Tou.

5. Alcrutrddoarte AexTikéds kal émoAnfevoaTe v iSidTnTa:

a>p=> a—-y>p-y (o PyeQ)
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§ 46. Awbrtakig

*Eav Bobolv SUo mpayparikol &piBuol, adrol fi elvar foor i 6 els elvan -
kpdTeEpos Tod &AAov.
Thv Ekppaoiv: «..... elvan pikpdTepos fi ioos.....» oupPorilopey did Tol £
"Eqv AdPewpey On’ dyiv Tds 18idTnTas Tiis dniodtnTos wai Tiis fooTnTos
TapatnpoUpev &1 loxbouv al k&rwb 1BioTnTes
aga GvarhaoTIKT
agp kal P<a => a=Pp &VTIOUBHETPIKA
asP xal Py => asy  peraPaTix
Thv oytorv € Aéyouev BidTafiv TGV pnT@dv kaTa péyefos.

Inpelwoig : Kdbe oytots, 1) dmola Exer 1ds 1816 Tag «&varAaoTIKT VY, €AVTICUHPETPIKNVY
kal «peraPorikive Myetan oytois Srorabews.

‘Aoxfoetg : -

84. N& OfonTe 7o xarddAniov oluPohoy &k 1@ @ ) , {, = perafl 1év &pBudv:
L
4

1

-2 xkal =5, -1 xal —.i, 0 xal —6,-«2 ral ——l, T
2 6 4 3

kal 0, — L kal —
2

_2 mx__]lr_ . (=3+1) xal —8.

85. Tloian & T&v wkérwdi oxtoewy elvar hnbeis :
@) —12415-2% 313417 7 , B) -2+12-5=2-3+10 , y) —1o>_§L

&) —50<—%, € — %)O,m)ﬂ <-20,c)—1+%,> S
2 3 5
e e () PR
n) 34 4<= 3

86. A’ tpapupoyfis Tiis 1&16TnTos a +P > y=asy—P v& Beifnre ovi:
A ‘a42512 = a>10
p-3<5 => p< B8 (%P YEQ
2—y>2 => y<0
87. AU dpibunTixdy Topaberypdrwy va baybolv ol x&Twh BidTnTes kal vd BioTu-
wwbolv wal AekTikGs: (o, B, v, 8€EQ)
as>p = _—a<-Pp
a>Pxal y=8 => afy>p+d
a>p ral y >86 =>> <1+Y>p4b

88. N& mpooBlo nTe kot piAn Tds kdrwbh dwicdTnTas :
—5¢(-3 -5 (-3 -5 (-3
%) 3y 5 A" 4 1 X p e
Ti  wapornpeite ; AUvaofe va dgaiptonTe kaTd pidn; Matunaoate Kavdvas,
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89, EOpere T& Efarydpeva T@V kaTwh wpdecov:

@o- L, - L0 3446 —6+4-3.

3 3 Y S22 pes
B -i-3, -3 -4 —-1-(-3), -3 (=D
vy —l—=ll1=111, —14(-2-3), —1-(-2-3)

63 1 ; ATy e
8) —30,3 —157 + —5——10+_2- , 17,7 +125-94 + 5

90. 'AmavtioaTe el T& KovwTépw tpwThuaTa:
a) 'E&av a=P ovvewdyetan |a|=[B[; ‘Eav |x|= 1B Tl ovumépaoua E§dyeroan Bk
ToUs prrous @, B

3
B) Moios & pnrds X, Stav |x[= i_f I;

v) Ak tdv pnTdv ¥ &AnBelm Sm oy= |-y |;

&) Els wolov Umroouvohov Tol Q dvriker & pntds y, Ly lov = |y |, 20v 0= |y | wal
3ov —y=lyl;

&) Tlolos & dvrifetos Tod K -A xal woiog ToU —p-+v; o N & Q).

91, "Eav x= —12+17 =9, y=5 11410 xal 2= —19422, v& elpefolv T&
@) X+y—z, B) x—y+z ¥) —X +z -ty xados kal Ta 8) X+ -+, €) (X )tz or)x+(y+z)
1 9 i 1 o i
92, "Eav X=— %—r _;. -1 kal = = + 3, vé& elpebolv T&
M e TR R T e Gl

93. N& UmoloyioBoiv T& a) —a+Pp—y o= — %_
B) —y+P— v p= _%
Y) —a-y+p Y=+ _é

3 S ¢ el ok

94. T& otoiyela ToU GUVSAOU {- =

W =
oof —

X80y ko Ték1v peytfous.
95. Toicn &k T&V kéTwd oxéoewv elvan dAnbels;

1 1
) -4>-2,p) 13>-31,y) -5 > " 5 §) - ?< -1

ANy 2 3 L 1
€) “’T '5—1:#4—1.51 oT) 7-3—'+ ?7{:3 +7

96. Tlofa &k Té@v oroigeicov Tol ouvérov { =3, =2, =1, 0, 1, 2, 3, 4, 5) twanBelouy THY
OXéow x -5 < -2;
97. Ak Frapaberyndrwy v EmenelonTe 811 :

o
'Edv a <P 8& elvar kai a< ——ztﬂf. B.

98. "Edw Bi&x Tous prToUs @, P Excopev TV oxéoty « ) B, va tferdonTe moia ayéols UTr&pyet
HeTadl 1y dvmibéTwov ToU a kal P.
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99. "Av XEQ, yEQ+, 3EQ—, vé& elpeboly Bi* &vaypagfis Tdv oTotyelwv Twv T ovvoda:

o {x /3x=-3} & {ww-3 = -1},

.Y){

x/ -

3 ey 2. |

5) {v/%~~v=20} € {x/ = %+x=—-§-}. oT) {!/--741:— %}
100. *E&v a=0, p= —I kad y= —2, v& UmohoyioBolv T&:
1) (a—B)+(p —y)+(y —=) xal 2) —(a—P) —B —y) —(r —0).

8. H [IPAEIE TOY IOAAATIAAEIAEMOY EIZ TO ZYNOAON q.
T'INOMENON AYO PHTQN

§ 47. Eig Tds péxpr ToUbe paes TOV pnT&Y &piBuddv, eibopev émi, Sio-
TnpoUvtan of 1B16TnTes TEY Tpafew TRV pnT@V ThS &pibunTikis.

A& ToUTo 8& Splowpey TOV ToARamAaoiacuoy els TO oUvolov TGV pr
&V &pBudy doTe va loylouy a yvwotal [816TnTes ToU O /opRol

a-p=p-a &vmipeTabeTIKT

(@B)y=a(By)

s (P4y)=c-P+oey EmipeploTIKT.

1. ’Emeidfy 3.5=15 elvan xai

(+3).(+5)=+1>5

Anhodh TS yivépevov Blo BeTikév elvan
BeTikds dp1Bpds.

2. Elg t6v  mopamAebpws mivoka (o)
TapaTnpoUuey Ta EEfs :

‘Otav & oA foriis 3 EAarTolTan KaTx
povéSa kai ylverar : 2, 1, 0, 10 Y1vopevov
EAaTToUTon KoTd 5 kad ylveran: 10, 5, 0. Eav
ouvexiowpey VAEAQTTO VWUEV ToV TOA [oThV
kot Bva: —1, —2, =3, ... mptmwer xol TO
yivépevov vé EAOTTO VWUEV katd 5 : =5,
—10, —15...

AnAadh mpémer (—1)-5= =3, (—2).5= —10
(—3)5=—15 k.o.x H (—1)(+3)= -5,
(—=2)-(+5)= —10 x.ox.
Aexdpeda &1 5.( —2)=(—2).5= —10
(peTaBeTikyy 1Bi1dTng ToU TrOA /opoi).
‘Emroptveos TO  yivdpevov  ETepoonipwy
pnTédy elvan dpunTikds dpifuds.

TTPOCETOIPIOTIKT

(=)
ﬂupf!o:ng Mvébpevov ‘
3 -5 15 [
2l 10
I <5 5 |
05 0
—F 5 : =5
-2'5 ; —10
-3-5 7 —15
NS _J
R
; TTo:pd_yov'rss | Mvépevov
SEc 2t w 10
4(=2) | -8
3 (=2) 26
20y =3
1'(-2) -2
0 (-2) ; 0 |
(1= 2) : 2
-2 2 | ] 4
)=y | ; 6
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3. Metd v mapaboxiv 6Tt (—2).5=5.(-2)= —10 X peradeTind) 181615
Tol oA /opol) TopaTnpoUuey TV mivaka (B).
‘Otaw & oA joths 5 EAarTolTal kamd Eva, TO yivouevoy avf&veTan KaTd BUo.
"Apa ptmel v SexOdpev i 0-(=2)=0, (1) (=2)=2, (-2)-(-2)= 4,
(=3)(-2)=6 x.ox.
SuveTéds TO yivdpevoy Buo dpynTIk&V elvan BeTikds ap1Bpods.
§ 48. Auvéueda v& adTioAoyfowpEY T& dvwTépw &y BeyxBpev ot loyuouy
ai iBidTnTes : a(Bt+y)=aptay, ap=Pp-q @-0=0
1. ’Emeabn % . %: g{-;: 1% gy opev xai l(+ %) . ( b-%) _—_-_;_;;‘.l

2. Elva 2+0=0

3
B 2. (-242)=0
i % . (=2) .{-% . 2=0 (¢mipep. 1B16TNG)
i) %.(._2) +--Z — 0. 'Ex TaUtns Tapartnpoluev &1 Té% . (—=2) Tpé-
TEL v& TapioT& Tov &utifeTov ToU %. BnAadn TOV —%,
o 6 3 6
Bvemis 2. ()=—s A (+ P (D =—% xal

lh(—; %) (-2 =02 '(+ %)_: f%‘ (petabemixdy (5107TN8).

3. *Exouev ( —2).0=0

SERRER R

A (=) (- 3)+ (D (3)=0

A (- (-2)+(-%)=

Ex s Teheutalas alTiis loéThTos ouumepatvouey STi T6 (—2)'( % %)

3 B
TopioTd Tov &vTiBeTov ToU — % 8nAadn T+ 5. Apa :

el S

"Ex ToUTev katafyopsy els TO cuumépagua 8T

T yivbpevoy Svo prrdv elval pntdg Gpdpdg, & dmolog Eyer dmd-
Auroy Ty Td ywépevoy TOV &moAdTWY TIRGY wal elvar Betindg pév,
& obtor elvar dubompor, dpvnTixdg BE, tav elvar évepbompor  nal
Wndév, tay & elg elvan pndév.
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SupPohikdds: o, PeQ xal o, P dudonuor, a- P=|al.|p
a, P trepdonuor, a -« P= —(|af <[ B|)

- 0=0
Enpeiwoig. To yivéuevoy o « P ypégeran kal af.
Hapabelypata
+2) (+2)=+ (2 3)=+35 >0, (-%) +3=-(3:3)=+7 <0
()33 D+ B0 ran(-F)mo(a )= b 0
o B priol duéanuot <= ap >0, a, P priol ETepbonyor 4= op < 0,
0~ )=0, 0.(+$)=0, 0.a=0.

§ 49. "ISiétnTeg.

Suppo s Tpds TOV kavdva Bid THv elpeoiy ToU yivopévou Buo pnTEY
TapaTnpoUpey, ST & Trol| ouds EkTos TV 1BloThTwy Tds Otrolas EBEXONMEY
Byl wal Tag k&Twb :

a) AoBévrwy BUo pnTdv a kal B Umdpye TAavTOTE & pnTds af (yivo-
uevov aUTédv). ZupPolikds, o, PeQ => of Q.

p) To yivépevov Buo pnrddv elvan €ls pdvov pnTds. AnAabr 1) mp&fis ToU
oA [opoU elvan HoVOTINOS.

) Emesh (+1)- (+2)= + (1-2)=+% . (-F) 4=
= — (-;—. [) = — %wumpaivous.v &1 & dpifuds +1 elvar oubbtepov oTol

xelov &ls TOV TOA /oudv.
. aeQ=> (+1)ra=a«a

3 3 ).
5) "Emeidh (=1)-(=5)=+(1:5)=+5, (+ ) - (- = — (55" 1)=
= — %wvﬁyouﬁv &m 16 ywéuevov pntol rrl (1) loolran mpds Tov &V

TlQeTov aUToU.
GEQ% («-—])-u=_a
€) "Exopev :

@D (+5)= +(23)=+1 (+3)(
(0 (= 3)=+ (2:4)=+1. (- 3)(F) =+ (3-3)=+
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! “Apax ol dudanuot pnToi, ol émolol Exouv dvTioTpdpus dTOAUTOUS TIpds
XOUv yrvdpevoy Tov 1. OUtor Aéyovtan &vrioTpogol prrof.

Euvendsg Sobévrog évdg pnrol a (a#0) Omdpyer dAhog, épbanpog
pdg avdrdv xal pé dvrlotpopov dméAutov Tiphy, & dmoiog Aéyetal dvri-

OTpopog Tod a wal aup.Bol[l;erat;ﬁ a~l. ZuvTopwTEPOV !

A wdBe ororgeiov Tol auvdiou Q TRV pnTé Y (fkTds ToU pnBevos) Umdpye
'V ubvoy &\ho oTorgeioy, TO dmolov AéyeTan &vTioTpopoy auTol.
M.x. & &vrioTpogos ToU +20 elven & + 2—})—' ToU —48 elvar & — 4% TolU

17
T g elvan & —g- Tou +1 elven & +1 kal 100 —1 elvea & —1.

'AoxfioeLg

101. E0pete T& yivépeva:
B Aty G ey L Sty (= 3 ) S

mocm . (<& (-3) - (+ 1) (+3) (D)

102, Edpere & Efeydueva Tdv kdTwd mwpkewy

@2 (-B)e(-5) o-F e (C@)te e ()
Bogecatg- Gt (<) (o)
PoE(= P e fentn ()% (~5)

103, N& edpeBoly T& Efaydueva KaT& TOV OUVTOUDTEPOV THATIOV.
[ Xpnoigotorfoate THy iBdTnTa: oftay=a@ +v) |
D5 0 (L7450 27 , y) 59« (—19)459 « 9 € =21« (—ID)-H(-21) « (~13)

B e *(-12)—6 - 18, &) — .i_.n—% .19, o) ;—;’ : (—13)72—2 . 12,

104, N& UmohoyioBody T& k&Tedt yiwdpeva kard Blo Tpomous !
SIS0y 1B) i_ .(f %—+ %) Y) (-~4+—Z——%).(—Q)
D (434 4-3)- (<) o(F-%5) - (-B)
105. TMotov oupmépaopa Edyetar Bidr Tous pnrovs @, B, v P 0 A aPp=07 af (O ;
9. FINOMENON TPIQN H NEPIZEZOTEPQN PHTQN — IAIOTHTEZ

§ 50. Na smodoyidf 16 ywdpevor 2 + (=3) « 4.
E\'Jplcxcusu TO YIVOHEVOV 16V BUo TRWTWY TUPEYOVTWY, 2.(—3)= -6
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kol KaTdTY TO yrvdpevoy aUTod Eml Tov TpiTov TapayovTd —604= —24.

TolUTto ypopopev kal ds £Efs

2.( —3)ed=(2. (=3)J-4=(—6)-4= —24

’ Avahdyws épyot?;éugecx, Ev EYWUEV TIEPIOCOTEPOUS ThHY TPIGdY Trapd-
YOVTAS.

"QoTe yivdpevoy TPty ) TeEplocOTEPLY pnTédY glvan & pnTds, TOV dMOIoY
eUpioropey, 2w oA aTrAao1&owpEY Tous BUo TrpddToUS, TO gUpeBEy y1vouevov pE
TOV TPITOV K.O.K.

SuuBohudds : cupry-S=[(@B)y]8  (x B v, 5€Q).

Mapabeiypata :
(42)- (+4) (+5)=[(+2)(+4) ) (+5) = (+8) (+5)=+40=+(2:4-3)
(=2)-(+4)(+5)=[(-2)(+ D1 (+5)=(-8)(+3)= —40= —(2-4.5)
(—2)+(—4)-(+5)=[(=2)+( ) 1-(+5)=(+8)(+5)=+40=+(2-4-5)
(=29 —A)e{ —5)=[( —2)-( )} ( —5)=(+8)( D)= —40= —(2:4:5)
Ex ToUTtmv TrapoTnpoUuey 8T :
“Ev ywépevoy pé TepLoGoTEPOVS TV 8o mapdyovrag Eyer améiv-
Tov TNV TO ywdpevov TV dmoAdTwy TIpdV TEV TapaydvTwy TOu wal
elvar Betindy pév, éav ol mapdyavieg adTol elvar Betucol # to wAfB06
oV &pwTIRGY Tapaydvtwy elval dptiog &plbpdg, dpvnrixdy B¢, &V
<o mAfBog T®V &pYNTIKDY napaybvrwy elvar meptttdg GpiBpés.
Mg Péorv TdV TponyoUpEvOY Kavova UtrohoyloaTe T& y1VOHEVA
(+2): (+3)+ (+4)(+5)=+(2:3-4-5)=+120
(—2)+ (+3)- (+4)- (+5)= —(2:3-4-5)= —120
(+2)-(+3)-(—4)-(—5)=+(2:3:4:5)=+120
(42)-(=3)( —4)-(—5)= —(2-3-4-5)= —120
(—2)-(—3)(—4)+(—5)=+(2:3-4:5)=+120
E&v a, B, ¥, B elvon Bemicol Exopev :
- (—a)-pry-5= —(apry+5)
(—0)+(=P)ry+5=(ovP-+5)
(=) (—B)* (=) » 5= —(a-p-y+5)
( =)+ (—P)* (=¥ (—B)=(=xP-B-y)
Enpelworg. To yivépevoy a. p. y. 8. ypagerar xal apyd.
§ 51. "I8uémTeg
'Emreibf) TO y1vopevoy pnTédv EXEL &rrAUTOY TIpHY TO Y1vouevoy T&VY &ro-
ATV TIHRY aUTdY, loylouy, 51’ aUTd, Shan ai 1Hr16TnTES ToU y1vopévou TV
pnTédv Ths &pBunTIKS.
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(a-p)y =0 (By)=(avy)-P
(0Bry)- (Bre)=arpry-Bes
apyb=yabp=PRaby=...
(a+P)-(y+8)=a(y +8)+P(y+8)=ay+ab+Py+pd
X [(=2)-(=5)1:(~6)=(+10).(—6)= —60

(—2)+[( —5)-( —6) 1= (~2)-(+30)= —60. "Apa

[(=2)-(=5)]+( —6)=(=2)-[(=5)-(—~6)] Kol yevixas

(aB)y=c (By) f| TpooETAPITTIK 18165 ToU ToAAaTTAcoiaouol.

Sl R BN S

"Epappoyal :
320(-3) (-4) 3+ (Do)
3
4

By -2) s (22 s D)smlh (o T) e B (080 =00 B BymeF
4 s T
Y) (__2__5).(_3.2)ﬁ 4).5 ( 3) 2
=(1 .1-5.2)—_—1-10=10
FRECR
8 [(=2).() . (D] - [(=2) - (-DI=[-Q -2 D] [+2- D)=
| e A [-2] - [+2]=—( - )= -2
D I3  [(=8)+H(—6)]=(-3) - [(B)+(—6)]+(8) - [(—B)+(-6)] =
Y+(=6)] - [(—8)+( )]= e e i
[(=3)+ (=6)] - [(-8) + (—&)]1=[—9)[ —14]=126. (P’ TpéTOs &TACUCTEPOS).
°T)(—2+a)(-3+a)=(-a)[—3+B]+ul—3+ﬂ1=(—2)(~3)+(—2)ﬂ+u(»3)+aﬁ=
= 6—2p —3a-+ap
(=2).(=3)+(-2).a+(~5).3+3a
6 —2a+( —15) 4-30=
6 —20 —15 43a=
6—15+ 3o—2a
—S4a

D “2.(3ta)+( 5403

il

o

§ 52, *AnéAutog Tkl Yivopévou pnTdy aprfpdy

"Exopev: | (—2) » (_;_%)l:‘_%}:%
e+ 3]-234
Zuvetrédg ‘1(_2). (+ %) ":l-zl A ‘+%l

“Qore ¥ dméiutog TLEh yivopévou loobral mpbdg TO ywobpevey TV
&Ro;\‘:,.rmv TRV TOV TaPAYOVTWY .
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Mevikédg o BeQ elvan: |ap|==|qa.B|
‘H 1810105 ity logUer kad 81 meplocoTépous Tév Slo mapdyovTas,

"ISi6tnreg loothTwy xal dvicomiTwy

§ 53. @) 'IBotns : "Eav a=P => ay=Py. (, B, y € Q)

MT.y. "Exopev Tv {odTnTa — :51—= = % kol TTOA fuev kol T& SUo éAn
aUTiis i OV pnTOY 5.
¥ 4
o’ péhos: — (=5)=+4.
’ . 3 8 8 = 4 8
B" pédos: —m--(ﬁ5):_—+y Gpa — & -(—5)=ﬁm-(—5)

‘Emopéviwg Suvdpeda vi mold/ wpev &pupdtepa T wéln pidg iodrnTos
érl Tov adTdv pntdv xal va AdPwpev iodtnra.

P) '1B16tns : "Eqv cby=Pry Kkad y#0 0 Excopev kai a=p.  (a,B,yeQ)
TTx. t&v Yo (—=5)=( —4):(=5), (xeQ) moh /uev ki T& SVo uéAn &l TOV
&vtioTpogov Tol —5.

o uihos : [x-(=5)1( = 5)=x+ [(=5)-(=2)]= x-(+1)=x
B wéhos: [(—4)-(=5)1(=5) =(=[ (=50 (% ) |=(-4)-(+1)=—4

Apa X = —4
§ 54. a) ’IBidTng: 'Edv a>P kad y>0 elvan kai
oy >y («,BeQ, yeQ+)

My. —3>—4 oA /uev kot T& 800 wéAn émi Tov -2 kol EXOpEY :
o pEdos: (—3)(+2)= —6
P uéhos: (-4)(+2)= —8. "Apax (—=3)+(+2) > (—4):(}2)
B) ’I5i16Tns : Eav a>pf kal y<0 elven kadi :
a-y<p.y («, PeQ xal yeQ)

2 i e 5 i ¢ o
- Ty, + —3->%i TOA [uev kal Ta BUo péAn &mi Tov —2,

5
' 2 4
a’ uéhos : gfw?. (=2)=: -3
! 4 - g o 4 4 ! [
P uthos: —e(—2)=-+ = xai émedh —=< + % Exouey 871 ;

2 4 ¢ .
( i =y ) (ﬁ2)<(——5-)-( —2) ‘Emroupévas :
"Edv dpepdtepa ta péhn dvicétnrog mordanhasiacloly énl dplBpév

Sidpopov Tol undevég, mpoxdmrer Avioding, opdotpoog pév, éhv O
&pOpog elvar Betindg, érepdoTpopog 8¢, éav obtog elvan dpvnTinée.
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*Eqappoyal :

§ 55 1. oA /pev dugdtepa Ta péAn Tis lodtnTtes —104-T= —3 tnl voy —|.
=1047= =33 (—1047).(~1)= —3.(~1)=3> (=10).{ 1)+ 7.( ~1)=3=> 10 -7=3
Anabn SuvapeBa va dAAGEwuey TO TpdoNUoY TAY dpwv kal Tdv o HEAG Y &g fodTnToS

Tevikes : (e By YEQ) tav a—P=y = —aP= —y

G = !
2. TloA /uev  &ugdTepa T& pédn Tfis dvicdtnros — §> —2 tmi Tév —1.

3 3
Auvdpeba va EAAGEwpey TO TpdoNUOY TV Spwv kai THY
Adbwpey THY gopdv Tns.

Fevikgs: (a, B, Y €Q). 'Eav a—P )y => —a —p { —y

~ty=2=>-1 (D (- B (2

BUo perdv aviodTnTos, tav

§ 56. 'Avaxeparalwaig.

"Ex 1év dvagepopévov els ToV TOA /opdy TdY pnTéddy CUPTTEPQi VOpEY BT1

a. Aobtvtwy SUo pnTdY o kai B Umdpxel & pnTds af (yivdpevoy aUT@V),
EUuﬁolmEbg: a, PeQ kai apeQ. "Hror:

‘Eqv a, p dudonpor, TéTe af=|al +| B

éav o, P Erepdonuol, TéTE af=—(|a| |B]),

gav 6 els elvan pndév, TéTe a-f=0.

Els éhas Tas dvwtépw TepITTOOES ExOMEY

[o-pl =l | Bl
B. To yivépevov BUo pntdv elven els kai pévov els pnrods (wovéTipov ToU
oM /ouop).

.

Y. Cloyver 1) peraBetikdy 18167ns ¢ af =P, (o, BeQ).
=i 8. AoBévtwoy TG pnT&OV a, P xai y loxvel 1| wpogeTtaupiaTik i8161n-
VoA fopol 1 (eeB)y=a(Bry)

€ “Ymépyer Ev oToixeiov ToU Q, TO 41, TO émoiov elvan oUBéTepov clc

Toy oA ﬂ"UﬂO’V.

aeQ =3 a(41)=a
- OT. Aid k&Be oToryefov ToU Q, (EkTos TOU undevds), Umdpyer év Ao
Olxeioy alTol, 16 dmroiov elvan dvTiocTpogov TouTou,

‘0 dvtioTpopos Tol pnTol a (a#0) elvar & %ﬁ a=L xai c:-—::fl

T Ay ToUs prTols a, P kal y loyuer 1 émpeproTikn (8idTng ;@
a(P+y)=ap+ay.
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'AoxfoetLg

106. N& ebpefolv T& yivdpeva :

« (-8) - (-13) - (+2) - (5 B) (—125) - (-8) « (+179) - (1)

p-To (=) (+8) (-5

3

0 (-3)- (- D(+ - (+3) -

£) (—4)'x (~) ¢« (=)~ (=4) « (4},
(=G = o) () - (= 7
107. ‘Opolws T& yivopeva:
9 {5 )l <) B

BleD - - (+ g)] S )

108. N& evpeBolv T kérwd yivdpeva katd Buo Tpdirous.
a) [-5+42] « [(-3)+(-2)],

N

B [t Bl ) e =) = 2]

il b i e ki o)

= e,

8) ( iz
109. 'E&v «, p, YEQ tmaknfetoare OTi:

e o B oyl = la| - B] - vl
110. N& UmoloyioBolv T& yivdpeva :

Q) (—44T) « (—4=T), ) (345) « (345), O (~4-6) -

B) (—5+p) + («-3) 8) (—4+P) . (+3+40a), o7) (x-5)
111, Né& &reheoBolv ol wpatess :
@) 3. (@a—Pp)—4 . (@-4)+3 - B-2)
B) 4(x+P+y) =3(a—P) —2(B+7)
112, N& émAvbolv ol EHiodoes:

(—4-6),

v (a+5)

0 xedmm s (- h)=n (< 3) ko (-
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113, o) Eis Thy Bécv ToU épeTnuatikod vi Teli] 10 xatéAniov guuBorov ix TGV ==

> i petafl TEY TAPATTATEWY :
17 2 1 2 7 1
IR R B TP, (L O
a) " + 3 5 +3 B) 5 5t o
20 1 7 7
= T= = ) == A
L 1 iy ) 3 5

B) Morhamiaoidoate dupdTepa T& péAn TV elpedBnoopévay axécewy :
lov ¢ri 10 EKIT. vév mwapovopaoT®dy

20v trri tov dvtifetov Tol EKTTL T&v mopovouaoTddv Kai

3ov &mi (—1).

114, *AM&Eare 10 Tpdonuov TGV Spwv xal TOV Slo psAddv Thv karwh icorhTwy kah
&V"’O‘rf]'rmu. Ti mapoTnpeiTe;

20 1 15 1
= =__.=7, -5y ==, — —10,
@) = P 5o W) - s
B L) s, e =6y b 6
8 9
115, MoAhamAaoidoaTe katd pédn Tas Kkérwd  dpooTpdeovs &vigdtntas. Ti mapaTnpeite,
=3yl -3¢2 32—2
a4y B 55 LA (S

. 116, "Eav &1 Tous Berikols pnTous a kal P UpioTaTan 1y oxiors o » B, va EfeTdonTe Tola
xéorg Utrdpyel petall TGV dvTioTpogwy Tol a kai Tou P.

10. H MMPAZIZ THE AIAIPEIEQE EIEX TO () — IAIOTHTEZ
§ 57. InAixov 8o pntdv.

S sl , g0 3 ;
Na edpelfi ontds, 6 smolog modlaniasialipevos éni ToY — — dlder yeviue-
v 14y 6,

T 5 . ol 3
Eqv x & Intotpevos pntds Exouey Thv  éflowaty (——5 ) . x=06.

'H Siaipeais eis 10 cUvorov T@®V pnTRY dpiBuddy SoideTon dos Tpdfis dvri.
o = =
TPOpos Tol o fauol.

QAwalpeoig elvar 4 mpafig, xatd THv omeiav Sibovror Bvo &pibpol
"al ebpioneran tpitog, & dmolog moAramAucialbpevog éml tov  ed-
POV Bifer Tov mp@TOV.

"Qore Buvdpeda va ypdpwiey :
e

Mpog elpeaiv Tob x 8& ypnotpoToiowpey TNv IBI10TNTA : o = Péempycr=yp
LExouEv: (-— ;‘: )'X =6 => (-- 2 ) [( _.g )XJ _— (._ %)6
B s
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e (=3) ~o(=3)

“Qove Sialpectg elvar & noAAamAaclacudg Tob Statperéou émi 0y
&vriatpoov Tob Saipétov.

1
(o BeQ) i p=og B+ 0)
*Eappoyel
D) D=+ (+3) =+ 2o e
(=15) : (=5)=(—15) « (_ %) S 155;..;.3
+20) : (D=(+29)+ (- A== 2

T
4 4 4 i) 36 9
o Ve B Vel TR o Wesrpm g
( 7) ( 9) ( 7 ) i 28 7
2 3
O sl = 2y =0 -2\ =
{5 % (s
‘H  Biaipears (-_‘;. ) . 0 elvan &BUvaros, Bidm Btv Umbpyel  &vTioTpogos ToU el
Bevds kal mopbvas Biv Umrdpyer kal Td TnAikov auTé.

Ex ToUTwy Taparnpoluey &1

*Edv 50800 ol pntol a xal B T rmAlxov Tob & b Tod B (B £ 0) elvar 0€
Tikdy pév, v adrol elvar dpdonuot, &pvnTidy 8€, v elvar évepdomprot ual IJ'-’"
Sév, ¢av & a elvar pndév. “H dmédvtog Tiph abrod toobTal mpdg T TMAlxoy o
&roAdTwy TGOV TOHV @ xal B.

To mrMkov “a : P yphoeTan kai UTd  popehv K?\(’IO}AGTO;_E‘

“Supporkds: 1. « - P 0 T a:ﬁ:_g)o
a al_|af
(@ PEQ) 2 « PO 7 a:p = --ﬂ<0 I'E'W—Lﬁi
0
3, a=0 6 ¢:p= —=0
a T p B

Enpelwatg. Eimopev dmi Biaipeois vt & ok fopds ToU Siepetéou Erl TOV du—rid'TPC:
gov Tol SiatpéTou. Suverdx Errerdh & oA fouds elvan wpdfis povéTipos kai fi  Suaipeois v
Tp&fls povéTIHOS.

‘H Biadpeots elvan Buvarh, Stav Umdpxn &vrioTpogos Tol Baipitoy, &GAA dcv-:[v;v'rf:vo?oS
ToU BrapéTou UTApYE! povoy, &rav & Sapttns elven Sidgopos Tol pnBevds.
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§ 58. *I8iétnreg Sraipéoewe.

Adyw ol dpiopol To¥ TnAikou BUo pnrdiv elvan pavepdy, i loylouv
o BioTnTes THg Biaipéoews :

La:p =(@y) : (BY)  (y#0)
(@ tBty) i 8= (a: 8)+(B: &)+ (y: 8)
@By =(@:-@:7)
@By = (@iy»p=oc@:y)
s (Boy8) = [(a:P):y]:B

‘EaAnfetopev thy Inv iGidTnTa:

C3): (—)=—3, [(+3)(-DF(—.(-D)]=(~6):(+8)= —
“Apa (43) : (—41=[(+3)(=2)] : [(=H)-(-2]

Auvdpefa Gpws v adTiohoyfowuey kal yevikdTepoy THY 1516TT ap=

S©y): By,
“Exopev a:p = a i a- é—-(—{—l) = Qe ;— . (yl) =

p Y

1
= @y gy =y =@V (B,

Altiohoyotuey xod TRV 2av iBibThTS
1 1 1
@B iy): B=(@iPiyd § = gt Brg + Yoy =(@8)+(B:B)+(r:6)

“Ouofws aftiohoyolvrar kal ai Ymdhormor 1B16TTeS.

w oA WMo

| o

~ z‘lllelwmg Auvdpsfa ve BiaTuTdowpey kal AekTIKGS Tas dvwTépe iBi1éTnTas. TLy. Sia
5"&5 1,2, 1B16mTas : 1. "Edv oA /wpev Siaipetéov kal Sipétny, wids Siaipéoecs, Ewl pnrov
51¢1’°POU ToU pndevds T TnAikov Biv peTaPédheTan. 2. Atk v& Braipéocwpev &dpotopa Sik pnTol
k:NPOU ToU pndevds, Biaipotuey EaoTov T@V TpoobeTiwy ToU dBpoioparos, Si& Tol pnTol
TpooBéToper T& mpokUTTOVTA TMAIKE.
'Aoxfioerg
U7, Na efprre & wnhica: @) (—24):(+6), B) (—48): (—16), y) (—4);(1‘, ;)

5)(+.§):(_%) . 8 ﬁ%’;u.s), crr)(—6):(—%5) ,

0 (=3):(-#) - w (+ 3 com

18, N& erereotioty al Tpdges :

Ytapcn. w9 (D] (-
TED-CHCHIED (340 (D)
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¥) [(=3) « (=5) - 4:[(=2) - (=3)], o7) [(=3) + (=3) « (~3) + =3):[(-3)- (-3)]
119. N& tmavBoiv al tfiodoss :

27 BN B bt
Q0 x-(-B=- 3, R (==)=-8% Ng X==1
a2 : 13N Ay s 23 T s
Dx=g 9x:(~p)=-x (- 2):ix=-2. (10
120. N& #fmoAnBelonTe Tds loobuvapias :
. a=pé=da:y=B:y @B YEQ , ¥ F# O
2. adpe=a:y>B:y (0, P EQ » YEQF)
3. aYpe=daiy (P:y (w PEQ » YEQT)
e ST , pe . BFO
5 Bl (o, PEQ B 0)

AUvaofe v Tds BikanohoyfjonTe;

11. APIGMHTIKAI IAPAYXTAZEIX — ZHMAZIA TQN IIAPENOEIEQN

§ 59. Na& UmoAoyiabolv al dpifunTikal wopaoTaoels :
& —( )2y ¢ 1D
p. —(—8+13-14)+(10—-6+1) —(12 —-6)
[(2=8)R (=15 | f (=633 =( =124 1) -+ ( =5+-3)

8.'(_7_%2)—(_24.3).(_%)Jr[(ﬁ%)_(_%) +1}:(—¥)
RSSO =5 ()

Al TOV UTOAOYIopOV TEY TrapaoTdoew v aUTd v Epyaldpeda dog Ka‘rco'répf»'"
Moparnpolpev 6T els Tas TapaoTdoes a, B, y 8ev Exouv onpeicolfy oA fO’!iﬂ‘
f) Bioupéosrs, Emopéves BUvavran va BecopnBolv dhyePpid dbpoiopara. * ANN
Bia 16 P kol y (&hy. &bpoiopa) & pnTés, & dmoios TpooTifeTan f dpoupel T
elvar 16 Evtdg Tis Tapevbioews &Bpoioua ) TO EvTds THs dyxUAns &Bpoioh
&fporoudTav fi Biagopd dbpoiopdTwv.
“ 1. “Ywoloylopds THS TApaOTATEWS Y.
A" Tpémos s [(2—8)+(~15417)] ~[(—6+3) ~(=12+T)]+( ~5+3)=
= [(-&)+ 2 1=(=150) 50 1 F=2)H (23—

=% SERem I e o,
= ( <4 Y=l +2 )+H(-2) =
= { ~4 ) -2 y+(-2) =

Enpelwotg. "Ayxidn ) émola mader v mepiéyn wapevBioes mofipdleTon elg mpévﬂi"‘vl
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Ymedoyloauev T&s Tipds TGV EvTds TV dykuAGY dhyePpikd v &bpoiopd-
TV kod kareAfauev els dAyePpikdy &fpoicua pnTév mbpddv.

B Tpomos s [(2—8)+(—15+1T) - [ (—643)~ (~124+7)]+ (-5+3) —

[@—8)+ (=154 17) 1+ [~(—6+-3)+ (=124 T) ]+ (=5+3) =

@8+ (—I5+H1T)  — (6+3)+(=124+7) +(-5+3) =

@-8)+(=15+17)  +(+6-3)+(=12-7) +(-5+3) =

2-8  —15417 +6-3 1247 543 =
2—8-1541746-3-124+7-543=35-43 — _§

Kot* &pyds mpooedéoapey 1o &vribetov Tév &poroudTiov TV epioko-
Weveyy Evrds Tiis Beutépas &ykUhns, ) ol Exer EurpooBéy Tng T mARY( —)-
Karémv mopehelyapey tés dykihas kai 16 oupPolov - Eutrpoatey alT& v’
'Ev ouvexelq mpooedtoopey 1o &vrifetov Tév &bporopdreov, T& émoia
<5‘930“;‘-'0('.ru'rcn, (Exouv Eumrpoodev Tiis mapevBloews alTdy 1O MY (—)), dpoi-
PiTen pdvov 16 (—643) kal Trapedeiyapey Tas Tapevbéoes kol TO oUpPoiov
EupooBey aTésv.
TeAikss Umedoyfoapev T™v TiuAv ToU TpoxkUTTovTOS aBpoiouaTos.
"Avardyws Epyalépeda kai S1& THY mapdoTacty .
(Els v mopdypogov 42, Epapuoyr, Exouev Umohoyioe &Bpoiopa Kai
Slagopay ahyeBpikddv &dporioudTav).
"Ex To¥ Bevtépou Tpbrrou Umrohoyiopol Tiis ¥y &pifu. TapaoTéosws ou-
Yeyouey T &€ :
A lov. Auvépeda v tEcelpewpey apévleav () &yxUAny), dtav Eumpoodiv
1S Umrdpyn 1O cupPodov - (R oUBky mpdonuov) kai v deficouey Tous Evrds
fis Spous p¢ TO Tpdonudv Twv els T véov &Bpoiopa.

20v. "Edv Eumpoodey mapevdéoenss (f dyxUAns) Umédpyn 16 oUuPolov
' TpooBéTopey Ty mepiéyovoay TO &Bpotopa THv &vTiBbTeov Spav, ol
Tolo1 Urrépyouv Evrds avTis Kal dvaryoueda els TV mpdTny TEpiTTWOLY.

Hapabelypara.

1 IR ST B) —(—8413=14)—

10 271504y = +(+8 -13+14)=

e A R + 813414

8 —13+414—9
AT ST 8) (10-6+1)—( 12 — 6)=
104457 4 4= (S 105 (R ) A 8
ke e At O 10641 ~12 | 6 =
10157 4 4f= {2 10—6+41-12 46 = -1
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Inuelwoig.

“Oray slvon BeTikds & wpdTos Spos dbpoiouaTos guvhfes Biv Exel 1o mpdamuov oV

A1d: vé& ouvBedi] Sucs els Té véov &Bporoy a Trpémel va el TO Tpbonuéy Tou. (BA. map. Y)

2. Al mapaoTéons (x —P+y) -+ (B —y +3x) xal (x-+B)—(x—p) &mhovoTelovTan,
toeywpsy Tds Tapeviéoes.

Mx. (@—B+y)+(B—y+3a)= (@+B) —(a-—P)=
a—p+y AB-y+3a= (@ t+B)+(—a+p)=
a+3a+pP+y-y = 4 a+p —ap=

a+p —a-+p=2p

“Exomev : (@—B) —(5 —y)=(a—B)+(~5Fy)=a—B —5+.

"Edv yplywuev kard THY ouppetpikny 1Bi1dtTa: o —p 854y =(a —P) 7
+(=8+y)=(ax—P) —(8 —y) waparnpoluev &Ti:

Auvdpsfa va Bfocwuev Spous dfpolopaTtos Evrds Trapevlioews PO ff
édmolas &réln 1o oUuPorov .

"E&w Guws Béowpev Spous ddpoloparos Evrds mapevBoeaws, Eutrpoode’
Tiis omolas &Tédn 16 —, Trpémel v& dAA&Ewpev 7o TpdaTHOV aUTGV.

2. ‘Ymoloytouds Tiis TapaoTdosws 5.

v (213)-(=2)+[(-3) (-}

~
|
wn
g
|

¥ e S
|

L RS N

—~
|

[SUN)

S~—

+ ]-
(-5 - ( ;g) " [ I st
)l ) g <~ =
L) et e e

(5+3) (=D (2=0) s (=)= (=3 - (G#)
) (-8 - (-3)
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A& oV Umodoyiopdy Tév Tapagtéotwy § kai € elpydodnuey ds €fs
a) Edpopev Tév pntodv els txdorny mapévieaiv (fj &yxuAnv).
B) ’Efeteréoapev ToUs TroA /ouous kal Tas Siapéoels kal

Y) 'Eetehéoopev Tds doaiptoes kai mpoobéoels.
Mopadeiypata

9): (=44 3)2 +(B-B){~3)=
(—8+46)+4 (244 18)— 84624418~ -8
B) (12 -15): (—3)4 (23 =3):( —4)=
(=3):(=3)+(20):( 4)=1+(—-5)= —4
W6 =5) (—2)4: (=14): () +-T=
6 —(+10)+(+2)+7=
64 ( —10)4-24-7=15 -10=5.

nupatﬂpnmg :

Els 16 o TapdBeypa  Exopev &bpolopa yivouévav. Edpouev TpdsTov
S Yivépeva (bmpepioTixd 1816T75) kai kaTdmv Twpoosbioauey aUTa.

Eis 16 p' mapdBaypa éxouev &Bpoioua mnAikwv. TMponynénoav ai Sici-
Péoerg (?.Tnuspm‘rmn 1B1d1ns) i1 va elpebij 1O &bpoioua.

Kai el o y' Tapdderypa ponyfibnoav of ol /opoi kai al Siciptoss.

'Aoxfoerg
121, N& txtenecBolv ol mpdfers :
@) (—64+2-3)+(13=7), PB) (7-10)+(-8+10-6)
Y 10y, B) —(—4-H), DNl =12)—( =244,
$) (=34+2) —( —8+7) —(7 —2)+(=3+1 -10) -5
122, N& #xreheoBolv ol mpédess :
a) (20 —13)+((5 -10)+(—124D) &) [(-5+D+B-12)]-1-6-+(-8)),
B) —[(4—6)+(7 =3)]+((~T+11) =(-5+2)),
¥Y) [ ~(=T+12)+(=3+10)]—[ —(=3+11) =@ =15)]+[ —(~17+3) 5]
123, N& txreheadolv al mpddes :

o (34 (hd)-(3-3)

B) 0 [(5,5_ %—”)- %]4 [-05-4) +21 = (= 5+1)

L2 [(—10.5-.-15,50)_ _é] [04( L 175)_i 3}5] B

124, N& ixrereafolv al mpdées :
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v |,
— ~— alw
—_
|
IS
_{_
)=
~

5) (2—_;_-1- %) . (—3)—(_ %+ 7
125. Né& txreheofolv ol wpddets :

&) (=7-413): (=2)+(12-19) - (15-16) -4,

B) (21 —27) : (-3)—(12-16) : (—4)+5-5 - (-2),
y) 12—6 . (=3)+7-15: (-3)+18-16 : (—4)+1
126. N& éxreheaBolv ol Twpdders

@) (—%) ; (—%) - (; 1%)) : (+ %)mls:(—l) )
B (-2 - (3424 (182- 5
¥) —0,01: (0,001 —0,01) — %.(_1 : gi) )

8) [ —3++(—T+2)—1)[-2+(-342-9)]1-C -8+2).(-5)
127. N& tahelynTe Tds Tapeviéoes :
a) (x—B)+(r —B) ' (a—P) —(&y =)

B) a—(—p-+y -8B) : —(a—P) —(—y+8),

y) a—[(B—y)+al—(y =) +(x—¥)
8) a+(P—y)+[-b+(@-B)+y]1—-(E-r)

128. N& UmohoyioBotv ol Tipal TéY kéTwhl TapaoTaoewy, v a= -2, p= -3 kal ‘;’54

By S=ceerfie v D (8 5 Tob oy e
=Ghy=p a+p-ty Py
129. Al kérwh TapaoTéoss v ypagolv Utd popety dlpoiopaTos TEPITTOTEPWY map?
TTUTEWV. i
1) —a+p+y —5+k—A i 2) a—pty —B+e—L-+n

~130. Els & kérrwd TapaoTdoes & wpédTos kal & Tpitos dpos vé TeBolv EvTOs T

pev®

oews pE TO oUpPolov - Eupoofev alTiis kal ol UméAoror EvTds EAANS TrapevBioecs pt TO ot
Bohov — EFumpoobev auTiis.

) ~154-11 7012 -zo+_:1T ; B) 19,6-+13,5-9,4+ _g_ml
Y) p+T—u—v+ oK, 8) —a-—P-ty-b+e
12. H ENNOIA TOY AIANYEMATOZ

§ 60 a) *Eqappootdv Sidvuopa.

Eis v lecopetpiav Suvdpela va Opicwpev 16 ellypappov Tpfjua AP
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5 TS Biuehts oUvolov T&V drpwv  alTod,
A, BY.

A& toUro, dtav Aéywuev elbUypapuov

" A B
Wiua AB i euBUyp. Tufina BA, tvvooUuev
O abrd dymikefpevoy (Biati;)

Meépanpa. oy. 31.

a) Advoxlvyrov xwvoduevoy imi edbuyodu-

00 3305, éx onuelov A Epbaoe eis 10 on- g .

e oy B. n =
B) Aivoxtvyrov xwobpevor énl edbvypdu-

‘00 380p &x 105 B Epbaoey sic 10 A. oy, 32.
e 0a éxppdowpey pabnpatinds tde

‘APogetinge adrac xvioei ;

Ao LY 4L b =3 ot -
. Eqv eimeopev 6T 16 avtokivnTov Sié- B
Pebe  kad els 1&g BUo mepiTTdoEls TO EU-
BJP' Tufjuc (3500) AB, Btv 8 eipeba drpi- ox. 33.
S
"Opfidy elven els THv TeplrTwoty o) v elmwyey 1 « . .. Bijvuoe 1O elbUy,

Mia, 1o &moiov Exer Gpynv TO A xai mépag TO By,
.\ A v mepiTTwoiy B) «Bifjwoe TS eUBUy. Tufjpa, 1O Stoiov Exel dpyhv
B kai mépag 10 Av.
2 Tdpa Aoy 16 eUbuyp. Tufiuc AB Stavudpevoy éx tol A mpdg 16 B Biv
TS aTd pt Td eUfUyp. Tufipa BA Siavuépevov & tol B mpdg td A,
N Biagépa 1) popd T KIvfioEws TWV.

T &vrikelpeva aUTd  Abyopev  Stovdopate kol 4 2

> >

“ViBohizopev ypomtés utv - AB,  BA, ypogikés & :

o CAGBH G5 BEAN wE Thv alxuy els To wépas B
@),

0

QAidwopa, Aorméy, dvon By ebBGYpappov Tpipa oy 34,
d’PW}Lév’qv dpyhv xai Gpiopévoy mépag.

f Myopev ouvtdpws &TI

A“i\‘\mp.u elvan &v mpooavartohiopévoy evbbypappov Tijpe.

Eav 16 Sidwopa Exn dproptvny Gborv (dpa kol dpxnv dpiopévny), Aé-
! €pappoatdv Sidvuopa ( i Seopeupévov Bidvuoua).

Hoparipnons :

}’ETQ

S _Té ¢pappootdy Sidvuopa elvar & Satetaypévov Lebyos ompelwy
SO amhdas Ev Bipehds oUvohov ompeicv.
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“Eyouev Aoimév : EdfUypappov Tufina AB=({A, B}=(B, A}

>y —>
Médvuopa AB=(A,B), &idwopa BA=(B, A).
§ 61. Zroyeia épaprectod Siavioparag.

Td Siaretaypévov Lebyos (A, B) k&
BopileTan :
) 1. ’Awd ThHv edfeiav AB, fitol TOvV @O°
péo alToU E.
2. "Amd Thy gopdy, Thv omoiav kado
& piter 1) kivnois &k Tol A Tpds 1o B.
3. "Atd THY TR ToU edbuyp. TRAPE
Tos AB, Enhadh Tov Adyovk avTol mpos THY
Hovada uETpncemg ‘H Tiun ToU AB cuu{307“

A ZeTon pe |AB{ @ AB} €Q+) kai BraPégerd
-
«&mroAuTos Tipf Tou AB».
4. 'Amd THy dpynv A.

§ 62. To éAevbepov Siavuopo.

ox. 35. ITépaviog éxtobedetar éx anuelov A
nedlov éxtobeboews mvgatlwy xaraxoply?”
mpde T dvw pé Taydryra 5 km/sec. [log 04 magaotijowuey Ty Tayirq?
TOV
‘O koAUTEpos TpdTTos Tepag Tt
ws elvan: Bv Bikwopa pé opéa THV "d'_
Taxdpugov eubeiav  THy  BiepyoutVl
S1a ToU A, opdv Tpds T& &vw K@
dmédvutov TRy 5.
"Edv Beutepos TUpauos éKTOEEU
87} & onueiov B kaTokopUews TFP
T& &vw pé THY aUTAY  TayuTnTd,
TorUTns ToU SeuTépou TupaiAoy v

o P

& tv Sidvwuopa pt opéa Thy Bii Tol ;
oy 36. KorTakdpugoy eleiav, @opay Tpds
&vew kol &moAUTOV TIUMY 5.

* 15 § 13 Tob pépous Tiis Mewpetpios ToU wapdvtos PifAiov.
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Ta SYo aUtd SiawiouaTa TaploTely TO aUTo dvTikeluevov . THV adTRY
Ty Ta.
Ji& tolto Aéyopev i elvan 1ooBUvana | toa Staviopara,
T& foa aird SlawiopaTta Exouv: a) Qopels TapaAifious.
B) ®opdv Ty althv (mpds Td &vaw)
Y) ‘AmohUTous Tipds foag.

Haparipnoig
To oGvorov Tév evbeidoy, ol dmolal elvan mapdAdndor pé Thy ebpeiuv
¥“:”°lﬂv (elver TapdAAnhor fi oupmimrouv), Svopdlopey Sredbuvey. Adyopev
;c"pa. éT1 Blo SiaviopaTa éni napoAANAwy popéwy f| Tod adtod popéug
Xouv TV otV StevBuvary.
‘Emoptves 1a Braviouara Td émoia Exouv: Thv admhy SredBuvay,
Y abrhy popav xal loag dmodiTtoug Tipde elvar toe.

>
-

5 83. 'Isibtnrec Tig ladtnrog tdv Savuvopdrwy, o
L Kége Sidwoua elvan igov mwpos T A
OV Tou, o
> >
AB = AB Ty, 37.
e

D v — iy
- Eav Bidwopa A elvan foov TpPoS /

16 E-E ; .= ) =5
TOTe kai EZ elvan foov mpds T TA.

i‘:> o — —>
A= EZ —» F7 _ TA 38 7

b 3 Ao SraviopaTta oo Tpods  TpiTov / '-’,/ i
VO €l pey ioa. ’ A -7

~> o F
He = KA =5 ot / 5l
> L } =>» HO = MN = -
" e
it T,
fe ﬁf]?toriif] N lodtns 1@y SiowoudTwy -
"‘Tp;:g iSlc’rrT]'rc:s GvoxAaoTinhy — oup- / -

v — bLetaBaTinnv //’//' 7
2 / : -
Bmujcaé‘ Bav Exwpev #v oUvorov Toww /,’/{’/ # /./
. T

g | Ig_‘:""c')v, %m'rpé?rnm TUHP VWS T1pog i / 7
Ty NTos adrds v Oecopduey, 611 v of- A
T'"PO:;€ f'f TRV SlawoudTov alTdY, dv- "‘/’:,’

TeVel 16 gUuoov. <7 Sy 40

YnpionoiBnke ané 1o vetirouto EknaideuTikrig MoMTikrg



76

“Ev oUvolov fowv BiawopdTwy dpileTan &k Tév EEfjs oToiyelcov :

S i g 1. Awdbuvory
e s 2. Qopdy
b 3. "AmdhuTov TRV
ox 4l.

To aUvohov clitd Aéyetcn éAedvbBepov Stdvuopa fj &mAds Sidvuapa.
T 8evBepa Brawouara  oupPoMiope’

~

S0 > > - > -

\\\\ pteavi bt h flgly Ptk

N (Fpdppora Tol AaTivikol f é)\?mmKOc‘

E’\\\}\ dApaPriTou p¢ TO ouppolov — &vobe!

alT&dV).

oy. 42. Tés dmmoAUTous Tipds TGOV

HMapathpnois.

1. Auvdpeda vé Becopricwpey EAetBepov Bidvuopa Ev Sidwopa, TO &roio!

Exer KoBwplopéva :
ArebBuvoly — @opiy — GméAutoy Tl (Sixows dpioutvny &pxnv)-

—)- 3
2. Aexoueda 6T Uépyen Ev Siéwopa AA, Tol dmolov 1) dpyn kal TO wéps

=P,
ouptirrouv. To Bidwuopa adTd Aéyetan pndevikov kol oupPodileran 0. H
&mdAuTos Tip ToU pndevikol Siaviopatos elvan 0, f) SielBuvog ko 1 gop?
Sty SpifovTan.

'Aoxfioerg

131. ’AvagépaTe T& SiaviopaTa, T& dmoiax dpilouv Tple onpeia A, B, T.

132, ’Avagépate Té& Ledyn Tév fowv Siavuopdrwy, Té dmola épifouy al kopugpal Tapai JuoV
ABTA.

133. Zyebidoare BUo SiaviopaTa pt &pyds T& onueia B xai I kal foa wpos 1o Brévuokd

m, &rou AM Bidpecos ToU Tprycvou ABT.

134. Aibeton TetpamAeupov ABTA, Mi &pyfiv Tuydy onpeiov 0, oyedidoare dha t& &1
voopata T& foa mpds Ekefva, T& dmoia dpilouv al kopupal Tol TeTpaTrAeUpou.

135. [péaparre wévte Siaviopara, T& omoia v& &yvTimpoowmedouy 16 alUTd EAelbepov 16
WO,

136. Awaohoyfjoate Tos i6i1otnTas THs lodTnTos TdV BravwopdTwy.
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13. H MPOEANATOAIEMENH EYGEIA (AEQN) — AATEBPIKH TIMH
ATIANYZIMATOZ — AINEIKONIZIZ TQN PHTQN EIZ THN
NPOZANATOAIEMENHN EYOEIAN

1. ‘"H mpooavatoriopévy edbeia — "AEwv.
§65."Eni tijc edlelag & Adfeve 8bo onueia O xai A (16 A defud 100 0). Na

" - ey
Urxpiflody ta diaviopuara OA xal AO. Pl magarnpesite ;

0 A~ =

oy. 43.

—> —
e ndpqmpoﬁuev 811 T& Sravvopara OA kal AO Exouv v althy Siebbuvoly
(fl ™MV abhv drdAuTtov Tipny, Siapépouv B¢ katd TNV gopav. T SixviopaTa
UT& Ayovtar dvriBera.
A
Zupgeovolpey v& dvopdlwpev THY gopdv Tol Siaviouatos OA Berixiv

—>
:_;P&V Tijg edBelag €, kai THV popdy Tol Slaviouaros AO  dpvntucv popav
Sie.

Kdfe edbeicr, Tis dmolas Exer dpiodf fy GeTikny gopd, AfyeTan mpooava-
Tolluuév“.

€ _F) Az
H fueubsic OX, émrl Tfs dmolas keiton 1O Sidwwopa OA, Aéyetal BeTik)
Vleia kol A dvTikeipévn cTis AuievBeia OX' &pvnixd fueuleia.

Ta onueiov O Ayetcu dpyn Ths mTposavaTohiopéns eubelas €.
Edy Becopfiowopey 8T1 TO pijkos ToU ebBuyp. TufjpoTos OA elvar 1 povas

e

TOU =

0\: Brkous, To Sidwuoua OA  Tfis elBelas €, Abyetonr wmovadiaiov Sidvuvopa.
WQUTO Exel popdv THv BeTikfv  opdv Tiis eubelas, &pxhv THY SpxAv TS
Pogayer, eUfelas € xal &mwdAuTtov Tipny 1.

ox. 43a

Els v wepimrrewoty alriyy 1 wpooavar. elbeia e Abyetan EEwv (o). 439).
,_"A&IN elvar ¥ mpooavatoltopévy edbeia énl Tijg dmolag Eyer dpi-
4 4 Gpyh nal vd povadaiov Sidvuvopa.
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2. 'Anemdviorg T@v pntdv elg T™Hv mpogavatoitapévny ebbeiav.

§ 66. Auvdueba v dmeiovicwpey TO oUvodov Q TV pnTdv, i wd
eUbeias mpooavaToMoptuns (&fovos), g EETs :

Eis Thv &pxniv O 100 &Eovos X'OX dmreovifopev (Sniadh dvrioToixoUm!
HovoanudvTws) TOV dpiBudy 0

— !
Eis 70 mépas 1ol povabiaiov Siaviopatos OA Tov dpiBpdy + 1, elg 1

Tépas ToU SiaviouaTos GE T0U dmoiou ) &dmdAuTos Tipn elven 2 dmekovifope!
TOV 42 K.0.K,

AnAcBn els TG épata T@Y BiawwopdTwy ToU &fovos, Ta dmola Exov’
dpynv v dpxfiv O kal gopdv THv BeTikiv, &meikovilopev Tols &piBuovs TOU
Q+ ol émoior elvar &vmioTolyws &méiuTor Tipai aiT@v.

Els t& wéparta 1@v Siavuoudtwy OA' OB’ k.A., Td dmoia elven dvTh

—> >
feta dvmioTolyws TGy OA, OB k.0.k &meikovilopev Tous —1, =2 kA1, &vTV
O¢tous TV +1, +2 koK.

Katé tov Tpdmmov altov 16 olvorov T@vV pntdv Q doreikovideTan povor
onuavtws tmi ToU &fovos X'OX (Bmi ToU ocuvdblou Tdv onuelwv  ThHg €U
Oelas €)

Hapu-mp’l]otl.-g :
1. Auvépedar va Ay wpev 811 & aUvodov Q dmeikovideTan i Tob ouvéAd
- > > T
TV Slawopdtwyv: OA, OB, O ..., OA’, OB, ...

— -
2. To Bidwopa OB duvapeda va Becopfiowpey s yivouevoy Tol dplﬂuo"
—> — e o ’K)
+2 twi 10 povadiaiov OA xal v& ypdwwuev : OB=(+2).0A (f OB=20

— — = —
‘Opoiws OA'= (- 1).0A, OB'= (—2)-0A kA.m.
Tous dpibpoUs 0, +1, +2,...=1, -2, ... Myopev rerpnpévag T®dv oM
Relcyyi T ASRESE VAS CRE GvTioTolyes. :
‘Emoptveos retpmpuévy anpelov Evdg dEovog elvar & dpiBuég, & dmoiot
dneovilerar én’ adrol .

WnoiomoiOrke amé 1o ivotirouto EknmaiSeuTikrg MoAmkrig
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3. "AdyePpuch Tipn Stavdopatog
i67. "AyePpixd) Tipfy ToU SiaviopaTos OB AéyeTan & &piBpos 2. 'Emreidry £feco-
—> - —> -
Pioapey OB=1+20A, & +2 elvan 6 Adyos Tol OB mwpds T& povadiaiov OA.

0B
Rl
OA
ZuuPorlopev THV dhyePpikiv TRy Tod OB ué \OB/. "QoTe

)=--|—2, (66)::0 (un8. Si&wopa & dhyeBp. Twnv 0). (67‘)=+3,

A
QN &Y

') = —2 k.A.

i
nﬁpcrrnpoﬁueu ém: (OB) =+ 2—=+2 —0=Tetp.B —TeTpp. 0.
"Apa 1 &AyePpud Tl Sravboparog loobral TpdG THY Sl.e.t-cpogadv g
retp"'i!"-évng e dpyiig &md THg TeTunpévng Tob népatog adTol.

napaﬁe(yp.aru:
(EE) =2,5-2=0,5, (E;) =1-2,5=-1,5,
(B_’;\')z — —(=2)=1, (I:B):O —(-3=+3

nupmnpoﬁusv &1, &&v ) dhyePpikn TR BiaviouaTtos &l c‘igovos‘ei’vm
es-nkés &p1Buds, o Bidwuoua Exel popav Bemiknv kol #&w elvar &pvnTIKOS &=
POuds, v& Bi&wuoua Eysl popdy &pumTIKNY.

"Eqappoy
> >
Oecopolpey T onueia Z, A, B' kal T& SraviopaTa ZA, AB',

-
B'Z (Ex. 44).
IY“'O?\uyiome 6 &dpotoua (;) +(;;’) +(;)

"Exonev : (Tz:) =25, (R;) 250 _s.(E'Tz) =2,5-(-2).

. = —> — S gan
o (ZA) +(AB') +(B'Z) = (1-25) +(~2-D)+[25-(-2)]
= 1-25-2-14+25+(+2)=
= 1-25-2-1425+2=0

'AoxfoetLg

137, Ny {nmrohoyiofoly ol ShyePpucal Tinal TGV Siavvopdiwy KA,
TTNtva 1y onuelov K, A, M, N Tob &fovos elvan dvmioTolxws  —T +2 —
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138. N& evpeli] 1 &hyePpixty Tty Siaviouoros v :
a) 1 Terpnuévn Tis dpyxfis  elven % kal | Terpnpévn ToU TépaTos 8
B) 1 Tetunuévn Tis dpxiis elvar —4  kal ) Terpnuévn ToU TépaTtos —1
Y) 1 TeTunpévn Tis dpxiis elvan —.% kal 1) terpnpévn TolU mépartos 4
&) 1 Terunuévn Ths &pxiis elvan 2 kol f) TeTunuévn To¥ miépatos —5
€) 1) Terpnpévn Tis &pxfs elvan 5 ked 1) TeTunuévn ToU mépatos 2
139. N& eUpeffj 4 TeTunuévn ToU mépaTos Eav:
a) 1) TeTunpévn TS &pxfis elvon =2 kal f) &AyePpikd T alTol elven -1
B) 1) Tetunuévn tiis dpxfis elvar —1  kal f) &hyePpid T altol elvor 3

Y) 1) Tetunuévn Tiis dpxiis elven 2 kel 1) dAyePpikfy Tipf abrol elven 2
8) ) Tetpunuévn Tis dpxfis elvar =5 kal ) dAyePpikdy Tipd abTol elvan —7

€) 1) TeTpnuévn Ths &pxhs elvan % kel 1) &AyePpiki] Tipfy aUrol elven 4

14. AYNAMEIZ TQN PHTQN ME EKG]ETHN AKEPAION —
MPAEEIZ EINII TQN AYNAMEQN TQN PHTQN

§ 68. a) Auvvaperg pe Bhowv pntov xal ExBémy duépaov > 2.

Na dnodoyiollody va ywdpeva: (=3)-(=3), (—=2)(—-2)-(-2),
(=5) (=5) (=5) (-5) (9= (- (-39
“Exouev : (=3)(3)=sk3:3) = 3
(-2)-(-2)(-2) =—2:2:2) =2
(-3)- (-5 (D D=+ (33D -3
() () (- (D (A)= ~(4-4-4-4-4) = 48

Tvepllopey &T1 TO yIVOMEVOV cLoud...a Adyetan viooTd) SUvaus Tov,
sy

7 v map&yovTes
a Abyetan Péois , aeQt
kol ypdgeton ouvtdpcws: o v Aéyetan ékBEtns , ve N
kal va2

d

"Emions ém: al=a ki o®=1 (00)

Tous dpiopovs oairroUs &mexelvopey kad 81k ToUs pTovs Tpary . &piBpols
BnAadh &dv aeQ xal veN, t¢ o mopiord Td yivépevov v mapayé
Twv lowy mpdg a  ual Aéyerar viooth Sdvapig Tob a.
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E“Ouévmg ) 20 &Yvapis To0 —3 elvan
N30 BUvous ToU ~2 elven :

5 (=0p(=3)=(-3)
(=2)(~2p(—~2)={ ~2)

1 s - (- 3)- (= 3)- (= 3)- (= ) (3)'
kal 1) 5n Suvaps ToU —4 elvan: (—4).(—4)-(—4)-(—4)-(—4) =(-4)°
"E&v ouykplveopey ard TPos TG dvwTépw elpebévTa Eyouey

(=3)2 — 32 (BeTikds) ( = g )4 = (%)! (BeTirds)

(—2)p = o0 (&pvnTiKdS) (—4) = —4 (&pvnTikds)

& "Apa Gpvnrindg &piBpdg Oodpevog eig dprtiav pev Sdvapty 5ibet
®Yéuevoy Betindy, eig mepirTiv 8¢ SVvapty EEayduevoy &pynTinGy.
ntxpcrrnpoﬁuev ol :

(=2)% (=2 =(-2)+ =(-2)°
(=2 (=2) ] [(-2)+(-2) (=2)] = (=2)+(~2)+ (~2)+ (-2)+(2) = (—2)8
[ (=2PP=(-2)** =(-2)
(—2)%(—2) =(-2PH=(-2)**
(=51 (-OP=(-)"==3)
(=3 (BB o a
( 3)! 0 (_3)( 3) _'( 3)( 3)*( 3)2
( L2 =3)F=(=2)2( 3¢
"2 (=3)1 [(~2)+(=3) 1= (=2)- (=3)(-2)+( =3) = (=2)-(~2)-(=3)-(~3)
(2L 2 [ —-B)-(~3) [=1 208 (=3

ETTOuvag foxUouv ai yvwotal i810TnTEs TGOV Suvdpewy
[ Y -

a#ty (gt .a¥ = a.0.Q...QOLQLOLOL..Q = OLO.O..q = o*tY)
e P s . b

W maphy. v mapdy. B4y Tapy.
B Tapdy.
——
i .
IR = g | (L) oot = oY e

ag...a ———
—— v Top.
v mapdy.

(o i i (au e af ... ot = gHtitetE = uuV)

v Tapay.
(Byy —av . B* -y

kal étav a, B, veQ (B, v e N),
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*Egappoyal

5 o Pl e
= (3 (- )3T (-1

§ 69. B) Auvvdperg peé &xbérnv duépatoy pixpdtepov Tob pndevég.

Mveopifousy Ti TapioTd T6 oUpPorov o, dTav aeQ kol  veZ*, SnAabdn
y veopifopev 8T : -
ol = a=a-q, d=o.a.a. , K.O.K.

Ti wapioTd buws TO cupPolov a*, Stav kel ; Anhadn Ti mopioTd T
=L RS ac Al B KiGiK:

Eis Thv §49¢ eibouev, 71 & &vrioTpogos ToU o oupPohifeTan ué % Aov

o1 &pa T& U0 auTd oUpPola elvan ioa Epdoov oupBoAifouv TOV alTOV &pv
Budv (&vrtioTpogov ToU a).
o 1 1\? 1
<1 LRy S
Zyvemdss ot = — fj « (a) =
*EmexTeivopey TOV oupPoliopdy aUTOV Kal EXOMEV :

o _1_)3771 el
o '_(u T o

v 1
q—v:(%) S veN
“Qote Sdvapig pnrod (Stapépou Tob pndevds) pd Exbémy dpvi™
wdv dxépatoy, moplotd Thy Sdvapiv Tod &vriotpdpou Tob pnTol pe
0étnv Tov dvriBerov Betindv dxépoiov.
*Ewaidhy Suws & &vTtioTpopos Tol a Umdpye Stav & « slvan Bikgopos i
unBevds, Bi& ToUTo TO oupPorov a, (veN) Exer Evvoiav Stav ax0.

SupPohikéds : &&av TO veN, xai «#0, TéTE a0 = (—é;)‘

1
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'E@appoyal

w3 g ()7 G B ()

- (-4

)sﬁ N 51? T =

—
!
wir
S
4
Yl
—
|
0| w

~— b= ol =

Inpelwoig

o Ex v &vetipw mapatnpolpey &11 loye & xavev 814 16 wpdanuov Tis Buvdpews,
TV ) Bots elvan dpvnTikh) kal & ikBéTns &pTios i MEPITTES.

2. Els vév TUmov a—v =(£)v tav v =0é&yopev: a—U:(_clt.)o' AN Ereidty) —0=0
gy oI (l )o o
a

3. Els v trrépeva, dtav ypdpwuey T ouuPorov av B tvvooluev STt «€Q, a0
kal yey

§ 70, *ISiétnteg tdv Suvdpewv pe Bdalv pnTodv (Sudpopov Tob -
8“’65) xal éxbBémmv éxépatov.

Lyt (-2t =( =)'+ (- 2) =(-2)'=(-D7

i =

“Apa yevikéds @ o = ot

2 12 1 = [T el =1

1

- [ (_’_) ]"“2 (—2)8 = (—2)~ 2

i
N

"Apa yevikéds ¢ (et )Y = ot

e e L LA
AN xoid (—4)-%:(—4)3 =(—4)* -3 (—4)-543 = (—4)?

rEUtK(,'Z)g gt = oHY
2 1 P
L o= [ae] =) (-3)]=

2) (-3
(A (-4 = o
Cevikgds : (- P)Y =ov. P
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‘0 TUmos alTds foxler kal Bid TEPITOOTEPOUS TrapdyovTas

Ry =t TP -y 1B

'Eqappoyai
(=3) + (3)=3 - (3) = (=243 = (2= 9
(DT (-4)7- ()= s
_3-2: 3\-® _3n-em gy 34948 g 3N 3
e ) = 2 (O
(=)= RS SR R R
(-%%)-(*‘-35)2-( 7 ko) s
A oxNoeELg

140. N& Gmrodoyiobolv ai Buvdpes : J

i = ol I o DS i T e U R R i

P et () Do) (5N sy o e
14]1. Né& éxteheofolv katd TOv ouvtopwTepov Tpémov ol mwpdters :

@ () (58) 0 C) e () (FR) - (

» ) ()T 0 ()" (-n)

142. N& #xreheoBolv al mpdters :

1
2

=)

@) (=Dt + (D=} IR+ (D)2 4 (10 0, By (10-6)-3,

Y) 2724 41 4 081 4 (<) . 8 [(-1op -3, o [(

143. N& ypagolv Umd popefiv Suvdpews ol kérwii &pifpof :

)10 10, L 0T T — e g?
- p) 100, =100, 001, —0,01,

1 27
y) 1000, 1000, 0,001, —0,001, -5 g

144. N& ypéynTe ouvtduws ToUs kaTwdi dpifuous :

1
a)  0,0000001 . ) ~0,00000007
g)  0,0000000015

1
Y) —0,000000000045 » E) :OIODTOO—OOOQ*

145. N& eUpedij 1) Tipn TOV TapoaoTdoEwy :

@) X—4 6443 1%-2 _5x—1 vy =

P2 DKy X SRR 1) =8 = Sy =0
Y) (x+4) - 2%¢-2-3. 3%414 6 - 3%—1  tqv x=0
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1\3
B2 (=3) ¢ (=22 (=33 + (1)t
7\*.2

?
E)Xm édvx:-—% kal @ = —2
146, Ta xé&Twh yivdpeva v& yivouv Buvdpers §vds pnTod:
1 1
Q) (-8)2 . (—4)3 B) (_g).(, 4)
1 \—2
0 (—3) (-2 8 13 (-t . 2

1y~ 1 1
CoMN T .32 LR TY A
( 3) il ( 9) 3
147, N& #miiuloty ol kérwd Eiodaes @
IR R R __%*z;z(ﬁi
( 7) *X ( 2 ) P ( 3 ) 5 3 )
Y x: ( - é) A oL _..;_ 5) 0,00000016 = y - 42 . 10~8
15. TEPIAHWIZ NEPIEXOMENQN KE®AAAIOY II

§ 71. Elg tév natwrépw mivoxa mephapPdvovrar ai Pacixal mwpd-
: MpéoBeotg — MeArandacracpds xal al omovdaidrepar i8iétyres.

z‘]uelmmg, *Agaipeots pnrol elven f) mpdobeos Tol dvmibétou alTol kal  Siaipeois

U elvon & rordamAaoiaopds El Tov &vtioTpopov Tol SiapéTou.

T o, By €@

————
MpdEerg IMpéobBeog MoAAanAaciacpds
——
-YTTQpElS dbpoiopaTos A xdfe a kal P A& k&9 o kal P
xal yivopévou a+PEQ afEQ
———
MeraBerixy 1516Tns mo;idgi_% :u; P - que[_’.:uﬁaml P
| — 4
Tooon \ . A& kdbe o, P kol y A& ke a, P kal y
pooeTaipioTikn 15161 (a+B)+y=at(B+Y) (aB)y=a(Py)
—
. M& xébe o Umhpyer 1O | Ak kéfe o Umdpyer
oUB Ymapfs orotyeiov 0 choe 16 oToyeiov 1 doTe
UBeTépou aToixeiov a+0=a le de=a
e ————
Ak ke a0 Umapyer
“Yrapéis M kdBe a UmapyE 5 é 1
vribéroy kai &vtioTpdgou] Td gTorgelov —a doTe | T OTOIREION. — 2O E
oToryeiov a+(—a)=0 A
——— 1l a
lE""I»LEpw‘an] 18167 A& xéfe o, P xadl vy, a(P+ Y)=ap+ ay
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§ 72. 'I86mreg ioomiTwv xal évicoThTwy.

ady—P1y a=p  oty=Pp+P
1. o= 2. =
ay=py (v#0) y=>5 oy =p5
- a > PtY 4, &> B
i or;ry >ﬁ~/ (y > 0) - oty >p+P
ay, <y r £ ) y=>9%
§ 73. 'I816tnTEg TRV Suvapewy.
1. a*.Q ..o =ortvh. e 2. (o) = o 3 ob: o =

Y

4, (aPy.xy=0o.p.Y ..K
1A\
o] S (L

Tevirai donvoeig xeparaiov II

148. 'E&v Y= —64T7—243, y= —4+3-T42 xai z=—4+46-3 v& elpeolv g
o) XA+ydz B) X—w -z Y) XPHyrtat 8) -yt 2t
149. Né& &cteheobolv al mpates :
a) (2-541).(=241)+(=13+T):(-12+15),

o (-30) (- §)-(43)  (=-3) ¢
A S T
Bl R e R

&) —[ 4 —(=342)]+[ ~(~6+2) —141.0 -05+1]
150. N& etpeti} & x tx 1@V looThTaov:

) “"E—X”— %4,_% ——r ( ‘§) ( %)m:
Y) (_ %)-’;x=__;_ By = % e ( %)s]s
3 (-3)et-d o (- 3)re0s)

) [ 22.10-1] : x = 5010 —
51. 'Eav a= —5 kal P= 143, v& eUpedf] #) T TGV TapaoTaTEY

(+P? Py s
Dtoaprpt ,  Darzaprp 7 @B@P)
Ti TapaTnpelTE ;
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152, Ng& eUpeBTy 7 T 1OV KEATWH TapaoTaTEwY

qy S=2p P e—-l | paz
2 3 2

P (S48 - () i, o2

Y) o::‘*{ 33’[3 T3Gl3"i'ﬁ'3 vy a= __3. |3=_2

af —3a’B - 3ap? —p
B) (4xx )? =6 (xy)x —y2v tav x=-1, v =2

5 153. Eig Tas dxohovbous ToapacTacels va evpedf To é§ayduevoy, TO dmoiov va ypagl s
Vaug,

Q) (3L33) ¢ W (252992 6.5
B) (43 2: 3 s). 3-4 4 (_ ?3._)* 141 3

0345 E DT 343

5

2
B) 5 - : ;
: (';)4"'(‘%"%'2’17"811’)0_("é)z‘(%)z_(';*) Fa

154, Ng eUpedfi | Tl TOV TOPATTATEWY

Q) 42841 33K -6 3K—1 | (y —2).2%—2 gy oy = 0
0 R ) W 5 e 5 i e
M Lo ey By

5 155, Els thv 8éorv 1ol tpwTnuaTikol va TeBf TO kaTdAAnAov guupPolov Ek TV
P, = s TE kG

a) eyl U] 1_4 ; i
3 6 2
1 3 7
p) - 3
Sirs 01 BN E
Y) —=F ; 3715

Kaj V&
ToAamAaeiaodoly kal T& Buo HéAn TEV TpokuTIToua®dY oyfoewy i ( —1).
5 3\
) Eig Tas mponyoupévas oxéoers v petagepBolv ol Spor Tol B’ péhous els TO TpdTOV.

15 X
G, 5. N oA [o1&onTe kol T& BUo piAn TGV kaTwh lgoTnTwY Kal dvicoTrTwy pe o EK.IT.
SPOvOLaTTGY alTd .

l 1 1 1 3 1201 2
x) Sl [ 3 i ) S ) e ) S e

ik = D) ety = g 7
G B S| 7 1 W05

v A SUEEE e i
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157. N& tmodnbebonTe Tds oxéoes: 1. a®+P?>2ap, 2. o PPy’ > o Py +Y°
B’ &pBunTIKGY TapaberypaTw V.
158. Né& dmoberyBolv & :
O lel=lay , B (-hd=1
Y) (_])2v+l= — ¢ 5} aKk=A . gh—w . au—x = 1]

) a=p => o=
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KE®AAAION 111
A. EEIZQIEIE — ITPOBAHMATA EZIEQIEQN — ANIZQEZEIE

1. H EZIEQEIE ax+p =0, EMIAYEIZ AYTHE

§ 74. Eis Ty A’ Tdbiv dyvwploapev Eiowaets, dtras Tas ¥x+3=5, 12 —x=8,
X=15 kol eibopev &7t aron dAnBevouv 81’ plopévas Tiuds ToU ypAUHCTOS
X T drrotov Ayeran &yvwoTos THs E§lowoEws.

"Qare lowarg hg mpdg y elvar pla lodmg, mepiéyovoa tdv &-
I’,"""Tov %, ) drola &AnBeder 51" dplopévag & TdV Tipdv, Tag bwolag
UVavay va A&By & .
o ‘O d&piBuds, & dmolos brohnfever Thy tflowaoty, Aéyetan Abeig Tiis E6i-
Dot

H eUpeois Tév AMoewy Abyetan émiduaig Tiis Eflocdoecs.

z'llulucn; L

L. “Ovay Mywpey &m1 f) Eflowors ) +3=8 &Anlever Bik Thy Ty 5 ToU X, A 811 é &plﬂi}.é;
4 A Beire; v tElowaty, tvvoolpty &T1, v el Tv tlowary X +3=8 Btowpuev &vrl Tol x
5 0 MPopev THy dpdunTikhy lodtnra 5+43=8 § 8=8 (MpéTov uéhos Toov wpds T Bev-
Tepoy Mikos),
tp Ay Tiis dpyaoias atriis, Bik Tiis dwolas OéTopey &vrl Tol ¥ THV Avoiv T Eiowoews Kol
Uige, VEv 871 76 mpisTov uéhos looTrar wpds 7o Belrepov, Abyopev T dnadn@edopey THY
S0y ) gy yiverar dmadffevorg Tis Efiowoews.
Wiy Oray ule flowots EradnBeteron Sid plav Ty Tol &yvideTou Atyouev &11 1y Tipny alTh
Ym: Tpdynan Aois s EEiocaees. TT. x. bmeibh & &piuds 3 trednBever Thy x—-2=1 ouvd-
V& even Aotg avrrifs.
: 5
2. Mig t€lowons elvan Buvatdy v wh Exn Ao, TLy. # lowas 3+){=)(—i—7 Bty tma-
Anfer
ne“"“'“t. v Béocopev &vrl ToU y olovBrimote pnTév. AUTH Aéyeran &8bvavog tflowans.
B Y"dlpxouv kal Efiodoes al éwolan Exouv dmelpous Aboeis, T.x. i X +5=5+% twoanfeveran
OlouBrrore pnTol. AUTh Myetan tavtdtng fi &bpioToc Eflowons.
MY Al tiodoes, Tas dmolas t€eTélopev, &véyovtan els TV yevikhy uopehv ay +B=0, # éwola
B T Elawarg npitov Baduod bg mpds X, Erebh & &yvworos et BBty ThY povd-
" HB=0 } ay+p=0.
la, B elven dpibuol # mapacTdons dvsapTnTol Tol X (W) wepibyovoal 16 X). ‘O o M-
5":‘ SUvTeheoTs Tol &y véxorou Kal Bewopeltar Sidgopos ToU unBevds. ‘O P Abyeran yvwoTds

ey, .Eig ™ tlowory 6y —5=3y +1, f omwola elven lov Babuol g Tpds ¥, TapaTnpoluey v

M Tapaoaoes 6y —5, Ix-+1 Abyovran epihn Tils tEiodaewsy Ol Spor aUT®dy Abyovval

WYnpionoiBnke ané To vetirouto ExkmaibeuTikrig MoMTikrg
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kol 8por Tiis Lo, Ol —5, | elvan ol yvwarol dpor kal ol 6%, 3 elvan ol &yvwoTor Bpct

Els v tflowaiv 2x+ + Nl A2 Suvépeda v Becopiowpey s Spous Tol 1¢/

péhovs Tds TapaoT&ots ’%;.3 xal 2%:1 kal 1ol 20u péAous THY TaphoTactv 3_'%2

§ 75. "Ioobbvapor éElodroeis.

Al EEiowaes Y —2=5, x+3=10 &ouv Thy Mo 7, (51ém EraAnedovT?®
&y &vrl ToU ¥ Tebff & 7) xal podvov auT.

Avo Eoboelg pé Eva dyvwortov Aéyovrar looblvapor, dav o'
¢ avrtdg Aboelg,

§ 76. 'ISibmmreg TV EELowoewy
a) ‘Edv els v lowoy (x+2).3 —6=12 ixTehtowpey Tas Tpatels
3x+6 —6=12

S
3x+0=12
xaTodfyopey s Ty tlowoy 3x=12, # émola Exer Aoy TOV &pibuoy 4.
‘H AUois ) elven xai Abots Tiis &pyikils, 8101 Taparnpolpev &T1 !

trrahnBever : (x+2)3-6 = 12
o pédos : (44-2).3 -6

6.3 -6

18—6 = 12
B' péhos: 12

‘Qoe, tav celg té pédn Eoboewg duteléowpey Tdg cmp.etoup-f\’“
npdkeig, edplonopev laobivapov EElowory.

B) ‘H tlowois x+3=2 &xa Thv Aaiv —1. 'E&v mpoobiowuev xai &
T& SUo piAn oUTiis TOv 4 B& Exwpev:

X+3+4=2+4 &= x+7=6.

‘H éflowars x+7=6 Exer Thv Moy —1, &iom Thy Emodnfeve kol £
péves elven foobUvapos Trpds THY &pxIkfv.

*Apa,tdy mpoaBéowpev xal elg T& dbo pédn EElowoewg Tov ade?
pntév, AapPdavopey loobivapov EEloway.

Enpelweig. Té alimé loyve kal dtav wpoobiowper Thv almiv mapdoraoty, 1 omol?

Tepiéxel Tov &yvwoTtov X. X, X+3=2 4= x+3+(x+i)=2+(X+1)i—)2)(-i-4=)('+3‘
AUt Exer THY AUoiv 1, Bidmi THv EwaknBele,

2.(=1)+4=-143

—244=—143

2=2
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Mpaxtixdv cvprnépacpa tie ididtnrog adrig.

‘Edv wpooBiowpey els dupdTepa TU WA THs tficdoews 2% +3 -5 ToV
=3, Acppévopey v ioodUvapov Efiocwotv 2x+3+(—3)=5+(—-3) { THv
2)(:5-—3, f| omola elvan &mhovoTépa THs dpyikis.
napcrrnpoﬂu&v o1t £k TTjs &6locoews 2+ 3="5 peraPaivopev els TV 2% =
=33, taw METaQépapev TOV 3 €k Tou 1oV péhous els TO Selrepov kai ToU &GAAG-
Whey T TPSCTHOY Tou.
; "Qore Suvapeda va peragpipwpev dpov &Bpoiopatog évdg wéhoug EEi-
:“"’Ewg, eig v &Ado, édv dAAdEwpev td mpdanpov adTod T ouvTouws
8pog Eowoews, 6 drolog dAAdooel pérog dANdooer xal mpdompov.
Napadeiypara

Lx—5=7 &= x=7+5

5 2.3 2y +6=5% ~1 ¢mp 3+-6=22x+5% —1 4mmp 3464 1=2x+5 4=
+

2X =346+ 1. Eis THv popeRv aUThv THs tEiccosws Abyopey &Ti ExouUEV
PPt yveaTous &mo dy vdaTous.

Y) ‘H ttiowos é —~1=0 éxer v Aoy 2, BidTL THV Emainleve.

MoMamAaciddousy kai T& SUo wéAn aUTfs &l 2 kai Eyouev (3-1) 2=
02 ey X2-1.2-02 €= x—20.

& ‘H ¢flowots x-2 = 0 ixer v Avov 2, &pa elvan fooBUvauos wpds THY
PX1xry v, g

g 'Eﬂouéumg, éav moA/ cwpev sal té SGo pédn éowcewg émi pnTdv,
Popoy <od pndevés, AapBdvopev looddvapov éfimwaty.

Hpaxtixd ocvpmepdopata tijg (diétntog adrig.

- L. Tloh /Zopevemi (1) dupdTepa T& piAn Tis 2 —x—3, (2 —).(-D=
(=1) xai AapPavopsv v loodUvapov Eflowoiv —2-fy= --3.

partnpoUuev 311 §uvdusba va dAAE&Ewpev 16 mpdonpev Thv dpwv
T

el oo
U gy 8Vo peddv pidg éElowoews.

, 1 1
uﬁpu&elypara 2 =T 4 x= 1, —x+3I=— 5 > X et 5
2 oA /Zopev xad T& BUo péAn Tijs Eio. )2< )(3 =1 &mi 710 6, (EK.IT

: TapovouaoT@®v), 6 ( )5 - %)::6 1 = 6. )2( —6. )31 =6 4= 3y —2x=6

% "Apa SuvdpeBa va éEaelPpwpev todg mapovopaotds pidg éEEow-
“s, day no]\/ pev & pédn adtig éxi vo E.K.II. t@v napovopast@®v

Ynionoi}Bnke amdé 1o vetirouto ExknmaibeuTikrig MoMTikrg



92

Mopadelyparta :
I %—3:1 - 2. % —2:3=2"1 4= x—6=2

2y I-x 3 2%, 12(1=x) _ 9. 3 . NG
2. 2+ X2 e 120 T =50 =125 e 424300 x)=6

§ 77. 'Epyasia 81& thv énidvoy Echoewg 1ov Pabpob pé dve
dyvwatov.

; 2y 41 -2 1
N& tmavdf 1 EElowors ¢ x4 _XB =

A& v& EmilUowpey Ty Eficwoty auThy Efodeipopey TpdTOV Toug Trapd”
VORaOTAS.

TMpds TolUTo eUpioropey 1o E.KTT. Tév TapovouaaTédv 4, 3, 2, 16 émoio!
elven & 12, ok /pev kad T& BUo péAn THs Efiomoewg el TOV 12 kai tkTeAoUMEY
T&s Tpdfers Biaipioews (&mromorioes). TolTto elvan wavroTe BuvaToy, BT
& E.KTT. Tév mapovopaoTdy elvar Siapetdv U alTddv.

gore: XL _XZo o 12 (Bf DL .

- 1_2_-_14%_*:1)*, l?fxgi?) =61 = 3 (2x+1)—4(x-2) =6

Ay Thy Eriiuoty Tiis §iodoews 3(2x+1) —4(x =2)=6 (xai olagshmo™
&Mns TS wopefis aUTHis) épyatoneba ds Egis:

*ExteloUpey Tas Trpdlels ToU TToAAQTTAGOIAG PO ¢

3(2x+1) —4(x —2)=6 4= (6x+3) —(4x —8)=6

*E€ahelpopey Tés mapevBéoes 1 (6% +3)—(4x—8)=6 = 6x+3—4x+856

*ExTeAoUpey Tos Tpdées mpoobicews : 6y +3 -4x—|—8=64—>2x+-11’6'
(‘H tpyaoia auTh AfyeTan kal dvaywyn TéV Opoiwv Spwv). .

Topa B1&x v EmAlowEY Thy 2x+11=6, petagépopev Tov 11 els 10 ﬁ
pthos (xwpifousv YvwoToUs &md &y veoTous), " 2+ 11 =64mp2y =6 —11 xd'
trehotpey THY TeheuTaday Tp&gly mpoolicews f dvarywyhyv, i

2%=6 -1l 4= 2y= 5

*Ev ouvexelg émiAvopev Thy 2x= —5, t&v Sicuptowpey kal T& BUo lié‘t‘ﬂ
aurrifs B1& ToU ouvTeAeaTol ToU dryvwoTou, BnAadn E&v oA /wpev xad & 8%
uéAn aUTiis &mi TOv dvtioTpogov ouvteAeoThv TOU &y vewaTou.

2y = -5 4= 2—2)—(= —% - = — 'Z SuvTopwTepoy 2y = —5 '

5 Al = i ; 2% 41 Y2 ] 0
X=—7 Qote f| Aois Tiis  &pxikfis E§lomoews - P S et elvat
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"Emraiifeuons :
o péhos :
5 5 —5—4
DS e Ve sl U i e
4 s, = 4 3 4 6
9 6 , 9 _—649_ 3 _ 1
= R TR g o B B
4 Doy 1
B' péros : 2

"E&v ouvoyiowpey TE AVWTEPW Si1& TNV Emidvoiv wds TpwTopabuiov
gEl“‘bUEwg_, Eyopev THv EEfis yevikny mopeiav Tiis EmAUgEws.

lov. *Efcheipouey ToUs mapovoucoTas (E&v Umdpyouv).

20v. 'Extehobuev Tés mpdfels ol /opol.

3ov, E€aheipopev Tas mapevbioes.

dov. Xwpilopev yvwaTols &md &y veooTous.

Sov, *ExTehoUpey Tas dvaywyds Tédv opolwy Spwv kai els T& BUo uEAn.

6ov. Alcapolpev B1& ToU ovvteheoTol Tol &y vawaTov, v elval Sidpopos
o M8 evds.

Ak Tis dvwTépw tpyacias maoa tfiawaig lov PBabiuol pt Eva &y vwoTov

Ruuﬂﬁm THY popehv YX=25 kal Exer TV AUav Y= fs— t&v y#0.

z'llr'-ﬁlwctq. Elven Suvatov ) EkTéheots Tév Tpabecov oA [opol kal 1) EE&henys TGOV Ta-
:;f.“‘”” vi yivn ouyyxpéves. Thyx. 20x+1) -3(x+2) = 5(x+1) 4kx-1) &
23y 6 = Sx-45—4x-+4.
o 'E'n‘icrqs Tplv ¥ wpiowpey yvwaToUs dmd &y vidaTous, Buvéuea vo tkTedbowuey Gvaywyds
L ds v By peAn s Ebiocorws, TLy. 642 —3x —6= 5X-+5 —4x 1 46=>3x 4 = x+9.
v OUvexela ywpilopey yvwaTous &mé &y vhaTous....

§ 78. "Enliveig tiig yeviniig mewroPabpiov Elodoewg

™ it Yevikr) Elowais ToU o Pabuol Exer THY popephv ax+p=0. MeTagtpouev
V Yvwotdy 8pov P els 1o P’ péhos kad Exomev ax=0—Pp fi ax= —p.

& 3 = ; ey B e

Aicipoiipey S1& ToU ouvteAeoTolU a ToU &y veITOU: - =— 5 kai epi-
Okoyy, s g
EV Ty A = T
nv Aoiv =

z‘lﬂtlmm; 'O « Becopeiran Biégopos Tol undevss. Eav a=0 xal B0 1) Elowos elvan &&Y_

tm o5 Thy. 7 ticwaors Ox=5 elvanr &BUvares, HidTi Bév Umépyer pnTés, O omoios oA /pevog

0)( 0 vy 8idn Tov 5. 'Edv a=0 kal P=0 7 &iowois elvat &bproTos, TauToTns. Thy. fi tflowas
=q 4

elven tautdns, Bidmt EmahnfeveTan &mo kée prTov Ep1BUSY.
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'Aoxhoersg

159. N& &mridufolv kol drednfeubolv al tfiowoses:
a) —12x+60=12, B) 3x ~14=+8, Y) 5(x ~2) —2(3 =)= 3x—*

8) x—1=23-20-3(1-x) , O 2x-5 = EX_S—E

0 y— 2= o B(_X:_Q.

XX =
.u'r)2+35

3
160. NatmAvonTte Tds E§iocoes :

£=5¢ AL N, AN o X
@) =5 L =x-6, &) x+ (& X) = F+%
= = " = = = 6
o Bn R AGeR) e 40 gy 2X =l N P O
2 5 10 2 3 4 6 6

161. N& eUpedij 81’ &vaypagils T ouvohov AUB #w:

@ A={x/30x-1=12 xeQ} xal B={x/ KHE-3X 4 yeo}

p) A= {x/% 12 =4 xQ} xa B= {x/ 2}313: Xzi, x€Q }

e, % aneriioe gk TN e _Sx-1_ 20
Y) Aé{x/—y e g XEQ} Kal B~{ X/6,5 e XGQI

162. Né& tmavlolv al tfiowoes @

@ xt2=x+l . B x#3=24x+l, v ED x5,
WSy12 oy IX+HT_ x-l Sx 46 _ x+?
G T B e St R SR S

163. N& eupeBolv Ta ‘roouvoda ToU Q : A, B, [, A, E kal Z, Edv:
A={x/Ox=—4}, B=(x/0X=0}, F={x/x-3=2+x}h

- 5x —2 1 5x —1 3
A=(x/lx=x} E = {x/ g’ij—i— 4—"1—2—-= X—i—'—} » L= {x/2x—x4 2=3+g

[64, Ak molas Tipds Tév a, B, ¥, 8 al kdrwh thiodoeis elvan &Buvarot;
Iy (@+2x=1,  2) Bx=6+5% 3 Gr-Dx=2 4 sx+x+1=5¢x+1
165. Ak Trolas Tinds Ty o« kal B al kérwb Eiovoes elval déproTot;
) @-x=P-2 , 2 Gatdx=p+5 » 3 ex-1=p-3
4) ax—B = 8x+3p -1

2. TPOBAHMATA ENIAYOMENA TH BOHOEIA EESIEQIEQE
Aouv BAGMOY ME ENA ATNQEITON

§79. TlpsPAnua elvan wia pdTaots, f omoia mepiAapPdver Seﬁouévd"ai
InToupeva, T& dmola elvar pnrol &piByol ouvBedpevor petafl Twv. H sﬁpi‘ﬂ‘
16 {nToupévewy Abyetan émlAuois ToD TpoPAfjuaTos.

%
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"Ev TpOPANUa BuvearTal v& Etkppaodf Umo s tEiomoews, s fa Bewpey
KaTewTépe.

A& 16 EEiohoewy edplokopey oUVTOHGTEPOY Kal €UKOAGTEPOY TTV AUV
Tav TPOPANU&TWY.

t-np.elwm;

Qv Umrdpyer whvToTE AUOIS, &y T& Sebopéva ToU TpoPAfuaros Biv elvat tmapkf kal
kmmﬂle TLy. els pabnths Exer 20 Spyx. kal tfoBever 3 Bpy. fuepnolws. "Alhos ;.fccBn-rhs
e 12 Bpy. xai EEobevar 2 Bpy. fuepnoiws. MeTd wooas fiuépas 0 Exouv T6 aUTd TOOOV XpPN-
X @v; Aty Umépyet Aots. *H Aois 8 fp. Bty elvan Gewh B16m mépav Tiis 6ng fuipas Biv O&
XOUy yofuarra,

Hapu&dyp.a'ra :

lov. "H A" t&Eig tvds Mupvaciou Exel 2mAaoious pabntds &md THv B ngw
kal § 1&g Eyxer 3mhaoious &md THY B' T&fiv. "Av ol podnTal &Y TGV
oy floav 360, mooous pabnTds Exer N ke T&LIS;

Al ANigeis mptmer va elven dpifipol dxépaiol BeTixol.

"Ev #k 1@&v {nTountvewy oupPohifouev Bix Tol X. Els T& mpoPAnpa cUTo
i TAfifos T@v padnTédv Tis B’ Tdfews. Aix va oynuaTicwpey THy Efiowaiy
épyuﬂéusf}c g &xrohoUBos

‘H B’ ékis Exer x HadnTas. ‘H A’ tafis f) dmola Exer 2mhacious pabnTas
Gmy THy B’ téEiv 8& Bxn 2x webnTds kai f T 1&Gis 3x pabnTds. TANAG,
Mol A' rdfecos | poBnTal B Taeews + padnTal [ TéEews = 360 pad.

2x o+ X 3 3x = 360

Eridugs TRs EQiodoews
2x+X+3x = 360 4= 6y = 360 = ¥ = :3':0«-5 x=60

"AmdvTnols els TO TPOPANUA:

‘H B’ t&fis By 60 padnTds.

‘H A T&Eis Eyer 2.60=120 pobnTés.

H TéEis Exer 3.60=180 pabnTds.

"EmtafiBevots : 60 pod.+120 pad.+ 180 pod.=360 uad.

20v. AUo avroki vnTo Brkivotv TauToypdves tk BUo ToAewy Axal Bt sl
P TayUrnTas 45 km/h kol 38 km /tLEVTlO‘TO[XOOS kal kivolvTon elfuypau-
Mg g THv gopdy Tol SlaviopaTos AB. Metd boas dpas 8& ouvavinBolv
A els molay dméoTooIv K s woAews A, &y f) dméoTaois AB Tév Buo wo-
9V ey 21 km

Al Mioeis mrpémer va elvon BeTikol dpiuof.
’E‘O\OY?'] ToU &y voaTou
"Eoreo émi peTd y opas O ouvavtnolv el 10 Z.
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b3
¢
m
t
V]

% 2/ km 38x ki
A5x Am

ox. 45.
SxnuoTiopds  Tis  Eflowoews
"Eqdoov eis 1 Gpav 16 lov adtokivntov Siavier 45 km els x dpas O o
wan 45¢ km. To 20v evtoxivitov els x Opos 8& Siawvon 38y km.

*Apa 8& Exoopev ThHy Eicwo : AZ = AB + BZ
45y = 21 + 38y.
*Emiduois Tiis E€iocdoews 45y =21 + 38y 4= 45x — 38~

=2] 4= Tx =2l = x= g;_ - x=3
(CEmofiBevois Tiis Efiohoews 1 45% = 21+138y.
o péros @ 45°3 = 135
P’ péhos : 21438 3 = 214114 = 135).
*Atrdvrnols els TO TPOPANHQ :
Oa ouvavtnfolv petd 3 dpas.
Eis &mdoTaoty 3-45 km=135 km &md THv moAv A,
1

3ov. To 3 mwhdolov &pifuol aufndév kard 12- yiveton 41,5 . ﬂoioﬂb

&p1Ouos;

‘H AUois elven pnTods Gpibuos.

"EoTeo ¥ & nTolpeves &piBuds, &pa 1o 3mAdatov albtol 6 elvan 3. Py
POVs PSS TO TpoPANua oxnuaTifouev v Eflowaotv.

«TS 3mAdotov &pibuoly «avfndiv kard 1—21— » «yivetary 41,5
. , 11 &
3x% -+ 3 = 41,5 ‘
"Ex Tiis emilUoews Tiis iE1ochaews edplokopey Thv Avotv 12, f| omola g

Anfever aUThv Kad Emopévas elvon & CnToUuevos &piBpds Tel TpIPATuToS:

4ov. AUo dképcuol BeTikol &pifpol Exouv &bpolopa 188.°0 usyoc?\\'JTEPai
Bioupovpevos B Tol wikpoTépou Bider TnAikov 3 kod UoAoimov 8. Tloiot
dpifpoi;

Ai Auceis BeTikol kal dxépanorl &pifuol.

Edv & pikpdTepos elvan x, TOTE & pEYCAUTEPOS 8 elven 188 —y kad oW
povws Tpds ThY 1BidTnTa:

Mcnpetéos—BioupéTng &l TnAikov -+ Umdhormoy, Exouey THY Elowaty’

188 —x = x.3-+8
‘H Aois Tiis eGiodoews ovTiis elvar 45.

"Apa & wikpSTepos dpiBpds elvon & 45 kol & peyahUTepos 188 —-45;143'
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Modeypomt & 143 Siapoupevos Sidr 45 8i5e1 TnAlkov 3 kad Yméoimov 8.

. Sov, Kpouvds yepiler kevnv Befapevnv els 4 dpas kel &Ahos elg 12 copas.
S Mooag hpas 6& yepioouv Thv Befaueviv.éav ptouv kai ol Buo ouyxpovws;

"Eore, 871 els ¥ dpas B yeploouv  kad o

ol Blo kpouvol TRy Befapevny, ¢y ptouv %
Y Xpbucos. (‘O y mpémer va elvan BeTIKGS). 2

‘Emeidny & rpidTos kpouvds yeuiler THY Aefopevn
Louevny elg 4 dpas, s 1 Gdpav 0 yeulon X
L N g o e 7
7 QUTfig, elg 2 dpas T& 4 aUTHs Ka els
X Bpog ra X s, A
4 oy. 46.

‘O BeUrepos kpouvds els X Gpas O ye-
ioy T 1’52. abTiis. “Apa Exopev Thv Eflowov:
Mboe - . ; : S S5 -
POS Tfig &e€. To omoiov | wépos BeE. TO Srolov OAékAnpos # Befauevn
YE“R:H & o xpouvds s ¥ yeuidsr © B’ kpouvos (Mix  Be§apevny).

aporg els ¥ pas
X X = 1
4 ¥ 12

H Ao THs t6iodoews elvan 3.
|E"T0uéw.og el 3 Gpas B yeplgouv ThHY BeCapeviv kal ol 8Uo kpouvol.

Top Bov. Macrhyp elvon 42 ETév kal 6 vids Tou 10_§T(:!V. MeTd rdowa ETn 1) HAxia
Tatpds 8 elvon 3mAacia s fixias Tol uioG; '
5y ,"E‘”m pere y Ern. CE&v Ay TR Tol ¥ ebpedfy &pvnTikd, TO {nTOUREVOV
PN kora 1o Taperbov).
Tore f| fAwia ToU Torpds B elvan 424 Kkal Tol viol 10+y. "Emeidfy 1
fx 1oy marpds elvan 3mAacia Tis Hixias ToU vioU Eyoupev Thv E§iowoiv:
42+‘n’(‘:—3(10+)() = 424 x=3043x ¢=> 2x=12 4= x=6. "Apa
petd 6 Etn 8% ouuPi TO {nTOUuEVOV.

Mg

§ Tov. To &Bporcpa TV ynelwy Siyngiou &pibuod elvan 10. "Edw étlrcx?\?\o’u—

(.;Elsv v Béoiv TéY Wnelwy Tou, TTPOKUTITEl &p1fuds kora 18 peyaAuTepos.
%5 elvan &p1Buds;

Eay X TO wnelov Tév BexdBowv, TETE o ynelov v povabav 8 elva

) 28 y :
X xod & &piBuos el (lx. 33 = 10. 54 3)
S
Sexdbes o vades Sexdbes povades
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Mepropiopsds : OF x, 10 —x mpémer v& elven pfy &pvmrikol &képaior kai W
kpoéTepor ToU 10. "E&v EvalA&Ewpey T& yneia, & &pifuds 8& eivon :

10 (10 =) +x
S

Bexddes povbes

*Emeibi) & P’ &piBuds elvon kard 18 peyaurepos, 84 Eycopev THv Effowat?’
10y 410 —+18=10(10 —)+¥

‘H Abois T E§iowaews adriis elvan 4.
‘Erropéves £xopev 4 Sexddas xai 10 —4=6 povddas. ‘O &pifuds elven 6 46

8ov. 'H miun 10U kiAol Tol kpéatos elvan ket 9 Bpy. upeyoAuTépo 10
TpimAaciou Tiis Tiufs ToU kidoU Tév Lupapikdy. 'Edv 15 kid& xpéaTos kot 5;
KIAG Qupopik@dy  &Eifouv 1370 Bpy., Tola f) Tiuf ToU kiAol ToU kpéaTos K
TV Jupopik@v; (Al Aoers pémrer va elvan Betikol &piBpofl). -

“Eoter X Bpy. ) Tiun ToU kihol Tév fupapikddv. *H Tipd) ToU kiAol @
kptatos B& elvan 3y +9 kai 8& Excouev Thv Eficwaoy :

(Bx+9)-15+450x=1370 &= 45%+4 1354 50%=1370 4= 95y%=1370 135
95y =1235 = ¥=13. "QoTe f| Tipn ToU ol TV Lupoapik@dv elvat
Spx.kal 1) Tiuf ToU kiAol TolU xkpéaTos efvon 48 &py.

IHpofAfjparta

166. 'Eperpricapev 360 &ropa &ubpag, yuvaikes kal raibas. Ol &vBpes fioav 2mhdoiot o
yuvakésy kal ol waibes T _:;’_Tc“{)v yuvaik@v kard & mAffos. MMéoor foav ol mwaibes :

167. 'O Térpos &xer 3mhaoias Spayuds dwd Soas Exea & Tadhos. TTéous Bpy. Exel exoa ™
tay & Tlérpos Eyn 12 Bpy. mepioooTépas ToU Tlavdou ;

"

168. Avo mobnAdman ut TayxutnTas 19 km/h xal 17 km/h xavoly ouyypévews 5(.
mwoAewy, al bmoicn dméxouv 108 km kal kateuBUvovton  mpds ouvdvTnoiv Twu. MeTd ¢
gas Opas B8& ouvavrnBolv kai cls woiav &wéoraoiv €k Tév wOAEWY

169. "Eav els &piBudv mpooléowpey Td w;f avrol, ebpioxopey TOV &pbpov 19 ﬁ;“ﬂ
TwPEvOY  KaTd TO % ol Lnroupévou &piBuol. Tloios & &pibuds

v P
170. N& eUpeBolv bUo €eTikol ductpcuor dpifuoi, ol omoiol v Exouv Siagopav 401,
TnAikov TolU peyaAuTipou Sk ToU pikporépou v elvan 6 kad TO Umdhormov 6.

i
171. Kpouvds yepiter keviyv Seapsviv els 3 dpas, dAhos els 6 dpas kal Tpitos THv d&slw
el 4 dpas. Eis wéoos dpas 8& yepion §) Sebauevd) dv péouv kai of Tpeis ouyypdvws;

&
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3 172, Tathp elvan 59 érédv kol & vids Tou 29 ETddv. Metd mooa étn ) HAkia Tol waTpds
% Hvay 1y % THs fHMkias ToU vloU ;

. 173, «y Biagopd ToU ynpiou T@v BekdBov dmwd  Tol ynelou Tdv povddwy Snyngiou
T:"euoi] elvan 3, *Eav wpoodiowpey els 1ov &piBudy  Tov &1 Evahayifis TGV yneiwy Tou
PoMmTo vt véow &p1Bpdy, evpioxopev &8porona 121. Tlofar & yngla 1ol &piuol ;

174, *Ans motov &pifudy mpémel vk &paipbocpey 16 13mAdaiov  ToU QIT avTod,

i)
7

% vy eipwpey dpifpov katd 4 pikpdrepov TOU 2mhaogiou ToU aUToU ;
. L3 2 ; g STHh i
175, Exéotn Tédv Towv mheupidv loookehols Tptydovou elvonr  T& 3 Tfis TplTNs TAEU-

i *rol, Né eupeBodv al Theupad, t&v f Tepiuerpos Tol Tpiycvou elven 31,2 em.
1
176, y ywvia B tprywvou ABIM elvan & % Tis ywvias A ral ) yovia T elven 10 T
™ Yovies B. N& elipeBoliv al ywvicn ToU Tprycvou ABT.

17, ‘YwdAAnhos ESamavnoe  Td ‘52_ Tab pio ol Tou Bik T &yopdv UgdopaTos Kol
T 1

-

3 Mol Bk pamTikd. "Edv ToU weplooeuoay 800 Bpy., woiog elvar & moBds Tov

178, Mojou &piBpol T4 10TAdooy elvan peyehUTepov katd 16 Tol 2mhagiov ToU %
g,
179, N& Brorutefoly els mpoPMinara ol kdTwd EfomoEs :

) e X 7, ST Y S, S
)7_ ,Iﬂ9, ﬂ)é_ 35 e YERES s 9

3. ANIZQEEIZ IPQTOY BAGMOY ME ENA ATNQEITON

‘§80. ‘H oytois x+1 > 5 & x=T7 dAnbeder: 7+1 > 5, &AAa S x=2
%: SAnBege, (241 &tv elvon peyorUrepov Tob 5). ‘H x+1 > 5 Myeren &vi-
01,5 TpcdTou Pabpol ds TPOS XK.
viowais ¢ pds ¥ elvar pla dvigdTng Tepiéyovaa TOV &yvwaoTov X.
nqpﬂﬁsiyucrru dviowoswy lov Babpol :
x—1>3, 2x4+6>0, 4x+10<0, 3x-1<8
big erle')g Ty &ulcwoly 1ov Pabpol s Tpds Eva &y vwoTov X TaploTEOHE
s oxtoews : ox+p >0 (o, p e Q).
9&05!(\0038 dviocoews AéyeTan k&Be Tipm Tol &y vbaTou, 1) dmoia Ty Emedn-

TT'X- To 7 elvar AVais riis x-+1 > 5.
Eniduars dmodoews elvan ) edpeots 1@V Aloewy aUTiis.

:
Wy I‘ms‘:’\"dum AéyovTon BUo GVIoWOELS, &tav Eyouv Tas auTas AUoels f) TO
[} 0
SUvodoy Avgewv.
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*I8t6tnTeg dvicwoewy .

0t

Al &uiodosis Exouv Tas IBi6TnTas, T Smolas épdBopev els Tas o {

(§76). Béoa Tév {SioTfiTRov altdv, AapPdvopey dpdoTpogov igodivapov &
cwaoy, pE TV Tapatipnotv OTi:

"E&v oA [uev kad T& BUo pEAn &vicwoews trrl BeTikdov apifpdv, vpoxb‘ﬂf
SudoTpopos loobUvapos dvicwors Evdd, &av oA [uev Errl &punTikOY, TrpokuT™
ttepboTpogos loodUvapos dvicwals.

‘Emropéves, Edv dAA&Ewpey TO TpdonJov T@Y épwv kal T&GY Svo per?
dvicwoews Tptmel va dAA&Ewuey  kal THY gopdv aUTiis.

A& Ty EmiAuoty duomoews dkohoubolpey opelav épyaaias 'arorposic’icr
tkelvns, THv dmolav EudBopev els Tds Eiooels.

HMapadeiypara. -
lov. N& #mAvei] 1 dvicwaig 3x —2 > 4.
2> 4 > I D>AH2 = K >6 = LD S @ x>
‘Erropévas &hor of pnTol ol ueyaiUtepor ToT 2 elven Aloeis Tiis ot e dad
3x =2 > 4.
*E&v ypnotuomromompey tov &Gova T&Y pnTddv &pibudiv, Tapartnpod
-2 - 0 1 2 i et 811 els TO aUvohov THV AUoE

g &vnikouv oi pnol, of dmoiot el

ox. 47. Bebik ToU 2.
2ov. N& ¢mAuvbi) f| &vicwols 2x+5 > Tx —15
2X+5 > Tx —15 4= 2x —~Tx > =5 —15 4= —5x > 20 = 5x < 20 «*

: X< ? o x<n
i "Apa of pikpdTepol Tol 4!
=} 0 ! 2 ge Tel N F 7ol elvan al AUosis TRs ép)("(l
e RO | " &wiodorws 2x-+5 > Ty —15- |
ox. 48, 1oy &fova TéY pryrédy al A
elvan dproTtepa TolU 4.

3ov. N& &midvli 7 dvicwols: jx;_—l<-§

B X e SO 6 X 4 2 2+ 13 > dx+2< 3y ¢
Ay 3y < -2 4= ¥ < -2

Oi pnrol, oi omoiol elvan dpioTepd Tol: —2 iy TOV &fova TéV P

&unkouy els TO oUvolov TGV AUocewv Tfis X< —2 kal ouverrdds Tiis iooBuve

. ' a 2y -
TPOg  auTnV X3—H<%

i

&
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4ov. N& mpoobiopiofotv ol 1 .
KoLy AUoels TRV AVIoWOEWY : 2 el g -

2%X+4 > 0 ka Iy —4 < 11. .

Exomev: 244> 0 ¢mb 2(> — 4 = X >—2
3y —4< 1] 4= 3x < 4+1] €= 3 <15 = x<<5
M-{v —? -2 = O { 2 B 4 b} 6 7

ox. 50.

Bt Al kotvad AUoelg TRV dvartépw dvicwoewv elvar ol prTol ol peyoTepor
Y]

b =2 xoi pikpéTepor ToU 5. T oUvorov cT®dy TGV pnTHdY TEPYpAETAL
el R B N

E‘II-’-E[mmg.

Eay A= {x/2x44>0) xal B = (x/3x—4(11}
Exouey : A= {x/X>-2) xa B = (x/x<5)}
ADB = (y/x>-230(x/x<5 ) = x/—2{x<5)

5

Ov. Edv yeZ kai —3 < x < 5 (& x mepiéyeton petaby —3 kai 5), v&  el-
P dvaypagiis T oUvodov A = { x/2x—1< 24y }.
'E)(Ouev: 2 =1 € 24y 4mp 2¢ —x < 241 4= x < 3. "Apa & x elvan
—2H0s T, 2 exedt- A =0 =2,00,00, 2.}
Sov. N dmAouaTeubij ) Teprypogh) ToU oguvoAou :
A= { x/4x-5<3+3x A x5>4x-2}
Elvg, 4y —5< 343y = 4y —3x< 345 e=> x <8
5 =5 > 4y —2 4= S} —4x > 52 4= X >3 4= 3 ¥
"Apa A={y3<x<8)}

'Aoxfoerg
180, Ng tmidvloly ol dwnadhoes
@) 2x48¢0, 8) 3x ¢ x+1, o) —2x+1 ¢ X B) x+1 _?!
BY-2x> 5 . o K455k W) -3 3-D+20-0 .

M+l _x-1l 2+l 1%y 3 WAL _4-xey
N AL X0, o KKy, ) Fs -5
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181. Na émaviouv al &vigwoEs :
1 3 5
e L i i
a) 2-% 7 s 5 G S M |
B) S(x=3) ) 3(x=1) . o) 18-50x+1) ( 3(x=1) —2
¥y 204 —) —3(x =T) ¢ l6x+1, &) —13(x-2)> 1 -6(x —3)

SR B=2 a3 2)( =L abyi=4 32 | Tyets
5) 6- X e IX Bl :
bs o R i By 12
e / 5 2y —4 " 2 1 3.3 1
182. 'Eav A = {x )fj {Z>x+,,.3_.}m| B= {X'EX* 5 > }ix.-"é }

v rapaoTodi] ypagikas TO cUvohov ANB émi Tijs e0feias TGV pnTOV.
gy s et
183 v A - | x/x—-5) Sx-1}wal B - Ixl 4 x+1> x-2 Jrve e

07 81 dvaypagiis To oUvorov ANB = { X /XEZ }

184. N& mapaotabolv ypagikds T& ouvoha (Eml Ths evbelas TGOV PTTGV).
A = LRt A Bt et !
p) B = ‘ ¥/ =5 < 343y ASx-5 > 4% 2 }

y) T = {x« 12)(%5 > —3x —2 f\.%x—l <X_.2}

8) A f)(;' - g_x—éi > 0 A _.%x,,l,g s 0 }

1 z
185. N& EmiAuboly al &viodoes:
o s i SR S (TG = figar Tk
Byl >y G S BY Bl ot X+6 7 x+4

B'. SYNAPTHZEIZ — I'PA®IKH ENIAYZIZ THE ay+px0

% H ENNOIA THE METABAHTHE KAI H ENNOIA THZ EYNAPTHEEQE

a) ‘H &vwola tijg petaPintis.
§ 81. loiag Tipdg dtvatat v Adfy 1) HAwxia &vdg mardlov ;

‘H HAcia évos anblou duvaTal v& AGPT) TAS TIMGS ; grn, 1 ET0% l

Ern. Gos Kol Ao TAS WETA U aUTéy Tipds. [evikés B8 Shas TS PETA U
n, WS
ked 12 ETn TIRGS.
( sl o 3 ey e ¥ ) 1 K0
*E&qv oupPoliowpev pe ¥ ETN TNV fHkiaw Tol wenblou Exopev TOV iver

l,Sl...

|

Ll
Ik

&
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Al Tiped ToU ¥ elvar oToiyela ToU ouvoiou :

1 » '
Bysmdilite i ppene by eap d2) B A fx/0<yg12}
To ypéupa y Aéyerten peTaPAnTi.

Qote peraPinmy elvar xdbe ypappa, 1o dnolov Aapfdver Tipdg amod
Y% atyoroy dpBpdv.

lel-lEimm;. ‘H mrabicd fixia Becwopeitar 811 Siapkel péxpr 10U 120u ETous.
B) “H Evvoia tig ouvapTicews.

§ 82, "Orav &yevwwrn &v audiov elyev Oyos 50 cm, dtav Eywe 6 unvév elyev
Yo 64 cm, eis HAkiay Eves ETous elxev Uyos 71 cm K.0.x., G EpgaiveTon elg TOV
KQT“’TéPw Trivaxa, es Tov dmoioy TapioTduey Bid Tol ¥ Ern THY HAkiay kal

Y Wy cm 76 Uyos ToU mandlov. (Els Tas TIRds T AAKias Tas peTalU TV
b Enil, %--c’xuﬂc’roxxo(]v Tipal ToU Uwyous petafl Tdv 50, 64 71,74 dvmi-

oy eag),

& ] | TEa0E = 1)
‘ ‘HAla: x €tn ]Ol...yzf.,.ll ...!—2—...1
l_'ons et ‘50|... 641..“711...]7‘3 i

" nQPC!TnpoC'ueu 611 elg wd@e tipHv Tiis NAikiag ToU manbiov avtigToLyel
@ pévoy Tl TolU Oyous. Anhadn els k&be oTorgeiov 100 guvérou A =

W _;_ NI | 32 ok } dvmioTotyel #v povov aTorKETov TOU OUVOAOU
5.3;3{50. ., 64, .., 71, ..., T4, ...}. ‘Emopdvers perafu t&v guUVOAwY TIHGV

?:\lkiug A kai Tip@dy Uyous B Umdpyer povooTipavtos &vrioToia, TS o=
olas 1o Bikypappa BAémeTe ox. (51).

oy. Sl
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To clvohov A, &k ToU dmrolov ) peTaPAnTh X AcuPdver Tipds, Aéyetat ne
8lov dpiopod kai TO oUvohov B meblov tipdv.

*Edv els ké&Be oToygelov Evds ouvdlou dvTioTolyEl Ev Kal pévov év crroleiof
Evds GAAou ouvbhou, TOTE Exopev petall TGV ouvdAwy altdv piav povoa
pavtov dvmiotorxlav. “H &vriororyla adth dpiler piav ouvdptiow.

y) ‘H cuvdptmoig dg obvodov Slaretaywévwy Levydv.

§ 83. 'E&v oxnuaTicwpey T& SiameTaypéva Celym :

(050) , (5. 60), (1. 7), (3 . 7). ..., & émoia xouy ¢
Tp@dTOV pEAos piay TRv TolU ¥ kal d SelTepov uéhos THV dvtioTorKov il

ToU y AapPévopey Ev ovvorov SiaTeTarypéveov feuydy T :
1 3
F = {050, (5. 64), 1,7, (5. 74)....}

Té obvolov adrd mapletd THv Tponyourévny cuvdpTNCLY.

"Emeibfy ) dvriotoiyia petafyu TédY ouvdrwv A kal B elvan uouocﬁud\f"'m
S¢v Omdpyouv eig Td obvorov F Ledyn pé 1o adrtd mpidtov péros.

Y+ f
8) Fpaue napbortaats ™
1 e ouvapticews F.
1
§ 84. AcuPdvopey &lo &
64 41— i
. Vs TEUVOPEVOUS KoBETws.
- a
Oewpolper TO onpeiov T°|"f"
il | ‘ aUTGY & &pyfy Kol TommofeT?
ki i * pev T oUTE Y TOUs prTOUS
| 5 i EudBopev.
~ 404 ! | ! To -govn‘
| | v x'ox bvoudlopey &
| TGV x (R &fova Ty TeTp¥
30+ | i veov). Ked TOV Yoy &fova ¥
:, 1; | ¢ 7| &Gfova TGV TETorypéveoV:
20 I i | To fetyos TV &fovaV o
‘ 7
‘ i | T&v Aéyopsv Sploydviov Guo’r;
ol i | \ MO OUVTETaYPEVQOV. TE'chPé
| 1‘ | onueiou ToU &fovos THV W i
i i : 4 & &p1fpds, & obmoios ow'no‘l'o‘x
DS A 1 3 2 " g ¥t Aid ThY TETUMREVNY
y 2 % petou Tol &Eovos Tév x Epado
oy. 52. glg TV § 66.

&
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Els 1& onpelov, 6 omolov Exel TeTunuévny -15 , Uyoluey k&deTov &ml  TOV

Sovy 1y ¥ kal elg TO onueiov ,Td dtolov Exer TeTayuévnv 64, gépopev kdbeTov
™ oy &Eova T&v . Al k&BeTor atal Tépvovran s TO onpeiov N. Aéyouev

) N el yon 1 Ypapuy mepdoTtacic Tol felyous (32-, 64) i ) Ypapixy €i-
Xy aUTol. Tous dpiBucys % kal 64 dvouddopey &vmioTolyws TeTpunpévny Kal

‘: 3 ~ ’ t 13
E,T“Yp-év'qv ToU onpeiou N f) ouvtetaypévag avTol. Koraokev&lopev opoiws

T A 1 ~ ~ -~ r 3\ ~ ]
U&g YPagikds TapaoTdoes Tév Leuydy Tol ouvorou F, BnAadi Tis ovvepTi-
Ems

o5 H Ypagiki TapdaTtacts Tob Lebyous (0,50) elvan 16 onpeiov M ol &fovos

Wy Bis f TeTpnuévn ToU onuelou auTol elvon unbiv ked fy TeTorypévn 50-
k. TS sUvorov Tév onueloov M...N...Z...0... Myouev ypacpuxyv eindva N6
W“P“"]erg F.

ﬁzm"ﬂmmg: "Edv AdBwmey TS Ypagiks Topag TéoEls TOMDY Leuydv, N Ypaikn Tras
%015 Tiis guvapToews 0% elvan pla ypappn.

AoxfoELg

186, 'poy o ; . ;i ; ¥ 5 G
s kgrf‘ Edqv pt x mapaotiowpey Ty fAikiay Evos wonblou els £ kad pd W 1O Pépos aTed

» EXOpEY TOV i voma

| [ExlE 4§ 3
e i e | ? [
| |
LB e T ’ 9,2 | 104 ; 115 ‘
CEuYgupqwﬁa“Te v ouvdpTnaty petabl fAikias kal Papous ds oUvolov Bratetaypévey
Moy Y kol koragkeudooTe TV ypagikiy mapdoTagy alTtis. (Xpnoipomoimoote Tetpary -

g0 7 XMoo TopeTpIKdY X &pTn V).

IR SIS s F={(1,0), 2 1), (3,2) (4 3)) elv ouvépnors; Toiov 1o meblov

Plopgg
U kal 1o meBlov Tidv aUTiis;

o 1?8_ "Edv A=(1, 2, 3, 4, 5) ,v&x 8pi108ij & oUvohov F=(x, ¥) /XeA xal  elvan Brrhdoiov
kal vé mapaoTad ypapikas.
189, ‘E&v A=(4, 5, 6}, v& dprofij 1O oUvodov:
A Z.:-'((X' Y)/ XEA kal y Siaipétns ToU x} kad v TopaoTadfi ypagikds. Elvan ouvdptnais
Voloy =

l9g - : )
Kty 90. *Eyy B Y TapaoThowyer THy Gpav kal pt y THY Beppokpagiav, Thy dmoiav Bekvle
Xa, : v @pav ol To BepudpeTpoy Tiis oikias oas, kaTaokevdoaTe Tivaka TGV &vTioToi-
W&y ko TAY ypagiknv TaphoTaolv Tis oUVapTRoEwSs abTs.
1
L kjl‘ Merprigare v oxi&y, THv dmoiav piTer oTUAos | BévBpov kaTd Tés dkepaias dpas,
ToOKeudoare TV Ypagikhy Tap&oTacty ToU khKous Tiis o1& ouvapThoE Tijs dpas
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2. ‘H ouvdpmnotg P = ay nai i Ypopnr) TapdoTacts adTRG-

§ 85. IpéPanpa. *Aegomidvoy Eyet avalepin taydryra 500 km /h. I1da
Gndoracw O daviay elg y dpag xwoipsvor edfvypdupws ;
Ets 1 dpav Swxwder 1.500 km — 500 km
Eis 2 dpos Giawier 2.500 km — 1000 km
Eis 3 opas Siavier 3.500 km = 1500 km

Els x opas Bavber ¥-500 km — ¢ km
Auvépeda vé clmrewpey 6T : -
Eis 0 dpas Savver 0-500 km = 0 km
TMaparnpotpey 611 els k&8 TipHy ToU xpovou X GVTIOTOIXET pia povoy gl
T &mooTdoews. AnAcbn 1) &méoTaols, THv omolav Siaviel TO c’zepow)\d\iov‘
glvan ouvdpTnaols Tol xpovou X.
‘H ouvédptnois auth) OpileTan Umd THs oxéorws y=500y.
‘H petaPAnTh ¥ Acppdve Tipds ¢k Tol ouvdrou QF kai ai &vtigTolX?
Tipal Tfis W &vnkouv Emions els T0 QF, G5 EngaiveTan ik Tol KaTTEP Tri VeKo
(Anhadh 1O Tedlov Splopol xal T mediov Twddv  elven Uroouvol’

ol Q)

— 74.—_1_ - ‘ _—— 37,,,[. — : ‘ __,—/
‘ ypovos el dpasg x' 0 ] e 1 o 2 1,3 4 | ... X
| | |
- ] 4 T
)‘A'ﬂ'éo'rams els km \y1 0 ‘ 250 1 500 | 750 | 1000 | 1500 | 2000 | ... | == 500X

‘H ouvdpTnols s ouvohov BiareTarypévewy Leuydv raploTaTat ol
F={ 0, 0), (5. 250), (1, 500), (3, 750), (2, 1000), ... }

; Bi& meprypagfis: F = { (X, W) /xeQ% kol y = 500x }
"Emraibd) f) oxéois =500y oépiter TV ouvdpTnoiv F, Aéyouev ——
# ouvvéptnaig $ = 500y

Fpagik Tap&oTaots THs OUVOPTHTEWRS. g

Koraakeudlopey Tas ypagikds elkdvag TGV BlaTeToryptvay Leuyddy T';'.
F kai oparnpolpey 6T1 T& onpela auTd kelvtan i fjuevbelas  prT@V ap
fucdv OZ (oy. 53).

&
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B) Ti maptorid 1)
Sreole y = — ;X;
(xeQ)

:H , 1
OXETIS \pT_ﬁé,X
fluey ouvdpTnots  (Wé 1800+
Tedioy Splopol TO Q
el weSioy Tipgsy  Emi-

?ﬂs T Q) &iom, o 1000
Mociveren Kk ToU Ko

20001

TL?TéPCG Tivakos, €ls
ke Tiufv ol ¥ Oe-
K, Spvnriciv f -
8"" dvtioToiyel  pla
Hovoy pNTY Tun 1ol

ho0

Y (ovémipoy  TOU  ——F— ! - \ %.
oA [op00). 0 :
-\—_‘ | AT e |
_‘ X —10 1 —4 -1
< e e
\“‘—%_ R L ] [
yIr Hopathpenatg : T
mnAikov TGV dvmioTol-
2 KooV Tipdy elvan oTa-
Gepdv, SnAadn Toov ue
2 —2, ixtds THHY &VTI-
oToixwv Ttpdv 0,0.
: Kotaokeudopev tnv
YPapIKNV TapdoTaoty
;NT‘_? = Vi ; 5 ?—5—*——;’*{3{ T ctIJ VOPTTOEWS Y =
f : == ol el ovoTnua
BT Y ] I
| Spfoywviny  dfdvwv
BT e Kkal TraporTnpoUuey &Ti
“* oauth  elvanl eUfeia €
PNTROV TPy HAT. Gprf-
3 uv  Biepyopevn Bk
y’IL TTs Gpxfis Tdv &févwy
oy. 4. (oyfipa 54).
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‘H ouvdptnois s alvohov BiaTeTaryuévwv Ceuy&dv elvan
Hy— {...(_10,5), G402y e (05 Qs o (21 s }

2 \ 1
D& weprypagis : F = { (x, w) / xeQ xai = — ;% }

Enpelwots. "Otav Mywpev eleiav pnrédv &piBpédvy, tvvooluer Té ouvolov T@v 0T
peicov puds evlsiag, émi TGV droiwv TomobeToUvTan of prToi dpifuoi.

y) Tevikéds f) y=ay, (o, x €Q) dpiler ouvdpTnav, Tiis drroias 7 ypchl"ﬁ
TapdoTacts elval TO oUvolov THY pnT@Y onueiwy b ebeiag Slepxouél’ﬂs
Bi& Tiis dpyfis TV &Eovewv. (PnrTd omueia wds edelas elvan o elkéves A
pNTOY &p1Buddv).

Inpelworg. Ma va kataokeudowpey ThHv evleiav, es v dmolav keivrar ai elxoves T

Batetaypévwy Levydy Tiis ouvapTnosws W ay, elvar dpretov va elpwpev  TAS ypm}ﬂ‘“’s
TapaoTdgels 8Uo wdvov feuy@v, §16Ti BUo onpeia Opilouv udvov piav edbeiov.

'Aoxfoetrg

- y : P . f o 4 \ ' 3 nY
192. Na oynpationTe mivaka GvrioTolwy TIp@Y Kol va KATGOKEVAONTE TNV ypo@"m
map&oTacty TAV K&Twh ovvapTiigswy !

) F =t (x, ¥) / xEZ% wal w=2x |

B)Fo= { Gt ) [ xEQt wal y=dy )}

Y)E =Y /XxQ ki y=x}
193. ‘Opoiws Bia Ta&s ouvapTnoes

) Fy= { (6 ¥) / X6Z xal y= -3y}

BY F, = ( (X ¥) / x60Q xal w= —2x }

Y) F=t Ot W)/ x6Q xai y= —x }
194, N& KoTOOKEUGOTTE THY Ypagikfy TapdoTaoiy T@V OUVCPTHOEWY :

. @ 6 W y=2x A1 <x <5

B) { X W)/ y= 3— X XEZ kol -2 € x < 3}

195. ‘Oploate 81" &voypagiis & oUvohov Z= ( (x, ¥)/ |y 1 = 2% ¥ EL «
2< x < 51 Elvan almé ouvépTnais; TMopaotioaTte aUTO ypagikés.

3. H SYNAPTHEIE ¢ ay @ KAI H TPA®IKH MAPAESTAEIE AYTHE

§ 86. a) MpéPanpa. [Hloiov dveydonoey éx Ayévog nal edlds dg ﬂd\‘-’é :
nAevoey pdoov, & dnolog dnéyer Tob Aubvog 40 plha, dnéxrnoe avabegar ak
rra 20 udiov dva deav. [ldoa plhia 0d dnéyy 16 mAolov éx Tob Mpévog pETe
@pae, dg® drov duijAlev Eumpooey Tob pdgov; (T0 mAoioy xveiras edOvyodpt”
xard vy dwdlvvow xal gopav Awui)y- Pdgag).

&
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Tiv 0 Gpav To TAciov edploketan Euttpoofev ToU @dpou. ‘Etropéveos :

e B e RCT

e

: _ Taxorng: 20Mit/n
] " Xoovog : 0.A.

Tx. 55.
Eis 0 cwpas Exer Siaviorr 404-0.20 piha = 40 pidia
Eis 1 Gpav Exa davvoe 40+ 1.20 pidie == 60 pihix
Eis 2 Gpas  Exer Biavvoa 404-2.20 piha = 80 pihix
Bis 3 pos Exer Biavvoer 40+43.20 pihi =100 pihix

Els Spas Eyer Sowuoer 404+%.20 pihia =y piha=20y 440 pida

( no‘POtTnpoGuEv 571 el fkdoTny TRy ToU ¥ dvTioTolXel pla Tipn ToU
Ho pd \ .
©VOTiov Trod| opol Kai Tpoodioecs).

Toiro TrapoTnprioaTe Kol s TOV koTwTépw Trivake.

Xe : - :
LRy b ‘o\s'z'a'.‘.;. X

l lﬂl.rréc’-rc‘c’IS y mil

40 60 80 1001 3 ‘ oo ST [q,.:=20x4l,40‘

EU"STTCGS | oxéors w=20x+1 40 opiler Thv ouUVapPTNOIY
F — [(0,40), (1,60), (2,80), (3,100}, o} Bid repry pops

i (X, V) | w=20yx+40 N\ xeQg | ut mediov dpiopol TO Q¢ xai medioy TI-
WY O oUvorov THV peyahutépwy f fowy Tod 40 pnTdov.

:E‘rr‘aaf] | oxéols y=20y--40 opifer THY ocuvdpTROLY F, Aeyopev:
ouvéptnols w=20x}40.
I‘P“'Plx'h napdotactg Tig w20+ 40.

T EGPinKOueu KaT& T& YVwoTd TaS YpagIkas TapaoTaoels TGV Leuydv
s SUvapTroews kal TapaTnpoliey 8T ypagikds i y=20x+40 mopicTaron
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100,

80

60

404

4 LU R | e
s Seare o S X

Ut Tijs fmevdelas THV pT]T&

dpibudv AT.

B) Na #erdanre, édv 1) 0l
ot w=2x+1 (xeQ) elvar pla 0
vdgTnows xal v ebpeljj § yoag!
napdatagic adric.

AiSopev Biapdpous Tipds

TO X kal eUploxopev Tag &V
gToixous Tiuds Tod , dos EueY
vetan els TV KoTwTépe T
Kat.

20
- -
a % X
ax. 56.
| 3 | ST I \ ”|
et RS Gl Lol e R =
)(—~—... 3i2|2 l! 0|2.1|2 3 4
i e 25 e L

Tapatnpolpev 811 els tkdotny TipRv Tol ¥ dvnioToixel pla kai pove
pla Tiph ToU . “Apa 1) w=2x+ 1 elven ouvdptnois ut medlov Spropol kal rebl’

TIp@dY T Q.
AUt s olvolov Sia-
TeTorypéveov feuyddv elven

B3, 5y -0

’ 1
(05 1), 165231730 )
A meprypagptis ¢ F =

{v 9) 1y = 2x+1 A
xeQ }

[pagikr| TapdoTaois THs
w=2x+1.
Kataokeudopey  Tdg
YPagikas TopacTdoss (gi-
KOvas) TV Jeuydv kol
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“f_xpu'fﬂpoﬁuev &1 aural kelvron &l elfeios € pf Siepyopévns Six TR &pxAs
TGy abdvay.
Y) Tevikés ) y=—ay + B, émou a, P oTadepol pnToi kai ¥ weTaPAnTd) Acw-

Bévouoq Tinds &k Tod (), lvan ouvdpTnois. To medlov dpiopol kai mediov TIUGY
o 13 (),
4

rpcxcpmd‘;g TopioTaren UTd TGV pnTEY onpeiwy was evbelas, pn Biepyouévns
QT Spyfis TEV &ESveov.

A oxfhoeLg

196. N& yivy ypogixd, TapdoTtagts Tis ouUvapTioews :
Y = —%x—l, by yeA = {4, -2,0,2,4,6)

197, "Emi rerporywviopivou yédpTou vé oyebidanTe 8uo dploywvious &ovas kal vir elpnTe

Thy Ypogikiy TaphoTtacty Tis ouvaptioews F={(x, ¥)/y= — ; X+1 A xeQ}. ’Emiong
v Epedoly Té Levyn Tis F, T& dmola &ouv Tas eikovas Twy i Tév &fovewv.
198. ‘Opoiws s &ver Bii Tés guvapTHoEs ©
Fo={( % ¥)/ y=0x+2 A xeQ} xai Fy ={(x, ¥) /¥=0x+0 A xeQ)

199, N karaokeudonte THv euBeiay, Umd Tis dTolas TapioTaTal ypagikéds 1| ouvapTnols
?sz =1 (x€Q) & TeTpaywvicuivou x&pTov, Kol v& omueidonTe T onuelov, s To dmoiov
l:""‘mépm eUBeia TERVEl TOV &Eovd Tév . Mola i TeTpnuévn adrol Tol onpeiou; Btoare ThHY

Mgy abriv gls Ty tfioworv 2y —1=0. Ti ToapaTnpeite;
200, Eis 1o aure cloTnua opfoywvicsy &GEdvwy v KATOCKEUAOTITE TAS YPOQIKES Tapa-
TES TGy ouvapTioewy :
SO0 @) Jy=x+1 A xEQ }, F, ={ (x, ¥) / v=2x—4 A xeQ}
201. *Opofeos B1& Tas F, = { (%, ) Ay~ —2X 12 A xeQh Fo= {00 ¥) /w=—2x 13 A xeQ)

%ﬁx A XEQ}

202. “Opoicos &1& Tés Fy= {0 W)/ W= —2x+2 AXEQL Fy = {(x, ¥) [y =
4. TPA®IKH EIMIAYZIE THE ax+f — 0 KAI THE ax +f >0
S ’ 1

o) Mpéprnpa. Na edpedfj yoaguxds 1j Ao tis étodoemg — 5 X1 1=0

§87.'Emi TeTparywvichévou XdpTou Yapaooouey Tous pboywvious &fovas

Kal gt ) - A — 1
i SUplokopey TNV YPAPIKNV TIAPAOTAOIV TN OUVAPTNOEWS & Y= — 5 )X {1
(Atsopev BUo Tipds s 10 X EoTe 1ds X = —2 xod x=4 ko eUpiokouev TAS
v i . ! 1
TlU'r‘Jl)(oug Tipds Tol y fitol wi=2 kal y= —l.

M ‘Ev ouveysiq eplokopey Tag eikdvag TV Leuydav (-2, 2), (4, —1) éorw
1 X M, dvmiototyws kal yapdooouey THv eudeiay M, M,).
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‘H edBeic M M, TaploTd ypagikéys THV oUvapTnoLY Y= —-I—X——L 1. AUTN
Tépver Tous &fovas 'y kol w'y el T& onpeia A kai B &vTioTolYws.
To onpeiov B g
e vai 1) elkdoy 10U G
3 yous (0, 1) ked TO A
elkcov ol Levyous(2 0)
To mpéytov. WENS
Tol Letyous (2, 0), 81
Aabh & 2, bwahnbeVt
THv éfiowaory :
— g x+1=0 &

glval AUois aUTis.

“Qore, Bia va €0
pwpey ypapixdg T’
Aoy Tig EElobae’
ax+p=0 (ar0), ¥*°
2 raoxevdfopev T

ay. 58. Yoy mapdaT®
awv TG auvap-nﬁoewg
y =ay+p xal edpioxopey Td onpeiov Topig TadTng xal Tod &Eovog -rwv %
‘H retpnpévn Tob onuelov TovTov elvar ¥ Aboig Ttiig Elo. ax+p -
Eny.elmmg

e
‘H ouvdptnols Y= 0x+(3 (B#0) ypagiix mapioTaTal oo elbefas // p
TOV &Eovcx vapx “Apa Ypugikés Stv poobiopileTar Aois Tiis 60, Ox+p=0. "ANAG "’ﬂ
Te xal &pl&unnst, éx fudBopev . ‘Emopévws kal ypagikds éwainfedeTon 6T 1) tEiow
Ox+B=0 (P70} elvan &buvarros.

. xlo._..“l"i faa
TMiva€ Tp@v Tiis ovvapthoews = Ox+p: |¢' P e P |
2 yr R T e =
n (4|8)  (48) (26) (3.8
I ] I
! ! |
Iyt e e
Eof e i A Bty o R SR
OIS -1 0 i z 3 %
o

50
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2. *H ouvdptnols y= 0y +0 maploTaTan ypagikds UTo ToU &ovos Téd Y. "Apa BEv Trpoo-
Biopigeren yoagikés pia Avois Bik Thv iowoty Ox +0=0. AbTn gyer dareipous Auoes,

"R [ L

Mivaf Ty Tiis ouvapthoews W = 0x +0: N —O—l (=

TIERE

P o |
B) Na ebtoeloiv ypapixds al Adoetg Tijg ~i-x——1 >0

!‘ '] 2 o
§ 88, Oeopoupev THY ouvspTnoly Y= X — 1 kal épyalépevol, Smws

Tponyouptvews, KaTa-
OKeuGZopev TH Y eBeiay
¢ (Ypog. mapdoTaoty
W), 7 Smola Té-
Hver 1oy GEova TdV X
s ro onueiov A, T66-
Tolov fyer  TETEMUé-
v 2,

OtTopev els  THV
C’wicmcw % v

T Tog y T v TETHN-
u.é‘”]v 3 tvods anpeiou B
Ypiokoptvou Befid ToU

ToU &fovos x'x  kal
TpaTnpodusy 611 & 3
TaAnGeder Thy i
Stagyy,

(33-1= 3-3420)

To autd oupBaiver pé THY TETUMUEVNY oloudnTIoTE onpelou elpiokoptvoy
A M ¢ o ' 1
Sebigy ToU A #mi ToU &fovos Tév x. "Apa al Aoeis Tis Quiowoews X 1 >0
vy ol pnroi of peyaiuTepor Tol 2. (X > 2).
Tolito émahnBeteTan kai &mod Th &pbu. émiAuoiy Thg AVIoLOEwS

2X=150.

Enpelwoig. 'Eqv Biowyev THv retunuévny | (Evos onpeion K ebpiokopévoy  dpioTepa
o0 A i Tol &fovos TV ¥, TOPATNPOUMEY 511 kv fraAnfever 17V Gviowoy

1 e L oy
X1 = 0. (?1 1 =5 7<)

2 "Apa al TeTuNUévan TV GPIOTERE TOU A onueiwv Tol &fovos Tdv ¥ Biv Emakndeiouv Ty
Yoo,y
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[evikéds by Exoopey TV dvicworv ax+p >0 (a£0), épyalopeda g gEfiS
B1d v edpwpEY YPaIkdds Tas Avoels oUTHs :

lov Koraokeudfopev elfeiav dmd Suo Tuyovta Lebyn Tiis ouvapTHOENS
p=ay-rp.

2ov Edpiokopsv To onpeiov Topfs Tis e0Beias TauTns Kol ToU &fovos TEY
x. “EoTtw A T6 onpeiov aUTé.

3ov Aokip&lopey, &&v 1) TETUMHEVT gvos TuyovTos onueiou ToU &Eovos
T&v ¥ (m.y. 5§ ToU A) émoAnfeler ThHY dvigwaoty.

E&v Ty émoadnBeln, Avoels slvon ai pryTad TETPMPévan T&Y onuelwy s
fuevbeias Ay. 'E&v Stv v Erodnbeln Avoers elven ai pnTal TeTpunpéval @Y
onpeiwy T &vTikelpévng NmevBeios Ay’ (A TS TeTunutvng ToU A)

Aoxfoelg .

203. N& EmiduBolv ypagiéds ol kaTwdr ook @

a) 3x—12 = 0 PB) —8x 24 =0, y)2x+3 =0

8) 5(x—3) 3(x-1) = 0, ) 18-5(x+1)-3(x-1) = 0
204. N& tmiAvlolv ypagikds al &viodoes :

D x+3 >0 Pyx-3<0, y) %6 >0
B) 5 Fix—(x+05) >0, O 3&-H < 0

5. ATKHEEIEZ IIPOX EINANA AH¥IN TOY KE®ANAIOY III

205. N& tmiuvoly ol éiocoes :
o) 4(x—3) 303 —X) = 5(x+2) 9B —X)+20
B) 20(Tx+4)-18(3x +4) -5 = 25(x +5)
v) 6-[2x—Gx—4)-1]1 = 0
~ 906, N& émivBoly xal va éradnfeuloly al tiomosrs :
a) 5-4(x—=3)=x —2(x—1), B) 6(x —1) ~Gx+1D+7 = 0
207. N& #mAvbouv al tfiodoes:

1 I = o R 2 niTh . I %

S 5 it S Bl 10(2‘5)
e O e e S P S el R

yy BEEE = o 5 XY w2(F-7)= 7(m %)

208, N& tmiuboliv Té kdTwb mpoPAfuara T PonBeiq Efiocioewy.
a) N& ebpedolv ai ywviai ToU mapol /uou ABTA, tav 1) yowvia A alToU 1ot
T
mpds TX = Tiis ywvias B.
B) Né& etpebolv al yevic tprycovou ABT, t&v 1) ywvia B looUTan Tpds TO
yowvias A kal f) yevia I looUTtan Twpds T& : THs ywvias A alTol.
&
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¥) Avo Tepdyia UgdopaTos Siagépouy katd 66,5 m. Té peyahUtepov elvat SmAdgiov
Tog Hikpotépou oUv 4,5 m émi wAfov. Na gUpeboly Té& prikn T@v UpaoudTwy.
5) N& eupeBoiv Tpeis SiaBoyol Betiol dxipoior TotoUTor date, Eav dmd 70 fmdabpor-
(e ; o o o . . . . 127
T&V BUo pikpoTipwY daiptowuey TO TpiTov ToU peyaAvTipoy, f& elpwpev TOV pnTOV: =
€) AUTokivnTov duexGpnaey  THY Tnv mwpwiviy ik Tiis woAews A pb TayuTnTa 33

]".“/h. TMoilav Gpav mpéme va duaywpnon étepov alTokivitov ik Tiis aUTis WoAtws kal 1wpds
Y atriy gopav pi TayUtnTa 45 km/h S vk gdor TO TpdTov peTé 2 dpas kai 45
209. T§j Ponbeig éflomoewy va EmAuvlcly T& TpoPArpaTa:
«) *Eyeupdricav 47  Gvbpes xal yuvadkes. "Exaoros dvfp EmAtipwoey 50 Spy. xed

ém“‘ﬂ] tx Téov yuvankdv 47 Bpy. "Av ol &vBpes émAfpwoay 1380 Bpy. TepioodTEpOY TGV YU-
YuUKkGY, ooor floay of &vbpes;

B) 'Ams 1o wepisyopevoy Papediov  EmwAifnoav THY o fupay Ta _g avuToU Kal

Ty B’ fuépav 39 kiAd. 'Eav 16 TwANBEY QVTITPOCWTEUR TG 2 TOU TEPIEXOHEVOY, TTGTA KIAX
SLCT, els 10 Papéhiov ;

¥) 'Epydrns Tehewover Epyov els 3 fuépas kal &Ahos tpydrrng 10 aiTd Epyov els 6 Nue-
Pas. Elg wdoas fptpas B& TeAzidioouy To Epyov kai of Blo fpydTan tav tpydhwvTar ovyxpdves;

§) Mathp Exe 2wAaciav HAxiav 7ol ulol Tou, Eved wpo 15 trdv elyev JmAraolay.
Moty al HAxiar Twv,

€) Na eupedij dpiBuds, & dmoios Biaipoupevos Sid 13 wa Bidn mrnhikov 10 i: auTol
@l Yrréhormov 12.

N ) To &Bporopa tdv  ynelwy Biyngiou  &p1Buol elvar 10. "Edv tvarAdguwpey v Beay
R yaglwv Tou, epioxouey &pibpdy kot 36 pikpéTepov. Tlolos & dpiBuds;

210. N& EmidufoUv al dvicdats :

@) 2(8x-5) > 15x—8 , P) 2(2x—3) —5x j'>o
ok ma b By s RN =l
FINETR e g A Sy 3

3
211, Eav A =[x/ THRH3 200N w2 B =200 A xez )
v& eVpedij To aUvohov AMB BY &vay pagiis.
212, N& eUpedij | Touh TV ouvdhwv A = {xm+1 > X 2} xal

B = T 3} (& &madis mepry paeis).
213, N& kataoxsvdonTe THV Ypagikiv TapdoTacty TGV auvapTHoewy

a) y=3x p) y= —2x+I1 Y) w=15x~ ; (x€Q)

214, "B A = { (0 W}/ y=2x Mx€Q SRR e RO AR St xeQ }
i FUpedfi ypagikds TO gUvorov ANB.
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KEGDAAAION 1V

A. AOTOI — METEGH EYOEQZ KAI ANTIZTPO®QE ANAAQTA -~
ANAAOTIAI

1. AOT'OE AYQ APIBMOQN — AOTOZ AYQ OMOEIAQN METEOQN —
IAIOTHTEE TOY AOr'0Y

§ 89. Adyog 8Vo dpBpdv.

Aldoveas of doifuol 54 xai 9.’ Eni motov doifudy meémer va noAdandaordod”
pev tdv devtegov (9) dua va eligwper Tov mpdvoy (54) ;

Edv x O dpiBuds B Exoomev 1 Ix=54 &= X= S;; - ¥=6. ‘O o
guods 6 Aéyeton Adyos ToU 54 mwpods Tov 9.

"Qore Abyog Tob &piBpod a mpdg Tdv B (B + 0) Aéyerar & &pLBpds!
& dmolog moAAamAactaldpevog &nil tov P 5idel yvdpevoy OV a.

Edv A & Adyos ToU o Tpods TOV P EXOUEV !

el i e i

Suvemds & A6yos Suo dpiBpddy elvan TO Tniikov THs Biaupéoews TR

‘0 Adyos ol a Tpds Tov P TapioTaTax kal : (a, B)

‘0 a kal & p Abyovron &pot Tol Adyov, O & AéyeTan fyoUpevos xai & P g
HEVOS.

§ 90. Adyog 8o dpoeddy peyeddy.
AMdevar 10 ed0bypaupor tpipa AB. Na ebeebfj & dAdo edBdypaupoy o
4o FA dore TA=AB-AB+  AB.

A B
Kotk T& yvow-
oT&  KoTaoKevaLopev 4 —
w A = AB+ABL +AB A ayl 6L

fA (1+1+%)AB4—) [A — JAB.
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‘O dpibposg g— p'ﬂ Tov droiov TroAAaTAacialeTar To AB kxan Bidar 10 TA
¢ 3 L TP S
)\EYETm Aoyos Tou [A pos 76 AB kai oupPolileTan ypatrtdis 5 N (ra, AB).

— ra_ o _3
Qae =7 A ——AB.

Mevikéds Aéyog peyéBoug A mpdg dAAov dpoeibéc peéyebos B, Aéyetal
) GpiBudg A émi Tov dmoiov modAamhasialopevoy to péyebog B diber 1o A.

A

ZupBohikéds : 5= A = A = AB.

§ 91. Eig 1o oyfiua (62) 6 Adyos ToU dploywvicu A mpos 1o Sployw-

oV B gjven & &p1Buos 4, dnhadn %14 &iom A=4B.

oy. 62.

"Eav 1o Tetpaywvov M AngBT] @S UOVAS HETPNOEWS TV EmpaVelldV, TOTE

B f , v

¢ Aoyog rﬁi Abyetan T ToU B kol TaploTaTal 5 =(B). ‘Ouoiws xal 0
}\6)’0& ':‘4* (A) Aéyetar Tiun ToU A.

U : j

ey S\:'(B)”F)' si6m B=6M al & — (A) =24, BicTi A 24M.

: % ] : (A)=24 = :
Ex t@v loothTwV EB%;__ 6 Bid BioupéoEws KaTd péAn AapPavouev :

® ot i i)
® =2 4, A& xai g =4, ovvemds ‘l 5 ® o

"Qore & Aoyos Buo ETIPOVEICD V lgoUTar PO TOV Adyov TWV TIHWY  aur

TS, 2y peTpnO®aiy i ouykplbdol ut TRV aUTHY povada.

‘H 181675 atrn foyue 5i1& olabnmoTe Spoedi peyn A kai B kal & Adyos
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% elvon &vefdpTnTos Tijs povaBos METPTIOEWS aUuTé@v. Anhabn 7y fooTtns (1)
foyvel, kai éav Angdf &AAn povds peTpriotws &vTi TS povédos M.

§ 92. *I8uétnreg tol Adyou.

1. N& ovykpivnte T6v Adyov 16V dpifuddy 5 wai —8 Trpos TOV AGYOY
Ty (=B )2 el (=8). (= 2);
-5

v 5 . (=9)-(-2) 10 5
Eyouev 5= g K s G- f
» -5 -5 =2 » | =2 (=5) : (-2)
Apa 8 B lox Vel kal — o g g

Suvemdds & Adyos BUo dpifipdy Bév peTaBdMeTan, fav toMaTAao 1&g @y’
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: 3 L v e e
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2. MErE@H EYOEQE ANAAOTA — IAIOTHTEEZ — IPA®IKH ITAPAZTAZIZ
THE METAZY AYTQN EXEZEQZ

§ 93, *Emavepyopeda s 10 mpoPAnpa Tiis §85.
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Auvépeda Aorrdy vd eimoopev 6Tt BUo peyétn pt dvrioToiyous Tiuds ¥ kal
Y elvan £0Bkcog dvdhoya, tav ol Tinal alT@dv ouvBéwvtan Sik oyéoews Tiis nopefis
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§ 94. 'I816Tnreg.
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Ter G EE T
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POy 1op tvdg loobran mpdg ToV Adyov T@V dvrigtoixwv Tipdv Tol EA-
oy

Mapadeiypata eiéws dvahdywy peyeddy :
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223. 'Eferdooate, bav T& kdrwbh peytdn elvar dvddoya :
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226. Ak T& peytdn «mheupd TETpaydvour xal «mepiueTpos aUToU» va ebpebi] f oxfors,
N Swola ouvbter Tés &vioTolyous Tipds oy, kal va yivn ypagi TapaoTacts aUThs.
227. To airrd Bi1& T& peyédn Ppos tumopspatos kol T Epmopeduaros, v ) T Tig

HovdBos papous elvan 40 Bpy.
228, *Efevdoare, tav peyidn pt Tinds ouvgeoptvas Bix oxfoews Tis wopells y = ay +p

ey &dvédoya.
3. MErEGH ANTIZTPO®QE ANANOTA— IAIOTHTEEZ — FPA®IKH ITAPAETAEIE
THE METAZY AYTQN ZXEXEQZ
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y) Tapatnpoluey &T1 f YpoaQIK Tap&oTagis Tfis TUVAPTHOERS Y = _l_ &roTeAE”
X
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a Y = L ad Py ii__ B
3) it => ab=py => 3P — oB - 5=«

"Edv Eywpev dvaloylav pé pd) pndevixods dpovg xal o) &vrwrpéll"";
pev todg Abdyoug B) éverrdEwpev Todg péaovg Bpovs Y) EvarAGEWIE
tadg dxpoug Bpoug abriig, AapPdvopey véag &vadroylas.

"Eqappoy
4 = =12 =10 _, T A
Ex Tfs dvodoyids - === v oynuarionTe véas avahoylas.
lov ’AvtioTptgopey Tous Adyous: =B 20,
~12 -10
Ay , N R
20v, 'EvalAdooopey Tous pégous Opous : 1o = =
B ) e S EBGCNG
3ov 'EvoAAGOCOMEY TOUS GKPOUS OPOUS : =7 =
y 3 : = 3 6 A ; 150
3. Eis Tous Adyous TS &vohoylas = = 1§ TpoohécaTte THY pHoVH
kol EfeTdoarTe, v TPOKUTITT) véa &vadoyia.
3 6 3 6 3 5 6 10
] e = LR
Eyoie s s gy S BNl 4 e ot io

34-5 6-i£) ( 8 i EE)
5 10

et Tt

‘Edv eig todg WHyoupévoug dpovg &g &vadoylag ﬂpouﬂéow[-"‘v
Todg émopévoug, AapPdvopev dvatoyiav.

Tevikéds : e ) ey
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Edw &ponptowpev &md Tols Adyous Tiis dvadoyias %—- = % ™Y povéba,
?‘Q‘“deousv:
x
e . N Qoo B ¥ilo B o J .
g rglsigl =iy Bm 8 g
N& Biarumeodij kavov Si& Thv iooduvapiov :
L S, o O
gt
"Eqappoyal
) N& etpefiij & x &k s dvadoylas i) 8 -%-- “Eyouev :
X
8
—X_ 2 28 —x+x _ 2+ 8 _ 1 53, 2
X 5 X Sl e R SRS
ers_.%g = X =53 &=x=2
B) N eupeBotiv Buo dpiduol, ol oo Exouv &dpoiopa 50 kal Adyow iﬂ
3
‘Eore x kal y of &piBuol. "Exouev X +y = 50 kol X = :_;
\
Brorie X — 12 xdop e 12413 A 2 e
fis & i T o - ek = 25¢= 13.50 =
13.50 " ,
) B TE e 13.2 = =26, ‘Emoptvaws x = 50 -26=24.
i \ & : 2+8 : \ A A : i
: 4 N& ouykpi6fi 6 Aoyos 5, TPOS TOUS Adyous THs  &vodoyias
i 8
3 Al
T 12
Tporrn peie ;
oo i oy 248 510 38,
PaTnpoUPEY OTL 510 = 15 %
iRl (8, 20 ol S L
Pl 5= =57 Mt g =g o gE BO0
”Péf}’uom: By = = A, TéTE Kai Y = A ouvemddss Exouev

L. p 5
Y‘_B)\ Sl S as
‘57\} = aty=PA+BA => at+y=P+OA =>B1s " T p "
6%"]3&\, Eywpev looug Adyoug pé épooipoug TAPOVOLACTAS, 6 Abéyog &
% 10g ¥yer &piBpnThy To EBporopa TOV GplBuNTAY xai TapovopacThv
Polopa iV mapovopacTt®dv loobral mpdg Tovg Sebévrag.

AT]AO!ST‘] YEVIKWTEPOV

S Ol e s Sy oa Oy
al ﬁ! [53 B1""B2+B3 +...
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Enpelwetg. Edv 6 mapovopootal Bty elvar dpdonuol, obror Suvavran v ylvouy o

-2 5
. Ty —_—— ===
il gt o ler e
- -2 5(-1) 2. -5
E e T Tl
LS e S = 4 10
"Eqappoyd)
"Edwv _‘%— = :E," = —_1\‘(2 kal u+ﬁ+yz'48. v& ebpeboliv ol «, B, v.
“E P - eguadifEly | 48
AR 5 TaT T oo o
“Apax 15 =2 =» a= (-5.(-2) =>» «=10
P=2 b= (DD => p=I5
L=2=p y= (FID(-D=p> y=2
*Acxfoerg

234, Né& ebpefiotv ol &yveoTor Spor Tév kaTwh dvadoyidy.

-10 5 X —-25 g 4 6 X
TS WS gy R et S i =M E X

a) = 7 ) =5 = (9] 4 - 1) — s

Bl B el =il g 18 T g i
2o I B ey B W Y s 8 o

235. Née Barydij 6m1 dmwoTehoUv dvadoylay al ké&rwdt TeTpddes.
a) (157 35,09, 213; B) (-12, 34, —18, 51)
- 5) (X.l W X’l XW)’ Y) (91 21: 21, 49)'

236, N& ebpedii & néoos &véhoyos Tdv 16 kad 25.

237, Né& etpeboiy ol fjyoUpevol dpor Tiis &vahoyias lé.: ﬂ_;_

o) ‘E&vy +y=065 xal B) t&v x —y=18

238. Né& eUpeBoUv Buo &piBuoi, ol dmoio vix Exouv &hporopa 560 xal Adyov %

239, N& elipefoliv BUo &pibuof, ol &molor vix Exouv Bragopdy 200 kol Aéyov —;

240. "Ed&v -§_= 13". = _;__ xal X4y tz= 200, v& spedolv T& X, W, 2

241, N& ebpedolv ol émépevor 8por TédV Towy Adywy Vo CHEERLIN x-H"‘H/
Covaw z
242, 'E&y XK= % kal ¥ A4y=56, vk eUpeBoliv T& ¥ Kol Y.
4

243, 'Edv )_{_;-3- = ‘P_';—é kad Y- y=84, v& evpeBolv T& X, Y-

@
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B. EGAPMOTAI EIZ THN AYZIN INIPOBAHMATQN

1. IIPOBAHMATA ATIAHEZ MEGOAOY TQN TPIQN

: § 102, Mpépanpa 1ov. *Eav 6 épydrar oxdnrovy 3 orpéupara &g 8 dpog,
{ doydra (tiig idlag dmobdoswe) ndoa arpéppara Ba oxdypovy eic 8 dgag;
“Eores &m el THY T «14 tgpy&rany dvmioToyEl i T «) OTREUHOTOD

Z)(T]Lloc'riCo;.\‘ev TOV K&Twb Trivoka

mﬁﬁcx; tpyaTdv 6 14 2mAdotor tpy. 12| 3mhdeior tpy. 18

T Epyou els oTpiupaTa 3 X 2mAdola oTpéd. 6| 3mAdTix oTpéy. 9

Emeisny & peytdn mAfifos épyordv kai Epyov elvan edbécs dvdhoya, &
Y05 8Yo TiuGy ToU dvos tooUTan Tpds TOV Adyov TGV dvTioTolxwv TRV
oy = ;
% doy, BBl o = _)3(_

% - by=314 4= 6x=42 = =T

—

iE L

TOLE VS T
"Apa 7 arpippora 8& oxdyouv of 14 tpydran s 8 dpos.
z‘ll-l-dwmg 1.

Buvepede 1o &veotép TpdPAn va koraTébwpey s s

fos tpyardy | Tl gpyou | Tisal xpdvou A &mhovoTepoy :

lag dmoBdotws | els oTptp. els dpas
3 8 6 EpydTar -— 3 oTpép.
14 » — X »
X 8

zml-ﬁlmmg 2.

EXT\Hﬂ'ri(',ousv v &vahoyiav -gl = Ixi,éé:v Xpnclqumﬁaupev v 8wdtTa: «Elg
T o

ho Ut quiddoya peytdn evan foor of
"% aiis evpiowopey x=T.

Adyor TEV &vTioTolX@Y TIHGYY. PAMNAG kal dk Tis dva-
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MpépAnpa 20v. 'Edv 10 Epydron oxdmrrouv els 12 futpas 50 orpéupa™®
ol 8 Epydran els wdoas Nuépas & oxdyouv T& 50 oTpéuHaTa. (Ot gpya™®
elvan i I5las &moBbaeces kal Epydlovran Tds 1Blas Gpas Huepnotfws).

“EoTtw 871 of 8 EpydTan 8& oxdyouv els X fiuépas & 50 oTptupaTa.

SynuotiGopev TOV Trivoma :

TAfiBos dpyaTdv 10 8 20 5

6 24

Tiwwal ypdvou els Huépas 12 X

ws v

"Emeidf T peytdn mhfiBos Epyatddv wal ypdvos elvar &vTioTpoe 2
ov T¢

Aoya, & Adyos Bluo Tidv Tol Evds lootTa pds ToV dvrioTpogov Ady
&vtioTolyev Tdy Tol &Ahou.

*Apa Exouev Thy &vadoylay _l_él_ = 1% ik Tiis émolas eplokouey x;lﬁ-
‘Etropévess els 15 fuépas & oxdyouv T 50 oTpéy. ol 8 ¢pydrran.

Enpelwoig 1: g
*E&v ypnowpomoiowpey Ty 1Bi6TTa «els T8 &vmioTpdews Gvéloya peytén, T e
peva dvriotoiywy Tw@v evon Toar EXouEv 10.12 = BX = X = _10_8!3 P,
120
T flen x==15.

Inpelwoige2 :
Auvépsba vé katatdfwper TO dveTtépw TpoPAnua kel cog EEfs

Mafifos Etpyatdv | Twal xpévou Tiwal Epyou
Tijs 15las d:froSbotox els Nuépas els oTpy. |
pﬁ
o 10 = 10 tpydTan — 12 fi¥é
8 » —_ x ?
8 X 50
MpoPfrfipata

0)7
244, M T % bvbs Epyou Bierébn 1o Touby TV 9000 Bpx. Ti wosby xpmH”
dvmiororyel el T .% ol [Blov Epyov;
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245 v 100 évBupaoias xpaatovian 300 m pnkovs Ugaouatos whatous 1,40 m. Mg 125
Holag EySupaoias Téoov Teimel va gluon Té TAQTOS TOU UpdopaTos, v TO  piikes Trapa-
Hevy oTabepov

246, Atrokivrrov kiveiTan kal Sirtnpel émi 2 Gpas TayUtnTa 67,5 km h. Tléoa km

[ Savion pt THY auThv  ToxUThTa  dm 392 wpas,

247, AuTokivytov Exer TaxutnTta 56 km/h kai Biavuer &mootaaiv 182 km. Eis mooos
“pas B Savion Ty dméoTacty aUTHY, v BAGTTOOT) THY TAXUTNTS TOU KATA TG P auTis,
248, 50 orpanidTal fxouy Tpogds Bic 30 Huépas. Tooas Huipas B& mepaoouv ut T& TPO-

e aUTd, ¢dv aUEndf ) pepls koTd T % alTiis;

, s : I . 1

249, “Epyov ouvegwvfifn va Tehewoon els 25 fuépas. 'Eqv 6 tpydren EeTéhecav TO 5

a0 Epyou els 10 fpépas, ToOoOI EpyaTal TPETIEl VA& xpnotuomomBolv, Bid va Teheiwon TO UTTd-
Sy Epyov tvrds Tis Takths wpobeopias

250, 12 &vbpes txteholv Epyov els 20 fugpas. Els wooas nuépas B EkTeAtgouy TO auTd Epyov
YUvaikes, tav 1) tpyaoia 4 &vBpidy {oobuvapsl Tpos THy Epyadiav 5 yuvakdy |

2. IPOBAHMATA IIOZOZTQN

5 § 103, MpéRrnupa lov, *Eumipevpa xdotovg 800000 dpy. énwdnly pe xéo-
% 129/ [Téoov elvar 10 xépdog ;
‘Edv kaddowpev ¥ 8py. TO képBos, Emedn 129, onpaiver «émt 100 pova-

U:” kSoTous TO képdos elvan 12» kal 1O Kképos Becopsiton dvdhoyov Tol Ko~
Ous, Eyopev :

Kéorog 100 800000 100 ]

i o oSt D
> 800000 ¢

Kepsog 12 X

"Apx 1o xépbos elvar 96 000 Spy.

To képSos Aéyertan TooooTov dmi ToU KOOTOUS.
s Eig v mpafiv kal THY olkovopikfv Lwnyv, Ev péyeos kahoUpevov mogo-
o Bewpeitar dvdroyov &Ahou peytbous, TO ¢molov koAeiTol Gpyirdy
I.lé.\“a"f; f| dpyixov mogdv.

To mocooTov kai TO &pyikdy Toody elval Opoelb peyédn, cuvnBos voul-
Py A peytbn Pépous fi Oykou.

zUuBo?uCouev T dpyikov uéyebos pe A kai 16 TocooTov pé T1.

T6 TrogooTéy, 16 OToiov dutioToryel ey 100 povadas dpyikoU woool,
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KOAEITQ «TTOTO0TWaTlSH T STTAGS «mooooTOWs &l Tols ékaTév kal oupPor et
&1 ol e Mphoouev 8¢ € /.

(AuvépeBa va Eyoopev kal TrocoaTov i 1000 povdBwy &pyikol roco?
OTE Ypapopey € /o). ,

Té tumopikdy képdos fi 1y Inuia elvan wooootd i THg TIPS KOGTOUS: f
émoia elvan 81’ adra dpyikdy ooy (BkTds Eav pTés Opilwvren Emi Tis T
pfis TwANoEwS).

Ta £oda peTopopds - &mofnkevoews - Saoudv, P& T& Omolx é'm[ch[:v.'ni&'f“1
&y mpoidy elvan TooooTOV P& dpxIkOV Togov TV Tiun v &yopds.

‘H &poipr) £vds tumropikol c’xwrmpoccb-rrou elvon TTogooTOV Pé dpyIKOY o0?!
THY TNV TwAfoews TGV TPoidvTwy, T& dmoia SiobéTer.

To dmoPapov (Pépos ouokevaoias Evos arpoidvros) elval rroo*oc:b'TOVp
SpyikOV Troody TO peikTOV P&pos. To Bépos BioAeAupévou odpaTos elvar ™
COCTOV ME erp)(u(ov rogoy T Pépos ToU SraAlpaTos.

Eav A [TT, €%, elvon &vmioToiyxows TO dpyikov Togoy, TO TOo00TOV Kd‘r
moodoTwaols (TrogooTov Emi Tols EkaTdv) Eyopev TOv Tivaka :

L2 5 Ry A L
ApyikdY TG A 100 kai & TOUTOU THY dvaRoyiav a5 = =7
Tfis Omolas AapPdvopev 'roOg TUTTOUS
MogoaTow i € A= E m =

100 A

MpoPAnpa 20v. "Epmépeupa émwhin dvri 805000 &py. pe xép?
15%,. Tléoov T& kdoTos oUTol;

Eqv x Bpx. T kdoTos, TO TogooTov & elven 805 000 —y Bpy. Ko™
téocopev odTd elg ivaka, ypdeouev TV dvohoyiav kai evpiokopey TV ¥

" oA 100 X
X 805000 —x 0
= &= ...y = 70000
100 15 &
n 15 | 805000y
Aol A f

‘Emeidn  EXOMEV 1oy = = 100|~ (I81ons dvaroyi@v), T& A, AT

elvon peytdn &vdhoya, oS ¢mwions kal T T, ATT. Td A-+TT elvar 16 ap)(“‘
Toody nUEnuévor katd TO &vtioToixov TwogooTdy TI.
Auvépedo Aormdv va ypnotpomoijowdey kel Ttov EERs Tivaka :

A 100 Xt X
Loyl O > 115y _ 805 000.1¢

e e
805000 115

A+TI| 115 805000

u
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~ y_ 805000-100

e ¥ = 7000-100 &= = 700000

"Apa T kéoTos elven 700000 Spy.

I, ¥ 2B Al 4 fah wn M oL Ty Al g T
) nelwoig 1. Ex g ava?\oysusmo - > 100 e kari =

{‘ﬁﬁ“-e Té A —TT elven 10 dpyikdv Tocdy AAaTTwpévoy kaTd TO &vTigToryov TOCOOTOV.

O Béyelog qurd elvan dvihoyov kal Tpds T6 &py. ToooY A kai Tpos T ooeoTow M. "Ex Tév
(A—TT).100
100 —¢
(A+MI00 o (A4TDe
100 }¢ ' 100 -t

Wiargngy o . . . e
“Tépe dvahoyrdy wpokuTTToUY Kai of KaTwb T Bid Td A kal IT. A=

I (A —M).e

—_— 2
T (TIpdPBA .20v)

kai dvrioToiyws of 1 A=

Enuelwaig 2. Of dvotépw opiidvTion Tivokes YXpnoipomoiodvtal kal KoTakopuews,

q Mpéanpe 3ov. To kabapov Pépos tuTropeupaTos elven 1067 kgr*. Tidoov
A TS pekTov Pépos adTol, STav T &mdPapov elvar 3% kod mooov TO dmd-
POV ool

«) “Eorw ¥ kegr * 1O pewtov Pépos. To dvtioToiyov dméPapov elvan

X~1067 kgr*.

\-'——.____W__
£ n
109 3 f v ot v s HOSTE 0 .. x = 1100
100 2
X x-1067

Quvgpefa va YproIoTIOCwWUEY TOV T veKa :

A A-TI
100 b 067 oer — 106700
97 =y = = Y =
= 0 97
X 1067 s et D e, b,
| | 97

"Apa 1o peiktoy Ppos elvan 1100 ker.
B) To &mépepov elven 1100-1067= 33 kgr*.

Auvépeher v T elpopey kal am’ eUfelas,
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"Eotw x kgr * 16 dmoPapov. "Exopev Tov mrivaxa.

m A-TT
x 1067 1067+ 3 _
3 97 =3 ey = ————— &= y=11.3=
R o7 2
X 1067

MpéPAnua dov. “Eutopos &yopdler tumépeupa dvri 82 000 spy.  “EX
g€oBa 129, (B Tiis Tiufis dyopds) kad TwAel pé képSos 15%, (Emi Tob KkSoTOUS)
"Avti ogwy Bpy. B TwAnon TO Eumdpeupa;

“Yrohoyifopey Tpdtov TO kdoTos foTdd ¥ Bpy. aUTo.

A A0
100 112 —> yx = 91840
82000 X

“Yrohoyifouey Topa TNV TiHv TwANCEWSs § Spy.

A AT
91840 91840. 115
100 115 3 __3_}_ e = e e
5 100 i 100
| 91840 v = y= 105616

“Apa 1y Tipn TwAnoews Tol éumopeuparos elven 105 616 &py.

Iapathpnots. Els 16 alré &motéleoua katahfiyouey, #&v képwper Thv kerdrafiV’
¥ Bpyx. mwinoews 82000 Spy. &yopds

100 8py. d&yopds 112 8py. xbaTous
100 Spy. kdoTous 115 Bpy. mwAnois kal oxnuaricwuey THy tEiowotV’
¥.100.100=82000.112.115, 7 omola &mAvopévn &ibe
82000.112.115 1056160000
—_— T = = 105616.
100,100 % T e
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IMpopAqparta

R 251, “Eprmopos tmadnoey Eumopeupa pi xépbos 209, kal elotwpafev 360000 Spy. Mofa #
o rog uTropeUpaTos ;

& 2592, *Enmropos éwdAnoey dumdpeupa pé képBos 159, kai txépBioev 60000 Bpy. TMola & &fix
Y éumopeyparros;
253, To pewcrov Pépos Evds TpoidvTos elvan 375 kgr * 76 6t kabapov eivon 300 kgr * TTéoov
195 ey elvan 16 dmdPapoy o) bl Tob pekTol Pépous kai B) E ol xaBopol Pdpous;
i 254, *Avricelpevov &flas 3750 Bpy. Emwhndn pé képbos 259 Eml Tol kéeTous. Tola #
| Twhioews kal mogov elvan 1o KépBos;
255, *Eqy 1o xépBos i 209, elven 4940 Bpy. Toia i Tl TwAoEws kal wolov T4 K6TTOS;
3 256, Tnhedpaots Emwhnln pé kmrwary 309, &vri 4550 Bpyx. Toéoov TO kdoTos kal oM
™ 4 Berrreors;
257, “Eprropos Treel TOV T. Tijyuy, do0v &yopdder 16 m. Tléogov Tols ékatov kepbiler;
& 2_58. *Edwv Eurropos oA wé képbos 25% bl Tiis Tipfis &yopds, wéoow Tois Ekatdv kepbilet
TS Tipfjs TAfgEws;
o 2_59. "Edv fumopos bmdiher dumdpevia dvti 11500 Bpx., 86 bipBice 159 Emi 100 ¥OTTaLs
- "Ergshnoey pcs Todo &vrl 9500 Bpy.  Emwhiifn T fumépsuia &ve fi kéTw Tol Ko
8 Tou xai Téoov Tois EkaTdv £ alrrol
%0, “Eprropos EmdAnoey dvTikeipevoy pé Enplav 7%. "Eav Emooder ToUTto pé képBos 3%,
* Baupavey 750 Bpy. mepioadTepov. TMofov To kéaTOs TOU GuTiKewévou,
K 261, Tlégov fyopdodn tumdpeupa, 16 dmolov Emepapivin u Eoba 109, kal tmawdfbn ut
Pos 110, &vri 183150 Bpx:;
262, Avo dvtikeipeva kooTiCou duod 5000 Bpy. Kol trwAfibnoay To kv a ke képBos 209,
B Lt képBos 15%,. 'Edv o Shikdv képbos fito 900 8py., v eUpedi) 6 kdoTos EkGoToy.
263, “Epmropos Umrohoyiler va kepBion 25% i ToU KkéoTOUS Evds éUWOPE‘:’PGTOS-. "Emre>-
s::“ Spes auTs pi UmepTipnoiy 5%, &l T Avaypagopévng Tipic Tegov Tois tkaTov Ekép-
Vot tou xéoTous;
264, "Epmopos &varypager Bl EMTTOpEURATOS TNV xard 309, dveTépav ToU kéoTous Kai
GW\EI aird i Emrwotv kepSilwy outw 23,509, i ToU xooTous. Tlola fy Ekrwots &l Tiig
Pagopévns Tipds;

3. IIPOBAHMATA ZYNOETOY ME@OAQY TQN TPIQN
Y 104, MpéfAnpa.

3m® volyov xrllovrar ¥mé 5 wTioTOY el 2 nuépag
6m® rolyov wrllovrar 9mé ; KTLOTHY ele 2 fuboac
Im® rolyov xtlfoviar $mo |  NTOTEY elg 2 fufpag
6m® tolyov wrilovar dmé 5 xamerdv el fuéoag
12md volyov wxtiloviar Omd 5 xragTdY el ; fubeag

Ny

Mundnowboiiv ai Tiual wakifovs xTOTGYY Kai wript) yodrovy.
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Al &ravrfices elvon kard cepdy 10 krioTar, 15 wrlote, 4 fpépar, 8 f
pépa, 51611 1o pbyedos «nipf) Epyous elvar &véhoyov Tpds ExaoTov TEY HEY
86V «mAfifos EpyoTddus, «TIpT Xpovoun, ko’ Saov TO &AAo HlaTnpel THY vl
TRy (Toapauével oTabepdy).

Aéyopev 811 td péyebog wriph Epyoun elvar dvddoyov mpdg T Gev
yog tév peyeddv «mAiijfog épyar@vy, wriph ypdvoun.

SuvTdooopey TOV kaTwTépw Tivaka dvmoTolywy TIpdY

Tty Epyou X ) 6 9 6 12
TTAf{Bos Epyatddy W 5 10 15 5 5
T xpévou =z 2 2 2 4 8
T R 0| 20| 30 | 20 | 40

ked TapaTnpoUuey 811, ol /pévng wds Tipdis Tob y, i Eva &p1Budy, ToMM
Thao1ddeTan pa ék TGV Tpddv y A z Eml 1OV abTdv dpibuoy (Ep’ Suov 1) &
mapapéve otabepd). ‘Emropéveos TO y1vépevoy TEY duTioTolywy TIMGY .2 0"
AamAaotdleTan Emi TOv aUTov &pifpodv (oupguvws TPos THY -rrpocrs'rouplmr
Kty 816 Ta ToU TOAAGTAQCIGOHOT).

AnAabty, 10 péyefos y elvon duddoyov wpds To uéyedos w.z. 'EE P
oupTepai vopey o1 :
- 1. MéyeBog elvar dvddroyov mpdg Lebyog, tpiddo, x.0.x p.s'{ea‘j’v;
Svav elvar &vddoyov mpdg Exaotov TovTwy, ¢’ 8oov Th EAAa ra
polvrar otabepd.

2. "Eav péyebog elvar &varoyov mpog Lebyog, Tpidda x.0.x. p.eyee‘:’v‘
elvar dvdroyov mpdg TO YLvopevoy avT®V.

"Edv els 16 CeGyos ©y Thv TpiaBa Udpyr) £v péyefios Ty, TO W &uTioTpd?
dvéhoyov Tol ¥, TOTe dvTikaBloTdMEY aUTd pt ékeivo, TO dtroiov ExEl TOS &

o;l
|

oTpPOPoUs TIpGs, dnAadn TO T!P#' B16T1 s fudBopev ai Tipal ToU ¥ elvan &
Aoyol wpds Tas &vTioTpogous TV Tip&v ToU .

"
*Egappoyal. 1n. Olxémebov pnkous 32 m kai mAdrous 30 m mpdTan 480000 5pX: ﬂ
gov TAdTos Bé elyev, &&v elxe pfixos 20 m xai Tipfv 450000 Gpy. ,
KahoUpev % 8px. & {nroluevov kai kaTaTdooopev el mivaka Tas GyTioToixOUS ripas &
CovTiws
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Mo Mfikes XpnuaTikh Tiun
Suykpivopey 1O péyeBos TOU &-
30 32 480000 yviaTou Tpds TO uéyedos ToU
LeUyous TV yvwoTdv.
X 20 450000

'E'ITElSﬁ T6 péyedos TrAGToS elvan dvTioTpoPws GudAoyov ToU urkous kol eUBtcs dvdhoyov

3 ‘ - '
s Xpnp. Tpfis, ToUTo elvar &vdhoyov ToU yivopevou T XPNK. T,
L, 480000
. vy N ) 30 32
Suvemdds Eyopev TRV dvadoyioy  — = ]
X . 450000
20
Ex et : oy 32450000 . . . oo 32 450000
K Tiig dvahoyias alTis Aapfavopey -ruu%o_ = 5048000 fi v x=30 . 55 * 280000 (.

Eﬁp["‘KOusv ¥x=45. "Apat 16 TA&TOS TOU olkoméBov B fiTo 45 m.

Haparhpnotg. ‘H ifiowos (1) Bikaoloyel 1oV yvwaTov i Tol  AnuoTikol  Zxohelou
Mgy ; & y looUran mpos Tov Umepdve avTol &piBuoy il & kKAdopara ikdoing oTikng &v-
TE,GTPU!Juéuc wév, &tav To moodv elvar dvdhoyov Tpds Exelvo ToU dyvwoTou, ds ixer B, v
© Mooty elvan dvrioTpdgs dvdRoyov.

2. 8 Epydran txTeholy Epyov els 12 fpépas tpyabdpevor 7 Gpas fuepnoiws. Els wéoas
U 18 tpyderan 06 ikrehéoouy To 3mAdotov Tol Epyou Epyalopevol dmi 8 dpas kad” fué-
Y (O1 tpydron elvan Tiis aUTis dmobéoEws).

f\llip

“Ecy tpyaofidpey GTWS TTPOTYOUMEVES EXOHEV :

‘Hutpen  Epyoasias | TAfifos épyardy | "Opos tpyaolog “Epyov
12 8 7 1
X 8 8 3

.E'“‘ElSﬂ T péyefos «fL épyao.» elvat &vioTp. &udhoyov Tol «iAnBous fpyaTdve kol
ToU «dpat ipyaciasy kal &véhoyov ToU «dpyous, B& elvan

1 1

PR TSty ey CEER YOS
A, EpY. op. EpY.

Svédoyov ToU yivopévou :

fu. épyacios

: e il
o L v el iy IS0
Emopévess 12 Laxiresy 3 = e = 1
= iy
Lttt X SR £ 3
X — Hom T ]
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I SR X 12.3 T3
. ’ = [2. o G = e L S
=¥ wm 18" B T D D e T T s

€= y —14. Td 3mhdoiov Epyov O& éxTeheoBi) eis 14 fjuépas.
3n. Teprobevwv Eptropikds &vTimpdowos (Aaott) dueiPerar pé 3%, kat’ ros tmi s T*
ufis TwAfoews TV Tap’ alTol Twhoupivewy Tpoidvtwy. ‘H wpopneia S SimhagiadeTa

S = ~ £ yov
TprmhaaddeTad, KoK E&v EmMTUKR Tas TwAnoes es 1O filov, ; x.o.x. 1ol xabwpioué

ypbuou. Ké&mote EmcAnoey tumopetpata Evtds 3 pnudv kal dpol éxpirnae ThHy &poipny 70
apébwaey els Tov tpyoddtny Tou 88000 Bpy. Ti mogov EkpaTnot;

‘0 dvmirpbowTos tkpdTnoe Ty Tpouneady Tov, | dmola elvar &vdhoyos wpds THY Renuls
TrwANoEws (Tol xpévou Biarnpoupévou oTadepol) kal dyTioTpbpws dvdhoyos Tpds ToV xpove’
(Tfs Tufs TwAfoews Sarnpoupivns oTafepds).

*Edw x 8py. elvat ) wpopnferd Tou, 1) dvtioTorgos wpds aUTh v Tium TeAtioews elver 88000 X
xail & xpovos 3 pfjves, "Edv 1) Tiuf) meoAfioecos efven 100 Spy. xad & ypdvos 12 pfjves 1) mpopnfe’

sivan 3 Bpy. i
Tpourferx Ty mwAfjoews Xpdvosg
3 100 12
X 88000 + x 3
Tpoprfeix Tipdy Towhfjoews  Enl 1
Ypodvos
! 1
3 100 - 15 > 3 (asooo 1,()
1 o mi
X (88000 +x) - 3~ 2

100x = 12(88000 +) “=> 100=12.88000 |12y 4=>100x—~1 2y = 12.880004=> 88y = 12,8800
- X =--‘-26388L00 = x=12.1000 4= x—12000. *Expérnoey cos mpopreray 12000 69X

TpopAiuara
265. 8 tpydran Tehaovouv Ev Epyov els 12 fuépas épyaldpevor 7 dpas Hueproics. 128
yéran els wéoas fuépas B TeEAEIbTOUY TO auTo Epyov ,6Tav épydiwvtal 8 dpas ﬁpepngloﬁ'.
266. 9 tpy&Ttan oxémrrouv 18 oTptpuara els 6 fuépas Epyalouevor B dpas fuepnait
inydran els wooas Auépas 8& okdyouv 16 aTpiupata dpyalopevor 8 dpas fuepnaics;
267. 20 tpydran Epyaldpevor 8 dpas Hpeprioiws Eetéhecav Ta g tvos fpyou els 14 P
5
pas. Méoas wpas Ty fuépayv TpETel v& épydGwvTan 16 fpydran, Bid T& TeAerwoouy TO v
Aowrov Epyov els 30 fuépas;

L
268. A& T TaTwpa Evds SwpaTiov fyopaotncav 700 oavibes prikous 3,4 dm kai AGTe
6 cm. TMdoas oavidas pfxous 3 dm kal wA&Tous 7 em da ypeiacBolv &i& 1O aUTod TETWPS

g
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) 26Y. Pamns X peraGeTal 60 m prjkous Ugaopatos kai TAatous | m Bid 20 opolas évbupaoiag,
S0 m prikous 8& yperaodij Si1& 18 opolag tvdupacias, £av TG TAGTOS TOU UpdouaTos eiven 1,2 m;

270. TThoiov &vexpnae Bia Tagidov 45 fjuepdv ué 35 EmPdras, To &mwébepa tdv Tpo-
Plueyy alUToU tiriTpémer va TrapixeTan el Tous tmpérag fuepnoia pepls Tpogipwy Papous 1200
g* 15 fuépas &pydTepoy TePITUAREYEL vavayous kal ouvtouelel 1O Takibidv Tou kata 5 fuépas,
V3 § pepls Tédv Tpopiuwy epropileTon els 1008 gr¥.Tlooous vaveayols memouvihete To whoiov;

271. Ol #moTrpoves UtteAdyloay 8Tt Td Pdpos tvos obpatos elvar &véhoyov THs Walns
7oy TAavfiTou #mil Tol dmolou elploketan kal dvTioTpdpws dvédoyow Tpds TO TETpdywvoy
T dkTivos arol. N& Urohoyiofij To Pépos doTpovadrou els Thy ZeAfivny, fav oUTos Guyiln

I Tiis Mg 70 ker*. Al p&fon s - ZeAnvng glvar &vtioToixws 6.102" ton kal 7,5.10" ton kal
o dkriveg ayrisy 6400 km, 1740 km.

272, Metafl mopaywy®dv kai Eralpsias peTagopiv Eyre 1) Efs ovupwvia :

H Eranpela B& AauPévn 5%, i Tis Tpdis TWANOEWS Tpwinwy Aayavik@y, T& omola §&
"‘ETmpépm els Autikiv Ceppaviav évtos 10 fuepdv kad 1 porPty s 8& elvon twions xal &vti-
TTpdpeog &vdhoyos Tol ypovou petagopds. ‘H étaipelar  peTépepe mpoidvrar Evtds 6 fpepdyv.

X Tiis mewAnoews altéiv elaempdyBn Toody TO dwoio peTa TV Goaipeoiv Tiis &uoPiis TS
Npelas &uiABev el 102000 Spy. Mofa ) Tiun TwANOEWs TOV TTPOIGVTWY ;

4, [IPOBAHMATA TOKOY

§ 105. 'E&v karobéowpev eis THy Tpdmelav v TOOOU YENUATWY KA METS
SPiopévoy ypévov T Gmooupwpev, 8% AdPwuev TolTo kol éml mhéov Ev

0 Togdy XpHHdTwY, TO Omoiov AfyETal ténog.

‘O ToKos Bnhadn elvan TO KEPSOS, 16 6Troiov AapPdvopev, STav Tokifwpey
& Xpfuard pas.

T& ypriuaTa, T& émoia kartabétouey els v Tpémelav | davelfouev &g
Gld""ﬂs, ypnotpotrolobvtan els Siagdpous Emielprioels Pé oKOTTOV THV Tropa-
)’m)’f]v képous. 'Ex Tol keépBous, 76 dmolov &mopépouv T, Sikocuov elvan
" )‘Gu@dumueu kol fipels Ev pépos auTol, dnAadny, TG TOKOV.

"Enréxtoy clvar & Toxkos tév 100 vopiopoaTix@y povéaBwv els Ev £Tos.

‘O téKos elvan &véhoyos Tpds TO kepdAaiov, pOS TOV XPOVOV, KATX TOV

Olov tokifetan ToUTo, kal PO TO ETITOKIOV.

Enpelwaig.

) E&v kérolos Saverodij w.y. 100 Bpy. B’ Ev ET0s Tpds 6%, els TS TéAos Tol Erous Ba
?'hpé\vn 106 Bpy., TO kepdhanov kal TOV &vtigTotyov Tékov Tou, TO dmolov AbyeTat nd-
'l .

Hévoy xedhatov katd Tdv &vTioToryov TéKOV TOU.

Els pepikds mreprTTéoEls & BaveloThs kpaTel TrpokaTaPolikéys TOV Tékov kal & OgEtAéTng
Péver g Bavelov 94 Bpy. ToUTo AfyeTat ﬁluﬂwp.égov xe@diatoy katd Tév &vtioTol-
Yo Tékov Tou. Els 16 Téhos ToU Etous B& EmoTpEyn els Tov Saverothv 100 Bpy.

B) "E&v karoBtowpey els Thy Tpémeiav v kepcAatov AapPavouev Ev Piphidplov, e T

Toloy dvaypdgeTon & dpiBuds ToU Aoyapiaguol pas, Td dvoparemrwvupoy, 1 Sedbuvois pag,

Tooby, T& Stroiov karabéoapev, kal 1) fuepounvic katabioews.
B Tuviifoos o Tp&meZan Urohoylfouv Tos TOKOUS xaTd TO TEAOS ‘Iouvio‘u Kati :ré?\o; Aekep-
Ploy tkdoTou Etous. *Edv Stv &mooupwpey TOUS TOKOUS Ty oTryuny, ket Thy émolav Uiro-

by
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royilovtan curor, 16T Bia To Emduevov iEdumvov, To kepdatov eivan nunpévoy xoTa 1O
Tokov Tou, (‘H mpdofeois Tdv Tékwv el To kepdAaioy AbyeTan kepahomaingls aUTdV).

To ayrd yivetan kai is T& Tay. Tapeuthpia, dAAG tkei ol Tékor UrohoyilovTan els 10 TEROS
tkdoTou ETOus.

"Edv yiveton xepahotroinots T@v Tékwv, TéTE Exopev oUvbeTov TOKOY ) &vaTOKIOHOV

Eis T& xoTwTépw TpoPAnipaTa TO kepddalov Topoapével aTadepov kab® SAnv Thv Bidpxerd’
Tol TOKIoWOU Tou.

Mpokeipévou meplt Tpamélns ) Taweutnpiov Bewpoluey éT1 ol Tokol drooUpovTal xa™?
v fuépay ToU Umoloylouol Twv, (Snhadh Biv yiveTan kepahomoinois TouTwy.)

MpoRAnpa lov, Tlolos & Tokos kepahadou 20000 Bpy. els 3 &Tn wpos 5%

KepdAaioy Xpovos Tékos ’ETTEI.Bf‘] & Toros elvan dVLJXROY‘?:
pos TO Kepdhaiov kai TPOS 1;5
100 1 5 ¥ povov B elvan dudhoyos ked TP
T ywoépevov «KepdAaiovn ET
20000 3 X «YpOVOsH. ZUVETTES EXOMEV :
Kepdhatov . xpovos Tokos
100 - 1 5 100=1 ﬁi@,}mox ~20000.5-3¢
200003  x
20000 - 3 % e 2000053 13 sy — 3000,
100

*Apa & Tokos elvan 3000 Spy.

- "EQv T & Tokos, Kk TO kepdAaouov, £ TO EmMITO-

K-€-t

kiov kai t & ypovos kol EpyaoBiduey o kai Sk Thv = 00
ooty (1), 8& Exwuey TOV TUTTOV

Tov TUTov auTov supioxouev kal s EEfs :

*Emre1dfy 100 Bpy. gépouv Tokov € Bpy. e 1 ETog

f | Spyx. Bxgépn TOKOV l(EJO Bpy. els 1 étos kai

al k Bpy. B gépouv TéKOV KTEE)— Bpx. €is 1 Evos.

gt

) € N K-
Al x Bpy. els t Etn B& @épouv TOKOV K —aet BpY. Apx T = —p0

#
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E’I!-l-tlmmg 1. Elg Tov TUmov ToU Tékou ) HETAPANTH  TaploTd Tipds Xpovou elg €. 'Edv

: y ' i Ve KEWN a _ KER e
EX“’I‘W uijvas fi fpépas TOTE & dvwTipw TUTOS  ylvetal: T= e f 1= '_1_6'500(# elvan
i T ypdvou els pitvas kol noTiwg ypovou els fnépas).

2. Becopolipey T Eumopikdy Eros pé 360 Huépas ke 30 fuépas ExkaoTov pRva.

K80 v o T (T
Seh "CEPARD A AR 36000 5

€

3.0 tomoes T

To  mnhikov 36000 Abyetan otabepds BicipéTns kal TO yivopevov k.q=v AdyeTan TOK&-
€

PiBliog, “Apa & Tokos loolTan it 76 TnAikov Tod Tokapifpou B ToU otabepol BiaipiTou T= _;

Mpépanpa 20v Tloiov Kepdhatov els 11 pijvas mpos 6%, geper Tokov 1199

PX;

"Eotw ¥ Spy. TO kepdAaiov. *Ex ToU TUTTOU TOU TOKOU T = T;DS Aap-
- 8.11 B
Bévouey v eEiowory 1100 = X501 ¢= 11001200 = 611 &= x =
1200.1100

2 - x==200.100 = ¥=20000. "Apa 10 kepdhatov elva 20000 &py

Hpépanpa 3ov ‘Emi mocov xpdvov kepdhatov 18000 Spy. Tokifopevoy
PS5 89 Egepe KoV 160 Bpy

K.Et . ) y oo
"Eotw x &t & xpdvos. 'Ex Tol TUTOV T= 54 AauPavopev Ty Efiocw-

160 20

Oy 10— 1800.8.y o & X = I35 .

100

« 160 = 1808 & X

1 . o Pl 5
X “‘:—;-. ‘Etropéveos & ypovos elvar 4 ETN T 512 =

=40 fugpas.

wla

= . &
unuagn.—3v30:

MpépAnpa &ov. Tlpds rolov EmiTéKioV TrRETEl va Tokigwpey 45000 Bpy
Bia vy APoopev peTé 52 MuEpas Tékov 260 Bpy;

Elg Tov TUTOY T = KEN s orkofioTdpuey T& Bebopéva kad EmAUouEy ThHY
~ 36000

tEiUmmu G5 Tpds &y vwoToV TO E.

@iy 4552 — 260.36 = ¢ —
260 = D08 ) 260 = ——
45590

7 s ¢ & Toxlowuey Tpos 49

Woag > £ = 4 Apx €% = 49/, nhabf) TpETTEL V A
MpéBanpa 5ov. Moiov Kepdhaiov Toxilduevov Tpods 5 % Six 72 fuépag

gY““E‘lOIOO Spy. ME TOV TOKOV TOV; : :
"Exopev kep&Aaiov ouv TéKkos ooV 10100 Bpy. 'E&v x Bpx. TO kepddaiow
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: g e By ; L. I X360
haupévopey Thy Efiowory . x+ -5 = 10100 = x+ 360100

10100 4= X+ oy = 10100 = 100x+x=1010000 4= 101x = 101000

-y = -I-D-l—létl)io—q(—} ¥ = 10000. To kegdhaiov elvan 10000 Spy.

IMpéRAnpa 6ov. "ETdxice kémolos T& —35— ToU kepehafou Tou Tpds 5,5%

kal T UmdAorrov Tpds 4,5%,. *Edv &md 16 o pépos ToU kepoaiou Ehape peT
gv E1og 120 8py. Tékov TeploTGTEpOV Tapd &Td TO B’ pépos, va eYpedf TO K

g&haiov. "Eotw x Spy. TO kepdAaiov. To a pépos elven —53.—)( kel & TéKog aUTO!

3 %.5,5.1 . 2,451
5T, . To P’ pépos elvan X kel O TéKOs Teu (els Ev ETos) elvan : el

“Exouev Sucs : Toros o' pépous TANY Tokos P’ pépous Toov 120, Syverd
ThHVv tElowoiv :

3 2

= i5;5 Z-x.4,5

5 5 — 120 4= 3x:1i1 2y.0,9

100 ~ 7100 ~to0 ~ "o — 120
3,3%—1,8x _ 1,9y e 12000

= y — 8000. To epdhonov elven 8000 Bpy.

Enpeiwatg . ‘O ToKos Kepahaiou 6000 Bpy. mpds 69/, Bia 89 dHuépas eUploreTan auv'fé'

nws Sia Tol TUTOU T = _5‘1= 2000'89 = EOD___O'SQ = 89. 'O 7dros elvai 89 Bpy.
. ‘66__EDE_ 6000

"Otav 76 kepdAaiov looUtan wpos Tov arabepdy Biopétny, & Toékos loolran mwpos i

dpiBpdy TV Tpepddv.

MpoPMjpara

273. Tléoov Tokov gépouv a) 16000 Bpy. mpos 4,59, & 8 pijvag
B) 4500 Bpy. wpes 8%, &k 179 fAuépas
¥) 7200 8py. wpos 59,  &a 211 fuépas
8) 12000 Spx. mpds 6% Gk 97 ubpas

274, N& ebpedi 16 repddaiov,tdy €% = 5%, & Tékos elven 345 Spy. kal & xpbves 115 AMEP:
275. Né& etpedij & xpovos,tav e%=6Y%,, & Téxkos elvan 138 Bpy. kai 10 kep. 4600 Spy.-
276. N& evpedfi 10 EmiTdrio, iy 16 kepa. elvan 3600 Bpy., & Tékos 480 Spy. kal & xp. 20 un?

v
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277, Moiov kepdhanov els 100 Huépas wpds 4,5 Y, péper Tokov, doov SiBer xepddaiov 8000
PX- B 6 uijvas Tpds 5%:

218, T4 % kepahaiou EtokigBnoav mpds 6,5% kal ik 5 pivas EBwoav Tékov 650 Bpy.
Sloy 1 kepéhanov;
; 279, Kepéaiov 37500 Spy. érokiofn mpds 69, kal Ey1ve pé Todv Tdkov Tou 37750 Bpy. Né&
e Xpdvos.

280. *ESavelofnuey 1200 Bpy. wpos 9% xai tmhnpaoapey Ty 2av OePpovaplov Bid ke-
Mhaoy kel Tékov 1386 Bpy. Tlote bavelobnuey 10 xepdhaiov;
1. Tipas molov Emirékiov, kepcAanov 12000 Bpy. E8woe Ttékov 1250 Bpy. els ypdvov
Tfiv Tpds Tdv ypdvov, katd TOv dmolov Erokiobnoav 3600 Spx. mpds 49, kal Eyvav peTd
% Tékou ey 4000 8py.-;
Bp( 282, Kepdhatov 111000 8py. karetéfn els Tpamelav TiHv 14nv Maptiou kai thv 17nv "OxTe=
Nulw Tol dropévou Etous dreaupbn eTd TGV Tékwv Tou. Tlolov T EmTdkiov, &y kepdhaiov

Tokos &vfpyovTo s 121600,50 Bpy;

283. Motov Kepéhaioy aufnbiv kard TOv Tékov Tov, Eytve els 40 pijvas wpds 4,5 Y%, 13800

i x4,5.40 ¥:4,5.40_
(E&v y 8py. 0 xepdhaiov, & Téros Tou B elven o0 [oh L hSens—=13800)

284, "EBavelofnuey &v wogov ypnpéTwy pt v ovpguviav v& kpatnfolv ol Tékor wpo-
QBG?\'IKG){, TMoiov fiTo 1o kepdAatov, tav pds Edwoay 9800 Bpy. kai tkpdrrnoav Tékous 4 unvdy
.n ! wE.
s 6%; (Kep&Aaiov TARv Toxos=9800 Bpy.:@ k— Tsz_% —=9800).

25, "Evékict TIs TX _‘; ToU kepothalou Tou mpds 4% kal TO UméAormov pds 5%

Kq|
Ropey trfioiov Tékov 546 Bpy. Tloiov TO kepdhaiov;

5. IIPOBAHMATA Y®AIPEZIEQEZ
§ 106. a) Tpappdria.
o .EKEiUog' & &molos Savelleran pripara i dyopdlel éumopsipara émri Tri-
m;‘:trea '(5,5_\, mAnpcover &péoes THY dgic{\? a\'J:rc".'w) 5iBe els Tr‘::} Bo:,ustcr-rﬁv: ﬁ
MYE:UTnv Fyypagov Umdoyeotv mAnpowufis Tol ypeous Tou. Té Eyypagov airo
A ypapudtiov.
Tonog ypappatiov

By "Abfivans T 207f MapTiou 1970. Al Speryuds 5000,

Metd SUo pfjvag &md ofjpepov, fitor Thv 20nv Maiou 1970, Umd-
"XOuen v TANpwow els TOV K. Al | els Siarerynv
Wroy Td &vewo Togdy T&Y mévTe Yihiddwv Spayudv (5000), Smep EAa-

OV Top® aUTol s B&velov.

qu,dm_] Hov

(‘Ymoypagn kai A /vois dgeiiérou)

10
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ZuviBus els Tas Epmopikds ouvadhayds Yyiveton ypfiols Evos éyyptﬂ’o“'

T dmolov Mbyetan cuvaldaypatind. THv ouvedhaypomxkiv &bida & T
oTwThs kal THY &modéyeTtar & dgedétng Si&k TRjs Umoypagfis Tou.

Tonog ovvellaypatuciig

AiEis f 20 - 5 - 1970. Suveharypomik Sid Spy. 5000- |

Thv 20fv Maiou 1970 mAnphdoare Buvéper Tiis Tapovons pévns U
vaAaryporTikfs €l5 SiaTaryy pov Kot 5., TO &VO?
TMoody T&V TévTe XihidBwy Bpayuédv, dv To lodTipoy EAdBare ap’ Euol
els Eumopslpara Ths TeAelos dpeokelas oag Kad év Umepnuepla peTd ol
voplpou Tokou &mod Tijs AfSecws uéxpis EfopAnioews. i

R aerril Lo T B e B i "Ev *A8fvaas T 20-3-1970
XapTéomuov A VOgy s s S e & txBéTns
Ev ’Affveas Tij 20-3-1970 Al |
A (‘“Ymoypagt) kal A fvoig) |
Bisroninypimd i '
(tmoypaen)

=

Td woody, T dmoiov &vaypagetal els Eyypagov Umdoyeoiv, AéyeTal o
paotuc éEle ToU ypaupaTiou. Toalrnv cupPoMiopev pt 16 ypdppa ‘o.

‘H ﬁus;;opnvia katd THv émolav elvar TAnpwTéov TO ypappdTiov elvdt!
AfjErg ToU ypappariou.

B) 'OmicBoypdenots xal mpoeEbpinaig vpappoatiov.

“YrroBétopey 611 & k. A elvan ké&royos Tol dvwTépw ypapuaTiou dvop. &Elas 5000 aﬁi
16 dmolov Afyer petd 2 pijvas. Metd 20 futpas &md Tiis ixbboews ToU ypapparioy @ #
pd Tis Affecds Tou, BnAadh Thy 10-4-1970) b k. A Exer &véykny xpnusTeov ol qu'T‘:“ﬂ i
L1, Brhabh Twhel T& ypauudTiov es Tpitov wpéowmov (f ouviifes els Tpdmetav) étp’ §
Tponyoupéves Urroypéyn Smiobey atrou Bi& Thv dv Adyw petaplPactv fi mdAnoiv.TO o
Ayetan dmioBoypdepnolg tod veappatlou. ‘O &t mwwAntis, k. A, Myeran kal Kopta ™S
ypopuaTiov.

b
‘0 dyopaoThs ToU ypaupaTiou KpaTel tk Tiis Ov. &Efas TOV TékOV aUrTRis Sickk 40 fuépds
45 40

iv Gpopivov EmiTékiov . x. 4,5 % (5000. 100 * 380 25) kal T {mrdhorrov, ¢
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25—;4975), 5181 els T koo THY K. A. ‘H Biabikaoic altn Aéyetar npoeEbpinalg Tod ypap-
tlou. 0 xpévos petaby Huepopnvias Tpotfophiioecss kal Affecos ToU ypappariou Adyetan
ol TpoBeop.ia .

Té woody Tév 25 Bpy., o dmoiov kpaTel & &yopaoTis, Ayetan EEwTepini Yepalpeaig.
zu%"”ﬂou&u Uty pE T ypdupe v, (Mevikds Ugaipeois elvar f) Emrrwas, Thy dmolav UgioTa-
b Ypappdriov, étav TpoefoghfiTar, SnAadh STav wAnp@veTan pd T Afjfecds Tov). Els Td
én’é"‘“u 8& Aéycwuev Ugaipeotv kai 8&  Evvoolpev tEwTepikny Upaipeciv. To Toodv 4975
PX- = 5000 Bpy. —25 Bpy. Abyeran mapoboa &Ele ToU ypappaTiov kai looUTan Trpds THY
]‘Q‘P"pétv THig 86,09, dmd THs dv. &fias. “Edv oupPodicwuey ui m Thy mapoloav &fiav Exouev
% kerreafr ooy vayios :

T=0 -V = TAHU=0 == U=0 T (1)
. ‘ET!ELG)’] # Gepalpeaig elvar & Téuog Tijg dvopaotiniig GElag, Ta wpoPAnpaTa TS
W‘Péﬁzcog gmildovTar i Tous TUTous Tol ToKoU, Els Tous dwolous O kepdhatov X &ymikadi-
T iy Tiis 6v. &ias o ken TO T B TOU U. Y.

Tomros 1ol TéKOU Tumos £§. Upanpégews
i SERER U o GEt
T 0 100

B, Z:"]P.Elmcu;. Mpaupériov fi ouvahAaypaTikn un Tepiexov Tas Aikeis elg Sarayfhv, Btv
T vy petaPiPachii cls dArov.
Is Tey kaTwTépe TpoPAfuaTa 8 xprotperojoduey THv Aéfiv «ypaupdmiovs kal 84 Evveol-
&(::YYpmpw tréayesv (ypappdTiov | ouveAAaypaTiknv) petaPiPaloptvny els TpiTov -
OV § s Tpdmelav.

Hopase lypata :

lov, FCpoppdriov év. &Eilog 3000 Bpy. wpoefwednn Thy 10nv Maiou

Tf \
P 69, awri 2980 Bpy.. TToTe EAnye 1O ypaupdTiov;

Eay ¥ ETn & ¥pdvos petall TrpoefopAriotws kai Affews Tol ypappatiov,

b
‘ 0 oy v—o —1r eUplokopey THv Ugadpeoy 20 Spy. kal &k ToU TUmou
L Sl 3000.6. S 20
log Exouev Thy tfiowory 20 = —gr— = 20=30.6.X €= x = {5
v ) T » .
Sy= . 10 xpdvos elvou & Fmn fi 5360 fuep.= 40 Auépos. "Apx T

b = T
p““hd-nou EAnyye eis Tas 20 ‘lovviou Tol idiov ETous.

i 2%, Ny eUped 1) du. &fia kad 1) Upalpeors ypaupaTiou, To drroiov TpoE-
Wien 40 fuépas Tpd THs AfiEecds Tou Tpos 9%, &vti 1980 Spx.

)

A Bpy. 1) dv. &Ela, 1) Upaipeats B elvan :%6%010 kal & TUmos 0 —u== ylvetan ©

= ia . : X.9.40
X ‘%%(-;‘—0::11, ’Ex ToUTou Acppdvopev TNV tEiowatv X ~ 36000 = 1980 =
X 198000
Ry = 1980 = 100y —x— 198000 = 99X=198000 = x= g2
g X = 2000. ‘H &v. &Eia efven 2000 Bpy. kal 1 bpaipeais elvan 2000 Spy.
50 8py. = 20 Bpy.
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Mpoprjpara

286. Tlofa 1 £€. Ugpalpeats kal 1) wap. dfia ypaupatiou ov. &Eias 2600 &py., 16 dmolov e
fwpAnfn 2 piivas wpd Tiis Affeds Tou Tpds 6%;

287. Né& evpedfi 1) 6v. &fia kai 1 Tap. &€ ypoppaTiov, 10 dmolov Tpoefwehiién 5 pii ¥
pd THs Afjedds Tou Tpos 7,29 kal elyev EE. Ugaipeorv 60 Bpy.

288, Tloios & ypoévos Metafy Affews kal wpoefophfioews ypappaTiou 2160 Bpx-
dmoiov mpoeSwehiifn Tpds 8%, &vri 2131,2 px.;

289. Tlpds moiov Emitékiov mpoebweAnn ypauudriov 3200 Spy., 50 fuépas wpd T
fecxs Tou &vti 3168 Bpy;

290. Né& ebpebij 7 tE.0p. ypanuaTiou mpoefopAndévros 3 uijvas wpo Tis Affecds Tov
2751 Bpyx. mpos 79%.

291. Mpappériov fito mAnpwTéow TH 28nv ‘louviou kai mpoefwehfdn dvri 2970 Epx:
13nv Maiou (Tol 18iou Etous) mpes 8%,. Tlola # év. &ia alTod;

292. Mpappdmiov TpoefwpAnifn 80 fuépas wpd THs AMifecs Tou wpos 9%, vl 4410 &
Ti képSos & elxev & xomaThs, tav f TpoeEdpAnois tyéveto pds BY; 4

293, 'Edv § bv. &Eia elvan 1600 Bpy., £%=9% kal # wap. &Eie elver 1562 BpX+
eUpel) & ypdvos.

294, 'Eav | dv. &fia eivan 1200 Bpy., f) map. &ia elven 1155 Bpy. kai & xpovo
5 pfjves va eUpedf) TO EémiToKIOV. p

295, *E&v f) mwap. &fla elvan 4900 Bpy., %= 6%, kal & xpévos elvar 4 pijves va eop’
f) dvopaoTikny &Eia. g

296. Avo ypappdmia pé &Bpoioua dvopaoTikédv &EiGv 14400 Bpy. mpoeCophobval e
pos 6%, &vtl 14214 Bpy. "Eav 16 o EAnye petd 3 pijvag xai T B’ petd 2 pijvas véx utroAoY
fi ov. &fla EkdoTou ypappaTiou.

¢ M
&y

Ll

g 6

6. IPOBAHMATA MEZQY OPOY

§ 107. ’Eav els pofnthys Exn 8 el T& ypamTa Evds pabfjuaTtos kad 12 I

T& Tpogopikd, ToTe & Pabuos Tol podruaTos & elvan §+22 S lonte

piBpos 10 Adyetar péoos 6pos TGV &piBucdv 8 kai 12. i

"Edv of Pabpol Tol pobntol el Ta padnuata Tou elvan : 10, 1L 1,:

-14, 13, 16, 14, 15, 17 7éTe & yevikds Pabuds els 10 £vbeikTIKOV TOU & v

. ; 104114174124 14413416+ 14415417 139 9 40
&p1Buss o P ey 3 13—1'6-

Toios elvon & péoos dpos T&V Pabuddv Tol pabinTol.

Tevikés : *Ap1Bpntindg péoog 8pog Srapdpwv dpoetb®dv &pBp.dv 1”;
Tar 6 mnhixov Tiig Slatpéoews Tod dBpolopatog TV &pbpdv bua
nAfBovg adTdv.

E&QV X; Xar Xar - -+ Xy Elvou OpoeiBeis &pibuol (veN) ToTe & &p1Buos

YatXstXat Xy _ X elvar 6 pboos Gpos aUTdv. "Emadn x v Exe
v

%y = VXu, Myousv 6T T &Bporoua SobévTwy GpiBudy foolTal Tpd

vouevoy ToU pécou Spou Twv &l TO Afifos . auTév.

g0

L
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- Enpelwotg, 'Eav & &pibuds X, tupavibeTal K, gopds, & X, K, 9opds kod & ¥, ¥, o
P TOTE Xp= Ky X Ko XpHKs Xs

"Eqappoyal

L Ne& e0pediy & &piBpés, & dmoios elven péoos Spos Tév 15 kai 20.

“Eyopev !,5;20 = %2:5 =17,5. Tlaparnpoluev 611 15 < 17,5 < 20 xal ém

175
F=15 = 20175
p

‘0 péoos Spos Tédv &piBudy o kal P elvat 6 ‘12”2 , & &molos eptéyeTan petaly TGV
! : C oo a4P J
‘B ('W.x. tav @ < Pp—mpa < EZLB 62 p) Kai nvmm.:?‘—-»u: p 79,2{3
2 Eyy 11 elvan & mpog. PaBuds Evés padnTol s Ev pudbnua kad s TOv Eheyyov alTou o
P08 fito 13, B 16 wébnua alé, Toios & ypamTos Pabuds;
.Et'xv X 6 ﬁaﬂubs TSV YPG"T‘:\"Vu Exopsu ,“'_;x =13 = || .meﬁ => X:{S‘
Hpoprfpera

- 297, N& eUpEdTy 4 uéan Bepuokpaaia Evds dadevolrs el piav  fuépav, tav Eeppopetpndn 3
P35 kol et Beppokpaciav 38 B., 38,7 P, kol 38,2 p.
& &3 "Eri &v & 3y |
T "298- Ne&x eUpedii & 1. Spos Tév &pidpay 7, 10, 13, 16, 19. Ewions T@v apibudy 7 kal 19,
APaTnpeiTe;
299, Né& evpedi) & 1. dpos T@v 10, 14, 18, 22. ’Emions tév 10 xai 22. Ti mapaTnpeite,
300, Ng eUpedi] 1o &fpoloua TéV dkep. &mo | fws 49. (N& ebpryte pirov TOV W Spov),
by 301050 it Spos 1@y Paduisy TpiGY palnuéTwy fiTo 14,5, Ka'r?mv L{E‘I‘Eﬁ)\f]en o ;30;9@;
HoBfiuaros kai & . Gpos Eyive 15,5 TTéoov nUEndn & Poduds ToU Ev Aoyw pabrnparos ;

7. NMPOBAHMATA MEPIEMOY

§ 108. MpépAnpa 1ov.

Ng pegualj & dobpog 100 eig péen dvdioya npdg Tovg dpibuods 2, 3 xai i.
" "Edy X, v, z elvar ol {nToluevol &pibuol  O& Excouev Y +ytz—= 100 kai
TS o van &véhoyor Tpds Tous 2, 3 kai 5 06 Exwpev Tous ioous Adyous

3 5 24345 10

e T

¥

2
Yo -;_ulm-)x=20. —%—= 10 = y = 30 chiu;-_—_— 10 ¢= z =50.

HMBMM 20v,
Ne Hep1oBi) & 130 els pépn GvTIOTPOQUS &GVGAOY TRV Sp1Buddv 2, 3 kai 4.
Eay X, W, z elvan T& uépn Tol 130, 6& elvea X+y-+z=130.
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"Apa ¥ = 100000, = 90000, =z = 110000.
‘O o 8& A&Pn 100000 Spaxuds, & B° 90000 dpayuds wkai o ¥y’ 11000¢

Spy.
MpoPfAfpata
302. Na peprofiy & 180 els pépn dvddoya t@v a) 6, 10, 14 P) 3, 5, 7 y) 18, 30, 42 kal 5)
360, 600, 840. N& ouykpiviTe T& &moTedéopara TéV 4 TrepimTdoewy kol v SikatoAoynon™
auTtéd, TO Smoiov B& elpmTe.
5

g = o T
303. N R & 260 &vardyws TV — , -=— Kal —
(s UEfJ'IU n ava, OY S 4 6 12

304, N& peprofiotv: a) & 480 dvahdyws T@v 2, % Kai % B) & 310 &vrioTpées

Gvahdyws T 2, 3 kal 5 kal y) & 24 dvnioTpbpws dveddyws TGV 2, ; kal _’;_

305. MiaéTrTwyos oUAloyos Epoipaoey 600 Speacyuds els Tpels Ty ds olkoyeveias &vahby e
ToU &p1Buol TGV peridy altédv. ‘H o olkoytvera fiTo 4peAns, f) B Gpehis kal 1y’ 10peAns, T160%
Spaypds EAaPe kdbe olkoyévela;

306. Ao avtokfvnTa tkkivolv ouyxpoves éx &Uo méhewv, al dmoion dméyouv 220 ke
mpos ouvévtneiv Twv pE TaxUTnTas 50 km/h kai 60 km /h. N& epedii méoa km 8¢ Biavid!
ExaoToy, £ws &Tou ouvavtnBolv.

307. Xpnuatikdy imoafdov ik 5200 Spy. mpdkertan va popachi els BUo mobnAdTas o
Smoiol elov Tas EEfjs Embdosis els dywviopa Spduov wids dmooTdosws @ & o Bifjvuoe THY ucs
ataoty gl 18 min kai & B’ els 21 min. TTéoas Spaypds 8& AdPn ékaoros;

308. Avo avtokivnTioTal petépepov Eumopedpata &vri 6800 Bpayuév. ‘0 o uETélPEPﬂ
4,5 ton €ls dwéoraciv 40 km kal & B’ 5 ton el &wéoTaoiv 32 km. Méoas Bpaypds EAapev e
aTos,

309. Tpeis &Berpad bxAnpovopnoay &me Tév Beiov Tous 700960 Spy. Urd Tov Spov va O
veunBoliv dvahdyws Tiis Hhikias Tewv. Al fhikie albrdv elvan 14 Ern, 16 &t kol 21 . 169%
Bpx. 6& AdPry ExdoTn;

310. Ao Pobroi évowiaoay dypov &vri 2850 Bpy. ‘O o iPéoxnoe 200 wpdPara »
fuépas kad & P 150 wpoPata dml 30 fuépas. Tlolov woody ypnuéTwy B& TAnpdon EKaaTos:

~311. "Epmopos fipyioey émixeipnoiv kataBéoas 100000 Spy. Ao uijvas &pydtepov P
othaPe ouvetaipov & dwoios koréBeaev 150000 Spy. “Ev Etos petd Thv wpbaAnuiy Tod oV
Taipou eUpov &1 tképbioay 99000 Bpy. Tléoov képos B AdPn ExaoTos;

8. INPOBAHMATA MEIZEQZX

§ 109. Té& TpoPAfuaTa, &s T& émoia ylvetar Adyos mepl &vepeifecos 61
<pop<.ou ToloTTwy EpopeupdTrwy Tol  aUTol  elbous kai yevikdds BlmpéP ol
cwpdTwy T& droia SUvavTar v &uapiyBoly, AbyovTtan TpoPAnuaTa Gae”
Eews 7 peifecos. TS wpoidv Ths dvapel§ews fi pelecws Myeron pelype.
&vapeyvudueva ohpaTa AfyovTal pépy ToU pelypaTos.

‘H émwiduois tédv TpoPAnpdTwy Toutwy 8& yivn Tf Ponfeiqx T&HV EC'U‘"
oewv Kai oTnpileTon émi TGV s Kavdva :

1. Ta Bdpn tédv pepdv Exouv dbBpotopa 1o Pdpog Tobd peiyparos:

2. 'H mipn wéovoug Tol peiyparog icolrai mpdg to dOpoiopa L
TILdV KéoTOoUG TOV Kepdv abTob.

€
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~ Mpéprnpa dov."Epmopos &vépeife 150 kgr* Ehadou Tédv 24 Bpy. kard kgr¥,
% 100 kgr* &AAng moidTnTos EAadov TGV 29 Gpy. kata kgr* Tléoov TipdTan
™ kgr* Tol pelypacTos;
"Eotw y Spy. f) Tn ToU kgr* Tol pelyupaTos,
“Exopev : T o TroiétnTos ouv Tipn B’ moidTnTos foov TIWUN HelyHOTOS.
100.29 + 150.24 = (150+4-100).x

Emidgopey thv Efiowoty kai edpiokopsv yx =26.
‘Emoptveos 26 Spy. mipdTon 1o kgr¥ Tol pefyporos,

znp.eiwmu;. Els 16 mpoPAnuar auto Suvaueda va Inriiowper : wdoov Tpémer vé AR
° KNSy Tol pelyparos Si1d vé kepbion 259, fml Tiis Tiufis xdoTous Tol peiypaTos.

Merd v eUpeotv THg TIpfs kdaTous ToU KIAoU ToU pefyparos mpoywpoluey els v Eri-
Yo ko T& YrooTd f TdvV TocooTdv.

100 &py. kooTog 125 Bpy. ToHOANoIS
100 _ 125
26 X
Tiptmrer i mAfj 32,50 Bpy. TO KiAdY Bk v kepbiln 259 Emi Tol kdoTous.

26 Bpy. KéoTos X =3 & X = 32,50.

. Ipépanpa 20v. Oivommins &vépaife clvov Tdv 5 Bpy. kgr* ut olvov
‘-‘0\7\1]; moidTnTos TV 4 Spy. kgr* kai éoxnuaTioe peiypo 100 kgr* tév 4,60
PX. /kgr*. Téoa kgr* EAaPev € éxdoTou €eious;
3 "Eoreo &M EhaPe x kgr* éx Tijs mwoidTnTos TV 5 Bpy. kegr*. Tére & Tiis
?D\Tls moiéTnTos EAcPe (100 —y) kgr*. ‘Emouptveos Eyopev THv Eficwoiv
X+4(100—X):4,6.100 tx Tiis omolas eYplokopey y— 60,

"Apa EhaPe 60 kgr* éx Tis o To10TnTOS Kad 40 kgr* &k Tis B’ woidTnToS.

Mpépanpa 3ev. Katd molav &vahoyiav mpémer vi &vopet§oouev Mmos Tév

:;3 Spy. [kgr* p¢ AMmos tédv 30 Bpy. kgr* Biax v& oxnuaTicwpev pelypa TGV
Bpx. kgr*;
\ "Eav Aé&Peopev y kgr* Ek ToU Amous Tév 35 Bpy. kegr* kai w kgr* & Tol
oy

Us tév 30 Spy. kgr*, ToTE TO pelypa Ba elvan (x+w) kegr* kai 0& Exeopev
V Elowary.

e ?5X+30"PT32(X+‘|’) n é-rrc:icr éXEf BlUo dry‘vdn?*m\ig. ‘Hfuopq;r‘]" Spws TS
Woecxs alrfis elven ToixTn GoTe SUvaTanr va elped & Adyos T&V X, .

My. 35% - 30p=32(x+y) €= 35x+30p=32y432y 4= 35x 32 —

=3 Kol 2 s
2y 30y = y-2y = s - 5=

i "H &votoyta dvopeifecs elvon 2 kgr* & Tiig TowoTnTog 16V 35 Spy. kgr*
&l 3 kgr* tx Tis &AAng To1dTNTOS.
npdﬁlnpa &ov, "Eumopos &uépaife 800 moI0TNTOS tvos eibous TGV
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36 Bpy. ker* kol 25 Spy. kgr*. To kéoTos ToU pefymaros fito 30 pr_fkgl"
Eawv &md Ty o modtnTa EAaPe 100 kgr*, méoo kgr* EAaPev &k T EANNG!
"Eoteo 611 EAaPev ¥ kgr* &k Tfjg B moidTnTOS.
“Eyopev Thv Efiowory 36.100+425.%=30(100+y) <=
360025y = 3000430y 4= 36003000 = 30y —25x
5x— 600 = X = ‘20 e x-120
120 kgr* #AaPev & THs P’ mWOIOTNTOS.

TpofAfp.ota

312. 'Avepeiy@noav 200 kgr* ofvou Tédv 4 Bpy. /kge* pé 300 kgr*  &AAns mo16TNTOS L
4,5 Bpy. /kgr* Tlooov &EiGer 16 kgr* ToU pelynaTos ; ;

313. "Eumopos &vépeife 80 kgr* éAaiov Tédv 25 Bpy. [kgr* pg 120 kgr* &AAng 16t
t&v 30 Bpy. /kgr* Tiégov Trpémer v wwAT T6 ker® ToU peiyparos, Bid va Exn xépbos 10% ¥
1ot kéaTous; (Al Tipad elven Tipai KOTTOUS). i

314, Kard molav &vahoyiay mpéme v dvapelfouev Poutupoy Tdv 50 Spx. Jkgr* ni ﬁohf
Tupoy Tév 60 Bpy. ker*, Bid va EmTUYUEY PETYU 1@ 56 Bpy. kgr*; Kal &dv oxnk®
cwpey peiypa 50 kgr*, wéoa kgr* mpimer va AdBuwiey Ef ExdoTng TodTnTes PouTUpoy; ‘

315, Kagemorns dvéuale xagt v 90 Spy. /ker* ut kaod v 82 Spy. /kgr* xal g
pefypa 12 kgr* v 88 Bpy. /kgr.* Moo kgr* &véparfe ¢€ ixdoTns TOIGTNTOS;

316. *Epmopos &vépetfe 150 kgr* hafou v 32 Bpy. /kgr* pt 100 kgr* &AAng '!1'0""'mi
Tos 26 Bpy. /kgr.* "Eav TwARj TO pelypo 1rpods 34,80 Bpy. /kgr* méoov TOls EKATOV kepBILEL
Tipal elven Tipad Ké@TOUS). y

317. ’Eyéveto peiypa (100-+x) kgr* & 0o Tow TATWY ToU auTou Eeifous. ‘H -rl'.-lfl"riil
kge* Tiis a'lirowdTnTos fite 35 &py., Tiis p' mowdtnTos 30 Bpy. kai ToU pelynatos 32 &pX- E
Ek Tiig P’ mO6TNTOS tafelnoav ¥ kegr*, véa elpedi o x.

318. "Avaperyviovton 100 kgr* Tdv 20 Bpy. /kgr* 80 kgr* T&v ¥ Spx. lkgr* 7
moloThTeow Evds eibous. "Eav # Topn Tol peiyparos elvan 22 Bpy. kgr*, va ebpebi & X ;

319, Tl wpémer va dvapeifopey Slo mordTNTSS kéoTous 48 Bpy. /kgr* xal 44 SpX- fkg,
vds €ibous, Bi&x v& oxnuaTiowuey welypa, TO dmoiov, Eav Thépev 49,50 Bpy. kgr*, vl ¥

Bifcopev 109, émi Tol wdéoTOUS;
/0

9, IPOBAHMATA KPAMATQN

§ 110, 'E&v ouyywveuowyey A ouvhfopey (51 Slogdproy peddBwv) o
 mepioodTepx PETOANX Aappdvopey Ev odpa TO dmolov Afyertal xpdpt |
Els Thv oikovopikfv fwhv vdiapépouv T KPAMOTE TTOAUTIH®WY pe*rdhwﬁ
(xpuoou, &pyUpou), TGV otoiwv 7 &ffa kTipdTon ék ToU Adyou ToU ﬂf’f?o:,
o0 TroAuTiHoU peTéMAoU TIpds TS SAikdv Bapos Tol kpduaTos. ‘O Adyos o™

Aéyetan TitAog ToU kpduaros kol tkppadeTon elg ytAtooTd.
"Eqv A Td Pépos ToU moluTipou peTéMAou, B Té Papos ToU kpdpaTos K

& tiThos ToU kpduaTos, EXOPEY

A

At m A= B

a
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850 -
1000 tvvoolpev OT1

& Ty 1000 gr* ToU kpdworos T 850 gr¥ elvar mwolUTipov uéTadhov kol T&
30 gr* elvan &\hov f &hAha péTahha.

‘0 iThos TGV Xpuodv KoounudTwY ikppdleTan kol els kapdTia. T, STav

wuey &1 &v ypuoolv kdounua elvan 18 kapaticov, tvvoolpey T &k TV

4 Mepddy orTol T& 18 péprn elvar kabapos ypuods kal T& UmrdrorTa 6 pépn GAAX
rag,

‘H Emidvois 16y mpoPAnudrwy 8% yivy i Ponfeia Tiv Eflokoewy, dres
Kol elg e mpoPAfuaTa &uapeifews, pé PAoty ToUs kavovos :

My. &rav Adywpsv 611 16 kp&ue Exer Tithov 0,850 §

., ©) «Té dbpotopa t@v Lapdv Tob noAuTipoU peTdAhov elg T& TPOG
NvtELy kpdpate ioobral mpog t6 Bdpog Tod moAutipou petdArov eig
véoy npapan.
B) Té dbpoiopa vdv Papiv tdv xpopdtwy loobrar mpdg T6 RBapog
0 véou xpépartos.
Mpépanpa 1ov. Xpuooydos ouveirnge 12 gr* ypuoot vitheu 0,900 ué 18
8% &anou ¥puool Tithou 0,800, Na euped) & TiTAos ToU véou KpdPaTOS.
"Eotw ¥ O TitAos Tol véou kpapaTos.
Ta Bépos ol kabapou xpuood eis & o kpGua eivanr 0,900.12 gr*
T Pépos ToU kabapol ypuoou es 1o B kpdna elvon 0,800.18 gr*
Té Bdpos ToU kaBopol xpuool els To véov kp&ua elvon x.(12+18) gr*
Supphves Tpds TOV dveaTépwy kavdva Exounev v Eficwoy
050012 1 0.800.18=y. (124 18) 4= 10,8+14,4 — 30y 4= 305 = 252
S 3;52 > x — 0840,
‘O TiThos Tol viou kpduatos elvar 0,840.

MpépAnpa 20v. 'Edv ouvthfwpev BUo Eldn kpaudtwv  (ToU ayTol

TOMrigoy perdiou) Tithwv 0,900 kai 0,600, Aaup&vouey vkov kpiua Pépovs

2r¥ xoi tithou 0,700. Tldoa gr* EAngbnoav £§ éx&oTou kpapoTos;

_ Eorw émi EAfginoav ¥ grt k1ol kpauaTos Tithou 0,900, ToTe &k TOU
gi\?\ou Kkpépoos B Exouv Anebf) (42 —x) gr*. “Emopévas Exouev v éiowoiv :
1900, - 0,600(42 —x)—0,700.42 4= Ox+6(42 ~x) =742 4=> 9x+6.42 —6x
142 ¢ Oy 65742 -6.42 4mb dx=(T —6)42 4= 3x=42 = x = &

= x = 14

’Elﬁqnﬁncrau 14 gr* & o0 kpduatos TiTAov 0,900 kai 42 gr*—14gr+=28 gr*
TOU &ANOU KPAHATOS.

Hpépanua 3ov, Kara wolav &vahoyiav TPETEL V& OUYXWVEUOwWUEY BUo
Qare (1ol auTol ToluTipou peTéAov) TiTAwy 0,920 kot 0,800 &ix v &mi-
Whev véov kpdpa TiTAOU 0,840;
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"Edv AdPoopev x gr* dx ToU kpdpartos Tithou 0,920 kai 4 gr¥* #k ol &AM
kpduatos, TO véov kpdpa O& elvon (} +y) gr*.

"Exopev v é€iowarv 0,920.x+0,800.4=0,840(x+y) <= 92y+-80y=
=84(x+vy) €= 23x+20p=21(x+y) <= 23x+20p=21y3+21y &=
23 21x = 21y ~0y = A=y €= § = % = X = -

‘H dvohoyla ouyywveloews elvan | gr* & 7ol kpdpoTos TiThou 0,94
kai 2 gr* &k Tol &Adou Kpduarros.

MpopPMjpare
L g
320. Xpuooydos ovyywveler 10 gr* xpuool Tithou 0,900 pt 14 gr* &Adov ypucol ik
0,600, N& eUpebij & TiTAos ToU viou kp&paTos.
321. Kéupvopev viov kpdpa Pdpous 90 gr* kal TtitAou 0,840 ék Suo dAAwv KpopdTw
TAwy 0,900 kal 0,800. Tléoa gr* #€ txdoTou kpduaTtos 6& AdPwpev;

v 1

322, Kord wolav dvahoyiav mwpémer vd ouyywvelowpey Blo eibn ypugol Tithwv 0190?
xaid 0,750, 81 vé EmiTdywpey kp&ua TitAou 0,800 kai méoa gr* ¢ tkdoTou eibous O& ?\éﬁ‘*’p["
t&v 16 viov xp@pa Exn Pépos 75 gr* ;

323. Zuyywvedopev 80 gr* dpyupou TitAou 0,920 ¢ Gpyupov Tithou 0,850 kol anpmd,‘“
uev véov xpdpa Tithou 0,900. Tléoa gr* éx ToU B’ kpduaTos B& YpnopoTomowhEY;

324. a) Tléoa gr* kadapol xpuool TepiéxovTan es 50,5 gr* ypuool TitAou 0,740;

B) Kpdua xpuaol 80 gr* mepitxer 50 gr* kabapodv xpuodv. [loios & TiTAos Tol Kpﬁll‘ﬂos‘

i

325. Xpuooyéos auvitne 10 gr* ypuool Tédv 17 kapatiwy ué 20 gr* &\Aou xpuool T";,
20 kapatiov kal uE 30 gr* Tithou 22 kapaTicv. Né& elpedij & TiTAos ToU véou kpduaTos €S :
paria 3
326. Tdoae gr* yohkoU mpémer vd ouyywveowpey pi 140 gr* xadapol ypuood, g "
EmiTUywpey kp&ua TiTAou 0,700;

10. AZKHZEIZ INPOX EMNANAAHYIN TOY KE®AAAIOY IY

327, 'E&v X = 2 kad y =15, v& eVpeBolv T& X, .
¥

328 CEay e = .%,vé( eUpedoliy of Adyor :
W

Bl 2ot il 2 (v3) R (.P;H) ms)l‘%

X+ y-3 y+3 3x-
329. *Edv 3x+4y=52 kai X = g . v& elpeboly T& ¥, .

W
e S Sl e ey L Sl s g AR, L g
( w 5 S 25 90 g s 6 20 6420 26

330. N& ebpefioUv ol fjyoUpevor &pot Tfis dvahoyias o %’ , v a) 2x+3\P’i
kal B) 2x =5y =130 s

WnoionoiOrke ammod 1o ivotirouto EknmaiSeuTikrg MoAmkrg



157

331. Né& eUpefolv ol 6por Tol Adyou X = i , By @) X -3y =150 kad B) 5y —3yp=30
¥

332, Avo épyéran teTideoay Ev Epyov. 'O o EeTéheoe T .% ToU Epyou kad & P TO Umo-

R°“‘°V. ’Edv & P’ EhaPe 4200 Bpy., mooov tkdoTioev dASKAnpov TO Epyov;

333, Ak THv dyopav #vBupaoias tyéveto EmTwols 270 Bpy. kal EmAnpdbn To Toodv
1230 Bpayuddv. Tléoov Tols tkatév Umedoylobn # Exmroois;

334, *Avrikeipsvov kbarous 1800 Bpy. EmwAfdn &vrl 1440 &py. Téoov Tois tkatov fito
h E“'fr‘l'r.ocng; 'Eav 16 xdbotos Tou fito 1400 Spy. kal tmwewinbn &vrl 1750 8py.,mdoov Tois
Kargy fito 1o xépbos; :

335. 15 tpydran Efetéhecav els 8 huipas TO ; tvds Epyou. 'Edv dmeAlbnoav 5 Epydral,

% Téoas fuépas ol Umdhormol Ba TeAeibgouy TO UmbAormov Epyov;
336. TMeGomdpos, tav Padion 7 fHuépas éri 8 dpas kad’ ikdornv & Bavuon T& 113 Hds
h"h&cem;, Téoas dpas Tpémer v Pabdiln Huepnoins i va Siavion 16 UréAormoy Tijs &mmo-
é“’Emg els 8 fuépas;

337 ‘Ta 2 kepahaiou TokigBévTa pos 719, Eyivav pé Tov Tokov Twv 9831 Spyx. N& el-
b 13 Xpovos, txv SASKANpov TO kepdhatov fiTo 28928 Spayuds.

338. To 2]_ kepohalou Etoxkiobn pds 5%, TO ; abrol Tpds 6%, kad T UréAorov Tpods

L i 3 i

o "E&v el Bv Eros kepdhaio kal Tékor dvpyovTo els 18930 Spayuds, vé eUpedii T Kepdhaiov.
339. *Evoxiofnoav Té& % tvds kepadadou Tpds 69, kal Td Uméhorroy mpds 59, ‘Edv Ero-

Werg OASkATpov TO Keplhaiov Tpds 5, B& EBibe 120 Spy. Tékov SAryyTepov ToU Ek Tifs Tpo-
ur}]’m’“@\-‘ns TEpITToEws TokiopoU Tou. Edv & xpdves kal Bir Tds BUo mepirrddoes elvan 12
Y, vy epedii TO Kepdhauov.
340, *Eav xep. 4 Tox. elvan 10100 Bpy., & xpévos elvon 2,5 ufiv. kel 6%=4,8%, v& ev-
% e KepdAaov.
8 341, *Eaw ke, +Tok. elvar 9126 8py., & xpovos elvat 63 fu. kol €%=8%, v& eUpedi]
Kepdhaiov,
342, 'Eav xep.—tdk. elvan 4440 Bpy., & xpovos elvan 4 pijv. kal e% =49, v& ebpedfi 1o
Qoy,
343, *Eév els Tars karwTépm thiohaeg &  TaploTd kepdAatov els Spaypds, va Biarume-
alran (Aexrixéds) els TpoPAfipaTa kot va EmAuBolv.
5 5 105
1 =18300, B) x—Xx° 100 s 360 =9460.

%“C'u

Sl
100
344, Ato avrokivTa Ekkivolv ouyxpbves &k o méAewy, al éwolat dméyouv 360 km
v -‘.&X\:I‘I‘T]Tu:g 65 km/h xai 55 km/h wpds ouvévTnaiv Twv. Els molav &mwdoraociv & ou-
ooy,
345. N pepiodij & dpibuos 3600 &vmotp. &vahdyws Tév 12, 15, 20.
- 4 4
346, Na peprofij & apiBuds 250 &vmioTp. &vaddyws TV = kal 5
] 547' Avo Eumropor karébeoav 100000 Spx. é‘cx' kal 80000 Bpy. & P 8 Emiyeipnov. Merd
Wijverg épBioay 54000 Bpy. Tléoov képbos f& AdPn) Exagos; A
3 348, “Enmropos fipytoev Emiyeipnoty pé 500000 Spy. Metd 3 pfjvas mwpoothape O‘L:'rVETcxlpOV
Olos korréBeoe TO avtd woodv. “EE pRvas petd Thv TpboAnyiv Tol ouveTaipov eupov, &1
Mioay 50000 Bpy. Mévov képSos B A&Pn EaoTos;

O xtx
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349. Ado cuvetaipor karrébeoay 405 000 Bpy. &1 dmiyeipnav. Ta xprinara Tob o Euetve’
15 ufjves ke ToU B' 12 piivas els v Emixelpnotv. "Edv EAaPov Toa képdn, vé evpebii To kg™
Aatov TO bmolov eixe kaTabéost EkaoTos.

350. *Eumopos &vépeifev 100 kgr* £vos eibous v 35 Bpy. /kgr* it &Aho Tédv 30 Spx. ket'
Méoa kgr* EAaPev ik Tiis P’ wor6TTos by Emdder mpds 33 Bpy. To kgr* 1ol peiyparos K
txépBioe 250 Bparypds.

TENIKAI AZKHZEIZ

¥

351. "Edv av=—4 xai B=2, v& eUpedij ) &piy. Tph TGV TMapaoTaoewy of + 3a?P  3ap? d
kal (o-+P)3. Ti mwapoarnpeite ; -

352. 'Eav a= -2, P= —3 kal y= —1, vé& elpedf 1| &pBu. Tipf TEY TapooTEOEWY
o +-P? -y 2aP 2Py -2y kai (aP+y): Ti waparnpeite;

353. "Eav = -2, a= —3 kal B=4, vé elpedij f) &p1By. TIpf TGV TapooTdoEwy
KA (PIX P kel (x4-e).(x+P). Ti moparnpeite;

354. "Edv x=3, y= —4, a= —2 kal P=1, v& elpedij #) &piBunTiki TIpd TGV T\'ﬁpﬂc"ﬂﬁﬂw
(@ +B%).O* -+ —(ox +Py)" wal (ap —Px)r. Tl waparrnpeire;

355. N& &midvbolv kal EmwaAnfeubolv ol tfiowoes :

Ix—1 _ 5-Tx 5x+1 _ 2y-3 2%-2,5 _ 4x-5
“)5“15’[5)7’"3'”3_6'

5) 2x-1,5 _ 0,8x~-1
5 2
(A& THY dmradoiphiy TEY TapovouacTEY V& Ypnowowomnbi 1 18i1dtns T dwc:?\OY'm
=
- B
356. N& tmridvBolv al tEiodaers :

= L > B=pr)

D QHDGEAD =X+ D6 B 2010k D) = @6+ 16,
3 4 !
M ODHH2GD=x0, B (x=3)-F(x+5) +7

357. N& tmiduBolv ol k&rwbt tiohoers :

B %‘%w . 5’(1‘812 % 2;5)(

v ey = o+ - EX
i

» ‘%_PXT_ ?x3l +'TXht:3'=G.
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N& tmidBolv 16 k&Twd TpoPAfuaTa :
358. TMolou &piBuoy o .;. avTou elval KaTd B WKpSTEPOY TOU 3mAaciou Tou,;

359. 'Edv s dpiBudy mpooBiowpey T 4mAdoior aiTod, eUpiokopev dpibudy kata

8
i 25
PSTepoy ToG 10,32, Tlolos & dp1uds;

360. 'Amd woiov dpiBudv TpéTer v doaiptowpey 16 8wAdoiov Tol _I avuTol Sid va el-

8

Ppey Gpifpdy  KaTd ?21 peyahuTepov  TolU o alrTol ;

oy -131. Ao Tolou dpibuol wptmer var Bicupedy & 744 Brdx va elpedii TrAikov 14 kai Gmdhor-

362, N& xwp1adij & &pibuds %g el BUo &AAous, doTe & £ls v elvan 2mAdonos ToU Ehhou
% 363. ‘H fAixia To0 Métpou elvan 2mAacia Tiis AAkias Tod Mahou. Mpd 7 é1édv 76 &bporopa
'fto: My airdv Ao foov weds THY onuepriy HAkiav Tob Méitpou. N& eUpefoly ai MAias

b 364. TToiow dveypnoev k TTeipanéds pi TCI‘XUTT].T(I 19,5 mil /h.Mete 4 dpas dvexdpnorey
POV maAciow i TayirnTa 23,5 mil /h Tpds THY aiThy kaTelBuvoly. Meta wéoas dpag TO
Toiov B& gbdon T& Tp@TOV;
-~ - YA S : ‘
365. 'H yewvia I 6pB. Tprydvou ABI (A=1 6pf.) looUTon wpos 1& o TS Srevids B. Na
"Up;euc,v al ywvion ToU Tprydvou ABI.
xoo, 86, Nex epsbolv BuUo BiaBoxwol Gxépaior dpidpol TGV dmrolwy 18 TeTpdywva Biaaipouy
T4 39
1y 367. Avo Sxépaiol &piBol fxouv &Bporopa 17 kal 1& TETpdywva alT@y Siapipouy koTd
- Moior of &ap1fuoi:
= 368, Avo drépaior &pibpol Exouv &Bpotopa 27. 'Edv els 70 yivduevov alriv mpoabicwpey
® TETpdycovor ToU pikpoTépou eupiokopey 216, Tlolor of dpiBuoi;
. 369, *Axipaios apiBuds Bianpovpevos Bix 11 5i8er Umdhowroy 9, Evéd Bianpounevos Bid 3 Bik
“6R°11‘rov 2. 'E&v f Biagopd Tév mnAikwy elven 53, v& eUpeBi) & dpmbpds,
370, To ynelov Tév BexaBwy Biyngiou dpiBucy Ei‘lvm ko1& 4 peyoliTepov Tol wnoiov
¥ HovdBey. "Eav es Tov dpiBuéy mpoodiTwuey TO - aliTou, eupiokopsy 114. Tlcios & dpi-
8“58; <
. 371, ‘Qpordyiov Bevie dkpipds peonuppiav (12 h 0 min 0 sec). Tofav dpav 9& ouvay-
oy (B1& Beurépav gopdv) & cpobeikTns xal O AemTodeikTng,
. 37120 Al Bevikol drépoaor dpifpol Exouv Biapopdy 48. 'O ueyahiuTepos Siapolpevos Bid
MikpoTépou BiBer TrnAikov 3 kal Uméhormov 2. Tloior of dpifuei:
73, N& dmidufoly al kdrwd &viodors :

Lo x-bon a5l sgn o Beeay Ml
e eyl 2 3 4

1 —1 5 1

it X (——-x) > —12(1,5-%).

) 3 5 <2t ekt . ; (1,5-x%)

4. N& TpocBiopiofioliv al kool AUCEls TGV GVICWIEWY :
a) x—1>-2kal 2(x-3)<0

B) -ém+X>X kal  x—3<10

y) X-3>x xal 23>

~1 -2 X—3
315 ESp. A {)([x-»'xT'?-x?———:'" Karl xEZ} xal
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= {x/x+ 1< 4x+ 1AYeZ }, v& elpeby 16 ANB 81" dvorypapfis.
376. N& mopaoTafolv ypapikds ol ouvapTthosts :

q) mis, ) ye 2;4 V) y=— (xyeQ)

377. ’E&v _g = % v& &modeiyfj, &1 loylouv al xérwh dvahoyla :

PR @ _ Y gpyotp_yib s
) e e )m“15 s ®5F0 Lalr=lply [yl

378. 'Eav X = ¥ yai =21, v& evpeBoiv T& X, .
Gy i v kal ¥ +y eupeoUv T ¥, W
379. Né& etipedolv ol fjyolpevor Spot Tév fowv Abywy Lz_ = ‘j; = % t 2y 3y 4=
Ly
2 T
381, N& pepiadi) & 390 &vmorp. &vobyes Tév @) 2, 3, 4 kal B) % : % i
382. "Enmropos &yopdler kagé wpos Bl Spy. /kgr*, Tov kaPoupbiler kal Tdv IJ-ETG'"“’NI:
Méoov mwpémel v& Twhi] T kgr* Sid vé tmitiyn xépbos 10 ©/, &mi Tol kéoTOUS luubavoﬂ“’o‘

—

380. Né& pepiadij 6 99 dvohdyws Tédv o) 2, 3, 4 kal P) I,

U’ Byry, 61 & kagls x&ver TO 1—16 ToU Pdpous Tovu, Stav kaPoupbilerar.

383. "Eumopos dvaypdger els £v fpmépeupa Ty katd 259, peyadvrépav Tiig TS "b;
aTous alrrol. "Ev ouveyeiq kapve ékmrrwaty 109, émi Tijs dvoypagouévns Tinfis. Né& eupedi o’
Tois EkarTdv £l ToU kboTous kepbiler TeAikdds & Eumopos. &

384. 'Eav kép. —Tdk.=54000 &py., & xpovos elvar 2,5 étn kal €% =49, vé& elpedf] o7

KOS.
395. "Edv kég. +ToK. =4060 Bpy., & xpovos elven 3 pijv. kal £%=6%, va eUpedij © v
KOS.
g
386. "E&w xép. —Tok.=T7160 Gpy., 6 xpdvos efvon 40 fu. kol £9,=5%, vi elpedi o7
KOS.

_ 381. "Ev pépos kepohalou 40 000 Spy. trokiodn mpos 4%, B 5 pfjvas kal fpepe 500,5%:2'
TéKOV TEPIOCOTEPOV &Td TO UdAoiTov pépos alTol To dmoiov Eroxioln wpds 59, fml 6 K
N& elpedij 16 ToxkioBiv pépos Tol xepahaiou. o

388. Avo loa kepddana Tokifovran Tod ptv wpds 4,5% ,16 Bt wpds 5,59, kal &ibouv 70
4500 8py. els 2 £rn. Tlola T kepddaua; o4

389. 'Eav x maploTd kepdhaiov els Spaypds els Tas kéTwb E§iocoe v SiaTutrwbolv ol
(AexTikdds) els TpoPAfjuaTta kal va EmiAuvbolv.

6 2,4 25 400
oS 0]00; — Yty
0 XX 156 * 12 P) X=X - 155 " 360

390. lewpyds émdAnoe kfimov 1050 me, T xprpaTa T& dmoia EAaev trékioey TPoS !
ko petd 3 &1 kal BUo pfjvas EAapPe Téxov kal kepddaiov 115920 Bpy. Mooy Erdinoe T oTptH 4

391. Els fyydpaoev olkémebov Extéoews 700 # /o. To fuov Tis Tiufis Tov BrAfipwoev &&‘é‘g&j
kol ExépBioev Ekmrewoty 89, b’ alriis. Ak T Erepov fimou EmAfpwoe perd 8 pfivas 107
Bpy. oupepilapPatopévou kel ToU TéKou Tpds 60/, Tl mogdv tv SAhw émAnpodn B TO
komedov kad Toia f) Tiuf ToU oTpéppaTos;

392. Téooapes dbehgol tpoipdofnoav KAnpovopiav i 540 oTpeppdrwy o ¢6fs : ‘O TP
EhaPe T fluou @Y dowv EAafov of &AAor Tpeis, TGV dmolwv T& pepidia floav &vdhoyd
apbpcv 3, 4 xkai 5. TMéoa oTpéppara EAaPev EkaoTos; 6500

393. Avo épmopor ékapov tmixelpnotv. ‘O o karéBegev 70 000 Spy. kai EAcPe képbos
Bpx., 6 P karédeoev BOOOO py. xal T képbos Tou Ao BOOD Bpy. 'Eml mwboov ypévov EHE'
Ta yphuata Tou P oeis THY Emiyelpnoty, tav Td xpr’]uu-r"u Tol a' fpervav 6 pijvag;

= T7000.

Vi
"

1
'

yo!
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FTrEQRMETPIA TOY ENINEAOY

KEDPAAAION |

A. EITETPAMMENH TI'QNIA

$1 ity sl 7 il S \ e
3 1. Xapdfare énl tod ydotov cag Eva xbxbov xai piay xeoriy yoviar éni

Toj , , , . Ak ;

U gaotoviov aus. " Amoxdypare Ty yewlar xal oyedudsare Tas dapdpovs Oéoes,

Tie s 0 ; : pii
S Gmolag dvvarar va Adfy adty v ayéoer mpos Tov xixiow,

Meprypdgopey pepikds éx TV Béoewv ToUTwWY :

oy, 1.

W ‘H ywvia Tol oxfuaros la éyet T v kopueny Tns &ls 70 kévTpov Tol kUkAoU.
chovlu alTh, s Exouev pdder els THv A' T&E1y, AéyeTan émixevrpog . Al ywvian
?U OxAuartos 1B 8tv Exouv THY kopupnv Twv Tl ToU kUkAou kai ) pév (1) Exe
TT']U els T E€otepicdy, 1y B8 (I1) els TO towTepikOV TOU kUKAoU. ‘H ywvla Tol
é qi{m‘os ly #xer Thv kopuen v Tng &mi ToU kukhou kal al hsupai Tns eUpiokovTan
ns TO E§coTepikodv aUTol. ‘H pia mAeupd Tis ywvias ToU oymipartos 18 droxo-
T Xop8nv kad 1) &AAn elvan Eporrropévn ToU kukAou els TO v dxkpov Tiig
XopBiis.
o '!‘1 ywvia B?\F ToU oyfjuaTos le éxer ThHv Kop‘uqar']u NS &l ToU KUKAOU
t C(l‘ Theupai Tns Tépvouv avTov. ‘H ywvia alTh Afyetan  éyyeypappévn
TOv kukAow.
5 Qoe : *Eyyeypappévn el xdxdov ywvia, vopdletar ¥ ywvia, 4

%M‘! €xel ™V xopuphv g érmi Tol xdxAov xal al wAevpal g Tépvouv
oy

l‘\
To 18€ov BF, 7o dmolov keltal €ls TO EowoTepikdy Tis yoovias adTfis, Aé-

Yerg &vtiatoiyov t6Eov Tiig éyyeypapmévng ywviag. ( Zxfipa le).
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iy Il
Thv tmikevrpov ywviay BOI, 1 dmoia éxe 70 aliTd petd Tig éyyey papué v
dvtioToiyov Tofov, Aéyopev dvtiotoixov énixevrtpov 1fis Eyyeypaupé?

ywviag BAM (oxfina le).

§ 2. Exéoig Tijg &yyeypappévng ywviag mpdg v émixevtpov, TI'
éyovoav td adTd dvrioToiyov TéEov.

4 ’ | 3 ’ 3 ' ’ 1 \ s 1ol
Nagdfare &va xdxdor, play Eyyeyoauuivny el adtor yoviay xal vy fairt!
Tpov, 1] 6mola éxet TO adTo dvtiorouyor téEor. Yvyrolvare tde Ode adrag ¥V

viag. Ti maparnpeire; (Ly. 2)
"Eotw  kUkAos (O R) kad fy éyyeypommé!”

A
els aUTov ywvia® BAF Xap&ooopev Tnv gvt”

gToIXOV QUTHS EmikevTpov Yywviav EOr.

\ ‘Eav  petpriowpev  f xpnmuoﬂomdw"
2 Biagavii xdptnv 0 BiamioTdowpey, &T!

s

ErrikevTpos  ywvia BOF evar Simhaola 1!

N -

A tyyeypousévns BAT R 4 éyyeypappévn YU

B via BAT elvar ton mpog 0 fjuov tig €

xévtpou, W Omola &yer & abdrd &vriororr!

oy 2, —~ 1 A~ il
w6§ov. "Hro1 |BAI =  BOl| . ’Emadn A ™

Tfis émikévTpou ywvias looltar Tpds THv TRy ToU dvtioTolyou TEOV b
oupTepaivopey, ST ) Tued Ti¢ éyyeypeupévng ywviag toolral mpds &
Ao Tig mpiig Tod dvtiaroiyov Té6Eov adrig.

Aix v altiodoyrigwpey THV axtaiv T éyyfypauué\ms els kUkAov YW‘”
Tipds ThHy dvtioToixov alTfis EmikevTpov, B& Epyaobiduev s EEfs :

Aqupl VOUEV TPETS TTEPITITCOTEIS :

a’ meplnrwoilg. Mia 1@V TAeupddv Tiis éyyeypapuévns ywvias Gl
SidpeTpos ToU kUkAov : (Ixfiua 3). "Eotw kU- A
K?\OS (O, R), f§ #yyeypauuévn els ovtov ywv[a
BAT kal 1| &vrioToryos hrixsv-rpos Ywvia BOF
‘H émikevrpos ywvia BOT elvau EfwoTepikty yovia
ToU loooxerols Tprywvou ACB. ‘Ewouévws BOr—
— BAT+ABO xal tmeishy ABO = BAT, Eyopsy

~ ~ B
BOr=2. BAl &pa BAI — ?BOF

"Hroi: 1) &yyeypampévn ywvia BAr v 1o

fiulou s EmkévTpou BC/)T'. _ ox. 3.
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B’ Mepintwoig. "Eotw &Tt 76 kévrpov O eivon towTepikdv Tfis dyye-
TPappévns yewvias BAT. (Zx. 4).

Xapdooopev Thv Sidpetpov AOA kad d oxnue-
Ti(;owa 8o Eyyeypappéven ywvia ai BAA o

C\Ar B 'rdls omofas Exopev, (fv AdPwpev Un'
W Tty o mepimrTwoiy) :

BAa — 2 B0A
i\;«\[‘ e i TpooBtTopev Tas lodTnTas
= 75 r oUTAS KaTa PEAT) Kail EXOPEV:
\;\—-—ﬁ__;
SAd+ AAT - +(®0h 4 AOT) Hror
oy. 4
o
BAT = 4 BOT—I
TN S A
! Y meplntwoig. To wvtpov O elvan els 16
EWTEp!Kév THs ywvias BAT. (Zx. 5)-
Xapdooopey v Siduetpov AOA Kol oxnpe- .
Wopey Tds Eyyeypappévas yo vias BAA xai AL,
& Tas Strolasg Eyopev (o’ TepiTTTWOIS) !
BAA 5-BOA
17, "Agaipolipey  Tas  lodtnTos g
B = By roa. aUTds katd pEAn koi eupl-
b, -3 OKOPEV:
SAA1AA — 5 (BOA-TOD). e
Rvemgs BAT — L BOr J

Zuuwepuf vopev Acirov 6T KdbBe éyyeypappévy elg wdndov ywvia

x:"'“u npdg To Tiplou Tig émixévipou, V| dmola Eyer td adrd dvriotor-
v téEov,

Mapatnprioeig
1) Kébe dyyeypaupévn es kikhov ywvia elvar mévtote xupth ywvia.

‘}')’ 2) 'H trrixevtpos yoovia, # émola Exer 10 altd &vticToryov Té€ov pt THv
fypapptuny SUveran var elven kupTh f) Bf) KupTh ywvle.

'Aoxfioetrg

L Miq drrikevTpos yoovia elvar 1200, Né& evpedij f) by yeypoppréivn ywvia, fi émoio Exer o

Siry
S e v érlkevrpov dvrioToiyov TéEov.
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2. "Edv pix fyyeypapuévn ywvia elvan 230 30°, va elpne els poipas kai els pépn &pdiis i
dvrioToixov auTfis Emikevtpov ywviav.

3. N& elpnTe THv byyeypaupévny ywviav 1 dmoia éxe dvrioToixov 1éfov a) 350, B) i

¥) 1920,

4. ZnuetoUuev éml ToU kukAov (O, R) téovapa Saboxika onueia A, B, I, A, el TP"’"or
—~ —~ i
Goave vk Exeousy Ad=500, BI=1109, TA=700, Né& trohoylonre Tds yevias BAF, BAT, FAY

A ey ~ N Fay
[BA, ABA, ATA, BAA, kal AlB.

5. Aieran kukhes (O, R). Xapdaoopey Buo xopbas @
Tol AA xal BlMal dwolar Tépvovtan els 16 onueiov E, T f
Tolov xeitan els TO EocoTepikdy ToU kUkAow. Né aupriV“T:
ThY TiHRY Tis yeovias, § dmoix Exe kopuphy To E, Tpds L
fuddpotopa TéY Tp@Y TdY Téfwy, T&  drrola vepléxo"TT
peTafy TGV TMAUpGY TNs Kal TV TwposkTdoEwy TRV T i
pddv avuriis. (Ywédefis: Xapdboare thv Al). ’

6. Aiberar kixhos (O, R). Xapdooouey o eu0eias
Smoian TéHvouv alTdy dvtigTolyws els Ta B, kai A, A
ouvavtédyTal els Td onpelov Z, TO dmoiov kelvar elg TO ét":l
Tepikdy ToU KUxAou. N& ouykpivnTe Thy Tipfy Tijs yw\’i"g’_‘r
brroia Exer kopughv TO Z, pods THv Aublapopdy TEY T'ﬂ‘i.
16 TéEwy To kUKo, T&  dmoia mepiixovTar peTaty f.l.
mAeupdy Tiis  ywvias oalriis. (‘Ywobelbis: XepdfaT a
Ar @ BA).

1
7. AiBeran kixhos (O,R) kal pla xopsh alrol AB (ox. 6). Eis 7o kv &xpov alris (m. X

E
A) yapatarte THy tpamropévny Tod KikAoy w'Ay. N& ouyxpivite THy ywviay wAB, fi o y
aynuaTiferar U Tis xopdiis AB xal Tfis EporrTopévns els TO &xpov aUTiis, ME THV éyYEYPd’

N
uévny Afe\B. 1) dmola el &vtioToigov Tofov T& ANB. (“YwoBefis: ZuyxpivaTe Tés

ol

o

AN
avrés Tpds TO fwou Tiig émikévrpou BOA. AaTUTIOOATE THY OXETIKNY TPOTATIV).

§ 3. 'Eqappoyal t@v &yyeypappévwy Ywvidv

*Aptoous Epapuoyds, TS AvwTépw TTPOTATEWS, EXOUEV els T kTl

1. "Eotw xizdos (0, R) xai ai éyyeyoappéviu

; s = ) Ne ¥

el adror yoniaw AIB, AAB, AEB, al dnoia é-
N

yovr 10 adto dvrigroryov tékoy AB. Lvyxpivare ab-

vdcs( Ty 4b)

Al ywviat aUtal elvan foar, 816 kdbe pla &

aUTtédv elven fon wpos TO fluov Tiis alThis Emikév-
A~ o~ N Py

Tpou ywvias AOB. "Htor ATB = AAB= AEB =

IAA
e OB.

"Apa @ Al éyyeypappéval ywviar, ai émotat
Eyxouv 1o adTd dvrioToryov TéEov, elvar loat.
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s
’\ 1'/(”.:!1 Tag Eyyeypapyidvas, el Tov adtov xixior O, ywviag BAT xat
by
~
hp.

l'.[f (J"TON!I }}f[)l‘l’ Tl’I (J?'Ti’ﬂ'fﬂl;’(} H'l’Tfl'J?’ ?’()E(l ga, A A

I's FI. Na avyxeivte attdg. (Ly. 8).

Eig T yc.omots cru‘rcxs sxopsu 'rccs iodTnTos
BAF *-% BOI‘ xai BAT — 5" B’ OF. Emre1dn
B’T' Eyopev BOI‘ = B’ or' émére  xad

EAF B’ A I, @5 fulon fowv ywwndv.
Eig tov adtdv xbudov (8§ eic loovg xo-
g), &bo dyyeypappéval ywviar, ai émolat
:m‘-‘\' loa t& évrlovoye adbrdv 7téEa, elvat ox. 8.
i,
An:o*rpécpws, tv al dyyeypaupéven ywvic BAT BAT elven foa,
o1 BAF B’ A’I"' B elvon kal of dv-rinrrorxm tmikevTpol ywvicn aUTédv fom
PT‘)‘- BOr -- BOI xad OV VETTEYS BF = BT “Ocre TapaTnpotpey &T1: Avo
lul tyyeypoppévar, elg tév adrdy wdxdov (7 €lg looug windoug), yw-
U ¥youy toa &vricToiya Tk .
A 3. "Eorw xﬁxiu; (O, R) xal 4 éyyeypaupérvy
eic abror yovia BAL, 3 érole Exew avriororyor totor
igov mpds &y nuudxiior permioare adey (Ly. 9).
A peTprioews BiamioTolpey 1t ol elvas
A 900 (4 16p8.).
AUTS Sikanoroyeltan dog E€fjs : ‘H ywvia ol-
T elvar &pbfy, BroTt f) dvrloToiyos trrikevrpos yoo-

* » o 1 s
via elven pla edBela ywvia."Htor BAI = 780[' =

oy. 9. = i 6p9.= 1 épeﬂ

]
? Kébe Eyyeypappévn el winhov ywvia, tijg dmolag 6 é&vricroiyov
SV elyar &y Hpocoxitoy, elvat dpb.

EV]l-lE(mulg :

E\T Thy TpdTacty Tis § 2: «KdBe tyyeypanpévn els kUkhov ywvia loolral wpds 16 fiuau T
BDBTPOU ywvios, § émoia Exe TO auté &vrioToxov Téfovs, thikaiodoyfoapey pd e
oy s TpoTdoEwY, yvwotdy & Tiis mponyoupévns Tafews.

T6 atg tmaverdPoyey s Tés mpoTéoes 1, 2, 3, s § 3.

T’}W tpyaciav aithyv dvopdlopey &mdbeilfly kal Ta&s mpotdoes, fewpuara .

IQGTE A

eﬁd’Pnuu elvan pla mpéTaoss, Tiis dmoiag dmodekviopey THY dAfeaav.

Ig e A" 1éabi byvwpioauey Paotkas TpoTéoels, Tag omolas Biv dmedeifapey, dy ™Y,
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T : «&ia Buo onueiwv BitpxeTar pia kai pévov eUfeiar fi THY : «bk onueloy, TO dmoiov kel T’
txtos eUBeiag, BitpyeTan pla povov mwaphhAndos mpos alThu.s
Tas wpotdoers alras Svopdlopev dftwpota, "QoTe !

"ABtwpo civan pia Pagiky mpoTaoys, Thy dmoiav Sexdueba ds dAnbH

Aoxvfioerg

8) Eis K\JK?\OJ yapabaTe SUo kadéTous Biapétpous AA" kai BB' 'Eav M Tuyou anue?
Tou tofou A’ B va ouyxpiB@oiv al ywvicn AMB kai B’ MA

9. EUpete To €ldos TR ywvias Tis by yeypapuévng eis kixhov, pt dvrioToixov To6gov pey?
AuTepov, Togov R wkpoOTEpOV MUIKUKAioU

10) Avo kixkhor pé kévtpa O xai O Tépvovran eis =rd onueia A kai B, "Fotwoav I xal “
T& Ek SrapiTpou duTifeTa onueia ToU A g Tpos Tous xUkhous aUTous. Aeifare 3T Td G"I”EI"
I, B, & eivran émmi wndg eVBelag kal ouykpivare va edd. tunpata 00" kal FA. (Tnu. Mé Tov Ul
Aoylopéy T@v ywuidv ABF kai ABA Ba Bondnbrite Bia ThHv dwddafiv TRs TpoTdoews)-

11) Znueroluev émri tou kukrou (O, R) Ttéooapa Biaboyxikd onueia A, B, I, A, obrtws ao"

—~ ~ = - ¢ ’
v& txeopev AB 700, BF 1000, (A 1100 M& Umohoyiobody af ywviea ABF, AAF. Ti mof
N AN

Trpeeite, ‘Ouoiws Si1a Tas ywvias BAA xai  BrA.

B'. EYOQEIAI ZYNTPEXOYZAI EIZ TPII'QNON
lov. MeooxdOerol t@v mAevpdY TPLYWVOL

§ 4. Karaosevdoare & tolyonwoy ABD pd mldevodc BI'=5cm, 41'="0 &
AB =1 em. Mé oy foijflecay 1ot dwafijron xal T‘"
xavovos yapdfare (moooextinds) Tag ‘ugmm(tﬂ”'
rin Ahevpaw tov. TP masaryosite: s (Zy. 10)

Karaoxeudlouev 16 Tplywvov ABI. Mé Tﬁ‘
PBonfeiav Tol SiaPriTou xai Tol kavdvos XGPG
COMEV KOT& TA yvwoT& TAs pegokabéTous € & ’

. TG TAeUpdY TOU Tpiysovou ABI kai apartP’
t— pev 8T aUtal guvtpéyouv s Ev onueiov O

2uykpivouev, 81 ToU SiaPnTou, TX 'ruTIFlcrr
OA, OB, Ol xai mapaTnpoluev &1 avtd elval 'd
fitor OA=0OB=0r. 'E&v u¢ xévtpov 10 O kol E
kTiva OA ypaywuev kUkAov, almos Biépyetal B1& T@V TPIGV KOpUPGV A'
[ To0 Tprywvou ABL kai Myetan mepiyeypappévog Tepl T Tplywvo"’
KAOS.

ox. 10

€
“Apa : Al Tpeig pecoxdBeror TV mAevpdY Tplywvov ocuvtpéyov? @
&v onpelov, to obmoiov elval t0 xévrtpov rou neptyeypepévou TEP
Tpiywvov wixAov.
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Tpé-rif va aftoroyfowpey 10 dvwTipw dmotéheopa, oTnpildpeda els THY  yvewoThy peg
v
N «K&e onpeiov Tiis pecoxabéTou eUd. TuTuaTOs loamiyer 1é@v &xpwv olrrolds kal «xébe on-
Hov, 18 &moiov améxer foov TGOV drpwv e, Tpfiuaros keitan el THs peookaditou alroUs.
. Al ueookdberon €, xai g, TGV TAeUp&Y Bl kai Al cirrod Tépvevtan els iv onpeiov O (Bidmt
" kdBeTor mpds adrds Al kad Bl TéuvovTan).
§ é'E'rrn_’dﬁ 76 O keiten ¢mi Tis pecokadétou ¢, Exopev OB=O0r. ‘Opolws, tmeidh 16 O xeltan
5 T:rl Tiis ueookabéTou g, éxouev kal O =O0A. Zuvendxs OA=0B. 'Emaibn 10 O dméya foov
v Gxpewv s mheupds AB Tol Tpiydivou ABI keitan Emi Tiis peookadiTou avrs €.
i 'Ek 1@ dvwrtipw oupmepaivopey 8t OA= OB~ OF. "E&v pé kévtpov 16 O xol dxriva OA
f“\l"ouf.v xukhov, alUtds Bitpyetan Bid Tdv Tpidv kopuedv A, B, T Tol Tprydivou ABT kal
Teran nepiyeypappévog mepl 1O Tpiywvoy Kinhos.

"Qoe : Al Tpeig pecoxdBeror T@v mAevp@y TAVTE Tptywvou guvtpéyouv elg &v
::i'-:iov, 70 dmolov elvat 1o wévrpov Tod mepiyeypappévou mepl Td Tplywvev 10-

'Aoxfoetg

- 12) N& yapétnTe Tas pegokadiTous TGV mheupv Evds dpboywviou kal Evds Gupivywviou
s?'Y‘hvnu. Ti Eyete vé mapornpnonTe b Ty Béory Tol kivTpou TdV Tepryeypaupévay epl
Y18 ke v ;
, 13) Xap&tate Tds peookabdéTous TEOV Iowv mheup®dy loookehols Tpiydovou kal 16 Uyos,
© Smotoy dymioToryel elg TRy Paory atrol. Ti mapaTnpete; (AkaiohoyfoaTe Bid ouAhoyi-
iy Ty TapoTipnoiv oas).

14) Karaokeudoare 1piywvoy ABI. Mt Péoers Tas wheupds alrol kataokeudoate T& loo-
’RE)‘ﬁ Tpiywva AOB, BKI, TAA kai xapafaTe Ta Oyn avtédv 00", KK', AN’ Tlpoekteivate autd

SikanohoyfooTe &1t Talta ovvtpixouv s TO auTd onpeiov.

2ov. “Y{n &vdg Tplytdvou

§5. “Yog Tpiydvou dvoudlopry 1o elBuyp. Tufjue, 16 dmolov cuvdte
BUph Y Tprycovou pt T& Txvos THis, éx TS Kopugfis TaUTN, KabéTou Tpds THY
‘évow-n mheupdy. “Yyos Spws Becwpeital kol & QopeYUs ToU TUfPaTOs TOUTOV.
K%e Tpiywvov Exel, dmopgves, Tpia Oym.

Né xaraoxevdanre & tolyavor ABI, pi mheveds ‘AB = 3.5 em, B'=4em
- " 1;«;‘:: Al= :2,.5 cm. {{agd.&:xre
% ué iy Porilewar Tov xavovog

xai Tob Siafrjrov Td Jyn Tob

" torydwov. Ti maparnpeite ;
(Zy. 11).

3 Xap&ooopev LETE Trpo-

\ ooxfls T& Uyn AA, BE kol

I'Z ToU Tprycyvou ABT. Ta-

patnpoluey 8t &1 T& Tpla

Oyn ovvtpéyouv elg TO alTod

A onueiov H, 10 dmolov xa-

oy, 11 AoUpev  dpBéxevtpov  ToU
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Torywvou. “Exopev Aoimdv Thv mpdtaciv: Ta Gdm tpiydovov guvtet
xouv eig &v onpeiov.

‘Eav &mbupolpev v& altiodoyfowuey 5i1& ouldoyiopdy althv ThHy TapaTHENTY, &
yatousba s Effs: (Ex. 11). .

Xapaooopev Tpefs elelas, al dmolan Sitpyovrar Sid Tév kopupdv A, B kal I 1ol Tpl)’d’vm
kal elvan TapdAAnAor dumioTolyws Tpds Tas mheupds attod BI, AT, AB. Al Tpels alral eufd?
TéuvovTal &vd BUo xad oynuarifouy 1o Tpiywvov A, B, T,.

"Exopev: AB, //BT
} > ABTB, elvan mapodnAdypappov => AB, =Bl

rB,//AB
kel BF, //AT
Ar,//BF ] => A@MBl eval mapadnidypaupoy =3 Al =Bl

‘Emrouéves AB,=AT,. "Apa 1 anueiov A elvar 76 péoov Tis By [y T dwos AA ol AB:
(x&fetov) mpos Th Bl elvar kdfeto v émi Ty TrapdAAnAéy Tns B,l, els 16 péoov s A, “HT@ |
AA elvon pegokdderos Tis wheupds B 1M, Tol Tprycavou A,B,T,."Ouciws xad & &AAa Oyn BE'@
IZ 7ol Tprycyvou ABT elvan pecordBeror 1édv mheupdv MMA,, AB, ol TpIychvou A,Blrl'.

Al pegokdderor ducog T@y wAsupdv Tol Tprydvou A B, I, s elvar 87 yvewaTéy, GU"T’b‘i
xouv els Ev onueiov H. "Apa kal 1& Oyn AA, BE kal [Z ouvrpéyouv els év onueiov Hi T‘
Sphokevtpov Tol Tpiy. ABI. "Qote. Ta Gm mavtdg TpLyivou guvtpéyouy elg &v u'nl-l-‘i'Jv

Moapatnonoetg

|
1) "E&v 1 Tpiycovov elvan dpBoycoviov eis T8 A, &meibhy SUo Yy Tou ¥
al k&Betor TAeupal Tou, TO SpfdkevTpdy Tou elvan 1y kopuph THs Spbiis Y©!
alTod. ‘
2) ’Eav 10 Tplywvoy eval dfuydviov TO dpBoxevTpdy Tou KelTan ES 3
towTepikov alrol kai &rav elval &uPAuyviov es T EfwTepikdy Tou.

* 'Aocxfoerg
15. N& xaraoxeudonte Tpiywvov ABI kol vax elpnte T dpddkevrpov avrol H. N& L4
onte T& SpbdkevTpa TAV Tprywuywy ABH, BMH xal TAH, M

16. Els rplywvov AEZ yap&fate & Oyn AA' kai EE'. Adtd Tépvovran els 1o onueld?
"Ex Tol H yap&farte xdBevov wpes thv EA. Aupyeton auth &k Tob Z; (Awal;)

17) Els loookeis Tpiywvov ABT (AB=AT) yap&fate & Gyn BB’ xal T, Adrd 15“”"“{“
els &v anueiov H. Ofpopev v AH. Aipyeten alrd) Sid Tol wéoou s B (Atari;).

18) Tprydvou ABF 4 yevie A dver 70°. Ta wn atrot AA xal BE Téuvovrar e ™
Né& Umohoyiofoiv al ywvie HBA xal HTA.

3ov. Audpecor Tpiydivou
§ 6. Ardpesov dvds Tprycrvou Svopddope Td b, Tufike, 16 drmoiov 9V

St plav kopupnv Tou pt T péoov Tiis dmévavn TAeupds. Kde Tplycovoy B
Tpeis Siapéoous. &
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s .’\:ri xataoxevdonte i tolyovor ABL, 106 dmolov al mievoat elvar AB=4 ¢m,
=d em wal Al'=06 em. Naodbate pd vy foijfleway 1ov yeouetpuedy dpyd-
" Tds duapfoovs adrod (uera mpoooyiic). Ti mapatnpeize; (Xy. 12)

Els 16 tplywvov ABIT yopdooopey Tds Siapé-
Toug AM, BN kai TA kal TapaTnpolusy 6T abTal
Wrpéyouv ey TO aUTd onueiov ©. 'E&v ouykpi-
Wev pg oy BiaPRTnY T& 0. TpduaTa AO kai
M, 1& BO xai BN, xofos ko T& [0 kol OA,

Siamiotdowpey é11 AB = 20M kol OM =

%
=l
“TAM (i A® = 2 AM). ‘Ouolws Exouey
®= BN xal @A=L TA.
‘Emropéveos : Al tpeig Sidpesor  TpLydvou

juvTPéXOUV elg &v onuelov, 16 dmoiov Aéye-
il xévtpov Bdpoug adTol xal E&méyer Tod

A

léuou Exdortng mhevpdg TO % g dvtiatol- oy. 12.

2 = =
oy Siapéaoun. (A 1-&-5 Tig Srapéoou dmd Tig dvrtiaTelyou xopuepiic) .
Auvdpeda vi altiodoyfowpey T6 droTiAeopa aUTd KaTd Tov E€fjs Tpdmov

i ‘Eml 16y TpoekTdTEwy T@Y AM kai BN (mépa T@v M kal N) AauPévopev dvriotoiyews
J“"fo MA=M®O xal NE=NBO. Xopdooopev tas E xai A, To oxnuamiiépevoy TeTpémieu-
5" F'OBA elvan wapadAnAdypapuov, SiéTt al Baywwor alitod Sixotopolvrtal. (TM=MB kal
=M4). ‘Opofws kal T TOAE elvan TapahhnAdypapuov, 8167 FN=NA kal ON=NE. Zv-
qd‘“&‘ BA=//I© kal AE=//TO. *Apa BA=//AE. "Qote 16 ABAE evan TapaAAnAdy pappoy,
5|TI Eyer 5o drévavTi TrAeUpds toas kald TapadAfihous. ToTe Suws éxopey AD- BA kal BO= BF
: T al Biarychvion TapahAnAoypdupoy SixoTopolvrat). ‘AME BA=20M, date AD = 20M xal

o,

""~§ AM. ‘Opclws oupmepaivopey 611 ON= 5 BN. Kaf’ éporov Tpémrev drodeikviopey 6T
I " ~ s
ﬁlé(pecros A Tépver Thv BN els v onueiov, 16 dmoiov améxel Tol N 16 ; 10U BN, &nAabf

1 Onueiov O, 16 bdmolov dméxer ToU A TO ; Tiis TA. "Qote: Al Tpsig Sidpecor Tpt-
Q\';“ cuvtpéyouv elg & onpeiov. Todte dméxer tod péoov éxdotng mhevpic
4

3 Mg dvriatelxov Siapéoou #i T& éxﬁ; dlapéaou &nd Thg dvtioTolyou sopuepiic.

’AoxfoerLg

19. N xopafnTe Tpiywvov ABI kal v& elpnte 10 kévTpov Pépous alrol.

2. Xap&fare Thv Sibucooy AM TpiyGvou ABT. AdPete & airis Tufjpa AG—= _‘;.AM.
)
Pepivgre T& TpfpaTa, el T& dmoia ol BO kai '@ téuvouv Tas mheupds Al kal AB alrod.

i 21, Xaphéate mapaAinidypappov ABrA. ‘Evaoarte &1 elf. Tunuérwv THy xopugtiv A
Hégoy Tfis A ZuykpivaTe T& TpfAuoTa, els & dmola £ AM Sicipeltan Umo Tfis BA.
3 22, N& yapaénTte &v mapaAAnAdypaupov ABMA kal va AdBnTe Ev Tuxdv onpeiov N efg
 TmeSoy Toi mapadAnioypéov. Aeifate 11 T Tpiywva NAT kai NBA Eouv 18 abtd
Poy Pé&pous.
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4ov. Aiyotépol Tpiywvou.

§ 7. Auygotépov fowTepikt|y Evds Tpiywvou kahoUpev THy SixoTduov s
ywvias airtol. Aixotduov kaholuev kai To &d Tiis kopugiis wéxpt TS gk
vavTl TAsupds, TUfjpa THiS TponYyoupévns.

Ké&be tplywvov Exe Tpels EowTepikas SixoTdpous.

Nit xavaozevdonyte év tolyorvor ABI ué ajevods AB —4 em, Bl'= 5 ¢
Al'=6 cm. Mé v foijflewar tov yewpetowdiy doydvan (o - ;.;m-dl'vi:"

; . k , ; 5 = =
v yupdénte (Aposextinds) tas EowTeoixas duyotduors TOW yowidy atTol. 1

awparyeeite; (Xy. 13)

Katoaokeudlopey kaTa T& yvwoTd %
Tpiywvov ABI kai yap&kooopev Tds El)(i'
TOpOUS TRV ECWTEPIKDY YW VIR /A, B, r
ToU Tplywvou ouTol.

MapatnpoUpey 8¢ (av 1) kaTaokeun EX
yivel peTa mpogoyiis), 6T ai Tpels écrcoTEP‘K
BryoTopol aUTol ouvtpéyouv Eels TO adT
anueiov |.

®épopev Tds dmooTdoels A’ B, Ir
ToU onpeiov | &mo Tév wheupddv B,
AB &vmioToiyws. Tuykpivopev auTds B1& s
BiaPnTou kal TapaTtnpoluev Ti elval foo!
fimor I1A'=IB"=Il"

ox. 13 ‘Emopéveos : Al tpelg dowrepuxal 85‘
* XOTOMOL  TPLywVou ocuvTpéyouv EiG 2
onuelov, o dmoiov dnéyer loov t@v mAevpiv adTol.
< Auvvdpeha va altiodhoyfiowpey Sia oulcyop®dy THY TapaTthpnay auTthv n:rrr]plf,‘”’1
els Tas yvwoTtds (BioTnTas ¢ «Kdbe anueiov Tis SixoTopov ywvias dréxer foov T@OVY hevp”
aUTiigy, kal «xdbe onpeiov, fowTepikov ywvias, TO Omwoiov &méxel igov TV TAeUp&V C“ﬁn
elvan G'T]MElO\.‘ T"]S leOTéI.IOU TT]S ywwcxg TGUT\']S))
‘H towTtepikn Bixotduos AZ Tijs Ymvlag A Tprycavou ABI Téuver Thv mhAeupdy Bl s 10

o
‘H towTepikr) dixoTdpos BA Tfs ywviag B ToU Tprycovou ABZ Téuver Ty ThAeupdy AZ avT

elg Ev onueiov |

Znueioupev Sia t@v ALB [ Tous wobas TV kaBiTwy, al dmolal dyovTal dmc\\
Tas B, TA, AB. To onueiov |, tweidn keltan i T Sixotduou AZ Tijs ywvias A dﬁréxf‘ 'UO
Tév AB kai Al Elvon Spes kad onueiov Tis Sixotoéuou BA, &pa loaméyer Tév AB xad Bl
&méyer foov kal T@v mAeupdy B xai Al "Emeidn 8¢ 76 | elvan towTepikdv onueiov ToU TP‘YE
vou ABI, émetanr 61 1o | keitan kai &l Ths Sixotouou ME, Tiis ywvias [ Tod Tprywvoy g

“Qote: Al Tpeig dowrepixal Siyotéuol mavtdg Tpiydvou ocuvipéyouv elg &
petov, to dirolov dméyel loov tdOv mAevpay abTol.

Napathpnoig
‘Ex Tfi§ loétnTos I =IB' =IA" TGV &mooTdoewv Tou | &wd THV 17]‘“"
pdv, TapaTnpoUuey STL Edv pé kévTpov TO cnpshiou auTd | kal dkTiva A~

10'“"
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=IB'= " ypéywpey kUkhov, alrds B& EpdmrreTan TEV TAsUp&Y TOU Tprydovou
ABD el T& onueia A',B', I (Sioeri;). "QoTe T onueiov, els 1o dmoiov ouvTpé-
Uy of bowTepikal Bixotopor T@V ywwudv vds Tprydvou ABT elvon T kév-
POV Euds KUKMo, & mroios EpamTeTan TGOV MAEUp&Y TolU Tplywvou kol Aéye-
"0 Eyyeypappévog els T Tplywvov kUKASS.

2) Eis 16 lodmheupov Tpiywvov al Sidpecor elvar kal Uyn alTtol kai Bi-
X?Téucn TGY ywundy Tou. "Apa TO ko1vov onuelov abtédv elven TO wévtpov
9Pous Tou, TO KévTpov Tol Tepiyeypanévou KUKMoy, TO kévtpov ToU yye-
"Paupévoy ki TO dpBdkevrpov aUTol. Aéyousy 811 10 O elvan 10 xévrpov
"0 loomhedpou Tpryddvoy.

Znu. Al wpotdoes T § 4, 5,6, 7 elvon Becopriparrar,

'AoxfoelLg

23) KaraoxevboaTe locokehds Tpiywvov xal elpete TO onuelov Topfis Tédv BiyoTéuwy.
E“Yﬁcme Siati ToUTe kelTan Eml ToU (ayous Tou.
24) Tpiyovou ABM ol  yovia Bxai T elvar do-
T:’Teixm; 60° kal 50°. N& Umrohoyiodi 4 yevia BIF (év A
“repik@dy BixoTéuwy BI, IT attol). (Tyx. 14)
~ 25) Eg SpBoydaviov Tpiywvov ABT (/:;\:90”) Xopé-

] ~ # 5 - )
e Tas Biryotdpous TGV ywwdv B kai I "Av | elvar 10 I
y -~
u’)heiov Toufis aUTdy, petphioaTe THV ywviav BIl. Auvaocbe ; /\
Smmoi\oyr’]cn-rs 16 dmoTéAeopa aUTo; BL’
r

26) Karaoxkevdoare xikhov (O, R=2 cm). Xap&Eare
fpamropivas aUTol, al dmoiat TéuvovTan dvd Buo elg
“Nueia A, B, I, 'Ex molov onuelou Sitpyovtat al BryoTduor oy. 14

VYowné ol Tpiydvou AB;

21, Kataokeudoare Tetphywvoy ABIA. ®épate Thy Biaywviov AT abtol kal Tds Bi-

Z?muws TAY ywwidv B’P.‘\F. B/l"}\. Téuvovtan abrad dwl Tiis Sirycviou BA Tob TeTparydavou.
Sl

TF‘Eig
'y
T

§8. Iepiyeypappévog xdxrog tprywvou. Karaoxeuvd.
KQT(ICI’xEUdduT'E -g@ijvoy ABI' xai xaga’&ars xdxlov, tsLEQxO’,uEVOV o oY
i tos Toty dvov.

r 'E€ Sowov clmopey els THy § 4 Umdpyer els xukhos, & btroios SikpyeTan &mo
r‘s kopugds A,B,I" Tpiydvou ABI. ToUTov dvop&aauey Tepryeypaupévor mepi

° Totywvov kikhov. "E&v O elvan 16 KkévTpov Tov, TéTe OA = OB = OF. (s
ﬁ\’Eg)_

" ™ kévrpov O Emoptvas elva 16 onueloy, els 1O bmwolov ouvTpéyouv ai
OkdBeror TEyv mAeupidv AB, Bl kai Al Tol Tprycovou ABT.
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Kataoxeuy

"Eorw Tplywvov ABI yopdooopev upé Th'
Ponfeiav ToU SiaPfitou kai TolU kavbvos Tdg HE
ookodéTous € kal € TGV TAeup@Y Bl kai Al o
ToU. Al €, kal gy Tépvovtan els v onueiov O (lw[i
&v pdvov), 16 bmoiov elvar TO ké vTpov ToU eV
Yeypauuevou mept TO  Tplywvov ABI  kUkAV
Biom Eyopev OB=0r tmeidn 76 O weiton &mi T
gy kai OF=0A émaidn 16 O keltan &l THs €, 13
Topévews OA—=0OB=0r.

"Apa, Eav pé kévtpov 16 O kal dxTiva oA
/NEq xopdwuey kikhov (O, OA), airds 0& Biendn B¢
&Y onpelwy A, B, T xal ouverrdds 8& elvon & T
pryeypappévos mepl TO Tpiywvov ABIT kikAos.

[

oy. 15.

"Edv Thpa mpooTradriowpey vd xapdwuev kal &\Aov mepryeypoappévo’
mept TO Tplywvov ABI kUkAov, 8& Trapoarnpricwpey 8TI aTds TauTideTal
OV Tp@dTOoV (16T al £ kal € Téuvovtan els Ev podvov onpeiov).

"Qore: “Ymdpyer elg wdndog xal wévov elg, & dmoiog Siépyerat 5‘#
@V TPLOY HopuGY TpLydvou. AUTos AbyeTan meplyeypappévog mept ™
Tplywvov kikhos. '

To uévtpov tov O elvan 16 anueiov, s T6 dmoiov ouvTpéyouy af pegok®
Betor TGV TAeupdY TOU Tprycovou. *Axtic Tou R elvan 1) &mdoTaois i
omnueiou aUTol &mo piaw kopugriv Tou.

- § 9. ’'Eyyeypappévog eig tpiywvov xdxhog. Kartaoxeuy.

. ’ ; 3o a 2 ey0?
Na zavaoxevdonte tplywvoy  ABI' nai va yaodéyte xdxdov égantops

xal Ty Ty whevodr Tov, EoTEDLHDG.

"E€ dowv efropev el THy § 7 Umdpyel kUkAos, & omoios épdarTETal T“J
mAeup&v AB, Bl kai Al 1ol Tprycavou ABIT. T kévtpov | Tol kUkAou O!U"ro
elvan 7O anpeiov, el T dmoiov ouvTpéxouy ol towTepikai GryoTéol TRV Y""b
nédv 1ol Tprycwvou. ‘O kikAos aUTds Abyeton  Eyyeypappévog Els
Tplywvoy kUkAos. y

Kataoxeuy) :

Kataokeudtopev tplywvov ABI. Mé v Bonfeiav Tol BIGBT]TQU Katl 70!
KQVOVOS XOPAOUOpEY Tas ETWTEPIKAS B1XOTOUOUS TRV YW WiV B Kol F T0U a
ywvou. (Zx. 16)

AUTai STrws yvwpiCopev (§ 7), ouvTpéyouv els v anueiov |,
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M kévrpov T | kal dxriva v dmdoTa-
v tof | &wd Tis BI, thv IA’, xapdooo-
By wikdov (1, 1A & &molos EpdmrTeTan el
T A THs mAeupds BI.

‘0O wlkhos afTds épdmreTan Kkal TGV
Meupisv AB xoi Al 70U Tpiywvou  aUToU,
10T1, ¢y Ppépwpev Tas dmooTdoers I, B

O Tdg Aeupds AB kai AT, EXOHEY s Epd-
Youev, IB'—IM<1A". *Apa & Kirhos (I, IA),
EI":Ul O Eyyeypaupévos €5 16 Tpiycavov ABT,
'OT1 af mAsvpat Tou elvan kdBeTor els Ta drpa TGV SkTiveow A, B, I,
. "Eav dmiyeipiowpey va yapdfousy kai Ao tyyeypaupévov els 1O auTod
Plywvov ABI™ kikhov, almds B TauTioff pé Tov mp&Tov (S16Tt ai BiyoTduol
Z, BE els v pdvov onusiov Téuvovta).

"Qote: ‘Yrdpyet elg udurog xai pévov elg éyyeypappévog elg o
Telywvov ABT. Td wévtpov tou I elval 1o onueiov, el 16 dmoiov ouvTpE-
Xouv qf TPels EowTepikal GiyoTdépor ToU Tprydvou. "Axtlg adted p, elvan 7
d'!Tl'Dc‘racls ToU gnuelou ool &md piav TGV TAeupdv Tou.

ox. l6.

‘Aoxfoetg

28) Karaokeudoate ioomAeupoy Tpiywvov ABI wheupds 4 em kol yapdate ToOv TepryE-
P vg y mepl aUTd kUkAov.

29, Karaoxeudoate loémAeupov Tplywvov ABI mwAeupds pixous 5 em kal yap&fate ToOV

¢
YYE)"PGuuévou els alrd kiuxAov.

. 30) Na& yapétnte Tov mepryeypappévov kukhov Tepl v dpBoymuviov kal wrepl Ev &pPAv-
Yoy rpiyewva.

\ 31) Karaokeudaare Tpiywvov ABIM kai yapafate Tov mepryeypoppévov Tepi auTd KU-
oy

i - Edpere 1o TuppETPIKGY ToU dpBokévTpou ToU Tpiywvou s Tpds Tés mAeupds. Ti Tapa-
PelTe:

32. AdBete Tpla onpeia, un keipeva Emi TRs aUThs elfeias kad xaraoxeudoars, TOV Siep-
Yov &' alirr@v kUkAov.

XSue

I'. AIAIPEZIZ KYKAOY EIZ 2 (veN xai v >1) # 3-2¢
®8a \ 4xep.) IXA TOZA KAI TA ANTIETOIXA EITETPAMMENA
KANONIKA TIIOAYTQNA

Ve S0 Kiaraonevdtares woslon (O, R) xal dwupéoare adtov el 4 loa tdka.
Y Ovveyela duupéoate Tov xixdov eig 8, 16, ... loa téfa xal évdoare O edlo-
D v e 5 £ 2 -~ -
Aoy TuNudToY  TQ onuEia Exdorng Swwoéorons  adrot. T mavatnoeire:
: 0

1)
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Xapbooouev xUkhov kévtpou O kad dxtivos R.
Mg va Branpéowpey Tov kUkAov aiTov els 4 oo T6fa pépopev BUo ok
Tpous kaBétous, Tas Al” kol BA. Al F

~
AOA elven foan, s &pbal. “Emopéve®

]
kal T& dv‘r(cr‘rmxcr To§cz cru‘roov elve

loa, fjTol 7 ol A AA
Xapéooopev Tés AB, BIM, TA, Bh
kai Opllopev oUTws Ev KupTOV TeTpd

Tou foas fitor AB=Br=TA=AA (xoF

Sal fowv TéEwv ToU alrtol kUKAOY
~

Sl Sn St % B
kol T&s ywvias aUtol fooas A = B
~~

=T = B s 3pBas (yeovian éyyeypd
pévon els fukukiiov). To TETpa'Ter:l-
ox. 17. por ABIA Atyetan xavovixdw TetP”
mAevpov 1| TeTpdywvov.

—~ ~ Lo
mikevtpor ywvien AOB, BOT, rod

TAeupov, TO 6Trolov  Exel TS AP

‘Qote: Koavovixdv moAdywvov Aéyetat To0 moAVywvov, TO 6n0‘°v

éyeL Tag mAevpds Tou loag nal tég ywviag adteld loag. To pfikos pds 76
{owv mAeupddy alTol, oupPolfopey ué TO A.

Edv yopabwuev Tds BixoTtouous T@Y ywwnidv AOB BOF I'OA AO‘A
6 wikhos Sicupeiten els 8 loa Toéfa (&vrioTorya fowv dmikévrpwvy yc.»)vlt'J
Oépopev Tds Yoplds TV Tofwy alT@OV Kai EmMITUYXAVouEY THY KC(TCIO'KEUﬂ
vds kupToU OkTaydvou. To dktdywvov ToUTo elvar kavovikdy, &i1dTi ExEl 7
TAeupds Tou foas, ¢ xopbas Towv TdEwv, xal Tas ywvias Tou ioas, meadn 6o
ToUTwyv elvan Eyyeypaupévn el TOV kUkhov, xai Exel dvtioToixov Tofov fao'

6
Tpds T& i TOU KUKAOU.

’Epyalépevor kaf’® dpolov Tpdrov Sicupolpev Tov KukAov els 16 foa Téga:

32 kA, kai Spilopev kavovikdv Bekaeférywvov, EMEITa KUPTOV KAVOVIKOY U
Aoywvov pé 32 TAEUpds K.0.K.
’EK TV TPONYOUMEVWY KATATKEUG v ?\éyousu &1 Buvapeba va Blmpéd&’“

ToV KUKhov, it THy PorBeiay ToU kavévos kai TolU SiaPhTou, e 28—4, 2°7
AL Gy P s P T 'roéo: kal va dplowuev olTw kavovikd KUpTd o
ywva pg 22 23 24, ..., 2v Theupds.

‘0 xikhos (O, R) 6 &roios SibpyeTal S1& TGV KopupdY THV Kavo iKY
TOUTWV TOAUYDVwY AéyeTan mepiyeypeppévos udxdog, T4 Bt ro?\UY""
elven Eyyeypappéva els TOV kUkdov aUTév. Al dxkrives ToU weplyeypd““év
kUkAou, ai émoial katoArfjyouv els TAs kopupds TEGV Kavovik@dv ToAuy®
AfyovTon dxtiveg TOUTWYV.

&
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‘H xupth ywvia Blo Siaboxikév dxtivey Tol kavovikod ToAuyd oy

. o . o yri 3000 \ 2
Myetan wevrpud yowvia aUtol kai  looUtan pt o0, dmou v T TAfifos
v

By mAup&y Tol KAVOIKOU TOAUYC VoU.

To xévrpov O Tol wikhou AéyeTar xévrpov Tol kavovikol TTOAUY vou.

Al &mooTdoeis Tol kévtpou O &md Tdas mAeupds auTol slvan o (&rro-
OTdoers ToU kévTpou Tol kikAou &md fowv xopSdv abtol). ‘*H &mdoTacis ToU
Kurpou d&mrd THs TAeupds KaAeiTal dndotpa ToU kavovikol ToAuyvou kal
0 pfikos Tou ouuPoiZeTan pE TO o (.. TOU TeTparyd vou 0, TOU xav. Ea-
Y@vou o, k0K CAVTIOTOlYWS TO pfikos T TASUPGY TwV oupPohileTon pé
A N i Koa)

"Edv kavovikdy molUywvov elval kupTédy, To EBpolopa TEHY ywvidy Tou
e T—=(v—2).2 8pf.=(2v—4) 6pb. (Smou v 16 TARIBos TGV ywwndy Tou).

"Emeidn 6Aan aif yeoviar aytol elvan foa, Ekdon elvan fon mwpos gvv;é opf. =
e 4
( 2-=) ope.

§ 11. Kataoxevdoare xtxior (O, B) xal Eyyodypare elg adtov & sxavorixoy
3 2, ) 9 - a ] g , - i " ~
dytovor, dia Sratpéoews Toi xbxiov eic 6 loa téta. Ti magarnoeite;. (Zy. 18)

Xapdooopev wkUkAov xévtpou O A
Kal dicrivos R. E s e h

Ymobétopey 611 Bia TGV onueiwy

4
A" B, I, A E, Z #opev Biciptonr TV M
Ukhow els 6 foa T6Ea. TO Tpiywvov f/ 3
AOB elvar looowerts (OA — OB, d & s ’
“Tives o KUKAoU) kal Exel THY yw- = |1
H e

Viay A/O\B:':-s%(-)f=6(}" (kevTpikf)  yow-
Yoy, "Apa kai al ywvica Tou elvan

A_§_ 1800600

=600 *Hro1 16 Tpi-

2 ]
YQvey AOB elvan lodmhevpov. “Ero- A \‘Eéf'/ B
Mg AB—R.
A& va Bicpéowopev AoToy Eva K- oy. 18.

Qv els 6 foa T66a, ypdgopev 6 Bia-

OXikds yopbis, foas Tpds THY dkTiva. ‘Evdovopev T& onpeia Sicpéoecss ToU
Yikhou A, B, T, A, E, Z «al oxnuatifopev &v kupTov Edywvov. TolTto elvan
k(""Dvlkc’)u, Smrws Buvdpeda va BiamioTwowpey, av ouykpivepey Tas TAeupds
TOU 12 1oy By ked Tds ywvias abTol pé Tov Siapavii xdpmv () TO poi-
pu)"’wuévlov). Avvépeba Suws kal va BikaioAoynowpey THV SiarioTwoly

12
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pos oUTHV pE THY TrapaTipnoty, &1L ai pev TAsupal Tod TroAuycdvou ABIAEZ
elvon Yoar, 8510T1 éAdPopey aiTds xaTd THv KaTaokeunv Tou foas Tpos  THY
&Tiva ToU KUkhou, al 8 yevia abtob elvar loar, &g dyyeypaupévo el 0V

oy ' ol . ¥ 4 Ao
abTdv kUkAov pE dvtioToixa Téfa foa wpds - 10U KkikAou.

A& vd Eyypdywuev els TOv kUkAov kavovikdy Swdexdywvov, SV
poUpev airov els 12 to8x foa. TTpds Tov axomoy alTdy, yapdooouey Tas 81X
TOPOUS TRV KEVTPIKGY ywwidv Tol kavovikel Efaydvoy, Evdbvopsv F& S
Soyik& onusia Sxipigiw; ToU kUkAou kot KaTaoKeUafouev oUTw kavovikdY
Swbexdywvov (Biati;). 'Eqv dpycobipev duoiws, Biaupolpev ToOV kikAov el§
24, 48 k.o.x. loa Tofa Kkal Eyypdpouey els alTOV Kavovikdy elxooiTeTpdyw”
vov, ETETa KUpTOV Kauovikdy ToAUywvov, ut 48 TAsupds k.o.K. TENS
ouvbéopsv &' elfuypdppwy TpnudTtwy dva dUo Tas pn Siadoyikds KopU‘Pé‘S
A, T, E ol éyyeypaupévou els TOv kUkAov xavovikoU éfaywvou ABIAEZ. b3'U
patiGeTon oUtws Ev Tpiywvov ATE, &yyeypauuévov els tov kixkhov, T bmoio?
elvan lodmmhsupoy, 16Tt AT =TE=EA ds yopbai fowv Téfwv Tol kikAou. TolT’
elvat 10 xoavevidv tplywvov. 'Ex Tév mponyountvey  kataokeudy oUW
mrepalvopey 871 Buvduela v& Bicupéowpey  Eva kUkAov els 3, 3.2 =6, 3.2°F
=12, 3.23, 3.24,..3.2" foa Tofx kal v& EyypaywHEY KAVOVIKOVY oMUY’
vov eis TOV kUkAov ué 3, 3.2 =6, 3.22 =12, 3.23,..3.2* Theupds.

Zuvowifopey T& CUPTIEPATPATA Wos WE THY Tapathpnoly, OTI Suvdpe
B va Siapéowpev eig 2' 7 3.2' loa T6Ex TOV xdxdov xal vg éx ‘F""’:
tou Suvapeda vi éyypdwpev eig adTdv wavovixd mohlywva pé 2 K
3.2" whevpdg.

Enpelwotg, Mt Thy éyypaghv es Tov kikhov kal dAAwY kavovik@y TOAUyLVeY: =
doyoAnfdpey els dvwTtipav Tafiv.

-

'Aoxfoerg

33) N& lpnre Ty kevTpikiv yowviav, Evds kavovikol a) mevrerydvou, B) SO)SEKKY"-;’VUU'
y) elkooiteTpaydvou, 8) Tprydvou.
34) Méowv poipdv eivar 1) EowTepiki) ywvia Evos kavovikol a) dkTaydvou, B) SEK‘“EG’
yovou; y) Bwdekaydvoy;
|
35) Mofou kavovikol ToAuyvou, f kevTpikn ywvia dvar o) 900, ) -;_ &gh., y) 30° 5

5) 240;
36) Tofov elvan 16 kavovikdy wohlywvoy, tol émofou 1) towTepikly ywvia even ) 106"

Y epp. ) 1350, 8) 2. 8pe. wed &) 1750;
3 Y 3 OP )

37) Xapdatare fva kikhov kévtpou O kal dxtives R=35 em. 'Eyypéyare el alrov Ev xat?”
vikdv elkogiTeTpdywvov.

38) N& kotaokeudonTe Kavovikdy Efdywvov p wheupdv pixous 4 em.
' 4
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~39) Xapabarte evb. Tufjua AB prxous 3 cm. Na kaTaokeuwonTe Ev kavoukoy SKTEAYWVOY,
0 &molov w& Eyy Thv AB, s TTAEUPA V.

40) *Eyypdyate els xixAcy dkrivos R kavovikov éfdywvor. ‘EvdoaTe 5i° eUBuypdupcv
Mooy, T& ploa TGV fowv Theupdy atTol. ‘Opifetar TéTe fu vioy Ebayavov, Ti Exete va
TpaTnefionTe 51I° alTo;

§12. Zroixeia cuppetpiag éxdoTou TOV XOVOVIXGDY TOALYGIVWY Kol

UmapElg Tod eyyeypappévou eig adTd nduAou

s ; i ? ‘ ;
Kataoxevdoure éal dwwpavods yaotov v vetodyovor, & xavovicor fEd-
0w seal Ev xavorixor Tolyovor xal efpete Tods dfovas cvuuetolag Exdoton Tov-

. T} magaryoeite: (Xy. 19)

ox. 19 ox. 19p.

i Koaraokeuddopsy &l Biapavols YoapTou TeTpdywvov ABTA, kavovikov
ywvor EZHOIK Kai kavovikdv Tpiywvoy AMN 8i& Bioipéoews TpIG Y KUKAWY
YTioToiyews els 4,6 kol 3 oo TOEx kol YpdpoUey TES &kTivas kai T& &iwo-
%ﬁua'rc’x TV,
"E&v SimAdowpey altd katd pfikos ToU gopéws s dktivos twy, 8& ma-
atTT!Pf}ccouev 611 & 8vo Tpfpata ékdoTou E§ altdv Tavtilovral. To alTtod
MBadver kod el T &AM kavovikd ToAUywva.
& ‘Erropéves ¢ Of popeig thv dxtivwv TOV xavovix@v moAuvydvwy
% &Eoveg ocuppetpiag adtdv.
‘Eav Simidowpey Ta@ dvwTépw KoTaokeuaoBivTa Kavovikd ToAUywva
L Mfjkos ToU gopfcs Evds TOV AMOOTNUATWY Twv, B& mapaTnpriowuey
M T& SYo TuNuaTa EkdoTou E§ avT®y TauTifovtal. To alTo duvduefa vd Sia-
m"Ttbcroousv kal elg T& dAha kavovikd TolUywva., “Apa ol opeig ThV
%"’T‘qudrmv xavovixeh moduywvou elvat dEoveg ovppetpiag adtob. Ma-
T:‘:ﬂpoﬁus AoiTrév, 6T T KAVOVIKG ‘-rro?\l\byowot-éxogv c‘:)g éigovOfg ouppeTpiag
S Popels TGV &kTivewy cUTdVY Kai ToUs Qopels TOV ATOOTNPATWY TwV.

Eis & kavovikd moAUywve pt dpriov mAffos mAcup®dy (M. es TS
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kav. t§aywvov EZHOIK), 8lo dxrives xkeivran &mi Tol alrol popéws (¢ ol
OH xai OK Tol kav. E§orydvou EZHOIK). "Qore: "0 dp1Bpdg tév pogéw?
Ty dxtivey xav. moAvydvou &ptiou TAY{Boug mheupdy, loobral mpdg T
fuion tob dpiBpod TdV mAevpdv adtod (g5 T& EZHOIK elvan Tpeis). “Emi
ans 1O TAffos TGV opéwy TOV drooTnudTwy Twv elval ioov wpds To fudY
ToU TARBous T&Y TAEUp@Y ToU KavovikoU ToAvyvou, 516TI T& &mooTApaT®
auT@v dvd BUo Eyxouv TOV alTov gopla. (‘Qs w.yx. es TO kav. EE&ywvo'
EZHOIK & &moothuara OM, kai OM,, fitor 7o mAfifos Tév gopéwv T6Y
&rooTnudTwy Tou elven g—- 3). To kavovikdv Aoimdy Efdywvoy Exa 6 &0
vas oUpUETpias,

Qote : Kavovixdy modbywvov pé &p'r'lov mAfBog mAevpdv v, EXE
v &Eovag cuppetplag.

Els Ta kavovikd molUycova ué epITTOV &pifudy Aeupddv (Tr.y. Els 10
kav. Tptywvov AMN) of dxtives kal T& &mroothuara &vd BUo, Exouv Tov auTd!
popéa (&5 A dxrls ON kal T dmdoTnua O, To¥ Tpiycovou AMN). TaparrnpoUe’
drdpn, OTi els TO kavovikov E§dywvov EZHOIK of &foves ouppetpias OM,; Kot

OH elven kéderor. (M;0Z=30°kat ZOH=60). Eis v A’ T&E1v Spcds, tuddone’
&11 v oyfjua, 1O Sdtoiov Exel BUo &fovas ouppeTpias kaBéTous, Eyet xévﬂ’"f
ouppetpiag TO onueiov Topfis aUTdv. ‘Emopévews To kévtpov ToU KO.'VO\?IKO‘I}
gfaywvou elvan xévrpov oupperplag avTtol. To adtd cupPalver eig 8Ax i
navovird moAbywva pé dptiov mAfifog mAevpdv. Els T kavovikdy Tptyw""v
AMN Btv Umépyouv k&Betor &foves ouppeTpics. Suvetréds ToUTo Sév Eyet X€V
tpov suppetpiog. Td adtd cupPalvel elg 8ha & xavovixd moAdywva F
neptrtov mAHlog mAevpdv. "Qote els TG kavovikd ToAUywva pé p'“ou
TAfifos TAEUp& Y TO KEVTpov aUTG Y elvan xévtpov ouppetplag, £vd TO Kévtpo’
TEY KAVOVIKG Y TOAUYWVWY pE TepITTOV TTATBos TAeupdv 8év elvar wévtp?
ouppeTpiag.

To kévrpov &kdoTou TV KavovIKDY -n-o)\uywvu)v elvan kévtpov Evos K
KAou, & bmoilos EpdmrTeTan TEWV  TAeup®dy alToU, Bi16Ti, s Epdfopev, ‘I’O‘fT
foaméyer abTdv. ‘O kikAos alTds Aéystan éyyeypappévog s T xarvovikd!
TOAUY W VOV,

KdéBe xavovixdy moAbywvoy Exet éva éyyeypappévoy xoxdoy Spone”
Tpov Tod meptyeypappévou pé axtiva To dmbéotnue Tol xav. oV’
YWwvou. :

'Aoxfioerg

4]) KoraoxeudooTe kavovikdy dktéywvov kal xapfare Tols &fovas ouppetplas atr?!
N& edpnTe T& Jedyn T&V kofétwv dfdvw.

42) To oUmd pdPAnue 81 Ev xavovikov Swlekdywvov. 3

43) KoraokeudoaTe kavovikdy Sekaefbywvor kal Ev kavovikoy Buwbekdywvov kol X‘IP&
e ToUs tyyeypapuévous els ExaoTov E§ aUT@v KUKAous.
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KEDPAAAION i
OMOIA TPII'QNA KAI IIOAYIQNA

A. AOTOZ AYO EYOYT'PAMMOQN TMHMATQN

§ 13. Adfere edleiar & xal edWyoapuoy tuiue AB. "Exl vic e, doyliov-
TS fe vob A’ Adpere volu ed0bypapua ywjpeta didoyie xal fon meoe v AB.
Eave I dxoov ol Tedevraion. (Vi 20).

G & Néyopev 8T, O Adyos ToU  elBuypdupou

N — ’ - frufipatos A'BY mrpos 6 AB elvan & dpi-
i y i A'B’ O 3

f‘____? Buds 3 xal ypdpouey T[T'""B' O d&pi1fuos 3

& . elvan ékelvos &t TOv Orolov Trpémel va  TroA-
Aamhaciactf 6 AB 8id va Swon 16 A'B'.
"Qote:  Adyog évog edBuypdppov Tppatog A mpog &v edBGypap-

Kov tufiua B ( supBoixdg —‘; )eivm o dpipog A émi tdv dmolov

n°7\7\an7\uma§6psvov 16 Sedrepov Bilber o mpidTov.
 'Eav TA kai EZ elvan elBUyp. TuipaTa Abyouey «vo TA Exel mpds 1o EZ
OYov A» 1| cuvtoucdTepov «[A Tpds EZ foov M kad ypdpouev (MA, EZ)=A f

*VvnbégTepov : [T T
EZI
il 2 k= TA - AEZ ]

Tiun edBuypdppov tphpatos elvat & Abyog adtod mpds v povdda
;ETPﬁaewg ) ouyxpicewg. THv Tiunv Tol AB oupBoiidopsv pe (AB). To AB
Yo 80y pappov Tpfipa., ‘H tiph (AB) slvan d&pibuds. 'Edv a elven 1) povdg

It o, . 4 . ' i
Tpfioecos 6 v elBuypdppcy TunudTey kod AB=5-a, FA 8.« ToTe 5‘187 —5 kai
Ar

S~

a = 8. Zuvewdds (AB)=5 kai (AlN)=8 (1)

" ; ‘ﬁAB. [:orv - 3 AN T?TE AB=IT A
k QO TAcpey & @Y (1) 1a AB kai FA 8i1& 1@y iowv Twv, 8& AaPuopev Har--
\)‘-801, ouvetréds 5 =8N (¢meidn TO yivopevov €08, TpfuaTos o émi &p1Budvy <Tvey
AB (AB)
ra (ra)

eempoﬂuev TOV Adyov

Hovs. SnAabn :

Tluov) &pa A = ;
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‘0 Abyog §Vo edbBuypdppwy TpnpdTwy loobTal Tpog TOV Adyov TOY
TOY adTdv (Stav petpnlolyv pe v adt)v povéda).

Inpelwoig. Tolmo foyle yevikds Sid Tov Adyov Blo duoarbidv peyedidv. ‘Emians AN
Bever 10 611 : 'H Tty ol &bpoiopatos Svo dpoedidy peyedidv looTTtal mpds 1O &bporopa TEY
TGV aUtév (Stav petpnlolv pé THY aUThv povdba). Ty {B1oTTa adTiiv 6d ypnopomor”
fowpev el THv HETPIoIY T@VY EpPadidy kal TGV Sykwy T1@v oxnpaTwv.

§ 14. ’Avddoya edBbypoppa tpipata.

Ed00ypappe tpipoata Aéyovtal dvdroyo mpdg dAAa dvrioToiyd TWY)
Brav t& yivdpeva 8o dvtiatoiywy TunpdTwY Enl ToV adTdy dpiBpdy €l
vat dvrtiotoiya edbiypoppa TpfpaTa.

Andab), gy & ebBUypapua TupaTta o kod Belven dvtioTorya TOTE Kl
& 2a kai 2P elvan dvtioTorya s kad T 3q, 3B kai yevikés T& Ao kal AP
(A elven apiBpods Tuyaw).

a V.
2a 24
Ja el

axi 2Lk,

"E&v ouykpiveopey 10v Adyov Blo £§ aitdy .. TéV 2a kal 30 pos TOY
Adyov Tév dvTioTolywy Twv, (&dvtioToryd Twv evan T& 2P kal 3p) wapS”

S Ak o B A Ty
TNPOULEY OT1 = = & Kol B
T& TpGTA Kl TO B Bix T Bevtepar). “Qote: ‘Edv edBbypappa tphpate €
var Gvddoya, & Adyog bvo (tuydvrwy) & adrdv ioobral TPOg TOV Aé-
Yov TV dvrtiotoiywy Twy.

"Eav els &vddoya Tpfjpota Td A'B kol A" elvan &vtioroiye Tév AB kal ra,
?g ?—g Ayopev dvadoyioy T@v edbBuypdh
pwv Tunpdtwy AB, TA, A'B’, MA'. Auvdpeda v& dvtikaTaoThowpey Tous AO°
yous Tév elf. TunudTwv pé Tols Adyous TGV TGV TwV kai v Ex eV ke

(?(% == g?gg , ) omola elvanl dvaroyla dplbpdv.

2 5 . . \ e
= (Becopolipey s povéda TO0 o O

Ty lootnTa T&OY Adywv

"Avadoyiav Té@v dpibudv a, B, y, & Exopev STav % = ‘g, Of o« Kal®
AtyovTon dixpol Spor Tis &vahoyias, of Bt B kol y Abyovtan péeot 8pol a
Tfis. Of o kai y fyodpevor kol of B xai 5 émbpevor Spor. Tlepl iV dvoroy!®”
TV Spludy Buvacbe vd iBete eis THY CApiBunTikv (Kep. 4 § 100, 101).

"Avagépouey cuvTouws pepikds 1816TNTas va dvadey1&v, Tds rrolds
0 ypnoipomomowpey el T ETduEva.
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1 g = 15' & Py=ob ouvendds T6 ywépevoy TV péowy Gpwy Widg
‘ivaloyioig iooltoL mpdg To yvduevoy TV dxpwy dpwy adThg.
I3 ! 8 2 2 ’ r
2) -;- - g RN -%::: i e e —E. Eig dvaroylav Suvapeda

V& dvadrdEwmpev Tobg dxpous § ToLg pésous Bpovg adTig.
3) o B = at Bty

. Néyor loot petald twv elvor

ali Bl e Yr = dr+al+yl
looy yeat Tpdg Tov Adyov, & oémolog &Exer dplbpnTiv to dbpotopa THV
GpiBuytdv xal mapovopastiv o dfpolopa THY TapovORAGTGHV.

'AoxnoetLg

44) N& EEnydonte Biori kal els plav dvoadoyiav ebbuypdupwy Tunudrev Suvdpeda vk
E"“Mc’xEmuev Tols pioous fi Tous &xpous Gpous.

45) Né& tfnynonTe S, dav 8uo Adyor eubuypdppwy Tunpdrey evar foor Bk elvan foot
ka Tpds TOV Adyov Tol dlpoioparos TGV fyoupivwy Tpds TO dfpoigha TGV Emopévcov.

Emiong tay % = -;(- Seifats 6T ‘,]_"B'ﬁ,z Y—‘%—S

Td @evpnua 1ol Qaiod
lov Bewpnpa

2 : ps - ; ; : S
§ 15. " Eni g edlelag yyp dapere loa edbyoupna rnjpara AB, BL. A’ B
v A, B, I' nal A péoure edbelug
Taibiiovs perald row. Xaoasare X
! ’
Mlay G kgy edletar, 4 dmole va Tés A

vy rag aapadliflove adrag els Ta
Mpeia A, B, 1", A" dvrieroi- B
2ws. Yvyxpivare (ia tod Sefhif-
Tou) 74 00, qojuara A'B, BT,

P'/j', /
£ %U‘YKP: VOUEY aUrd kel mopa- 4
Npolpev &1 elvan foa.

‘Erropéveos : "Edv  moapddin- Y
Aot edBeian Téuvouy Sbo  HA-
Aag yai bpllovy éni The wmidg
S e, rpfpare, 04 dpifouv fou edf. Tphpete xol &ni Tig dAAng.

ox. 22.

Aix va alriodoyhowpey 1o dmotihesua alto, Epyalousda b EEfs :
"Ek Tév A’ kol B’ ppoiey apaAiiious Tpds THy Yy (Gpa kal mapaAAnAous petall Twv).
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AUt Téuvouv Tds BB’ xai T els 1& A, xai By &vmioToiyews. TMapaTtnpoluer é11 Té& TeTpd
mAeupa ABA A’ kai BI'B,B’ elvan TraparAnidypapua. ‘Emoptves A'A,=AB kal B'B,—BI. AN
AB=BI" ouvemrds A'A;=B'B,.
2uyrplvopev Tipa T& Tpiywva A'AB’ kal B'B,I". Autd elvan loa, 161 Eyouv
A'A =B'B, s dvwtipw E8eifopev
e Fas
AAB =B,BT" s tvrds #kros &mwl 1¢ altd 16 TapoAAfhwy
A’'A,, B'B, Tepvopéveov U Tiis A'B' kad
2N . ~ e ~ -~ ~
A;=B, &6t A =B,B;= T xal [ = B. (8ol ;)
‘Emropévas A'B'=B'T". ‘Opolws BT = A’ k.0.x.

~

*Eqappoyal.

1. N& 8i1capedi] elBlypappov TUfiH®
X AB els Tpia ioa elBlUypoppa TuRpaT®

(2N723).
Oépopev fuevBeiay Ay kai e’ o
s T& loa Badoyikd eflypapua THT
y pata AT, TA, AE. Xapéooopey Thv B
d oy, 23 Kai &mo T& A, T, kel A gépopey mapal”
4 Afhous Tpds auTH v, ai molal  Téuvoy!

16 AB els Té onusic A’ ai . ToTe 8 elvan Al = M"A" = A'B.

. . 1
Moapatfipnotg : To Al tooUtan mpds 7o yivouevov = AB.

2. ’Ex ToU poou A Tiis TAeupds AB Tpryw-
vou ABI (ZX‘ 24) oépopev TapdAAniov Tpods
v Bl AbTr) 8a Tunon thv Al els 16 E. "Eav yo-
p&Ewuev kai THv Ay / /Bl Tapatnpoluev &T1, Errel-
81 AA =AB, 84 elvon kai AE=El. "Qoe: "Edv éx
ol wégov mAevpdg TELYWvoL @épwpev TopdA-
Andov mpodg wpilav wAevpdv adtod, adt) B& &i-
€ABy &x Tob péoov ti¢ Tplmng mhevpds.

Oépate Twpa tx To¥ E apdAAniov mpods v
AB. AUTR oupgwvws Tpds TO TpoTyoupEvoy  Bd
B1EAOn &k Tou péoou Z Tiis Bl kad émadt) To TeTpd-
TAeupov ABZE elven Trc:pu?\?\n?\éypcxuuov‘ﬂo‘c el vai

AE — BZ 8®nhabh AE = BT
3. Zrueiwoate 1& pboa A kai E 1@y mAeupdv AB kad AT Evdg -rplyc.bv""
ABI". Zuykpivate thv AE mpds thv Bl

‘H AE elven mapddAnios mpds THv BI, 8161 ék Tod A pia pévov TrapdAAT”
Aog mpos THv B Sidpyetanr. AbTn Suws, s eiBopsv el To PO yOoUHEVOY, 1P

oy. 24,
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XETan kad S1& To¥ E. Ao 88 onpeia Spilouv piav ebbeicrv. To tufipa AE igolTay,
e N N i i \
WS eidopev, mpds TO 5 « Bl Ipé&popev  ouvtdpws Tds Suo aUTds 1816t TOS

aE:}f%.BF. "Qoe ;
Té edB0ypappov tufjpa to dmoiov cuvséer Ta péoa Bo mhevpdv Tpi-

YWvou elvat mapdAindov Tpdg THY TpiTny mAevpdv xal isotal TpPodg T
Riow adriic.

’Aoufoetg

46) N& Bictpedi] eUBUypaupoy Tuijna els mévte foa pépr).
47) N& AéPnre Ev ebBUypaupov Tuijua AB kal vé elpnre T %. . AB.

48) AiSerar tpamifiov ABMA (AB//TA). "Ex ToU péoou M Tfis Siaywviou BA va pipnTe
TEpEAANAoY Trpds Tés Péoers, Ty Smola Téwvel THY AA els T N kad Ty EAAnY Biaydiov els TS
- N& ouykpivnte 16 Tpfipa NA wpds Thv TA kad 16 MA mwpés v Biagopdy Tédv Péoewv.

49) N& A&PnTE T& péoa TS rAeupd Y Evos TETPATTAEUpOU Kal v EfeTdonTe, XprotpoTololv-
TS T yewou. Spyave, tv elval kopugai tvds TapaAAnAoypduuouy,

50) N& &EnyfionTe Biarl T& elfUypappa TuiBOTE, T& dTrola ouvBiouy T péoc TéY &mé-
T mheupdsy TerpamAelpoy, BiyoTouolvTal.

20v. Qewpnpa

§16. Eis Thv §15 oy. 24, eiBopev 6TLedv AB=TA 0& elvan xal A'B'="A".
Tére gy AB_ A’ ey s s ;
Mo o= = L. AnheBn T& SpiCdueva MO TV TapaAAfAw Y E-
%idy dnl v AA xal A'A’ avtioTorya efUypappa tiipata elvon G-
Y ZupBaivel &pd ye ToUTor Kai
“Tay AB v Bidpopov 1ol TA; A \

X. 25). [
Karaoxevdoare Tpanélioy 8 L

kﬁ«?‘g' (AA'||BB') ut AB—3em 3
X A'B =5 em xal éni 1ic
Qexrdogws o6 AB Adfete £ibi-
LT tuijpa ['d = Gem,
ow'And ta [" xai 4 pépare na-
;!Clﬁhvc meog Tag fdosis Toi Tpa- r
p v, al dmoiae Téuvovy Tiy mpo-

0w vijg A'B’ eig ta I xai A’

rolywg. Mergioare iy "4’

*q

A : Ovyxplvare vode Adyous:

s S o
Elplowouey A" =10 cm érro- ox. 25.
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§ A'B’ v syna . sp ,
PEVOCS = = A= r% Apa: "Edv mapdAindot edfeiar Tépvouv Sbo &A-
Aog, ©& 6pilbpeva O adtdv dvtiororye edblypappa Tppate  elvot
dvdioya.

At va altioAoyfowpey T drotiheapa alTé tpyalopeda o Efis: "Bl T TIPOEKTAOEWS
Tiis AB hapPdvopey Tpfjua BE=AB. ‘H &k ToU E Tapédindes mpos Tas AA’ kal BB Téuver hv
AR’ ele 16 E' wad elvon A'B'=B'E’. T& el Tufipara AB kal A'B’ elvon &vrioToixa (keivral WE
Tay TGV aUT@y Tapaifiey ). ARRG kal T& AE kad A'E’ elvan dvtioToiya. AUTS Spas loolvTa!
dvrioTolyws Tpds 2AB kal 2A'B". "Eav Gewpfiowpey kol T& AZ=3.AB, 8& AdBwuey dbg dyTioTor
yov 10 A'Z'= 3.A'B k.o

*Amodeikwietan (o5 B pdBwpcy els dvwtépav TéEiv) 4T, tqv TA=AAB
TéTe A =AA'B" (A Tux@v &pibuos).)

‘Emroptvess : Ta Omd 1dv mapadAfiwy dpilépeva énl tig edbelag AB
Tphpata, elvor dvdloya mpdg T dvriaTolywg opLiopeva VT adTOV énl
Thg A'B’.

"Egoppoyal

1. EdBeia mapdAinhog mpog plav mAevpdy TPV
ydvou, Siarpel Tag dAAag theupds adTod €ig Tphpaé
dvaioya.

Gépopey elfeiay  TapdAAniov TPos THY mAeupd
Bl tprycvou ABI. AuTh tépver Tés AB xai AT €lg Tdé
kai E dvrioToixws. "Edv gtpwpev kol v Ax/ /Bl g
OUPTIEPAVGPEY OUPGG VWS Trpds TO TpoTyoUuEvoV et

AL AE AA AE B El
AB = Ar' aB~ ET "M ABT AT :

‘H mpéTaols oUTh yvwaTh 05 Oeodpnua ToU BohoY

&mrobideTon els TOv BaAfjv Tov Midnolov.(*).

2. Xapdtare tolywvor ABI ué pijxn adevedv AB xai AI' ioa ngog 8
xal 12 cm dymorolyws. "Eni vije AB Jdfere tuijpa Ad=2 cm xal énl s 4
wpipa AE=3 cm. Na efonre vy oyeTiHipy Bém: 1@y edlerdv AE xai BI
*E&v petpriowmpey Tds yovios AAE xai ABT, 0& t&s efpwuey ioas. ET
ptveos AE /B (oxnuoTifouy Tepvopeven o Tis AB 8Uo éxTds Eutog Ko E1
& avTa ywvias ioas). Auvapeda va &roBeifeopey dnAadn, va aimoroynd?”

*  QoAfic & MiMoweg (637-548 m.X.): Méyos “EAANY pafnpoTicds kal QIAGoOQOS: Kdrj
™y &pyondTnTa ecpeito els Ty T cogbiv. AUTds TipddTos EypnoipoTroinge ™V c’méﬁf'_&w
Thv Sikaiordynotv, dnhabt, wés &hnbeias pe Paoiv GhAas yvwatds. A& ToUTo BewpeiTal lbp_
T s pednuotixiis EFmoThpng kol s trioTriuns yevikds. ‘Ywiipfev 18puThs Tiis QI?\OUO‘PIK
oyohis TS MiAfitou. Al Trp@Tean y veioes 510 1o AAekTpopdy dpeidovTal el alTov.
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AN o g i i AL 1 . AE | ok} ;
Hev 10 dmoTiAcopa auTo, [lapatnpolpevy &1 BT 7 M OEF T Emout
AE

Vg ’:—g = - Apa N & Tol A mapdAAnios pos Thv Bl opeidel (kaTd 1O

TTpenyoUpevoy) va 51éAn Bid ToU E.

“QoTe: "Eav edBela Srapd) duo mhevpdg Tplydvou elg tpApata avd-
Aoya, elvan napdAdnlog mpdg THY Tpitny mAeupdv avTol.

'AoxnNoeLg
51) N& Bicnpedf euB. Tpipa els Buo Tunpara Exovra Adyov
52) Aidetan T euBUypapuor Tuiipe AB. Na Bicipéonte alrd s TuiuaTa dvddoya mpods
eSoptva Tufpata a kai .
53) Kataoreudoare Tpiywvov ABIM pe mheupas AB=5 cm wai Al = 6 cm. AdPere émi Tg
AB tyuijua AA- %AF kol péporre // mpds ThY BI éx Tod A, *Edv ath téuvn THY Al els 10 Z,

Dpeve 16 pijkos Too AZ.

54) "Ex Toil xtvTpou Papous Tpry. ABI pépare TapdhAnAov wpos Ty BI. "Edv auTh téuvn
Ah  AB AB
AB ' AB " 4B

55) Né& kataokeudonTte Thv StyoTtorov AA Tpry. ABI kal ik ToU B va gipnte wapdiinhov
TPds Thy AA. "E&v abTh Téuun Thy wpoékTaatv Tis Al els TO B, v guykplunte & AB kal AF.

B AB

AT ' AT

56) N& karagkeudonTe Tpels mapahAfAous eubelas e, €, e dote f| & va dméyn Tiis € 3 em
Kal N e'riis € 5 em. N& TpfjonTe alTds 81 eUBeias Xy kal va UnohoyfionTte Toug Adyous TV
Tinudrey & drroia alrar pifovv i TAS XY

™u AB els 1o A, Uwoloyioate Tous Adyous

Na guykpivnTe émions Tous AdYOUs

B. OMOIA TPITQNA

§17.s|'fﬂe‘n tolywvoy ABT sl ploate mapdidylov mpos iy By, 4 émoia va
xéﬂ?’n tag whevpds; AB xal AT glct ma A
Mpueiq A xal B dvviotolyws. Xvyxoi-
"re viag poviag xal Tag aldzvpas TV
Wiy AAE xai ABL. Ti aeouti-
Delye:
o~ A ~ o~

Mapatnpotuey éti, A=A, B=4A
K B E S ; i
al F=F (clven évrods &kTos wal gmml Ta
Wt 1@y waparAfiwy Bl kal AE, Te-
Hoptvey Unrd tédv AB kad AlN).

,".Er
A Tas TAeupds  EXOUEV OUHPCO-

Veos Tpos TO Becopnua ToU BuAoU : ox. 27.
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i‘; = 2% . Qfépopev Todpa &mo 1O E TrapddAndov mpds thiv AB. AUTh

Téuver THv Bl els 10 E'. Zupgavos dAy pds 1o Becdpnpa ToU BOodol B elva!
AE BE’

AT T BT
Té TetpémAeupov Spos ABE'E elvar mapaAAnAdypappov. *Apa BE'=AE
Eropéveos g? = g:f *Exouev Aormrdv :‘g : %E e é—? T& Tpiywva AAE kol

ABIT #youv Tas dvmioTolyous ywvias Twv foas kol Tas dmévavt Téy fow?
QUTGY ywvidy TAsupds, dvaidyous.

Aéyopev 81 té tpiywva AAE xei ABT elvat dpota.

Al &vtioToiyol kopugal AA, AB kal E,J t@v lowv ywudy Atyovt®
épbéroyor. Al ywvion alt@dv Aéyovton épéroyoet ywvlar, xai ai mheupad, @
omolal ouvdiouv SUc Spordyous kopugds fi keivton &mévavT SpoAdywv YO
viddy, déAoyor mwAevpal.

Od Aéywpey 8T, Svo Tpiywva elval dpoia drav Eyouv Té¢ dpodyovs
Twy ywviag loag xai tég dpoddyovs adriv mAevplg dvaiéyouc.

——

s s = & BOWER R AT
A*—* Ay B=E, '=7Z kol AE 7 = &7 &= Tply. ABI éuciov Tply AEZ

Qs podveTon &k TV &vwtépw, elfela TopdAAnios Tpds Theupay TP
ywvou, Opilel Tpiywvov éuociov mpods aUTo.

Inpelwotg : Al dpddoyor kopugai Trpimer vé ypdgwvton kord THY alTiv TEEiv.
§ 18. ’Egappoyal,

1. AdBere &0 loa tplywwva (ué v ﬁo:iﬂs‘“"

B ¢ Oagavolc ydotov) ta ABL xal AEZ xal av;v#é’['

vate Tac ywwiac xal Tovc Adyove taw d;wid?"’ﬂ
alevpdv Tww.

’Ema1dn 1a tpiywva elven foo 60! EXOUV T“S
ouo?\oyoug aUTéY ywvias ioas, fjTol A A 3/
xad T=Z. ol Adyor Tév SpoAdyw v -rr?\wpoo"'l
oolvtan Tpds Thv povdda (Sidm i Spdroy®

7 TAeupal 1@V fowy Tplyd:vmv elvan foat). ‘Ewod

AB BI Al AN A i
e = S e o Ko
Vs g £ a7 kai A A B=E

A

oyx. 28. s

“Qote:  Avdo loa tplywva elvar Spota. "ANAG BUo bpoia Tplywva B!
elvar révtoTe foa, s gadvetan s TO oxfipa (27) Sia 1@ Tplywva A
xai ABI. p
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2. "Emaidn els 16 oxfina (27) éyapdfauev Thy AE TapaAAnAov Tpds THY
Bl‘, ouvemrepdvapev 6T TO Tpiy. AAE elvan Spoiow mpos 1o Tply. ABT.
TMapaTnpoluev Suas, 871 kai f B elvan mapdAAnhos Tpds 11y TAsUpGY
, ToU Tprycyvou AAE. ‘Emropévas, &y Tpiywvov elvar Spoloy Tpds GAko Kai
™ BeUrepov elvon dpciov TPOS TO TPATOV.
3. ©épouev els 16 oxfipa (27) Ty A,E, wapdAAndov Tiis BI.
Tée 16 Tpiy. AA, E, elvan Suotov pds 7o Tpiy. ABI. Awemiotdoapev &1t
o Tply. AAE elvan Spoiov pos 10 Tpiy. ABI, xal émeby of AE/ /Bl kai
1Ey / /BT ouvendyovron Ty AE//BEy, Exopev 611 TS TPy, AAE, dpoiov
s 1o Tpiy. AAE. "Qore BUo Tpiywva dpoia pds Tpitov elvan Suola.
- 'Eav ouvoylowpev, 8& mapatnpricwuey 811 1) oxéols T SpodTnTos EXEL
T3S yvwaTag i1 Tas Tfs lodTnTos.
Tpiy. ABI duciov Tpiy. ABIM (dvakhaoTikt),
Tply. ABT &potov Tpiy. AEZ => 7piy. AEZ Spoiov 1ply. ABIT (ouppe-
TPIKR) ko
' Tply. ABI époiov tpiy. AEZ kai Tpiy. AEZ  Suoiov Tply. HEI >
Ply. ABI spoiov Tply. OHI (peTaPaTikn).

'Aoxfoelg

e 57) Koraokevdoare Tpiywvoy ABI pé mAeupas AB=3 em, Bl=5 cm kai Al'=6 cm.

‘n‘-:?l Tiis AB AdBete Tufipa AA =2 em kol gipaTe TapdAAnAcy Tess Thy BT, fi émoia va Téuvy
VAT ¢is 16 E. ‘Ymohoyloate 16 pfixos Tiis AE.

. 38) *loomhedpou Tprydivou ABI 1) TAeupd éxel pifkos 6 em. "And 18 opBdkevipov ToU Tpi-

:‘:UW va gépnTe TapdAAniov mpos Ty Bl Tlolov TO wfjkos Tol Tprpatos alTiis, 10 dmolov
N towTepikdy 1o Tprycavou;

39) Xapéfate Tplycovov ABI xal mpoekteivate 1as AB xal Al péxpt T@v onusiwy A kad

5 AT ‘Yrohoyioate .1dv Adyov Ak
5 Br

3

dleUToixmg, woTte AD= .% AB xal AE =
60) Tpamifiov Exer Péoers 12 em kad 7 em. Toiog & Adyos Tdv TunpdTwy, €y Td dmroia
< Braydovios yowpider Ty &AANY;

s 6l) Elg 16 alrd Tpamiliov TpoexTeivaTe Tas uf) TapaiAihous TAEUpds pExprs STou Tym-

“l::l Totos & Adyos Tév droarédoewy Tol onuelou Toufls &md v dkpwv wds uf Tapahiiiou
Pt

LI

S

KpiThpia OHOIATATOG TPIYOVWY
V19, 1ov Kpirhprov dpotétnrog.

Karagxevdoare tolyawvoy ABI' pé mlevgag BI'==2cm, BA=4 cm xai I'A =
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= § ¢m. Adfere év ovveyeiq &b
Boypoppor Tuiua AE = 4 gm ¥
ué Bdow aito xaraoxevdoare ToF

o
yovoy ZAE, date 4 =B raP=E
Zvyxolvare tas ywviag [ -7 #4

A
robe Adyovg Tdv SuoAdywy mAeY”
piw. T mapatnoeite ; (Zy. 29)
XpNoIHOT 0100 VTES HoIpoY Ve
péviov 7 «Brapavigy eUpiorout’
e ~ A A A X i -
A &1y A=Z. ‘Emopévas ta Tpiy®
ox. 29. . vao Exouy TS c‘)uo?\oyoug yoJV‘C‘S
A /‘
Twv ioas fTot AeZ, r E
MetpolvTes 51" UmoSexauétpou evpioxopey 8Tt AZ—8em kal B == 10 cm. TOTE
i e T R b I SRS,
RS % T SRR e O g eIl - 13
"Qoe : gg == ’—22 = m—a SnAadhy al dudhoyol mhsupal TGV TprywVWY pcs

slvan dvdoyor. ‘Emoptvews T& Tplywva ABI kal ZAE, T& omola Exou 6o
yavias {oas plav mwpds plav, elvai dpoia.
"Edv 5vo taiywva Exouv dbo ywving loag wiov mpog piav, elvar ot
A& v aitiohoyfompey 16 drotiheoua Tiis pyaoias pas kal v wegdbduey, &T1 BEV e
quuTTepaTikoy tpyaloueda o EEfs @ AapPdavoper dmi Ths AE Tuiua AH=BF kal dwd T

PEPOUEY wmqu‘q?\ou mpds THv EZ, 1y émola Tépver THY AZ els 10 ©. TMaparnpoluev 6T Td_‘
Tpry. ©AH elven bp. wpos 1o ZAE cos euu&ousv esThv § 17. "ANAG T& Tptywucx @AH ¥
e

ABT elvan foa, 516 éxouv AH=Bl kal £=8 H= (i (te1dh A= € xai =T A
"Apa 6 Tpiy. OAH eiven o, mpos T& Tply. ABI (2). 'Ex Tédv (1) Kai (2) EmweTar em ™
Tpiy. ABT elvan époiov wpods T Tpiy. ZAE. "QoTe: Ao tplywva ré 8bo ywviag tddéa
wlav, elvar dpota.

*Eappoyal

1. Avo iedmheupa Tpiywva elvon Suote, BidTt kad' £v &6 albTdv Exe v
vies 60°. AnAadn Exouv Buo ywvias foas.

2. KaTtaokeudoate SUo dpfoydvia Tpiywve, doTe pia ofeia ywvid 1!
gvds, v& looUTan Tpos piav dfetav ywvlav ToU &AAou. Ti TapaTngelTe ;

Ka"rcxcxeua(,op.ev T opeoymvla Tpiymuo: ABIC kal AEZ elg Tpdmov @™

f'\ Z MapaTtnpolpey &1 1'——2 kad A E g dpfad, ‘Emopéveas, v 90 bPI
Boydvio Tpiywva Exovy piav Eelav ywviav tcrqv elvat pota. (Tx- )

3. Okpare els dploywviov Tpiywvov BAT (A- 1 6pB%), 1o Uyos AD ¥

WYnoiomoiOrke amo 1o ivotirouto EknmaiSeuTikrg MoAmkrg



191

ouykpivate 1& dploydvia Tpiywva AAB kel

A FAA mpds o TAB. Ti waparnpeite; (Zx.31).
TMapatnpolpev 611 T& 3pf. Tpiywva AAB

kal FAB Exouv plav dfeiav ywviav koivrfy,

o
-

TV B. "Apa elvan Spoia. ‘Opoicos v pf.
-rplymuu FAA xoi TAB Exouv Thv €€iav ye-
viay T kotvv Elven hoimrdv kel ot 6-
pora. ‘Emopéves kai Td Tpiywva AAB  koi
FAA elven Sucia (dos Spoia 1rpos TpiTov).

'Aoxvoetrg

ox. 30. 62) ’E€etdoaTte, v Blo loookedd] Spfoydana
Tpiywva elvar Spoia.

63) N& koTaoxevdonTe 8o Sporx Tplywva ABI kol
A'BT' kal va @épnTe Tas Sixotdpous alrdy AA kol A'A’.
"E€etdoare, tav T Tpiywva ABA kal A'B'A’ i kol & ATA
kal AT'A', elven Spora,

64) N& xoaraokevdonte dpboyhviov Tpiywvov ABI kal
va géprte 1O Oyos almoll AA. N& ouykplvnte Tous Ad-
yous 4B kal AB

AB rs

65) Kartaokevdoote Tpiywvor ABI pi TAeupds AB=7

em, Bl =6 cm xal FA=9 cm. "Emi Tijs AB AdPete  TRfipa

BA=4 ¢m kai KATOOKEUGOQTE ywviav BIEEr'- /F\ T dmoias
A mhevpa AE Tépver THy fevbeiav BT efs 1o E. ‘Yrrohoyi-
ox. 31 oaTe TG pfKn TGV WAEUPEY Tol Tprydvou BAE.

66) N& yapdtnte Tpiywvov BAT kai Thv Bidueooy alrol AM. N& gtpriTe plav mrapddin-

OV Tpog Tiv B, #) dmola Tépver T&s AB, AM, AT els & onpeia B,M',I" dvmioroixes. Nor avy-

Pivnre va Tpfuora B'M’ Kkai MM

B7) N& varramevdenre: bto SEuydvia Tpiywva pé TrAeupds &vmigTeiyws TapaAhfiious
" vy & ouypivnte, Na BiamioTdonTe, 811 aUTa sivan duoia.

§ 20. 2ov Kpithptov BUOLOTHTOG TRIYWVWY.

Katagxrvdoare tolywroy ABT pé .m'lsvga; AB=3 em, Al"w 4 em xai Bl=
=6 em, Karaoxevdoare év aoveyely yoviay A lony mpoc i Ao &t T men-
o abijc Adfere tprfuata AE — 6 om xal AZ = 8 cm. Fvyxplvare 14 tolywva
8 wai AEZ. T aapatnpeite ; (Ly. 32).

2 Xpncmo-nmouwes HOIpOY VRO VIOV i Bapaviy XapTnyv, eUplokopey &1y

=f e 7t PEay peTpriowpey v EZ ebpioxopey c:u*rn v 12 em. *Emeidn) tepa
Hyy, AB_ 3 1 Al 4 1 EL i D T

g A U, = —— == kal =5 =

3 = A ——
AL 6 DRLNAT e S (G W 'Q,Exowvﬁ,,,ﬁ:
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r—= Z. Té Ttpiywva, ouvemds, ABIN kai AEZ
elvar duota. Td Tplywva abtd xaTsokeudobnoav &6 dpyfis, dote va Eyou?
Tds vt ywviog /A Kai ﬁ 1TEpl€)(oL,\éV"-"S
5 ETAEY 16V dvoddycv Theupdy, AB

Al ket “E, AZ. "Qoe:

"'E&v 800 tpiywva #yxouv §0°
mAeuplg dvaddyoug xal Tig mepLeX?”
L veg S adtdv ywviag loag, €7
val Spote.

Altiooyoduev 1o rotiheopa Tis PYE
olag pas dg EEfis : "Emi tdv AE kad AZ Aaup
vopev Tunpata AH=AB xal AG=AT. *Errabl
AB o AL , B elvan kai aH é?
AE AZ AE M
Tére ducss, &1 tudBopey els THv § 16, 2 O E
HO//EZ, ouveméy 1o Tpiywvov AHO elve!
Suotov Tpds To AEZ. ANAG T& Tplywva AH?
wed ABI elvan foa, 56T Exouv uiav yw"idv
fonv mepiexoptvny petaly Towy TAeup®dv: &
Tropévws T& Tpiywva AHO xai ABI elvat
poia. “Apa T& Tpiywva ABI xal AEZ ¢
Spota (B1om elvan Spow  Tpos  TpiTov:
AHB). "Qote: Tplywva &ovra §bo T
piig dvahéyoug xal Tag yowviag TOV mMAevpdy adTOY loag, elvat dpowa.

elvat

fve!

&
va!

ox. 32.

A€V

"Eqappoyal

i ; )]

1. Ao dpBoymvia Tpiywva, Ta omolx &xouv Tas kaféTous TTAEUPSS wa
5 e ; ¥ ) . 1€

dvaddyous elven Spoia, BIOTI Exouv pia ywviav fonv (v opbiv) rep
youtvny petafy dvohdywy TALUPEY.

e fa!
2. Xapdooouey T& igookeh Tplywva ABT xai A'BT' dore of y@"

5 o ey gn i
THY KOPUPRV v& elvan foo, A=A kai AB=Al, A'B'= A'T' téTe rg.==§'r
; g v o

"EE autéy ouumepadvopev 671, E&v BUo loookeA] Tpiywva Exouv ioos

ywviag TGOV KopupG Yy Twv, Elvan duola.

§ 21. 3ov Kpimhptov 6potdtnrog Tprywvwyv

I‘..t%

Karasxevioars tolywvoy ABI ué ndevpds AB=4 cm, B['=5 cm xai -
l =

—6 cm xal & dMov tolywvoy dEZ ud ndevpag AE=S8 em, EZ=10 cm xa
=12 em, Svpxolvare tdgu tag ywviag adtdr Tdv Tprydre. ;

M¢ Thv Ponfaav Biapavels X&pTou f pp1poy vewpo viou, eUkOAWS E‘I"P,l;
oxousy &TL ol dudhoyor ywviar abtdy elvan foc. T Tplywva aira 13 apX
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dyov kai Tds SuoAdyous TTAsUpds alTd vV

Bty B BT A e A
oAdyous. = = 7A Ex TouTwv
Tumepaivopev, 8Tt & Tpiywva ABI
i AEZ elvon Spoia. "Qoe - B 2

"Eav 8bo tpiywva éxouv tag (6-,
boddyoug) mhevpdg adTidV Evaké-
Toug elvat Spowa.

To &moTéheopa altd Suvdpeda va altio-
“Yowpev s tEfis (ay. 33): "Emi tév AE kal
AauBévopey Tufpara AH— AB ked AG — Al
o Eeibny elvan g€ &pyis AE SERNG (TA

AE EZ  Z4&

s (dvTikabioTduev Sik
AE AZ

o
“V Tgwy Twv). Téte Spws Tpiy. AHE Su. Tpds

o
T elvay kal

oy 33

R
Ply. AEZ TUVETTGIS HO = A_G ©éTopev dmrov AB TO foov Tou Al kai EXOHEY He = I"_A 'EE
4 EZ AZ EZ ZA

Pxig Suws  elvan f_'i\ Bf OV VETTGS l?_l': = H_ec'xpcx He =Bl Ta& Tpiywva Thpa AHO
ke ZRi BEZ: EZ EZ

L ABT elven

T ioa 811 Exouv Tés TARUpds Twy Toas &vd piav. Zuverrdds elvan Suoia. "Apa Td
Y@va ABT xai AEZ eivor Spowa (816m elvon duola wpos TO Tpiywvov AHO).  ‘Erropévess:
© Tplywve pé téc (dpordyoug) mhevpdg Twy dvaiédyoug elval Spota.

"E@appoyal
Xapdore opfoywviov  Tpiywvov kal  kaTaokeudoate Tpiywvov i

Upas dvaddyous Tpds alté. Ti frapornpeite;

nctporjrnpo(}uev 6Tt 16 Beutepov Tplywvov elvar poiov Tpds tkeivo T
. Oloy gyapdapey. A dpdhoyor Aormody ywvial Tou elvar foon mpods Tds yeovias
0. Fyvemds kai TO BeUTepov Tplywvov elvan dpBoyciviov.

'AgxffoelLg
0 68)’\N<'1 KaTaokeudonTe duo loookeAf Tplywva ABI xai AAE (AB - Al kai AA— AE) Goe

Finn AAE xai AA éowTepichy Tiis BAM. Né& ouykpivnte T Tpiywva BAA xai FAE kai v Sikaio-
INTe Bixti elven Suota.

o~ ~~
\ 59) Na kataoxevaonTe BUo Tpiywva ABI kai A'BT" doTte A~ A" kai AA_:_ = .;‘;i« %

L
a"‘imo?\cyﬁon*re. 611 aUTd efvan Spoia.
o ?0) N& yopdénTe Tpiywvov kai v évdanTe T& péoa TéV mAeupdy Tou. Na ouykpivnTe
TEU"C\’pu Tplywva T1& dmoia oynuarifovral mpds TS dpyikdy.
D Na KkaTaokeudonTe Tpiywvov ABI pé mAeupas AB - 2,5 em, Bl ~4,2 cm kal TA=3 em
12
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kal &Ao A'B'T" pé &vmioroixous mAeupds SimAacias. Gépate Tds Siapioous AM kai A'M’ kel
Seifate Siatl T Tplywva ABM kai A'B'M’ elvar Spoia.

72) N& xotaokeudante dpboydviov Tpiywvov BAI kai &Aho Tpiywvov ué mwheupds TP

mhacias ToU mwpwTou. Akatodoynoate Siath kxal aiTd elven dpboydviov.

73) Né& xataoxeudonTe BUo Tpiywva els Tpédmov dote 1o Ev v& elvan dfuydoviov kal i
GAAo v& Exn TAeupds dvTioTolyws TpimAacias Tév TAsUpédY Tol TphTou. N& E§nyfonTe gre
kal TO Seltepov Tplywvov 8& elvar dfuywviov.

T4) Kartaokeudoate év &uPAuydviov Tpiywvov kai v &AAo Tpiywvov ut mwAeupds 1%
Srmhaoias T@v TAeUpGY ToU mpdTou. N& EEnynonTe Siati kai To BeUTepoy Tpiywvov B LY
play yoviav &upAeiav.

75) N& karaokevaonTte ta Tplywva ABI kal AEZ gls tpdmov daTe al mhevpai ToU BevT
pou va& elvar T —%—Ta)v QvTioToixwy (SMOASYwv) TAeup&v Tol TpdTou. N& gépnTe EV o
vexela Tés Brapéoous AM xai AN kal v& T&s ovykplvnTe,

76) N& xataokeudonTe SUo dpboydwia Tplywva pt Tés mheupds Twv &vTioTofXws n
paAAfAous kal v EfetdonTe tav elvon Spoia.

I'. OMOIA IIOAYI'QNA

§ 22. XapdZare gv e
ywvoy ABTAE vai mpoe¥®®
vate iy AB fwg 70 B el
T0dmOY  (HoTe AB':;:Z.A?'
[Tpoextelvare xava vov ad?”
Tpdmoy tag Saywviovs
fwg 0 T, AA fwg 10 A%
i mlevpdy AE Fwg TO©
Zvyxplvare tag d,uolffm:

E A / f\:ivrfrol/x\ovgz\ ;}wlfc‘gﬁAf J
\ N BB R T A A
\ *x E, E'wal Tdg Spoldyovs b

\ Bicade 83l odc ABAB, BrBT, I

A B ra, AEAE, EAEA ™

yy ’ nevraydvewr  ABIAE =

ABT'A'E". Ti nagatr]@eml

(Zx. 34).

g
XpnoipoTroloUpey poipoy vwudviov i Siapaves kai eUpioxouev, 671 al -bptr
Aoyol ywvicn TéV TEvTayw vy auTédv eval foar. Mé 1ov BiaPfTny A T0

i 1 ‘A
BexdyeTpov SlamioTodusy 6T AB = —;.AB' Blr= —;.B = - rb
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e b it s e 1 e e AB LB o TR AE EA :
5 AR kal AE--Q—‘AE AR Br=Fr= ®F = £x  onhadi

Q" Sudhoyor mAevpal Twv elvan ¢ vdhoyor. Ta& mevTdywva ABIFAE kai A BT’

..E' Abyovtan Gpota. ‘O Adyos A 8Uo SuoAdywv TAeupddy Tév duolwy i

TGy TEVTaywvwy AéyeTar Adyog ¢potétntog adT®v (sis THY TepiTrwoly
1

5 A = ).

Fevindg Réyopev 811 8Vo neldywva (pé to adsd nAfnfog xopupav)
t“'flll Bpowa, dav Eyouy Thg dpoldyoug Twy ywviag ioag xai TG OpoAbyoug
WGy mhevpde dvaréyouc.

Auvapeba vd tpyacBiuey ué Ta mevidywva ABIAE kat ABTA'E', (ox. 34) ywpls va xpn
boTwomowper yewpeTpika Spyava.
Euyxpiucuw Té Tpiywva ABI xai ABT'. AUTa éxouv piav ywviav koiviju (thv :“: ) He
Tak, ~
%Y &vardywv wheupisy. Taow AB, Al kad AB', A", "Apa: B = B
r| = {‘ i KG‘I
AB . Bl Lo B
AB' BT  Ar
‘Opoicos BamoThvoper d1ta Tpiywva AlA kai AlCA eivar dpoia ‘Emoptveas
ﬂ:l’“\.?_—_f, KciA_r:rA Ad

! RS TR AN

‘AMAG kai 16 Tplywva AAE kai AAE flvan dpora (Exouv kovhv plav ywviay petafy due

)lA

“You mheup@v), ouverds
N N AN AE :
8,=8,, E=E" xal BA] . AE. G L¥

'E§ avrav ovpmepaivopey 611 al dpdAoyol ywvial TV TevTaywvwy pas elvar icar efte

u?lf\}ﬁgiqs ?A___/A, EQ’E\" E,_’B\) eite s dbpoiopaTa iowy fr:!: ﬂ‘=3') xal ai épudroyot
DV mheupal dvdhroyor.
lnuparf)pnmg 1. Al Siaywvior ai omolar ouvdéouv &Uo SpoAdyous ko-
9 Abyovton opcAoyol Siaxywvion Eis Ta Suoia mevtédywva Tol oyfipartos
%‘500 Srxycdviol Tol Evds elvanr dvdAoyor wpos Tas duoAdyous Biaywvious
U &\ou my. ai AT, AA &véhoyor Tév AT, AA'.
Al épéreyer Staydviot §Uo époiwy mohuydvwy elval édvéAoyot.
: Hapatipneig2. Mapatnpolpey ox. 34 671 1 Tpiywva ABT', A4, AA'E’
WV Ty auThy Bidrafiy pds T& dvmioToiyxws Guoid Twv ABI, ATA, AAE.

og ‘Emouéves : Ave Bpota modvywva ywpilovrar elg tpiywva Epoia év
S & xal dpoiwg Siatetaypéva.
e Hupatipnoig 3. Eis v &pyxnv Tiis épyaoias pas TrpcI)'r?u KATEOKEVAO O
T TrevTdywrd pas £ls TpOTov GoTe v xwpidwvTal els Tpiywra katd Tov
1)“"’T‘ép(.o TpéTov Kai &€ aUToU kaTeANEauey els TO oupmépacpa éTi elvon Suoia
‘Emropéves : *Edv Vo modbywva ywpllwvral eig tpiywva Spoia &v
P05 & xal bpoiwg Suateraypméva elvar uota.
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Eis T& alTa oupmepdopata kataAfyouey kai 6Tav T& moAlywva ep°
okwvTal eis Srapopous Bégels, 51611 Suvdueha va Béowpey TO Ev émi ToU AAAOY
o5 els TO oy. 34, eiTe YpnowomooUvTes Siagaves, eiTe KaTaokeudlovTes TOW
ywvov foov TTpds TO Ev.

§ 23 ’E@appoyal

1. Avo péuPor ABFA kai A'B'T'A’ it fonv plav ywviav elvar duoiol
‘E&v A /’\\ TOTE Kdl? F ’AMQ

A 5 kai B=B' xai & = A' (elven oo TTP
foas 1 TapamAnpwpaTikal fowv)-
[E 08 T  madn 8 AB =Bl -TA — AA kal
AB =BT —['A'— A'A’, 8& lvaa
B AEARBIT i sl
| RN T O
D . “0 Aéyog tidv mepipéTpwV 5":

éqLou.-w ToALYWVWY loobtal Tpds i
Adyov tHg OporétnTog adrdv. Edv A & Adyos Tis dpoidTnTos THV mer?®
AB 0 BIF 1[4 AE

: S ; 34), ba ¢ X S SO\ :
y®vwy ToU oxfuaTos (34), 8& éxwpey B B TA AE =
TUVETTES
A AB# BF+FA+AE EA 5. Ty dveik .,Vq]ﬁl}
= el 2 e AT
£ AB'LBT'+TA" | A'E' + E'A Wl pacsiey

3. Xapdooopev 8Uo &vigous kixhous kal Eyypdgouev els aUToUs T Kdv
VIKS é&aywva ABFAEZ «xai A'BT'A'E'Z' &vmigtoixws. TMaparnpoUueV o
A=A, BB, T Ak f E=F, 77 (tréoTn ToUTwy loolTon PSS 120

i
el = -E-l:— = iy = —A—E- = o = 2y 51671 of Adyol avTol gyovV

ABE R A DE! EZ ~ ZA
oous  Bpous.

‘Etropéveos : (§ 22).
Avo xavovixd moAvywva Tol adTold mAYBoug mAevpdv elvat gpor”’

v

’Acxi]oetc;

77) ’Efetdoate t&v BUc TeTpdywva elvar dpoia. o

78) Ao 6pfoycvia TrapaiAnAdypaupa Exouv SiaoTaoels 3 ¢cm, 4cm xal 6 cms
&dyvTioToiyws. Elvar duoia ; Avati ;

79) 'E€nynoate Biati dUc pouPor pé dvardyous Saywvious elvar Suoior.

. ; b
80) KaraoxevdoaTe 8Uo dpboywwia els Tpdmov do'Te al Siaywvior ikaoTou va ox1
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Yibouv yeoviav 307 kai #§ Biaywvios Tod Evos va elvon TpimAaaia wids Siaywviou ToU &A-
Aoy ‘E&nynoate Sati attd elvan dpoia.

; 81) 'Efnyhoate Siati §Uo mapaAAnAdypapua pé TAEUpAS GvaAdyous kai plav  ywviav
Ny eivan Guora.

82) Xapdfate Tpiywvov kai émi ékdoTns Sicauéoou alTol AdPete onpeiov, 1o dmeiov va

d"'ré)(r_) Tfis &vtioToiyou xopupfis  TO

_; s Siauéoou. 'EfnyfioaTe SiaTi alTa elvar xo-

Pupai Tprycavou dpoiou mpes To dpy 1KoV

A'. AIINAAT TEQMETPIKAI KATAZKEYAI

§ 24. Koatooxeuy) tetdptng dvaiéyou.

Adflere Tpla ed8iypappa Twipata a=3cm, f=4cm, y=Fcm xai edpere Té-

Tagrov edfiygapuoy tpipa y dote vi elvar - = —;-L, dndadsy ta a, B, v, ¥

oy. 36.

p
vi drotedovy dvaloylay. To x Aéyeran TETAP-
™ avdAoyos TGV a, B xal y.

‘Eqv &l iy mas  mAeupds ywviag O
AdPwpev OA=3 em, AB—4 em kai émi TS
&AANS TAeUpds Tufjpa OF -6 e kai  @épw-
pev &k ToU B TmapdAAnAcv mpos Thv Al
aUTn) Téuvel THY eVfeiav OF &g 1o A, A
peTprioews eUpiokopev 611 A -8 com, ouve-
nés f A EmednBeler THv  &vadoyiav
-
¥ X
v a, P, ¥, Ty dmoiav {nToluev.

kai elvon | TETGPTN dvdAoyos

'Eqv gépwpsy &k Tou O Ty Oy /Al Bhtmropev &t 6 dmotéAeopa alTd
;"mo}\oyehm Umd ToU Becoprjuaros ToU Oahol @ TapdAAnior elbeicn dpifouv
il 8Uo elBaiddy, Tds Omoiag Tépvouv (BnAadt Tas TAeupds Tiis ywvics O),

"SAoya eUBUy pappa TRfpaTa.

Tnpeiwoig: "Eav ué a, P, y, GVOPATWUEY TAS TILAS TGV TEIBY TUNUATWY Kal pé X THY TNy

Y

'
T TETapTNS dvaAdyov Twv, Ba éxwueu_g- = & ax=Ppy. 'H tpyacia v émoiav

X

g ! :
Hopgy dvwTépw, droTehel yewpeTpikny midvoty Ths Eflodosws alThs.

§ 25, AdPete & elf. Tufpora a=2 cm kai P8 em. N& edpnTe €y elBUypappov Tuf-

o
X Gore &

R T
g B ExwopEY - (@)

a
X

P
()

(x)
®)

X T X kahoUuev péonv dvéhoyov TdV o kai B. 'Eav AdBwpev Tac

= ()* = (@).(B).

B, Auhﬁdwopw émi evfeias Ta Braboyixd Tpfiuata AB kai Bl ioa dvrioToixws mpds 2 em kai
m. Mt Bidpetpov Ty Al ypdgopev fiukuxkhiov. Eis 16 B iyolpev kdBetov Tpos thv AT, T
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e e B omola Tépver 1O AUIKUKAIOY els TO onpeiov H. Ma v
el Tpfioews elpiokopey BA=4 em. Tote e 4r=2.5,

A~ s SnAabh (AB)= (AB).(Bl). Qote 16 elf. Tufpa BO
'/:}" T~ N givon 1) {nroupévn péon dvdhoyos.

/ ,, g =) To dmotéheopa aird Btv elvar Tuyaiov, BiéT 2
/i S~ \ tpaBopev els Ty § 19. 3 1& 4pb. Tpiywva ABA_ xal
{ ; S~ | TBA evan dpoia (16 Tpry. AAT glven bpBoyivior,
s e
1 ‘j weidh AAM=1 &pbn s Eyyeypaupévn els Huxindo?
A B [ koi AB thpos pds THv uUmoTeivouoav). ‘Erropt v’
ax. 37. E‘Q_g;,n %g_?_; «ai (AB)E = (AB).(BI)
A
s

§ 26. 'EE tudg omueiou ai  &mo-
otdoes Teoodpwy  woAewv  ABLA '
elvar dvmioTrolyws 40 km, 60 km, 50 km
kai 45 km. Na& oyedidonte ydaptnv
THg Weploxfis auThg Umd  kAipako
1 /1000000.

ToUto onpaiver, o1t Tpémei  va
KOTAOKEUVGOWUEY oY NuaTa dpota  Trpos
Ta ToU €8dpous pE Adyov OuodTnTOg .
1 /1000000. [Tpos toUto & tvds op- | \-l”

yavou 1O omciov  Sdvoudletar  ywwio- i Erea Sl

of-—" @

peTpov, peTpouuey (S1d okomelaews &md )
16 gnueiov O Tou £8dgous) TAS yw- ; ]

_ x e o ay. 38.
vias AOB, BOI, FOA AOA xai tég a O
oxebiadopev efri ToU ydpTou pas. Erri Tis wAtupas OA AapBdvopev Tufjpa OE¢4
cm, émi Tig OB 1pfijpe OZ=6 cm, émi Tiis O Tpfjpa OH==5 cm kai émi TS O_
Tofjua 08 - 4,5 cm. Ta onpeic O, E, Z, H, © &mroreholv  ToV ¥&pTnV i
meproyfis O,A,B,I A, Mpdypan 16 Tpiywvov OOE elvan dpolov mpods 1O OAA
(Bxouv BUo ywvias foas petafl dvaAdycwy Theupiv) kai & Adyos opoidTT

OE 4cm 4 cm 1

A elvan foog PO —— = ——

OA _ 40km 4000000 cm _ 1000000

§ 27. Xapabare év Tpiywvov ABI kal ko™
4 okeudoaTe Ev GAAo Tpiywvov Gpolov Trpods o™

/]\ TO dmoiov vix Exn Ev Uwyos foov Trpds 6 cm. ;
4 \ Dépopev 16 Uyos AA Tol Tprywvou ABC ¥
" H AapPdvopev e avtol Tufjua AE foov tpos 6
Vi f \ Ao 1o E @épouev rapdAAniov mrpos Thv B N "
______ i \ ol Téuvel Tas AB kad AT s t& Z ki H &V
oTolyws. Zuykpivopey T& Tpiywva AZH kai A
ox. 39. AUTa elvon Spoia ovppmYws Trpds doa EudhoHE’
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'Eml mhéov 16 AZH Exer Uyos AE = 6 cm, Si16m1 g’ doov AE kdbetos
Tpos BI, f) AE 0& elvan kad kéBetos Ttpds v mapadAiniov adtfis ZH "QoTe
T AZH elven TO InToUpevov Tpiycvoy.

’AoxfHoerg

83) Koataokeudoote Thy TeTépTny dvdhoyov T@v Wheupdv a, B, v, tvds Tpiycovou ABT

84) Koraokeudaars Thv TetdpTny dvéhoyov Tdv Updv AA, BE, T'Z TtoU Tponyouptvou
TPy G vou.
~ 85) Xapdabote Tpiywvov ABI kal kataoreudoate &Ahov Spolov mpds alTs, ToU dmoiou
™ Sudhoyov Gyos Tpds Té tyos BE ol Tprydvou ABI vi efvar 4 em.

86) Bopriws, dvaTohikés kai BopeiobuTikés Tol yupvagiou oas eUpiokovTal TG OnuEia
i B xai A dvmioTolyws dméiyovta ToU [ 4,7 km, 6,5 km xai 7,3 km. KataoxeuaooTs x&pTnv
™ reproydis.  (KAipaf 1-1000000).
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METPHZIIEZ TQN EIIINEAQN ENI®ANEIQN

A. EMBAAA EYOYIPAMMON ZXHMATQN

1. "Opiopol :

§ 28. 'Ovouddopev Emgdveiay émimédou oxfuaTos (&mAfis KAewoTiis ypa¥
pfis) TO pépos ToU Emimédou, TO dmoiov elven fowTepikdv aUToU. ‘
‘Emgpavelas Emmédwy oxnpdrwy duvdpeba va mapoaTnphowpey elg ¥
oxfina (40). ‘H ekwv adtn moplotd Buo é-rﬂq)ot\f‘fi"g

//] ) Emmedwy  oxnuaTwy E; xkai E,. “ABpoiopa TRV éﬂl(;
e, | E2 paveidv E, kai E, Svopdlopev THv Emgdveiav T(')v
\ J/ oxAuaTos, TO dtrolov AauPdvopey, v Siaypdywpey T
N KOIVAV Ypapunv. :

ox. 40. 'Eppaddv énipavelag kehoUpevy v ExTaoctv o

THs, Ekmeppaopévny el povdbas peTprocws  kal ounp?’
AZopev autd Bik Tou E. .

Tifetcn 10 EEfis TpoPAnpa : Tdss Suvapeda va mpoobiopiowuey THY EKTG"EF
(BnA. T EuPabodv) THs Emeaveias ToU oynuoTos (40) ) Tis fmpaveias mrav?
tmmébou oxfjuaTos;

ToUTo Suvéuefa vé EmTUywpey Bid ouykploews Tiis Emeaveios Tol dxﬁ:
paTos Tpos THY Emgdvaay dpiopévou EmiméSou oxfuaTos, THv otrolav A
Pévopev s povdSa. To drroTéheopa alTiis Tis ouykpioews elvan els dp19“°§:
& &molos kaheitan Tiwh 7ol EpPabod Tis Emeaveios. (ZupBohifopsy THY 7
v ToU épPadol Tol ABIFA ué (ABrA)). .

‘H ebpeois Tijg Tuptjs ToU éuPabol wmds Emeavelas AéyeTan pétpnots C“';
Tfis. ‘H Tipf Aorwdv ToU épPabol elvon &pibuds, pé Tov dmolov TrpémE ¥
ToMamAacidowpey THv povdda Bk va AdPwpev TO EpPaddu (Bni. o aoY?
ToU éuPabol wpds ThHy povdada).

§ 29. Movddeg perpricews émqm\.ﬁﬂé’w

fl
Al povabes Emigaveidv elval Em@dvelan TETpaywvwy, TOV smroiw!
TAeupd looUTan Tpds piav povdda prikous.
‘H kupiwTépa povds peTprioews Emipaveiidv elva
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3 Tol'rs‘rpaymwxc‘)v pétpov (m?), ftor 1O EuPaddy Tis Emeaveiags £vog
fTpaydvou mAeupds 1m.

5
Té moAdamidoia adtol elvar :

[ ———

L. T TeTpaywvindy Sexduetpov (dam?), épPabov  Eveg TETPLry G vou
mAeupds | Bexopétpou (dam).

2. T TeTpaywvindv éxatdperpov (hm?), épBabov Evds TETPAY I VOU
TAeup&s 1 éxatouétpou (hm).

S i Tetpaywvixdv yiAtépetpov (km?), 2uPadov dvog TETPAY G VOU
TAeupds 1 yihopétpou (km).

Al brodlatpéaetg tou elvar :

L. Te Tetpaywvixov Sexatéperpov (dm?), EuPadov Evog TETPay avou
Theupds 1 SekatopéTpou ( dm).

2. Te TeTpaywvixdv éxatootépetpov (cm?), EpPadov vdg TETPAY ) vOU

[ TAsupds | EkaTooTopETpou (cm).

3Ty TeTpaywvixdy YlAtootépetpov (mm?), fuBalisv fydg TETPary ) vou
mhsupds | yiAlooTopétpou (mm).

Kataoxeud) dptopévwy povaduwy émpaveidy.

8 1, Kataokeudfopev émi gUAAOU Y&pTou XIAMOOTOUETPIKOT Ev TETPAY W VOV
T4 TAeupds 1 dm kai dpifopev oUtws Ev TETPAY W VIKOY BekaTAUETPOY (dm?).
s 2. 'Evrds Tiis yovias A ToU TeTpaywvou ABMA kataokeudlopey 1o Te-
?QY(‘\)uou AB'T'A’, mhsupds 1 cm, fTor &v TeTpaywwikdv EkaTooTdpe
QQU (Cmg).
i q3. ‘Errions évtds Tol TeTpaydvou ABT'A' Umdpyouv TeTpdywva pikpd-
& ' Theupds | mm, éaoTov @V omoiwy elvan pia Umodiaipeos T py -
g HovdBos ¢mpaveias. “EkaoTov £ adTéV VOPGOOUEY TETPaY VKA Y X1Al0-
HeToou (mm?) .
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A r
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13 o sasnEE {44 8 8u
H | e il 58
i H T H
Bigd H i
HHHHTH H
H H H i HHH
o e o T a8ss
H RS i
8 H IRt
e SH B HIBH R : i
HHHHH H HHHH H 1 ht
T H HHH - it
T s HH Hi
HHHH T HHH H H HiH
7 - et P PR o s gmmes
i i [ i HHH
+ 1 s H ..
A I 3 B
oy. 4L

Auvépefa oUTw va Eupoop.sv Y. Téoa TETpdywva foa mpds 1o AB’ rb
mepiéxel TO ABMA kol oo TeTpaywvikd XIAI0oToMETpa UTtépyou s TO ko 3
TepikdY ToU TETpaywvou AB'TA' wod va oplowpev thv Umdpyouoav oxed!
peTafl TédY dvTioTolxwy uovaBwy EmIQavEIG V.

Zdynpiotg povdbwy dmpaveidy @ Lk Tiis ouykploews T é«mq)oi\’siu
ToU TeTparycovou ABIA mpos Ty Emgdveiav Tol ABT'A’, ToT dmrolou 1) T !
p& elvon TO Btxorov Tiis TAeupds Tol TpdTOY, elplokouey 6T1 TO TG‘I’pCI'YC“)U
ABTA mepiéyer Béka Toavias. ‘Exdotn Téu Tanviddy TouTwy Trepiéxen Lih!
Tphywva foa mpds To ABT A"

‘Qote : ABMA= 100-AB'T'A". i

Suveyifovtes kaf’ Spoiov Tpomov kai pé Tas &AAas Urobiaipioels TS o
¥1Kfs povados, cupTepal vope v yevikds 611 «KaBe povas émgaveias GrroTehel”
&md 100 povddas Emgaveias THs duéows kaTwTépas Tafews». (1) "HTot -
100dm®=10000 ¢cm? = 1000000 mm?*

ldm?= 100 cm® = 10000 mm?
1 ecm? = 100 mm?

Im?=

&
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H iBi1otns (1) péas o8nyel kai s Tous dxoroUBous kavovas @ 1) Mg va
TREWwuey dpifpsy ouppryfj el amiouv (T1js TeAsuTalos Taews), O Srroiog k-
PP&Cer Ev tuPaddv, TaploTdpEy k&Be EpiIBudY ToU oupyols cos Biyfpioy
(v 82y glvan), dvamAnpolvTes Sid duo undevikédyv mdoav EAAeiTTouoaY po-
V38,

M. @) 8hm* 2dm? 7m2=08hm?* 02dm? 07m? =080207m2=80207m?,

B) 9m? 18cm2 = 90018 cm?

2) Auvdpeda va psToPdAcper THY povdda Emaveics, peTabéTovres Th v
l"Troamtcr'ro?\r‘]u KaTd 2, koTa 4, K.0.k. Béoers Tpds TG Sebid pév, Edv OEAcopey v
NeTaBéopey dmo plav Hovdda eis TNV Guécws KaTWTEpAY Lo vdBa Emipaveios 1
PSS T& dpioTepd, i1 va peTaPddpey &mo plav novdda EpBadol cis piay dptows

Yotépas Tafews. (CAvamAnpoliuey pé undevikd Ta EAAeiTouTa wneia  po-
"é‘BOS mas cpiopévns Tagecs).

M. a) 832,18m?=8,3218dam?=183218dm2=8321800cm®.

Mapatipyog :

A Ty pétpnoty Tis Emgaveias TGV dypév XPNooTololy AAayoy
D) To terpaycovkov Sexdpetpov (dam®)=100m?, 16 &moiov dvopdlou
QP (a) xai 2) 7o TETpayw iKY EkatopeTpov (hm?) = 100dam? = 10000 m?,
0 Smoiov Aéyeten ftapiov (ha) xai isoUtan pé 100 &p. (a). Eis v yeopay
E“QS Xpnoipomoleitan 16 oTpéppa=1000m? = —115 ha. Aid v pétpnoiv  Toi
HBadoy Ty olkomédewov ypnowormrooluey globti  kad  Tov TETPAYWVIKS )
TE'ﬂ‘a:nm«‘w mayxuy, | Tmi= —1%— m? =0,5625mn2

Téhos S1x v LETPTIOIY peyEAwY ETIQAUEID Y XPTIOIUOTOIOUMEY TO TETPOY
XMbuerpoy (1 km?) = 1000000m?.

§ 30. "Emipdveia igobvvapor. — Ioodbvapa oxfrLata.

Al tmpdvaar THv fowy oXnuaTwy elval oal.
Abo fom EmMpusicn (UETpOUPEval uE  THY aUTNY povdda) Exouv Trpogu-
TO alTod éuPabov. "Eri Tapadetypart ai émgdvaicn ol oyfparos (42a),
Toian elvanl focn kai Exel EkaoTn éuPadov 4em?.

DC)S
of &

T
I

R s sy
aae; :
.
T
!

T
T T
pesans:

a ax. 42. B
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Ai Emg&veicn Tou oxnuatos (42p) dév elvar foa, éxouv Spes Eppabdoy
ioov Tpos Scm?. AlTal Afyovrtar loobivapol f loepPBadual Emipdveiot.
A r = Ta Emimeda  oyxfpaTd
T e ABFA kai E'Z'® (oy. 43)
gyouv {ooduvdpous Emea
velas. ToUto Suvdueba v
BlomioThowyey 51& kaTa
Afou Sicaptotcos ayTaov. T4
dvewTipw oyfuaTta AéyoV
Tau igoddvapa oxHpaTa.

A B =2t H
oy. 43.
'loodUvapol émipdvelor elvar al Exovoar ioa éupadd.
Ioobbvapa oyfjparte elval td Exovrta looduvdpoug émipavelas.
HMoapatipnoig : Avo foa éupadd éxouv fogs Tipds kal dvrioTpdews.

"Eup. ABMA — 'Epp.A'BT'A’ = (ABFA) = (A'BT'A")

'Aoxfioetg
87) Na tpamolv eis m* & : 13 dam2, 1 hm?® 2km?*, 18dam?58 hm®.

88) Méoa mm? éxouv «) 3m?, B) 4 dam?, y) 38 cm®.

89) 'Exgpaoate els m?* kai katdmiv els ares o) L hm?, B) % km? .

10
90) N& Tpamabv es m? & éupada a) 5 hm? 6 dam® 8 mm® xai ) 156,25 dm? .
91) MetaTpiyate els em? o) 672 dm?, P) 3,84 hm y) 29 dam®
92) ’ExteMéoaTe THy Tpéabeaiv dpol Trponyoupéves METaTpéyeTe Tous TpooBeTéoy

cm? —g m? 4560000 mm?® 4152 ¢cm? 416 dm®.

o €S

93) ‘Ymohoyioote eis m? Tas Biagopds o) 8 oTpén. —243m? kai B) 4ha — 136,25
94) jmeboy” tpPabol _6ha fxer Brouped els Buo pépn, & TGOV OToiwy TO Ev elvan psyﬂa:'
Tepov ol &MAov kaTd 40a, N& elipnte doov elvan 1O EuPaBov ikdoTou pépous Tol ynredo”

§ 31. ’EpPadov épBoywviov.
*Opboywviov elvan Ev mapaAAnASypoppoy, TO Smolov Exet plav e

viav opbnv :
ABIA raparAnAdypappov
P

A 1 6pft
(i &\hws @ 'OpBoydviov elvar 1O TetpdrAevpO””
16 6molov Exel Tas ywvias Tou Opfas).

ABIA dpboycwviov & [

i

"Exouev fidn ebper é11 al dmévov -n'?\E\-'PO“l

: : - a

100 opBaywviou evar foci, fitor AB = A ¥

AD Bl 0
Té pikn Tév TAeupdy AB — o kal AL < :
ay. 44 AtyovTon Slactdoelg ToU Spfoywviou kal avT

&
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OToixws TO uEv mpdTov et i uijxeg kol TO ETepov Gog A mAdTog
auTol.

Kataoxevdoate eic yoviav @dddov ydotov ytAtooTopeTpixod (1) ydptov Te-
Teayaviapévov) év dploydvior ABI'A, tot Snolov §j AB = 6 ¢y kai 5§ AA =4 o
*ai vg effpnte 16 éufaddy adrod.

AlamioToUpey 611 TS v Ab-

yw &pboycviov dmoTeAeiTan &md

T 24 cm? f) (6X4) cm? kai evpioko-
: pev oUTw TO EuPadov  aUTol
Eapra =24 cm®=(6X4) cm?, fjToi

e

3

m
m:
:
HHH
T

o an

i i
i HH f ?
HHH i 53 i (6 emx4 cm) foov wpos TO yiI-
3’? 5 [ £ 1 vousvor TV BlaoTEOEDY Tov.
g‘;_f P Kaf® duorov Tpédmov tpyalo-
T 41 i peba 81 T elpeociy  Tol  dpbo-
5?: HEFEH ? E HHH ywviou A'BT'A'" ¢ SHiaordoss
G deoemoiscatioimy A=
B g dm kol A'A" = 0 dm. "Exo-
oy 45.

12
MEV Eqpprar = 12em2= 100 dm?=

g T P o ol , 3 ,
(10 --W)dm =5 dm g dm foov mpds TO ywduevov TGV SiaoTd-

eV aTol.

‘Edv émi 10U xihiooTopeTpikol xépTou Yapdfwuey Si1& Tii aUThs kaTo-
Okeufis gy épboywuiov AEZO, Tol dmolou | AE = 6,5 cm xai AO = 3,4 cm,
~U\‘0'fu500t va elpoopev TO  pPadov altol el dxépaiov &p1Budy povéduwv,
o1 glg TeTp. XihwooTépetpa  (mm?), Epe =2210 mm2 Metaoynuarifopey

o EuPadov alTol elg TeTp. EkoTooTouETp Eyzpg = 22,10 cm? kai  ouykpi-
YOvTes qUTd pi To yivopevoy TV BiaoTdoemv Tou els ékaTooTéuETpa (cm),
Uplokopey 8T 1O Epre = 22,10 cm? = (6,5.3,4)cm2.

"Hrol SiamioToUpey kad TéAIY éT1 TO éupadov Tou elvan foov PSS TO Y-
"Uevoy TGV SlaoTdoEGY Tou {(f) pds TO y1vopEvov ToU prikous THis Pdoedds
TOU il 15 pfikos ToU Uyous avtol). (1). ToUto &¢ toyler, ds BiemoTddn ls
Tag efeTaofeioas TEpITTTMOES, STav TG PAKN TGV BiaoTdotwy Tol opboywvioy
fluey pnTol  &pifuoi.

"AmoBeikvieTal Spws 8T 1) wpdTaots (1) oxuel kal Stav T& pfkn TV
%o Tdoecv TOU opboywviou elvon &oupuetpor (uf) pntoi) dpiBpoi (cos O& pd-
©hev el dvwTépay T&EIV).

‘Emropévas 16 tupoabov dpboywviou ué SlaoTdoes o kod B 5ibeTar Umrd ToU

oy (2), fitor : Toé éuPabdov évog dploywviov elvar {oov mpéc

% s
% Ytvépevov Tiv SlacTdoewv Tou .
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‘O Tumos (2) ypagetar kai E=P.u, 81671 yvwpifousy 81 | pia 1@V Siar
aTdaewv ToU Spboywviou AdyeTan Bdotg kai ) &AAn Gog alTol. 'Ex  ToU
Tomov E=P.v AcuPdvopev kai Tous B = .E—Kori u= -%

Elvar pavepov 0T T pijkos Té@v SUo SlaoTaoEwy TPETEl VA EkPALNTE!
gl THY aUTNV povdda unkous, 6Te TO EuPadov ékepdleTan Sid TS Lo v&Bos
THs TaAploTwREVTS wE TO TeTpdywvov, TO OToiov £xel €5 TAsUpdy Trv EKAE
yelgav povada prkous.

§ 32. 'Eppadov retpaywvou.

Tetpaywvov elvar Ev  6pBoywwiov, Tol dmolov al 8o BiaoTaoes
elvan foat.

‘ABI'A dpfoywviov
AB = AA

ABFA Tetpaywvov 4= {

Znrotuey va elpwpey T6 Eufadov Tob Tetpaydwov.

'E&v TapaoTiowpey pt o 16 pijkos TGV fowv SiagTd
B oehv Tou, TO bmolov elval TO pfikos Tis TAeupds ToU TETPY

ay. 46 ywvou, TO éuPadov tou elvar E=a.a-o?, fitor: | E = @

T épPabov évog tetpaywvou elval loov pé t6 Tetpdywvov Tob ph”
KOUG TVG TAEUPGES TOL.

IMapoatnphoeLs

1) Elvan yvwotov 811 1) BeuTépa duvams £vos apibuol Aéyetan kal TETPG
ywvov Tol &piBuol avuTol, 50Tt 8ibet Ty Tipnv Tol éuPadol Tol Ts"rpocyco"ou’
ToU &Troiou TO pijkos Tiis TAsupds Tou EXEl TIUf v ionv Tpos Tov dpibuov auTé?

2) Xpnowov tlvan v yvowpilwuev &mo puriuns T& TETp&yw VA ;.uzpl’“*J
PUOIKGDY &pIBpG v

L A A H P S b R 151..-‘
| 16 125 | 36 | 49 | 64 | 81 [100]121]144/169|196|225;...

"Eqappoyh

N& evpnte T0 2pPadiy opBoywviou Tprywvou, Tol oOmolou T& Tl
Tév xka@éTwv wAeup@dv atToU elvan a kol B ;
"Exouev elper 8Tt f Biaydvios Evos  Opboytoviou ABIA Eicupel o
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g SUo dpfoywwa Tpiywva ico, TdV Smoiwy
of mAsupad Tiis dpbiis ywvias Exouv unkn Tos Sia- 4 r
OTdoeis Tol dpBoywviou. *Apa TO EuPobov ToU
6pB. Tpiywvou Y. BAA elvan foov mpos TO fju- g
OU TolU épPobol Tol Spfoywviov ABIA, Tol  o-
Tolou ol SiaoTdoes elvon foon Tpods Tas kabéTous

3 . . 2 . A a
TAeupds Tol Opf. Tplywvou. Suvemdys E = 2.5 -

2 oy. 47.

(QierrumdroaTe TOV OXETIKOV Kotvova).

'Aoxfoerg

95) N& eupeBii T upabov tvds dpboywviou, ToU dmolou al Biaordoes elvan 13 m xai
7 m.
96) “Ev épboyviov Exet tupabov 36em?. Mia Tiv SiacTdoewy Tou elvon 4 em. “Yrcho-
Yioare 18 pfikos THs &M SraoTéoews abTol.
97) Tolov elvon T6 EuPabov Evos TeTpaywvou TAEUpGS Wfkous 6 em ;
98) Toiov eivan To piikos més TAeupds évds TeTpaycvou, ToU omofou 16 tpPabdv efvan
121 ¢me2;
99) Tloiov elvan 16 EuPabov tves TeTpaywvoy, ToU omoiou 1) TepipeTpos elvan 124 em;
100) Tlotov elvon 76 tpPabov évds dpioywviou Tprydvoy, Tol dmroiou al Buo kédeTor TAeupai
Qv 14 em kol 23 cm
101) ‘H mepiperpos évds dpBoywviou elven 150 em. "E&v # pia @&y Biaoréoecv Tou elvan
em, v& edpnTe TO EuPabov alTol.
102) Né& Urohoyiodij 1o éupabov tvds dpboywviou, &tav yvwpilwpev &1 f) TeplueTpos

%ol {gotrar Tpds 24 em kal & Adyos T@v biaoTéoedv Tou elvan .:1’7

103, Né eupedij 1) mheupd Terpaycvou ABMA yvwoTol dvtos &mi, tdv abficwuer v
B kard 4 m kol fAarTdowper Thy B kard 8 m  elpiokopev &v dpBoydviov, 16 dmoiov
XEl duBaBéy kaT& 196 m? pikpéTepov TolU éupabol Tol TeTparydvou.
104) T& % Tfs tmigpavelas tvds &ypol Spfloywviou Exouv Eupabov 8,112 oTpéuparta.
Motoy elvon o tupaboy ToU dypol; Tola elvan #) pia T@v SiaoTaoedy Tou, tav /| &AAN elvas
9 m;
105) Els &ypods épfoycvios, Tou dmoiou 1| pia BidoTaos elvan 180 m fyopdatn 288000
Eﬂx. &vrl 16000 Bpy. 16 oTpéupa. Elg Spopos wAdTous 3 m ké&pvel TOV yupov ToU dploywviou
poU katd pfikos Tfis TEpIMETPOU QUTOU xal els TO towTepikév Tou. Ao B¢ &AAer Spduot
Ty 2 TiAdrous elval yaparypivor TapaAhfiias Tpds Tous &Eovas ouppeTpias ToU dpoywviol,
| Tpels arirroi Bpopor Biapodv Tov dypdv s 4 foa wépn. “YmoroyloaTe To EuPabiey Evds Ty
0V alrdy pepdy TOU dypol.
106) ‘H TrepipeTpos tvos dypol oyfpaTtos épfioywviou elvon 240 m. PuTelopev kaTd pii-
kog Tfis meppeTpou ToU &ypol xai els TS EowTepikov aUTol Bévbpa, Ta dmola dméyouv 5m
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peTabl Twv kad 5 m &wd Tijs weptwéTpou. To wAdTos ToU dypol elvan % Tol pfikous Tou. ‘YO

Aoyioate Tov &piBudv T BévBpwv kal THV Emigdveiav Tol dypol, 7 dmola mepAapPaveTd’
petaby T@v SevbpooToxi@dy Kai T@v TAevp@dv ToU dypol.

107) Xwpikos dvridhater &ypov oxfuatos TeTpaydvou  mheupds 60m, ué oy &ypoY
(s aUTiis To16TNTOS YWUaTos) oxnuaTos dpoywviou, Tol émolou 1) TepipeTpos fiTo fon pe
THv TepiueTpov ToU TpTOV Kol TG TAGTOS Tou 40m. ‘HEwn\8n f iképbioey &mo ThHY &vTaRAE”
ynv auThv & ywpixds;

108) Kataokeudoate Ev TeTpdywvov TAeupds prfikous fotw a. AUfhoare Thv TrAevpd?
abTol Katd To piikos B (Pa) els TpdTov doTe v& oxnuaTtionTe TO TeTpdywvoy AB'T'A" (OX
48). ‘H mpotktacis Tiis AT Tépver Thv BT €9
16 E kol f) wpoéxtaois Tiig B v [MA" els 0 Z

’

A B 8

N& ouykpivnte 16 iPaddv Tou -re"rptxY‘f‘"
vou AB'T'A" mpos ékeivov Tol &pyixol TETPY
yovou ABFA. Moia elven # mAevpd Tou T¢
Tpaywvour AB'T'A"; Tlola elvan 1y quois oY
TeTpamAelpwy BB'EF, [ErZ, ZA'Al. [loid
elvan ol Baotdoers Twv; ZupmAnpooartE 4
Tipas Tév EpPadddv ;

b L o et ] PR L S (ABT'A") = (a+P)?
f (ABra) = . (BBED) = .08
(TERZ) = .. (ATZA )= . ..
Né& elpnTe Thv oxéolv | omoia  quvbe
i T4 EuPabd auTd.
o = = : ‘ : o
( Maparnpolpev 671 10 Epupadov  T°
oy. 48. ABT'A" elvan 10 &Bporopa Ty EuPabiv T“f"
Teoodpwv EAwv AUTO TO &mmoTEAeTUa Expp™
leTon &mod Eva TUTOV, & Omoios TepiExel Tas eUpebeioas Tiwas Tév  EuPaddv Tdv Emee
vadv: (a4Pp)? —a® +p? rap fap. ‘O TUmos auTtos Buvaren va  Tedij Umo TRV dxohoV”
fov popenv (a+PB)*—a? P%{2ap, T omolov tkgpaleTan oUTws: To TeTpaywvov T:’U
&BpoiopaTos &uo Gp1BudY elvan foov Tpos TO dpotoua TGV TETparywveov T@Y Buo étplﬁl—“"v
oUv TO BiTAGoiov yivopevoy auT@v.
_ 'Equpudfopev tov TUTOY qiTdv Els TOV UoAoy1opdy Tol TeTpaywvou Evds Bupngioy apl”
BuoU .y, 452—40% |57 2.40.5= 1600 25 4 400=2025

109) N& tpyaodiite ko’ Spotov Tpémrov kal vé BOanTe yewpeTpIKN v Epun veiay TGV oY

o) (a—B)’ ot 1Pt —20p Kai B) (a +P).(x -p)=ot P

§ 33. "Eppadov mapaiinioypdiLpov.

IapaAAnidypappov elvan £v Tetpdmrheupoy, 1O Omrolov Exa TAS gt

vovuTt TAEUpds  TrapoaAAiAoUs.

3 AB/ /D

Ab | [BT

Bdaig tvos mapaAAnioypdupoy Aby€ETY!
pia Tuyoloa TAeupd oTol.

ABTA mrapadAnAdypaupoy &=

mp—— — =D

oy. 49
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"Yog maparAnhoypdupou tivar TO petatu BUo dmévavTi Pdoswy Teple-
Xopevov TuRpa THs TPOs alTds KaléTou.

Karaoxevdoars naoaddnidyoau-
uov ABLA, yapature ta dyn AE
wai BZ adrod wxal gvyxpelvare 16
éufadiv tor mo; 16 EuPudov tob
doloywviov AEZB. Ti wapatnpel-
TE ;

Ta oploywvia Tpiywva AAE
kal BIZ elvan foa, ¢madn  Eyxouv
14§ UTtoTElvoUoas Tw foag (AA
=Bl ) kal dva piav vAsup&v TS
opbfis ywvias fonv (AE = BZ)
(el ). "Apa T& Tpiywva TabTa & van ioepPadikd. Tuverds (AAE)=(BI'Z).(1)
T loepPadika oxfpoTa éxouv ifoas Tiuds éupadiov § 20.

‘Etropt vaws, dtrws gal vetal ék ToU oxfuatos (50) éxopev: (ABIA)-- (ABIE)+
+(AAE) xai Adyw Tis (1) (ABFA)= (ABIFE)+ (BIZ) &pa (ABIA) - (AEZB)
Mol peTeoynpaticapsy 1o TapaAAnidypaupov ABFA els loruPadixov dpbo-
Yoviov AEZB. AN s elvon f18n yvwoTtov (Eaezp) (AE)-(EZ). 'Emedr be
AT AB—~EZ =P, AE=BZ- v kai Eapra — Earsn Exonev Egga = P fi7ol

@

To éuBadov évdg mapaddnroypdppou elvar loov mpog T6 yivépevov
Yol prixoug Tiig Bdoewg Tou €mi Té pirog tob Uhoug, Tob dvrioToryebv-
Yog eig adthv. (Td prikn ExgpdlovTal ME THY UTHv povdda).

ox. 50.

nﬂpmn}pﬁaetg

1) Mpopavéds Buvdpeba v xpnolpoTomowiey ds Bdoly dmoiaubnmoTe
Theupdy ToU TrapaAAnioypapuoy, dpkel va AdBwuev kai T6 dvTioToixolv Trpds
QUThy Owos. 'Eqv B° elven T pfjkos Tfis &AANS TAEUpSs kad v’ TS &vTigToiyov
Tpds alThy Uyos Exousv E—Pu=p v

2. ’Evvoeiton &mi TO pfjxos Tiis Péoecos kad TO pfjkos TolU Gyous Tol Tapoi-
)‘nloypc’xuuou tkppalovral Wi TV aUTHy povéda pjkous.

E ; E
3. 'Ex Tfis (2) #xoupev Pp= —— xai u= [3_
U

EInpelwaig : Auvdusba EmomTikdds 817 Evos ix yapToviou TapaiAnAoypdupou kal  Bid

14
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BimAwoews Kkai dvabimAcoews TéY iowy dpBoywuimy TRIYWVWY, S TOUTo yiveTan @avepo’
tc TGV TopaTifepivey oYNUdTwy, Ve Bwiey Tov METAOXNUATIONGY ToU TrapahAnioypoh
pou el foepPadikov dpfoydvioy

'Aoxfoetrg

110) "Ev mapahinhiédypappoy ixer piav wAeupav 48 cm xai avTigTotxov el authv wyo
3dm  Né& elpnme 16 tpPadov alTol.
111) "Ev mapadAnidypaupov Exer tuPabév 72 em? kai Gwos 1,2 dm Méon eivor # pac®

Tou;

112) "Ev mapadAnidypauuoy Exer Péoiv 96 em kai Gyos fgov wpos TO _I. Tiis Pdoews al
4

ToU No& eUpeBiy 160 {pPabdv Tou el dm?.
§ 34. 'EpPaddv tptydvou.

Karaoxevdoare tplywvoy ABT. Na edonte 16 8upadov abrod éx tic ﬂdaEU"f
rov Bl xai tod fiyovs adrod AE ;
Efvarl yvwotov &1 B
T _']A oLg £vOs Tplywvou AéyETC!
/ ula omoiadnmoTe mAeup?
auTol. TTy. f B elvan P&
g1s. 'AvTigToixov aUThs v

/ wos elval 16 AE
Xapaooopey dmo T
kopugas A wal [ Tag -rrapc?‘_'
ox. 52 AAous AA xai A &urioTo”
4 Xws Tpos Tas Bl kai AB:
b1 10 oyxnuamiouevoy TeTpamAsupoy ABIA elvar TapoAAnAdypapuov, T

omoiou 1y Paots eiven 1 BlT kal Uyos 16 AE

m
-

B

"Exopev pdfer 6T kaBe Biaywvios mapaAAnioypbupou Siaipei aUTO Ei?
buo foa Tpiywva. 'Emoptvaws f AT Sicipei 10 ABIA el SUo Tpiywva ABI kot
ATA loeppodika ouverrdds (ABI)=(AlA).

"Apa T Eupoadov fkdoTtou Tpirywvou tlvar igov Tpos TS fuiou Tou mapol
AnAoypdaupou. ‘Emoptvews elval

(AB) = — (ABra) = — (BF) (AE) xai t&v 76 wixos Tis Péosws B

elvai a kol 1O pfikos Tou Uwous AE elvar "u, #£yopev F= =~

To éupabov évog TpLywvou elval loov mpog 16 fptytvépevov Tod ph”
®oug TN PBacews Tou émi T6 pRxog Tob Lovg adTOD.

&
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HMapatnproers.

1) Elvar mpogavés 11 10 aitod EuPabov eupiokopev, tav AdPwpev Paaty
GAAT v TTAEUpAY TOU Tpiydvou Kai ds Uyos TO dvTioToixoUv els THY TAeupdy
Toyutny Uywos. ‘Emropéves :

2) Avo Tpiywva pt foas Pdoeis kai foa Uyn elvar {oeuPadixa.

3) Avo Tpiywva pt ioas Paoces Exouv Eupadd dvddoya T@Y &vTioTolywy
Wy abtdv (Biati;)

4) Ti oupmepaivete Sia ta EuPadd Buo Tprydvwy, Ta omoia éxouv loa
Uy,

'Aoxfoetrg

113) "Ev tpiywvov éxea Paoiv 62 cm kai Oyos foov pds To Auou Tijs Phoews Tou. Na
E\'Jpeeﬁ 10 EuPaddv avTol.

114) Tléaov elvar 1o Gyos tvos Tprywvou éubadol Sm* tav fy dvrioToryos els 16 Uywos ToUTO
TAeupd, Exsl uiikos 20 dm.

115) Al mhevpal Evds TapaAAnAoypauuoy Exouv ufikn 24 cmkal 27 em. To Uyos 16 dvTi-
OTorxoGv el THv Tpdh TNV TAEUpdy Exer pfikog 18 em. N& UmoAoy1067 1o (yos, To dwolov &yt
Toiyei el THY &AMV TAeuphv.

116) ‘Evés kfjmou oyfuaTos TaparAnioypéupou 1) epipeTpos eivan 186 m xad 4 pia mheupa
Tou 24 m, f| 5t &mwéoTaos peTaly TGV peycAUTEpwY TAEUpL Y aUTol elvar 19 m. Na ebped 10
WPadoy Tou KTTTOU.

117) TlapaAAnAdypappov elvan loepPabikov mpds TeTpdywvov mheupds 16 em 'Eav f) Paois
Tog TapaAAnioypdupou elvar 3,2 dm, v elpedi 16 &vtioTotKov TalTng Uyos.

185) “Ev Tpiycwvov kal Ev dploydviov Exouv piav TAsupdy koiviy kal ioa éppabda. lMoia
O%éars ouvbter 1o (wos Tol Tpiywvou, To dmoiov GuTIOTOIXE Els TRV ko1viv TAeupay pé THV
TAeupay ToU dpBoywuiou THY kéBeTov Emi TNV kohY TAEUP&Y;

119) “Ev tpiycvov Exer éupaddv 27em®. "Ev Tév Uy Tou elval Ta .; THs Theupds, B o-

Tola durioroiyel els aurd. N& Umohoy133f 1o Upos kai f| WAeupd 10T Tpiywvou.

120) AiBeton #v Tpiywvov ABIT dpboydviov kai loookers. Al foon mAeupar Tou AB kai
AT &youv uiikos 8 em Exaon. YmohoyloaTe 16 tupabov 1ol Tpiycovou ABT. Tlds tmohoyiletan
Yevikids To tuPabov tvds dpboywviou kal loookehols Tprydvou;

121) Té éupabov évos dpboywviou kal loookeAoUs Tpiyvou ABI (A=-1&pf.) elvar 50m?.
Ne eUpebd o pfjkos Té&v fowy TAeup@y AB xai Al avTou.

122) Eis éploycviov tpiywvov ABI (A=1 opf.) ut AB=-y, Al=p rai BI'— o gépate
At Oyos AA U xai guykpivate T yivopeva Py rai au. Ti Topatnpeite;

123) Kataokevaoare Tpiywvov ABI. 'Opicate 16 pegov E 1ijs Al kai ik 16w E kail B xa
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A patate TapaAAnious mpos Tas B kai | A avriotoiyws. AU
Tai TéuvovTan els 1o Z. Suykpivate 16 éuBabov Tol oMK
> TiGopévou TrapaAAnioypauuoy EMBZ mpos TO tuPabov 1ol

5 7 Tpydvou ATB. (Ex. 53)
Z \ i 124) Xapdbarte kupTév TerpamAeupoy ABIA kai éx T
F 3 KOPUP@Y Tov gépaTe TrapaAAnfious m™pds Tas Siaywvious TOV:

ZxnuatifeTon ToTe £v TapaAAnAdypauuoy, 6 EZHO. NO
ax. 53 ouykpivnte 76 éuPadov  Tol  oyxnuaTiopivou TapaAAnAl
Yp&upoy mpos 1o EuBadov Tol TeTpamAeipou ABIA

125) Xapéabate  tpiywvov
ABI kai &k TV Kopupdv  alrroi
V& @EPNTE TrapalAnAous Teos Tag E

A s o
TAeUpds Tou. Eynuartiletor ToTE y i
Belrepov Tpiywvov AEZ. N& ouy- \ i
kpivnTe Ta tpPada Ty Slo Tpr- - /
ydvwv ABM xai AEZ (Sy. 54) /\/
S f
B \\\ //

Znp. Eis tas doxroes 123, 124,
kai 125, yiveran peraoynuamiopss ~ /
e, oyxnuéTwy s dAAa loobuva- 4
Mo B yopafews  kaTaAAAwy 7
YPOUpGD Y.

ax. 54

§ 35. "EpBadov tpameliou.

Tpaméfiov elvon Ev kupTov TETpATTAEUpOY, TO dtrolov Exel BUo pdvov T
paA AfAous TTAsupds.
ABlrA :
Teaméfiov ABFA { i fo]

wovov AB//TA

| Al TrapdAAnAol Theupai ToU Tpamediou AgyoV

iU Tan Paoelg autol. “Ypog ToU Tpameliou elven 10

! usTafU TG Pdoewov k&BeTov TP alTds effﬁ'&prfU'

A E B pov Tpfipa. Adpecog Tpamefiou AéyeTan TO et

ox. 55. Tuflpa, TO Strolov ouvdiel T péoa TV PR Trt:'(pﬂf)r
MAwv TAeupdy alol. (Zx. 55B)

’loookeAés Tpamédiov elvar T Tpaméfioy, ToU omoiov ol um TapdAAnAl!
mhevpad elvon foon (Zy. 56).
A r

A T

| drduecoc

ox. 55p. o, 56!
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‘Opboyviov Tpaméfiov elvan 10 Tpamiflov, TO O

. r
Tolov Eyel plav mheupdy k&betov Tpos Tas Paoes (X &
97,
Zyroiuey va edowuey o Eupador 100 touneliov ABIA.
To Tuxov Tpamtdiov ABIA (oy. 58) éxel Paceis AB - Biv s M B
(\F’—_ﬂ' kaid Uywos AE = v, "EoTw | 10 ptoov Tfis pf e o 57:

PaAAAou TrAeupds Bl KoTaokeudlousy TO GURLETPIKOV
ToU ABIA ¢os Tpds kévtpov ouppetplas 10 I TO  oupuetpikdy Tol Tpomeliou
ABFA elven Ev Tpomtliov ATBA" foov Tpds 1o ABFA. To &bpoioua Tédv
fmeavady alt®dv OV BUo oUMMETPIKGY Tpameliwv evan A Emedverd
ToU  TrapaiAnioypdu-
84 A pou AANA'A. (AA']/
AA', AA JJA'A ds oup-
METPIKG Trpds KEVTPOV
ouppeTpios T 1). To
tupadov  ExdoTou TGOV
Tpamelicov ABMA xai
A'TBA" elvan TO fjuiov
10U épPadol TOU Tro-
By, . paAAnAoy péupou
AA'A'A, fitor Eqpra =

1
=47 Easaa
Emeidf, 58 TO TapaAAnAdypaupov auto Exet Paow thy AAT = P B,
Xai (wos v, TO tuPadov Tou TparmeLiov 8iBeTan UTTO TOU TUTTOU :

4

Erie=s ﬁl; 52 v (1\

To épBaddy Tob Tpamegiov elvat ioov mpdg To fiuiov Tod yivopévou
ol &Bpoiopatog T@Y pnudy TdV Phoedv Tou éml Té uixog Tod UGoug
@hrob.

"Ex ToU Tumou (1) éxopev: E= E‘—Lz?“,u «=2E= (P, +B,y).ve= B+ By=

2E 2E

; 2E
== = B, =—=— —P, ’Emwlons Exouev Tov TUMOV U =
v v

Pt Pe
Hapatipnoig :

‘H Siduecos IM Tou Tpormeliou Tépvel THY A'A" elg 5 péoov Tns M’ (Mdyw
Tis ouppetplos) TéTE MM’ =AA' =Py 4 By. "ANG Evexa Tfis ouppetpios TO |
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elvon pdoov Tou MM', Emropé v 2.Mi=p,+B, xai Mi:pl_?BE "Apa & TUTTOS

(1) ypaperan kai E=upu | , tav 70 pijkos s M.

'Aoxfoerg

126) ‘Evos tpomediou Ta prkn v Pacewy eival B, =8 cm. kai B, =6 cm kai To P
K05 ToU Uyous v 7 em. Na& elpnve 16 2uPaddv alrov.

127) To tuPadov tvds Tpameliou elvar 63 cm?. To Uyos eival 6 e kai 1) pia TV Pa-
oewv elvar 14 em. N& UmodoyionTe Thv GAANY Pdorv.

128) To tupabov tvés &ypol oxmuatos Tpameliov eivar 3 oTpéu. kal al Baagis 1oy Exou?
unxn 180 m kai 120 m. TToiov elvar 1o Oyos alTol;

129) To tupadov tvds tpamediov eivar 30 dm? kal 0 Uypos Tou elvar 50 em  Yiroheyl
oate Tas Paoels auTol, dTav yvwpilete 811 1) pia Pdois elvar SimAagia THs GAANS

130) Né& drrohoyionTe Tés Pacers vog TpameLiov, 0 dmolov Eyxer EpPabor 252 m? kai Oyos
24 m &tav yvwpilnte 6T 1§ Blagopd TGV PNk TGV Pdoehv Tou elvar 5 m.

131) Els &ypds Exer oxfina ploywviou Tpamegiou. Al Pdoers Tou elven 120 i xai 144 W
©fhopev va Broipéowpey autdy els BU
uetpn loeuPadikd 513 was kabitou dmi TS
Baoeis. Els moiav dmréoraotv dme Tas KO
PUPAs TGV SpB@Y yewwidv ToU TpalE
Giou #) kaBeTos auTh B Tépvny  Tag PO
JEI§ TOV ;

‘YrédeErg :  To éupabov Tou &
Ypou oxfuatos époy. Tpamefiou eivd!
foov wpds TO fiwou ToU éuBadol v
dpboywviou, 1o dmolov Exer BiaoTaoEs
16 &Bporopa Ty Pacewy Tob  TpaTE
Giou (120m+144 m=264 m) xai 16 0O
aiTol v m f elvar ioov mpas 16 Eupado?
£vos Opioywviou, To droiov éxe H1adTd

om;# =132m xkai um. ‘H xdabetos ES

T4y BUo Paoers  xwpile 1o TpuTt

ox- 9. Ciov els Ev  OpBoywviov kai elg éf

dploywviov Tpamiliov (10 Oyos u T

TpameGiou eivan | pia SiaoTaos TV

SpbBoywviov). 'Emreidn al 8Uo avrai i 1paveian exouaty foa tpPada, mpimer ékdoTn va N £

PaBov 16 fipiou Tol ebpebitvTos EuPabol ToU BobvTos Tpatebiov, fiTor T6 fiuigu ol dpoywvioV!

76 dmolov Exer BiaoTdoes 132 m ke um’ Snhadh o EuaBov tuds Spboywviou i BiaoTEIES

%‘_?m =66 m xai um). Topa kabioTatar TwAtov EUKoAos & UmoAoyiouds Tis drooTdoews T1°

kabéTou érri Tas Paoers ToU bobivros Tpatreliou dard Tas Kopu@as Twv Opliv ywwniay aurot
Thy Omoiav éxeTe va UtroAoylonTe

&
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§ 36. 'EpPaddv  moluvywvou

"Edv AdPoopev el Evog émiredou & onpeia A, B, T, A, E, Z u¢ Thv ospay
M TRy Smrolav dvagipovtan kal xap&bwuey T& elfUypapua Tufpoata AB, BT,
A, AE, EZ xai ZA # Tolvywvikh ypouu ABFAEZA Aéyeron ToAbywvov
ABTAEZ.

Aéyopev 611 Ev TOAUywvoy elval xupTov (Zy. 60) étav TolTo eUpiokeTa
SAdKAnpov el TO Eva TGV HETITESWY &y opilopévey UTd Tol gopéwxs EKa-
oTng TrAcupds auTol. MY xuptdv (oX. 61) elvan €ls mEoav &AANY TepiTTWOLV.
Ataydviog ToAvyvou AéyETal TO g0BUyponpoY  Tufiue, TG oToiov Evedver
800 pf Biaboyikds kopupds ouToU.

: o . \ . o
Zyrotpey va eGpmpEy 10 éufladir fvag xvpTov Tolvyavon.

A

ay. 60. ay. 6l.

AuvéapeBo va eUpoopey 16 tuPaBoy aUToU ¥ PNOIPOTIOOUVTES 1o k&TwH
uebddous

A. Tiv npooBetuciv uébodov :

a) Aiaipesis xupTob moAuydvou el Tpiywve.

"EgTew Ev kupTOV ToAUywvov ABMAEZ. Xa-
pEOCOUEY TAS Biaywvious autol Al AA, AE, ol
Srroian BikpyovTon Bia Ths Kopugtis A kai Biaipol-
pev TO ToAUywvoy Els 4 tplywva ta ABI, ATA,
AAE, AEZ. (Zx. 62). "Exouev :

(ABFAEZ) = (ABIM)+ (ATA) + (AAE) + (AEZ)

“Apa: To 2uPadov Tol ToAuyvou elvat foov
Trpos TO &Bpoloua TV tpuPad®dy TGOV TPIyLVWY,
el T& omola BicipeiTal.
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B) ’Avdruoig tod moAvydivou el xuptd Tpamélia, dpBoyduie  wal
bpBoydvia Tpiywva :

Xapdooopey THY peycduTépal
Biaywviov, ™y AA kal &mrd TS
Ghhos kopupds dryopev Tég  kabé
Tous Tpos aUThv. Alcupolpey ol-
Tw TO ToAUywvov, &S SpBoywvid
Tpamiia kai dploydvia Tpiyw:
va (Zx. 63) kol #xouev :

Easraez= Eape + Eopr+ Efra

ay. 63.
+ Eaex+ Exezn+Ezan

B. THv pébobov tiig Sraoplc TV EuBabov :
Xapaooouev opboydviov IKAM Siepydpevoy §1I° dowv 16 Suvatou EPITT

o0TépLY KOPUPESY ToU TTOAUY Vo,
M I A

] A K

oy. 64. oy. 65.

To Eupadov To moAvywvou ABIAE elvar ioov TPOS TO EuPabov Tol oplo-
ywviou [KAM fhartwutvor kord T EpPadd TéV dpboywviwy Tprydvey
3p8.” Tpamelicov, Td dmolu toynuatiobnoav (oy. 64).

"Hror : Easrari— E wnw— Expn— Eogr — Eppy — Esze — Esia

§ 37. ’Epappoyal

l. Kataokeudoarte tetpdrrieupov ABIA (ox. 65) ut Biayewvious kaBéTos
kol Yopd&ate ék Tév KOpUp@ Y alTol TrapoiAniious TPOs Tas Slaryw vioug ToV:
ZynuaTileTal ToTE TO épboywviov A'B'T'A" e SlaoTdoes foas Tpos Tag Hia-
ywvious Tol TeTpormAetpou. ‘Emopé v (A'BT'A") = (AI).(BA).

To opboywviov A'BT A" elven aBpoiopa T dpfoywviey AA'BO, BB'TO!
IT°AO, OAA'A ExaoTov 16y droiwy elven &vtioTolyes Bimhdaiov Tév dplo-
ywviwy Tprywmuwy BOA, BrO, MAQ, AOA, Ta émota éyouv &bporopa 16 TeTPS-

¥
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TAsupov ABIA. Zuverrdds To EuPadov Tol ABIA slven 16 fiuiou ToU EuPabol
Tol Spfoywviou A'BT'A".

"Apa: To éuPadov évdg TetpamAevpouv pe draywvioug xabétoug, elvat
8.5,

2

looy PG TO WLylvépevoy TAV pnxdv TOV Saywviwy Ttou. E

(8, 8, elven T& prhkn Tév AT, BA oy. 65).

2. "Eppabov péppou :

Emeidr), s yvwpilopev, al  Siaydviol ToU
PopPou TépvovTon kadéTws (oy. 66) Té épPa- p.
86y adtod loobtal xai TpOG TO MLyitvopevoy
TV pqudv TEV Slaywviwy Tou.

8,-8
" ; - 8y-8y . ; 2
Hro1: . |E T (5, 8y T& unkn TAV
AE oy. 66.
Sy wovicov Tol poupou). X
; 2 ‘ ; . ; .

3. 'EpBadov xavovixol moAvydvov: Aidetar & xavovixdy TOALY VoY
EYYEYOURUEVOY €0 2V ioy (g el Ty mpoxeypévgy
TeplnTmow & xavorieoy EEdyamav) xai Cyreitae va

edgelfj 1o Eufaddy vov. (Ty. 67).
TMepiveTpov Evos elf. oyxfuaTos dvopdoapey
T6 &Bpoiopa TV TAsVp@®Y Tou. ‘Emaidn s T&
kavovikd ToAUywva af mhevpai Tewv elven Ao i-
oal, | TepipETPOs Ty, Tol dvwTipw Efaychvou
B elvan 6.Aq kal yevikéds 1y TepipeTpos Evds  Kavo-
vikolU v - AeUpou elvon v.A,. "Edv yapdfwpev Tag
oy. 67. drtivas ToU dvaTépw kavovikel moAuycvou (oxfi-
pa 67), ToUTo Sicnpeitan el 6 foa Tpiywva. “Apa
To EuBaBéy Tou elvar E=6.E" (6mou E' 1o Eupadov Evods tév fowv Tprydvev).

2Uve-rrc'bs E=6.—%.A,.u, = %.(Cv?\ﬁ).cx‘i 8nAadn E = % X pfjkos  TEppéTpou X

Hfjkog dmooThuaTos. Kal yevikéds 81" Ev kavovikdy v - rAeupov E:% (v.A).a,

To éuPabdv évdg mavovixod xuptol moduvywvou icobtal mpdg To
“tov Tol yivepévou Tod pixoug THG TEptpéTpou Tou émi Té pijxog ToL
&"Ou-rﬁp.uro; adTob .
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'Aoxfoelg

132) "Ev moMiywvor ABTAE éxer Thv Siaydvioy AA=
148 m. Al xé&fetor I'Z,EH kai BO elvan &vrioroiyws 43m, 458
kal 52 m (oxfua 68). *Edv AZ = 18m, OA=138m xkai AH=
70m. N& UmohoyionTe T6 tuPabdv autod.

133. Els péuPos xer Siaycvious 12 cm kai 9 em. N&
eUpedf) 1O EuPadov alTol.

134) "Eav 75 uPadov évos pduPou elvan 42 em? xal 1l
uia Braycovids Tou 12 em, va eUpelij f) &AAN Sraycdvios.

135) Na eUpeBf 76 éuPaddv TerpamAsipou pi Sy
oy. 68. vious xabétous, &tav Ta pAxn TGOV Siaywvioy altdy fval

14 em kal 27 cm.

136) “H mepiuetpos Evds péuPou elven 144 em, A 5t dmdoTaos Slo TapaAAfiwy TAeupd!
abrol 28 cm. Na& elpnte 1o iuPaddv aUTol.

137) “Ex&orn Biaydvios tvds TeTpaywvou Exer pigos 10 em. N&  elpebfi To éuﬁﬂﬁbv
atTol,

138) Xapdfate SUo kébeta elblypappa Tufuata Al kal BA, éxagrtov Tév  &rmrofwv EXE
ufikos 12 em. AT TéuvovTan el v onueiov |, Té dmoiov daréyel 5 em &mrd ToU A kol 4 em amd
7ol B. Koraoxeudoate 10 Tetpamheupov ABIA kal UtohoyioaTe
TO tuPadov avTod.

139) "Eote év olkémedov, ToU dmolou T ayfjua elval T6 sikovi-
Lopevov apamielpws ABMA  (ywvia ’."\\=1 &pb1y).N& elpebfy To
tuPadov avrol. (Iy. 69)

140) Xapdfore TerpdmAievpov ABIA kai gépate éx ToU A ma-
paAANAov Tpods THV Siaydviov BA abtol. ‘H mapdAAnios alrn
Tepver Th eubeiav B els 1o E. Zuykplvate 16 tuPaddv Tol TeTpa-
TAeUpov Tps TO uPadov  ToU Tpiydvou AET.

B. IIYOATOPEION OEQPHMA

o n 3 2l \
§ 38. Karaoxevdoate &v dpbloydwor tplycvor ABI™ pé

m /Em >

50 m

xalévovs mlevgas Al=4 povdd. pijxovs xai AB = 3 po- ox. 69.
vad. pijxovs. Merpjoare Ty dmoteivovaar adrov. Ky
owegely pé mievpds, Tas mAevpds TOT Towydvov xaracxevdoare tetpdy®'"
xal ovyxpivate 16 éufador tob TETOD
, ~ (4 by 7 1 \ \'000['
yawvov e T‘RUTEU’U'UUT'Ig TNOG  TO avo
~y
opa v Eufadin Tin Terpaydwoy T

il xabléror mhevpin Tov. Ti nqgarqgef‘tf :
‘X-'\ X i . ‘ &9
AN N AramioToUpey, S1& PETPTOEWS:
Evdg 611 7y UmroTel vouoa Bl iootTar 7P7

5 | 5 pov. pfjkous kai &’ ETépou 'rrcxpcrfﬂPo 5
A 4 pev (ox. 70) 6T 10 TETphywvoV: o
—L — bmroiov Exel TAEUpAY THY u-:ro*rslvo\-"’
Tepiéxel 25 TeTpaywvidia pé v?tEUP
v povéada phkous, Evg T GAN "
ax. 70 TepiEyouy &vTioToiyws 9 kai 16 ol

L
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alre TerparycoviBia. TAMG 25 = 16 + 9 f) 52 = 4* 4 3% dpa (BMN)2 = (Al)*+
+(AB)? (1). ‘H oxéors (1), | omola ouvbier T& TeTpdywva TGV TAEUpEY
ToU éphoywviou Tprywvou ABI tkppdler To TMubiorydpeiov Oecdpnpe .
Auvépefa yevikds va altioAoyfiowpev Thv oxéorv (1) cs €S
"EoTtw dpfoydviov Tpiywvov ABIT ue Bl oph. kol pE pmkn TAEUpPGV
AB Y, Al=p xai Bl=a.

Kataoxeuddopev BUo TeTpdywva foa kol EkaoTov ué mheupdv ionv TpOs

(7la) (71p)
ox. f1.

0 &fpoiopa Py TGOV unkédv TédY kabitwy TAeupdy ToU Tprywvou. [lapt-
OTGpev wt E, 1O EuPabov dxdoTou TV TETpayvwy aUTdv. KaTaokeudlouev
hT‘Ung &md yaptéviov Téooapa dpboywvia Tpiywva foa mpos To Sobiv ABI
(E tuPadov tkdoTou). BéTousv Td Tplywva TaUTa Emi ToU TeTparycvoy, S
EBikvGel T oxfiua Tla kal mapaTtnpoUuey 6Tt 10 Ev TeTpdywvoy &moTeAelTal
5 4 Tplywva foo wpds TO Sobiv ABI kai dmo &v TeTpdywvov wAeUpds
Ong wpds THY UmoTe vouoav Tol ABIT fitor Ey=a® | 4E (2). 'Ev ovveyeiq Toto-
Touey T& Tpiycova els TO ETepov TeTpdywvov KaTa TOV TpdTOV Tol oXN-
Harrog 71p. Mapatnpoldpey, ds gaiveton &k TOU oxnuaTos 71P, éti ToUTo &mo-
Tekeiren drd 2 TeTpdrycova TAeupds &vTioToixews P kal y xai ék Tecodpwy Op-
Boymuimv Tpry@vwy fowv mpds To ABI. "Apa E =P y2 {4E (3).
. ’Eqapudlopev Thv petaPatiknv iBidmTa €5 15 oxtoes (2) kai (3) wod
Xouey ol 4E—=p2 +y2 -4E. Zuvemdds of =P34 yE "Hror Eyopev elper waAiv
Ty oyéarv (BM)E —(AB)24-(AT)?, f omoia ékppater To Mubaryoperov Bewpnpa:
Té tetpdywvov Thg Umotewvodong évog dploywviov Tprywvou elvat
l°°56vay.ov npdg T dpotopa THV TeTpay@vwy TV Hbo xabétwy TAevpdY
Wrop .
Mapathpnots :

"Ek Ths oyéoews o =p? Ly* evpiokopev T&s EETs oxéoels : PE o ol —y?
Kai 2 — o B2, fiTO1: TO TETPAYWVOV éndotng TV xobétwy mhevpdv
6Peoywvi_ou tplydovou edplonerar, &av amd Td Tetpdywvov Tig LTOTEL-
Vougne dpaipéowprey TO TETPAYWVOV ThHg dAAng xabfétou mAeupdg.
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Enpelweig ‘Iotopudh. ‘O Bidonuos pabnuaTikes xai giréoogos Mubayépag tyevvild
16 580 1.X. els T&uov kai &méBove 16 500 . X, els MeTamévTiov 1ijs kéTw 'lrahiacs.

Katémiv guortdoews Tol Bahod LeTéPn els AfyumrTov (mfavis & kai elg Baﬂu?\ﬁw‘ﬂ'
Smou Tapépetvey Erri TOAAG Ern kal Buunen els Tas y ot THY AlyurrTicov  Bi1ad Tlg  uehéTT
TV PipAiwy abTédv.

Meta Thv tmoTpognv Tou efs THv 'EAAGSa peTéPn els Kprytnv kai Zdpov kai Tékos Blsmpcld’er
els Tov Kpdrawva Tiis Kérw 'ltahics (Meydn ‘EAMGS), Smou  iBpuoe xai Binubuve ZyoAf!
Becopoupéuny a5 1o TpdTOV SueTuaTIKéY MavemoThmoy Tou Kéapou. ‘O Mubaydpas xal ¢
uabnrai Tou, ol émoior ékaAolvro IMuBaydpetot, ouviBahov eis THY dvdmrubiv Ty  padl
HOTIKO V.

‘0 TMubaydpas imfipler i T@v kopupadwv poppdy THs EmioThuns Shwy Tdy imox®’
i B¢ wveupaTikh Tou SpaoTnp1oTns dvagépetan el SAous ToUs Topeis TV Quoikidy  kail B
bnuaTik@y EmoTnudy,

Eis rtov Mubaydpa dmobibetan, peTabu TOV GAAWY, Kai 1) Emivongis ToU duw wipoy Heo>
pnuatos, Tob IMuBayopelov Oewphpatoc. v

'Aaxvoetrg

Els Tas kaTwh downoers k&ueTe ¥pfoty ToU Wivakos TeTpaywvwy Ths § 32

141) AiBeren dpBoydviov Tplywvoy pé kadiTous TAEUPaS 6 cm xai 8 ¢m. Na Umohoyion™
YO ufjkos Tis UToTElvouons aUTol.

142) 'OpBoycwviou Tprydvou ABI bibetan 1) Umoteivousa Bl = 15 em xal i pia @V K&
BETov TAeup@Y Tou AB=9 cm. N& Umohoy100fj ) &AAn kd&betos TAsupd avTol Al

143) Al Siaywviol pdpPou eivan 6 em kai 8 em. N& UtrohoyionTe 16 Owos Tou

144) ‘loookehols Tpamefiou Ny wmikpd Paois elvan B, = 50 em, ikdoTn TGV i TraparAiAe’
mAeUp&dY Tou 10 em kai T Gyos aUTol 6 em. N& elpnTe TO tuPabov avrol.

|
145) Aietai loookehis Tpamiliov, Tob dtoiou fy Hey dAn Paois elvan fon wpos 15710 xai @

&Man Tpeis mAeupai foar mpods a. Na UmoAeylonTe 1o tupadov auTol. ‘Egapuoyd : a=5

146) Na& Umohoyio8ij 76 £uPaddv dpBoywviou, T6 dmroiow Exer TAEUpaV  prkous 3 cml xd
Siaywviov urkoys 5 em. 2
0 J
147) "Opfoywviou Tpiydvou 1 Umoteivouoa civar 25 em ke pia kébetos TAEUP& Ut
24 em. N& elpnTe 16 Oyos, T6 dmolov dvrioToryel elg THY UTroTel vouoav. 4
148) To tupabov épboywviou Tpiydvou elvar 6 em? Mia xéBetos TAeupd avyrol elvat
em. N& eUpeB)) 7o piikes Tfis UoTeivolons avTol.

Mepi TeTpaywvikic pilng
§ 39. Terpaywvud) pila Betixod dplBpod xal Hmoroylopde adTHs:

\ v : ; . 5 . - : = I

Na xavaoxevdoyte dployarvior Tolywvor ue  xallétovs mievoac 43 mm "‘f

) v e - ’ \ , = = o e H u

28 mm wai va Omodoployte 1o TeTpdYONOP THS TS TiS bmotewolang, X 2/
Ty adTijs.

Katookeudlopev dpboywuiov Tplywvov BAT pé kabérous Theupds AB 7

45mm; xai Al=28 mm kai époappélopev 16 Tubaydpeiov Oedpnua. (o). 2)

&
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(BM)2— (AB)2 4 (AN —=>  (BM)?

~ 453428 —» (BM)® — 20254784 —> [
y (BM?2 = 2809

’E&v peTpriowpey TNV utoTeivouoav Bl
b& elpeopev 6T BM =53 mm. "Qoe: 532 - 2809
Toy &pifpdy 53 Svouddopev  TETPAYWVL-
Whv piav ToU &piBuoU 2809 ral oupPohi-
lopev 4/2809. "\20Te 4/2809 = 53. [evikds :

Tetpaywvuey pila Betinod dptlpol o
tlvor & Betuedg &pbpods /o , & Omoiog oy. 72
Vovpevog elg v Sevtépav Sovapy Bi-
bev tov a.  (Va )P - o B a=p? > P = /7.

E&v oupPoureuBddpev ToOv mivakae Tiis § 32 8& oupmepdvewpev 6T

V=1, /& 2, &9 =3, vle =4 /25 =05 4+/3 6,
Va8 =1, +6t =8 B =9 xAm.

Tous &pibuous 1...4..9...16...25...36...49...64.. 81... Ayopev Téhewa TeTpd-
Ywva drepadov fi &mAdds TEAeia TeTpdryva, S10T1 ypdgovTar Umd T HopeT v
2% B L5 T R

Al TeTparywvikad pigon TV &vwTépw TeAeiwv TeTpaywuwy elval dxépaiol
p1Byoi.

§ 40. Mopotnpopey ém kébe dxépanos dpiBuds. & dmoios Bv elven TéAelov
TeTpdrywvov, eUpiokeTon petafu BUo BiaBoyik@dy TeAsfwy TeTpaycdveov.

Mo 1 <3< 4, 25«31 36" o) ) silba 3 03 SORT 310,

Néyopev &T1 6 1 elvat kat’ ENAely1Y TETpy VKT pita ToU 3 kaTa mpooty-
Yoty povédBos kai & 2 elvan ko Utepoxnv TeTpaywvikn pifa Tob 3 kaTa Tpo-
Uéyylcnv novédos kel cuuBorifopev kot €A, 4/3 = 1 xaTa mpootyyioty povados
kel ke . 4/3 =2 kaTd Tpootyyiolv povddos. ‘Opofws 1 kat’ EN. 4/31=5
Kord rpocéyyiotv 1 ked ko U 4/31 =6 kaTd& TpooEyyiolv povabos.

ToU AoiTrol AéyovTes TETPAY@VIKNY pifov kaTd Tpogtyyioly povddog
8 tvvoolpey THY kot EAAEWIY.

Tetpaywvixy plla GpBuod xatd mpooéyylowy pmovadog elvat & peya-

Yrepag &xépatog, Tob dmolov TO Tetpdywvov €lval pixpdtepov Tob So-
eé""ﬂ:n; dptOpod. ‘O &piBpos 2809 elvan TEAEIOV TETPAY VOV, B16TI 1) TETpayw-
VIt tou pifa elvan O dxépanos 53.

Wnionoi}Bnke andé To vetirouto ExknmaibeuTikrig MoMTikrg



§ 41, Thv tetpaywuikny pilav Tou GpiBpou 2809 Utrohoyifopev dos €675

1. Xowpifopev alTov es Siynepla TufpaTa, &p-
xiGovTes &md TO TEAOS. 4/28'09

2. EUplokopev Thv xat' EAAElyIV TETparyw vikf v
pitav Tol TphdTou TpMuatos 28 katd Tpootyyloiv
povdbos. /2809 | 5

3. "Agaipolpey &o TO 28 TO TeTpdywvov Tol
5 (tov 25). V2809 |5
—25

4. TlapobéTouev Se§ia tfis Biagopds 3 16 émbpevor
biynerov Tufjpa 09 kal ywpilousy T6 TeAeuTaiov wn-
glov ToU oxnuaTticbévros &pifpol 309. \ 2809 | 3
30 |
5. Armhacidlopev Tov ebpebévta (& - Bebia)
&piBuov 5 kai eupiokopev 10, 16 omolov ypdgopey

K&TW TOU 5. V2809 | 5
6. Acipotpey 16 Tufipa 30 ToU 309 &i& Tod 10 25 3!.03

kai 10 mnAikov 3 yphouev Sefik ToU 10 ko oyxnpa- 309 1309

TiGopev TOV &p1Bpdy 103 moAAamAacidlope v alTov ETi 309 |

3 (ypdgouev kai Se§id kai kéTow Tol 10 16 TrMAiKOY 3). 0

"Apaipolpey 10 yivépevor 309 &k Tol dpifuct 309
(CEav 16 y1vduevov 103 X 3 evploketo peyoirepov
ToU 309 6& éypdapopey Beidr kai kdTw Tod 10 TOHV dpé-
ows WKPOTEPOY SplBudy Tol 3 Tov 2 dis efns 102 kad
8c touveyilopev épyadduevol Spoicws). X2
7. TlopadeTopey Befiar ToU eVpeBévros 5 (oTddlov /a0 | 53
2), 16 mnAikov 3. O elpebels dvw Eefid dpifuds 53 g5 103
elvar 1 TETpoywvikh pila Tol 28609, T 309 |
‘O 2809 evar Téhelov Terpdywvov S16TI K&Tw o~
Befiar ebpopev Umdhormov 0. *Edv Eywpev kol TpiTOV ‘
Tufjue, émavohauPavopey THv ¢pyaciov &mwd ToU
orabiov 4 kel kérw.

‘Lo appoyal

1. N& Umodoyiobfj 1y Siaywvios dpboywviou mapadAnioypdupou pé B1&°
otdoers 57Tm kol 176m  (ox. 73).

-
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"Epappdlouev 16 MMubaydpeiov Oecopnuc A r
kal eYploropev 1O pfjkog & Tiis Siaywviou. 5 &
B — 572 4 176! =p 61 = 34225 = o s7m.
8 =/342%5 o
. A /76m. B
ay: 13
(886 TO TrpddTov Tufiua elvar povoyn@lov).
v 3 4225|185
-1 28365
242 %8
-224 NN\ 2241825
1825 f
- 1825 |
0 R

“Qoe 1) Biaycvios Exel pfijkos 185 m"

Hapathpnols. Kara v Saipeoiy 24:2 BtTopev TOV peyaAUTEpOV HOVO-
Vhpiov 9. "Eav duws, Smws €86, TO yivduevov 29X9 elvan ueyoadTepov ToU
242 pttouev TOV dpbows katwTepoy piBudy 8. k.o.k.

"Edv 1) TeAikn) Biagopd S¢v elven 0, TOTE 1) elpioxoutvn TeTporywvikh pita,
Huoy kot Tpookyylo1v povdbos kol kot EAAeLpLY.

2. ‘H UroTeivousa dpfoywvioy Tprywvou elvar 139 mm kai uia k&beTOS
Theups Tou 38 mm. N& edpedii 1) &AAn x&BeTos mAeupd.

Eqv y elven ) mun abriis Exouev !

Y3+ 382=139% mp x2= 1392 -38% 4= ¥2= 17877 &= ¥ /17877

V17877 133 “Qote /17877 — 133 xata mpootyyioty povados.

6 4 ’
=7 231263 Aqa 133 < 17877 < 1348 Tlpéyuam

-85 59[785  —» 17689 < 17877 < 17956.
0571 AlamioTdavopey B1& petpfioews, OTL 1) TAsupd  el-
--_.7Tg% ven peyohutépa pEv TV 133 mm SAAG pikpoTépa TGV

134 mm.
Ao oeLg

V121, /6241, +/12321

149) ‘Ymohoyioate Tous &piduols
1797, 394563 xaTtd Tpogtyyiciv

150) EUpete Tds TeTpaywvikds pilas Tiv dpi9ucdv 11, 45,
HovdBos.
151) 'loooxehés Tpiywvov Exel foas ALY

Vo5 xai 1o tuPadév Tou.
152) Xopdn xukhou AB elvat 136 em xal &méyel ToU kévtpou dmogTtaciy 374 cm. [oiov

pas 185 m xai Pagtv 222 m. 'YmohoyiocaTe TO U-

TO ufikos THs &kTivos ToU KUKAOU;

f
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153) Tpaméfiov ABTA Exer P&oeis AB=276 mm kai FTA=78 mm xai wheupds B — AA <
165 mm. *YmohoyiouTe 16 Uyos Tou kai 16 EuPabév Tou.
154) Metafl moiwv unkidv supioketar 1) Umoteivouoca dpfoywviou Tprydvou, TO o
molov £xel kaBéTous TAeUpas pi prkn 389 cm kai 214 em

§ 42. Terpaywvixy pifa xatd mposéyyioly

\ or - N ’ ] . )
Na efonre petald molov axepaionw Tetpaydvor xeoéyetar 6 aoiluog 1200
xal va dwatpéonre Tov dolévra xai Tove dofluovc. Torc dmnlovs i edonTe did 100-

Ti maoarnoeite:

“Yrohoyilopev THv kot EAAeiyiv TeTpaywvikny pidav ToU 1200 katd TP
ofyyloiv  povaBos :

AUt elvar & &p1buds 34

34 : 35
PGS e Tére 8% Exwucy 34* < 1200 < 35! €= o 12
7 __| x4 ’
RV At 342 351 342 35
o 5| 256 S 12 < ot => 15) <gil2 = (30)
44 |

> 3,42 < 12 < 3,52

Mopatnpolpey, &1 & dpifpds 12 mepiéyetan peTaly Tév TeTparywve’
T@Y Bekadik@dv &piBpddv 3,4 kad 3,5. Of &piBpol avtol Biagépouv xatd 0,1

‘O &piBuos 3,4 elvan 1) kot EAAey1v TeTpaywvikh) pida ToU 12 xard PO
atyywov 0,1, ‘O &piBuds 3,5 elven 7y ko Umepoyfv TeTpaywvikh pile Tol 12
kata mpootyylaiv 0,1.

‘Otav Mywuev dAds TeTpaywvikhy pidav koTd Tpootyyiaty, B vvool”
MEV TV Kot ENAewpiv kol 04 ypdpopev kat’ €A /T2 = 3,4 katd wpootyY"

owv 0,1.
"Eqv tpyaoBidpey dpoiws pé Tov &mbuov 120000
B& eUpcopev : A/120000| 346
64 | 68
e
256 256 [41]
4400 ‘
— 4116
284

AnhaBh 346t < 120000 < 3472 AwipoUuev Six 10 000 100% kai £
346 \ 2 347 \2 !
XOHEV : (W) 12 < (m_) > (346)F < 12 < (3,47)%.
‘O &piBuos 3,46 elvon 1) TeTparywvikhy pifa ToU 12 katd mpoctyyiciv K
TooToU (0,01).

&
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Tevpaywvinh pila Bolévtog &plBpol xatd mposéyylowv Sexdrou,
Exaroatol, XtAtooTob x.A.m. elvar 6 peyaAlTepog éx TV Sexabixdv
GpBudv pe v, o, tpia x.A.7. dvtiotoixws Sexadixa bnepia, Tob dmoiov
T tetpaywvov elveu pixpbrepov tob SoBévrog dplbuod .

A va elpowpev mpomyoupbrws THY TETpaywvikhy pilav ToU 12 kard
Tpoatyylotv 0,1 Umehoyioauey Thv TeTpaywuikny pidav Tol 1200 = 12,100 —
= 12.10% kot Twpootyyloy povdSos kal Simptoauey aThv Six Tou 10.

Mpos Umohoyiapdv Tiis TeTparywvikiis pigns ol 12 katd mpooéyyiciv 0,01
Utehoyioapey ThY Tetpoaywwikiy pilav Tod 120000 12.10000 -~ 12.100% xed
Sinptoauey alTthv Sia Tou 100,

A& va elpeopev THy TeTpaywvikfy  pidav &pifpol kot mwpootyyiotv
Sexédrrou, ékaTooToU, YIMooTol, ... épyalousba s £Efs: 1) TToAAamAacid-
fouev vov &pidudy émi 100102, 100001002, 1000000--10008 k.A.1r. &vri-
OToiyws. 2) ‘Ymohoyilopev THv TeTpaywvikiv pilav Tol yivopbvou kaTd
Tposéyyiotv povédos kad 3) Biaupolpev oty &i1& ToU 10, 100, 1000 &vti-
OToiy ws.

Tetpaywviny pila xAaouatikod dptBpod

a) AiBstan TO KAdopa 16 MopaTnpoUuey 611 ol dpor Tou elvan dképana

25
i DPROEOR LR S R § 6 (08 /& YT yot8
hywva s =g => z = (5) < greiay =ty

: ] , ) g ol (e g g
)‘EYETcxl TéAslov  TETpdywvov ToU penTol 5 Ot d&piBuoi BE I 51 4 g

o réeia TETpAyw VA priT@dY Ap1fuddv.

Mevikdds - ‘/S’_=_°_=V“’ 618 and e
£ VIKEDS s 1671 (53 ) i

KATA TIPOGEy Y101y é TMoA-

B) N& eGpedij /| Tetpoywvikf pila Tod

)\QTT?\qclo':ﬁousv alTov Emi B kal Eyopev . 82-3.8 = 24. ‘YmoAoyifo-

Hey iy TeTpaywvikiy pllav Tol yivopévou 24 katd TpooEyyloty povddog
: i N /3. %41 ;
0 Bipotuey athv Bi&d Tob 8. Anh. V‘%- = \—8—-= =7 Kat&

/

ooty yioiv -al—, fiTol Kat 57\7\.'\/

=] o]

v ] 1

= -zl— KQTa  TPOgEyYIoIY ==
A va elpwpey THY TeETpaywuikny  pilav kKh&opotos kaTtd Tpootyyiciv

g KAaopaTikfls povddos Tou, ToAamAagialopey aUTO £l TO TeTpdywvov
To{ TapovouaoToU, Umohoyilouev Thv TeTpaywwikny pifav Tol yivopévou

15
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KoTd MPootyylolv povdbos kal Siaipoluey altnv ik Tol TapovouaoTold TOb
KAQOPaTOS.

"Epoappoyai

1) N& ebpediy 1) Tetpaywvikhy pila 1cU 19,763 xaté mpootyyioy 0,01

MoMamAacidgopey émi 10000 xai #youev 19,763.10000 = 197630.

“YmohoyiGopey THY TeTpaywvikfy  pifav Tol 197630 kot mpootyyio!
HovéBos f) dtrofa elver 444 kal Bicnpolpey aThv Bidk 100. "Qoe /15,763 =444
katd Trpootyyiotv 0,01.

2) Ofhopev va peTpriowpey ThHY UmoTe{vouoav dpBoywviou Tprydvoy pé

kaBéTous TrAEUpds rgrm kot —i—m kol S1oBéTopev petpotanviaw Sinpnuévny gl mo

MeTtafl molwv Tiudy 6& elpwuev 16 piijkos THis UmoTaivovons; “EoTw x m 0
= 5 5y : 2 2 2 4
pfikos Tfis UmoTaivouons. Tote yi= (—g-) -F (—i-) = 2 ..—_-2_95. + —§-=%’
o 814100 ., 181 T8I

B TE = — = = 6 v €U S pfiKos
59E > X 555 = X — A va eUpwpev  TO PR

HEXPI X1MooTopETpoy Trpémrel v& Utrohoyicwpev THY TeTporywwikhy pifav ol

b1 kard mwpootyyioiv 0,001, TTpds TolTo TroAACTAGCI&LOpMEY TOV éaT; ¢ 1000°

225
181 181 000 000
fiTol 5 1 000 000 = e

Ebplokopev 16 dképaiov TrnAikov ToU % = 804444.

YmoAoyiGouev Th\v TeTparywviknv pilav ToU 804444 kotd 'rrpocréy}’l‘“"
novddos kod SiapoUpev adthv S 1000.

\/B04H |_8% 181 ‘ =
—64 ' )(163 ];332 55E = 0,896 kat& Trpocéyyiotv 0,001
_11562? 1521| 10716 0,89 < x < 0,897. ‘
—ET "Qote TO pfjkos THs UmoTelvovons elvar HE
50716 Tafl 0,896 m xai 0,897 m.

T 1628

Inpelwotg 1. N& UmodoylonTe Tas dvwtépas xad  xoTwTépos  TeTparywvikds pibs
ToU 3 xkard wpootyyia 0,1, 0,01, 0,001 kal va -BiardbnTe alrras gl &fovos.
(Aéyovres dveorépas kal kaTwTépas TeTp. pifos Evvoolpey dvTioTolyws Tés ko’ UTERS
xhv kal kot’ EAAewiv).
Al piten atrad elven 1,7 1,8 katd mpooéyyloty 0,1
1,73 1,74 xora mwpootyyioiv 0,01

&
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kal 1,731 1,732  kord wpootyyiow 0,001, Awardooopsy  autds

&l &Eovos
I,7 I,73 I,731 ,vf_ L3752 I7 1,8

~—
v L 4 v

v 2 + = 4

‘OcaabimoTe gopés kal v bravaAdPopey ToV UTrodoyiopusy, oUbmoTe Bk eUpoopev drpiéds
Ty Terpaywvikiy pifav Tol 3. *Edv TomoBeThowuey Tds KaTk TPOTEYYIoIY TETPaYw VIKAS
Plias tml &fovos petakl Tév dvwTipwy Kol kaTwTipwy, B Urépyn wévroTe Ev onueiov. 'Em’
ol TomoleTeital & &pibuds 1,731..., & dmolos Exel &mmeipa Bekabikk ynela, dAA& Btv elvan
TeproBixds. Tov dpiBpdy alrdy kaholpey TeTparywviky pilav Tol 3 kol oupPohifopey S1& Tol
V3o

‘O &p1Buss auds Btv &vriker els T Q. Els dveotépay T&Ev B udboouey &1i bdvopdleTan dobp-
Retpog &piBuds. "Apifipol airol ToU eiSous elvan kol of  A/Z, V5, KA.

Enpelwoig 2. 'O &pibuds 2 elvan TeTpaywvik pila Tod 4 S1émi 22— 4. Mapatnpoluey
Sueos 11 kel (—2)"'=4. 'O -2 Myeran Beurépa TeTpaywvikd pila Tod 4.

Fevikdds, éav o % 0 bxrds ToU Betikol &pibuoll /o Utrdpyer kol BevTépa TeTpaywvikhy pide,
! bdmola  oupPohiferan pt — \/E

"Acxfoetrg

155) ‘Ymohoyloare Tds TeTpaywvikds pllas Tév &pBuddv 138, 272, 19836, katd Tpooty-
Yo 0,1 kai 0,001,

3
156) “YmohoyloaTe Tés TETpaywVikes  pllas 1Y &pbuddv 97, 635, VL 0,003845 kot

Tpooty. 0,001.
1
by 4

w

47 65

13N TR

[}

!
l

(521 BN

157) *YmohoyloaTe Tds TeTporycovikds pigas TGV KAaopdTwWwY

o
~

1 1 1 1
Koy Tpootyyloly =5 B r‘,ﬁdw:moist.
158) Tlolov elven kard pootyyiotv 0,001 T pikos Tiis Siarywviou vds TETPayvoy pd
niupc‘xv v povdBa ufkous;

9 159) Toiov elven katd wpootyyiotv 0,0001 6 (yos loomelpou Tprydvou pi mhAeupdy
[

'

I'. MHKOZ KYKAOY — EMBAAON KYKAOY

A. Mifjxog xdxAou

§ 43. > Anoxdypare éx yordpot yaptoviov 7 Ebhov xbrdov dxrivoc 5 em. Me-
joare 7o pijxog Tod x¥xdov dud mavlvng pergorawlag, meprrvilooovres airiy
*ou vo5 xbxAov xal efpere vov Adyov tob pifxove Tod wdndov meds To uixog Tijg

‘Qudraon Tov.

T pfjxos Tol peTpnévTos kikAou elvan 31,4 cm. “Apa ExopeV 3154 :;z

=3,14.
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‘E&v émavardPwusy THV Epyaciav aUThv pé TreplogoTEépOUs KUKAOUS, ?’5
TapaTnpiowpey &t 6 Adyos ToU prkous EKdaTou kUkhou Tpos 1O pfikos ™S
Biapétpov Tov elvan 3,14 (kat& mpoctyyioiv). "Hror:

‘0 Adyog Tob phxoug xuxAou Tpdg To pRrec Tig Siapétpou tou elvol
orabepos xal loog mpos 3,14.

‘O &piBucs alrrds TapioTerran BiEBvidg Bik ToU ypéupaTos ToU dAgapriToY
(sl el o) .

'Edv mapoothowusy Sid ol [T 16 piikos £vos kikhou, dkTivos R, 6t
EXOOMEY :

r

— = T 4= | [ = 2nR
2R

"Hror : Té pijrog tod xbxdou elvar loov mpdg 6 yivépevov Tod ph-
xoug g Srapétpou adrob éni Tov Gplbpdv m.
§ 44. Misog téEou
Elvar yveootov 6T & kUkAos SicnpsiTan els 3600, "EaTe T T pfikos 5§V W
p

0 4 o~ —~ 0 [ 1 . - ] v » T
kai [T 10 piikes ToU kUkAou, & otroios elvar Toov 3600, TéTe éyopev: T"_ = ‘3};(1]

(B16T1 & Adyos Blo dpoeldidv peyeBdv ioolitan wpds TOV Aoyov TGy Tipdy TRV
gy peTpnBdoly pé THY alTv povdda).

. T M 5 :
‘Emopévess : —— = —— 4 T=2 TR —~ 4= | T—=7tR 2| . "H7O!"
2R 360 360 180

Aed vé ebpwpev té pijxog évég téEou p?, moAdhaniacidlopey TO ot

ol xOxhou émi To ¥Adopa # T pixog tod Hixurhiov éni o wAdok®

2
180

Inp. Awx Thv elpeorv  ToU prikous ToU kUkAou Buvapeba  va
xpnoiperrarjowpey THv Efis pébobov : 'Eyypbgopey els Tév kUkAov
Kavovikdy xupTdv Efaywvov. Tlapatnpoipev, 6T # TepipeTpds Tou |
eivan pikpoTépa ToU pfkous ToU kukAou. 'Edv Tdpa Eyypdywpey
kavovikov Bwdekdywvov TmapaTtnpoUuev, 6T1 f) mepipeTpos avTol
TANCIGGE TEpoadTEPOY TTPdS TO ijkos ToU KUkAoU, Trapauévouoa
mikpotépa avtoll. 'Edv SimAaot&fwuey ouveyxdds To mAfifos Tdv
TAeUpG v Tol Eyyeypaupévou xavovikol ToAuywvcy, TATo&lopEy
Goov BEAopev TO pfixos ToU kukAow (oy. 74).

Hai
360

Zqp. Thy péBoBov  authiv éxpnotpomoinoer & "Apyundng els
16 PiPhiov Tou «Kikiou pérpnosy. . oy. 74

(*) ‘Iotopuxd] onpelwolg:

‘ATt Ths GpxondTnTos elye SramoTwdiy, 6116 Adyos ToU prikous ToU kUkAou Bid ToU uﬁ"ous
Tii§ SiapéTpou Tou elvon otabepdg. (‘lrmokparns 6 Xiog 450 w.X.).

Mapéotnoav &€ Tév otabepdyv Tolrov Adyov Sid 1ol ypappaTtos .

Mpéyros & péyas Tiis dpyxadrnTos "EAANY pabnuaTikes "Apxtphdne piosy katd WPOOEY‘

&
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T e ??? = 3,1428 (1711_‘1 i m & %) Sl i N

Tolro Thv péfoSov, THv dvagepopévny els THY Tpomyoupéivny onpeiwoty,
‘O MroAepaios ebpe Thv Tipfy 3,14166. ‘O & “OAhavBods yewpétprs Méttious (1571 -
1635 |1 X.). elpe 76 mw=3,1415920.

TNy, katd wpookyyloty, Tol T AauPdvopev Tov dpibpdv 3,14 kal S1& peyohutipov
Tpootyyiaty Tov dpiBudy 3,14150.

AV alTiiy THY TIpRY ToU T UTdpyEl Kal PVRBOVIKDS KAV :
el & Beds & Miyas yewpetpel
£ i Ve er i i ) 9

Anhabi 10 whfibos 1@V ypoupdTwy kdfe Aéfews dvmimpocwmeve TO GutioTorov yn-
Plov 1ol d&piBuod .

'Aoxfoerg

160) Né& elpnte 16 piikos 1ol kUxkAou, Tol owofov f dxTis elvenr 4 em.

161) ‘YwoAoyloate Ty dkTiva Tol kUKAou, TolU émoiov TO pfikes elvan 37,68 cm.
162) Toiov elver 16 pfikos Té6Eou 500 els kikAov, &xTivos 12 em ;

163) N& elpnte 16 pfikos Evds Téfou 1009, kikhou dxTivos 5 cm.

164) Moix 1| dxrls Evds kUxkhou, tav Ev Téfov autol 30" Exn pijkos 2 em

165) Kukhos éxer pfjkos 62mP em. Tlola elvan f) dkTis avTol ToU kikhou;

B. 'EpBaddv KUKAou Kai KUKAIKOD TOHEWC
§ 45. 'Eppadov wdxdov.

"EuPabov kUkhov kahoUuev ThHv Ektaotv Tiis émgaveios adtol, fitor Thv
&KTaoiv ToU towTEpikol Tou, EkTrEppacuévny el povadas peTprioews.

' Eni ydotov yihiooToueTpixod yapdfave xixioy
dxrivog 2 em (yonoupomonjoate g xévtpor anusiov
| Toudic dvo évtdvaw ypauudy). Merotioate 16 éufa-
| dov 1ijc Smupavelag tov elg em® (oy. 75).

S

MeTpoUpey T& ecm?, T& omoix TepikAeien &
kUKkAos Kad T& i Aéov mm? xai ebplowopey &
16 Eppobov Tol kUkAou elvan mepimou 12,56 cm?.

Mapatnpotpev 6Tt 3,14.22=3,14.4= 12 56cm?
| Anhabn TO EuPabov ToU xukAou &ietan UTO Tol
| TUmou 3,14 R? fj E=wR? (8vBa R 71O pfjkos  Tiis

4kTivos ToU kUkAov). Auvapeba va almicAoyfiow-
ox. T5. pEV TO dvwTépw s EEfs

e

wawss
e
Ht

B
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Xapdooopev kikhov dktivos R (oy. 76)-
Els Tov xUkhov afrrov Eyypdgopey dv kovovl-
xOv xupTov Eféycwovov ABMAEZ ‘H repipe
Tpos ToU kavovikoU Efaychvou tlvar pikpo-
Tépax TOU pRAkous ToU KUKAOU. AryoTopolue?

& T6fx AB, B, A, ... xava 7y ywor
OTOV TPOTOV Kai &yyphgopey oUTWS Ev KX
vovikdv Swlekdywvov. ‘H mepiueTpos autol
elvan peychutépa dmmo Thv mepipeTpov TO‘:‘
ABITAEZ, S&AAG mapapével  ukpotépa TOY
ufikous  ToU kUKkhou, MAnoidlouoa TepIgodTE”
pov ayToV.

"Ev ouvsyelg éyypdgoury el Tov KU
khov TOUTOV £V KQUOVIKOV KUPTOV 24 - ywvov K.0K.

ArmAaoidlovTes ouvexds TO TAfBos TV TAEUpG Y TOU %yygypauuévo‘:
kavovikol ToAvywvou mapatnpoUuey &Ti: 1) ‘H mepipetpos 1o korvovikd
xupToU Eyyeypauuévou eis TOV kUKAOV TOAUYGVOU TANCIdEl ooy  BéNopeY
TO ufjKos ToU kUkAou kai

2) 16 &mdoTnua TANGI&LE Soov BEAopey TO pfikos Tiis &xTivos ToU kUKAOY

3) Té EpBabov Tol kavovikol moAvydvou wAnoidlet doov Béhopev ™
EuPadov ToU kUkAou.

‘E&v dvTikaTtaoThiowpey els TOv TUTOV ToU éuPadol kovovikou QICL

ydavoﬁ (E= —;-X uiikos TepipéTpou X ufjkos &rooTfjuaTos) TO pfikos TS TEPT

uéTpou Bi& Tol pfjkous ToU kUkhou 2R kad T pfikos Tol dmoothipctos i ™
. i 1

aktivos R, Exouevy E = 7 2TR.R = wR? &pa p
‘Hror: To &uPadodv évdg wdndouv loobtar mpdg 16 ywépevov tol

éni to tetpdywvov Tig dutivog adrod.

Znp. Thv pBodov autiv éxpnopomolnoey & 'Apyiuidns els To PipAiov Tou <KAo
UETPTOISH.

§ 46 "EpPadov wuxdikod Topéwe.

7

Oecopoipey kUKAoV kévTpou O kal dkTives R. “EoTw OANB els TopeUs -ro‘{-’l
KUKAOU. 05 yvwoTOV wuxAixdg Topedg AéyeTan 1) peiT) KAEIOTH YPC“‘”
.1 omrola droreheitan &§ Evds TéEou kUKAou (TT.x. ToU
ANB) kol 1@v 8Uo drtivwv, af dmoicn kaTadfyouy
els T& dxper alTol To¥ Téfou (oy. 7). Té Téov
:KF‘?B;\éYETGI Baois ToU kukAikoU Topéws. Auvdpedu
va Bewpriowper ToV kikhov s Eva KUKAIKOV To-
pea, Tol dmofou # ywvia Tiis kopupiis elvan 3600

'Eupadov kukhikoU Topéws koAoUupey THv E-
kTaoiv THs émeavelas abtol (fitor ToU EowrTe-
pikoU Tov), EkTreppaopévny els uovdBas peTprigEws. ox. 7.

&
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"Edv € elven 1 dpPadov kuxkhikoU Toptws p® kol E To EnPabov Tol kUkAou

Tou, Ba Eycopev ¥ = = —E'u — £ = JER il
E 360 360 360
, R*p. TR R R
AMG e= I = -—=1— (&mou T TO pfikos TH 5
360 8 22 s Poces)
*Eqappoyal.

1. "EpBaddv xuxhinod tpfjpoartog: 'Ovopddopey Emgdveiay xuxAixod
Twhpatog THYV mepieyoubvny petafl Evog TéHEou M
ToU kUkAou kai Tis xopBis Tou (m.y. s TO EvavT
Oxfjua 16 ANBA kafds kai 16 AMBA elvan kuxi-
& Tufpara. (oy. 78).

A vé&x Urodoylowpey T EpPaddy Tol  Kukhi-
ko0 Tpfjpatogs ANBA, ToU émofou To Téfov elvan
HikpdTepov Tol fjpukukhiou, &paipolpev dmd 1o
tBabov ToU KkUKAIKOU Topéws AOBN T6 tppabov
Tol Tprywvov AOB.

AuvépeBa va  edpopev  TO épPadov Tol ku-
KAikol Tufpatos AMBA, Tol omoiou 16 Tofov oy. 78.

Hvon  peyairepoy Tol HuikukAioy, TpoodéTovTes
ts 1o &uPabdy Tol kuKkAikoU Topbws AOBMA T6 EuPabov TolU Tprydvou AOB.

2. ’EpPaddv xuxdunilg atepdvng: ‘H émpdvia, 1 mepieyopbun petaly
BUo opokévTpwy kiKAwv, dxTivewy R; xadl R, (&mou
R; ) Ry ) Myeran kukhikn oTepdun (i kukhikds Ba-
kTUAos) (ox. 79). To Eupabdov THs kuxkhikils orepdumg
Bideron Umd TolU TUmou E = m R}, -mRE =
= (R%,— R%).

'Aoxfoerg

166) ‘Ymohoylooate 1o EuPaddv tvds kUkhou dxtivos 13 em.

167) Né& ebpedij 1) ductls Evos xiidou, ToU émolou 16 EpPaddy
elvan 50,24 cm®.

168) To pfikos Evds kindou elven 37,68 dm. Na elpnte 16 dp-
Pabdv Tol kinhou ToUTOU.

169) Né& eipnre 7& fuPabdv xukhikol Topéws 60° kikhou dxivos 10 em.

170) N& Urrodoyiolf) 1o tuPabdv kukhikils aTepavns, 1) omola oxnuaTifeTar &md Slo buo-
Mvrpous iindous dxcrivoy 8 cm kal 5 em.

171) Né& UwohoylonTe Td Eupabdv tvds kirhov, ductivos R=3a.

172) Té tuPabdv twds kixhou elven 24ma® . N& UmohoyionTe Thy dxtiva elrod.

173) Afseran kinhos dxcrivos R=4a xal kuikikds Topeds airol yoovias 60°. N& edpnre 1o
WBaBay atrrol ToU xuhiKol Topéws xal THY TepiueTpdy Tou.
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174) _de1 E\:IPHTE 7O uPaBov Evds kukhikolU TunpaTos, T dtrolov dpifetan i kuKAou dxTIVOS
R, kal Tol dmoiou 16 dvricToiyov TéEov elvan 600. 'Epapuoyn: R=15 cm.

175) *H ‘Wsefuﬁ‘rpoiliv‘k' KUKAIKOU Topées, & dmoios dpiletan Emi kUKhou dxTivos 6 dm €V
13,57 dm. N& elpnte THY EmikevTpOV ywviay Tol kuxMkod Topéws Kal 16 EuPabdv Tou.

MiveE tonwv tot éuPadod Sxepdpwy Eminébwy oynudtomy

SOLN 3- il G g AN o
ElRS)STon sl et “Ovoua 100 oxfuoros TQTTFT"\? fé?&l?ﬁf‘é%ﬁiﬁ”
r
*OpBoycovioy E=apf (HE = BY)
A A [ B
Tetpuywvov E = a2 ‘
4 A BT i
A A B
. Yy
Tpiywvov E = °'—;‘= ﬂ% =1
B r
A r !
i T Tpamégiov St ey 3
A B 2 f
KukAos E = 7 R? ;
|

176) Auo foor xUkhol, dxtivos a, Tépvovrtar .T& Ké'ﬂp_a
Twv &rréxouv peTafly Twv katd a. N edpnTe To Eipabov g
Ko1viis tmipaveias Tdv BUo kixAwv. ‘Epapuoys 1 a = 5 o
(Exfiua 80).

177) Aibeton rerpéycvov mAeupds 10 em. Mi kévTpd i
Kopupds Tou kal dkriva T fluiov Tis Siaywviou Tou, YP_G‘

ay. 80. gouey Téooapa TeTapToxUkAia kUkAou (TepaTtoupeva Eml T8
mheupdv ToU TeTpaydvou). Ner elpnTe 16 tuPadsv T yp
HooKIaoUEVTS Emipaveias ToU oxnuaTos (81). e

178) Aibovren tpeis ioor xiikhor kévtpwy O, O,, O, kal dxtives R== 10
em. OUtol dpdrrrovTon E§coTepikis dud Buo kal Spifouv olrtws v kap-
TuASdypappoy Tpiywvov ABI (10 ypaupooxiaopévov émimeBov pépos).
N& UmrohoyionTe TO fuPadov Tis Emgaveias ToU KapmuAoypdupou  au-
100U Tpiyvou (oy. 82).

L
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179) Aiberan bpfoydviov kai loooxeris Tpiywvov ABI. Té pfikos 10V kabétwy whevp&dy
1ot efvan a. Mi Srapétpous Ta fjpion TOV kalitwr wAeupdy Tou yapdooopev 4 fuikikAia,
g paiverar el 16 oxfiua 83. N& elpnte 76 éuPabov Tiis ypapuookiaopévns Emigavefas.
'E‘Ptlppoyﬁ, a =4 em.

180) AiSeren fgémhevpov Tpiywvov ABIT wheupds unrous a. Me kévrpa Tas kopugds B kai

LY - a . N ‘ . . ~ ~ . \ . -
Akai dxriva = ypGgopev Téfa  xeipeva el TO fowTepikov TV ywn@yv A xai B kal T& dmoia

TepaTodvrar bl TV TAeup@y Twv. 'Emions ypagopev bo fuwikha pt Siapitpous MM=IN=

ezl ws paiveton els 1o oxfjua 84 N& Umohoyionte 10 EuPabov Tfis  ypauppooKiaopé-

2 v
g tmgaveias. 'Epapuoyn : a=6 em.
181) Aibeven 1pamifiov ABIA, dpboydviov &ls Ta A xai A eig 76 dmrolov Exopev AA

=AB = %A‘ Té tuPabov avrol TolU Tpameliov elvar 6a® ‘Ymodoyloate Tas Pdoes  kal

o Uyos ToU Tpameliov guvapThos ToU o

182) Xapdatare Tpaméfiov ABI'A (Al [/AB). EGpete 7o péoov | Tijs BT kal gépare Thv Al

Stoia Tépver THv AB els 7o onpeiov E. TuykpivaTte T& dnfladc ol tpameliov kal Tol 1piy-

You AAE

183} 'Amo 16 ptoov | Tis wAeupds AT ToU TpameGiou ABIA (AA[f/BI) gépate mapdhinioy
Tpog v AB, 1) dtroia Tipver Tas edBeias AA kai BN el T& onpeia E kai Z &dvrioToiyws.

lov. Zuykpivote 1& tuPadd Tol Tpameliov ABIA xai ToU mapaAAnhoypapuov ABZE.

2ov. Xapdfate Thv IK kdetov tmri thv AB xai eUpete 16 EppPabov tol Tpameliov fk Tol
Wixous s AB kal ToU prkous Tiis IK :

184) Efs 16 dvwripw Tpamifiov yapafate Tas Siaywvious, ai dmoias Tépuvovten elg ¢ O-

lov. SuykpivaTe 1& tuPadd Tdv Tprydvwy ABM kai ABIM kai

2ov. Suykpivate dmiong Ta tuPabd TOv Tprywvwv AOB ko AOT.

A. TIPOBAHMATA TEQMETPIKQN KATAZKEYQN

§ 47. Aéyopev 81 kaTaokevaGouey Ev oyxijpa, éTav xaphoowuey alTd pd
My Ponbeiay Tol kavévos kal ToT SiaPfiTou, Pdoel Gpropévey Bedoptvawv. Tly.
Sray kaTaokeudlwpey Tpiywvov, Tod dmolov Gibovran ai mhAeupal. "OTtav kata-
Okeudl cope v v peookdBeTov Gebopévou elBuypdappou Tunuatos §) dtav kata-
Tkeudlopey THY Siyotdpov wids Sebopévng ywvias.
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Tds kaTaokeuds TpaypaTomoloUpey yapdooovTes eUfeias kol kikAous kol
omnpiiopevol els Tas yvwoTds 181dTnTas T&HY oynudTwy. Twpa AoV yvmp{‘
Couev ToMAGs IB16TNTas alT@d v oyETIKGS pE TAS EyyEy pappévas els kUkAov Y-
viag, v dpo1dTnTa kai T& EuPadd TEV oynuaTwy. Zuverrdds eipeba elg BEorV
v& TrporypaToTolfjowpey kal dAAas kaTaokeuds Trépay TéY Sowy Exouey pdbel

§ 48. Ip6PAnpa.

Na xaraoxevaclj tébov xbxiov ué 70000y 76 Bedopévoy  edl. tuijua a, £

T0 dmoior va dyypdperar dedouivy yovia w.
3 a ‘Ewl elelas €  Acppévoue?
e i Tpfua AB=o kal  gépopev  TpdS
%, /%——f—-‘ o TO aUTOd pépos Tis £ Tas  apoh
\ . Y AMous Aueubeias AX kal B"I".l(\d'
Taokeudlopey Topax ywviay YBZ
w =w. ‘H BZ Tépvar v AX els 70
onueiov I". (] yowvia AFB vt
fon pds w KaTd TaS vamdrs
iB16TnTes TGV TapaAAficwy). Ko
TAOKEVALOPEY KoTd T yucod'fd
TOV Trepryeypappvov kikhov TOY
At e Tprydvou ABI (oy. 85). Té ¢
gov AMB alrol elven T& InTol-
pevov, BidT kd&be ywvia AMB pé

11 v kopugtiv s £’ altol elven fom mrpds A?B, SnAadt) fon Tpds .

§ 49. Ip6PAnpa 1ov.

Na xaraoxevaslij retpdywvor To0 o o A .
dmotov 10 Eufadoy va iocolrar mpog T
dipotgua o dedopévarw  TETpAydYY
ABI'A xai EZHO. A

'Eqv xoMéowpev X THV TAv Tiig
TAeupds ToU {nTOUpEVOU TETPAyVou,
0& mrpémer v& elvan x2=(AB)34 (EZ)2
’Emra1d) olrd pas Umevbupiler TO Tru-
Borydpeiov  Bewdpnua, TPAYHATOTTOI0U-
pev thv €€fs kaTaokeunv. Koarookeud-
Lopev OpBoycviov Tpiywvov B'AT’
pé kabétous mAeupds A'B° = AB  xal
AT’ = EZ. Mt mheupds THv UtroTel vou-
oav abToll KaTaoKEVALopEY TO  TETp&- oy. 86.
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Ywvov B'A'E'T" (ox. 86). AUTO elven 10 InToupevov, Bidmt (BT')? =.
(A'B )24 (A'T)2, Sniadh (BT')2 = (AB)2+4 (EZ)2

TpéPAnpa 2ov

Hpdfinua. Na xataoxevaslj tetpdywyor, Tod dnolov 10 dufladdy va loobras
Tpds Ty diagopdy dbo dedoudver tetpaydvwy ABIA xal EZHO (oy. 87).

"Edv koAéowpey ¥ TV TIpHV
Tfis WAeupds ToU nToupévou Te-
Tpaywvovu, Tpémel va elval Y=
(EZ)2 — (AB):. ‘H oyfois ol
G8nyel els THv koraokeunv dpbo-
ywviou Tprymvou pé ol vou-
oav v EZ kad plav k&beTov mAeu-
pav AB. Kataokeudlopev oplo-
hi_ r ywoviov Tpiywvov A'BT" &k Tiig
kabétou mheupds A'T' = AB xal
|_ ¢k Tiis UmoTeivovons B’ = EZ.
NTE. - M¢ mAeupdy TV xdbetov  A'B’
KATQOKEUALOPEY TO TETPAywvov
ox. 87. A'B'A'E’, 16 6moiov elven 16 In-
TOUHEVOV.,

8]

§ 50. "EvioTte Buvédpeda, 510 YEWPETPIKE Y KATAOKEU@MY, V& UETPTIOWHEY QU-
oK pey €.

HMapaderypa :

Metpotpey 10 pijroc axds dévdpov xal 10 edploxousy 22,5 m. 1lds dvvduela
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va petprjamper T fpog Tod dévdpon (yopis va dvagouynlidpuey uéyor Tig xopryis)
xonoyonotvtes xataxdovpor orilov wixovs évoc pérpov; (ay. 88).

Topiotduey 10 Uyos Tol Bévdpou Bi& Tijs kadétou Tpos THv dpifovTial
ypauuiy AB, v criav Sid ToU Turiuatos AT, Tov oTUhov Bi1d ToU EA xdl
THY oki&v Tou B1&x Tol AZ. MetpoUpev &mi ol E8&pous Biar petpoTaivias Thv AZ
xal eUpiokopev AZ—1,5 m.

"Eveibn al fdaxad dicrives EpyovTan Adyw TS PeydaAns dmooTdoews O~

paAAndot, Oc el vcu?.. Ii Téme Suws & dploybuia Tpiywva BAT xal EAZ elval
A AB AT AB 2.5
Opoiar Gpar — = — il

> —= 15 m. T8 ¢ 3 b él-
EA Az T 5 5m. To Oyos Tol StvBpou

vaa 15 m.

Inpelwotg. Aéyeton 811 ué mapdpoov TpdTov & @aiis pétpnoe T Twos  Tis peydANS
mupapidos (kard v TabziBidv Tou els Alyumrtov) kai dréoTrace Tov Baupaoudy TéY alyuTrTie?
gopdv,

'AocxfoerLg

185) Na& xaraoxeudonte Téfov kikhou els 10 dmoiow tyypdpetal ywvia 459,

186) N& Biupsdij Tplywvov els Yo loobUvapa Tpiywva bB1° edfeios Biepyopévns H1x s
TV KOPUPRY Tou.

187) N& xataokevaadij tetpdywvov, Tol dmoiou 16 tuPadov toodta Tpos TO &bpatok?
THY EuPabiv TPy BeBoptvwy TETpaydvwy,

188) N& xaragkeuaodii Terpaywvoy, Tol dmroiou fi Buxydvios {golTar wpos Sedopévo”
Tufipa 8.

&

WnoionoiOrke amoé 1o ivotirouto EknaiSeuTikrg MoAmkrig



rEQMETPIA TOY XQPOY

KEDAAAION 1V

A. IXETIKAI OEZEIZ EYOEIQN KAI ENINEAQN

§ 51. Elcaywyy

Eis Thv A’ T&Eiv, épdBopey Bid T& yewpetpind ateped(f) At aTeped)
kai Tés Siapopds aUT@dY o TOV GUTICTOIXWV QUOIKGY OTEpEGV.

"Ey vwploauey (S1otnTas 16V YEQUETPIXGDV OTEpEGY o) TO péyeBos abtddvy
i Thv ExTaciv Twv gs Tov TpioBidoTaToy ydpov, PB) TO oxfijpa alTdy (v
Hopgpfiv Twv) kal y) THY BuvaToTnTa v dAAGoowuey TNV Béolv Twy EvTods
Tol ympou, Yopls va petaPdMwvrar 1O oxfina kol TO pbyebos avrdv (efs
&vartépav T&EIv 8% EeTdowpey AemTouepiaTepoy THY IB10TNTA aUThv Kal ile;
ndBoopev, &TL els tkdoTnv Béoty Umdpyer aTeped ioov TPds TO HETATOTLOUEVOY).
Téhos ¢y veoploaiey B1&Qopa yEwRETPIKK oyfuara (eUfeiav, érimedov, ywviav
Tplywva, kikAoY, ToAywva, TrplouaTda, TupapiBas, kUAIVBpov, kdvoy, Kai opal-
pav). 'Ex TGV YEWUETPIKDY OYNUITWY, AAAa pév Exouv SAa TG oTuEia Twv
i ToU auTol fmimiBou kad Aédyovtan émimeda oyfpoata (ds té o edbea, yo-
vig, Tplywvov, ToAUywvoy, KUKAOS), &MAwv B T onuela BEv keivron OAa i
Tol avtod émiméSou kol Aéyovtan wi) émimeda yewpetpnd oxfuata i ore-
ped oxApata (ds T&: mwpiouara, Tupouibes, kUAtvbpor, k.&.).

To pépos Tiis Mecoperpias, 16 Omoiov dvagépeTan gl TRV peAéTny TAOU Emi-
By oxnuaTwy Aéyetar Fewpertpia tob ¢mumébou (7 tmimeboueTpia). To be
Hépos aUTis TO &Gvagepduevo els TA IBIGTITAS Kl TGS OXETEIS TV YEWUETPIKGD Y
oy nudTwY ETITESwY Kol oTEPER Y els TOV X&pov, Myeron Tewpetpia tod ywpou.

Mi T BedTepov aUTd pépos TR yewpeTpias, B AoxoAnb&uey év ouvexeia.

§52.°0 yopos tvros Tol Smolou dvtidapPavoueba Sid TGV alobnoewy
Hag TX QUOIKS GVTIKEIpE VK, dvopdletan alobnTos xdpos. Elg tov adabntov y@-
pov AapPévopey «iStavy ol onueloy Bia TS alyuils AettTiis PeAdvns, Ths EU-
Belag Bia TeTapévou AemToU vApaTos kai ToU emimidou S Tiis Emgaveios
UahoTri vaxos.

*Ek ToU alofnToU ywpou oxnuatifopey Bia Tis vorjoews Tov Tewpetpinov
x@pov, dooaipolvTes SAiyov kot dAiyov Tas alobnTas iBioTnTag v duTi-
KELPE VLo V.
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Zrouyela ol Mewouepikol ywpou elvar Ta onpela, ai edbelar xal T&
énimeda.

Té&s iB10TnTas 1@V oToIRElWY TOU lMecopeTpikol ywpou BiBopev wé pepikds
Paoikas mpoTdoes, Tds dmolas dvoudlopey aEidpara.

A B

§ 53. Kabopiopdg pidg edBelag elg tov X®pov —
"ABiopata oy, 89a.

1. Aix 8o Siakexpipéveoy TUuxSvTwY onpeicav ToU Xwpou Siépyeton pia
eUbsia xai pdvov pier. (ox. 89q).

2. 'H ebbeia elvan &mepidpiotos (BnAadf) TO elB. Tufua AB BUvaTon vé
TpoekTalfy ExaTépcoben).

§ 54. "Opiopdg Tob Emmédou.

"Edv mapatnprowuey tThy tmpdveiay ToU fipepolivros UBarTos &g udaro-
Se€apeviys 1) Evos Soyetou 1y ThHv Emgdveiay Tol Yoo vakos, AauPdvopev 18éav
g émnébov Emipaveiag,

Al va EfarpIPiowpey TpakTIkds, v pia emipdveiar elvan Emrimedos,
BéTopev Em’ aUTfls Eva kavdva, TOV GTroiov HETaTOTTGOUEY TTPOS Blagpopovs
S1eublvoers, mapaTnpolvTes E&v 1) dxkun alToU Epapudln els Shag T BéaEls
éml Tfis empaveics. "Exopev Aormov eis tov [ecop. X®pov TO k&Twbh &Eicopat :

"Ev éninedov (p) elvau pia émpdvera, Tolad™) dave, iy Svo anpeid
pidg edBelag xeivran énl Tob Emmébou, tére OAbxAnpog W edBeia xeltol
éni adTob.

Al e0Becn &vds EmméBou elva, s efropev, drepiopioTol, &pa kal To érl-
medov elvon pla Emgdvein dmepidpioTos.

Mupdotacis Tob Emnédou

"Emeid) 16 émwimeBov elvan pia &mepidpratos EMPAVEID, TTOpPIGTEUEY MOVOY
- Ev pépos ool ouvhifes 510 Evog épboyw-

J/ viou (ox. 89). To &pboycoviov adtd gai-

VETQ TTPOOTITIKESS @S £V TapoAAnAdy pappoV:

/ Em’ ool 88 onueioliev Ev téhy  SmoptveV
/W AaTivik@v ypappdrov (p), (q), kA

Enp. *H TowlTn Suws mapdoTaals Tol  EMY
oy. 89. wtbou BEv wpbmer vd pds wapaoupn, dote va A"

: opovéuey 81t T EmimeBov elvan pla bmigdvers, i &
wola ktelveren &mepioploTeas,

&
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§ 55. Kalopiopdg &vog é&mimédou elg Tov ydpov

"AElwpa : Ak tpudv onpelwy, td dmola 8¢v xeivrar éni Tig adbrig
eblelag Suépyevar &v wal pdvov &v émimedov.

MpaxTikéds elven elkodov v& EmTUxwuey THY dvamapdoTacty ToU kabo-
ployolU ToU Emimébou. TomoleToluev
Wiy petedAikfv TAdka &l TPIBdY On- Ve i
beleov .y A, B, [ pn kewéveov  émi Iy 8
THs abTiis elelas € kal  TapaTnpoluey
611 alrn emnplletal i’ oUT@v (o). J A . L
90). (Tolro Btv tmTuyydveran & &/ A T— e
8o onuefcv). 'Edv  Behfocopsy  va Lo R
omnplfwpev kol &AAnV  peTaAMikhv 2
TAGKka &l TV TPy onpelwy (Y.
Gkpwv drlBwv petadhikédv) A, B, T, 6 &>
TapoTnphowuey 6Tt abTh 8d fpapudon Emi Tis TpdTns  peTaMKs ko
kol af #mimebor aUTdY Emedveicn 8& ToumioBolv. ‘Ex  Tadtng xal  &AAwv
Trapopolwv Tapatnphoewy Eml gaivopévwy THs xkoBnuepivils  Goofis (T .
Tp&melan, Tplmobol, kaBiouaTa k. &.), SikaiohoyoUuev Biati tBtoauev els Tov
Tecop. yépov 7o &uwtépw &flwua. Auvduea va oupmepdveopev dkéun, 6T1:

I. Ad pidg edOelag xal évdg onpelov A, Td dmolov Bév xelvar én’
adth Suépyerar &v xai pévov &v émimebov

Qewpolpev play evbeiav € kai v onueiov A gktds auTfs "Eav A&Puwuey i Tijg ¢
Buo Tuxovta onpeia B kai I kal Becopnowuey kai TO onuelov A, Exopev Tpia

gy

/ A
oy. 91 ay. 92.

onueia pny kefpeva &l Tis aUThS eUBelas kai cos EpdBopev TalTa Spifouv Ev Emi-
TeBov, 16 P el 16 dmolov keiton kai ) € (Biotl;).

AUTO Buvdpeda kol TrpakTIKGs v& BiamioTOowpeY, E&v oTnpifwopey piav
brimeBoy petadAikny TAdka Eml Evos TeTapévou viparos (ouppaTivov) e kai
tvds onuelou A (&xpou dxiBos), TO dmoiov KeiTan ékTos ToU vAuaros. To émi-
TeBov oTpeopevoy Trepl THY € BUverTen v& B1EABN Bia mdons véias Béoews ToU
onueiou A. (Zy. 92).
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IT) Awa 860 tepvopévmv edBeirv Siépyetar &v pévov éminedov

ToUto oupPaivel, &1 Fyousy Tpia onugia & O, A kai B 1& &mroia 6tV
KelvTan émi s aUTfis edBeiog.

ay. 93 ay. 94.

Auvapeba vé Biamotdhowuey TotTo Kai TPAKTIKGS, Edv TomoBeTHowieV
piav petaddikny TrAdka Eml Suo ouppaTivwy Vnpdtwy, Td dtroia fxouv EV
KooV onueiov, dmédTe O& Seopev &mi alrn oTnpidetan &0 alTéyv (ox. 94).

III) A 8Yo maparifdlwyv edbedv Siépyerar &v pévov Emimedov

AUTO elvan pavepdy, SidTi Blo Tapah-
AnAot eUeion, € Spiopol, kelvran els 1O al-
76 émimeSov (oy. 95).

‘Qote 10 twimeSov dpileTan

I. "Ynd tpidv onpeiwy, té dnoia 5ev
xetvrat énl tig aitig evfelac.

//_-‘\

oy. 95.

IT. “Ymo pudg edBeiog xal évg aneiov, o 6molov Hev xeitar €lg adthv.-
I, “Yno 860 tepvopévary edBerdy.
IV. "Y7o &b mapadifiwy edberdrv.

©éoeig clBe1dY Kal Emmnéduy

§ 56. 1. Zyetinai béoeig edBeady elg Tov ydpov

A. Ao Srokekpipévan edBeion €, & SUvavten v Exouv Tdg €75 Béosrs
a) Na& ketvran els 16 atrod emimeBov (v& elvan ovverritedor),

B) N& pny ketvren el 16 avrs ErriTre-

Bov.

Els thv 1rpcyTnv TEPITTLWOIY af etBeicn il
fa Téuvew vTar A 0 efven TapdAAnior., ¢

Katd vijv Beutépav TepiTTRwaIy By Té- ;%Mv
HvovTal kol &év elvay TapéAAnAol. Tére of 4 7 .
eubeian €, ko ey Ayovran GodpBator elleic Fi
(N o1pePhai fy pf ou verrimedon). (Zy. 96, 97) ox. 9. ox. 97

&
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II. Tpeis 7| meprocdtepat elBeion SUvavTo :

a) N& elver ovverin:tor (oy. 98).

(e =
7
e, <
&z
é ; / e e
€z
ay. 98. ox. 99. ay. 100.

P) N& Bitpywvran S Tol alroli ompelov, yewpls vé elvan ouverimesor
(ox. 99).

y) N& elven dvk 8o wapdAinhor xwpls vé elven ovverrimeBor. (Eis v
Tepimrraoty abthv Exouv Tds 1816 TOS THS mapoAAnAias, Tas émofas éudBopev)
(ex. 100).

§ 57. Zyerunal Béoerg edbelag wal EmimnéSou

o' meplntwolg

'Eqv piac eUBelcr € Exn SUo korvd onpeia A
kai B ué dv émwimeSov (p), alrrn xelton s T Erri-
TeBov TolTo, s udBopey Ko ToV oplouov  Tol

Mimou. (. 101)

P 2 B’ meplnrwoug :
\
» "Ecv edfeia £ By By HOVOV KO1VSY onpelov M i
S o 7O EmrimeSov (p), Abyopev 6T 1 elbeia € Tépvel TS
/’ émimeSov almd fy &1 T emrimeSov (p) Téuver Y -
Beiav €. To xo1vdv onueiov avrdy M Atyetal oy-
oy. 102, petov toufic i yvoc. (Ex. 102)
e
z
\——"—‘—*— \ y' mepintwaig :
&\ N ‘Eav téhos uia evbeia ¢ olStv En Kovdy on-
ox. 103. pefov p 1o drrfmeSov (p), Myopev 811 alrn elven

TopdAANACS Tpds T ErrimeBoy oo, (Zx. 103)

16
WnoionoOrke amo 1o ivotirouto EknmaiSeuTikrg MoAmkrg



242

&7

§ 58. “H ¥vvoia tol Huiywpov

*Ev &wlmedov p, Emwedn mpoextelveTon &meploploTes pds SAog Tdg Siev-

2

i

4

ox.

A
e
A/
z.?

104.

BUvoers, ywplle TV yépov els Buo  Tepioyds 2
kad Z, Adtal of SUo meployal  kahoUvTan Al
xweot. (Zy. 104)

*Edv 8o onueia A kol A’ &vfjkouv &vrioTol-
yos els ToUs BUo Apiycdopous T, kal E,, 1) evbeld
AA’ Teépver TO émriedov els Ev onueiov M, peraly
T&v A kod A’, TO dmoiov kahoUpey onueiov Topfis
Ths evbelag kai ToU émimeSou. ‘H fjmeubeia MA e
piéyeTton els TOV Muixwpov Z; kad 1) MA" mepiéx®

Ton els TOV fjpiywpov Z,.

§ 59. Zyerwal Béoerg émmédwy

A'. Alo EmiméBwv

o) "E&v 8Uo Siokexpipéva Emimedo (p) kod (q) £xouv ko Blo  onueld

A, B 8& Exouv kowvfv kol ThHv edbeiav AB
(Bratl;). TéTe Abyopev 611 Ta Emimeda (p)
kal (q) Téuvovran kata TNV edfeiav AB. *H
0Bl aUTh) AéyeTan wopdy TV SUo Emimé-
Sawv .

T& Emimeda (p) koi (q) Bev Exouv &A-
Aov koivdv onueiov I, TS omoiov xeirat
tktds This edfelas AB, BidTt TéTE aUTa B
elyov Tplax xorvd onpeia pry  keipeva &l Tig
ocG:rﬁs eUbeias kal 0& ErauTifovTo. TolTo Spws

oy. 105.

Stv elvon Suvatdy, vt T& Emimeda (p) xal (q) elvar Srakekpipéva, Ta gl
meda (p) kad (q) Aéyovron Tepvépeva. (ox. 105)

Enp . Avo Srakekpipéva ErimeBa, &y Exouv v ko1vdv onueiov TépvovTan katd  piav e
Oelav, 1| Omola Biépyeran Bk 7ol onpelov avrol. (CAfiwpa).

B) Avo Emimedo, T& moia Btv Exouv kolvov ampeiov  AéyovTal Tapdr”

Ande [(p)//(@)]- (ox. 106).
B'. TlepioooTépwv &Y Slo Emméduwov

o) Tpioc 1| meproodTepa EmiTredar BUvavTal
Bibpycovtar Bi1& ToU autol onpelou (ox. 107)
L Bix wds evbelas (oy. 108).

ox. 106.

yd

&
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P) "E&v Blo Biokexpipéva mimeda elvon TrapdAAnia Tpds TpiTov elvan
kal peTafl Twv TapdAAnAa. AUvavrta OV VETTEIS
xal TeplocoTEpa TV SUo EmimeSa, v elvon dvd
8Uo mapdAAnAa. Tlapdderypa: Al dpopad (R T&

é ; Bémreda) 1@V Spdewy ds ToAukaTolkias, Topdi-

AnAor rpds TNV dpoehv ToU o épbpou (R TS ESa-

D eos) elven kal petaly Twv TapdAAnior. (Zx- 109)
'Aoufloerg

of 8. 189) Els tHv aifouoav Sifcokahias vd elpnte elBelag

) TapaAAfidous, B) Teuvopévas kol y) douppérous.
. 199) Els Tv aiBouoav si8ackadias dploaTe T& Lebyn T@v Tepvoptvey Bmimebwy kel T&
YN mapaAdidwy  Emmébwy.
e 191) *Eyopev Téooapa onueia A, B, I, A, td édmola Btv kelvran ml ToU alrrol dmiméSou.
YpeTe Thv Touyy T&v Emmédwy ABI kal ABA.
l 192) Karaokeudaoote Tpels mapadAflous ebBelas gy, €, kal g a) &Tav kefvton els 16 alTd
5"[TI‘ESOV kal B) &tav Btv kelvton Shat els TO auTd Emrimebov (.. Eid vmpdTwy TapaAAfiics
aTeBeipd veo v).
" 193) AfBovren émrimeSov (p) kal pla ebeia & TapdAAnos Tpds aUTs. Tod TUXGV ornuelov

ToU EmméBou (p), dpiler pé THY € v EmimeSov (q), TO dmolov Téuver TS EmimeSov {p) xatd
oy elfeiay 5. Tofa ) oxenikdy Béoig Tdv elbaddy alTdy € kal §; (Biatl;)

8. EYOEIA KAGETOZ EII ENINEAON—KAGETOTHE EIINEAQN

§ 60. F'wvia §%o dovpfdrwy edberdv.
 Oewpolipey 8o edbelas xy' kal wy' Tol ywpou, ai dmolan elvon dovpPa-
OL "ATO v TuydV onueiov Tis mds gépouey TapdAniov TROs THY &AAn.
Xnuatifovrar TéTe Téooapes kupTal ywvia, &k TGV dmolwy SUo elvan SEeTen
o) kad BUo &uPAeion (locn) f) Téooapes ywvicn dpbal. (Zx. 110).
. Twviav §%0 dovpBdtwy edbeidv yyx xal Y’ bvopdlopev v dEciay
T v dpBiv) ywviav Ty émolay oxnuatifouv al Y’ xal 4 wapdiin-
oS mpdg THY xx', XX, § Siepyopévn Sk onpelov O tiig Yy’

rr g7

_ /y A T _/J/
xl;__% ——————— X £ E

ay. 110. ox. 1. oy. 112.
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"Apa fy ywvia TV BUo elady xx' ki ' elvon # yoov.(OX, OY)
(ox, 110).

Alo elfelon Myovtal dpBoydivier, dTaw f) ywvia T elvor 6p8h (Sy.111)

"Eqv BUo evBelon Tépvwvton kai elven dpBoydvior, elvar wdbetor. Qg o
paBelypa dploywvlwy edBedy, dvapépousy T uhy TapoAifAous dkpds VO
xUPov (oy. 112).

§ 61. Kaberdtng edbelag wal émmédou

Mia ebOein e tépvovon 1o éninedov (p) eig &v onuelov O Aéyertar nd-
Betog én’ adTo, &y elvon ndBetog mpdg Bheg Tag edbeiag Tod ¢rmimebov
g Siepyopmévag did tob O.

o 5= QLMUTW/

oy. 113. ay. 114.

Avvdpeda v& BlamioTdowpey, 8T1 N £ elvon dpboydovios TTpos OAXS 708
eblefas 10U (p). (oyx. 113).

*H karaxdpugos Tour) Buo Tolywvy Tis oxohikijs albolons, elbeia AB,
kéBetos Tpds s Topds BZ xad BE té@v bmimédwy Tév Toixwy kal Tou ¢
édou ToU Sarrtdou. Ak Tol yvdpovos SiamoTtoupey, 611 1) AB elvan Kc':(ai‘rf9
Tpds SAas Tds edfeias TolU TaTwpartos, Tas Siepyouévas ik Tol B. ZUUE““";’
1) e0feicx AB elvan k&BeTos Trpods TO méTwua. To altd Taparnpolpey Hi1d 'rﬂ"
eUfeicy mreproTpopils  (FA) (a8
Befav Biepyopévnv &ix T@@v oTP
pkwv Tns) THs BUpas T aifo
ons (ox. 114), "Eav  &voryokh”
owpev oty kad cnusacbow“iw
S1&  kipcoAlas émwi ToU Hored?
Tas Siagdpous Béoeis  THS Kd™
eUBuypduuoy dxpfis T BUPAS
ox. 115. TopaTtnpiowuey 611 al oxnke

Tibuevan ywvion Umd TRV

glvat

L
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Aoy fusuBady xol Ti)s edfelos  mepioTpoefis THs BUpas, peTpoUpeven &1
ToU yvopovos eiven dpbaid. "Apa 7 elfela [A elvan kabetos &l O émimeSov ToU
TaTeopaTos. Al va aiTIoAOYNowPEY TAS AVWTEPW TIOPATPTCEIS, TTEPECIVOUEY
800 yvhuovas TOv Eva &l ToU &Mou els TpdTov doTe vd Exouv plav xolvhy
TAcup&y AB Tijs opbfis ywvias kal TomobeTolpev adtous &mi ToU émméSou eig
Tpdmov doTe 16 A va ol pé 16 onusiov O kad ai mAsvpai O kai O
v&x keTvton eis 1O Emimedov (oy. 115). ‘H kowvd) mAeup& OB 16v SUo yvwpd vy
elvcn kdetos émi Tos elfeios OF ol O ToU émimédou s 10 O (OB | OF wkad
OB_| OI", s k&B:tor mhsupad dpboywviou Tprydvou).

AV Evds TpiTou yvdpovos BiamoTtoUpey, &1 7 edfeiaxr OB elvan kdBetos
&ml T&oav elfeioy Tol Ev Adyw EmiméSou, Biepyopévny Si& Tol Kotvol onueiou
O 1¢v 8o Tepvopéveov elbaddv Tou, dpa elvan kéletos émri TO EmimeSov (p)-

*Edv  edfela eiver udbetog mpog 800 Tepvopévag edleiag émumé-
Sou, elvan ndbetog mpde o émimedov adTéd. (‘H wpdraois alrn efven Ev omwou-
Saiov fechpnpa THs Mecopetplas Tol xpou).

Znpelworg Mia edfeia £ kafetos érml piav  edbelav
& 1oU Emimédou (p) elven Buvatdy v elvan kédetos éml
T0 dmimebov, GAAK elvan Suvatdv kal v wi elvaen §
v& keiTon eis admd, *Edqv edfeia Tépvn Emimedov ywols
V&t elvar kéBeTos Tpods alTd, Adyetan mAeyle wpds T
(p). (oy. 116)

§62. *Is18tnTeg THg naBétou—(Bew- ox. 116.
PhmaTa)

E&v ypnoipomolowpey TO ovoTnua TV yvwpdvwy Tiis § 61 kaTon-
Youev el T& £Efs oupepdopaTa

o) ’EE Evos onueiou O ToU émimeSou Suvdpeda va pépwpev pdvov piay
®0eicry k&deTov Tpds TO EmimeSov.

B) Ao elfeiocn £ kai & kdBetol pds TO alTo Emimedov (p) elvan TopdA-
Aot (oy. 117).

=

ox. 117 ox. 118.

]
i
i
1

Y) Ao gv onueiov A, émi §) &Tés EmméSou Suvdpeba v pépoopev  piav
Wdvoy k&beTov Tpds alTéd (ox. 118).
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8) 'Amd Ev onueiov Suvapeda v& pépwpev Ev EmieSov ké&beTov Tpds pla¥
eUBeiav. To onueiov ToUTo elven Buvotdy v pfv keiten &l Tis AB | v kelTal

bl airiis. Al ToU ouoThparos TéGv 8o yverudvwv elpeda els Béorv v opl
owuey Thy Blorv Tol &v Ay Emmidou, &5 ToUTto galvetan s To oyfua 119
kal oyfipa 120,

€) Alo dmimeda kéBera Erl
- Ty abThv edbeiav elvan Topdh
/ _—“”‘\.\ AnAa (Biori; ). 'Edw Eréuvovto S

/é Lot / T6 onueiov A, 04 efyopev ¢ ov-
Zae A

ToU 8o émimeda kébeTar dmri THY
ﬂg / el aUTv eUBeiaw.

B £) Mic edfeic kdBetos eis €Y
l &k SUo TapaAMiAwy Emimrébooy €l

ox. 121, val ké&BeTos kad Tpos TS &AAO.
§ 63. *Andoracig onpelov dnd Emrédou

Eimopev 6T &md &v onpeiov my. O, 16 6-
moiov Bév keitan Erl dvods EmiméSou (p) Suvdpedo v
oépowpey plav pdvov ké&betov il o trrimedov, THY
OA.

"E&v & ToU O gépeopev kai Srapdpous Ty fas
mpds 1o EmrimeSov, 8% BiamioTdowpey eUKOAwWS BT1
1) k&BeTos elven pikpoTépa T&o NS Tl TnS TAcry fog
(UX‘ 122)' X 122.

To pifjkos Tfis kaBétou OA, 16 bmroiov &yeTon

&mo 16 onueiov O ¢l T EmimeBoy, Aéyetal dméoracig ToU onuslou O m"‘f
ToU émiméSou. (To fyvos A Tiis kefétou OA Agyetan mpoBody) ToU A #ml ToV
¢mimebou (p)).

§ 64, Kaferotng émiméSwy

Eimouev els v mponyoupévny § 61 11 # evbei N Biepyopévn Sid TAY

&
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OTpogtwy THs BUpas oyolikiis alfolons elvar kédetos émi 1o &mimeSov ToU Ba-
TéSou. ToTe TO Emimedov © Tiis GUpas alTfis Aéyeton émlmebov udbBerov &mi
1o dmrimeBov ToU SaméBou (Bi1om étomobetnifn katd ToloUTov Tpdmov, CoTE
& mepityn THY TA kéBetov éml 1o dpilévriov Emimebov Tol Samébou, fiTol
FA xoaraxdpugos) (ox. 114).

To altd oupPaiver kad Bid Tous Toiyous Tiis aiffolons Bibaokahias (f Tiis
olkiag), ol dmoior kaTeokeudotinoay olTws, MoTe v& TEPIEXOUY KaTaxKopdpoug
Wbeiag, fitor eUBeias kabétous éml TO Spldvtiov émimeBov ToU  BorméSou
B i 6popfis. (Znu. Of kTioTan kaTd TV kaTaokeuhiv TV Tolyxwy wds oiko-

oufis xpnotpoTooly To vijpa Tfs otaBung Sia va émTUxouy doTe of Toiyol
Y& elvan kaTaxdpupol, BnA. k&BeTor &l T v dpIlovTIoV Emi@avEIay ToU Satrédou).

'E§ Sowv &vagépopey dvwTépw oUNTEPXiVOUEV  yevikdds &Ti:  “Ev &
ninebov (p) Aéyerar xdaberov mpdg & &Adov
ércimedov (q), éav mepiéyy plov edBeiav ndbe-
Tov énl T (q). (ox. 123)-

Auvauefa va SriomoTtoowpey T éav (p) | (q)
TOTE Kal (q) L (p). AnAadn els THv koBetdTnTa
TGy Emmedwy loyUe 1| ouppeTpikn iBidTng, fiTou:

(P)1L(q) = (@)1 (p)

'Aoxfoerg

ox. 123.

194) Edpete tvrds Ths alBouons

a) 'Emimeda xéBeta kal P) tmimeov woapdAAnAov mpds 1o Bémebov avTfis, y) Emwlmeba
SpiévTia Kal kaTakdpupa kai §) evBelas kabérous éml émimebov,

195) AiSetan twrimebov (p) kai év onpeiov B, 16 dmolov Stv keitan &n’ alrol. 'Ex ToU on-
f“iou B yapdooouev THv BA kdBetov mpos To EmimeSov (p) kai Thv mAayiav mwpds abtd BT

&v 76 pfjkos THs BA elvan 6 em xal Tfis Bl elvan 10 em va Umodoyionte 16 pfikos Tiis AT,

196) AiSetan evfeia g, £l Tijs dmolags AauPdvopev onueiov A. Elg 10 anueiov autd Suvé-
e vy pépwpey els TOV ydpov dmeipous kabéTous el THY €.

"EfevdoaTe T elSos ToU oynuaros, Té dwolov wapdyeral dwod alrds Tds kabirous. (Aia-

WOCTE PPACTIKGS TA OUPTTEPAOHATE O0as).

197) AlSerar émimebov (p). "Eorw pla evbeia, # dmola Tépver 76 EmiweSov els v onpeiov

3
B
A
AL
ox. 124. oy. 125.
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A xai elvan kéBetos Eml 16 (p). "Amé Ev onpelov B Tfis & pipousy Thv k&Betov BI pds piay Tv-
XeUoav elfeiav A 1o fmmédou (p). "Efevdoare tav ai Al kel TA elvon kéBeror (pé ThHY
Porifeiav TGV TPIGY yvwpdvwy Tiis § 61).

198) Aideton twimeSov (P). 'Eav (€ Evds onpeiou A ToU tmmébou Pépwpey TV k&BeTOV
AT elg piav elfeiav abTol, Selfoate &T1 ) elfela | dmola ouvbter To onueiov [ pt fva arnpeioV
Tuxov B Tfis kabétou Eml ¢ trrimeBov (p) els O A elvan k&etos Emi Thv [A. (Sy. 124). (Mé
Thy Ponbeiav TEV yvwpdvew).

199) Aiberan érrimeov (p). "Edv ¢§ Evés onuefov B, fxktds ToU EmimeBou (p), pépwieV
Ty kK&Betov Bl els piav edBeiav A ToU dmimébou almol kol petd pépopev THY x&bBetov TA ()
dmofa keltan &l Tol (p) ), i Ty A, Beifare 811 #) kébetos 1) dyoptvn & Tod B éml Thv
A elven kédevos trl 16 Emwimebov (p). (Zxfipa 125). (M2 1iv BornBeiay TéY yvwudvev).

&
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KEDAAAION V

METPHZIZ TQN ZTEPEQN

A.EMBAAON EINISANEIAYX KAl Or'KOEZ OPOOTQNIOY IIAPAAAHAENINEAQY

§ 65. Opboywrviov mapardnheninedov clvan £v oTepedy, TO dmoiov &rro-
Tedeitan ammd 6 Spboycovia (els TpdTov hoTe k&l TAsupd Ek&oTou, v elvan
kolvn) £vods pdvov dhdou). Ta dploymwna alrd dvoudlovran E8pan (1) Paoeis)
ToU opfoywviou mapad [Gou. Al mhevpai aUTdv Myovtal dkpal. Alastdoelg
ToU TTapaAANAETITESOU Afyopey T& prkn TV
3 dxpddv, ai émolon ouvtpéxouv els ThHv alb-
Thv kopugnv. ‘H pla ToUtwy Aéyetan pfixos, 1
&AAN TAGTOS Kad ) tpiTn Uwos. [Ty, els 16
ox. 126 ai AB=a, AA=pP kal AA'=y.

Araydrviov 100 dpboy. mapal [Bou dvo-
pdouev TO Ub. Tufjua, TO dtoiov pifouv

ox. 126. Blo kopupal aUToU, al dmolan BEv kelvTal
¢l s aUThs ESpas.
Auvdpeba vd pedetiiowpev Tos [BidTnToas ToU Sp8. Tap /Gou pE TRV

ox. 127. oy. 128.

Bonfeiav oTepeopeTpikol Umodelyuatos (povtéhou) Spfoywviou  TrapodAnAe-
TTéSov, uE YAomomnpévas pdvov Tas druds tou (. ék okAnpol oUpuaTos)
kal els O dmoiov al Siayduior elvan ék vyMpaTwY KaTeoksuaopévanl.

a) Al dxupad ToU &p. Tap/Sou, ai ool elvan mopdAiniot elven ioen.

B) Al &mévavtt €pot aTol elvon TwapddAnior kad ool

v) Al Biaydviof Tou Sitpyovran &1 ol aUTol onuelou, TO émoiov evan
TS ploov k&fe wds i€ alTdv kal AéyeTon xévtpov Tol dploywviou Trapohin-
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AemiméBou (elven kai kévtpov ouppetplos odTol).

Enp. Al dvetépw 1B16TnTes loxbouv 81" Sha T& TapahAniemimeba; dx & [Scopev els T&
mpooexf] pabrjpara.

&) Al Siaywwviol Tol dpboywviou wapadAnAemiméSou elvan foo.

Auvépeba v Umoloylompev TO ufjkos Tis Biaywviou €vds dpboycoviov
TapoAAnAemiméBou ouvapThoel TV BiaoTAOEDY Tou.

Ay v& UTToAoyiowuev THY Siaydviov Al =58 ToU épboywviou Tapaiin-
Aemmedou ABIFAA'B'T'A' (oy. 127) papudlouev o Mubaydpeiov Oecopnua els T&
SpBoyddvia Tplywva ABI kai ATT' (16 Tplywvov AT’ elvan dpboydavioy 51671
N T efven k&Betos els 16 dmimedov ABIMA &pa kébeTos kal &l thv [A. ‘Ewo-
péveds ywvia Al/_\l"r:l 4ph.).

Ol Exopev : Al 2=Al24-[T'2 ko AM2=AB2-LBl2. "Apa Al'2—AB2+
4 B34 TT'2 = 82=o2} P2+ y? kol Emopbvers § = V?Iﬁ_ﬁ +y2

‘H dmréoracis Tév Emmédwy Sio dmévarmt E8p&v dpoywviou TapahAn-
AemiréSou AéyeTon Uwos alTod.

"Enpadov Tiis émpavelas dpB. mapal /Sou elvar T &bporopa T@Y EuPaddY
TV E8pdv aUTol.

"Avamrtuyua dploywviou TapodAnlemiméSou elvan 7 EmieBog Emp&yed
Ty omolav AauPdvouey, tdv kdpwuev aiTd katd wikes THs B ked téyv BB
BA, A'B’, TA, A'T", TT" kad &varmrrUwpey &ml Emimédou {ox. 128, 129),

§ 66. "Eppaddv tijg émpavelag dpboywviov mapaiinieninédou

Oewgodpey  doloydwoy  magalindeninedov pé daordoess AB—=a, AA=f
Ad'=y (ay. 130). Na efoyre 0 éufador Tijc Enwpavelag adrod.

Mapoatnpoluey 811 16 EuPabdy s &

% r- Spas ABTA elvon o.f kafics ériong o.p elval

/ /': B’/’/! 7O EuPadov s E8pas A'BT'A’. (Siatl;).
B To ipBabov THs E5pas ABB'A’ elven oY
v /)é____,kﬁ T i xabcs kal Tis dmévavm E8pas auTiis AIT'A"
8 s A Tfis €pag AA'A’A 16 uPaboy elva B.y k&
A B Boxs kol Tfis dmévavti Tns £8pag BBT'T. “QoTe

7O tuPabov THs émpavelas Tol  dpBoycovioV
oy. 130. TapaAAnAemiméSoy ABFAA'BT'A’ glvat

E=20p + 2y +2py # @@@I
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§ 67. KbPog.

KbBog elvar &v dpbBoydviov maparinieninedov,
tob émolov Shar al dxpal elvor toon.

‘Eroptveos of E8pan Tou elvan TeTpdywva ioa (oY,
131).

A& va eUpeopev TO pfikos  Tfis  Sieryeoviou  Evds
kUBou Epappdlopev Tov TUTTOV 8i=aP+ B+ y? kai E-
Xopey B2=alfalfa? dpa B2=3c? = S=a /3

To tuPadov Tis Shikiis émgavelas oUTol elval

E=2.(c.ataoataa)=23c® 4= | E = 6a?

A oxfoelLg

200) *Opfioywviou TapaAnAemimiBou el Sicordoeis elvat 6 em, 5 em, 4 em. N& immoAoyionTe
TO EuPabov Tis Emeaveias aUTol.

201) Kataokeudoate 1o &vémruypa évds kiPou dxufis 3 em xal elpere 1o EuPabov Tiis
frigavelas Tou.

202) Aiseton dpBoydoviov apadAnerriweBov. Al Tpels alrol Siaordoes elvan dvdoyot
Tpds Tous &piBpols 8, 10, 12 kal o EuPabov Tiis Empaveias (SAkfs) Tol dpboywviou Tapah-
AnAemiméBou 2368 cm?. N& umohoyiofolv ol BiooTdoes auTtol.

203) To tuPaddv Tis dAudis Emgaveias évds kiPou elvan 54 cm?® N& elpnte Td piikos alrol
kel 1o pfikos Ths Siaywviov Tou.

204) AfBeton Té pfixos, T Uyos, kal To pfikos Tiis Siaywviow wids EBpas dploywviov Ta-
PedAnAeTriméBou. N& edped 16 EuPabov Tiis tmpaveias alTol.

"Oyxog oreped®v

§ 68. "Oyxog Evds orepeol Aéyeton fy Ekteols Tol
A X opov, Tol TepikAclopévou UTo TolU oTepeol, ExTEppa-
opévn els povédBas peTprows.

Mérpnotg tob 8yxou évdg orepeod
Tl Tob Syrou Evds otepeol elven & Adyos TolU
Sykou aUToU Trpds THV povdBa petprioews 1) ouykploews
6y Sykwv. THY Tiunv Tol Sykou ToU oTepeol ..
) I ABFA (oy. 132) oupBoAifopev Bix ToU (ABMA) xed Tov

oy. 132. &ykov aUtol S 1ol V i Vi,
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Mérpnowg Tol yxou tvods otepeol elven ) elpeois Tis Tipfs ToU dykou al-
Tol. ‘H Ty 10U Sywou vds otepeol elvan & dpiOpds, pt ToHv dwolov -
TEl v& TOAAGTAQTIGOWHEY TNV povdda Bid v Exwpey 1OV Gyxov alTol.

Movddeg &ynov

‘H povas ol &ykou elvar 6 Sykos Evds kUPou, & dmoiog Eyel s drpny
v Exheyeicar povdda prkous.

Qs novdda piikous Speas Exouev dpioel T6 pétpov (1 m), &pa 1) povas
Sykou elvai & Sykos Evds KUPou dkpfis Evds péTpous fiTor TO ooy pé-
Tpov, TO Omolov onueoltal ouvTéuws (mB).

Al dmodiaipéoelg tob xuBixod pérpou elvar :

1) To kuPikdy Bekatopetpov (dm?), fitor & Sykos Evds kUPou TrAeupds pi-
kous 1 dm.

2) To xuPikdy EkatooTépeTpov (em?), SnA. & Sykos Evds KUPou  &kpfis
pnkous 1 em ko

3) To kuPikoy yihooTépeTpoy (mm?), fitor & Sykos tvds kUPou TrAsupds
prikous 1 mm.

§ 69. "Oyxog épboywviov maparinieminéSou

Alderar dpboydvior mapaddndeninedoy pé dacrdoere a= 4 cm, =5 cm
kel y= 3 cm. Zxeglcive nidg dvvdpeba vd perpfiowuer 16 év Ay dpBoydrior
nagalinleninedoy.

Lia va elpapey Tév Sykov Tol dpboywvioy TapaAAnAemimiSou wAnpol-

- : MEV TO oTepEdY Pé kUPous TAeupds
: e prkous 1 cm. Ak véd wAnpwdi
ToUTO Ype1&lovTar 60 kUPor Syrou
foou mpds 1 em® ftor V= 60cm®.
i TMapatnpolpev Spws 671 kaToA?-
youev els TO aUTd drroTéAsopd,
7 E&v  moAAamAactdompey kol TS
i '§ Tpels SiaoTdotls ToU  dphoywviov
= . mapaAAnAemireSoy, 81T
oy. 133. 4em-5cm- 3cm=60cm3.

FC7

“Apa V=4 em.5 em-3 em=60 cm®, fito1 §i1& v& elpwpsv TOV Sykov
Tal &pboywwviou mapadAnAemimédou ToAlamAacidlopey Ty Tpels auTol Bia-
oTdoels, Emeppacuévas els THY otV povdBo pnkous.

&
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To dmotéheopa ToUTo Bikcnohoyeitar cos EEfs :

‘H Pdots ToU dpboywviou mapedAniemimébou wpifeten €ls 5 &ml 4 loo
reTpdrycova heupds | em. "Emi éxdoTou ToUTv TomoBeroluey Ty Pdorv kufou
TAeupds 1 cm xod oynuarifeTar opboy. TrapoaAnAeTtiTedov s obTis Pdoews
@i Gwous 1 cm. ToUTo #xer Syxov 4 em. 5 em. | em=20 cm® T6 épfoydovioy
TapadAnAeTtiedoy ywpiGeton (B EmimrEboov TapadAtiiwy PO THv Pdoiv)
is Tpia dpBoydvia TapahAnAemimeda Tol adTod Sykou.

Suvemés : V=3.20 em®*=60 em®*=3.(4 cm-5 cm-1 em)=4cm.5cm-3 cm.

"E&v 8087 opboydviov mapodAniemimedov, ToU omoiou al BiooTdoes

fyouv prkn o, B, Y 6 dykos owtoU elven i V= a.py

‘0 dynog dpboywviov mapaAiniemntnédov loolTol mpog TO yivdpevoy
TGy TpLdy Stactdoewy Tou.

*AmroBekvUETal STI ToUTo dAnfeus ked Stav of Tipal Tév o,y even
Tuyovtes Gpibpol.

TMopornpoUuey els TOv TUTOY V=a.p.y. 6T1 10 yivdpevov o.f 5ider TO
tPaBor By ToU dploywviou THs Pdotws ut SiaoTdoes a kai B, Eve 10y el-
vou 1o Uwos ol dpfoywviou TrapadAnAemimedoy

"Apa ! V=Es v i fiTol :

e T

‘0 bynog tvog dpfoywviov naparinreninédou loolral npde TO yi-

vopevoy Tl ¢pPadol idg Bhoewg Tou Enl Té pijxog 7ol &vrtiotolyov U oug.

§ 70 "Oyxog x0fov.

Mvewpilopev 811 & xUPos elvon Ev pboycviov TiapoAAnAetritedov, TolU
dmrolou ai Tpeis BiooTdoes elvar foen (oy. 134). "Eav U-
Tobtowusy &1 TO pfikos THs TAeupds ToU kuPou elven - p
q, 6 Sykos Tou 84 elven V = aaa => [

LY = | (1) firor: 4l

a i
‘0 Byrog évdg xOPou ioobral pé ™y tplmy §0- e
Vapiy tod phxovg tijg dxpijg Tou. "

Hapatipnotg. A tOv Adyov autdv 1 Tpitn Y- oy. 134.
vauis Evds &piBuol Aéyetan xuPos Tol &pibpol  abTol.

*Ex Tou TUou (1) #vvooUpev 6T kdfe povds dyxkou, foabran pé 1000108
Hovdbas Ths duéows kaTwTépas Tafews, Gpor:

1 m3=1000 dm®*= 1000000 cm?==1000000000 mm? 7

Im® = 10%dm?® = 10¢ cm?® = 10° mm?
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1 dm® = 1000 cm® = 1000000 mm®
lem® = 1000 mm?®

'Aoxfioerg

205) Elpete Tév Sykov Evds kiPou TAeupds 3,5 m.

206) N& elpnre TOV Sykov dvds dploycwviou wapodAnAeminéSoy, Tol dmolov ol BraoTd
oeis elver 5 m, 14 dm, kol 8 em.

207) ‘O bSyxos Evds dploywviou wapaAAnAemiméSov elvan 64 dm® kal T tuPaBdv Tis P&
aeaxs Tou 16dm® N& elipnTe 16 pfikos Tod Uyous Tov, T6 dmolov dvTioToiyel els THY Bdoty TadT Ve

208) EUpete T& pfikos Tiis mAeUpds évds KUPov, ToU dmofou & Syxos elvan 4913 em®. (ymé
Beafis: dvodUoate Tov dpiBudy els Y1vdpevor TrapaydvTav),

209) ‘H dhikd) Emodveia Evdg ®UBou elvan 294 dm?. N& UmrodoylonTe oy Sykov abTol ol
KUPou.

210) Zdnpoupyds Exet HETCAAIKN Y TrAdKaY oy rpaTos bploywviou TrapadAniemriméBoV
ut Biaoré&oess 4m, 5 m kal 0,5m. Skomete 5 v Bicupbon althv els kUPous, EkaoTos TAY
dmolwv v Exn dkunv 0,05 m. Els méoous ToloUTous kUPous BUvatal v Sroupedij fy wALE

211). AlSeran dployd oy TapaAAnAemimeSor, Tol dmrofov ol Siaotaoers elvar dvddoyo!
Tpds Tous &pibpols 3, 5, 6 Kai Exouv &Bporoua 70dm. N& elipnte Tov Sykov alrrol ToU opho-
ywviou TapaAAnAemimiSou.

212) AfBeren Sploydmoy TapaAAnAerimebov, ToU dmroiou & &ywros elvan 960 cm?®. N& Umo"
hoylonTe Té&s BiaoTdoes altol, dtav elvan YvwoTov &1 alral elvan &uéhoyor TGy &p1BudY
4, 5, 6.

213) "Ev Soxelov Exel oyijua Sploywviou TapaAAnAemiméSoy, Tol dmofou al BiaoT&OES
elvat 2m, 3m, 4m. "Ev &\Ao Soyelov oxfuaTos dpboycwviou TapadAnAemriiSou, Toy dmolov O
&yros elvan dkTarmAdoios Tod Syxou ToU BobBévros Exel BraoTdaeis &vahdyous Tpds Tds BiraoTd”
ge1s ToU TpadTou Soyelou. N& evpefoliv ol SiaoTdoers ol Seutépou alTod Boyelou,

214) 'E&v moMamAagidowmuey o Hiikos o Tis ducpfis Evds KUPou &l 2, mrdoos ylverat ¢
Syxos ToU KUBoy avrrol; ’Egapuoyfy : a=5 cm.

- B. IPIEMATA

§ 71. IloAdebpov

To mapamielpws otepedv (o, 135) SrmroTehel
Tau &md moAUywva, T& dmola By kelvran il TOU
aUTol émiméBou. Kébe mheupd ExdoTou Toruy vV
dvriker ko els Bv (uévov  Ev) Ao oAUy w VoY
To ovepedv adrd elvar &v moAvedpov. T& TO°
Arywva, &k T@v émolwv &roteheiton elven of €
Bpaw ToU moAUEBpou. Al Aevpad T@Y ESpay €IV!
ol dxpal Tol mwoAuéSpou kai od kopugad T@Y
oy. 135, £8pidv al xopugpal Tol ToAUESpou. T dpoydvio?

TapaAAnAetrimeSov kol & KUBos efven TroAUebpd:

&
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Zqp . Inueia Tol ToAuiBpou Aéyovtar Té onpela TV dkpdy Tou kal T& towTepiKa TOV
Bpidy avrol.

§ 72. lplopa.

Mpioua elvan Ev moAUeBpoy, To omoiov Exer Buo E5pas foas kad TapaAAr-
hovs, Tés &8 GAAas TapaArnAdypapua (ox. 136).

Al foan kai  wapdAAnhor E8par ABIA, A'BT'A
Aéyovton Pdoeis ToU mpiouatos. Ta mapaAAnAdypaua
AéyovTan Tapdmieupol E8pat alTol, ds T& ABB'A’, BIT'B
KA. Al dxpod AA’, BB’ . . ., al émolan  mepiéyovTon  pe-
TafU TGV Péoewv Aéyovton Tropdmieupan dkual. AvTtal
flven foon kol TrapdAAnior.

‘H &mdoTaocis Ty Fmmedwy TV Pdoewy AbyeTal
Sog ToU mplopaTos, Ty, 10 AA' (oy. 137a). Edv ai
TapATTAEUPOL drkpod  elvan xdBetor Tpos Ta émimeda
TV Pdoewy TO Tpioua Aéyetan 6pBov mplopa, GAAws T
Abyetar mAdytov. Zuverrdds TO Uyos ToU opbol mpioua-

Tos, elvan fgov pds THY Tap&mAeupoy dkufv Tou, of & mapdmAeupor E8pan
@rob elvan dpboydna, k. 16 AA' (ox. 137B).

*E&v T mpiopa £xn Tprywuikds Pdoes AfyeTal tplywvixdy  Tpiopa,

TS ABFA'B'T’ ol oyfuaros 137a. "Eav  &xn Pdoes  TerpdmAeupa, mevTd-

Yova kA Abyetan dvtioTolyws tetpamAevpixdy (ox. 137B), mevrayw-
Vixov KA. TTpiopa.

"Orav évds oplol mpioparos, al Pdoes elven kavovikg mohlywva, TolUTo
Ayeton xavevixdy Tpiopa (oy. 137y).

1 Napatipnotg: Auvéueda, &1’ &rhAfis kaTaokeufls, V& EXWHEY OTEPEOUETPIKG Y

UtdSerypa (povTéhov) Trplopatos. Tlpos ToUto AcpPdvouey 8o (fi Trepiocd-

Tepa) moAUywve foa fk fUAou f) xapTtoviou. A Omidv kaTeokevaopéviov el
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TS KOPUPAS TRV fowy aliTéddv ToAUydivey EmITUYXavouey v BiEAouy vijpaTd,

i g & omoix Biarilevran mapadiiiws. Ak mapoah
7 7] Mlou uetagopds T@Y ToAuyduwy 6& Eywpe?
i ™y Evvolay ToU Trplopatos (Spol kai TAcryfov)
7 / xaBoos kai THs TapaAAfiiou Tpds T Paoeig fj xo-
!l i Bétou Topfis aTol.

‘Eav pépwpsv EmimeSov kdbetov el Tdg TTOC
[t / pamAeupes diuds piouaros (oy. 138)  Aaupéc

/E"*' 7B vopev €v moAUywvov, TO broiov Aeyetan udBeTos
“'// 52 Toph ToU mpioparos. Al wAeupal Tfis kaféTou TO-
AL—K" ufls €vos mpiouatos elven Uyn TGV dvrioTolyw!

ey TOpaTAEUp@Y E8pdv, Stav dg Paoes altédov An-

90Uy al mapdmieupor dkpai. Eig Td dpd Tpiopa-
Ta 1 k&BeTos Tourn icoUtan Tpods Tas Pdoels.

73. "Epfobdov émpaveiag mplopatog

"Epfaddv tijg dhudlg émpaveing mplopatog Aéyerar 16 d0potope T6Y
EuPadbidv Tdv é8pdv adtod.

"Eppadov tiig mapumiebpou émipaveiag nploparog elvar 1o &Bporopd
v EuBaddv TV mapamietpwy E8pdv Tou.

Alderar 6 mAdyor moiopua ABUAA'B A xal forer KAMN pla xedleTos
Topn avrod. (Lygua 138). Zpreivar vi efionre -

a) To fufladv tijc mapanicipor émpa-
velag abtod Tod moloparos xal

B) o gupadov  Tiic dhxijc  Empaveiag
TOU.
= o) KoaraokeudZopev otepsopeTpikdy Grd-
Berypa (povTéAov) Tod TpiouaTos avTod,

Kémrropev kard pfikos wids Akufis Ty,
Tis AA" TV apdmieupoy  dtipdveiay  Tol
BoBévtos TpiopaTos kel dvarrTUooopey TG
€pas aUriis (ToU orep. UmoBelyuaTos) i
tvos EmimméSou.

oy. 139.

"Exouev oUtw T oxfina 139, 16 émoiov elval 1o &vérrTuypa Tijs Trapd
mAeUpou émipaveias ToU Twpiopatos. Mapoatnpolpey 811 alrd &rroTedeiton &0
Tegoapa  (4) TopcAANASypapua, T ABB'A’, BEFB " FANTS, AAA'A', TRV
omoiwy T& Uyn elvan ad TAeupal KA, AM, MN, NK Tfjs kaféTou Toufjs ToU WPI'
opaTos kai of Baoeis focn wpds THY TapdmAeupoy dkpn v atToly, Edv o B, Y. 0
elvan &vrioTolyews Ta HNKN ToUTwy kad A TO wijkos Tiis TapamAsUpou drpiis

-
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o0 mplopatos, T& EuPpabdy Tol dvamTuypatos autol lcoltal mpds TO Eu-
3aBov Tiis TapaTAsUpou Emigaveias TolU Tplouaros aUTol. "Hron :

mep Emip. TpLop. T Expnra + Eore o +Erastrr +Eaaaa’ >

Enup. 2rip. mplow. = A+PAL Y ALDBA ouveTddg E:mp. tmg, mpiop, =

=(a+P-+y+8).A *Hot :

To épPabdy ¢ mapamielpou émpavelas mploparog toobrtal mpog
Té yivbpevoy tijg meptpétpou tijg xabétou Toptig Tou éni 6 pixog Ti¢ mupa-
TAevpou dxpijg adtol.

Eav 16 mrpiopa elvar opbov, 1O dvamTuypa Tiis TapamAelpou migaveias
Tou elvan Ev opBoycovioy, pé BiaoTdeoes TA uikn THS TEpIMETPOU THs Poews
ko ToU Upous.

*Apa: To Eupabdov tiic napaniedpou émipaveiag évog nploparog spbod
looltar Tpoc TO ylvopevov T@Y pxdv Thg mepipétpou Tig Bdoewg Tou
wal 10U Ugoug alTob.

Eis 16 altd dmoTéAsopa Buvdpeba va kaTaAffwpey xai éav Bewpriowuey
3’ edBelas TO oTepEdY, Ywpls V& XPTCLUOTIOINCWHEY TO CTEPECUETPIKOY YTTO-
Serypa kol O dvdmrTuypa alToU. "Emedh kdbe mapammhevpos E5pa elven Trapein-
ANASYpappoy Exopey  Erap. tmp. mploy. = E gpurar+Eurwet Boayr +Epppry =

=» Enop. tmg. mplow. = AL PALY ALBA => Enop. tmip nplop. =
=(a+p+y+8).A

B) Ak v&r elipopev TO Eupadov Tiis oMk Emgaveias Tol wpicuaTes Tpeo-
Détopev el TO EuPabov Tis TapamAeipoy Emgaveias Tou T éuPaba Tév Buo
icwy Pdoewy abToU.

OUTws Exopev: Eox. dmy. mplop. = Emap. m. mp.-2.Epdoecg

Enpelwotg "Ev mpioua, ToU dmolov al
ddoers elvan  mapaAinidypappa  dvopddeTan
tapaiinieninedbov (ox. 140). Oltw kal al
5 E5pan ol apaAAnAemiidou  elvan  Tapai-
AnAdypappa kel Eropévess Buvapeba va AdPoo-
HEv dos Pdaoes altol BUo olacbnmote &mévav-
T EBpag Tou.

’Opbdv dvopddetan Ev mapaAinieminedoy,
thy ol mapdmAevpor E8panr avTol elven  épfo-
Y Govia.

Zuverdys, doa  dveptpopev  dvwTépw  Sik
1o éuPabov Tis mwapamAedpou kol THs SAixiys
meavefas TpiouaTos, loxlour kal Bix T ox. 140.
TapaAAnAerineba.

17
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'Aoxfiocerg

215) *Opfov Tprywvikovy Tpioua Exer Pdotv dployavioy Tpiywvov pé kaBétous wAeupds
6 cm kal 8 em kad Owos 15 em. Né& edpnTe 76 tupaBdv Tiis TapamAstpoy Emipaveias Tou, Ka-
B kal TO EpPadov Tis SAkfis Emeaveias oUToU.

216) "H xéfetos Tou) Evds mhayiou mplopaTos Tprywviked elvat loéAeupov Tpiycovoy
TAeupds 3 em. ‘H mapdmAeupos dxuf Tol mpioucartos elvon 8 em. N& elpnTe 716 pPadodv Tis

TaparAeUpou Emeaveias ToU mpioparos.

217) Ai8eten kavovikdv Trploua dkufis Sm, ToU dmolou | Péots elvan v TETPAY W VOV TTAEV-
pas 2 m. N& edpnte 70 éppadov Tiis Tapamiedpou fmgavelas alTod.

218) Koraokeudoare &k yaptoviou 6pBov mpioua, Tol 6molou 16 ywos v& elven 7 cm
xal ) Paais els poupos e Siaywvious 6 em kal 8 em. Né& UmoroylonTe 1o tpPabor Tis SAKig
tmgavelas abrol.

219) Aieton kavovikdy mpiopa &kufis Sa, Tol dmolov A Paais elvan fv lodmAevpov Tpl-
Ywvov TAeupds a. N& elpnte 10 épPadov ) Tijs -rrorpor-:r?\e.ﬁpou tmipaveias Tou kad B) THs SMKAS
atrol Emepavelas. ‘Egapuoyt: a=13 cm.

§ 74. "Oyxog mplopatog

o) "Oyxog épB0b Tpiywviked mplopatog pé Bhowy dpBoywviov Tpi-
YwVOV:

, Ly Az :
Atderar Soflov Toryawixor iowa pué  Bdaow dp-

Boydviay tolyovoy pé ey xalidvar micvniy a xai
; i ; p

B xal Gyos pajrovs v. Na ebonre tov dyzor adros.

Oewpolpev  Sploywviov  TapaAAnierrimeSov
pé BlaoTdoels o, P ko u. To oTeEpedY aUTd Té*
uveTan Umd TolU Siaywviou émméSou AATT (ox-
141) els 0o dpba mwplopata, T& moia Exouv pa&-
oeis dpfoywvia Tpiywva pé pikn  kaBéTtwv TrAeu-

s 14K pédv a kad P kol Gyosu. Ta dpf avra wrplopara
- elvan Too. (dos oULBETPIKG oyfiaTa Trpds ToV &Eo-
va Q0’, & &moios ouvder T& kévtpa O kad O'tév Pdoswy).

Zuvertdds 6 dykos ToU opbol Tprywvikol TplouaTos, TS dmroiov Exel ooty
Spboycviov Tpiywvov elvar TO fipiov Tol Sykou Tol dpfoywvicu TTapoAAnAe-
miédou pE SraoTdoes o, P, v.

Hroi: V = ‘?:E;:_” - V= izgu AN 1O EuBaboy Tiis P
oews ToU OpfolU mplopaTos, i Smola Ef_ucu épboywviov Tpiywvov, elva
. . T
E = Q—B ApC( ]IV = EB-U

‘Emopévas : ‘0 Syxog Tob pbod tprywvixed mpioparoes pné Powv épbo-
ywviov tpiywvov, loobrar mpdg Té ywdpevov tob épPabol tiig Bhoecws
énl 7o pijxog 7ol Udroug.
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B) "Oyxog Tuydvrog dpbol tpiywvixed mploparog:

Aldetar dplov touywvixoy mplopa ABIA'B'L" pé fdow tuvyov tofywvor
ABI. Na edpnre tov Syxov adrod.

A& va eUpowpev ToOv Sykov ToU Tpiopatos ABFA'B'T', Sicapolper alTd
els BUo 6pBa Tprywvikd TpiouaTa pé Baoels dployvia Tpiywva, ik ToU Emi-
A

oy. 142, oyx. 143.

medou AHH'A’, 16 dmoiov dpiletan e ToT Uyous AH Tol tpiydvou ABI ka
Tol Uywous AA’" ToU mpiopatos. Anhably 81° EmiméBou kabéTou &l TO EwimeSov
BIT'B' (oy. 142).
"Apa
Viewsr = Viswsn' + Voweew = BV + Eyev = (B +Ey) v = Egv.
"Qote Ve = Epdoewg-v

"Apa : "0 dyxog xdBe 8pBob TpLywvixol mplopatog icobtar mpdg TO
yiwépevov tob éufadol tiig Pdoews émi Td pixog tob Gioug.

Y) "Oynog 6pBol mpiopatog pé Baoiv tuydv moAdywvov.

A&k v elpwpev 1OV Sykov ToU mpiopatos ABFTAEA'B'T'A'E" SicipoUuev
auTd els dphd Tprywuika TplouaTa, Ta dmola Eyxouv ds Uyos, 1o Uyos ToU So-
BtvTos TrplouaTos kal Pdosls T& Tpiywva ABE, BEF, TEA (oyfua 143). 'Ovo-
udopev Tous Syxous avTdy V,, V,, V; kal T& énpadd 1@y Pdoewv Twv

E, EyEy. Tote Exouev Vrpiop., = V, 4 Vy+ Vg Zuvemds
Vrptop. = Eu+Egu+Eqv = (Ef+Eg+Eg)-v
‘Emopévess  Vmpiop. = Efas.ev

“Qote: ‘O dyxog udbe 6pBod mploparog, loolrar mpdg To yivdpevov
Tob &uBadod Ti¢ Bdoewg émi o pfjxog tod Uoug.

§) "Oyxog TuydvTOG TAayiov mplopartos.

‘O TUmos Vpasews. U, O ¥pnoipotroloupevos Sid v eUpeoty  ToU Sykou
évds 0pBol mplopaTos elven yevikds kol foyvel, s 8d udBwpev el dvewTépav
T&Eiv, kad §:1& T& TAdylx TpiouaTa.

"Apa yevikdds : ‘O 8yxog oloudvimote mplopatog loolrar mpdg o yi-
vépevoy Tod &uBabod tig Rdoewg éml Td pijxog Tob Uihoug.
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Znp.'0 &ykos Tuxdvros wplouaros 8ideTan kal Ud Tol TUTmovy V. = Exafétou Toufig - A
(6mou A pfikos Tiis TrapamAsypou &rus).

'Aoxhoelg

220) "Opbov Tpiywvikdy Tpioue Gyous 40 em Exer s Photy opfoycivioy Tpiywvoy, Tol
émoiov al k&fetor mAeupat Exouv pikn 6 cm kol 8 em. N& elpnte Tdv Sykov aUTol.

221) Aidetan kavovikdy Efaywvikor wpiopa Owous 12 dm, ToU &molov To pfijkos  Tfis
Aeupds Tiis Péoews elvan 8 dm. N& elpere Tov Sykov alTol.

222) "Opbov mpioua Exet Sykov 200 em® ki Uyos 8 em.’Edv | Phots altod elvan £v Te-
Tp&ywvov, va UtmoloyionTe THY TAeUpav Tijs Pdoews altol.

223) 'H mapdmheupos tmpdveia tvds kavovikoU Tprywvikol Tplouatos, Tol molou TO
Upos elvan TprrAdotov Tiis TAeupds THs Péoecs, elvar 324 em?2. Na eUpnTE TOV Sykov alTol Tol
mpiopaToes.

224) Kavovikov Efaywvikov mpiopa éxer whsupdy 'rﬁ; Paoews o kai Oyos 2a. N&  dro-
AoyionTe Tov Sykov ToU wpiopates. 'Egaphoyr : a= 9 cm.

I'. IYPAMIZ — KANONIKH IIYPAMIZ — METPHEIZ IIYPAMIAOE
§ 75. Iupapie :

Mupapie elvar &v OTEPESY, TO Omrolov Spiletan UTmo
£vds oAUy oy kal UTrd TpIywvwv. T Tpiyc va Eyouv
plav kotvnv kopugh v (keipévny tktds To¥ EmimiSoy ToU
ToAUY@VOU) kail EkaoTov Tpiywvov el plav TAEUpaY
KONV pé 16 TOAUywvov. (oy. 144).

To mohUywvov ABIA Myeten Pdois Tfis TupapiBos
T 8¢ Tplywva AOB, BOT, . . . TapdmAeupor E8pan aw-
5. To onueiov O Adyetan kopugh Tiis  mupapiSos, T&
Bt €08, TufuaTa OA, @B, . Tapamieupol dkpod  ed-
Ts. ‘H &mooraocs OH s Kopupfs  &md ThHv Bdov

oy. 144, Tiis TupapiBos elvar T6 o auTis. To obveroy THV

TaparAelpwy E8p&v, dmoTtehel THY mapamAeupoy ¢

mgdvelav Tis TupapiBos. *Edv f P&ots Tfis TupapiBos elvan Tpiywvov, alrn

Atyetan Tpiywvod). *Edv elva TETPATTAEUPOY,  TEVTAYWVOY KA. AéyeTal
TETPATAEVPLNY] , TTEVTAYWVIKY KA.,

‘H Tpiycovikd) mupapis elvan &y ToAUEBpoY p¢ Téooapas E6pas, kad AéyeTon
TeTpaedpov,

§ 76. Koavovue mupaple :

Mia Tupapis Aéyetor xavoviy, Stav ) Paois s elvar kavovikdy ToAU-
ywvov kal T fxvos ToU Uyous elvon 16 kévTpov ToU Kavovikod TOAUY ) VOV
(ox. 145).
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Al Tapdmieupor E8pan Tis kavovikiis Tupauibos el- 4
var icookedd Tpiywva foa (AOB, BOT,...). To Uyos
00 tvds ¢k TdY Towv loookeAdv Tpiywvwy AéyeTal
&rogTnua THs Kavovikils Tupapidos (1) TapdimAsupov
Upos) kai ouuPolileran pé h. *Eqv kavowvixiis rupauibos
N Pdois elvon Tpiywvov iodmheupov, altn Aéyetar ko-
vovikty Tprywvikf] mupapls. “Ev TeTpdedpov elvon xavo-
Vikéy, v oi Tiooopss E8pon Tou elven lodmAeupa Tpi-

Ywva ioa.

§ 77. "EpPaddv xavovinig mupapibog :

Koholuer epadov mupapibos, 1o &bpoiopa v
tuPabBy TV EBpddv aUThs. 'Epfadov tig mapanied-
pov émipavelag Aéyousv 10 Ebpolopa TV EuPadddv
TSV TTap amisUpwy E8pddv aUTis.

1. "EuPabov Ths mopamielpou tmpaveias kavovi-
ki}s Tupx pidos :

Alderar  zavoviey  mopauls  (my.  ffaypewvie))
OABIALZ (oy. 146) xal Inteita va epelfi w0 éufa-

dv Tijs mupamiedpor Empavelag g, fav yvwpiloper 16

oy. 146. uijxos tijs mhevods Tis fdaews Ay xai T pijxog 1ot dmo-
arijparo; h.

M va elpwpev 1o EuPadov Tfs TapamAevpoy Emipavelas THs xav. TU-
papibos alfis TpooBiTopey T& EuPada TGV TraparAelpawy E8pddy Tns. Al E8pai
atal elvar foal.

Ag-h 6Ag-h

"Apc: Enap. tnip. mup, = G'Emn = 6~-2— == 2 =

_ Wfjkos TEpIMETpOU PdaEcs X ufjkos E’mod'rﬁua'rog :
2
‘Emropéves : Tod éuBabdv tHe mopamiedpov émipaveiog pidg xavovi-
xig mupapidog locoltar mpdg to Miyivépevov Tod pixoug ThHg mepipé-
Tpou THg PBdoewg Tou éml TO uiKog Tol AmosTpartog adTig.

Hapathpnors : 1) 'Eav Tpnowpey THv mapdimAsupoy émedvelay katd
Hijkos pIds TTapaTrAsUpoy drufis kal dvarrTu§wuey Emi émimeSou, Exopev TO &vd-
TTUyna ToU oynuartos 146 (oy. 147).

2) Auvépeba, Téuvovtes ThHY Tupapida kata pfikos SAwv TV  Tapa-
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i
l

- : MM MY
epiueTpoc BdeEwe——"

oy. 147. ox. 148.

TAeUpwY drkpdv, va Exwpey 1O dvwTépom vamTuyps  Tiis Tapatiedpoy Emi-
gaveias Tfis kavovikis Tupcuibos. (Zxfjua 148).

ToTe 10 EuPadov Tiis TapaTAeUpou Emigaveias aUTHs eUplokeTal, é&v Ad-
Bewpev 16 fiou ToU éuBadol Tol opboywviou, ol dmolou af Siaotdoes elvan
TO phikos Tis TEpIMETPOU THs Pdoews THs TupapiBos kai T ufjkos ToU  &mooTi-
HaTos aUTis.

"Apa Ergp. Enig. xav, wup, =

= Mfikos TepipéTpou Péoecs X pfjkos ToU ATTOC T HATOg
5 e i)
"Eqv 8¢ Becopriocopev s A, TO pijkos Tis TAeUpEs THs Pdoews THs Kavo-

vikfjs Trupauibos, v TO wAfifos Tév TAEUpGSY THs Pdotws kod h To &TOoTN U
TS kavovikiis TupauiBos 8& Excpev :

v.A,.h

- |

Emzp. tmg. xav. mwop. =

2. "EpPadav Tiis SAikiis Em@aveias kavovikis TupapiSos :

A& va elpoopey 16 EpPoBov Tis SAIkds Emipaveios
xavovikfls Tupapidos, mpoobéTopev el TO EuPadov TS
TapamAsupoy Emeavelas T EuPabdv Tis Pdosws ol-
5.

Eoa, = E““E'_B‘ EB“?;A._J (13

x N
fitol : Ead. = v%‘“ + Esao.

@

‘0 Timog (1) loyver xal Sid tég pi) xavovundg mupapidag.
Mg v elpoopey 1O EuPadov THs TapamAeUpou Emgaveias, TuxoUons -
pauibos, TpogbéTopey T& tuPoda TGV EBpdV ol
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'Aoxfoerg

225) Afeton kavovikd tfaywvikg Tupapis mAeupds Paoews 3 em, 1) dmoia Exer dméoTnua
9 em. N& elpnre 76 EuPaBdv Tfs mapamielpou kal THs Mk Emipaveias alris.

226) KataokevdooTe 16 &vamTuypa Widls Kavovikis Tupapi-
Bos, T émolas 7 Pdors elvan v TeTpdrywvov TAevpds 3 em xal T6
émdoTnua 2,5 em. Né& elpnte 76 tuPabdy Tfis mapamieipou kal T
Shikijs tmgaveias Tns.

227) Aferon kavovikd) Trupapls pé Péoiv Ev Tetpdywvov mheu-
pls 6 em kol Gyous 4 em. N& Umohoylonte 16 tuPabdy Tiis Tapa-
TAeUpou kal THs SAikfis Emipavelas Ts kavowikiis TUpapibos.

228) Aldetan plo kavovikhy Efaywvikd mupapls, THs dmoias bl
TapémAeupos dkpn elvar 10 cm xal Té Upos 6 cm. N& UTroAoy 108
T tuPaddv Tfis SAkiis tmgavelas Tns.

229) Té orepedv Tol oyfijuaTos 150 dmoTedeitan dd Eva ki-
Bov mheupds 5 m kal plav kavovikhy TeTpaywVIKY TupapiSa, s
Smoias TO dmdornua elven 7 m. N& eUpedi TO EuPadov s m-
pavefas Tou.

§ 78. "Oyxog mupapidos

] ;
1. diberar xavoviny) Tetpay i, mopupic pud pijxoc

mhevpds fdoewe A xal uixogc Tpove v — " Zyreitar vd
2

elonre Tov dyxov avTig.

Karaokeuddopev €€ (6) TUpapiBas foag PSS THY So-
Beicav kai ToroBeToUpey alTds, doTe v Exouv  korvtjv
TV Kopugnv kai &vd 8Uo Kotvfv TrapdmAeupoy E5pav.
Tére oxnuatigeTan kUPos dxpfis A. (oy. 151).

"Apa & Sykos éxdoTic dk TV fowv adTdy TUpo-

ox. 151.
pidov elven TO é—TOG Syxou ToU KkiPou.
"Hto1 Eyouev v = £ A= 2l Az 2 e [ \;;Ig 4
X Rav. mwup. 6 B e TN l 3 R

‘Emopéveos : ‘0 Byxog xavovixiis mupapldog isolrar mpde -z&%
7ol yivopévou tol éuPadol tiig Bdoews éni T pixog Tod Goug.

2. ‘O eYpebeis dvwTépw S Tov Sykov Tijs =
kavovikfis Tupapidos TUmes, loxuer &1I° olavdn-
ToTe TupapiBa, ®S 6& &mobeifwpev el dvooté-
pav T&Eiv.

Auvépeda vi elpawpey TpakTIKGS TOV TUTIOV
ToU Syxou Tijs Tupauibos s EEfis :

Xpnowpotototpey &Uo Boyela. Acyelov oyr-
Batos Tprywvikfis Tupapibos OABI, pé dvowrsv
ThHv Péorv ABIT kad Soxeiov mpiouaTikov pé Baoty
fonv mpos Thv Pdov ABI s Tprywvikils mupa- Sy
kiBos, looUyis pds abThv. ox. 159,
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MapaTnpolyey, &1 d&v TAnpoowpey Sid Aemrtiis &upou (R Ubaros yTo
TpidToVv Goyeiov kol &Beidowpey TO Trepleydpevoy aUTol els 1O BelTepov, B
raparnphowuey 811, 8& ypeiaohy va EmavoAdPepev ToUTo TpET popds  pé-
ypis $Tou TANPwdf TO TpiouaTikdy Soyeiov (o). 152).

*Eav V elvan & 8yxos Tiis Tprywvikils mupapidos kol V' & dykos ToU mpl-
ouaTos, 0& Eywpev

0 3V =V e V= };— - V= _;_.EQ.U(V'———EBU)

3. A& vd peTphowpey Tuyolicav rupaniba OABIAE

<

(ox. 153), ©) émola Exer tpPaddv Paoews Ey xal Oyos
v BicipoUpey abtnv els Tas Tpiywvikds  Trupapibos
OABIC, OATA, OAAE, «i “Srroicn Exouv TO oaUTd Oyos
T xal &yxkous dvrioTolyws V,, V., Vg, tupaBd Bt Pa-

§-

ox. 153, oewv 1& E,, E,, Eg, Exovta &Bpoiopa E. "Ofev:
1 1 1
Voure=V1+Vot+Vy 4= Vi = e E,v + 5 Eu+ e E.v

= Vygu = -——;—(E1+E,+E,).u - V = --;— Eg v
*Apx koradfiyopey els 1o oupmépacua 6T i "0 Synog pidg olagdimorte
nupapldos loodral mpdg Td % Tob ytvopévou Tod épBabod tijg Pa-
cewg énl o pixog ol Goug.

'Aox fhoetrg

230) Kavovikhy Trupapls Exer ds Bhorv Tetpéycovov wheupds pfikous 8 em kal (yos 6 cm
‘Ymohoyloate Tov Oykov aUTiis.

231) Kavovik Efaywvikh mrupapls Exer wapémieupov dxpfiy prfikous 10 em xal thyos un-
xous 8 cm. N& elpnre TOV Sykov alTis.

232) Alberon Tpiywvixh mupauls OABI ut dxpds OA=3a, OB=4a xal OM'=2a, al dmola
&vé Blo elvar xdBeror. ‘Ymohoyloare Tov Sykov Tijs mupauiBos OABI xopugfis O kal Paoew
ABT (ToUro 8& émTiynTe Bid Tiis eUptoews Tol Sykou Tiis mupapibos AOBT, xopugiis A kal
Béoews OBI). "Epapupoyf: a=5 cm.

233) Alsetan pia upapls OABIA xopugfis O, Tiis dmolas ) Péois elvan els péupos ABMA
TAeUpds piikous 8 cm kal A Siaydovios Al Eyer brlong ufjkos 8 em.To Iyvos H Tol Unpous Tiis mwu-
paniBos OH elvan Td onueiov Topfis T@v Biaywviny Al kal BA Tol péppov. Té ufikos Tis Tapa-
mhedpou dxufis OB elvon 8 em. N& elpnre Tov Sykov Tiis mupapibos OABIA.

234) AfSetan xavovikdv TeTpdeBpov dxufs a. ‘Ywohoyioarte Tov dyxov aiTol. 'Egapuo-
yh: a=6 cm.

235) N& ovykplvnTe T& Own xavovikod TerpatBpou. (XpnoomoraaTe Tov Sykov aurol)

#
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A. KYAINAPOE EK IIEPIZTPO®HE (OPOOZ KYKAIKOZ
KYAINAPOZ)—METPHZIZ OPOOY KYKAIKOY KYAINAPOY

§ 79. *0pBdg xuxAindg xbALVEpOG :

Oecopoiuev Ev dploydviov AOO'A’, ox. 154 mepioTpepdpevoy TEPL TRV

00’, 7 omola Twapapéver dkivnTos. A Tijs TANpous
mepioTpogiis Tou TapdyeTar els bpBdg wurAndg O
Awvdpog (i) éx mepoTpopig uOALvbpog) .

‘H Trapapévovoa dxlivnTos kaTd THY TEPIOTPOPT| U EU-
Beic 00", Abyetan dEwv ToU kuMivBpou. Al mheupai OA
xod OA’ Trapéyouy, Bi& Tijs EpIoTPORTis, BUo foous KU~
KAkoUs Siokous, TéY dmolwv T& émimeda elvan  kdBeTa
¢l thy OO’ fitor TapdAAnAa peTagu Tov.01 kUKAoL aU-
Tol Myovran Béaerg ToU kuAivdpou. H axTis TR Pa-
oews Ayetan Gxtlg tol uvAivdpou.

‘H mheupd AA" mapdye B1d Ty TepioTpogfis THY
kupThv Emgdveiay ToU kuAivepou. H AA’ Abyetan  yevé-
telpa ToU kUAfvBpou. TO Kolvov piKos TGV YEVETEIPQDV
Tol &k TreploTPOfis kUM vBpou elval foov w¢ THY &mod-
ataciy Q0" iy kévtpwy T&V Pdotwy ToU kol elvar T

'EE Socov eimropey &veTEPD oupepad vopey OTL !

Oyos ToU kuAivbpou.

Elg xbAwvdpog dpbog xuxAwdg (3 anidg wOAvBpog) elvar &y oTepedy
&x TepioTpopig, TAPAYSLEVOY oo Evdg dpboywviov, mepioTpepoévoy
mepl play todHV mhevp®y Tou, napapévouaay axivnrov.

Enpeiwatg : Avvépeda S Tivos pnyaviopol v& TEPIOTPE-

5 J woopey Toykws Ev dpBoydviov (Bx YapToviou Ay &\hou Tivds UA-
—\ ko) Twepl plav T@OV SixoTdoety Tou kol Aoyw Tol omTikol  e-
= TonoBnuaTos, Ve EXwHEV v eikdva Evds ophol KuxAikoT kuAivBpou
— / els TOV ydpov THY TPIHY Saotéoewy. ‘H elkdv B8 alTh Sikatoho-
. yei kal kivnTiKés TOV Tpdrov yevéoews Tol dpfol kukAikol KUAlv-
CP Bpou (f & TEPITTPOPTIS). (Zx. 155). Eis 16 EEfis, STav Aédywuev

)

4 xUAvBpos, 0& tyvoolpey Opbods KUKAIKOS KUAIVEPOS.

SHLE)
i koU xuAfvBpou.

(¢
b § 80. "Eppabov 6pbod suxAueol xvAivBpou,

«) Eppabov Tiis kupTiis tmgavelas 6pBolU  kukAl-

Alberar  do0og wvxixdc xvAwdgog dxtivog fdoews R xat Syove v. Na ebonre

0 éufaddy T xvoTijc avTod Emupavelag.

*Edy TPAOWUEY TNV kupThV tmigdveiay Tol kUM vBpou kaTd pfjkos pids
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yeveteipas Tou (ox. 156) kal dvamrtifwpsy alrnv émi évds dmiméSou, 8¢ Eywuey
v dpBoywwiov, 16 dmolov Exer ds BiaoTdoes T& prikn ToU kUkAou Tis Pdoews
kai ToU Uyous (ox. 157). ‘Emopéveos :

=

A 0 R P e e TR ——

oy. 156. % ioxe 57

To éuBadov tijg wupthg émipaveiag évdg uvAivépou elvar fgov mpdg
Td yvépevov Tol pioug tob xUxAov Tig Pdoewg éml TO pijxog Tod

Udiovug.

“Hror : I Esvpr. g, xwh. = 2R

B) ’Eupadov Tiis OMkfys Emgaveias kuhivdpou :

Ma va eUpwpev TO EuPadov This OAikils Empavelas ToU Twponyoupévou
kuAivBpou, mpooBiTopey TO EpPaddy Tév Pdoewy Tol kUM vBpou els TO EpPaddv
Tfis kupTfis Emgaveias alTol.

Obrreos Exouey ! Eowe. = 2mR.U-+2mR? | | &Moo
& Eéax. = 2wR.(V+R)
- 'Aoxfoerg

236) Aibetan xiMvbpos dtivos Pdoews 5 em wal Uyous u=25 cm. N& elpnte 16 EuPabdy
a) Tiis xupTiis kal P) Tiis dAkds tmgpaveias Tol kuAivBpou.

237) Mic Befopevny metpeAadou oyfiparos dpBol kuMvBpou Exer BidpeTpor (fowTepikiv)
Péoews 10m kol dyos 20m. N& elpnte 1o tuPobov Tiis kuptis (towTepikiis) Emgavelas Tis
Bebapevijs alTis.

238) Aibetcn kiMvBpos, Tol &molou 1o EuPabov Tiis Shkfs tmgavelas Tou elvan 471 em?
kal 7 &ktls Tfis Paoews 5 em. N& elpnte Td Uyos ToU kuMvEpou.

239) "Ev &buorov poAUPiov kuhvpikdv fxer Biduetpov 6 mm xal pijkos 18 em. N& edpne
T tuPabov Tiis kupTiis aUTol Emgavelas kabis xal To EpBabdv Tis SAkis émgavelas atTod.

240) Afgeton Ev SpBoydoviov pk Biaortdoers o xai P. Tleprotpégopey almd mpétov repl
Ty plav TAeupdv kel Sedrspov mepl THY &AAnY (BiaBoyikiy mpds TV TpdTny  TAEUp&Y).

Mapéyovran olrrw Blo kiAivBpor ik mepioTpopfis. Tl Exete v& TapaTnpfionTe Bide T -
Paba T@v kupTdv tmgavady altédv Tév Blo kuAlvBpuwv;
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§ 81. "Oyxog dpBol xuriixol uwuhivbpou

Alderar 6p06¢ xvxhixdg xvAwdpoc dxtivos fldoews R xal tyovg v. (ay. 138)
Na efonre tov dyxov adtod.

‘0 &ykos ToU &pBol xukhikoU kUM vEpou dxTivos Pdoews R xai Uyous v
5iBeton Umd Tol TUmou | V= . Ri‘—u—j , g B84

&mroBeifeopev els dvwtépav T&Eiv. E

Enp. Auvdpsda va edpwpey ToOV TPOTYYOUHEVOY TUTTOY PE THY
BotBeiay Tis tvvolas ToU Eyyeypoppivou els TéV KkUAvBpov

kavovikol mplopares. ("Ev kavovikév Tpiopa Aéyeran Eyyeypau- v
pépov els kUAVEpov, kv ol Paoas alrol elvar ToAUyw@va KQVOVIKA :
tyyeypaupéva els Tés Paoers Tol  kuAivipou kai al Tapdmwieupol !
e p———
I

ducpal alrrol, yevéTeipan ToU kuAivBpou). -

of

“bv byyeypapuévov els xUA1vEpov kavovikdy Trpioua, ToU drol-
ov & &piBpds TdV TAEUpDY TS Phoews ouvEXES BimAco&beTal
wpooeyyller (SAlyou kot’ dMyov) T& oxiika ToU  kuA{vBpou. oy. 158.

Tolro Buvdyueba va Seifwpev pt v Poribaav tvds dvowTol #k T@V &vw kuhivBpou
& yaproviou kal TIVGV KAVOVIKGY TrpiopéTeoy, yous foou Tpds TO Owos Tol kuAivBpou kai
PéoEwy OXNUATOS TETPAYWVOU, KAVOVIKoD k-
Taywvoy, kavovikol Bexaefaydvou kAT, (Tro-
Auydvey, Ta omola BUvavtal va tyypagolv
els THv Pégiv Tol kuAivBpou).

'Eav eloaydywpev Ev  Ef auTtdy elg TOV
kUAvBpov, al Paoeas Tou B& elvan Eyyeypaupé-
van els Tas Pdoes Tod kuklvBpou kal al  wapd-
TAEUPOI el adTol yevéteipal ToU kuAivBpou.

Elodyopev Biaboyikdys elg TOV xUhvbpov
& xavovikd TplopaTa pé Pdolv TETpaywvoy
Kavoukoy SkTaywvoy, Kavovikey Bexaefdyw-
vov K.A.T. kal Tapatnpoluey, 611 ) Biagopa
1é&v Sykwv ToU kuAivBpou kal TRV Tpoua-
v ouvexds EhartoUTal, ko’ Soov atfavel
16 TATbos TV TAeup@Y Tis Paoews ToU Ey-

=
v

L TR

a

i

-

ay. 159.

Yeypapuévoy TpionaTos wal Buvarar va ylvn Goov Bihopev wikpd. (x. 159)
‘Qg tx ToUTOU AEYOHEY, &t & Gyxkos ToU TpiopaTos poueyyiter (Exer oprov) ToOv &yrov

ol kUM vBpou. I‘AM\‘ & yxos' 1ol bpBol Tpiouares elvar V=Eg-u. ‘Emopéveds kal ToU kuAiv-

Spou & &ykos o& elvan V=Ep . v=m.Ku.
(Amou.spéo—repov 8¢ tEeTdowpey TO Bipa &l elg dvwTtépav Tafiv).

'Aoxfhoerg

241) *Opbds cuhikds xUAvBpos Exer ditive Paoews R=5 cm xal Owos 15 cm. Na edprTe

Tév &yrov alrol.
242) Kuhivdpos, ToU srrolou & Sykos elvan 45 cm® Exer Tyos 5 em. Né& edpnre Ty drtiva

Tfis Pdosws alUTol.
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243) *H xupth émgdvers kuhivBpou elven 94, 20 em. Té Oyos
attol elvar 15 cm. N& UmodoyionTe Tdv éykov Tol kuAlvBpov:

244) “Ev optop oynuatos kuMvBpikol Eyel Pddos 6 m. N
UmroAoyionTe TV Sykov Tiis ABoboufis avtol, é&v elvan Y veaTéy
&1 ) towTepiky SidpeTpos Tol ppéaTos elvar 3 m  kal TO oS
Tol Toixou 2,5 dm.

245) "Ev bpboycbviov ABIA pé Biaotéosls AB=10 em xal
Br=4 cm ovpéperon mepl picy etBeiay & mapddinhov mpds Thy AB;
xelpévny els 10 Erimedov Tol dpfoywvlou kal el &méoraoty &’
auTiis fonv wpods 12 em. N& UmodoylonTe Tév Sykov Tol Tapa-
oy. 160. youévou oTepeol, katd THv TepioTpophy Tol Spboywulou repl

v eleiav e (Zx. 160).

-

E. OPOOZ KYKAIKOZ KQNOZ (KQNOZ EK IEPIZTPO®HE) —
METPHZIIZ OPOOY KYKAIKOY KQNOY

§ 82. '0pbdg uunAinds xdvog

Oewpoluev Ev opboyddviov AKO (ywv. K=1 8p8.). TepioTpépopev aurd
mepi Thy OK. A tfis mwAfjpous TrepiaTpogils Tol Tplywvou aUTol Tepi piay
1OV kabETeov TAeUp@Y Tou, TapdysTon elg SpHog
kukAikos kGvos. ‘H KO mapapéver dxivnros kard
TNV TEPIoTPOPN VY Kad & gopels oiThis AéyeTton &-
Ewv ToU kovou. (Zyx. 161).

‘H mAevpd QA (Umotelvouoa ToU Spboye-
viou Tprywvoy AKO) mapayer Bik Tfis TepioTpo-
¢fis TV kupTV émigdveiay ToU Kbvou kai dvo-
paleTon yevételpa ¥ mwheupd Tol Kcvou.

‘H mhevpd KA mrapdye, 81 Tis TeploTpogiis,
gva kukAikov Biokov, ToU omoiou 1O Emimedov el-
vau k&betov émi TOv &fova ToU kvou els TO on-
ueiov K. “O Sioxos alros Adyetan Baoig Tol ke vou.

‘H éxis Tfis Pdoews R elvan 1) durlg ToU kwvou kal 16 onueiov O elvan 1
xopuy ToU K VOU.

‘H daréoTacis Tiis kopugfis O ToU kwvou &od Ty Bdoiv, fitol Té edf. Tpfjua
OK ToU &Eovos alrol Aéyetcn Gehog Tol kavou. ‘H ywvia AOK Tol dpboy -
viou Tprycovou AOK elvar 1o flulou Tfis ywvias Tfis xopugfis ToU kdvou. 'Edv
10 Tplywvov AOA’ elvan lodmrheupoy, fitol 1) Bidpetpos Tiis Pdoews elvan fo
pé THY yevéTElpay ToU kwvou, TOTE O KGDVos AéyeTal igdmAevpog.

Enpelworg. Avvéuda vi TepioTpiyuey Tayéws, §1& Tivos pnyawiouod, iy dploydviov
&
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Tpiywvov (b yaptoviou k.A.m.) mepl piav TG xabéTwv TAeupGY alToy
kal vé Eyoopey THY elxdva Evos ik MEPIOTPORTis KMvou elg  TOV XGpov
Tév TGy BiaoTdoewy (T, 162).

"E€ bowy &vwipw eimopey, oupmepaivopey 6Ti: Téd ovepedv T
drolov mupdyetar Sud Tiig mMAYpoug TEpLaTROQTg Evdg spBoywviov
Tpiydvou mepl plav dxlvnrov xdBetov mhevpdv tou Aéyetar bpbdg
xUxAIxdg u@vog (i xdvog & meploTpoepiig). Eis Ta trropeva,  GTav
Ayoopev xdvos, 8 EvvooUpey opbos KUKAIKOS  KGIVOS.

§ 83. 'EpPaddv épbol xundixod xwvou.

l a) "Eupabdv Tis kupTiis fmpaveias ToU &pbol  kukAikou
Ix. 162 ;
X KW VOU :

Aidetanr xiwoe dxrivee fldoewmg R »al mhevgds A Na efpyre 10 éufadoy i
xvoTiG adTod Emuparelas.

Téuvopey THY KUPTHV EMPAvVEICY TOU KWVou koTd pijkos ds yeveTeipas
aUToU kod duarrTUooopev aUThy émi évds émimédou (oy. 163, 164).

0
0
0 B} A A
A A
2nR K
oy. 163. oy. 164 oy. 165.

To dvdarTuypa Tiis KUpTiS tmgavelas Tol ko voy elvon €ls kuxAikdg Topels
ToU brolou T EuPabov elven foov wpos TO EuPadov TS KupTHS Emeaveias Tou
kGvou kai TO TéEov igov Tpds TO uWijkos Tol kUKAOU THis Péoews ToU kwvov,
fiTol T=21R.

[Mveopilouev &1 76 EuPadov Tol KUKAIKOU Topéws BiBeTan kal Umrd 1ol TUTTOU

A 1
= T.5 = —2—2111{-?\ — TRA
*Apa I“Exup;:_._é;mp. wéwv. tx mep. =T RA fjro1:

To éuPabdy Tig xvETAS smiepavelag Evdg dpBoili uidiot rwvou ioobraut
npdg TO Yvbpevoy Tod phxoug tod Auucuxdiov g Phoewg i To pixog
tijg yevetelpag abrob.
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B) 'Eppadov Tiis Shikiis émpavelas dpfol kukAikol xkdivou :

M& va elpwpey TO 2upabov THs OAkis émgavelas ToU &pBol kukhikol
K vou, TTpooBéToper els TO EuPadov THis xupThs alToU dmgavelas TO Eupadoy
Ths Pdoeds Tou (oy. 165).

“Hrer | e = TTRALTRS | A &keos | Eox, =TRA(R+A)

'Aoxfhoelg

246) AiBeten kédvos, Tol drolou f) dkig Tis Pdoews elvor 8 em kal 1 mAevpd 10 cm.
Né elpnTe 1o EuPabdv Tis kupTiis kal Tis dAkiis alrol Emgaveias.

247) Kdvos dk mepioTpogis éxer heupdy prikous 15 em xal Oyos 12 em. Né elpne Tt~
Babov Tiis kupTis aUToU fmgaveias. -

248) N& UmwohoylonTe 16 tuPabov Tiis OAkijs Emgaveias kwvou, ToU édmolou T& pfKN
Tol nous kal Tiis TAeupds elvan &vTioToixws 16 em kal 20 cm.

249) To EuPaboy Tiis kupTis dmpaveias Evds kawou elvan 47,10 dm?, §| BE TAevpa alrrol
5 dm.N& elpnTe T EuBaBov Tis dAds émpaveias ToU KO vou.

250) Els ioéwheupos 6p8ds kuxAikds kdvos Exet Upos 10 em. Na elpnte 1O pijkos s
dxrivos Tiis Pdoews, TO pijkos TS TAeupds kad TO EuPabov Tis OAixiis tmeaveias Tol kwvou
auTol.

251) "Ev Tetpbywvov mheupds 20 cm TepioTpégetar wepl plav T@v Siaywviev Tou. N&
epnte TO EUPadov Tis Emgavelas ToU mapayoutvou oTepeol.

§ 84. "Oyxog 6pBol xunAixold xwvou
‘0 Sykos Evds dpBol KukAIKOU Kvou BkTivos Pdoews R kal Gyous u (o¥.
1 x N =
166) bibeTon Yo Tl TYTIOU V= T'ITR’U , fiTo1 6 Byxog évdg 6pBod

xupAixkol uwvou igobral peé To % Tob  ywopévou Tob éunBadeld Thg

Bdoews émi o pijxog tob Uoug adbrod.

U

Eis dvwtépay T&Elv 8& &mobeifwpev ThY TpdTacty aUThv.
Auvépefa Sucos pt cuAoylopols &vaAdyous TPos el vous THg
Trapaypdeou 81, vi elpwuev TOV TUTOV QUTSV.

Mpods ToUTo 8& xpnolpoToIowpEY kavovikds TrupapiBas &y-
yeypaupévas gls Tov kdvoy, Tév dmoicv & &pibpds TdY TAUPGY

ox. 166. Tiis Pdoews ouvey s SimhaoiddeTal.

Mapatipnolg: 'Ex &V TImewy 1@y Sykwy oplol xukhikod kUAivBpou
wad Kkyvou, of dmoiol Exouv TH aUThv P&oty kal 1o aUTo Gyos mwaparnpoluey
&1 ‘0 Byxog évdg dpBol xuxAixoD xdvou icobrar mpdg O 5 Tob by-
wou Evodg 6pBoh xuxAixeD xuhivbpou, 6 omolog Exet v adthy Pdoy
xal 16 adtd Udog pé TOV xdvov.
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ToUro SiamioTobuey, &V YPNOILOTOOWUEY K VIKOY Kol KuA1vSplidy
Boyelov p¢ ioas Paoes kal foa Iyn kai toyacddpey, g elg Thy § 68.

'Aoufoerg

252) Kédvos Exer dktiva Péoews 15 em kal Oyos 40 em.N& UmohoylonTe Tdv Syrov atrrod.

253) Kddvos, ToU émoiou TO Eupabov Tiis kupThs Emeavelas elvan 47,10 cm® Exer wheu-
pav pAkous 5 em. N& Umohoylonte Tdv Syrov Tol xavou.

254) Né& UmohoylonTe Tov Sykov dpfol kKukhikol kdvov, & étroios éxel Iyos u=9 cm kal
uijkos yevereipas A=15 cm.

255) To ufikos ToU kiKhou THs Pdoews tvds dpbol kukhikol kavou elven 18,8 dm kal ) ye-
véteipa atol 5 dm. N& UmoAoyionte Tov Sykov Tol kddvou alTol.

256) AiSetan lodmwAeupos kédvos, Tot dmofou T6 Gos elvan 8 em. N& UrohoylonTe Ty dwri-
va Tiis Pdoews xal Tov Sykov albrol.

ZT. Z®AIPA — METPHZIIZ THZ ZPAIPAZ

§ 85. Zeuaipa:

AiSeton &v fuikikhiov AMA’. "Eqv  mepioTpiycopey  aUTd  (kard piaw
TApT TrepioTpognv) Tepl THY dkivnTov Biduetpdy Tou AA' Topdystal Ev

A

A
ax. 167. ox. 168.

orepedy, TO dmolov Aédyetan opaipe. Kd&de onueiov Ths ogalpas &méyer ToU O
dméotacty R, fonv mpés THv dxtiva Tol fukukAfou. To O Atyetan xévtpov
Tiis opaipas. ‘H opaipa oupPolifeTan @ opaipa (O, R).

Kd&Be trritreBov Siepydpevoy Bid tol O Tépvel Thv opaipav kaTd Eva kUkAoV
kévtpou O kad &xTivos R, & omolos Adyetan péyioTos wkikhos Tiis opalpas.

K&Be 8¢ tmimeBov, TO &moiov Tével THv ogaipav, &AAG Bév Sitpyeton Bid
Tol kévTpou aUTHs, THY TéUVel kaTé Eva KUKAOV, 6 omrolos AéyeTan pikpds KUkAog
Tfis opaipas.
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Enp. Ar' tvds pmyaviopol Bétopey els Tayelav mepioTpoply Aoy (Ex xapToviov
A &DAou Tives UAkolU) koi Exopev Thv elkéva ds opalpas els Tov xdpov TEY TPIGY o

otaoewv (ay. 168).
§ 86. 'Eppaddv oealpag.

To ¢upabdov tiig apalpag looltal mpdg T8 teTpamAidolov Tol EuPadod
Evde wdudou, & dnoiog Exer dxviva Tonv mpdg tThy dxriva g opalpug (pé-
yiatog xiuAog).

“Hror : l Eogpaip. =4TR®

'Aox fhoetg

257) Mia ogaipa Exer dxriva 8 ecm. N& elpnte 7o fupabov alris.

258) Té pfikos vds peyioTou kirhou mds ogaipas elvar 50,24 em. Né eUpnre T EuPabov
Tiis opalpas.

259) To tuPabdv wmds oealpas elven 50,24 cm’. N& Uodloylonte v dxtiva abrfis Tijg
agalpas, kabis kal THv dxtiva &\Ans ogalpas, Tiis omolas 16 tuPabiév elvai TeTpamAdoiov
ToU EfPadol Tfjs Bolelons.

260) N& elpnre Tov Adyov T1édv tpPabdy Blo opaipdv pé dxtivas 3 em xal 2 cm.

261) N& wépvere thv abiTyv bpyaciav, 8tav al &kiives elvan R, , R, .

§ 87. "Oynog owalpag:

V= iTrR‘
3

‘O 8yxos V ogalpas dxtivos R 8(8etan Umd ol TUmou L)

dos B& dmoBelwpev els dvwTépav Tafiv.
*Htor: & 8ymog vijg opalpag looltar mpog td yvépevov tod xdfov

4
Tob phxovg tijg durtivog abrol éml vév  dplbpov 5 T

‘0 TUmos (1) SUvaral v& ypagf] kal dx &fs : V = ; m R —
T=3n(3)’=37F > V=guD, &rwD=2R

Znp. ‘O péyas "EAANY pabnpatikes ‘Apyiundng bmétuyxev mpd-
Tos vér peTprion TO tpPabdv kal Tov Sykov Tiis ogalpas.

"Eqappoyal.

1. Avo opaipar Eyxouv dxTives 2 kal 3 cm. N& elpebij
& Aoyos 1@V Sykwv abTdv.

2. Avo ogaipal Exouv é&ktivas R,, R, EUpere Tov

ox. 169.
Adyov TGV Sykwv auT@v,
Yo iR
(V2 R,3)
3. ’Eav R kad 2 R elvan al ductlves SUo agaipdv, mola f) ayéols Tév Sykwv
aUTRV; pe
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'AocunfoetLg

262) N& trroAoylonTe Tov dyxov wids ogalpas, dxtivos 5 m.

263) N& elpnte Thv dxriva mds opalpas, Tis dmolas © Syxos elvon 113,04 em®

264) Td tuPabdv s opaipas elvar 314 cm?. N UmohoylonTe TOV Sykov Tiis opaipas.

265) To tupaddy wds opaipas elvar 113,04 em? N& elpnre Tov Syxov mds &AAng ooaipas,
Tis omolas f dxris elvan TpimAacia THs dxrivos Tiis Sobeions opalpas.

266) To tppobov Evds peyloTous kUkAou wids opaipas elven 153,86 cem?®.N& UtrohoylonTe
Tov Sykov Tijs opuipas TalTns.

*Aonficelg mpdg EmavdAndy Tod uepedaiov V.

267) "Ev oéua oxnuaTos kukAikod kuAhivBpou pé dxTiva Baoews 1,5 dm kal pfjkos 4 dm xaTa-
Myyer els o Ev &xpov Tou elg k@vov THs aUTiis dxtlvos kal Uyous 2 dm. Elg 8¢ 16 étepov &xpov

ay. 170. oy. 171 ayx. 172

Tou karafyer els fwogaiplov Ths aUTiis dxTivos (EfcoTepikds). N& edpne T6 EuPabov  Tiis
tmipaveias (EwTepikiis) Tol oTepeol Kai Tov dyxov Tou. (Zx. 170)

268) Mic opalpx elvan dyyeypapuévn els kUAvBpov k mepoTpogiis (oxfjHa 171), fitor
1| opalpa mepiExeTal dxpiPdss els TO fowTepkOY TOU kuhvBpov, tpatrToutvn T@Y &Uo phoewv
kol THs KUPTHS aUTol Empaveias kaTd pijKkos Evds peyloTou kikhou. “Eav 1| &xls Tiis ogaipas
elvan 5 em v edpnTe: o) THV &kTiva Ti)s Paoecws ToU xUAlvBpou, B) TO uijkos ToU Uyous avrol,
y) T EpPabov Tiis kupTiis Emigaveias Tod dpbol kukAkod kUAivBpou, 8) T tuPaddv Tis opaipas
€) TdY Adyov TGV BUo alTdv EMPaBY kal oT) TOV Abyov TV Sykwy TV oTEpEdY aUTOdV.

269) Els t& &vebev oxfjua Exouev Ev TeTpdywvoy TAeUpds 5cm, TO STWOIOV TEPICTPEPETAL
TAfpeas epl plav evbeiav e ToU mmréou Tou TapdAnAov Trpds play mAsupdy abTol  Kal
kewévny els &méoTagty &’ altis 3 em. Na ebpedi 76 Eupadov Tiis Shikijs tmpavelag TolU OTE-
peoli, ToU TTapayoutvou ik Tiis TeploTpogfis Tol teTpayhvou mepl THv evBelay & (ZX. 172)

270) Els lodmheupos dpBds KUKAIKOS KGIVOS elvar tyyeypaupévos els piav ogaipav dri-
vos 6 cm (BnA. | ogaipx Siépyeranr Siax Tis kopupfis ol kHvou kal & KkUkAos Ths Phoews
aliTol elvan pkpds Kikhos Tiis opalpas). N& elpnTe  TO EuPadov TS SAikfis Emgavelas ToU
xovou. (Zy. 173)

271) “Ev Boyeiov dvoiktov tk TV &veo Exel oy 5pBoi kukhikol kuAlvBpov, uE drTiva
Péoews 6 m kol Upos 8 m. ToUro ornplfeTan bl Evos kUPou dxufis 10 m. To éocTepikov ToU So-
xelou ToUTou Eyel oxfina Kbvoy ik TEPITTPORTS ut Péotv Thy ulav @y Pdoewy ToU kuAivBpov
ToUrou Kal kopuphv TO xévtpov Tiis GAANS Béarcos alrrol. Mpdkertan Twpa vé EAcnoypwpari-
cwpey dASKAnpov TV Empdveiay ToU Soxelou (tEcotepikiiy kal EowTepiki|v) kal ThY Eevbtpav
tmpdveiay Ths kuPikiis Péoews bl Tiis dtrolas aTnpideTon TO kuMvBpikdv Soyeiov wpds 85 Bpy.

16 TeTpary. pétpov. Tldoas Bpayuds B tEoBevowpey;
E

ay. 173. ox. 174
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Mivaf tonwy éuPaddv xoal dyxwv Stapdpwy otepedv

-
N . . . s - 1 , 6t
. 5 “Ovopar | Eppaddv mpos Tumos Bibewv Oyxos Tpos T\mosﬁlh
Elxiov. gepeod ZTepeoU Utrohoylopoy 1O tuPadov Gmoroyiopdv| Tov Sy¥
| o
1Oposh arployiancs
Enpaddv mwapati. Eﬂﬂ-p,én,=
N tmoavelas =TT Bro Xy "Oyxos -
TMpiopa 'Eppabdv GAIKils Egy, —rep.Poc. Xu+ Tpioparros
tmigaveias pas
+2EB
.
|
| ol
! 'Opb. "EpPabov dhikd "Oyxos 0pf. [a) V=ait
; ¥ p p ™ | E=2(ap +Py +y2) =t kal
b B ny Tap/ Sov tmipavelas Tap/ bo B) V=Ep'
a =
N "Eppadov SAkiis gl O'YKDS Ve ol
tmipavelas xUPov
LA
Mupapls | "Eppabév mapamA. | wep.Pao.Xd&mooT. “Oyxos VHlEﬂ’
| (xavovikn) tmigpaveias T Trupapibos =3
.pao. X&mooT
"EpoBoy B [Em P 5 +Eg
Mupapls "Eupadov E="Afpoia.E¢gpay "Oyxos V*—ﬁl Es
(Tuyoloa) 3
'Eppabdv kupT. E=2mRv
KoAivEpos tmgavelas “Oryxos V=nuR'
(6pBos xuKkA.) kVAivBpou
'EpPabov SAikiis E=2wRvu4 2wR?
tmigaveias f§ E=2nR(v+R)
*EnPadov E = wRA
K évos KUpT, tmipaveias "Oyxos 1
) V=]
(6pBos Kukh.) KGVou 3
'Eppabov ; E= mRA+wR*
SAik. Emigavelos fi E=mR(R4-A)
, . ' » 4
Zgalpa Eupadov E=4wR Oyxos V=gm
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MivaE tov TeTpaywvwy xal Tov WOPWY TOV QUILKLY dpudv

amd 1 &wg 100

|
=[] T>
g - M o M S—

‘ 18 Sy 2601 132651
% “ ‘1; | 8 52 | 2704 | 140608
Sl S v 21 53 2809 | 148877
4 i 64 54 216 | 157464
5 25 124 55 3025 | 166375
6 e 216 | 56 313 | 175616
7 49 343 | 57 3:249 | 185193

BER ] 64 | 190 .- 58 3364 19511
9 81 729 | 59 3481 | 205379

10 | 100 | 1000 | 60 3600 | 216000

| 121 55 (S 372 226981
ié i 144 ‘ 1728 62 3844 238328
13 [ 169 2197 63 3069 250047
11 | 196 2744 64 4096 262144
15 L 225 BB | 65 4225 | 2?46%2
16 S O I R 435 | 2874 6
17 289 ©13 | 4489 | 300752
18 324 se32 | 68 4624 | 31443
19 361 6859 \ 69 4761 | 328509
20 400 8000 70 4900 | 343000
1

21 441 | 9261 71 5041 35791
22 484 10648 72 5184 3;3%%%
23 | 52 12167 73 5329 380017
24 576 13824 74 5476 4 5224
25 625 15625 75 5625 4289?6
26 676 | 17576 76 5776 43 o
27 729 19683 77 5929 433552
28 784 21952 78 6084 ?;93039
29 841 24389 79 624(1) £309
30 900 200, | BOo i 60 | 512000
961 29791 81 | 656l N 531441
%é ‘ 1024 32768 \ g2 | 6724 gg}ggi;
33 | 1089 35937 83 6889 l S
34 L1156 39304 | 84 7056 2
35 | 1156 39304 85 7224 | 6 _13 i
3% | 1225 42875 86 7396 | 6 0%
37 } 1296 46656 87 -6 | 23?472
38 1369 50653 88 44| 2
39 | 1444 54872 89 7921 | 704969

40 101 - 11500i) 64000 90 8100 | 1290
a1 | 68921 01 8281 ‘ 753571
ﬁ '1 {?23; 74088 ‘ 02 8464 778688
43| 1849 79507 | 93 8649 804357
44 1936 35184 94 8836 330584
45 | 2025 91125 95 9025 | 857375
46 2116 97336 9% 9216 | 884735
a7 | 2209 103823 97 o400 | 912673
48 | 2304 110562 | 98 9604 | 941192
49 | 2401 117649 | 99 9801 | 970299
s0 | 2500 125000 } 100 10000 l 1000000
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Iliva tetpoywvikdy ptldv T@V @uamdy plbpdy dno 1 éwg 100

Terpary. pita| |

"ApiBuds

*ApiBuds Tetpay. pifa ' Ap1Buds lTETpClY. pita > Ap1Buds Tetpay. piba
a Y a o o o | Y« a Yo
|

] 1,000 26 | 5,099 51 7,141 76 8,718

2 1,414 27 | 519 52 7,211 77 8,775

3 S 1,70 A G 53 | 7.280 78 8,832

4 2,000 29 | 5385 54 | 7,349 79 8,888

5. LIS gy 30 5,477 55 | 7.416 80 8,044

6 2,450 31 5,568 56 | 7.483 81 9,000

7 2,646 32 | 5857 57 | 7,550 82 9,055

B[RS 0808 33 | 5745 58 | 76l6 83 9,110

9 | 3000 34 5,831 59 7,681 84 9,165
100 =l S8 o 35 5.916 60 7,746 85 9,220
Tl SEE 36 | 6000 61 7,810 86 9,274
12 ilenbea 44 37 6,083 62 |* 7,874 87 9,327
13 [ 3ie0s 38 6,164 63 | 7937 88 9,381
14 wile= 5741 39 6,245 ¢ | 8000 89 9,434
15 3,873 40 6,325 65 8,062 90 9,487
16 4,000 41 6,403 6 | 8124 91 9,539
17 4,123 42 6,481 67 | 8185 92 9,591
18 4,243 43 6,557 68 | 8246 93 9,644
19 4,359 44 6,633 69 8,307 04 9,695
20 4,472 45 6,708 70 | 8,367 95 9,747
21 4,583 46 6,782 71 8,426 9 9,798
22 4,690 47 6,856 72 | 8485 97 9,849
23 4,796 48 6,928 73 | 8544 98 9,900
24 4,899 49 7,000 74 | 8602 99 9,950
25 5,000 50 17,07 75| 8660 100 10,000

Inpelwoig : Al tetpaywvixal pigar 1@y pf) TEAelwy TeTpaydvwy elvar xatd mpooty-
ywov 0,001,

&
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