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‘O EdxAeidng

‘0 "Eldmvac yeouérons Edxieldne Snipe ¢ mo dudonuoc palnparixdg
Ghaw viw Emoyiw ai Slew tiw 0viw. I 1) Lonj Tov Edgovpe moid Abya mod-
yuara. Levvijnxe ©6 330 7.X. ovy) Zixedia 4 ovs) Zvpla xai méhave 1o 270 7
275 n.X. "0 mavégas tov Navxgaros tov Eoteiie dpyina yia omovdégoTiy’ A-
Biva, émov yerjyopa dia-
#0l0nxe ya tic pafn-
patizés Tov ixavdrnres
xal Tic yewuerouxés Tov
éoyaoies. * Apydrepa mij-
ye ¢ mpoaxexinuévos
tod  [Trolepalov oy
*Adelavdoera xal didake
*ApBuntiey xal Tewpe-
tpla. “H dibacxaiia rov
éxci dpnoe émoyr) xal 6
Ebxleidne  vadrice ya
Exarovrddes yodvia 70
dvoud tov pué 1) lew-
petpla oty dmola el-
x¢e ibalreon dydnn. Ka-
ta vov Ildmmo (3oc ai-
dvag p.X.) 6 Edxdei-
dne frav mpdog xal el-
x& pla Seywotory ixavd-
™Ta va peradider yvdo-
oelg  otodg  ovvarfodi-
Tove Tov.

“H peydln gijpn vod
Edxleldn dpeilerar xv-
plwgs oo Eoyo Tov «Xrot-
x€iay, o T6 omoio mijge xal o dvopa Tov «Zroryeiwrotn. To Eoyo adre
®ov dmovelel vnddetypa Oepchidoews xai magovardosne palparinos xAddov
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pewe yia wolods aldves 16 Pacixd xeipevo didaoxalias vijs Newperplag ova

o meplpnpa oyodeia. Ta «Zroiyeian vot Evxleidn amovelotvrar and dexa-
Tpla Pifiia Td dmoia mepidaufdvovy, éxtos dmo tic dpywxéc meotdoews, 93
mpofirjpara xal 372 Oewpripara. Ta téooepa mpdra Piflia xal v6 Exvo me-
ptéyovy T éninedn lewpetpla, &vid to méunmto mpaypareverar 17y Oewpia
i avaloyidv. Ta éndueva toia Pifiia, Efdopo, dydoo xai Evato, mepiéyovy
xaflapdc dplbpnrica Bépata xal 616 déxaroe yiverar pé Bavpdero Tedmo 1) dvd-
nrvén Tijs Oewplas Tav dovupéromy yeoustowmdy peyeban. Télos ta Tola
tedevrala Pifidla dvagépovrar ot Zrepeoustola. "H mpdty Exboon v
«Zrotyeiwvy Eywe 1o 1482 ovr) Bevetia.

IToddot nal peydior pabnuarixol doyolifnxay Tode tedevralovs aldves
pé 1) Oepediwon vijc I'ewperolac mod xabiépwaoe 6 Edxdeidns xai doxerol dmnd
attods owvéfaiay ot va yiverar ofuepa 1 Oepediwony avry) pé mo adorned
Tpdmo. Megixol Tpomonoinoay dxdun »al dpiouévec dmo Tic «dpyécn mod EPa-
Ae 6 Etwleidne xai dnmodoynoay dlda «Aoyuxa olxodoprjparan ta dmoia 6-
pog 6év Exovy ofite Ty dnAdtyra ofite Ty duopgia tijc Iewpetolas mov on-
pllerar ovls doyéc vot Eoudeidn. “Exgu ol doyéc adréc xvpiapyotn dxdun xal
arjusoa oty ewperpla 1j dnmola Sibdoxerar ora Ivuvdoa 6Aov Tob xdaupov
xai 1) dmoia, yi’ adrdv dxpfis 16 Adyo, Aéyerar «Edxdeldetos Iewperolan.
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Ol MPOTEZ ENNOIEX THX FEQMETPIAX

i
I. I. Eicaywyf. C}{\‘_i—'

Ta Mabnpatikd, 6tav doyolobviar pé v meptypapn kai peiétn
BV COUATOV Tob «aloBntoby xdpov (Sniadh tol xhpov mob pdc mepiBal-
Aet), mepropifovrar povo ot poper Tove kol of kabe T mob &Eaptdtol an’
abth. "Etol 1¢ Mabnpatikd «ayvoobvn tiv GAn # tig GAkeg id10tntEg TAV
cOudTOV Kai orovddiovv Th
popof Tovg xaoi paliota yid
10 oKomd adtod dvrikabiotoly
adta pg aniomoinpéva (iea-
ta) mpétuma, woL Aéyovtor
Yeopetpika oyfipata. Ta yeo-
HeTpIKaG oxfpatae Aoindv &l-
vai pednpatikés émvorcelg
nob dvTimpocwneHlovy COUa-
to §j pépn copdrav § vonti-
KE&G TPOEKTACELS TOULG.

Mé v eicayeyi kai t pelétn 1dv YEQUETpIKDY OYNUETOV Goyolei-
waw ) Feopetpial, mov eivar Evag idiaitepog kai adtévopog kAadog tdv Mao-
Onpatikdyv. ‘Idaitepa otd ndpeva 0a doyolnBobue pé v EbkAeideio Ocw-
pnuikn Feoperpia. - :6}\

1.2. "Apyikig Evvoleg - "Afidpara.

a1 Bepedioon tiig Mempetpiog kdvovpe Tig mapakdto dvo tapadoyis :

o) Aexdpacte v Urnapln dpiopévev Evwwoidv mod Tovg divoope xd-
mowa dvopacia ywpic vi Tig meprypayovpe pé th BoRbeia iAoV otolysiov.
Ot Evvoteg abtég Aéyovrar dpyikég Evvoreg tiic Mewpetpiog.

"Etou exdpacte St Omapyet Eva pi kevd ovvodo mob 1o dvopaovpe
YEOPETPKD Y Bpo xal T¢ oTorxeia Tov TG dvopdlovpe yemperpikd anpsia
fi an\dg enpeie. Kabe dmooivolo tob yeopetpikod xdpov Aéyetar yew-

1. "H MéEn Tewpetpia, Ypaoer 6 “Hpddotog, onpaiver T pétpnon g viic.
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petpikd oyfjpa. ‘Opiopévo Gnd adrd, 1 Omoolvora, Td Aépe edBeieg kai
opropéva ta Aépe Enineda.

Oi Bacikig Aowmdv apyikés Evvoieg tiic T'ewpetpiog elvar :

® 10 onpeio
@ 7 edbeic
® 10 éminedo.

Z10 oyEdd pag Eva onpeio vtomiletar pé pa tekeia koi onpedverat
pe Eva kegaiaio ypappo.

M edbfeia xataokevaletar pé T oA
BonPeio Evog kavove (xapoxa) kai on-
pewdvetal pe Eva pikpd ypaupe tob drea-

Britov. £

I'ad va onpeidoovpe Eva éninedo, O
xpnoiponotolpe Eva Grd T4 PIKPE AGTIVIKG YpAupoTd: p, q, T, ...

Kabe GAAn Evvola 0 pmopel va neplypagel pé ) Porbeia t@v apyikdy
gvvoldv fj dAlov yveaotdv otoiyeiov 1fig Feopetpiag. "0 tpémog abtdg me-
prypaofic g dnotelel OV dpiopd g Evvolag adrfic.

B) Aeyxopaote émiong 671 aAnBetovv dpiopéveg mpotdoslg mov Gvaé-
povtal kvping ot kaBopioTikég i816TnTES TdV ApYikdV Evvoidv. O mpota-
oeig abtég Aéyoviar aEwbpata (7 aitipata).

Kdabe dAAn npotaocn mob 7 ainbeia g mpokintel awd pid oelpl cvi-
Loywopdv Bepeliopivn ota aEibpate (| of dAdeg aAnbeig mpotdoelg) Aé-
yetar Bedpnpa. ‘H Swdikooia 10v ovdloyiopdv mod &68nyel oty aAf-
Bewa évog Bewpfipatog dnotelel tHv anddaln tod Oswpfipatos.

“Etot ol mpotdoelg mod cuvavtobpe oth eopetpia Swokpivovial of :

® afibpata
@ Ocopfpata.

Tpénel va onperbdoovpe 8t & pédlog TV dElopatov xal 1HV Bempnua-
tov o1 [eopetpio 8¢ Siapéper kai 1| ypnoponoinon tovg yivetar pé Tov
idwo 1pomo.

*Axopa drapyovv mpotdoelg mobd eival Gpecsg cuvénsieg Evog Bswpt”
patog. Mia térown mpétaon Aéyetar eidikotepa moprope Tob Bewphpatost.
Ta mopicpate Aowndv eivan xai abta Gewpfipata mod 1 GAndeia Toug eival
@ipeon ovvénela kdmotov Bewprpotog (kai Y1 adtd 1 andderEn toug moidég
Qopéc mupaleinetal).

1. 'H @cwpnrikn Teopetpic Oepehiddnke yia mphdtn gopt ot kabaph Emothun
ano tov "EAAnva pabnpatiko EdxAeidn (1o 300 n.X.). Eqpepa f EdxAeideroc Ceopetpia
Bepehidveral pé Eva «ovompe» GElopdteay Tob tpotelve 6 padnuatikog D. Hilbert (1862-
1943). "Anod ta aEibpata abta £8@ 04 avagépoups Exelva mov elval dropaitnta yia Eva
oyohko Eyyelpidio.

8
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1.3. Baoikég mporaoeig yia v ebBeia.

Eirnope mopandve §ti dpiopéva broovvola tob yewpetpikod ydpov
i Aépe edBeieg. Ta va ta xabopicovpe adrtd ta droclhvoha, SeX6pUOTE OpL-
opéva aEidpata kai drodeiyvovpe pepika fewmphpata.

“Etou dexopacte 6t pa edbeia elvar yvijolo Omoolhvolo tob yempETpL-
kob x®@pov. Tobro 1o Srervndvovpe pe to EEfg dfiopa : A

“Ynapyer tovlayiotov Eva onpeio (D
nod 8év avijker of dedopévn edbeia.

—_—

3
T& ogéon pi 6 onpele, Yia v edbeia dexdpacte 1 tapakdto Giiopa :

Avo enpela avijkovv of md xai pove of ma edbeia. an
A
/\ 5 Zas @\i\\

To dkimpa (1) éxepaletor ioodivapa kel pe v npdtacn :

«Abo enuela dpilovy TR Ofon pidg koi péve mag edbeiacy.

‘H &bbeia mob 6piletar anod dbo on-
usie A xoi B dvopdleton edeia AB xal
Aépe YU adtiv Ot «Bifpyetany Amd Td
A xoi B. Ta onueia mod @vikovv oTiVv
161 e0Beia Aéyovrul cvvevBerakd.

*And 10 aEiopa (II) elvar pavepd 8ti:

«Abo £0Beieg mod 82 ovpmintovy Exouvv té mokd Eva kowvd onuelon.

Abo bPsieg mod 8¢ cuvpmintovv kol Exovv Eva kowd ompsio Aéyov-
Tar tepvopeveg ebbeieg kai 1O Kowvo onueio
Toug Aéyetat Topn @V edBeidv adtdv. Td £
vi. dnidoovpe 611 Eva onpeio A elval Topn
500 e00s1dv € ko &, Aépe 611 of edleic € xail
g’ tépvovtal otd A Kai Ypapouvue:

{A } = gNg’

A B

OEQPHMA : *And Eva onpsio Sifpyovion mepiochtepeg Grd e ebbelec.

*An65eiEn : Ocmpobpe 300 onpeic A kol B xol v edbeia & mob SiEpyeTal amd ad-
16. Zopgave pé o dtiope (I) dmapyer onpeio I’ oL 8év aviker oty sbbeia & Kata

9
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16 abiopa (1D 1¢ onpela A xal T dpilovv p
AAn ebBeie €', O e0Beiec € xai € Exouv Kxot-
vo ompeio povo 10 A, ywari, dv adréc elxav
kai dAlo xowd onpeio, Bd rtavtiloviav, mov
dev elvar duvard, et 1ote w0 T 0 fitav on-
uelo 1fi g, v 10 mApape va unv aviker o
adt. Zuvvendg amd 10 A SiEpyoviar oi £00eTeg
€ xai €', dnkadn neproodtepec and pie sdBelec.

"Axbua yua v ebbelo Seyxdpacte St :

IE xGBe £0Beia  dvijxovy (§80)]
Toviayiotov d0o onueia. —é——o——

kai pdiiota dt: (GElopa (wv)!

"Av ot ma ebeia onperdoovps dvo onucia A kai B omapyel :
a) Eva tovhdylotov onpeio g A petaid tév A xai B.
B) Eva tovhayistov onpeio g E tétowo, dote 16 B va sivan peta&d

1éhv A xai E.
7) Eva tovddayiotov enpeio g Z tétoro, Gote 16 A va sivan petald
v Z xai B.
A a B Z A B
g - e R R SR T

"And ta abidpate abte Ba Eépovpe 1, Gtav pdc Sivetar i edleia &
Kal onueidoovpe dvd onueia g A kai B, - a4 EF
Unapyer onpelo A petald v A kai B, A 7
onpeio A" petald tdv A kai A kol ouvé-
xewe 06 dndpEovv dnelpa® onueia petald 1@V A kai B3, To S0 0g ioyvel
kai ya ta onpela tfig & mod 82 Bpiokovtar petald t@v A koi B.

“Etol 800 onpein g edbeiag ) xo-
piCouv ot tpia pépn mod 10 kabéva toug € A B
Exel winelpon onpeia.

1. To dfiopa (IV) Aéyetm kai dEiopa SatdEenc.

2. Tevika 8tav 114 Eva mAfibog otoixeiov xpnoonotobps tov Gpo «iimelpay, Evvo-
ofpe 511 10 wAfjfog tév orowgeinv abtdv Eenepvi k&Oe guotko GpiBud v Goodfnote pe-
ydho.

3. "E8® dexopacte axopa 1o dfiopa :

«Av onpeio A pdg edbelag & elvar petakd dto onpeiov te A xai B kail Eva onueio
A’ tfig € slvar petall v A xai A, 161 kol 10 A’ Bpioketat petald tdv A kai By,

10
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O ﬁ/ *
1.4. "H fjevBeia.

“Ag Bempficovpe pia edBeia € kal Eva onpeio tng A. "Ovopdlovpe:

‘Hpmevleia o onperocivoro mod otor-
z2ete tov elvar 10 A xeai Ghe td onpeie
tfic € mod Ppioxoviar mpog «to iSion
pépog tob A,

*Amo Tov 6propd abtd mpokintel 611 of kabe bOeia £ kai Y16 kdBe on-
peio g A dvriotolyolbv 0o fpievbeieg !:

£ x
M Ax kai 1| Ay ¥ A

To A Aéyetan apyn tfig xdBe fjpeveiog. Avo fpevBeies mob mpoki-
mtovv Gnd v 6w evBeio koi Exouvv Thv
idia dpyn Aéyoviar dvtikeipeveg Mpiev- Kot el v
Oetec.

Mii fjuevBeia Ba kaBopiletar nhfpawg, Stav Eépovpe TV apy s kal
Eva dAho ompeio tng, xai Ba yphoovpe
101€ : fjmevdeioc AB.

Q‘fj; . | AIKHIEIZ 1-4 I

1.5. To e080ypappo Tpfjpa.

“Av dofolv 800 onueia A kol B, Eépovpe G dmapyer povo pia edbeia
AB mov Siépyetar Gnd t@ onpeia adta (dfiope § 1.3) kai 6t dmapyovv
Gnepa onpela adrtiic tfig edbeiug petald t@v A kai B. *Ovopdalovpe :

Eb0Oypappo tpfjpa pé dxpa 6o onpeic A xai B 10 onperosivoro mod
£yxe1 otoryeia Ta 600 onpeia A kai B xai ta enpela tijg e00ciag AB nod fpi-
oxkovtar petafd tdv A kal B.

To ebB0ypappo tpfipe 0 onpsidvetar AB fj BA () pe Eva ukpd ypap-
pa, my. o) kol 06 Aéyetal kol anhég tpijpe AB. "H edbeia & mod opilovv

1. ‘H Orapkn t@v 800 Auevbewdv EEaoporiletar dEimpankd’ éniong én 16 pévo
Koivo onueio mob Exouv elvar 10 A,

11
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7a onpela A xai B Aéyetar gopéag Tob e000ypappov tufipatog AB. @d Aépe
axépa 8t 10 £00. Tpfjpa AB cuvdén i &véover 1a d0o onpela A kai B. “O-
pilovpe dxépa G11:
® Zowtepikd onueio tob AB  Adyerar 10 x#dfe onpeio Tob Tuparos mov
elvar diagogeTing and o dxpa Tov.
® iLotepikd onpsio tod AB  Adyerar wdbe onueio Tol gopéa Tov mol
8év dviner oté AB. “H fpisvbeia AE mod 6Aa ¢ ta onuela (Ektog and
™ A) elvar EEwetepika tob ufuatoc AB Aéyetat mpofxracn 1o AB npdc
0 A. ‘H fjuievfeia BI nod 6ia NG Ta onpeio (§ktog and o B)elval tEam-
o *{-‘\ Tepikd ol tpfpatog AB Aéyetar npofktacn tol AB mpdc to B.
1.6, "loémra €00. Tpnparwy.

"Av mépovpe dbo ed8iypappe TpRpaTe o Kai B énd 10 otvoro & 1iv
£00. tunudtov eivar Suvatd va T cov-
déooupe petakd toug, yupaktn piCovtdg ta e S
@¢ Toa #j Gviea. Aeydpacte Sniadn o
GT0 ohvoro & thv £hP. THNpGTeV dndpyet | oxton tiig iootnrtag.
‘H ioémta 800 tunpatev Suniotd-

vetar pué Eva Swaprm, dmov ta TuHpaTa
a xai B eivar ioa, 6rav avTimpocmnehov-
TaL @no 16 (810 dvorypa tob Sraffty.
a g

©d ypagovpe: o = P,

‘H iodtnta tdv £00. tunudrov siva Ha oyxéon icoduvapiag, Snhadn
glvar :

‘Avekhaotiki: a=a ¥ aed
CUHHETPIKT] : e=f = B=a
petafatikn : o= xai B=y = a=y.
I'a v iocdémta tdv e000Ypappov TupdTeY Sexdpocte 1O atiopa -

" Xé xale fimevleie Ay drdapyer Eva kai pove fva onueio N tétowo, &-
ote t6 tpfijpe AN va elvar Too né dedopévo tpufipa a.

Td onuelo N g fpevdeioc Ax Bpioketar mpaktika pé Evo Py,
mov 10 «livolypd» tov

a
avumpocwnedet 1o THij-
pa a (ox. 1). x
Mé 1) Pofjfeic Tob A N
afibpatog adtod opi-
Cc'mpa xai td't‘ivtda gb- 3 - % -4
O0ypappe tpHpate T 1

12
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YAv 800oliv 8o tufpate o kol P S

Kol mapovpe of pa fuevbeic Ax ta .
tpipota AA =a kxai AE = B, #xovpe A 4 F
Ha Grd Ti MEPINTOCELS : “ x

T6 E kai 10 A elvai 10 {810 onpeio tfig fipevdeiag Ax, tote Exovpe o = B-
T6 A kettar petald 1év A xol E kol téte Aépe 811 10 @ elvar pikpbrepo
and 10 B xoi ypagovpe : a<P (BA. oyfipw).
To E kelror petald 1dv A kol A tote Aépe 6L 10 o elvar peyadritepo
anod 10 K(Ki. ypapovpe : a>p.
<

1.7. Té péogo €00. Tpfparog.

‘Opropds : "Eva onpeio M évog edfoypappov tpipatog AB 0d Aéyetar
péco tov, &v kai péve dv ta ed00ypoppe wpApata AM xei MB sivm ioa.

Aniedn: M péco 100 AB . AM = MB. il M
op

A 8
I'a 0 péoo évog ebBiypappov TpRpatog Sexdpacte o atiopa :

Kafz £000ypappo tuijpa Exer Eva kai pévo Eva péoo.

Qd dolpe apydtepa (§ 8.6.) midg Bpiokovpe 10 péco £vog ebB0ypap-
pov TUAPATQS PE TOV Kovova kai 1o Swfh.

O \
1.8. Oi mpaZeig ora €080ypappa Tpfpara.

a) "H npéebeon : "Qg npdobeon 6piletor M mpdtn ékeivy mob, dv pig
Sobolv d0o ebf. tpfipate AB = o xal
T'A = B, pmopolpe ¢° adrd va dvriotot- a

¢ = Aom—————op
yioovpe Eva kol pévo Eva tpito v, 10 5
dbpowopa tovg. e =
> . = £ a [}
Etoi: a |B=y ; < <

To dBpoiopa Ppioketor pé i Pofibee tob afibdpatog tiic § 1.6.
Z¢ ma evbeia & onperdvovps Eva onpeio Z koi Exatépodev tob Z 1d
onpeie E kai H dote: ZE = AB xai ZH = T'A, 161¢
EH=EZ+ZH=AB+TA=0+p.
‘H npatn tiic mpocbéceng edBOypappov TunpdTeV Exel TG YVOOTEG
idtotnreg :
@) "Avrtipetabetik : a+p=Pp+a.
B) Mpocetaipiotiky : (a+P)+y=a-+(B+7).

13
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B) ‘H agaipeon : “Av d08obv d0o ebB0ypappa tpfpote AB=a, TA=
B ue AB>TA, dnapyet Eva tpi-

10 ¥ TéT010 BOTE : A g 8
a=B+y policcsa
nob icodivapa ypagetar: o — B = y.
To y Ppioketor pé tov EEfig tpomo: £ 3 3

Z¢ ebbeio € maipvoupe Eva onpeio Z
Kai otfv o fuievbeia tfig & dg Tpdg 10 Z ta tpfpote ZH=a xai ZE=p
TOTE :

EH = o — B.

T va Exer vompo 1y Stapopa o — B kal dtav a=p, dexdpaote Gt O-
napyel Eva edbBOYpappo tufjpa mobd t¢ dxpa tov cvpmintovy. To Tufjpa abd-
0 Aéyetar pndevikd £000ypoppo tufipa kol onuetdvetor : 0. “Erot pmopob-
HE Vi YpaQovpe :

(1) e —a = 0 y1¢ x&0e Tufpo a.

"And v (1) mpokdntel: o -~ 0 = a, mod &Anfedel yie k&ds Tufjpe o
kai onpaiver 6t 10 undeviko €. tpfipa elvar 16 «obdétepo croiyeion tijg
npocBéceng 1y eDBOYpappOY TUNHATOV.

y) I'ivopevo £00. tpfjpatog imi pntd apOpé : “Ag mapouvpe Eva e00.
tufipe AB = o. T kaBe puokd apiBpd k Hpiovps 10 k- AB Mg T0 000~
Ypappo tufjpa AP mob eival @Bpoiopa k tunudtov icov pé AB = a.

a 5 § a o .= a a

R B P

Anhadf : AP=k-AB=a+0+o+...+a, k npochetéor.

“Av 6 k= % (6mov A puoikog aptpdg o) 1o —;L— + AB glvat Eva and

1 (oo €00. Tpfpate mob mpokbntovy, Stav xopilovpe 16 AB o Aioa pépn!.

A bugll £ B

Aniodn : AE _T AB <A - AE = AB.

Télog &v k, A elvar pooikol apibpoi, 6pilovpe 1o e AB =k - + AB

?-’l—

@g 10 s0OOYpappo TEfjpa mob eivar 10 GBpotopa k TENpdTEV TcOV pE —L « AB.

1. ©a dolpe ot dAAN mapaypugo nhg yivetar & ywpiopdg &vog edf, Tunpatog of K
Too pépn (6 k guoikdg apiBudc) pe tov kavova xol 1o Safim.
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A a B
: x-—j-al

E4a Y ;

it B s LA
Anhadn: EZ =« ?«.AB_ K.AB'

=l

© N\ |
1.9. Adyog €08Uypappwv TEnparwv.
*Av broféoovpe 611 Exovpe d0o tpfipate AB kai TA, mob cuvétovrar
ot ma iootnta tiig popefis :

K
(3) TA=— AB

8mov ¢ k kal A elvar guotkol apibpoi kol A £ 0, 6 aptBuog -% Aéyetar A6-

vog Tob tpfpatog A npdg 16 tpfjpe AB kai onuetdvetor pé TA : AB § ——;—g—— .
T'A

“Etol 1) iodtnta —;i— = dnhaver 811 6 aprBpog —‘;L— glval 6 Adyog Tob

I'A npoc 10 AB xoi ovvendg elval icodbvapn pé tivicétnta A = —; AB.

“Eyouvpe Aoimov:

A

K r'A
FA—TABﬁﬁ-f—f.

Elvar @avepd 611, dv elvar TA = AB, 8a elvar kai x = A, &véd dv elvar
TA>AB, 6a elvor x>\,

210 1ebyog adtd 0 onpewdvovps pé Z 1 chvodro TdY EDOLYPAPNOY THT-
pétov mob lvar tétola, Gote 800 dnondfnote a kol P 4’ abtd vi cuvdéov-
Tou pué oyéon Tig popefict 1 a= % B.

S \
1.10. Mérpnon e000ypappwy THENPATWY.

*Ag ma.povpe oT0 GUVOAO & v edBOYpappmy TUNRGeV Eva dploptvo
Tufjpe OH £ 0 nod 0d 10 Afpe povadiaio pijpa i povade xai g oxnpa-

AB 2
o O Abdyog

ticovpe yid kGBe edBOYpappo tpfipo AB T0D Z 1o \oyo

1. Adtd 82 cupPuiver mévrote, yiati (Gnog 0& dobpe otiv éndpevn 1dEn) dndpyouvv
pfpate @ kol By té dnota 8év loydel icdta tiic popefic o= %B. Ztiv nepinto-
on abti) Aépe St & Adyog Tod a wpdg 10 P elvar «ippntogy (u1) pnTodg) aprbpds.
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abtog Aéyetar tdpa pétpo tob AB dg npog povasa petpiioeng 10 HO xal
onuetdvetal anidg pé (AB), dnhadn elvar :

AB

(AB) = HO

Tovifetar 811, Stav ypapovpe AB, Zvvoobpe edBOYpuppo ufipa, dn-
Aodh yeopeTpikd oyfina, &vd Stav ypagouvpe (AB), Evvoobpe Evav apfud
mob elvar 10 pétpo tod AB Y1 kdrowa yveoti povada petpricewgt.

To pétpo &vog ebBbypappov ufpatog AB Aéyeton kol pfikoc tob AB.
Eilvar gavepd 6m yia kdbe edO0ypappo tuijpa AB =£0, 6 ap1Buog (AB)
gEaptiton amd T povada mod mipape, Snhady dnd o HO. “Etot, 8v naip-

Vape yid povade Eva dAlo tufipe H @', 10 pétpo

]-?](39 ol AB 0 Arav
Srapopetikdg apibpdg, doyeta dv TOV onpeidvapus Tait pé (AB). 11 ocuvvé-
xew Kai 8mov mapovcidoviar pétpa eDBYpappey tunpdtov 0 drofitou-
pe 811 dvapépoviar oty 6o povada petproeng.

T 16 undevikd tpfipe 0 Exouvpe mavrote (6) =0

OEQPHMA : "0 Léyos 6o tpunpdatov AB kai TCA sivar mavtote ioog pé
0 Aéyo tdv pétpev tovg, dnladn :

AB  (AB)
BA- T (TAY
"Anddergn : "And tig (AB) = AB: HO kai (TA) =TA: H® Eyovpe Tig
icotnTEeg : AB = (AB)HO, I'A = (FA)HO.
’Amd 1) Sevtepn iodtnro maipvoupe HO = ([,I—A) T'A xoi 161 7| mpd-
™ YpPAPETUL :
it (AB)
AB = (AB) __(r iy, TA =g A A

"H icomta Spog adh elvor, énog Eépoupe, icodivapn pg v
AB:TA = (AB): (TA).
"And 10 Bedpnua adtd Exovpe dpécwg t¢ mopiopata :
I "Ioa ed0bypappo tpipate Exovv oo pétpa xai avnieTpéoas, dnhadi :
AB=TA <> (AB)= (T'A).
1. Eépoupe dmod 0 Topvaolo Gt y1d povéda petpiioens Thv e0BOYpappOV TUNNGTEY

maipvoupe cuviifag Eve tufipe (oo pé w0 yvaoto pag pétpo # wa bmodwipecn tov §i Eva
noALanAaGLd TOL,
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IL “Awioa £000ypoppa tpfpare Exovy dpoing tvica pétpa Kai aviotpug,
dnAadi:

AB > I'A < (AB) > (TA).

I AIKHZIEIX 5-11 j

o
1.1l. Té &mimedo.

“Onwg einape, dpiopéve Omoovvola 1ol yewpetpikol ympov ta Afpe
énineda. TO éminedo eivar amod tig apyikég Evvoleg tfig lNewpetpiag.

I'd 10 éninedo deydpaocte 14 GEibpata :

—"Yrapysr trovhayictov Eva on-
peio mod div avijker of dedopé-
vo Erinedo.

—"Av ma evleia Sipyerar amd
800 onpeia Evog Emnédov,
tote Oha ta onpeic tng avi-
xovv o10 Eminedo.

— "Eva &ninedo Exer tovhayiotov
Tpia pi) cvvevleiokd onpeia. B
— "And tpia pi ovvevleiokd on- /
pela «ifpyetan Eva kai poévo
Eva Emimedo. —

To televtaio dEiopa éxgpaletor ioodbvape pé v mpodtaon :
Tpia pf cvvevberokda onueia opilovv ti) Bfan Evdg kai pévo £vog Emmédov.
“Eva &ringdo O 10 ocvpPolrilovpe pé Eva pikpd ypappa: p, q, r, ...

“A¢ Oswproovpe Eva éminedo p kai pia edBeia tov £. "Onwg dvrilop-
Bavopacte EmonTiKG, 10 onpeia tol Emt-
nédov kTog Gnd T6 onpeia Tiig € Sayw-
pilovtar and v € ot 8o pépn mob dév
Eyovv kowvo onueio” avtd Bewpntikd TO
KOTOYUPMOVOLHE PE TO Mopakdatom dEimpa :

Kabe e00zia Evog Emmédov diaywpiler ta Omélowma onuszic tov of dbo
Procbvoda mod div Exovv wova ompcia.
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"Ag Bewpricovpe Eva ininedo q xal g dvopdcovpe q° xal q” 1¢ Svo
brootvoda (pépn) otd 6molo ywpiletar adtd and wa edfeic tov £ TMd Svd
onpueia A xoi B 100 &minédov, mod div
aviikouv otV e, elvar Suvatdg of &Efig
dbo mepintdoelg :

a) Ta Vo onpeia A kol B Bpiokov-
tol ot1d (%o Omoobvoro q° § q° Tob
émnédov (oy. 2) ItMv mepintwon adti
Aépe 811 ta A kal B Bpiokovtal mpodg 1o
abtd pépog T € kai Seydpacte Gbiopatika St 1o e0@bypappo tpfipa AB
dtv Exer kowvd onpeio pi v .

Iy 2

B) Té &va onueio Ppicketar o1d Eva
broolvolo, 010 q', kai 10 dALo oT0 Seb-
tepo Umoohvoro, o1 q”. EtfVv nepinte-
on avtn Aépe 6T1 1 onpela A koi B Bpi-
oxovtal Eéketépobev Tiic € kxai Seydpa-
ote alopatike ft 16 s000ypappo Tufjpa
AB Exz1 Eva povo korvo onpeio pd tijv £ Av dvopdoovpe H 10 kowvd onpeio
oD AB & v g, Oa Aépe éniong 61 10 AB tépver v € 010 H, (oy. 3).

Elvar @avepd 6t Eva edBbypappo tufjue AE mod cuvdéer #vo onpeio
E tfic & p& Eva onueio A Efw an’ adtv
Exel p& v £ poévo 10 E xowvd onuelo,
évd Sho ta dAla onpeio 1ol AE Ppi-
oKovtai mpog 10 adtd pépog tfic € (-
@ob kafBe écwtepikd onpeio I 1ob AE 10
Al 6év Exel xowvo onpelo pé v e).

Ix. 3

‘Opropds : "Av o0&l Eva &ninedo q
Kai i gbBeia Tov g, 10 onpeloohvolo mol dmotedeitol Gnd Ta onpeia THg
ebleiog & xai nod ta onpele 1ol g, mod
Bpickovrtal mpog 10 1810 pépog tiic &, Aé-
yetol fjmeninedo pé axpi €.

“Eva fjueninedo kabopiletar nhn-
pog Amd TNV Gkpn ToL Kol and Eva 6-
popévo onueto tov. I'd 10 Auieninedo
nob Exer axpn tv ebbeia € kai Eva on-
peio 10 A 0d onpeidvovps : fmeninedo
(e, A).

“Etol 6tav Aépue St ta onpela A, B (oy. 2) Bpickovtal oo idto fpuienine-
80, Mg mpOg TNV &, onuaiver St 16 Tufipa AB v Exer kovd onpelo pé v e.
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*Evé Stav Aépe 8t 1é onpeie A, B Ppickoviar ot Sagopetikd fipenineda,
g npg;)ti\i(e, gnuaiv&t &1L 10 tpfjpe AB tépvel TV &, (o). 3).

1.12. Oi kAador T1ijg Fewperpiag.

Ké9e yeopetpikd oyfjpo mod Sha ta onpeia tov dvikovy ot ido &ni-
nedo Aéyeton Eminebo oyfjpa (ox. 4) kol & xhadog tfig I'ewpetpiag mod

A

i SV e

Iy. 4 Iy 5

doyorettar P& T pedétn thv Eninedov oxnpdtov Afyetal eldikotepo Em-
nedopetpia. ME i) pehétn v i ninedov oxnpatev (oy. 5) doyoleltar
M otepeopetpia.

“Erou | Tewpetpia Srarpeitor o dbo Paoikods kradoug :

e mMyv Eimnedoperpia
® 17 otepeopepia.

Tt Emdpeve padfpatd pog 06 doyolnOobpe povo pé énineda oyfpota
kol parioto B¢ tavtifovpe o Eninedd Toug pé 1o Eminedo tig oehidag mod
vpagpovpe fi rafaovpe.

B N
1.13. "H ywvia.

“Av Bewprioovue dbo dpropéves fuievdeieg OA xai OB évog ¢mmédov,

10 onustoctvoro mob elvar Topd TV dho fHuemnidov (ebbeia OA, B) xai

Ix. 6 an

(ebPeia OB, A) Aéyetor «kvpti yovie» pé kopuei O kai mhevpic OA Kai
OB (PL. oy. 6.1.). "H yovia adt 0d onpeidvetol ADB i BOA.

*Enione, dv OA’ xai OB’ eivar oi avrikeipeveg fuevbeieg 1év OA xal
OB, 10 onpetootvoro ol elval Evacn tdv 800 1 wemnédov (ed0eia OA, By
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xai (ed0eio OB, A") Aéyetar «uf) xvpri) yovia» pd kopuei) O xai micvpic OA
xai OB (BA. oyx. 6. II).

Elvar gavepd 61t ol dvd abtég yovies Exovv Evoon 6AékAnpo o
éminedo kal Topn tig Svd fuevleieg OA xoi OB.

Kabe onpelo wdg (xvptfic §i pf xvptiic) yoviag mobd dév dviiker o
nhevpd g Aéyetal Eowtepikd onpeio tiig yoviag. Awakpivovpe elikoda b,
dv E sivar Zowtepiko onpelo pid¢ yoviag

AOB, 6L ti onpeia tfig fjpevbeiag OE, A
£kt0G Gmo 10 onpeio tng O, Bpiokovrar /
o10 Eoatepkd Tiig yoviag kai | OE Aé- a £

yerar Eowtepikn) fuevdeio g AOB.

“Etot | yovie AOB pnopet va BeopnOet 8

g onuetochvoro mol amoteheitar @md

¢ onpela 1@V d00 TAevpdv TG Kol Grd TG onuein Shov THV EowTEpIkOYV
fuevbeldv tng.

It pepikn mepintoon mov 7 fuievleic OB 1ob oyfuatog 6 tavtiletar
ué v OA, 7 xupt yovia A 6 B neplopilerat otig mhevpic tng (dnradn me-
propiCetar o¢ pa fpevbeia) kol Aévetar pndeviky yovia (BA. oy. 7), &ve

0 A 0 A B 0 4
B B ; 2
Iz 7 : Iz 8 I 9

1| u1 xopti yovie tavtiletar pg 6ho 10 Eninedo kai Aéyetal nAipng yovie
(BA. ox. 8). Miu dAAn pepikny mepintoon Exovpe, dtay 1 fpievbeia OB’ 10D
oxfpatog 6, tavtiCetar pé v fuevdeia OA. Tote | kvpth yovia AOB tav-
tiCetal pe o Eva fuieninedo mob Exet dxpm v eifeic AB kai Aéystar me-
mhatoopévy ij e00cia yovie pé kopuel O kai mhevpic OA kai OB (BA.
oY 9), &vd 7| xvptT yovia tavtiletar pg 1 dAlo Rueninedo mod Exet dkpn
v ebbeia AB.

‘ l AIKHIEIZ 12-16
S i 2y |
1.14. "H TeBAaopévn ypappf.

“Ag Oewpijoovpe Swtetaypéve onpsla A, B, T, A, .., K, A Swgope-
Tikd peTadd toug mob dva tpia Stadoyika Sév elvar ouvevdeiakd. “Av @épov-
pe ta e080ypappa tpfpata AB, BI, TA, ..., KA, 1 #vacn tdv bBOypappnv
abtdv tpnpdtov Afyetol te@haopévny ypoppn pd xopueic A, B, T, ..., K,
A xai mhevpic AB, BT, T'A, ..., KA xoi 6d ypheetor ABI... KA (BA. oy.
10). "H mpdn kopupny A koi 7| televtaia kopuen A Aéyovrar dkpa Tiig
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ypappfig, &vid 8o kopvEég Mo dvijkovv oThv idta A evpd Aéyovtar «yerto-
VIKEGH KOpLQES TNG. ZT0 moupekdte oxfipe 11 Exovpe teblhaopévn ypapun

Iy 10 Iy 11 B A Iy 12

ABIAEZ p& 6 xopupég xai 5 nAievpés. Eivar gavepd 6t kdBe teBlaopuéviy
ypapptn pé v kopupsg Exer v—I1 mhevpég.

Mua te0haocpévn ypappn 0a Aéyetar kvptdl, dv xai povo dv 6 gopéug
k@Oe mhevpiic Tng Exsl mpdg 1O abtd pépog Tov GAeg Tig dAleg Kopuvis Tiig.
te0haopévng ypapufic. & avrifetn mepintwon Aéyetar pfi kupti. 10 napo-
nave oyxfipa 12 Exovpe kopth telacpévn ypaupy ABIAEZH pé 7 kopoges
Kal 6 mAgvpés.

Mé 11 Bor|feia tdv Sedopévov onpeiov A, B, T, ..., K, A opiletar ko~
un kai 7 xhewor mohvyovikn (fi khewsth teBhaopivr) ypamu‘] oL Gmno-
teheitan (BA. oy. 13) 81 pévo amo ta tpApata AB, BI, TA,. KA Al

A A 3
/—\ E
__ B i K __
A
A

Iy 13 Ix14 .15

Kol amo 10 AA. Z10 napandve oy. 14 Exovpe TNV KAE1GTH TOALYOVIKT Ypup-
un ABIAEZ mob Exet 6 xopugds kai 6 mievpéc. Elvat pavepo 61t kife khel-
ot 1efhaopévn ypapuun pé v kopuess Exel kal v mAEVPES Kal pmopel va
elvar kopth i pi kopth. To oyx. 15 deiyver ua kvpt kAewot 1eblaouévn
ypappn ABIAEZH pé 7 kopugig kai 7 nkavpég.

o N
1.15. Mepiperpog TeOAaopévng ypnppﬁg

“Eoto ma teflaouévn ypoppny ABCAEZ. To d6poiopa :

AB+BI'+T'A+AE+EH p
v mhevpdv tng Afyetor mepipeTpog L
1fic tebAaopivng adtfic ypappfic.
*Etol, 6tav Aépe 611 e tebha-
opévn ypappd v, elvar pkpotepn (i - B £
on # peyohitepn) amd pa GAAnN Te-
Ohaopévn Ypoupn va, &vvoobpe St 1 5 H
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nepipetpog tiic vy elvar pikpdtepn (i 7 a
fon #| peyardtepn) éno v mepipe-

Tpo tfig ¥a.
A
K E

¥ 17

1 E H b 2,
B P X B

Ix 17
A T N o
IZx.16

Aexopaote 10 afiopa :

"Eva £00. tpfjpa AB elvar pikpérepo Gnd kabe te0haopévn ypapps mod
Exar d@xpu td onpeic A xai B.

“Etot otd oyfjpa 17 Egovpe : AB < AE+EZ-+-ZH-+-HO-+OB.

"And v 810mTd Tov abth 10 e0f. Tpfipa oL dpilovv o onusia A,
B Aéyetm kol anbetacn dv 800 onpeiov A kai B'.
O NN

1.16. Kupra moAdywva.

"Av Eyovpe pd khetot kupth 1eblacuévn ypappn ABTA... KA, 6Aec
oi xopupeg kai ol mhevpég tng Ppickovial oto Bva amd T dbo Apuenineda
mov Gpilovrar ano 10 Qopéu ke mhev-
pig g. "Etor m.y. dv @épovps 10 @o-
pta 1tfic AB, 8Aeg of xopupig kal mhev-
pEg i molvyovikiic ypapufis Ppickov-
1ot o160 fueninedo (edOeia AB, I).

“Ag Bempfioovpe TV Toun AV HuLe-
mrédov (sbbeia AB, T), (ebfeia BT, A),
(ebBeia T'A, E)..., (edBeia KA, A), (ebBeia
AA, B)."H topn adti elvar Eva ompetootvodo, Slugopeticsd ano 16 kevd (Gpod
TEPLEYEL TOVAAYLTTOV TiG TAEVPES THig TOAVY@VLIKTIG Ypuppfic) kal Aéyetat Kop-
70 modbymvo (fj andig modiymvo) pé kopugis A, B, T, ..., K, A xai mhev-
pic AB, BT, TA, ..., KA, AA xai 0a ypagetar miit ABT... KA. Kabe on-
peto tob moAvydvou mod SEv dvikel o TAEvpd Aéyetul EomTEpikd onucio

1. ZoviBag 1 @ndéotaon &Vo onueiov A kol B éxepaletal pé to pfikog tod e0B0-
Ypappov tufuatoc AB.
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tov kxal 10 cOvolo 16V Ecwtepikdv onpelov drotelel 10 Eontepkd tob mo-
Avydvov.

Oi xvptic yovieg AAB, ABT, BT'A, ..., KAA, mob Exouv xopueis Tig
Kopupig 1ol Tolvydvov, Afyovial yavies tob molvydvov xoi Od onupeid-
vovtal Gridg pe AA, ﬁ, f, Fry K, A.

Ta molbymva dakpivovial Pacikd and 10 mAfiBog 1@V KopLedV Tj TV
mhevp®dv Tovg. “Eva moddywvo pé Tpeig, TECCEPLS, MEVIE, ... KOPUPEG AEye-

piywvo tetpandsupo nevIdywve

tat avriototya tpiyovo (R tpimkevpo), tetpanievpo!l, meviayovo (i mev-
1GmhEVPO)... k.0.k. Ttd EmOpeve, yia v oyedialovpe Eva moldywvo, 8¢ yo-
patovpe povo tig mhevpég Tov.

Kafe edB0ypappo tufipe mob cuvdéer 800 pr YELTOVIKEG KOPLOES TOD
nolvyhvov Aéyetal Sraydvieg tol moivydvou. “Etol my. o010 mupamdve
neviayovo ABTAE 1a tpfpate AA, ET, BA, ... givar Saydvioi tov. "Eva
tetpanievpo ABIA Exsr 600 Sayaviovg, 1ig AT kai BA, &vd 10 tpiyovo

dev Exer Sugnvioug.
)
1.17. "H tplywviki] avicémra yia tpia onpeia. > =

“A¢ Bempricovpe tpia (U7 cvvevbeiakd) onpeia A, B, I' mdve oto £ni-
nedo. “Av Epapudoovpe 10 mopandve atiope tig § 1.15, Exovpe :

> s 1a.4%
BL<AB+AT (1) AL wo- UL WYV)EAp
(O A p< sy
AB<BE+ AT (2) P od s et
AT<AB+Br () - L Y
o It

*Av aképa dDroféoovpe 81t AB<AT, f| avicotnta (3) yivetar : “
W B U AR WA vV

AI' — AB<BI' (4). e 7

—— WV N Yy
Ol (1) xai (4) pdg didovv : )

AT B P /
f o LA pre O

= 441
AT —AB {BL<AB + AT. A& —

1. T mohbyavo pé técoepic kopugpds 82 ypnowonowitar 6 Gpog «rerpdyavoy,
yiatl otov Spo adto (bnag 0d Sobue dpydtepa) dmodidetar GAAN eidikotepn onuacia.
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*Anodeitape Aowmov v mpdroom :

I xabe tpiyovo ABI' xkale mhevpd tov elvan pikpbrepn and o Ebporopa
iy 800 Griwv kai peyaditepn dnd i Segopd Tovc.

“Av onpeidoovpe pg o Yvootd chpBolo Tiig amoivtng Tipfig | AT—AB |
i Sapopd T@v d0o mhevpdv AL kai AB, Stav amd T peyaditepn dpaipé-
GOULUE TH HKpOTEPN, T MPpdTact] pag Stotvndvetar pé Tig AvieodTnTe :

|AT — AB|<BI'<ATI'+AB.

Npobox,'

| Azkuzez mai |

o*\

1.18. TIAPAAEITMATA KAT E®APMOTEZ

1. @zopodpe 7 onueia A,B,IAE,Z,H éavi tpia pi cuvevBaad. TMooeg evBeieg dpilovrar,
v Evioovpe ta onpein adtd ava Soo; Na yevikeolei i doxnen v v onueia.
Aben. “Otav &vavovpe Eva Opiouévo on-
pelo, my. 10 A, ug 6ha ta dhha, @épvoupe 6
ebBeieg. Tote Spax, Evdvovrag kabe onpeio pé
Ol 1@ @Aha. @épvoupe 7% 6 ebbeisc. Ttov
ap1Bud adto 7x 6 1| kale edBeia napOnke o
Qopés (m.x. | AA rapnke Stav oépape Tic
ebBeleg arod 10 A kol Gray pépaps Tic £00eTeg
and 16 A). "Etol 6 apiBuog 7x 6 elvar Surha-
o10¢ 4nd 16 wAffog tév {ntolpevey cH0eidv,
onote T nAfiBog adto elvar :
X6 42

D
ME 10v 1810 GKpiBéic svihoyiond @rodsikviovpe St v onueta dpitovy l(vz_l)

= 21.

ebBeteg.

2. "Av Eyovpe §bo tepvopeves eifeie &, kai €., va deryBel dn dmapyovv Gnevpa onpeie
nov v dvijkovy oTd chvoro £, U &,.
Aden. "Av mipovpe onpeia Bes, kai I'ee,,
Siapopetika Gno 10 A, | eblsia B sivar
Sapopetikn kol amd ™yv €, kai anod ™V &,
(ywati my. @v | Bl ovvémnee pé v g, 10
anueio BIne; = {[‘} 00 ovvémmte pé 1o &,
U e, = [A], npdype &8Ovaro).
Kata 10 dfimpa tiic Swerdbeng Onapyer on-
ueto AEBIT petald tév B kai . To A sivat
gontepikd onueio tob tuipatoc BI kai dév
aviket olte oty &, olte oV £; (niati dv m.y. Aee,y, 1 edleie BA, dnhadn @ B
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0d ovvémunte pé v €);. "Etol, Tovkdxiotov ta Gneipa dowtepikd onpelo tob Tpf-
patog BIC dév dviikovv o106 £, U €a.

. Na seixfei 6n na dvo ed8OYpappa tuipata AB kai [A loyder navrote 1 isdtnra
(AB+T'A)=(AB)+(I'A).

Abamn. "Av dvopdoovue HO = a to povadiaio e000ypappo tufipe (kai onoBécovpe Gt
Tpéyape ToLG prTog dptd-

Jiobe (AB) kal (TA) ot 6- _E x.8 4 -8 H
pdvopa kKAdopata, Sniadn
\'moaéuouua BT L """"""""""""" [ l

(AB)="%-. (Ta) = %), 8¢ loyvoovv ol oxéosig:

(1) AB=(AB) 'a= a=K

7
@ I'A=(FA)-a=%a=uTu=u.B

Smov Béoape IT a = PB. [a vé oxnuaticovps td@pa 10 AB + A, 8a npénel va ndpovue

ot ebbeia & 500 Sradoyikd tpnpate EZ xal ZH mob 10 Eva Ba droteleital and k Tufipa-
10 (oo pé B xal 10 Ghho 0@ droteheltat Gno p tpnpata ioa pé . Tote Exovpe

AB+TA=EZ= (c+ wh= G+ w) 4 a= <11,

61:615(AB+!'A)=1-;—H=—§-+ %:(ABH(M).

M 1 Boffeia abtfic Tfig dokhoeng drodeikvioviar of idiotnteg @V npaEenv TV

£000ypappmY TUNpAToY oL slval dvaloyes pé Tig 816TnTEg @V dptbpunTIKGY npaewv
(BX. &ok. 6).

. Aiveton Eva e000ypappo tnfipa AB i edBeiag &, Eva onpeio M footepixd 1ov xai
Eva onueio O otfv npoéktacn tol AB npog 10 A. "Av slva AM‘—_—L MB, va dex0et

2
ey 20;\ + 0B
Abom. "Exeidh OM — OA + AM = OA + -;— MB = —29‘5;'—’“5, Exovpe 20M =

20A + MB. Elvat Spag dxopn xal OM = 0

OB—MB. "Etol v npocficovpe Katd péAn

1i¢ lodTNTEG AM B
20M = 20A + MB

OM = OB — MB,

Bpickouus 0M = 20A + OB=> OM =2 FO%
xOB
Teviotspa, v elva AM = —— MB, Bpicovus OM = m: I—,, .
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5. Na deix0et 8n1 Eva nokhdyavo pd v mhevpig Exa —vﬁ%—i Swyaviovg,Egappoyi oto
dexdymvo).

Aben. "Av ABI'A..KA elvar moliyovo pé v
mhevpéc, ol v kopupég ToulA,B,T,... K A, dvi
Tpeig 8¢ Bpiokovral oty idia edbeia kal 6=
pifovv (BA. dok. 1) ﬂ%lstxﬁhﬂeg. "And
tig ebBeieg adtég of v elvar mhevpic ol molu-
Yévov kai of drleg sivar Siaydvioi Tov.
“Apa, Gv Sy elvar 10 mAfifog tdv Sayeviov,
Exouvpe
5 viv—1) v(v—1)—2v v(v—3)
V= ‘-—2— —_—Vv= =

2 2
10x 7 :
"Etol n.y. Eva dexbywvo Exet = 35 Swxyaviove,
6. "Av M elvar érorodny Eowteptkd ompeio tpydvov ABT, ioyber maviote i) Gvigo-

mre
MB + MI' < AB - AT

'Amod. "Av E elvar | topn tfic BM pé v
AT, ot0 tpiyovo BAE &xoupe TV dvicdtnia
BE < BA + AE

() BM + ME < BA 4 AE.
*Emiong o10 tpiyovo MEI &xouue

(I) MI' < ME + ET.
IpooBétovtag kata péhn tic (I) kai (1) Bpickovps :
BM + MI'< BA + (AE+ EIN §i BM + MI'< BA | AT.

*7.(") KdBe wvptn tz0haopévy ypapph BM,M,.. MxI sivan mkpbrepn
and dmowadiiwots GAAn teOhaopévn ypoppi BAA,... ApIl' 1 énoia Exar
ta idre dxpa koi «repuklheien Ty Kopti] te0haopévy.

Anéd. "Av ol BM;, M;M,, M,M;...
Tépvouy v «EEmtepikiy teblaopévn
ot onpeia E,, E,, E;, ..., Ex» xai o-
vopdoovpe Ty, T, Ti... t¢ pépn ota
6mola  yopiletar 7 «EEotepiki» te-
OAaopévn and 1 onueio adrd, O &-
AOLUE TiG GVICOTNTEG

BM,+ME; <T,

M M,+M;E, < M;E+T,

1. Kafe mapadeiyna i épappoyi mov Exer dotepioko (*) mpémel va avripetoniferar
g cuvéxela tiic Paoikiig fempiag.
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M, M,+M;E; < M,E,+Ts
IpocBitoviag kota pédn Tig dvicdtnreg adtég Ppiokovpe :
BM,+M,M,+M;M;+... < T;+T,+Ta+..., dnhadiy Ppickovpe v dvi-
cotnTa mod {nTépe.

1.19. AEKHE!{IIE *

1. Aidovrat 10 onueia o avé tpia Sév elvar ouvevbelaka :

a) Tlooeg ebBeleg Opilovv Ta onueio adtd;
B) IMooceg fipevbeieg dpilouv;

2. T1o &ninsbo Sidovrar v ebbeiec, ETol dote : Gvi Vo vi TéuvovTal Kol dva Tpelg va piy
SiEpyovror and 1o (810 onpeio. Mooa elvar Ta onuela Toufig 1BV e0Be1dv adtdv; 'E-
eappoyi: v=12.

3. Tapte Eva dpiopévo onpeio A xai pépte 0o ebbeleg &y Kal &, mob vi Siépyovial and
10 A. TTapte dxdpn Eve dhho onueio B 1M €, kol Eva Ghlo onuelo I tfig &2 Kai dvo-
phote & v ebBeia BI. Na Gnodeifete 61i:

a) ‘H edleia € 8¢ Sitpyetar and 16 onueio A.

B) "Av I elvon onpsio tiig € dlagopetikd amd té B xai T, f evfeia Al 8¢ ovpminter
olite pé thv €; olte pé TV €;.

¥) “Ynapyouv dneipeg e0Beieg mov diépyovial ano 6 dplopévo onpeio A.

4. TMapte &va dpropévo onuelo A kai @épte pia ebfein & mod SiEpyetal and 16 A.
Iapte dxoun Eva dhho onpeio B tiig & xai Eva onpeto I' mod Sév avikel othv €. Na@
anodeitete OtL:

a) To6 onuelo A 8év aviker ofv ebbeia BI.
B) “Yrapyovuv dneipeg ebBeleg mod 8& SiEpyovial and 16 Oplopévo onpueio A.

5. "Av A, B, T elvar tpic onpela mig edBeiag £ tétowa, dote AT+ BI'= AB, va Bpe-

Bobv Té kova onpeia T@v : i) I'B kai BA ii) AT kai AB iii) FA xai I'B.

*Av a, B, v, & elvan ebBbypappa tpipate tétola, Gote o = B kal y = 8, amodeite St

a+ y= P+ 8. "Anodeifte éniong TV npoTACT ! @ = B<==a +y=PB+7

7. Té mé edBeia € maipvovpe oth oewpd td onuele A, B, T, A 1étowa, dhote Ta TufipaTa AA
xoi BI vé Exovv 16 1610 péoo M. Né anoderyfel 61t AB = I'A xai AF = BA.

8, Té& ma edOeio & maipvovpe ot oElpa Téooepa TuxdvTa anueia AB,I' A xai dvopd-
fovpe M 16 péco tod AB kai N 16 péco tob IA. "Anodei€te 6T :

M — 28 B
2

#eempobue Eva s0B0ypaupo tpfipa AB ebfeiag € kui 16 péoo tov M. "Av I elvat Eva
onueio otV mpoiéktucn tod AB kai P elvar Eva onpelo éomtepikd Tob MB, va @mro-
Se1xBobv ol loodTnteg:

6.

:M:ZAEZB, PM=PA;PB.

I%Lc-)wpofbus Eva ebBOypappo tufipe AB ebeiag & kai Eva Eoatepixd Tov onueio M 1é-

3 .
tolo, dhote MB= T MA."Av O slvar onueio otiiv npoéktacn tob AB, mpog 16 A, vé

amoderyOel Gtu
" 3.0A + 4.0B

oM ]
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11/ Aiverar tufipa AB ed0eiog € kai Eva Ecotepikd onueio tov M térolo, Gote MA =
-;—MB. "Av I elvar onuelo otiv mpoéktaen tol AB npds 10 B téroro, dote
5

IA=3

IB., arnodeitte Gt1

P W

- (AB) ~ (AM) (AT)

12/ Oewpolpe 16 Eminedo q mov SiEpyetar amd tpia pun cuvevBeiakd onpeia A,B,I" xai
raipvoupe Eva onueio A EE@ ano 16 q. "Av KaAéooupe q° 10 Eninedo mon diépyetar and
16 onueia A,B,A, va SeixOel 8t :

a) Té A avnker otic e00eicg AB, BI, AT.

B) T6 &rninedo q° 88 ovpnintel HE 16 q.

¥) Kade onueto tfig ebBeiug AB aviiker 616 olhvoro angqg'.
8) Kabe onpsio 1ob cuvodov q N 9q° elvar onpeio 1fic AB.

13] @ewpolus dVo Enineda Slopopetikd Tob Exouv 800 Kowva onueia A, B, Na amoderyOel
611 16 chvolo TGV KOWVEY onpeiov TEV 800 Emnéday cival t@ onpela fig e00eiag AB
xai poévo avrd.

14. "Eva e000ypoppo tpfine TA £xet ta Gkpa tou I kai A otig dbo mAEVPEG pIdG KUPTHC
yoviag AOGB. Ng deybel 611z
@) Té ed0dypappo tufipa TA aviker ot yovie AOB.

B) Kdabe éowtepikd onusio tod wipetog I'A elval kai éootepicd onueio tiic AOB.
1) Kdbe onueio tiic nposktacenc 1o TA slvar Zo0TEpLKd onueio thic pf KupThig.
Yoviag AOB.

15. Aivetat pie xupt yovie AOB kai Eva Opiopivo Ecwteptkd onpeio ¢ E. "Av I &i-
Vel éva dhho orolodimote onueio i Nuevleiag OF, Slapopetikd and 16 0, va det-
%Ol 611 :

@) Té twpfipa IE 8év tépvel Tig ebBetec OA xai OB.
B) Té IE avixer othy Kupth yovie AOB.

16. Aivovrar 800 ebleiec AA’ kai BB woo Tépvovtat otd O kai Eva Bowetepikd onueio E
i Kuptiic yoviec AOB. "Av mdpovpe Eva onpeio E' otiv avtikeipevn futevbeia Tiig
OE, v deiyBei bt ;

a) To E elvar écwtepikd onueio 1fig Kuptiic Yoviag AOB.
B) "Av pia £00sia sivar goatspiin] tiig kuptiic yoviec A6B, TOTE N Gviikeipevi g
fiuevbeia elvar éoatepikn i kuptii yoviae A'OB'.

17 Zt6 Simhavo oxfipa poc Exovps ma te-

Ohaopuévn ypappn ABTA... kai pia sdfeic (I 4

€ mov 8t cuumintel pé gopéa TAELPiEC Kai .74 Ll %\
TeuveL Ty tebhacpévn of meploodtepa d- ‘\/ L)E e
®6 800 onpeia. Né Setydei Gt 1 tebhacué- 8 4

vn elvat pi kopti.

18. "Av I elval Ecwrtepikd onueio Kuptod moivydvouv ABI ... KA, va Szixfei 611 kabe
ebbeia & mob Sépyetar and 16 1 TEUVEL THV MOAVY. Ypapupn tdv mAeup@dv Tov of Slo
onpele, évi ke fuevdeia pé Gpxii 6 I Thv tépver o Eva onpeio.

19. "Av P eivar onueio E0WTEPLKD TOD TpLydVOL ABT, @nodeire tic avioétnteg

AB + BI' + TA ¥

<PA-+ PB4 PI'<AB + BI' + IA.
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20.

*Arnodeitte 6t of kale tetpanievpo ABTA Exouvpe tic dvicoTnTEg

AB + BI 4 I'A 4 AA

a) AT+BA=AB+-AI ) 3 < Al+BA <AB-BI'+TA+AA.

1.20 AELKHIEIZ**

21.

23,

24,

25,

26.

21,

Bempobpe dVo ebbeleg A'A xai B'B mo¥ tépvoviar otd O kai pia ebfeia & nod diép-

xstar and 16 O xai térola dote | pia fuievbeia g OF va Ppicketar péca otiv kup-

™ yovie AOB. N deiy0si 611 :

) ‘H e0feic & dév téuvel 14 eb0OYpappa TuNpate ol Exovv Ta Gkpo Toug otig Hu-
evbeleg OA xai OB'.

B) “H fuevbeic OE tépver kabe ebBhypappo tufipe mob ta dxpa tov Bpickovrul otig
mhevpés T Kuptiic yoviag AOB.

. "Exovpe pio te0hocpévn ypoppf ABI ... KA mob Eva onuelo P pidc mhevpdc g

(8&v @roxheietal f) mepintwon va elvar t6 P kopuer) Ppicketal oThv npoéktucn piig
dAing mhevpls. Na beibete 611 i teBhaopévn ypappf elvar pn xupti.
Aivetatl pid «avorkti» xupth tebhacpévn ypappn ABL ... KA pé dkpo A xoi A. Né
BeLyBel 61 :
@) ‘H elBeic AA Exet pé v te0h. Ypuppn Kowvé povo ta onpeia A xai A.
B) "H xiewoth te0lacpévn ypappi, mod oxnuatifetal dv pépovpe Kai 10 tufjpe AA,
elvar kupti.
v) Kabe ebleia & mov Exel Exkatépmbév tng ta onpeia A Koi A Exet pé v «avolktiny
Kupti] teBhaopévn ypapun Eva kai povo Eva kowvd onpeio.
e kale tprada pn ocvvevbelakdy onpeinv
A,B,I', dexbpacte 10 aEiopa tob Pasch:
«Mia ebbeia & mod & iEpyeron and ta A,B,I
koi Tépver 10 tpiipe AB, Ba tépver dnwodi-
motejEva axopn kai povo Eva and ta -
pate AT xai BI».
Mé 16 GEiopo adto va beifete 6t o Eva A
Tpiymvo ABIT 1) ebfeia oL diépyetar and &-
va onueio A tfic AB xai Eva onpeio E tfic npoektioeng tiig BIC téuver thv ATl
Oewpodue técoepic eVOETES €1,82,63,64 OO TEUVOVIUL Gva 800 Kai @va tpeig 8é diép-
xovtul dnd 1o (8o onueio. "‘Ovopdlovpe £ 16 clhvoro t@v onueiov toufig Toug ava
800 kai 6pifovpue o6 Q T Speln oxéon R :
MRN <= t6 N 8év avijker o ebbeia mod diépyetar amd 16 M.
*EEetdote dv f| R elvar dvaxhooTtik, cuppetpikn kai petaPatiki.
¢ ma edbeia & naipvovpe ot oelpd téooepe drowadnnote onueia A,B,IA xai dvo-
patovps M,N,P,A 1@ péoa t@v AB,BI,TAAA. "Anodeifte Gt :
o) Ta tpunpate MP kai NA Exouvv 10 1810 péco O.
B) To6 O eivan éniong péoo tob tunuatog TE Stav T kal E elval 16 péoa tov AT kai
BA.

Ztig mhevpéc AB,BI\[A tprydovov ABIT maipvoupe dvrictoixeg té onueie AE,Z.
"Anobeite 6t
AE+BZ+ TA < — (AB+ BT + IA)..
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28, Aivetan Eva tetpdndievpo ABIA mob oi Siaydvioi tov tépvovtal otd O. Na dnodei-
Eete 6u, Gv P elvar éva émolodnmote onpeio, 16 Gbpoiopa PA 4 PB + PI' 4+ PA
vivetar Elayiotov, Stav 16 P oupnintel pé t6 O.

29. Oeapobpe Eva molby@vo pé v mievpég kai dvopdalovpe o 6 G0poropa tdv Sayaviov
oV xoi my TV nepipetpd Tov. "Anodeibte Sri:

@) ) kabe Sraydviog Tov elvor pikpdTEpN Gmd TAV «HUNEPINETPOD Tv/2
v(vt—3)m.

B) loxvel ) dvicod™ e 0 < 3

1.21. EMIANAAHYH KE®AAAIQY 1

1. "0 yeoperpikds  xGpog : Aexdpacte v Gmopén &vec pf xevod guvolov, tob yem-
petpikod xdpov, mob Th orolxEln ToL Afyovial enuein koi 16 HrochVold Tou Aéyov-
1Al YEOUETPIKG GYTNGTA.

2. "H edeio: ‘Oplopéva Gnd 14 dmoclivola 100 yempetpikod xbpov 16 Aépe ebbeisg
xal ol omovduibtepeg mpothoeic (GEibpata i Bempiuarta) ' abtég elvar :

—'And Eva onpeio Sigpyrovian dineipeg eibsies.

—'And 800 enpelo Sifpyetor pic kol povo pia cobeia (kai Etor Sbo e0Beieg mov E-
xouvv 800 Kowva onpele gupminTouv).

— Abo £0Beieg mod 82 cuprnintovy Exouv 10 mokd Eva Kowvo onpeio (kai of ebbeieg mod
Eyouv Eva pdvo kowvéd onpeio Aéyovrat CTEPVOUEVESD).

— Mia edfeia Exer Gnepa onueia kai kale Eva dnod adti th xopila of 5oo nuevdeies.

3. To e00bypappo pijpa: To onperocivolo mod Exer otoueia 8ho Opropéva onueia
A xai B xai 6ha 1 onpele tiic ebbeiag AB, nob Ppickovrar petald v A xai B, Aé-
yerar e000ypappo tpfjpa pé dxpa A xai B.

Kabze e080ypappo tpfipe Exa dnsipa onpeia.

Agyopaote dElopotikd 611 616 olvolo & TV ebB0ypappav tunpatav dnapyel pia

oyéon icoduvapiog v émoia dvopdlovpe «odtntay Kai St :

— Eg ke fMuevdeia IX drapyer Eva kai pove Eva enpsio O tétoro, Hote 0 ufipa 'O
vi elven foo pi Sedopévo tpfipe a.

“Av So0obv 800 Tufpate @ kai B kai ndpovpe of wa Auievlsia T'X 16 ufipata 'O = a

xai A = B, Exovpe pie ané tig mepinthosic :

—Té © xai 16 A négrovy ot 1810 onpelo tfic fpevdeiag T'X, dnote Exovpe o= B,

— Té © népret petald 1@v I xal A, dndte Exovpe a < B.

— T6 A mégrer petald tav I xai ©, dn6te Exovpe a > P.

216 alvoro & bpilovpe dxoun wrgdabean» Kai «dpaipeony. "Etot, Gv 50800 360 Tui-

pata a xai B pé a > B, dvopdlovus : '

— G0poropa o+ B 16 tufipa AP mobd Bpiokouue, dv napovpe of pia edbeic Sbo «di-
adoyikan tufpate AM = a kai MP = f.

— Suagopa @ — B Eva e0BOYpappo Tufina ¥ Tétoto dote B+ v = a.

Td v npdobeon xai v dpaipeon t@v £00Gypappoy TuNuaTeV ioxdovy &heg ol

id6tnreg mob ioybouvv otiv Tpoodeon kai TV doaipeon 1dY OeTikdv Gp1Bpdv.

4. To irinedo : "Opiopéva Gnd 16 dmocbvole 10D yemp. xdpov Ta Afue Emineda kai of
onovdaidtepes mpotdoeig v adtd elvar ;

—'Ané tpia pi| ovvevberaxa onpeia Sifpyetar Eva povo Eninsdo.

30

Wnepromotr|Onke amé To lvotirouto Eknmaibeutikng Mohmkrig



— Mio ebfzia mod SiEpyetor nd dvo enpeia Evdg Emnidov Exer Hha ti enpeie g otd
#rinedo.

—Eva ininedo Exe nepeg e0feieg xai kabe pd and adtis 10 yopila o2 Sbo menineda:

Té yempetpid oyfipate mod Exovv 8ha ta onpueia Tovg o6 idto Eninedo Aéyovral «dni-

neda oyfpate kai pé abta doyoleital i Emnedoperpio oV dnoie and 80 xai mépu

neploptlOPacTE.

. Mé 16 onuela ki tic edlsieg &vog émnédou opilovpe t6 Puokd Emineda oxnpoate.

Abta elvar :

—'H xvpth yovie, mod slval topn dbo fuemnidmv T Omoia EXOLV SLOQOPETIKES
axpéc (kai pepikég mepimtdoEls Tng elvar N «undevikn yavion Kai 1 «nerhutuopé-
v yovian).

—'H pf xupt yovia, tod elvar Evoon 800 Muemnidov 10 6moia Exovv dlapope-
TIKéG Gxpéc.

—H 1te0haopévn  ypoups), mod Exsl v Kopuvpés v Slotetaypéva omuelc ABY, ..,
K,A xui mhevpéc ta e080ypapuo tuhpate AB,BT,... KA kai 1 khewoth MOLUYWOVIKT)
ypappdy, Tov EXEL YIG KOPUGES TG SaTETaYMEVE GTUETR ABT,. . K,A kui mhevpég
1a eb@OYpappa tuipate AB,BL,.. . KAAA.

—'H xvptiy teOhacpévn ypoppi, mobd 6 popiog Thg kaBe mhevpdc tng Exel mpog 16
abtod pépog Tov Gheg Tig dhheg Kopueis tiig TeBAacuévng Ypaupic.

— Té kvptd molbymvo, T6 Omoio elvat Topn @V AUEMRESOY ol 16 kubéva tovg ExeL
éxpn pia mhevpd xhewstiic kuptiic tebhacpévng ypoppfic kal nepiEyel Oheg Tig
dhheg xopugés tiig TeOhacuEvng Ypupuptic.

. Agyopacte OTL:

—Eva £090ypappo tiipe AB slvan pixpdtepo dnd ks tedhaopivn ypoppn mod ExEl
dxpa A xui B

xai tpuppdtoviag To otic mhevpés £vog tpLydvon ABI Exouvpe THY  «TPLY@VIKN U-
vigoTnTON !
|[B—v|<e<B+7¥
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20
KE®AAAIO

BAZIKEXZ ENNOIEX ITON KYKAO

-
NA o
Zul “0 KiKAo S s
A, s. 5

‘Opropds : "Ovopalovps kikho pi kévipo 16 onueio O kai dxtiva 1o
tpufjpe p 0 obvolo tév onueivv Tob Emnidov mov oi anoctacels Tovg anod
0 dpopévo onpeio O tol Emmédov sivan Tozg pd 10 dzdopivo £00OYpappo
wipa p.
To onuetocivolo abtd B onpetdverar : kokh. (O, p) i ankdc (O, p).

A

T

an Ix 1

Eivar pavepo : A € (O, p) < OA = p.

Ta va oxedidoovpe tov xixho (O, p), XPMOIPHOTOLOTUE TO YVOGTO pHOC
Spyavo, 1o Swapity.

“Ola 16 onpeia wod dviikouy otov idio kikio O Aéyovtor dpokvkAlKa.

Z” Evav kokdo (O, p):

—To O Aéyetar kévrpo.

— To tufijpa OA = p Aéyetan dxrive.

— To wpfipa BT (oy. M) mob Exet dxpa 500 onpsia B kol T 108 kdkAov
kol mepiéyel 10 kévrpo O Aéyetar Siaperpog Tob kiKkAov kai elvar BT — 2p.

Avo kbxhot mol Exovv Toeg dktiveg Aéyoviar icot kOkAot.

B

ar)

\2.2(% Q ku(i-c}l)l?bg Siokog.
: v

& ‘Opropég : *Ovopdlovpe kukhikd dicko pd Kkévipo to onpusio O kai dxri-
va 1o tpufjpa p w6 ohvodo t@v onueiov tod éminédov, mob oi anoctaoig Tovg
and O zivar pikpotepeg and to p 7 ioeg pé o p.

a2
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Zupporilovpe : xde(0,p). Elvar pa-
vepd 6t1: A € kbio (O, p) <= OA=<p. ;

Ol dxriveg kal ol duapetpor tod Kko- A
xlov (O, p) Aéyovtar thpe dxtiveg kai 0/
Suapetpor Tob kdio (O, p).

Kdfe onpeio B 100 émnédov pag pé
OA < p Aéyetar éowtepixo omnpeio Tob
k1o (O,p), £vd kabe onpeio B pt OB > p
Aéyeton ébwTepino onpeio Tov.

“Etol 1@ onpela £vog Emmédov yopi-
Lovrat anod Evav kivkdo (O, p) ot bo Hro-
ocUvola : Ta EcwTepika kai 10 EE@TeEpLka
onueia. I't’ adta ¢ dvo Lmoocbvora de-
xopacte 10 afiopa :

Kafe eb00ypappo tpfijpe AB mod euvdéer Eva éowtepikd onpeio B Evog
kvkhikoD diokov (O, p) pt Eva EEmtepikd tov enueio A Exsr Eva kal l/_,/
povo Eva xowvod onpeio p tov kokko (O, p).

“Av dvopdoovpue A 10 koo albtd onueio, Aépe 611 10 Tpijpe AB «té-
pvew tov (O, p) o010 onueio A.

| Azkuzexi-s —I

=S
N \ o) @ \C \;'“’3
2.3. "Emikevrpeg ywvieg kai t65a.

“Av A xai B elvar 8o dragopetika onueio £vog kbkiov (O, p), f| yo-

@ ap
Zx. 2

via AOB Aéystar #mixevipn yovie 100 kikkov (O, p) fj tob kéio (O, p).
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A
/|

P

Elvar pavepd 811 drdpyovv dbo Enikevipeg yoviec AOB dnd tic dnoteg 1
pia elvar kopti (oy. 2, () xai 1 GAAn elvar pr xvpt (oy. 2, (II)).

"Opropds : To enperosivolo mod elvar 1) topd) Evig dpropévov kikhov (O,p)
xai mig Erixevipng yoviag tov Aéyetar t65o Tod kvkd (O, p).

To dmoolvolo adtd Oa onustdverar:
1ot AB §| AB.

Kabe onpeio &vog t6Eov, Sapopetikd and ta dxpa tov, Aéyetar éow-
Tepuxd onuelo Tov kol 10 ohvolo Tdv Ecwtepikdv onueiov tov drotelel
10 dowrepixo TOU TOEOU.

Elvat pavepd 81

a) T¢ xafe Enikevipn yovie AOB
£vog kOkAov (O, p) dvrictolyel Eva t6Eo0
tov AB kai avtiotpogwug ot kabe 6o
AB avtiotoryel a énikevipn yovia tov
AOB vy v dnoia Aépe 811 paiver o1o
16E0 AB.

B) “Av Bswpicovpe dvo dpiopéva on-
peia A xai B évog kikAov (O, p), Omdp-

yovv 800 Enikevipeg yovieg AOB, § kvp-
) kai | pf kvpth Etor Ba Omdpyouv
xoi 800 to&a pé dkpa A xoi B. To 10€o mob dvtictoigel othv kvptr émi-
Kevipn yovie Aéyetal xvproydwio, Evd Exelvo mod dvriotowyel oth pn
kvpth] émikevrpn yovie Aéyetar pn xvetoydwio. I va  Eexopilovpe ta
800 advta to&a, yphpovue ocvvibug petatd tﬁhv tivcpmv toug koi &va fown-
TEPIKO TOUG meuslo "EtoL m.y. YpagQouue : AB kai AEB.

M R\\ N i)
2.4. Xopdig T6Ewv. Td fuikdxAio.

‘Opropéc : To e000ypappo tpijpa, mwod Evaver 1a Gxpa Evog t6Cov,léyetar
XW 100 t6Eov.
*And 10V 6propd mpokimtel Bt o
a0 160 AB avtiotolyel wa yxopdmn, &-
v ot kGBe yxopdn AB dviieTtoryolv dho
1680, T KUﬂTOY(i)VlO AAB kai t pf kvp-
toydvio AEB.

Dépvovrag Tig dktiveg OA xai OB, nod

xataAfyovy otd dkpa tob tOE0UL Aﬂfl, é-
A OULHE :
AB<OA+OB = AB<p-+p = AB<2p, I 3
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&mov 7 loo6tnta loyber pévo Stav 1 xopdn AB Sitpyetar and 10 kévrpo O,
dnA. Stav elvar ddpetpog.

"Apa: "H yopdi dnorovdiimors 16Eov AB Evig kikhov (O, p) slvar pi-
kpotepn and i) dSuaperpo Tod kikhov adrob 7 T0 mokv lon pi adri.

Kabe t6E0 kOkhov mobd Exet yopdf ion pé th Sidpetpd tov Afyeton
fukiKAto.

Téhog karoDpe Mfpmkvkiikd dicko
v Topun £vog kukiikol diokov kai £vog
fApeminédov ol Exel Gkt TO Qopéa pidg
SrapéTpov.

o \

2.5. "loémra 165wV,

Ix. 4
‘Opropds : Abo to6Ea tob idrov xikhov (ij lowv xixhov) 0a Aéyovia ice,

Gv kol povo Gv sivar koi ta d0o0 kvpro-
yovia fj xai td 800 pf Kvproydvie kei
Eyovv loeg yopdéc.

Ia va dnidoovpe 6T 10 T6&a AB
kai TA eivat ica, ypagouvue AB = TA.
“Eyovpe Aowmov and toV Oplopd pag, yid
opoedn toka,

AB =A< AB —TA.

*Agod 1 iodtnta Spoeddv toEwv dvayetar of icdomta yopddv (dn-
Aadn of lootnta e000ypappmv Tpnpdtev), Ba ioybovv YU avtiy ididtnTeg
avaroyeg pé Tig idiotnteg 1fig lodnTag @V edBOYpapp@v Tunpatoy. “Etot
rowdv, dv kahécovpe T 10 cbvoho tdv Opoelddv to6Ewv -roﬁ i6tov chkou
(| loov kiKAoV) Kai onpeidoovpe yid Adyoug cuvtopiog peé o, B -y, T
ortotyeia tov, Exovpe Tig i816TNTEG

a=T7, v el (dvaxkAooTikn)
a=P=>B= E (cuuustpmﬁ)
a=PBreiB=y=a=7 7 (netaParixh),

And 1oV 6piopd tiig iodtntag Tokwv elvar dkoun @avepd Gt ta fm-
xOkhia To¥ 8100 KikAov i Toov kiklov elvar Toa (Yatl @ fpkixiie adtd
glvar t6Ea mob Eyxouvv yopdig Toeg pé 2p).

ATd 1OV mopamdve dplopd mpokLTTEL 8TL, Yid va onuewdoovue o Evav
kOokho Eva T16EO I'A {00 pé Eva t6E0 AB, apkef v tépovpe xopdi TA =AB.

T v katookevr] abtr dexopacte 10 GElopa :
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"Av I elvar Eva onpeio tob xikhov (O,p), Dnapyovy 800 t6Ea IA xai FA°
0¥ k0khov adrod, nod elvan Toe pi Eva 160 AB tob 5100 (7} Toov) xdxlov.

"Eoto howndv 16 1680 AB 10b (K, p) kel 10 onpeto I 1ol khkhov (O, p) mod
elvat Toog pi tov kokho (K, p). T va Bpobpe 10 GAlo Gkpo Tob T6E0L A

Va N
VY

Ix. 5

| I'A” mod vit evar Too ué 1o AB, gpyalopacte ogéEfic: ME 16 St pog
Ypagovue kOkho mob Exer kévrpo o0 I' kai éxtiva fon pg ™ xopdn AB.
OvouaCoup.e A kai A" 1@ onpsia mod 6 Kux?»og abtog tépver tov (O, p).
Ta ro&o. IA kai TA sivar Toa ué o AB, Yoti Exovv yopdn ion pé tq yop-
31 tob AB.

o &
2.6. To péoo &vdg T6EOU.

“Opropds : "Eva onpeio M £vég 16500 AB 0a Aéyeton péco tov, Gv kal po-
vo &v ta t65a AM xai MB zivar Toa, 81]-
Aadi v xai pévo @v elvor : AM =
Agyopoacte 10 dtiopa :

KaBe 1650 Exsv Eve kai povo Eva péco.

Oa Sobpe Gpydtepa midg pmopolue vi Bpolue 1o péco £vdg toEov pé
oV Kavove kai 0 SwafrT.

£y
\
2.7. "Avica 16&a. L)\A

Abo 16Ea 1ol T810v kiKkhov (ij Towv kKikAov) mod Sév elval Tow Aéyov-
Tot «ivioon. INa t¢ dvica 168a 6pifovpe dti:
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— Ka0e pi) xuptoydvio 650 Evdg kixhov elvar «peyalitepor and wabe
Kvproyd@vio 100 avtod i Toov xdkhov tov.

— MetaEd 600 xvproydviev t6Eev tob idov kikhov «peyadritepor
slvar Exeivo mob Exer peyalitepn yopdn.

— Metald dbo pi xvptoyGviov t6E@v tob idov kdkhov «peyaldrte-
po» elvar Exeivo mod Exer pikpbrepn xopﬁﬁ.

Ftu va Snlmcoup.s 6Tt Eva t0&0 AB eivat ua'yakutepo and Eva 16-
Eo I"A yphoovpe AB>TA i ioodbvapa A <AB.

I1a mopakdre oyfpatae EYovpe Tig dvicotikés oxécelg TV 00V oTig
TpelC MEPIMTOOELG MOV (AVAQEPAE.

AB>T7d AB> 74 4—=-u>m ,w) 78 <—s-A8 <18

OOOOT

o %6\ | Ix. 8

2.8. Oi mpakeig ora réfa.

10 ovvoko T tdv t6Emv évog kikAov fi Toev kikAoy dpilovps tig na-
pokdtm mpakelg :

a) ITpocleon t6Emv.

“Av dofoiliv 8o kvproydvia T6Ea AB =T kai TA= E tob idtov k-
khov (| Towv k0K wv), propolue mavtote v Katookevdoovpe Eva dAlo

B r
a,
4
A
1680 AP xuipvovrag (pé o SlaBntn pag) mave of xokho iong tilct{vag 04
Swadoyika! Toka AM = d xai MP = B To 16E0 AP () dkpiéotepa 10 AMP),

1. Avo tofa AM kai hﬁ’, nod Exouv 10 Eva dkpo toug xowvd, &lvar Swdoyixd,
Stav 10 Kowod Gxpo Tovg elvar Eootepikd onpeio tob toEov mod Opifouv Ta PR Kolva
dxpa Tovg, dni. Tol AP,
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mon lcamcxevdﬁeml pe oV tpéno avto, ?Léysmt G0poropa tdv AB =a
xai TA = ﬂ Kol onpeidveral AB+ A i] @+ B INa ve dnAdoovpe 6t
10 AP glvar iOpolopa @V AB = xai I'A = ﬂ Ypaoovps

AP=AB{fA # AP=5+F.

‘H npdén mov KAVOUpE, Y1d va Ppolipe 10 GOpoiopa dvo toEwv, Aéyetar npd-
obzon. “H npéobeon! Erexteiveral kai od TEPLOCHTEPOLG Gd dUo mpoohe-
téoug, Omog akpiPids kai otd ebBYpappw TUNpata.

"Amd tov 6propd tob abpoicpatog Samictdvetal St 1 npoécbeon 1@V
t6kwv eivor mpatn Gvuipetabetikn koi TPooETALPLoTIKNZ, dnAadn Oti:

W+ B=P+7q
@+B+r=a+ B+
B) "Agaipeon t6tav.
"Ag Bswpficovps 8o t6Ea AB = @ kai A — ﬁ Tof id1ov kiKkhov (ij
foov kikhov) tétowa Hote AB> IA.
Elvol duvatd vi katackevdoovpe pé ta tofa adtd Eva dilo t6E0 PM
11010 MOTE :
AB = [A + PM.
I'a v xorackeon Tob PM naipvovpe (& 16 SraPrtn pag) ndve oi kb

B

xho (K, p) Tong aktivag 8vo t6ka AM = @ xai AP = B‘mm 1£1010 TPOMO
&'bcts 10 dAho Gixpo P 10 pikpdrepov 16E0v v elvar Eowtepikd crquato 'roi}
AM. To 1:0&0 PM eivar 10 C_’.ntouuavo Asyetm qu)opa v tokov AB ="a
xai FA p kal onuetdverar: AB — A ﬁ a—P\ I'a va dnidoovpe 611

10 PM eivat 1] Swgopa @V t6Ewv AB = @ xai I'A = f} ypa@ovpe :

-~

PM=AB—TA{PM=a—TF

1. Aév épilerar npooBeon tokwv mod aviikovv ot dvicoug xiKAovg.
2. “Yrobétouue St oty Sedrepn lodTnra w0 a + B elvar Eriong xuptoydvio. Ztiv
@vrifem wepintoon loxdovy adra mod ypagovrat otiv § 2.10.
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"Etoul £xouvpe v ioodvvopia :

AB =TA -+ PM <= PM=AB—TA.

“H npaEn mob kdvovpe, yid va Ppobue 11 Sapopa dbo t6Ewv, Aéyetal
agpaipeon adtdv xai logdovy yu adt) cvpnepdopate avtictorye pé Exeiva
mob ioybovv otV dtpatpscn euﬁuypuuumv t_unuarmv "Etol m.y. Y@ va é-
yEL vOnua 7 diagopd u—B kai ftav a = B dexopaote v UnapEn £vog
16E0v Tol Omoiov t¢ fxpa cvpnintovv. T 6o adtd Aéyetar «undevixd
Tdfon kai elvar 10 «oddétepo otoryeion tiig Tpochécews.

O K

2.9. Mérpnon T6Ewv.

a) Adbyog dvo 165mv : “Av Eyovpe Eva t6to KB, 10 YIvOpevo ; - AB,
émov x, A elval puotkol apiBpoi, elvar 10 16&0 I'A mob elvar d0potopa k T6-
Eov iocov pé 1o 1650 mod Ppicokovpe, Stav xwpicovpe 0 AB ot ) Tow pépn?t

—~

Anhadi : l;- .AB=TA

"0 apiOpdC — Aéyetar Abyog tob tokov A mpdg td toEo AB xai ypd-
A

el A A K
gtar A : ABH ——. "Eto1 1y lodotnta —— = — dnidver 1 6 apbuog
P il o | N ik p1Opog

% glvar 6 Loyog 108, FA mpoc o AB xoi Gpa elvor icodivapn pé v

F T B, 5]110.51’] .
fa — Bomr gor B pw =y
4% AB A

Oc Ocopolpe Tpog T mapdv ToEa Tob T8ov kvkhov (1| iowv kikhov) Té-
towa Bote Svo dmowadnmote a kai B dn’ adtd va ovvdéovtal pé oxéon Tig

popq:ﬁg? = %ﬁ: Smov 1a k kai A elvar puoikoi apiBpoi.

B) Métpo Evag t6Cov:

"Ac mapovpe otd ohvoro tdv toEwv (tob idtov kbkhov) mob Bewpol-
pe Eva dpropévo 1680 HO mod Bd 10 Lépe «uovadiaio véfon i wuovada» Kai

1. *Avtifera pi 6,71 ovpPaiver pé ti e000Ypoppe Twipata, 1| Swipeon &vog 1okov
ot A Toa pépn pé tov kavove kai o dwaPitn Sév elvar mavrote duvati.
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g oxnuatiocovps 1 xabe 16E0 AB 100 xbKkAov 10 Abyo ]?’"3 . O Aéyog

adtog Aéyetar thpo pétpo tod AB g mpdg povade petpriormg T HO xai
0a onuebvetar andidg pi (AB), Snhady eivar :
= AB
AB e~
(AB) e
"Eneidd] | pérpnon wdv 16Emv yivetal HE TpOTO Gvaroyo mpdg TH pETpnon
@V e0BOYpappov tunpdtev, 0i ioyvovv kai 28@ of idtotnTeg

AB _ (AB)
A (FA)

AB = I'A <= (AB) = (FA)
AB> I'A <= (AB)> (TR).
Ta povada petpiioeng t@v t6Ewv Taipvovpe ouvifwg T «poipar (°),
nob elvar 160 oo pé 1o _3(!)—0H ol kUkAov. "Yrodiupéoelg Tijg poipug eivar

0 «npliro hemton (), mod elvar 160 ioo pi 1

tfi¢ poipag, kai 10 «ded-
1
60

vepd &t dhoxAnpog 6 kikhog Exet pétpo 360°, v 1o fipkikALo Exel pétpo
180°.

tepo Lentdn (), mob elvar t6Eo ioo pé 1o

oD mpdrov Aentol. Eival ga-

I AIKHIEIZ 6-9 l

o X\
2.10. "H &mwéxraon Tiig Evvolag Tol T680uU.

Elvat pavepé 6t yia va npoaBécovpe §vo pn kuproydvia toEa pé M dwdikacia
nob dkolovbicaue oty § 2.8, 0d napatnpiigovpe St 1d T6&a nod O onpeiboovps oTHV

I Z
r
A B a4
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(0,p) 8a @nikahomtovraw. “H avaykn va elvat duvart kxai f| tpdboleon pf kKuproydviev
tokwv pig 65Nynoe othv énéktaon tfig Evvolag nod ddoape yid 16 toEo oty § 2.3,

"Ag Bewpnoovpe Evav kukA(0,p) kai g drobéoovpue dti Eva onpeio Tov A Kiveltul md-
vo 6" abrov. I v xivnon tob A Sexdpacte 16 diopa :

"Eva onpelo A tod xokd (O,p) propel va
KivnOel mavo ¢” adtov katd ddo avrideteg go- \
pég kai drav xiveiton Swapkdd pd a and tig i
800 Qopég, Sitpyetar and Hha td onpeia Tod )

xoKkhov kai Eémotpéeer oty dpyixi Tov BEom.

*H xivnon 100 A ndve otov kikho pé ma
Oplopévn Qopd AEYETAL (mEPLOTPOQT TOU A».
“Exovpe Aowmdv 800 opéc mepiotpopfic kai f
pio popé neprotpoefic Ovopdletar «herix) go- E
oan', &vd 1 avtifet tng ovopdletar «dprn-
Tix7) popan. "Av mapovpe tpioe Sugopetikd on- \
peic A, B, T, tol xbkhov, T onuela abdtd xatd B
T pia popa nepiotpoefic dwaypdpoviur katd
M SwteEn A+ B—-TfiB +-T'—- Aff I'—>
A— B, tv® katd thv dvribetn gopd mepiotpo-
ofic dwaypdgovrar katd 1 Siudtatn A— '—
BAil'+B— AfjB—> A—T.

"Ag Bswpfioovue tdpa Eva TOEO AB 10D
xukMO,p) kai ¢ ndpovpe Eva TuxdV ECHTEPLKO
onpueio tov E. It pia popd nepiotpoefic 10 AB Siaypagetal katd 1M Sudtakn A— E— B
xai rérs 6 A Aéyetar «dpyi» xai 1o B «rélogy tov, Evéd oty Gvrifetn gopa repiotpoofic
w AB Siaypagpetar xatda ™ Sidtagn B — E ﬁr A kai tote 10 B Ayetar «dgyn» Kaitod
A «rélog» TOUL.

“Eva toto mobd 16 Eva tov dkpo yupakmpiletar dg «apyf» xai 16 &hdo dxpo Tov-
yapaxtnpiletar g «réhogy BG Aéyetar mpocavatoliopfvo 1650 xai Oewpolupe mavrote
St Swayphgeral katd pia popa, ard Ty dpxn wpods O tEhog Tov.

“Ag axolov8ficovue TV xamcxeuﬁ toﬁ &ﬂpomuaro; 0o t6€wv mob pabape otiv
§2.8, 6rav ta dedoptva toEa AB=a'kai A= B glval pf xuproydwvia. “YroBétoviag St
16 dvtictoiya Swdoyikd to6€a AM=a xai
MP ='-ﬂ Souypagovial xatd T Oetiki Qopd
and Eva xivntd onueio E, mapatnpobue 6t 10
E 04 Eexiviioetl Grd 16 A kol xatd T Swaypu-
1) Tob dedrepov TOEoL MP 64 Eavanepaoet a-
n6 16 A. BAénovpue dnhadn 611 16 olvolo Thv
onueiav nod Saypapet o E Sév elvar Onosivolo
ol kOkAov pag, yiati mepléxer of pia Gplopé-
vn Siaragn Sia té onpela Tob kokhov kai pepikd and adtd §bo @opéc'. "Etot 16 clivoro
1év onueiov nod Siaypaper 16 E 8év elvar «td€on pé v Evvola mod 16 dpicape otiv §
2.3 xai y1" adtd dxpiPpdg Sév propodpe vd 16 dvopdoovpe wibpoiopa» tdv AB xai TA.

-

1. Zxedov mavrote maipvovpe yud «Betikhyy @opd mepiotpoefic Thv dvrifern mpog
v kivnon t@v deiktdv Evog poloyoD. Tote 1 Betikn @opd th Afpe xal «rprywvope-
ToLKf) Qopan.
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TN va xaldyouvpe xai v nepintwon adti (rod pnopel va mapovolncBel xkai Stav 16
Eva poévo t6Eo elvar pn xvproydvio fj axéun xai drav mpoobétovpe meprocdtepa and
800 xuptoydvia toka), Enexteivoupe thv Evvola Tod 16Eov dpilovrag bt :

Té olvoro tdv Swatetaypévav onpeiov évog xOkMO, p), and t¢ onola Siépyetar
Eva xivntd onpeio Tov mol kiveltar pé dplopévn @opd, dtav Eexivi dnd onpeio A, da-
TPageL k popés OLOKANpo TOV KOKAO Kai katulfyel of onueio P, Adyerar t6Eo k taEeng
nt dxpa A xai P kai 0a onpeidvetar 1o« AP,

"And tov Oplopd adtd kataraPaivoupe St Eva t6Eo k TaEeng mepiéyxel o ma opi-
opévn Suatakn 6la téd onpele Tob kikhov k Qopéc kai pepika én’ adtd k + 1 popég. Mno-
polpe paiiota va pavracbobpe 611 td onpeic tod kiKlov pag otf dedtepn, Tpit ..., Eu-
@aviom toug oth Siatagn nol Bewpolpe dvikovvy ¢” Eva Seltepo, 1pito,... Ioo Kikio moh
tavtiletal pé tov dpyxo. Ta tofa 6nmg ta Opicape othv § 2.3 elvar 168a «undevikiion
tatews. ‘H lodtnto kai avicdtnta otd t6€a k tatewg dpiletal yopic Suokoria. "Etot m.y.
800 Toa t6€a elvar mavrote tfig (Sag tdbewg kai Exouv ioeg xopdéc. "Emiong, v x>A,
ka0t 10%0 Kk tafewg 04 elvar peyeditepo and kabe 160 A tdkeng, K.0.K.

2.11. MAPAAEITMATA KAI EPAPMOI'EZ

@ Xpnowponowdvrag 10 GEiopa:
"Av ta Gxpa Evog t6E0v AB Ppioxovrar ExatépwBev pidg edbeiag g, 1o AB Exer pé v
£ Eva xai povo Eva xowvo onpeilo, va amodeifere v mpdraon: Kabe sdbeice & mod
Tépver T xopdi AB Evdg toZov AB 1ol kixhov (O, p) tépvar kai 0 16Eo.

%/ Aben. "Av 1l & téuver T xopdni AB otd A

(fl o106 B), 1| mpoétaon elvat pavepn, niatl f &
Tépvel kai 16 1680 AB 616 A (i} o6 B).
"Av 1 £ tépuver 1 xopdn AB o éowre-
pikd onpeio g I, téte 1@ A xai B Ppiokov-
Tan éxurzpcneev g £. "Agob Spmg ta dxpa tob
\ T0&0u AB Bpiokovrar éxutépwbev tiic £, 16
’\[ toko AB mob cuvbéer Té onueia A xoi B Bd
‘tépver Ty € (cOppove pé 1o agiopa) o” Eva
anueio O. e

2. )Aiveta kukMO, p), pa SiGpetpds tov AB xai Eva onpeio £ otiv npoéxtaon tfig dia-
pétpov AB mpog 10 B. "Av Evhoovpe 10 T p’ Eva dnorodfimote anpcio M tob xanO
p), va deryBel b IM = IB xai IM < ZA

Aven. TO I elvan EEwtepikd onueio tob kd16(0, p), dpod OZ>0B, dnkadn OZ>p. "Av
6 M 3€ ovpnintel pé 16 A fi pé 16 B, Exovpe tpiywvo MOZ o16 dnolo icxbouv of évi-
oOTNTEG

o Z0 — OM<EM<ZO+OM
J/ﬁ’ fi Z0—p<IM<IO+p ®

1. Of wgopetikég «Béceigy oth Sidrakn adrh tdv onueiov 1od kikiov Bewpobvral
Stapopetikd otoxeia Tod cuvdlov, Eotw kai dv Eugaviletal o’abtég 16 1810 onusio. INa
vi yiver adtd mé karavontd, propolpe va eavracbobue 61t ta@ onuela Tod kixlov wol
Enpavifovtal 800 popég otd advoro mod Bempolpe oth dedtepn Eupdvion toug dviikouv
o Evav dAlo Too kOkAo mob tavtiletar pué tév apyixko.
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*Eneldn Spwg 20+ p=EZA kai Z0 —p =
= IB, ol avigdtnteg (I) ypdpovial Tehkd

IB< X TA
Hapc:mpc@dlc n 611, Stav 16 M oup-

mintel pé 16 A, Exovpe IM = ZA, kai dtav
176 M ovpnintel pé 16 B, Exoupe IM = IB

(6nhadn 16 ZA elvar 16 «péyiotor Tob IM kai 16 EB elvar 16 «dhdxioton tob IM).

212, AZKHEEIE * — 75 \

EIyebiaote téooeplg iooug kixhovg mob va Exouv dxtiva 3cm kai vé Siépyovrar and
£va Bedopévo onpueio A. "Av kahéoovpe 0,,0,,0:,0, 1é kévipa Tovg, Selfte 611 1d on-
pela adté Bpiokovral of xOkho pé kévipo A.

. N ypayete koxho mod va Exel dktiva 4 cm kai va SiEpyxetar and do onueia A Kai

B tétowa dote (AB) = 3 cm.

. "Av 800l Eva onueio K, oyedidote 10 onuelocivoro

Q={ M:3em < (KM) < Sem).

. Alvetar 000ypappo tpiine KA pé (KA) = 6cm. Na oxediactel 16 onpetogivoro

i {M:KMS% KA xai AMg%KA}.

. Zé ma edfeio & naipvovpe Sadoxikd 1d onueia A, B, T, A dote: AB= ¢, BI'= 2a,

kai TA = g, 6mov @ &va yvooto e06. tufjpa. Na drodeixfel &t ke onpeio o0 xdio
(A, AI) elvor EEmtepikd onueio tob kdio (B, BA).

. Aivetar xuptoydwvio oo AB xukMO,p), Eva Eowtepikd onpeio I' tob t6&ov AB xai

Eva onueio A tob pn xvproydviov t6EoL AB. N& SeiBete 6t ) Auevbeic O Tépvel
T xopdn AB, &évi 7 fuevBeic OA dév téuver T xopdi.

. "Av AB xai IA elvat kuproyhvia t6&a Tob Idtov kbkiov, Selfte St

(AB + IA) = (AB) + (D).

. Na eyl 611 1164 xuproydvia t6&a icxbovv oi mpotacelg

a=Pp=a+7=B+7
T<P=T+7<B+7

. @copobue o Srapétpovg AA’ xai BB” évog xukA(0,p). Na Seifete 6t 14 16fa A'B

xai AB’ elvat Toa.

2.13. ALKHEEIE **

10. Aiverar xukMK,p) kai Eva onueio tov A. I'pdgovpe tov kukh(A,p) xai dvopdlovps

A Eva xowvd onueio t@v §vo xoklov kai E,Z td onueia qﬂi dnola ol npoextdoelg TV
AK xal AA tépuvouy toig kbkhovg pé kévipa K xai A xoi dvriotoixmg (1é E,Z elvar
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13.

) \
hortelil Mﬁmmmm KE®AAAIOY 2

{1

«drapetpikd» onueia 1ob A otoig Vo kikhoug). Né Sexfel &t ta e00bypappa Tun-
pata EA xai KZ elvar Toa.

. I Evav Kmd.(Ozg) i xopdf AB elvar Sinhdota and th xopdh AT. Aetbte Ht1 16 kup-

ToY@vio T65o AB elval peyariotepo dno t6 Simhdoto 1ob kuptoydViov TOEOL AT

. I’ Eva 16k0 AB &vog xkiKhov (0,p) maipvovpe Sadoyika ta owtepikd onpeia I kai A

tob 16Eov, dote 1 16ka ﬁ', 1‘3. AB va elvar avadoya v apbudv 2, 3, 4. "Av M
xai N 16 ptoa wav A kol AA, vé dnoderyfel 611 AM—MN.
E¢ duapetpo AB évog kukM(O,p) maipvoupe onpeio P éowtepikd Tiic dktivac OB. "Av

M elvar Eva «kivntdn onpeio tob kikhov, va Seifete 6ti 16 ufipa PM yiveta péEYL-
oto, dtav 16 M négtel 016 A, ol #haxioto, tav 16 M néprer 016 B.

Abo Baoikd onperocivola tob Eminédov elvar 6 xixhog kévipov O Kai dktivag p kai
6 avrtiotougog kukhikog diokog. Abtd dpiloviar @nod Tig

xukk(0,p) = {A:0A=p},  xBi0(0,0)= {A:0A < p}

Mia yovia mod Exer thv xopven Tng otd Kévipo Evog kikhov Aéyetat Erikevipn yo-
via kai 1) topR| ol kbxhov xai &rikevepng yoviag tov Aéyetar t6€o. “Eva t6Eo mob
TPOKLNTEL B¢ TouT KUkAov Kai Kuptiic nikevipng yoviac tov Afystat Kuproydwio to-
0. T6 ebB0ypuppo tuijpa mob ouvdéer th dkpa Evog t6Eov Aéyetal xopdi) Tob KiKAOL
xai kabe xopdn nol Sikpyetar dnd t6 kévrpo Tob KUKAOL Aéyetal Stapetpog Tob KOKAOV.
"Etot 1y Sudperpog elval 10 Sinthdoto tiig dxrivag (Snhadn e ol Siapetpot sivar {ogg),.
v arodeikvietal 61L:

— Kafe xopdn £vog kikhov eivon pkpétepn i Ton pé ) Siapetpd tov.
Avo kbKkAot (fj 800 kukiikoi dickot) mob Exovv loeg dxtives Aéyovrat ioot.

. Avo kuproydvie (i un kuptoy@via) toEa 1o idiov kikhou fi ioov KiKAGY TOL Exouv

ioeg xopdéc Aéyovral ioa.

I avioa (un Toa) o€ Tob 8lov kikhou fj iowv Kikiov Gpilovus 611 :

— Kabe pi xvproydvio togo slvar peyahitepo and kale xuvproydvio t6Eo.

— Merabd 5o kuproydviov toEov peyakdtepo elvar Exeivo mob Exal peyadoTepn xopdi.

— Merald Sbo pi kvproydviov toEwv peyalitepo civar Ekeivo mobd Exe MKpoOTEPY
xopdi.

I'é v iodme xoi dviodte 1@v t6Eav loxbouy Sheg ol i616TTEC MO loyxbovy 1

v lobdtnta kai avicotnta v edOiYpappev TUNpGTOY.

Toviletar 6t dEv dpileram isdtnra i dviedtnra of toEe mod Siv aviikovy otov 1610 ki~

kAo fj o2 loovg kOkhouvg.

. Zt6 obvoko T 1dv 16Emv Tob 18i1ov kikkov (f Towv kixhev) dpilovpe onmg axmpoc

xai ota e000ypappa TpApare:
— Té d0poropa @ + ﬁ
— TA Swgopi @ — B,

— Tb yivopevo %&T 6tav 1d k xaf A elvar puoikoi apiBuot.
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K ~ X ;
*Av loyoel pia iodtnta tfic popofic F= - % 6 ap1bpog o Aéyetal mair Adyog tol

? npdg 1o @ kai onpedvetal —E— . "Av mapovps Y& «uovaday Eva dpiopévo

—~

~

1080 ﬁ-éT, & Aoyog 73‘—- Aéyetar pétpo 1ob @ Kai onpeldveTal a), SnAiodn Exovpe mait
m

)
a)

(@) = .

)

Tt pérpnon tiv tokev loxdouv Shes ol idiotnteg mod {oyoovv ot pérpnon v eLBV-
YPOPPOV TUNHAT@V.
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N

30
KE®PAAAIO

EIXEZEIZ KAI TMIPAZEIZ FONION
OQ G \T._D P
3.1. “loémra ywvidv.

“Ac¢ Bewpfoouvpe dbo ywvieg XO¥ = «ai XOW = xai b ypa-
youpe 8o kOikAovg pé kévipa tig kopueég toug O kai O kai pe v idw
dktive p, ovopdaloviag A, B td onpelo otd omoio 6 kvkh (O, p) tépvel

Iy 1

tic mhevpéc Tig yoviag XOW, xai T, A T4 onpeia ot dnola o kukk (O7,p)
TEPVEL TiG nkeupég g 'ymvmg X'OY (oy. 1). Mé 11 dwedikaoio adtn kd-
VOuE tig yoviec ¢ kai @ rikevipeg loov kikAov mob Baivouv otd T6fw
TOVG AB xai [A. Katahofaivovpe Aowmov 611 propodpe mavrote va Bzo-
podpe dbo dedopéveg yovieg dg inikevipes yovieg lowv kikhwov.

“Ag yphyovupe &niong pé dxtiva R £ p 8o drhovg Toovg kbkiovg (O,
R) xai (O, R) kai &g dvopdoovpe A'B xai I'A" 16 T6&a Tovg, otd Omoia
Baivovv of yovies ¢ kol ®. Aexopacte 10 GEiopa :

“Av tad t6Ea AB kai TA otd dnoia Baivovv yovieg ¢ xai @, Btav yivouy
Enikevipeg Towv xiklov, tlvar ioa ij Gvica, tote kai ta 168a AR xoi
I'A" ota omoia Baivovv oi ¢ kai 0, btav yivovv Erikevrpeg oo Ghdiav
foav xOxkhov, & slvar Eniong ica i dporotpoéneg Hvica.

Mz 10 éfiopa adtd punopobue va dpicovue oyfoeig petokd yovidv pé
paon tig oxéoeig mobd Exouv ta t6€a otd dmoia Paivouv, Stav yivouv Emi-
kxevipes Toov kokhov. ‘Opifovpe Aowndv bt :
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Abo yavieg ¢ kar ® sivar Tosg, dv kai pévov v Paivovy ot loa t6ta, drav
yivouv Emikevrpeg iowv kikhov.

‘Agod 1| iodtnta yovidv dviyetor of lodtta t6Eov, 0d ioydouv kai
YU abth iSidtnteg dvriotoleg pé tig i816tnteg 1iig iodtntag t6Ewv. “Etol,
v OvopdooLpE of TO GUVOLO THV YOVIDV Kol GTIHELOGOVLE, Y1& AGYOUg GUV-
toviag, pE @, ©, ﬁ, ... TG oTolyela Tov, EYOVHE Tig i610TNTEG

P=0, ¥ 9eof (avaxiacTixi)
p=0=>0=0 (ovppetpixi)
P=0kol @=0=0=0 (netafotic).

Amo tov dpropd Tfig icotnTag Yovidv elval pavepd St Bheg ol memhatuopé-
veg yovieg elvar ioeg.
N &\
3.2. Karaokeuf] ywviag iong pé dedopéivn ywvia.
“Av Sivetar ma kupty yovie XO¥ = ¢ kai e Aueveic O°X, 0a

KOTaokevacovps pé tov kavove kai 0 dwwfitn yovia ® fon pé ™ ¢ mod
Exel xopuei) 60 O kai mhevpa v O'X"

T Ty katackev Tiig ® épyalopaote dg £&fig: Tpagpovpe pé kévipa O
kai O kai p& dnoadnrote dktiva p dbo ioovg kikAoug kai dvopdalovpe AB 10
16£0 10D MpdTon KbKAOL, 0Td Gmolo Baivel i @, kui T' 1o onpeto ropﬁg o1}
Ssurapou kOkAov p& tiv O'X". [aipvovpe peta otov kukA(O', p) 16Eo [Aico
ue 10 AB xai (pépvouue v ﬁplauﬁeia 0 A. Elvar 161 @avepd 6T1 7| yovia
IOA givor Ton pé ™ ¢ (Geob ol § kai @ elvar Emikevipeg yovieg iomv k-
kAov mob Baivovv of Toa 16En) kol cuvends elvar adti mod {nrobpe, on-
Aadny TO'A = @.

“Av népovpe otdv kukh(O, p) kol Eva dAlo T6E0 I'A’ oo pé I'A
alha avtibetng gopic, 7 yovia T O'A'= & 00 elvan Eriong Ton pé ™ @
kai 8¢ Exer mievpa v O'X’. BAémovpe dnhadn 6, dtav 1 qA) glvat kopti,
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ol yovies ® kol o Ppickovial o1d S0 Sapopetikd Huenineda mol Exovv
akpn v evbeia O'X".

SR AN
3.3. "H &iyordépog ywviag.

‘Opiopdg : Mia Eowtepikn fuevbeic OA yoviag XO¥ 0 Aéyetar
Sugotopog tic XOW, dv kol povo dv ywpiler ) yovia XO¥ ot 0o ioa
pépm, dnradn Gv kai pévo dv elvar

X0A = AOWY.

OEQPHMA : Kabe yovia XO0v Exer pia kai pévo pia Siyotopo.

*Andd. Oewmpodue pid yovia XOW xai ypapovpe kokho pé kévrpo 16 O xai dmoia-
Sfmote dxtiva p. "Av dvopdoovpe A kai B 1@
onuela otd 6moia 6 kukA(O,p) Téuver tic mAev-
péc tfig Ywviag, kai A 16 péco tob T6E0oL AB,
Exovue

AA=AB =ADA = ADB = 0A= Siyotopog

fig AOB. “Etot 7l OA elvai dixotdpog tfig Sedo-
pévng yoviag xal elvar povadikd, yati, v O-
nﬂpxs xai pa dhin Sixotopog, 04 Etepve 16
ABCI' Eva Siagopetikd onueio A’ tétolo, dote

= AB Snhadn 16 A" 04 firav éniong péco
toﬁ AB, @\ abto elvar ddovaro (BL. § 2.6.).

'\ i
~1 34 “"Avioeg ywvieg.
O

Avo yovieg mobd v elvar foeg Aéyovrol «ivioegn. "Av Exovpe 8o
fvioeg Yovieg ¢ kai @ xoi Tig karaoTioovue Enikevipeg iowV KOk oY, Opi-
Covpe 611

‘H -rmvia ¢ Ba M:'yaml peyalitepn ard i) yovia o), Gv xai pove dv 1:6
t6&0 AB nod Baiver | ¢ eivan peyoddtepo and td 650 I'A mod Baiver §| ©.

T va SnM)o'ouue 817 yovia ¢ elvar peyohbtepn &nd Thv @, Ypapov-

e P> T ioodbvapa © <@. “Exovpe Aomdv
P> 0 <> AB>TIA.
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*Eneldn] | avigbtnte yavidv avayetar o avicdtnra t6Eov, Bd loydst
yU' adtiv 1 petaPorikn iS16TnTa :
(ﬁ>f5 Kol ﬁ>§=>(3>§.
*And oV Oplopd tdV dvicwv yovidy elvar gavepd St kabe kupth yo-
via elvar pikpotepn and v merhatvopévn yovia, Evé kabe pn Kupth yo-
via elvor peyaditepn @nd tiv remAatuopévn yovia.

I AZKHIEIZ I -3 l

.
O T

3.5. "ABpoiopa ywvidv.

“Ag Bewpficovpe 8bo yavies @ kal @ mod Paivovv, tav yivovy émikev-
tpeg Towv kOkhov dktivag p, ota 168e AB = o kai T'A = B. "Av oxnpari-

oovpe ¢’ Evav xukh (O, p) 10 GBpoiopa AP = E+ E v dbo towv, 7| YO-
via AOP Aéyetai-#0poropa TGV yondv ¢ kot @ kol onpeidvetal ¢ + . M.
va dnhdoovpe i 7 AOP elvar d0potopa t@v § kol @, Ypapovpe

AOP = ¢ + o.

‘H npakn mod kavouvps, yui va Bpolue 10 dOpowopa dbo yovidy, Aé--
yvetar mpbeBeon adtdv. "H mpocheon énexteivetar kai of mepiocdTEpOLS
and 8bo mpoobetéovs, dnwgdxpiids kai otd t6&a. Aol 7| tpdobeon OV
yovidv avayetar of mpoécheon tofwv, Ba elvar mwpdkn dvripetabetikn kai
TPOCETULPLOTIKT], dnAadi

o+o=0+9
@+o)+0=0¢+ @+
’Eniong otiv npdcbeon tdv yovidv logbovv iddtnteg dvaloyeg pé
&keiveg mov loybouv otiv npdcbeon 1hv TOEmV.

M
3.6.?135?(1«1011 tijg €vvoiag Tijg ywviag.

“Av Sofobdv 800 1| mepiocotepec yovieg, 1| elpeon tob GOpoicpuatog
Tovg avayetot, Smog eldape, oty ebpeon tob @bpoiopatog 1dv T6Ewv ot
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omola Baivouv, dtav yivouv émikevipeg lowv xKikAw@V. Elvox dpwg duvatov
16 @fBpotopa 1dv TOEwv Toug va elvar «téEo k takewey (BA. § 2.10) xai tote
O&v pmopobpe va. piAdpe yua «ibpoiopon v yovidy pog, agod 1 Enikevipn
yovia 16€ov k takewg d&v elvar «yovian pé v Evvola mob v Opicaue
otiv § 1.13. T vi xohbyovpe Aowrov kai v nepintwon adth, énextei-
vovpe maAr v Evvola tiig yoviag 6pilovtag Sti:

“Eva d0poiopa yovidv 0 Aéyetar yovia xk tafewg, dv kal pévo dv 1o
GOporopa tdv t0Ewv ota dmola Puivouv ol ywvieg, Gtav yivouv Emixevipeg
fowv kokhov, elvar t6Eo k tGEeme. ‘

"And tov dpopd adtd kataAafaivoupe 811 pia yovia k taEeng dnote-
Aeltan Gno k mAfpelg yovieg, mob ta éninedd Toug «ovumintovvy pE TO Emi-
nedod pog, kai and pic yovia tob dmridov pag. Of yovieg dnwg tig dpicupe
otmv § 1.13 elvar yovieg «undevikiicy taEewe. Elvar pavepd 6t 1} icdtnta
Kai Gviodtntae otig yovies k tatewg Oa dvayetat of iodtnTa kai avicotnTa

v 10k k taenc.
OF N
3.7. "Adaipeon ywviddv.

“Ag Beopfioovpe 8vo yovies ¢ kai © TéTole, Bote O >0 Kai dg Omodé-
ocovpe Ot Paivovv, Gtav yivouv émikevipeg lowv kUkAov dktivag p, otd

16Ea AB =T xai TA = B Y 16 Omoin émcnq o.>|3 “Av THpa cxnputl-

govpe o Evav kokh (O, p) 1 Sagopa MP = u— B 'rd'w dvo t6kev a kai

B, 1 y(nvm MOP Aéyeta qumpu v yonidy ¢ kai m Kai Unpslmverm

¢ — 0. T va dnidaovpe St i MOP sival Sragopi tdv ¢ kai ©, Yphpovpe
MOP = ¢ —a.

‘H mpakn mob kdvoupe, yid va Bpobpe T dragopd adth, Aéyetal doai-
peon thv yovidv kol loybouv y' adth cvpnephopata dvdloya pg Ekeiva
uou icrxuouv otV dtpalpsm] t6twv. "Etol my. yid va Exel vonua 1 dtapopd
¢ — o xai Btav ¢ = O, SeYONUCTE v bnapEn pdg ywviag mob ol mhevpég
g cvunintovv. ALt Ovopdobnke undevier yovia (PA. § 1.13) xai elvan
10 «oddéTepo aTayeion Tiig tpochicemg YOVIOY.
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F N\
O+
3.8. Aéyog 800 ywviGv.

“Av Swwtundoovpe 6pLopolg dvaloyoug PE EKeivoug mol SlaTuMOCAUE
ota 16ka (| ota ed0Oypappa tufpata, PA. § 1.9), divovpe vonpa yoviag koi
ot kabe yivopevo ——;—q;, Stav 16 x kai A slvor guoikol @pidpol kai | ¢ sivat
dedopévn yovia. “Etor pa iodtnta tijg popefig

©= [0

>

dnhdver 611 1| yovia ® elvar &Bpomp.u K yovidv loov pué ) yovie mobd Bpi-
oxketa, 6mv xwpilovpe M ¢ ot A Toa pépn'. Elvar gavepd b1, dv oi Y-
vu:g o xai ¢ Baivovv, 8tav yivovv Enikevipeg icwv Kiklov, oTd t6ka o kol
B, 6a Exovue

K
A

0 ~ A_KE\
® = ¢ +=> o=

‘O apBpog {— Aéyetal Abyog tiic yoviag @ mpdg thv yovia @ Kai ypaoe-

TaL @ : ﬁmT "Etot 1} ioétnta 2 =X dnidver 116 apOpdg X eva
P ¢ X Py
AOY0C THG @ TPOC T @ Kai GUVERMC lvar icodhvaun pé v @ = %q?, SnA.
A~ K ~ (S K
0O=—¢ = —F— =—
A © A

O Bswpodue mpdg 10 mapdv ywvieg tétoles, Gote dvo OmolETdnmOTE
Shouy A Ay i 3\ 5 A K o~

an’ adtéc ¢ kol © va ocvvdéovtar pué oxéon Tiig popefic @ = P dmov

xai A elvar guotkol apiBpoi. To olvoro TV yYovidy adtdv B onueudveTal

e o7
2in SHN

3.9. Mérpnon ywviGv.

“Ag mapovpe otd chvolo TV yovidv Evdg Emmédov pid OplopEVT Yo-
via ﬁ mob B 0 Aépe «uovadiala ywvian T «uovdda», xoi igoynpaticovpe

1. "H Swipeon mdic yoviag of A loo pépn pé tov kavove kai 16 Swafhi dév elvar
whvrote duvati.
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T1& kGPe yovia ¢ O Adyo iE iy Adyog
‘h
abtog Afyetar tOpa pérpo 1Tijg YO-

viag @ @ mpdg povada petpiicsas T B
xai 6a onpewdvetar pé (), dniadn elvar

~ @
(¢) =—-.
1}

"Enedn 1 pirpncn TV yoVidV yivetulr ug Tpémo dvdloyo mpodg T pé-
Tpnon v 16fwv (i ) pétpnon e0Biypappov tumpdatevy), Bd ioyxiovv kai
&3® ol 1616tnTeg :

P =0 <> () = (®)
P <0 <= () <(w).

“Ag dvopdoovpe AB xai HO 1a 16E0, ot émoio. Baivovy ol yovies ¢
kol 1, 8tav yivouy Emikevipeg Towv kOkAov. Tote Exovpe

® _ AB
n HO

“Av CUHQOVICOVUE VG TOipVOLPE Y1 yovaﬁaata yawia p Ty Eninev-
Ton ywvia mod Balver o16 povadiaio tééo HG and v mponyovpevn 1oo-
mMTe TPOKLMTEL 1

(¢) = (AB).

BLémovpe dnh. 611 1o pétpo tiig yoviag if) elvar Too pe o pérpo tob tHEov
XB, o160 omolo Paiver 1 (Ap ZuvBwg maipvovpe yid povadiaic yovie -
xeivn moL Bmvat oé¢ t0ko 1° koi v dvopdalovps i;mo'qg wuoipa». “Etot
Gtav 10 16k0 AB Exkppaletal of polpeg, kai 1 yovia D 0a ¢kgpaletal of
poipeg’.

Kabe mendarvopévn yovie propel va OsopnOel énikevipn yovia xo-
khov (O, p) mob Paiver o& Nuikdkiio. "Enetdn Spog 10 futkdkiio elivar 16-

l TMoAArég spcpé.; 6 pétpo mdc yoviae o OTHELDVETUL o-uvmva pé 16 1610 16 oip-
Boro q: Kal &yt pé 1o (tp) AUTO yiverar ouvhbwg, dtav 16 nétpo ‘rﬁc ¢ éKtppqutctl of poi-
pes. "Etol myx. ovvnbilovpe va ypapoupe lodtntee thic popefic :p + &L ...= 1800 oTig
omoleg Ta ypappate 100 TP@OTOL PEAOVE TAPLOTEVOUV HETPE YOVIGV.

Té pérpo g ywviag of polpeg Ppioketar npuktikd, dnog Eépovue dnd 16 Topva-
©10, pE O POLPOYVOUOVLO.
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Eo 1800, #netar Ot1 k@be memhatvopévn yovie Exev pétpo 180°. "Emiong,
Zneldn N mANpng yovie propel vi Bewpnlei Enikevipn mob Paiver o” OLO-
xAnpo tov kikAo, Enetan 611 kGO A fpng yYovia Exer pétpo 360°.

\!

3.10. MapamAnpwpartikég ywvieg.

| AXIKHZIEIX 5,6 r

‘Opiopdg @ Abo yovieg 0 kai © 0 Aéyovtal mopaninpopatikis, Qv
kai povo dv Exovv GOpoiopa oo pé pra tenhatvopévn yovia. Tote | kabe pua
yovia Aéyetur kui «xaganidijowpa» tiig GAANG.

"And tov Opilopd mob ddoope yiveral Qavepd OTi:

— Ao yovisg sivar napaninpopatikic, dv Koi pove @v Exouvv @bdporopa
180 poipes.
— Téa nopuninphdpora tiig WBrag yovias (i} locwv yovidy) sivar yovisg losg.

3.11. 'mg‘g §wviag.

‘Opiopog : Ao xuptég ywvieg mobd EXouv KoOwvi] Kopuer, Ui KOl
mhevpa kol Tig un Kowvég mAEVpEG EKOTE-
pobev tijg xowvijg Aéyoviar Egetijc yo-

vieg.

“Av Exoupe dvo E@ekiic yovieg fﬁ Katl /
® Koi tig kataotioovps Enikevipes 1ol
id1ov kvkhov, 1@ dvriotorya tOEa TOULG
AB xai BI' 0& eivat Swdoyika. “Etol iy Y
yovia mob ExeL WAELPES TG UT KOLVEG

nmAevpéc tovg (kai mepiéyer TNV KowT

mhevpd) sivar d0polopa tdv dvo Egekfig yovidv.

OEQPHMA. Ado #getiic yovieg sivar naparinpopanikis, v kal poévo
dv Exovv tig pi) xoivig mhevpég Toug @vrikeipeveg fpievbeisg.

2 * -
("5 w / 53
T
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*An6d. "Av oi 2oetiic yavieg AOB = § xai BOA =0 Exouv ti¢ pf kowvég mAevpég

B B
a ’
A a
: a ——— d
A A . — A
0 A ]
Ty 2 Ix. 3

TOUG &vnxemsveg ﬁulaueeteg, 161 10 dBpolopa tp + 6 icobral pé TV MEMAQTUCUEVT YO
vie AGA’ kai Gpa ol (p Kai 6 elvat napaxi\.npmuutmeg

*AvtioTpogac, Gv ol EpeEfic yavieg AOB = § kai BOA' = § glvar TAPATAT POUATL-
kéc, (ox. 3), Snh. v ¢ + 6= 1809 kai 11 OA’ 8év elvar avuikeipevn tiig O, t01e pépvov-
Tag v avrikeipevn fuevdeia OA” 1fic OA 04 Exovpe @+ BOA" = 1800, "And adth kai
mv 7|)+’é = 1809 £metar 671 8= BOA = BOA". ‘Eneidn thpa ol pn épekiic yovieg
BOA’ kai BOA"” elvat Toed xai Exouy kowi t ud mhevpd, Ba Exovv ko xai Thv dhin,
dnhadn N fuevdeioc OA” 0G cupnintel pé v Auevbeia OA’ kai dpa | OA" elvar dvrikei-
uevn tiig OA.

O\
3.12. Awadoyikég ywvieg pé dBpoiopa 2 ij 4 6pBég.

“Ag napovpe t@po Eva onuelo O pidg edbeiog A'A xai dg pépovpue oTd
£va fuieninedo axpfic A'A tig fjpevleieg OB, OT, ..., OA (oy. 4) xatd Té-
tot0 Tpémo, Hote of yovieg AOB = ¢, BOT = ¢, ..., AOA" = ¢, va elvar

Zx. 4
Ix.

Swadoyikeg (dnladn va Paivovv ot dradoyikd 16Ea, 6tav yivouv énikevipeg
£vog kOKAov pé kévipo 10 O). "Enedn 10 dOpoiopo t@v yovidv adtdv elvat

o1+ P2+ o+ 0 = @1+ @2+ ¢3 + ... + 0,) = AOB + BOA’ = 1800,
cupnepaivovpe 611 1o GOporopa Fhov tdv Swwdoikdv Yyowidv mobd oynpo-
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tiloviar ¢ Evo Wmeninedo, Stav gipvovpe Wmievbeics amd Eva Gmor0di-
mote onueio Tiig axpfig Tov, elvar 180°.

Avrio“rpoq)a, tiv Exovpe dradoylkig ywvieg q:, = AOB, (pz — BOT,
¢, = AOA’ mob 10 {fpotoud toug alvcu 1800, t6te ol ﬂutauﬁstag OA xai
OA’ aIvut avrikeipeveg (yati ol yovieg ¢, = AOB kai BOA" = 0.+ 93+
+ ...+ ¢, elvar épekiic xai mopumhinpopaTiks).

“Ac @épovpe thog amd Eva omorodfmote onueio O tol émxé&ou pag
T]}.llEUBEI.Eg OA, OB, ...., OZ (oy. 5) Tétoleg, Bote of yovieg AOB = &,, BOI'=
= @, ... EOA = o, va elvar Swedoyikéc. "Av @époupe kOkho pE kévipo O,
oi yoviec @y, oy, ... , @, 06 Paivovv ot Sradoyikd T6Ea Tov, i dmoin Exovv
&Gpowua 6hokAnpo 1ov kOkAo. “Etol 10 d0poiopa tdv Sradoyik@v yo-
VIBV @y, Oy, ..., Oy ELVOL TAHPNG YoVia Kai B Exovus

m, -+ 0)2 + ..+ w., = 3600,
sniadh 1o GOporopa Grov tHV Sadoikdv yovidv mod cynpatilovia o
Fva #ninedo, drav oépvovpe fpmevdeieg tov dmd Eva ompeio tob Emridov,
slvar 360°.
Wy \

3.13. Karakopudfiv ywvieg.

‘Opropdg : ADO KUPTEG YoVieg, Tob EYODV KOLVi] KOpugt Kai of mheupes
tfig puig elvar fjpisvleieg avrikeipeveg
otig mhevpés 1fig GAANG, Aéyovior ka-
Takopuotly yovieg (i) xai avuképueeg
YOVigg).

lMa vi oynpaticovpe Aowmdv Tiv
vcataxopmpnv yovie piag kvptiig yovi-

' ag AOB tp_, @épvovpE TG ﬁp.LeuQateg
OA’ xai ( OB' Tig dvrikeipeveg tdv OA
kai OB. "Etol Jﬁno%s 6t 14 kabe yo-
vw. "AOB = @ Omapyst pia koi povadikn yovia A’ OB = (p noL £ivol Ku-
TOKOPLOTV PE T O. o

Eivar avepod 61t dbo ehbeieg AA” xai BB', nobd -rspvovmt oto O, oxn-
patifouv dlo t‘;smm mrralcoputpnv 'ymvubv 10 Lebyog AOB = ¢, AOB' = Y
%ol 10 (ebyoc A'OB = 0, AOB' = &' v

OEQPHMA : Oi katakopugnv yovieg eivan Togg. V N

A

*Ar6d. “H kabe ma and tic kataxopueniv ywviesg AOB ="p kai AOB'= o elvat
#oekiic kal napaninpmpatikn tiic A'OB= @. “Exovpe dnhadn

P+ d=1800 kai ¢ + =180
*An6 T oUyKplon adt@V TV oyEotmv tpokintel 6Tl P+ o= O t+ao=0= o
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3.14. "H 6p0f ywvia. TupmAnpwparikég ywvieg.

‘Opropds : Mia yovie 86 Léyeton op0i), Gv kai povov Gv sivar ion pe
70 oo g nemhatoopévig Yoviag.

"Av Lowmdv Exovpe pia fuevbefa OA 4
kai Béhovpe vi xotookevacoupe Spli
yovio pé kopugn 1 O kel pic mhev-
pe v OA, dpkel va @épovpe TV
Auievbeic OA"  dvrikeipevn tiig OA
Kol peta va @épovps Th Slxotéuo 0OA 7
tfic memlatvopévng yoviog AOA’. 'E-
newdn ol memhatvopéveg yovieg slvar i-
oeg kKol k@Be pia memlatvopévn yovia
elvar 180°, ano tov dpiopd mob Sdoupe cuutepaivovps Bti:

— Olzg ol dplig yoviss elvan Toec.
—H épbi) yorvia Exer pérpo 90°.

Kdbe yovia pikpdtepn and v opn Aéyeta dieia yovia, vé kibe Yovia
ueyohbtepn and v opbn Aéyetar dpfireia yovia. Téhog Sbo yoviec ¢ kai

Ix. 6 Zx. 7 Iy 8

®, mod Exouv dBpoopa pa dpby yovie, Aéyovrar CUUTANPORATIKES YO~
vieg xoi 1| kdBe pia an’ adrég Adysta ﬂcrvpnlﬂgwya» tfig GAAnG. Eivar ga-
vepo 811 yid S cupmAnpopaTikig Yovies ¢ Kai ® Exovpe :

Nx\ ¢4 & = 900,

3.15. KaBereg eiOeiceg. -

‘Opropés : Abo tepvépeves £dBeieg £ kai &7, mod oxnpatiovv técoepig
Sradoyikég yovieg Togg, Aéyoviar kabereg £0Beleg.
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I'pagovpe 1618: ¢ | €.

"Av g | €, elvar pavepd 81t kGBe pua and Tig téooepig Toeg yovieg Toug E-
x&r pEtpo 90° (Gpob xar ol téaoepig Exovv dBpoiopa 360°), dnhadn eivar
SpO1.

"Aviiotpogomg, Gv pio and tic Swadoyikég ywvieg mod oynparifovv
d0o tepvopeves ebbeleg € kal € elvor dp-

01, t61e of ebbeieg & kai & elval kae- 4

TEG, Y1aTi T0TE dmwg eival puvepd kai oi
téooeplg dadoyikis ywvieg, moL oyxnpa-
tiCouv ol & kol €, elvar 6pBic (Gpol 7 H £
Kotakopu@nv Tiig opbiic eivar dpby, &vd ‘
ol dvo GAdeg katakopLPNVv Yovieg elval
ioeg xal Eyouv GBpoopa 360°- 1800 =
= 180°) kai £nopévag elvar 6ieg Toec.

Aeifope lowmov 611 800 Tepvopeveg
ebleieg sivan kabeteg, v kai povo Gv oynpatilovv 6pdR yovia.

Avo e0bBbypappo tpufpata, mod ol gopeig tovg elvar kabeteg ebBeisc,
0d Aéyovtar «xdfera Tuijuara». "Eniong 8vo fuevbeieg mod davijkovv of
kaOeteg e00celeg Oa Aéyovtur «wedlfetes Huevbeiegy. TELOG Eva e000ypappo
tufjpa Ba Aéyetar «xdbeton of edbeia ()] fuevbeia), dv 6 popéac tov sival
kaBetog otiv ebbeia ( v Muevbsia).

M ﬁ \ | Azxmzeiz 4,7-13 |

3.16. TIAPAAEITMATA KAI E®PAPMOI'EX

1. Aivera Evag kokh(O, p) kai Eva dpropivo onpueio Tov A. M2 kévipo 10 A koi éxtiva p
ypagovps kikho mod tépver Tov KOKMO, p) otd onpeie A kai B. Asitre 61t AKB =
AAB kai 611 1 KA glvar digotopog v yovi@dy AKB kai AAB.

Abon. "Eneidn AK = p, 6 k0kAM(A,p) mepvier an6 16 K. “Etol 1@ t6ka AKB kai AAB
elval loa, yiati elvar 165a lowv kiklav mol
Exovv kotviy xopdn tHv AB. Ita t6a alta
Opwg Puivovv avtictotye ol érikevrpeg yo-
viec AAB kai AKB. "Etot &xoupe

AAB = ARB.

"Eneidn AA = AB, yioti ol AA xai AB el-
vat axtiveg tob kukMO,p), 1a t6Ea AA xui
AB 100 kukM(K,p) elvar foa, yati avtictot-
xobv ot Tosg xopdéc tov. "Eton kai of énikevrpec yoviec AKA xai AKB sivar ioec, 6-
notTE ﬁAKA elval duxotopog Tiig AKB. ‘Opoiag arodetkvietar dt1 i AK Siyotopel
v AAB.
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y

2.

Aeifte 611 ol Suxoropor dbo katakopueilv yovidy Bpiokovrar otiy b ebbzia.

Aben. "Av AOB xai A’ OB erat oi xu‘mxopuqmv yovieg kai OA, OA” oi duyordpot
TOLG, Bérouus AOA = ADB = q: K(ll. B oA =
= ADA = m, omote 0a elvar lp =0 (apob
of yaviec AOB = Jp xai A'OB’ = 26 elvar
{oeg). Mapatnpobpue tdpa 61 N lodtnta
BOA + A’OB’ = 1800 ypagerat

?+ 6+ ADB = 180° = 3+ AGBR + b=
1800 => AOA 4 AOB’ -+ B'OA" = 1800
Kai and v tekevtaia io6tnTe cupnepaivovpe 8tu of fuevBeieg OA kai OA’ elva @v-

TIKEIMEVES.

. Aeigze 1 ol Suxotopor dbo Egeliig xal raparinpopanxdv yovnidy elvar kabeteg.

Abom. "Av AOB kai BOT elvar 500 doeEfic kai napaninpopatikés yavieg kai OA, OE
ol duotopol Toug, Ba Exoups

~ ~ E'
AOB + BOI'=180%= A;)B + _ATOIZ = |

90¢ = AGB + BOE = 90° = AOE = 90°¢

dniudn oi fuevdeieg OA kai OE oyxnuatilouv
0pBn yavia, dpa elvar kabetec.

. Téooeps Muevdeieg OA, OB, OI, OA oynuatifovv tic Swmdoxikic yovieg AOB,

BOT, I'GA, AGA rob Exovv pétpa avidoyu pé tovg apbpovs 1, 2,3,4. Na dmokoyr-
oflodv ol yovieg avtis.

Aven. "Av otiv indBech pag r B
(AOB) _ (BON) _ (rda) _ (AGA)
1 T T
D8 it s : %A A
Epapudoovpe T yveoth 8otnta tdv iocev ‘

Khaopdrov, 0d Exovpe (Eredn elval kai

(AOB) + (BOD) + (rOA) + (ADA) = 3600) 4

(A63}= (BO) _ (r6A) _ (AGA) _ (ADB) + (BOD) + (T'GA) + (AGA) _ 3600

1 2 3 4 I'+24+3+4 10

= 360, 6néte (AOB) = 369, (BOI)= 2(369) = 720, (FO A)=3(36°) = 1080, (AGA) =
= 4(369)= 144o.

3.7 AzkHzEs * () \F\
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2. Aivetar fiukokMo pé kévipo O kai pia Sudpetpds tov AB = 2p. Mé kévipo ta A xai
B xai éxtive p ypapovue n’uikoug nof.: Tépvouy 16 fiutkikAio dvriotoixeg ot onueia
A’ xai B'. Na deix0el 61t AOA’ = BOB'.

3. Aivetat pia pf K‘.ip‘l’f} yovia AOB kai pia fpevbeie O'X'. Né koraokevaotel pa yo-
via Ton pé v AOB no¥ va Exer kopuen 16 O kai pia nisvpd thv O°X'.

4. Aeitte 61 ol Sugordpol dvo Eetfic yovidv oxnuatifovy yavie Ton pé 16 Auadpoiopo
1@V Yyovidv adtdv.

5 Ocwpolpe xvpth vm\:}u AOB xai ™ dixotopo tng OA. dépvovue pia ebbeia OP dow-
tepien tfig Yoviag BOA xai pia e08eic OL éEotepikn tfig yavieg AOB. Na Seiy0st 611

POA = —% (POA —POB), ZOA= %(263\ -+ ZOB).

gl

"Av pé (3) CTHELDVOUHE TO PETPO pbG Ywviog @, deikte 611
@+ 0)= (@) + @).
’
/ﬁ "And onpeto O wdg edfeiag AB @épvoupe mpoc 10 1810 pépog tiic AB fjuevbeieg O
kai OA tétoieg, dote oi yavieg AOL, TOA kui AOB vé slvar Sradoyikéc. “Av OE, OH

elvat ol dixotopol 1OV AOT s AOB xai (EﬁH): 1000, va OmoloyicOel 10 pétpo thig
voviag FOA.

8. @ewpobpe téooepig Sradoyikés Auisuleies OA, OB, O, OA kai kahobue OK, OA, OM,
ON rig SixotopoUg TGOV SLadoYIKAY YOVIHY AE)B, BOL o 6A, AOGA. “Av 1600 ol fui-
evbeieg OK, OM Goo xai of futevbeieg OA, ON elvar @vrikeipeveg, va Seikete 6ti oi
fuievbeieg OA,OT ki ol OB,0A elvar Erniong dvrikeipeves.

9. Mia yovie ¢ elvar Ton pé —:— Opbfic. N Ppebel of poipeg 16 pétpo thig GUPTANPL-
patixfig koi Tfig Tapunhnpopatikiic yovias ¢ ¢.
~ 2
10. “Ynoloyiote ma yovie ¢, dnoia elvor ion pé rdT tfi¢ mapaninpopatikiic ng,

kui pic yovia (3, 1 Onoia elval lon pé ta % ¢ CUUTAN PWUATIKTG TNG.

11. Na Bpebsi 16 pérpo pidc yoviag b, 6tav 16 d0potope thic ovprinpopatixic kai tig
nopaninpouatikiic tng yoviag elval iso pé 16 tetpanhacio tfic yoviag (i yeviko-

tepa Otav t0 GOporopa adtd elvar oo pé %3)

12. Na Bpedei okc’a yovia ¢ tétol, Gote 1 Siapopd Tng Gnd THY TAPURANPOUATIKT NG
va loobtal pé 16 dimhdoio Tig @.

13. Aivetar xupth yovia AOT «ai éowtepikn Muevbeia tng OB tétola, dote 1) diapopa
@y yovidy AOT kai AOB va elvar 900, "Av OE kai OZ elvar ol Siyotopor 1dv yo-
vidv AOB xai AOT, va dewxByel 6t EOZ = 450,

3.18. AXKHIEIL ** m\ >

@-(}1 Ocwpolpe téooepig Sradoyikég Muevdeieg OA,0OB,OILOA tétoieg, Gote (AaB)=
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= 1500, (TOA) = % Opbiig, (AGA) = % dpBic. Né Seikete 611 1) Sixordpog tfic BOI
elvar dvrikeipevn fuievdeia tiic OA.
/ l/i "And v kopuen O b yoviag AOB pépvovpe Eowtepiki] fpevdeia ™g OP xai d0o

“ fintevbeieg OA” xai OB’ térota:;, @ote | OA vé elvar Siotopog tiig A'OP xai 1 OB
va elvar duxotépog tfig B orp. Aetgte 61 y1a kdBe Bion tiig OP Exoupus

AOBR = 2A0B.
16. @empobpe v ywvieg l';l,q‘)‘z...,¢; avahoyeg pé tolg apibuovg 1,2,3,...,v. Na dmohoyi~

ofobv 1d pérpa 1OV yovidv adtdv, étav yvopifovpe 6t 16 ddporopd tove elvar 900
1 1800 fj yevikétepa k Opléc.

1
(Cvaopifovpe 6t 1l +2 4+ ...+ v= %, v veN).
17. Z& xuxMO,p) 1| xopdfi AB elvar tetpanhéoio and th xopdn AA. Asitte 811 | kupth
yovia AOB elvar peyakitepn érd 16 tetpunidoio tfig kuptiic yaviag ADA.

3.19 EITANAAHYH KE®AAAIOY 3

1. "H cdykpion yovidv dvayetar ot ohykpion v toEev ot dnola Baivovv, &tav yi-
vouv érnikevipes icov kikhov. "Av Lowmov Exovus 800 yovies ( kai @ ol onoiec (6tav

Smypawoups ué kévipa Tig Kopueéc tovg §to Tooug kbxhovs) Paivouvy avrictolya otd
ok AB kai l"A Ba Exovue

:pA =0 - Kgéﬂ
< =
ME 16v 1810 tpodmo dpiletar kai fi tpdadeon kai 1 dpaipeon o6 chvoro of  tév Y-
vidv. "Etol, dv kahicovps niht AB kai TA fd toka ota Onola Baivovv (Stav yivouvy &
mikevrpeg dbo kbxhwv aktivag p) oi yovieg @ kai o, oOpiloupe g :
—&Bpow;w. q) Jr (n ™ ywvie mob elval érikevipn kvkAou axtivag p kai Paiver o16-
1080 AB + TA.
— Awgopi ¢ — @ ™ yovie mod elvar éminevepn kOkAov dxtivag p kol Paiver oo
16E0 AB —fA.
Téco yid T obykpion 6V Yovidv oo kai Y& Tic npakelg tovg ioyvovv ol dieg 1810~
teg mov ioxbovy oti cvykpion kai tig npakelg @V TOEwV.

2. ‘Opilouvpe dxéun, dra; axppds ota toie #i ota edOdYpappa uipate, TO YIVOpEVO:
% ®, Btav  kai A elvar puoikol apiBpoi. "Av loxlet pia lsdtta tiic popeofic :

K A

TR TR

& ap1dpdg K/ Aéyetar makt Aoyog tiig yoviag & npoc ™ Yovia ?p xai onuetdveral @ / G.
"Av népoupe Y@ «uovada» pia dpiopévn yevia gec”, 6 Loyog o/ I Aéyetal pétpo
Tiig 70)&11:; @ Kai onuelGvetaL pé ap) “Etol Exouvpe kai £86@ fq:) ="o/ E

Zzh pérpnon t@v yovidy ioxdouv Gieg of iGotnteg mob ioybouy oth puétpnon 16Eov
i edBOypapp@v THNRGTOY.
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Tovifag yid povada It maipvoups Th poipa, mod elval Ton pé ) yovia oo (Gtav yi-

vel émikevpn kOkAov) Paiver of t6E0 oo pé t6 1/360 oD KOKhoL. ToTE :

— "H nAipng yovia Exel pétpo 3600 kai ) nenhatuopévn yovic Exel pétpo 1800,

— Mia yovia mod Exet pétpo 900 Aéyetar dpbn yovia.

— Kabe yovie pikpotepn (1] peyahitepn) anod thv op0n Aéyetar o&eia (i} appleio)
yovia.

— Ao yovieg mov Exovv dlpotopa 1800 Aéyoviul napaninpopenikic.

— Avd yawvieg mod Exouy G0potope 90° AEYOVIUL GULTANPOPATIKEG.

Avo kuptéc ywvieg Aéyovral E@ekijg, dv Exouv koivi) Kopuet, pid kowvi) mAevpd Kai
1ig uf Koivég mhevpéc éxatépmbev tfic xowviic.
— Avo £gekfig yovieg elvar mapaninpopatikég, dv kai povo dv ol pf koivig mhevpic

Toug elvan avuikeipeves fpuievdeies.

Tevikotepa, dv and Eva onueio pidg ebBeiog € pépovpe Nuievbeleg otd Eva Hpuiemi-
nedo axufic &, tote Hhec ol Sudoyikég 'y(uvu—:., v GxT]].lE‘thOUVT(Il Eyouv dbpoiopa
1800, Avuo’tpoq:mg, Gv dladoyikég ywvieg (pl,<p1, ,lpu Exovv dOpoiopa 1807, tote 7y
PG TAELPE TG lpl kai | dedtepn mhevpd Tfig le elvar avrtikeipevee fuievOeiec.

Ao yovieg héyovral katakopueny, v Exouv Ko kopupn kai oi mhevpéc thg piic
elvar fuevdeieg avrikeipeveg pé tigc mhevpés tiig aAAng.

— Oi xotakopuenv yovieg elvar ioeg.

Ao teuvopeveg ebleiec £ kol & oynuatilovv téooepic Srudoxikéc ywvieg molh dvi
800 @moteholiv {elyog katakopupny yovidv. Ol tepvopeveg ebbeieg & kai £ 0 Léyov-
1L kaBeteg, dv koi povo dv ol téooeplg yovies nod oxnuatifovv elvar loeg (Omodte
kafepd tovg elvar 6p0n yovia).
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4°
KE®PAAAIO

TPITONA
BN

4.1. Eidn tpryQvwv.

L’ éva 1piywvo ABI pg kopupic ta onpeia A, B, I, of TAELPES TOL
Bpioxovtar amévavtt anod tig KopuEig
abtég () amévavit @no tig yoviee A, B, A
f) onueldvovtal dvtictoiya pé a, B, .
“Eyxovpe Aomov :

¥ (]
a=BI, B=AT, y — AB.

B — r

A A A
[/ 4 Y, 4 7 l}

2 r B r B r
] 7 7
oxarnvo faoaxersc agnieupo
B_y a-b-y

“Eva tpiy. ABT, mob &fetdletar dg mpdg tig mAsupéc Tov, Aéyetat :

® oxaknvé, Gv oi mhevpég Tov eivar dviceg petakld Toug,

® igookehic, dv d0o mhevpég Tov elvar {oseg,

® igomhevpo, v kai of Tpeig mhevpég Tov elvan Toec.

X’ Eva ioooke)ég tpiywvo pé B =y 7| tpitn mhevpd tov BI = a Aéye-
T0n Kai fdoy tov. To loomhevpo tpiyovo propel va Oempnlei kai icooke-
Aég p& Paom dmowadimote mhevpd Tov.

“Eyovpe Grodeier (§ 1.17), 6m kabe mhevpd tprydvov slvar uikpdtepn
and 16 dpotopa tév dvo dAlov kol peyerdtepn amd T Sapopd Tovc.
“Etot my. dv B>y, yia mv mhevpd a Exovps :

P—r < a B +7v
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“Eva tpiymvo mov &Eetaletal d¢ mpdg tig ywvieg Tov Aéystan :

B B B
¥ a ¥ a v, (]
A r A r A T
7 —7 7
ofuywvio opBoycivio apBruyavio
A-90° r> 90

e OZvydwio, v SAeg tou ol ywvieg elvar dEeiec,

e oploydvio, dv pic yovia tov eivar 6poin,

e appilvyovie, dv pic yovia tov elvar apfieia.

It dpboydvio tpiymvo 1 mhevpa nmod Pploketal amévavit and v ophn
yovio Aéyetal Oroteivovsa.

N B\

4.2. Aiapecgol, diyoropor kai UYn Tprywvou.

Z’ Eva tpiymvo 6pifovpe ta éEfic otoiyeia :
a) Awapeoor : To evliypappo tud-
Ho oD GUVSEEL ILd KOpLRT| EVOg TpLyd-
vou pg to péoo Tijg amévavrtt mhevpig
Tov Afyetal dudpecog TOD TPLy@VOUL.
“Etol, v M givar 10 péco tijg BT
(ox. 1), 10 tufjpe AM  eivar 1 dié-
pecog tob tpry. ABIT mpog tnv mhevpd T 1
TOL O KOl ONUEWDVETAL: o TO 1pi-
yovo howmov Exer tpeig dwapéoovg, mod Bd onuew@vovtal GvrioTolyd : g,

Ha, Hy .

B) Arxotopor : "AgA Oewpricovpe 11 4
S1yotépo Tiig yoviag A £vog Tprydvou N
ABI kai dg dvopdoovpe A 10 onpsio,
ot0 Omolo abTN TEPVEL TNV Amévavtl “
nhevpa a (o). 2). To ebBOypappo tufjpa A r

AA Aéyetar fowtepiki) diyotopog  Tod
Tprydvov 1] anidg dixotdpes tod Tpryd

vou Kkai 0a onpetbvetal 8, . Ex. 2

“Etot Eva tpily. ABI Exer tpeig Sixotopovs, mod O onpeidvovial av-
tiotole 8q, 8¢, Oy.
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Y) "Yyn : "Ag Bewpficovpe pid eb-

Oela € mov Sibpyetar and TV Kopven A A ‘:

kai elvol kdBetn! otiv ebfefo BI. “Av i i

ovopdoovpe K 10 onueio otd omolo 1 iy 1Y%
! i

& tépvel v BT (oy. 3), to edB0ypappo :
tufipe AK Aéyetar tyog TOU 11)11(0’)\101)‘Ii i rw L 4
kai 0d onpeidverar pi v,. “Etor Eva Ix. 3
tpiy. ABI" Exet tpia Oyn, mol B& onpstdvoviarl avrictoyye: vg, va, Vy.
"Av o Eva tpiyovo ABT gépoupe 1 Sidapeco AM = pg, 1 Si1yotopo
AA = 8, kai 10 Gyog AK = v,, 1@ onueic M koi A elvat maviote Ecwte-
pika onuelo tiig mhevpdg BT, évd 10 ompelo K pnopsl va Bpioketar kai
otiv mpoéktaon tfig BT (oy. 3).

4.3. "loémnTa TPy vwy.

‘Opropds : Ato tpiyove 0a Léyoviar Voo, Gv kai péve &v Exouv tig
mhevpés tovg pie mpds pia ioeg kai tic dnévavn amé tig iseg mheupéc
yovieg tovg Emiong iozc.

INa vi dnidocovpe 11 16 dbo tpiyewve ABT kai A’'BT sivar Tow, Od
ypagovue tp17.ABI" = 1p1iyA'BT” § é-
mAdg ABI = A'BT’. Zi ica 1piyova .

A A
ABI xoi A'BT’ tomofetobpe #1or 1a
Ypappate v Kopuedv Toug, HoTe Vi gl- ) ’ 17 I’}
vat A'B" = AB, BT" = BI', I"A" = T'A.
“Exovpe AOumoV Katd OV dplopd pag B 7 8 7 r

a, B
-

a= 5
A=A, B=8,F=1".

I
=
-2

I
-2

~

TpYABI = 1piyA'BT" <= I

Agyopacte 10 afiopa :

“Av 800 tpiyovae elval tétowa, dote dbo nhevpds kai 1| meprexdpevn an’
abtég yovia 1ol £vog vé sivar dvtictoye Tosg pi S0 mhevpic kai Ty
nepexdpevn an’ avtic yovia tob dhlov, téte 1a Tpiyeva Eival ioa.

‘Enedn ¢ {oa abtd tpiyova O Exovv koi t@ Dméhona éviictoiya
otolyeio tovg ica, 10 Gfiopd pog yud 8o tpiyova ABI kai A'BT” Swatv-
TOVETUL PE TNV TpdTOOT :

TpvyABIT = tp1iyA’'BT”
a=ua, ﬁ:ﬁ’, =1

~

B=p,v=7, A=A =

1. ©a dolpe mapaxdrw 6ti Omapyel pia kol povo pia téroww £0beia.
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o

Zav pappoyn 100 mopondve dbidpatog 66 drodeifovpe G1i:

OEQPHMA : L& xabe tpiyovo dnévavrt dnd Toeg nhevpic Ppiokovran Tocg #,,
yavie, Snh. p =7 = B =TI\ A

"Andd. "A¢ Bewpficovpe Eva tpiyovo ABT A
né AB = AI. "Av o¢épovpe T Sixotdpo TOL
AA, Eyovpe ':prBA = 1p1yAT’'A (yiati AB
= AT, AA= AAA, = A,) xai Gpa B= .

*Amd v mpdtacn adtn Exovue
©W¢ 10 Topiopata :

3

elvan Tocc.
— L& ioomizvpo Tpiyey

binTag TpLydvev, Snhadn pag
£mtpénel va dwamiotOoovpe v io6TnTa 800 [Tprydvav pé
yela and Goa anatel 6 Opropds tg. Avo dAAo Baoikd kpitipla iodtntag
Tpry@vev divovv ta Bewpfipoata :

-
=2
(=}
-
m
o
=]
=]
-
L}

f\
Lepl TrAipre

OEQPHMA 1. "Av &0 1tpiyova elvar 1étowa, dote pia nhevpd xai ot
npookeipeveg ¢ abri) yovies Tob £vog vi elvan dvrictorya loeg pé pia
mhevpd kai Tig npookeipeveg ¢” adri) yovieg tob dhdov, téte td tpiyove
tivan ioa.

*An6d. "Ac Oewpfioovpe d0o tpiyova ABI

MO/f/O T/

kai A'BT’ tétoln, Gote B =BT, B=F§, A
= !

“Av mdapovpe otiv nhevpd A tufipa TA = A",

napatnpodpe &t tpry. ABI = tpiy A'BT” (yarti

Br = BT, TA=TI"A’, I'= ) xai dpa NP

b
4

ey

ABr = §' =B, a a
Tore Spmg of Toeg yovieg ABT xai ABT 0a tavtilovral, yiati Exovv xowv} xopvef B, Kot-
v mheupd BT xai tic puf xowvéc mhevpée Toug npde 16 1610 pépog tiic BIL. “H fjuievbeia
20omdv BA tautifetal pé thv fuevbeia BA xai dpa 10 { A} BANTA 6a tavtiletat pé ©o
{A } BANTA."Etol 14 tpiyova pag Exovv kai FA = T'A = I"A’, 6n6te (katd 16 dEiopa
tfic § 4.3) elvan Toa.

-
PN

“Etol Aownov ot dbo tpiyova ABT kai A'BT” ioybel ) npbtaon :

<0
a=d) Bl s pn [ IPARD =rpwABIT /?S\,S N
B=B37=Y:A=A'
s - ) 65
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OEQPHMA II. "Av dbo tpiyova elvar téroia, dote ol mhevpds tob Evig va
glvan Tosg pia mpdg pia pi tig mhevpis tob dhhov, 1éte 1d tpiywva slvan Toa.

*Anod. "Ag Bswpfioovpe 800 tpiyova ABL kai A'BT’ pé AB= A’'B’ xai lic xata-
oKevVAooLUE pPE Axoputpﬂ 0 B xai mhevpd
BI' pia yovia TBX 1| 6roia va elvar &pekfig
péE TV B xai fon pé v B. "Av nave ot
BX napovpe tufine BE = B'A" = BA, 04
Exoupe 1pL1yBIl'E = ':pl')LB'l'"A'A(Tluti BI'=
= B'T", BE= B'A’, T'BE = B’) kai fipa

TE=I"A"=TA xai BE[ = A"
ligpatnpobpe thpa 611 dnd ¢ igomcei\;ﬁ
piyova ABE xai ATE Exovpe A, = E,,
Az =A€,=-.» 51 4 33 = E, + E; koi énopé- =
vag A= BEI'= A’,"Etol td tpiyeva pag elvar oo, yiati Exoov B=P, y=v, A= A’.
Aeifape dowwov 6t ot Svo tpiyova ABT xoi A'BT” ioyver 1| npdtacn :

TptyABI’ = 1p1iyA'BT”
i {A‘:A’, B8, r-1"

IIposéEre : "Olo ¢ kpitfipra iodtntag dbo tprydvev mepiéyovy pia
tovhdyiotov icotnta peta&d tdv mAevpdv tovg, dnAadl drapaitnto otot-
xelo iootnrog 8o Tprydvev elvar 1) ioémre pidg tovAdyiotov TAevpic
tol évog pé pa mhevpa tob GAlov.

&5, B=Prrey

4.5. "Efwrepikég ywvieg Tprydvou.

‘Opopds : Kabe yovia nod sivan £9etfic kxal maponinpopotixd i
yoviag €vog tprydvov Aéyetar EEwtepi-
K1} yovie tob Tprydvov.

Ia v kotaokevdoovpe pia EEmte-
kT yovie tpry@vov ABT, dpkel va
TMPOEKTEIVOUNE G mAsupd Tov mpdg
10 &va pépog ng. “Eror my. dv AZ
givon mpoéktaon tiig TA, f| yovia ZAB -
eivar EEwTepikn yovia tob tprydvov ABT
pé xopmpq 0 A kal Aépe v adti 611 ExEl «anévavtdy tng tic EowTEpikig
Yovieg B kai I Hupmnpoﬁus 6m g E€wtepikn yovia pé Kopuen A uno-
pobpe va mapovpe xal v OAT mobd oynpartifetar, dv mpoekteivovpe TV
BA, 1 yovia pog abth elvar xatakopueiyv kai pa Ton pé v ZAB.

“Av 17 Surotdpog tiig EEwtepikiic yoviag ZAB tépvel v TPOEKTUCT]
tfig mhevpiic BI U‘I:O A, 16 ebB0ypappo tpfipa AA" Aéyetar EEotepixi Si-
yotbpog Tiic yoviog A kai 06 onuewdvetal &', . "Etol Eva tpiyavo Exet tpeig
£€mtepikég Sixotépovg mod Ba tig omperdvoupe dvtiotoya 84, &g, &y.
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L3
F=
[}

OEQPHMA : Kafe iEorepiki) yovia tprydvov ABL slvar us'ramupﬁ Kol
and tig 800 drévavti g foortepkic yovies.

~

"Andd. “Ag Bempnaouus tphrowo ABIN xai 1hv #wtepiki 1oL 1mvlu All= @ l‘ui
v deifovpe m.y. 5-uq: >A apkel va droxheioovpe Tig mepintdoEelg t.p A Kmtp< A.
"Av bmoBicovpe St ¢ = A xai napovpe otiv mpoéktacn Il tfig BI -rufn,ul I'e = AB
(oyx. 4), Exouue TpIYAl'® = tpiyAlB (yati A= AIL, I'© = AB, ATO=A) xai
dpa Ay =T "Etor f| gavephy anod 10 oxfipe pag icommra T+ ¢ = 1800 ypaperar

B & A
Zy. 4 i a " x5 &

ff, + A =180° xai énopéveg 0a mpéner ol Epekfic yaovieg 3., xai A vé Exovv tig pf
xolvéc mhevpéc toug AB kai AO &n’ ebfeiag, mpaypa @ddvato, dpod 10 A SEv avikel
otfiv BO.

"Av OmoBéoovpe 6T 0 < A kai @époupe dowtepikh Huevbeie Thig A mob Téuver THY
BI" 616 H (oy. 5) xal oxnparile yovia ¢ pé thv AT, 16 1piyovo AHI Exer thv &-
Ewtepiki yovia Tov AFA Ton pé méa anévavti e towtepiki, nphyne @dbvato katd
v mponyobuevn anodegn.

"And 10 Bedpnpa adto mpoklintel 11 kGbe Tpiywvo mod Exer ma yo-
via tov apPieia (i 6pOR) 0a Exer tic Ghdheg dbo yovieg tov Ofeizg, yo-

A A

¢ 2 b S |
B et B .

Ti dv m.y. elval T=90°, of yovieg A xai B elva pikpoTEpES AT TNV EEwTEpL-
ki yovio ATA = ¢ nod elvar dEeia (7 6p7), &pod ® = 180° — T “Eron
#va tpiyovo propel va Exel pia 1o mold appPireia (i opbn) yovia.

-

4.6. "Eva kpirijpro iodTnrag.

O anodeifovpe tdpa Eva akdun kpitiplo iocdtntag 800 TPLYGVEOV.
OEQPHMA : "Av 800 tpiyovae sivar tétoia, dote pia whevpd, 1| anévavr
g yovie xal pa npookeipevn ¢ adti yovia tod Evig tprydvev va sivar

avtiotoga Tosg pd @ nhevpd, tiv drnévavri tng yovia kel pie npooksipe-
v1 6" adti yovia tod &hhov tprydvov, tote 1d Tpiyova slvan Toa.
"An6s. “Av Oswpnoovpe Svo tpiyova ABI kai A'BT’ térown, dote BI'= BT, A=

= A’kai B=B’, 04 anodeitoupe 611 Exovpe o’ adté kai AB= A'B. "Ag Omoli-
ocoupe 611 AB & A'B’ kai pdliota 6t AB > A'B. Tore, dv mapovpe oty BA tpfijpa
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BE = B'A’, 06 £xovpe tpiyBEl = tpiyB'AT' (ywoti BE= B'A",BI'= B'r'.ﬁ= ﬁ')
xai tote: BEC = A"

ETIEISI] Suwg f| yovia BED elvat EEmtepikn otd tpiyavo AET, 0d elvan BET > A=
A >A mpaypa mod dvtifaiver otiv Ondébeon pog. “Eror dmoxkeicope ThHv mepi-
ntwon AB 7= A'B’ kal dpa 8év dmopéver mapd W AB AB mob pdg 2Eacpariler
811 16 Tpiyove slvat Toa (yati Exoov a = o, v =7 kai B= BY).

Aeitape Aowmov 6t ot dvo tpiyove ABIT kai A'BT ioyxder 1| mpétaon :
Tp1YABIT = 1p1iyA'B'T”

[ p=p,v=7v, =T

"Etol Aoimov dvo tpiyove, ot dmoia pia mhevpd ol £vog elvar fon pé pia

mhevpd tob dAhov, Ba elvar Toa 81 poévov Stav Exouvv ioeg pia mpog pia

Tig mpookeipeves otig ioeg TAELpEg ywvieg Toug, GAAG kai Gtav Exovv loeg
pia mpog pia 800 dAles yovies dpoing keipeveg dg mpodg tig Toeg mhevpéc.

a=u',ﬁ:AA’,B:ﬁ'=~

| AIKHIEIZ I -6

4.7. Zioykpion mAeupliv kai ywvidv of Eva Tpiywvo.

Eidape 6t o’ Eva tpiywvo dnévavt anoé loeg mhevpés Ppiokoviar ioeg
yavieg (PA. § 4.3). Tevikebovrag v iddtnta adth 0¢ deifovpe Bt

OEQPHMA : ¢ kdfe tpiyovo ABI ol yovicg mod Ppiokovrar danévavn
and &0 dviceg mhevpig slvar dpordtpona dvieeg kai dvrictpdpag, dnladi

Bp>y<B>T.

"An68. Ocopodue tpiyovo ABIT kal AT > AB kai moipvovpe otiv Al tufina AB; =
AB. Téte 16 tpiyovo BAB, elvat ioco-
afah‘.(;ué Bdon BB, xai Exoupe AﬁBl =

AB,B= 0. "H yovia épng ABB, =0

elvar pkpotepn and B, v HAB,B= ¢

elvar peyalbtepn amé 1 yati elvat
eEmtepikn] Tob TpLydvov BB,T.

"Apa Exovpe B>¢ kai § >F =BT )'% Z.B

"Avuiotpogug, Gv ot6 tpiyevo ABIT Exov-
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pe B> I, t6te 04 elvar AT > AB (4pob dv fltav Al = AB #j AI' < AB, 0a elyape
xai B= Fﬁ B< f)

"Amd 10 Bedpnpo abtd oupmepoivovpe STL dmévavii dmd T peyahi-
tepn mhevpd (7} yovia) Tprydvon Bpioketat f peyalitepn yovia () mhevpd)
Tov. "Etot m.y. peyaditepn mhevpa évog dpboydviov tpiydvov elvar f -
noteivovoa (Gpob peyalitepn yovia tob dpboydviov Tprydvou eivar 7 dp-
0M). "Eniong, peyalitepn mhevpd évog auPruvydviov tpiydvov sivat adTi)
nol Ppioketar arévavit and v appreia yovia tov.

KatahaBaivovpe axépn 61, dv o Eva tpiyovo ABI Eyouvpe B =T,
Tote B Exoups xm B =y (ywoti, dv fitav B>y f B<y, Ba sixape and 10 Oe-
dpnpa B>T i B<T', mob 8¢ ocvppifdletar pg v dnobeon) pog). ‘H idotnta
avti elvar 10 dvtiotpogo tob Bewpripatog tiig § 4.3. “Etat Exouvpe TOpa TNV
mo dhoxAnpwpévy npdtaon : |

OEQPHMA : Lt xabe tpiyove dnévavn dm}"lcss; nhevpis Ppickoviar lm:g
Tovieg kai dvrietpégug, dnhadi :

B=7y<—=B=T O
L)

*And v npotacn abth Exovps dpécwg Ta mopiopata
— Kabe tpiyovo mod Exer 800 yovies tov Toeg sivar ioookelic kai dv-

TIoTPHQOG.
— Kafe isoyovio tpiyove sivan ioémhievpe xai dvriotpéoos.

4.8. Zoykpion mAeupdv kai ywviddv of 800 Tpiywva.

Eidape 61, dv 8o tpiyava Exouv loeg pia mpog pia dvo mhevpic Tovg
xai tig mepiexdpeves and tig mAevpés abtdg yovieg éniong Toeg, Tote T& Tpi-
Yova adta sival ioa kai Ba Exouvv foa kai §la ta dAAa dvrictora otolyeia
T0v6. Oa cuykpivovpe T@pa dvricTolya otolela o §ho tpiywva, Tod Exouvv
nah Toeg pio mpdg pia Svo mAevpég Tovg GAla of mepieydpeveg dnd Tic Thev-
pic adtég yovieg elval dvioeg.

OEQPHMA I: Abo tpiyova mod Exovy loeg pia npdg pia dbo mhevpés Tovg,
@v Exovv tig nepieyopeves and tig Toeg mhevpic yovies Gviee, tote 0 Exovv
opordtpona Giviess xai tig Tpiteg mhevpég Tovg kol dvniotpégug, Snhadi

I’=F',1:1',3>3'*="|3=15's'f=1's'1>ﬂ'-

"Andd. “Ag OnoBéoouvpe Sti A>A dipvovpe Eomtepikny Apievbeia thg A mob va
oxnpazilet pé tiv AB yovia Ton pé A’ kai mipvoum: c’ ubmﬂpu AF. =A"T".
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Tote Exovpe tptyABIy, = 1piyA’BT (1at’
AB= A'B’, AT, = AT", BAT, = &) kai
dpa

BI'y = BT".
“Av thpa f| Sixotdpog tiic T 131" TEUVEL
v B o16 I, Eovpe tpiy.AlI= tp1y.
AIl' (yuati AT, = AT = AT, Al= Al,
I, Al = 1AT) 8nadn

r,ji=Ir.

“Erol 1) @vicotnta BNy < BI 4+ ITy ypagerar BT < BI+ IT f§{ BT" < BT,
"Avniotpépac. dg OmoBicovpe StL BIN > BT, Téte 8év pmopel va Exoupe A=A
ywati oty mepintwon adth 04 fjtav tMyYABI = tpiyA'BT” = Bl = BT", mod &l-
vau aveifeto pé v Omobeod pac. 'Emiong 8év umopel va Exoups kai A < A yari
oty repintwon adth 0 eixape kai BC < BT, mob elvar mah dvrifero pé v Omd-
Beof) pag. “Apa fi povn dvvath oxfon mod amopéver elvar A >A'.

Afpe Aowmov ovvtopdtepa, npoimoBiétoviag tic dvé iodtnres peragd
t@v nhevpdv tovg, BT «of Své Tpiyove arévavn and dvbd Gviceg mhev-
péc Ppiokoviar dpordtpona dvices yovieg Kai dviiotpéomc».

©a ovykpivoupe téhog otoeia of 6o Tpiywva mob Exouvv ioeg pia
npog pia dho mhevpég Toug Kal Eyovv akopun loeg tig yovieg mov Ppiokovial
anévavtt ano 1o Eva Lebyog tdv iowv TAevpdy.

Ztiv nepintoon adth Exovpe TNV TpdTOCT :

OEQPHMA II: "Av 800 tpiyova Exovv Toeg pia npds pia dbo mhevpig toug
xai tig yovicg mod Ppioxovrar anévavn anod 10 Eva (elyog TdV Towv nievpdyv,
1618 Exovv Tig yovieg mod Ppickovrar drévavn dnd o dilo (elyog 1@V iomv
mhevpdv fj Togg 1 napaninpopanixés, dnhadi :

B=p,y=v, T =0"=8B=0iB+ B = 180

‘An6d. Oi nhevpés BIC xai BT 04 elvar Toeg fi @vioes. "Av elvar B = BT, 1618

Zx. 6 Lot

p17.ABT = 1piyA’BT’ xai dpa B=B" (BL. ox. 6). "Av elvar BI % BT’, naipvov-
pe ot peyarotepn, my. otiv BT, tufipa I'B, = I"B’ (BL. ox. 7). "Exovue t61e tpiy.
ATB, = tpiyA’T’B’ (ywati AT = AT, B, = I'B,, I = T") ai dpa

AB, = A'B’'= AB xai AB,I'= R,
Té tpiyovo rowmdév BAB, clvar icookehéc xal &mopivoc AB,B= B. Torte dupwc
gavepf] 4ndé 16 oxfipa pag lobtnta AB,B -+ AB,I'= 1800 ypagerar B+ B = 1800,
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*Ano tiv npétaon abti ovpmepuivovpe Gt :
— v elvar B = B, 1a 800 tpiyove elvan oo (yiati Exovpe v mepintoon
fic § 4.6).
— dv elvar B 3 B’, t6te bmoypewtika of yovieg B kai B eivar napAmANpw-
patikég kai Emopévag 1 pia Ba elvar d&eia kai 7 GAAN apPireia.

Z& molAig mepunthoelg dakpivoupe and ta dedopéva pag 6t 8¢ pmo-
pel ol yovieg B kai B va sivar nepunAnpopatikés, 6nwg m.y. dtav oi dbo
adtég yovieg elvar apPhreieg §| 6Eeieg. Tote Eyovpe Odmwadiinote B=#
kai 1@ tpiyova pag elvar foa.

4.9. Kpirjpia ioémrag 6pBoydviwy Tpiylvwy.

Eidape 611 o Eva 6p907mv10 tpiyovo ABIT pg A =900 peyalutspn
ywvia Tov eival | 6pln, dnhadn f A. “Etot oi 8vd dALeg Yovieg Tov BraiT
nod mpdokevial oty imoteivovoa BT elvar d&eies. Oi mhevpig AB kai AT
Tfig dpBijg yoviag Tov Aéyoviar kabereg
mievpig tol dpboydviov Tprydvov kai
x@Be pio Toug eivar pikpodTepn Ao TNV
Umoteivovow, apod 1 dnévavtl yovia Tng
gival 6feia kai dpa pikpdTepn amd v A4 r #U r
0pOn mov elvar anévavtt Gnod v Hro-

Teivovoa.

"Ag Bewpficouvpe 1dpa dbo dpboydvia tpiyove ABIT koi A'BT ué
A =90° xai A’ = 90°. Tt Tpiyove abtd £xovpe mavtote pia yovie tob
£vdc fon pé mé yovia tob dAdov (apod A = A’ = 90°) kai #tol and Td
yevikd kprrfipia iootnrag dvo tprydvev Bd mpokvntovy kpitiipla iodTnTag
opBoydvimv Tprydvev tob Bd otnpilovial of icdtnteg povo dbo ororyeinv
tove. Tétowa kpitipia (mod ol anodeifeig Tovg elval dueceg ouvéneisg TdY
YEVIKGV xpitnpinv) divel 1| tpotaoy :

B8 8’

Abo dploydvia tpiyova sivan foa :
® dtav ol xaOeteg mhevpig 1ol Evig tprydvov elvar dvrtictoiya loeg pia
npog pia pi 1ig kabeteg mhevpig Tob Ehhov TprydVOUL.
@ Btav pie xabetn mhevpd xai 1) mpooksipeviy tng doteia yovie ol Evig
tprydvov elvan avtiotoyya ioeg pé pia kadetn nievpd kai v npookei-
pevi] g oEeia yovia tob &lhov tprydvev.

@ btav pia x@0stn nhevpd tov ol 1) drévavti tng dEeia yovia vob Evég
prydvov elvar avrictouya Toeg pi pua x@betn nhevpd xai v anévavri
TG 6&eia Tol dlhov Tprydvov.

@ dtav 1| dnoteivovsa xai pia 4Ecia yovia tob Evdg tprydvov elvan avri-
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ororya Ton pd ijv dnoteivovoa xai ma dEcia yovia tob &llov tpryir

Yov.
"Etol owmdv ot o dpBoydvia tpiyeve ABI kai A'BT pt A = A" = 900
Exovpe :
B=P, vy=7 =% a=a, B=F, T =1
p=p; =7 = a=a, Yy=1%, B=§
B=p, BLB = a=d, y=y, I'=1"
a=o, B=F = p=p, y=v, f'=1

téhog Ot otd dpboydvia ABIT xai A'BT’ Eyovps
. "Ene1dn elvat xai A = A’ (= 90°), 16t cbupwva P 10
Oedpnpa 1T 17i¢ § 4.8 Baclvar i B = B’ §§ B4 B’ = 180°. “H nepintoon &-
paog B + B4 180° amokleietar, dgol kai ol 0o yovieg B xai B elvan o-

dpBoydviov Tprydvov slvar dvrictorya Toeg pé tiv droteivovoa xai
GBetn mhevpa £vog dhdov dpbBoydviov tprydvov, tére 1@ Spboydvia

o=ao,B=p = y=v,B=0, I'=1"

[ — A

_ o —

\L\mo TTAPAAEITMATA KAI E®APMOTEEZ
e Lo

\®

1. Aiverm Eva rpi-rmvg ABI. ;Eﬁtotzplxd 100 Qpépvovpe td tufpata AA = AB, AE = AT
xai Eton, dote: BAA = AE. Na cvykpiBody 1@ tufipare BE xai I'A.

Abon. INa vé ovykpivovpe ta tufpata BE kai T'A, 8¢ pelerficovpe 8o 1tpiyeva nod
16 Exouv nhevpég Toug. Abo 1étola Tpiyeve elval 1a : BAE xai AAT.

Abtd Exovv: AA = AB xai AT’ = AE and ti¢ tnobéoeig xai dxopa AAT = BAE, nuati
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kaBepid elvar 16 G0poropa A + ¢."Emopévac : tpry. AAT = tp1y. BAE «xai éipa: BE =
TA.

*2. ¥’ ¥va tpiyovo ABI, otd dnofo 10 A lvar onpsio tijg mhevpig tov BT,

Oewpoilpe tic mpotdoelg :

L To AA elvar Suapeoog tob tprydvov ABT.

IL Td AA elvar Siyordpog tiic yoviag A tod tprydvov ABI,

IIL Tdé AA elvar Dyog tob tprydvov ABI,

Na deryfel 611
@) "Av 10 1piyove ABI elvar igooxeric pi Paon BI xai dinbeder pia and

tpeig npotaoeig I, II, 1IN, tote Ba dhnBedovv kai of Ehleg dbo.
B) "Av élnBebovv dbo ard tig mpordcerg I, II, III, téte 16 tpiywve ABI
elvar icookelic pé Paon BI.

Aven : @) Oewpolue Eva loookelig
tpiyovo pg AB = AT

i) "Av AA =8idpecog = tpry ABA=
=1pty AAT (ywati AB= AI, BA=
= AT, AA = AA) = A, ﬁAz, dni. Ay
AA ﬁlxotouog kai A1 = A2 *Enedn 6-
pog elvar kai A + A; = 1800, O¢ Eyovue
A, = A, =900, Snhadh AA | BT.

ii) "Av AA = diyotépog = 1piyAB A = rprAI“ (‘yu:m AB=ATI, AA=
= AA A, = {,) = BA = AT, én\. AA Siauecog kai Ay =7, 6n6te A, =

= 909, dnkadn AA L BI.

iii) *Av AA = liyog = TpiYAAB = Tp1yAAT (yuati AA = AA, A, =
A, =900, AB= AT) = A, = A, xai BA= All, dnk. f| AA elvar S1yot6-
pog Kai d1dpecog.

B) "Av AA = &iapecog kai Gyog = Tp1tyAAB = tpty AAT (yiati A, =
A, = 90°, AA = AA, BA = AT)= AB = AT.

"Av AA=Biyotépog xai Tiyog = tpry. AAB=tp1y.AAT" (1oti A=A, =
90°,AA = AAA,=A,) = AB = AT.

Télog dv AA = Suapecog kai Stxotépog =1piyova AAB xai AAT
axouv AA = AA, BA = AT IC(II. A, = A,. Téte opag Ba Exovv §i B=1H
B + I' = 180°. "H lootnta B+ I' = 180° aroxheistar (BA. diok. 3) xai dpa
B=I =AB=ATr.

3. Na seiy0el b1 1o GOporopa 8o dnorwvdijnote yondv Evdg tprydvor ABIT elvan -
*potepo and 180°.
Abon: Oa dxoﬁei&ou;.w Y. &n B+ F < 1800, "Av rapovpe Eva onpeio A tfig mAev-
pig BT, oi yaovieg Ay = AAB xai A, = AAT slvar EEmtepikés otd tpiyove AAT xai
AAB. "Eton Exoupe
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B<A, kai F<A,.
IMpooBétovrag adtég xatd péln Ppiokovpe
B+ T <A + A, =B+ [ <1800,

4. Ocwpodpe Eva tpry. ABIT nod Exer A =90°. Enpardivoupe Eva onpcio A otijv mAtupa tob
AB xai Eva anpeio E tijg AT'. Na duo&zlxﬂst on: BE + I'A > BA + AE + EI.

Aban. Z16 Tp1yBAE 1) yovia tov A elvat et A = ;f’ -
1| M6 peydhn, dpa : A = B 1 s
A > AEB = BE =~ AB= AA + AB (1) R
*Eniong o16 tpryAATL Exovpe @

T'A >ATl'= AE+ EI (2)
Kai dxdpa and 16 tpryAAE Exovpe :
AA 4+ AE > AE (3)
TpooBétovrag tig (1), (2), (3) Exouvpe:
BE 4+ T'A + AA -+ AE >AA+ AB+ AE+ ET -+ AE
kal petd tig dvayayég Exovpe v drodeiktéa :
BE + I'A > AB + ET + AE.

5. Itic mhevpéq BA xai A tpiy@vov ABIC maipvoops tufpata BA =TE. Na deiyxbei
én AE < BI'.

Abon. ‘H yovia BAT = A, slvar &Eote-
pikn 10 Tpiyavo AAT xai cuvvendg Oa ei-
vai A, >T,. "Eto1 1@ 800 tpivova BAT xai
TAE Eyouv 800 mhevpés loeg (AB=TE,
I'A=TA) xai tig repiexOUeves YWVIES TOVG
dvioec kai pahota [y < A,. "Enopévec elvat
AE < BI'.

*5. "Av E glvar 10 olOvoro tdv onueiov &vog émnédov, kabe dneikdvion
¢:E—E Afyetal «(UETAOYNHATICHGS
108 E». Zépovpe amd 10 TIvpvaocio
ot vag petaocynpatiopos tob E elvar
1 «ovppetpic @g mpds kévipo Ko».
Z10 petacynpotiopd adtod divetar Eva
opwopévo onueio K xal ot kabe AcE
avtiotoryilovpe 10 onpeio A’ tfig €0~
Beiag KA mov elvar tét010, dote

KA’ = KA
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To onueio A’ Aéyetal «ovppetpixd tob A d¢ npdg 10 K» kai onueidverar
A’ = onpuc A
Ta ovppetpika Shov tdv onpeiov £vog oxfuatos o drotelodv Eva dAho
oxfipa 6" mod Aéyetar «ovppetpikd Tol o @g mpdg K» kai onpeidverat
o' = CUU}, O.

Na devyfel 61 10 ovppsTpikd pidig ebbeiog € dg npdg kévrpo K sivar

ebleia.

"Andd. Oewpolpe pia ebbeia g, d0o onpeia tng A kai B xai ta onueia A'=

ocuopp (A kai B' = oupp B. "Av ovo-

paoouvpe € v ebbeia A'B’, 0a dnodei- A A B Z

Eovpe OtL € = ovpp & kai apkel yuU o i

abto va anodeifovpe 611 TO oLp-

perpikd kabe onueiov A 1fic €

Bpioketor omv € xai dm kdbe on- o

peio Z° tfig € elvar ovppetpikd £vog _f '3 ; 2 A

onueiov Tijg €.

*Eneidn tpiyAKB = 1piyA’KB’, (yiati AK = KA’, BK = KB', AKB =

= A'KB’) 0a eivar

AB = A'B’ xai BAK = B'A'K.

“Eton, v | AK tépver mv £ oto A', 6a eivar tpry.AAK = 1piyA’'A’K

(yiati KA = KA", AAK = AAK = ¢, ARA = AKA") xai Gpa KA =

KA, dnh. A" = ovup (A. ’Erniong, dv | ZK téuver v € otd Z, Ppi-

OKOUPE P& Gvdloyo tpdémo (amo thv icétnta tdv tprydvov AKZ kai

A'’KZ) 6n ZK = Z'K, dnh. 611 Z' = ovpp Z.

KatahaPaivovpe Aowrov T yia va Ppodpe 10 ovppetpikd piig eddeiog

G npds kévrpo K, dpkel va Ppobpe td ovppetpikd pove o onpciov ng
ag npog 10 K.

4.11 AZKHEEIL *

N !
1/ Aivetar icookerés tpiyovo ABT xai otig Toeg mhevpég tov AB kai AT maipvovpe
Gvriotoiymg T tunpate AA = % AB xai AE = —; ATl."Av M elvan 16 péoo i
BT, va deifete 61 16 tpiywvo AME elvar icookerés.

{p. cwpobue loookelés tpiyovo ABI xai ortic mpoektaoelg tfic Pdoedg tov BI' maip-
voupe onueia E,Z térowa, dote BE = I'Z. Na Seifete 611 16 tpiyavo AEZ elvar éri-
- ong loookeréc.

/ 3 ©ewpobue yovia XO¥ xai 500 onueia A xai B 1@v nhevpdv e OX kal OW tétoia,
dote OA = OB. "Av M elvar 6nolodnimote onpeio tfig dixotopov OA, va Seifete St
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MA = MB. 'Eniong, v ol AM xai MB téuvouv tic nhevpés OF kai OX otd A’ xai
B’, va deikete 611 AA" = BB'.

P
4 @" ¢ tpiywvo ABI mpoekteivoupe Tig mAevpés tov BA xai TA ntpbdc 16 pépog tob A xai
otig mpoextaoelg abtég naipvovpe aviiotoiymg td tpipata AB = AB koi AT = AT,

Na deifete 611 1) mpoéktaon tiig Stupéoov AM Siépyetal and 16 péoo tiic BT .

@ Aiverar tpiymvo ABIT xai 0o fmevleieg AX xui AY mBr.taq otic mAevpés AB Kai

AT xai téroieg, dote kabe pia anod tic yovieg XAB xai WAT va elvai EQeEfic pé v A.

Itigc AX xai AY naipvoupe t@ eb@Oypappa tuhpata AB = AB kai AT = AI. Na
deikere 61 BI' =T'B".

f{/)’& icomlevpo 1piywvo ABIC mpoekteivoupe Tig mhevpéc tov AB,BILTCA mpog tic xo-
pupig B,IA kai maipvoupe otig mpoektaoelg tunuata BA = T'E = AZ. Na deitete

1 10 AEZ elvar Eniong iconievpo tpiymvo.
v AM elvar Sidpesog tod tprydvou ABT, otd 6moio elvan AB < AT, va deikete 6t

AMT = AMB.

Avo tpiyova ABIC kai A'BT” Exouvv B = B, A= ﬁ:’, &a = da’. Na deikete 6t 1a tpi-

o Lyavae elvat loa.
,\?g\/tsm tpiyova ABT xai A'BT” Exouv p= B, vy= ¥, us = pg'. Na deifere 6m1 1a tpi-
wyove elvar ica.
A

\&?;Né deikere 611 8o auPpruydvia (otic xopupés A kai A’) tpiyeva ABT xai A'BT’
ivai foa oé kaBe pia and tig Tupukdte REPINTOOELC : =

P Y D B=B, y=7,B=5 1D B=F, a=«, =1 I) p=§, cog, K=K

L Na deilere 611 otic loeg nhevpés 800 lowv tprydvev dvriotolgobv Toeg Sidpeoot, Toeg
Siyotopor xai loa Gyn.

“Av a,B,y elvat ol mhevpés Tprydvov ABI, vd Swwtunwlolv pé Adya xai v' arnoder-

1
4 x080Tv ol mpotdoelg :
I : =y = ve= vy Mi:a=Pp =7y <> vg=va= vy
I::B=y = pe=py Os:a=P=7 = pa=pe=py
My:p=y = 8= dy Ig:a=PB=7y = 8a=08= 08y

13. Na Scitete 611 800 dEvydwvia tpiyava ABI xai A'BT’ elval lou of xabe ma and tig
A MUPUKATO TPOTATELS :

l)a=n V8 = vg’, vy = vy’ II) a = d’, v = ve’, Va= Vo’
j m) A=A, ve= ve, w=vy V) A=A’ vg= v, Vo= va.

v EEmtepixi] Sixotopo tiic Yaviag A &véc tpiydvov ABIT onpeidvoupe Eva onuelo
P. Na anodeiy0ei 6ti: PB + PIC > AB + AT

15. Na drodeiybobv ol npotdoeis:
¢ @) To6 ovppetpikd évog ebO. Tpipatog G mpds kéEvipo ovppetpiag Eva onueio O
glvar g00. tufipa Too npodg 16 dedopévo.

B) Té6 ovppetpikd &vdg tprydvon @¢ mpds kévrpo ocuvppetpiag Eva onpeio O elvar
Tpiyovo oo npog 16 dedopévo.
Awarundiote kai anodeilate dvriotolyes npotdoelg yid yovia xai yid toév xikho.
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“ elval of Baoeig 800 icookehdv tprydvev ABI kai A"B'T ol Exouv
A, pf ovprinTovoeg TAELPES Kai BAI = B'AI", va deikete 611 BB =

. Bt+y—a S i *
AA > — 5 (\..: 5, Q ,74 . )
/ Mé Baon v @vicétnta adt va deibete 6 of kabe tpiyovo ABI Exovpe pa -+ pé +
+ py >t kai 8a + 86+ 8y > 1, dmov T elvar | fHumepipetpog Tod TPLYOVOUL. Tzlo; (
4, Seilete 611 of xdbe SEuydvio Tpivavo Exovpe axoun \{M\
Va+ ve+ vy - T g
i —
19. Na anodeiyfel 611 dbo dpboydvia Tpiyova ABT kai A'BT’ elvan Toa, 6mv i
a) ‘H mepipetpog tob £vog icobtar pé v mepipetpo Tobd dilov kai pia mhevpd tob
£voc loobtat pé v avrictolrn nXevpd 100 dhiov.
B) "H imoteivovoa tod &vig elvar fon 1 thv Oroteivovoa tod dhlov kai loa a-

/D\Ol%n‘l'? Kuﬁﬁtmv TAgUPaY.

wst pTh Yovia XO‘P 800 onueia A,B oty nhevpd 1fig OX kai dbo onpeia A'B°
v mhevpa g O¥ tétola, dote OA" = OA xai OB” = OB. Na deifete 6T :

@) Té onueio topfig K tdv AB kai BA' Bpioketar ot Stxoréuo g 'vmv(ug XOW.

B) "Av M xai N elval 1@ péoa td@v AB xai A'B, ol yovieg MOX!qu NOW slvai 1 ioeg.

21. Aivetan yovia XO¥ xai onueia A,B,[A,... otiiv nhevpd g OX. IZmhv whevpa OF
raipvovpe onusia A',B . I"A’,... tétowa, dote OA'=0A, OB'=0B, OI"'=0rI,0A" =

OA,... xai xatom Ppioxovpe ta {K}= AB'NBA’, {A}= AI'nrA" {M} = AAn
NAA’, {P} = BI'NCB’,... Na de1yBel 6t 1d om.?,/(,M,P,... PBpiokoviar o” ebBeia.

. 413 EMANAAHYH KEDAAAIOY 4 <

1. Avo tpiyova ABI kai A'BT’ Aéyovrar loa, dv xai povo dv Exouvv pia mpég pia Tig
mhevpég Toug Toeg xai tig dnévavrt and tig ioeg mhevpés yovieg Tovg Erniong loeg.
Tuvifag ) lodtra 8o tprydvav Eacealifetal pé Mydtepa otoixelo. Ta Bacika kpi-
tipla ledtntag 0o drolwvénmote TpIYdVeV divovtal oToV TpdTo GNd TOUg MUPAKATE
nivuxeg, t:vtx‘) o6 Bevtepo divovrar ta kpiripla iodtntag oploydviey Tplydvev nod
Exouv A=A =900,

oo L8 y-y AR BE RF -0 8.0 y-y BF I-F
e o o e o
e o o e Ew
® e o ® ®
® @ ® o *
® e o e ®
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Mapatnpotpe 611 kabe kprriipro icdtnrag S0 tpydvov nepéxer arnapaitnre pic
TovMixtotov iootnra petad TdV TAevpdv Tovg.

. L& Eva tpiyovo ABT f| oxéon nol loxlel yid 8ud mhevpés (1 yovieg) ioxier kai na

tig anévavrt yovieg tov ()| thevpés Tov), SnAadn :

1

= A A
B = B_T

*And abti Sakpivovpe 61 Eva lodnlkevpo tpiyavo (tpiyevo mob Exel Sheg Tig mievpég
Tov loeg) eivar kai iooydvio xai dvrioTpdome.
Eniong éva ioooxelis Tpiyove (tpiyovo oo Exet §0o nhevpéc loeg) Exel Tosg tic ya-
vieg mob mpookevral otiiv tpitn wAevpd A Omoia Aéyetar Baom tou. "AvTioTPOPES
Eva tpiyavo o Exer 8o yovies Toeg elvar ioookehéc. Ié ioookehés Tpiywvo ABI pé
AB = AT 16 Oyog va, 1 diduecog pa Kai /| Sixotdvog 6a cuprintouv.

Avo tpiyova ABIL xai A'B'T” propel va elval Toa | dvica: dtav dpeg elval dvioa, dév

propolpe va Aépe 81t 16 Eva elvar «uikpdtepor §i «peyaiitepor @nd 16 dAko.

Lé dvica tpiyove and 1 oxfon mob ioydel yia 8bo mhevpés (| yovieg) Toug dév npo-

KURTEL YEVIKG oXEon Y1d Tig drévavtt yavieg (7| mlevpéc) Toug mapd pévo oty nepinta-

on nob t@ 8vo Tpiyeva ABI xai A'B'T Exouvv 800 nievpéc Toeg. "Etot :

“Av ot 800 tpiyvova ABI kai A'BT” &xovue p= B’ xai vy = ¥, 161€ ioybouv ol npo-
TACELG :

>
==
L= |
+ AV

1L A

=
=

>
<<

-
4
o
I
o

=
=)

-3
I
=
2

IL.T=
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5N
KE®AAAIO

KAOET\?THTA KAI MAPAAAHAIA EYOEIOQN
\\\R
5.1. ©cwpijpara kaberémrag dGo 061GV,

*Opicape otiv § 3.15 note dbo ebbeieg Aéyovtar xaBeteg koi &idape
811 8o Tepvopeveg ePsieg sivar kabeteg, dv kai povo dv oynpatifovv dp-
O yovie. Ta éndpeva Oewpfpota Ssixvovv &t napyovv kabeteg ebbeieg
kai 61 Omapyst mavie pia ebbeia &’ mob SiEpyetor dnd Eva onpeio kol lval
xG0etn ot dedopévn evfsia &.

@EQPHMA 1. T’ §va onpeio A pig £00eiag & propodpe va @épovpe pia
xai povo pia edbeia xabetn otiy =

*Andd. Mé kévipo A xai axtiva 6moiwedfnmote ypdpovpe kbkho mod TépvEL TNV € OTQ
onueia © xai Z. "Av A elvar 10 péoo tob
£voe fjuikukhiov éi ol yovieg AA® xai
AAZ glvar loeg xai Exovv GOpoiopa 1800,
"Apa

AA® = AAZ = 900 = AA | &
*Av t@pa OnobBéoouvpe 611 Dmapyel xai dh- -
An kdetn otd A, adti Ba tépver 16 oz
o' #va onpelo A’ Stagopetikd @nd 16 A mov Oa elvar émiong péco tob 6z (Gpod
A'AG = A'AZ = 900 = OA" = A'Z), nob elvar &dbvaro.

+£

OEQPHMA II "And onpeio A mod 8év avijker of sdbeia & propodpe vi

oépovpe pia xai povo pia sbfeix kabetn oty &
*Andd. “Ag mapovpe Eva Omoladnrote on-
peio B tfic £ kai dg xoAéoouvpe ® TN Mi-
xpotepn kvpth yovia mod oxnuatiler 1
fuevleia BA pé v &. ®épvovpe Gxoun
ané to B pia fjpevleia npoég 16 Ghlo pé-
poc tfig €, Mov va oxnuatilel yavia o pé
TV &, kai naipvovue ntave o abth Tufjua
BA = BA. ‘H AA’ tépver v £ o Eva
onueio K xai 1piyABK = tpiyA’BK (11a-
i AB= A'B, BK = BK, 0= ®). Zuve-

noc
AKB = AKB. 503 1+
£ SAV ;
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‘Eneidfi Spog elvar kai ARB 4+ A'KB = 1800, 0& Exoupe AKB= A'KB = 900 =
AK 1 e. "Ag OnoBéoovpe tipu OSti Omapxer xai dGAAn kaBetn @nd 1O A mol TéEpver
v & of Eva onpeio A Sapopetikd and 16 K. Tote 0a slvar AAK = 900 xai o
16 1piywvo AKA 0d Exer 8o dpbég ymvise, mol elvar addvaro.

Zépoupe @nd 10 Nupviolo 611 | kataokevn tfig e0Beiog mob Siépyetal
and Eva onuelo A xai elvor xaBetn of dedopévn elbeia € yiverar tpuxtike

(2 G e

ue M PofiBera évog kavova (xapaka) kai £vog yvipove, dnwg deixvouv T
MAPATAVEO OYTHATA.

5.2. "Améoraon onpeiou amé e0B¢ia.

"Ag Beopiioovue pia edbein € kai dg pépovpe dmd onpelo A éktoc ab-
tij¢ TV kaBetn mpog v €. "Av K sivar

: i iR R A
10 onpelo 016 dnoio 1 kabern adtn Té- ;
pveL v €, 10 ebBiypappo tpfipa AK o4
Aéyetar xdBeto tpfjpo damd 1o A mpodg /
< 3 oo B/ £
v ¢ kai 10 onpeio K Aéyetan Tyvog T m—

nodr 100 AK 1] kai dpOf mpoPoin tod
A otijv &.

Kabe ebB0ypappo tufjpa AB mod 16 dxpo tov B eivat onpeio tiic & Siapo-
PETIKO and 10 K 0 Aéyetar mhayio tpfipa and to A mpog tijv &£ T onpcio B
0a Aéyetar makt Txvog ij méd 1ob AB. Eneidny ot dpboydvio tpiyovo AKB
7 AK elvar kdbetn mhevpa xai | AB eivar Droteivovoa, Exovpe THY Tpo-
Taom :

., —To xéaOeto tpfjpa arnd onpzio A npdg eibsia elvar pikporepo and
% x@e mhayio tpfijpa mod Evéver 18 A pi enpeio tijg .

"And T i816tNTd Tov adth 10 e0BOYpappo tpiipa AK Aéyetar kai éné-
atacn tol ompeiov A ané tijv edleia £&. "H andortaon abth éxepaletar
ocuvilfawg pé 1o pfjkog tob AK.

N\

5.3. Zoyxpion mAGYIWY TEnpaTwy.
*Ag Oewpiioovpe Eva onpelo A éktdg ebfeiag € kui fg QEpovpE and to
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A mpdg v & 10 kabeto tpfjpa AK xai 800 nhdye tpipote AB kai AT. ©d
anodeiEovpe Gt :

OEQPHMA 1. Abo mhayie tpfjpate AB kai AT tiver foa, dv kai povo ﬁ%
1\7xvn Tovg isanfyovv and 1o Iyveg tod kabetov Tpfjpatog, dniadn

KB — KI' <= AB — AT.

"An6d."Av AB = AT, Bfl elvar tpiyAKB =
tpyAKC  (yiati AKB = AKI = 900,
AK = AK, AB= AIl) xai &pa KB=

KI. )
e

Avuotpogas Gv KB = KI[, tote slvar A

nait tpiyAKB = tpiyAKTT (viati tdpa B/ r

AKB= AKT = 900, AK = AK, KB=
KI) kai dpa AB = AT, J

OEQPHMA II. Abo nhayie tphpata AB kai AI, mod ta ixvn toug Exovv
dviceg anootdceis and 1o ixvos Tob kdbetov Tpfpatog, tivar dporoTpdnEG
dvica Kai aviietpogog, Sﬁli;ﬁﬁ

I _ KB > KI' <= AB > Ar.

*Andd. “YroOétovpe 611 1a AB kai AT Bpickoviat npog 6 1810 pépog tiic AK kal &t
KB = KI (BA. ox. 1), 0ndte 16 ' 0a elvar éowtepikd onueio tob tunparog BK. iy

I 1 ¥y Iy 2 50}

"Av mapoups A’ = ocuppx A, t@ tpApete TK kai BK eivar kabeta otiv AA, évd
Y14 1@ mhayia mpog adtiv tufpata TA', TA, BA', BA Eyovue BA' = BA kai TA"=TA
(apod ta Tyvn Toug ioanéxouvv and 16 ixvog tiic kabetng). "Eneidi tdpa | tebhacuévn
ATA" elva pixpétepn ano v ABA” (BL. Epapp. 7 ke, 1) Exovpe,

AB + BA" > AT+ I'A” = 2AB > 2AI' = AB > AT,

v nepintoon nob 1@ AB kai AT Ppiokoviar EkatépmBev tfic AK kai eivat KB > KT,
naipvovpe otiv & tufipe KIM = KI' = A" = AT. Katd 16 nponyoipevo Supmg elvat
AB — AT kai dpa AB > AT’

“Avuiotpogug v OmoBéoovus 61t AB > AT, tote Sév pmopel va Exovpe KB = KT,
ywati tote 0a@ eixape AB = AT, mod elvar d@vrifero pé tiv Onobeoh pag. "Emiong
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S€v pumopet va Exovpe KB < KT (yiati t6te 04 elyape AB < AT, mod nakt elvar dvribero
ui\tr\@neewﬁ pag). "Etol aropéver KB > KT,

5.4. Inpeia mol ioaméyouv améd Ta dxpa £00Gypappou Tpfparog.
Se>
©a Cntioovpe tOpa onusia mob va
loaméyovy amd ta dxpo Evog ebBiYpap-
pov tunpatog AB. "Av M givar Eva té-
toto onuelo, Ba Exovpe MA = MB xai
émopéveg, @épvoviag O kdBeto Tpfjpa
MK, 8¢ &xovpe xai KA = KB. “Etot
10 K eivar péoo 1ol AB kai 1 £0Beia
MK eivar &vtehdic dpropévn, doob sival 1| povadiky kaetn mpoc v AB
mob Si€pyetat dno 16 onpelo K. Mapatnpobpe dkdpun 81t kade dido onpelo N
g kabetng altiic iounéyer Eniong and ¢ A xai B, ywati 1¢ NA kai NB
givar mAGyla tpfpata pé ixvn mob iounéyouy and 1o ixvog K tob xabetov
tufparog NK. Agiupe Lowmov 6t :

/] "Eva onpeio icanéyer and ta dikpa évog ebO0ypappov tpiparos, v kai

/ novo v aviker oty sbzia mov sivar kabetn ot Tpijpe kol nepvasy anéd
10 péco Tov.

‘H elfeia mob eivar xaBetn ot Eva tpfipe AB o010 péco tov Adyetar
pecokabetog tol AB kai, dnwg sidape, Exer v 1d10tTa kabe Eva Gnd ta
cmuvetf( TS V& icanéyel anod ta dkpa A kai B 10D tpARpatoc.

5.5. Inpeia .'ITO('J icanéyouv amé S0o Tepvopeveg sﬁezizg

Ag Enthoovpe 'rslo.; onpeia mov va Exovv loeg dmootdoelg and tig
mhevpig pidg yoviag XOW. “Av karéoovpe M Eva onueio nol ol dmootd-

bl

Iy. 3 Iy 4
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oelg Tov MA kai MB ano tig mhevpig kol O¥ va elvar foeg (oy. 3), 16-

7€ Od Eyovpe TpYOMA = tpiyOMB (yiati A =B =90°, MA = MB, OM =
OM) «ai dpa O, = 0,, Snhadn /4 OM elvar dixotdpog thig XOW. TMupa-
npolpe dkopn 61t kaBe diho onueio N tijg diyotépov icaniyel and Tig
mAevpeg Tiig yoviog, yruti dv keiéocoupe NA® kai NB' tig anootdoeig tov
and tig mhevpig tiig ywvicg, Exovpe TptyONA” = 1p1ryONB’ (dgol thpao
A’ =B =909, ON = ON, 0, = 0,) kai dpau NA" = NB'". Acifape Aowrov
6t :

"Eva onpeio ioanéysr and tig nhevpis pag yoviag, v kai povo dv avi-
KEL 617 d1)0TOp0 TNG. 41‘\//

“Otav {ntipe onueia mol icanéyouvy and dvo tepvopeveg ebeteg X'X
kai W'Y, eivat oav va (ntipe onueia mod iocunéyouy anod tig TAevpeg Olwv
TV Sdoyikdv yovidv tov oxnuatiloviar and tig e0Beileg avtéc. "Etol td
{nrovpeve onpeio Bpiockovial o#c diyotdpouvg TV TECCUpWV dludoy iK@Y
yovidv mov oxnuatitouv ot gpﬁi,f e (BA. oy. 4). Of téooepic avtég diyo-
TopoL anoterodv S0o |:’11E-)E’§é eyleiec, (BAéme § 3.16 IMapad. 3).

| AIKHIEIZ |-5

‘Opropdg : Avo €0Beieg £, kai £, o0 ¢mnédov pag mod dév Exovv Kowvd
onueio Aéyovrar mapalinkeg evbeiec.

INa va dnidoovpe 611 of &, xai &, eival mapdiinhes, ypaoouvue

& //& f‘
‘H Unopén mopdiiniov eblbeidv 4%
dwamiotdvetal, dv mopatnprcovue OTL i
ol 800 evbeieg €, kai €, mov eivor kabe- !
Beteg ot dvo drapopetikd onueia A kol ‘5'1:\
B piig ebBeiag € 8év tépvovrar (yrati dv ;
Téuvovray ot Eva onuelo, Oa eiyope ano :
10 onpeio adtd npodg thv & d0o kabeteg elbeieg, npaypa advvato). "Exovpe
lom/é.v Vv mpotacn :

]

o

— Avo ebBeieg kaBeteg otiv i1a £00cia slvar peTald Tovg mapaiiniec.

“Ag Bewpricovpue thpa pia eddeia &, kai Eva onueio B éktog adtiic. “"Av
pépoupe v ebbeic BA | &, kol kaléoovpe &, v ebBeia mob elvan kabetn
010 B npog tiv AB, mapatnpobpe 61 € // €, (Gpobd kai of dbo eivan kabeteg
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otv AB). "Etc1 downdv Omdpyer ebleia mod Siépyetan énd Eva onueio B xai
eivar mapGAinin mpog dedopévn elbeia &,. Asydpaote aCropanikd 6t 1
ebfeia adth eivar povedikn, Snhady Sexépacte 10 aitgﬂu o0 Edk\eidn :

"Ano onpeio B nob div avijker of sdbeia g, oiEpyeton pia kai povo pia
ebbeia £, mapadinin npog v £,.

‘H mpétaon abti! eivar 1600 Pacikh, dote 6AokANpN 7 Fewpetpio mod
omovdalovpe dvopdodnke EEartiag tng «Ebxkheidsrog Fempetpian. “"Apeoeg
ouvéneleg Toll ebkAeidelov aitfipatog elval ol mpotdoeg :

" ¥ L “Av 800 £0Beie &, xai &, elvar mo-

paiinheg npog pia tpity edleia &, 1ote &i- /

£
var koi petagd tovg mapaiinles, Snhad : . g
£

€ [/e xai & fle = £ [[es

"Andd. "Av ol &, ki £; tépvoviav of Eva
onpueio, Ba eiyape and 16 onuelo udtd mpoc T & Sho rnapdiiniec, mphypo mod && ovps
PiBaleran pé 16 dfiwpa nag. "Etot of €, xui £, 8év téuvovial kai dpa €//ea.

IL "Av 600 &bbeieg &, kai £, sivar
napaiinies koi pia edbcie £ tépver ) A A
pia ano adrég, tétz 0 & O 1épver kai & ]
TRV d@lin. 1
L

'An68. "YroBétoupe 61t M £ Thuver TV &
ot0 A. "Av i & 8év Erepve Vv &, 0G #-

1. Ot éiagopeg ovyxpoves Epeuvec ot Fewpetpia apyxilovv ictopikd pé thv mpod-
tacn abti. Metd arod molhéc @rotuxnpéves dromepeg yid THY anodein tic MPOTACENG
ubtiig, of Mabnuartikoi npoonabnoav va oikodopfioovv [ewpetpieg otic 6noieg dév iogvet
to «edkheidelo aitnpar. LE Ohokinpopévn sikovo pag térowag Teopetpiac @uiverat
(and &miotoréc tov) GTt eixe KuteAnEel apyikd 6 Gauss (1777-1855) & Onoiog Buwg di-
oTacE va dnuociedoel tig oxéyelg tov. “Etot oi MPOTEG OXETIKEG Epyaciec Yt un «Eb-
xieideo Fewperpion dnpocievovial 16 1829 anod tov Lobatschewski (1793-1856) kai 16
1831 aro tov Bolyai (1802-1860). "H mparn avti Stapopetiki Meopetpia séxetal Gti «and
onuelo éktog ebbeing £ Siépyovial 800 tovidyiotov £00&lEC mapailnieg Tpoc THv en kai
ovopatetar « YrepBolikn Mewperpion. "Apkerd apybdtepa, 16 1867, dnuociedetal petd 1o
favato tod Riemman (1826-1866) pié &pyusiv Tov pé titho «lepi tdv Omobicemv mov Be-
pelidvouy T Ceoperpiarn dmov 7 ebbeia nupovaialetal tEnEpucpévy Kai kheloth Kai 6-
pietul kutd tétolo Tpdmo, hote dvo eUBETEC Vi tepvovral mavrote. “Etot oikodoueital 7y
«ERAEtmTIR Tempetpiun othv onoie «and éva onueio éktog ebbeiuc & 68 Siépyetal gb-
Ogia tapdiinin npoc TV en.

"Av kai oi pf Ebkleideies Nempetpieg Bpiikav Epappoyn of dplopéva media tiic
vedtepng Puoikiic, i Ebkisidelog Mewpetpia mapupével mavrote f Il'eopetpia tob xdpov
¢ avlpadnivng énonteiag.
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tav & [ | &; kai Eto1 0a elxope ard 16 A npdg thv €2 S00 mopaliyleg, mphypa addvato.
“Apa 0 & tépvel THV €;.

~

III. "Av dbo £0Beieg £, xai £, slvar napdhinieg xai pia edbeia £ slvar j
k@Bztn otily £, o2 1) £ 00 elvar kabe1n xal oty £, Sndady =

€ [[le; kai g | g, = & | &,

"Andd. "H £ 0a tépver v &, (Good téuver
Thv mapalinin tne €,) oé Eva onueio B.
"Av DmoBéoovpe 611 & dév elvar kabetn
GTfV E;, PEpVOLHE 0TO B thv edbbeia €5 L
£. Tote oi g, kxai £, elval mupdrinieg
{6 kabeteg othv £) Kai Etol Exovpe and 16
B npog v £, 800 mapdiinieg ebbeleg t’ﬁv
£; rg_i_ £z, mpaypa addvato. "Apae L !:i. ‘]

Ry s *

5.7. Twvieg mapalAnAwv e0Be1ldv Mol Tépvovral amd dAAn.

“Ag Bewprioovpe &bo elbeieg €, Kui &, moo tépvcfvrm amd pua tpitn ed-
Ocia € otd onpeio A kai B kai dg kehécoupe T TV Toun T@Y HHEmRESnV
(g,,B) xai (g,,A). "Av ol ebbeieg £, Kui £, 'csuvovml (Br. oy. 5), 16 cbvoho
T eival Gg yvooto pia kupti yovia mol oi mhevpég Tng avikouv otig &, Kai

2. TAv ol elbeleg €, kai €, elvar maparinieg (BA. oy. 6), 16 olvoro T Bd
Aéyetan Covn 1@ napalinloyv e00adY £, Kai £,

/
-" ./Ivj»-mv\

12'71 1/ ,uﬂ
r)w“"‘] 93 by

r?vd P A g, e

Ix. 5 Zx. 6

‘H e00sia & oxnpatiler pé xabe pia and tic elbeleg &, xai &, Téooepig
xuptég dadoyikég yovieg mob avd dbo elvan katakopvgnv. "Exovpe Aoimdv
ouvolka 6k1h yovies, mob 0G tig dvopdoouvpe

Ay R; A, Ay Kol BB, BB,
Kafe yovia an’ avtéc, mob #xel Eowtepikd onueia xowva pé 16 T, 0a yapa-
knpiletar dg «dowtepikiy tob T, Evd otiv avtibetn nepintwon 6a xapa.
kmpiletor o «Ewtepikny tob T. "Etor m.y. 1 A, elvai «EowTEPLKI»TOD
T, évd 1y B, eivar «itwtepikiy tob T.
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IMatapnpobpe thpa St of dktd yovieg sivar yopiopéves amod 6 Yphp-
pa tfig Kopugfig Toug of o Gpadeg. "Av BELovue vi ouykpivovps pia yo-
via tfig pulig opadag pé pid yovia tijg dAing opadag, divoupe otod Levyapt
Vv yovidv mod Swuriape dbo yapaktnpiopovs: ‘O mpdTog yupuKTHPL-
opog Gvapépetal ot Bion BV Yoy GOg tpig Tig ellele £, kai g, kai 0
xPNOLIHOTOODHE YU abToV TOUG Tpeis Gpoug «Evtdoy, «Ektogy, «ivtdg (kai)
EKTOG», avéloya pé 16 dv ol yovieg mob mpupe eivar kai ol u6 Ecwtepikéc
w0 T 1 xai of dbo éEwtepikés Tob T §{ 1 pic écwtepiky kai 7 dAAn EEwtept-
kfi 100 T. "0 deltepog xapuktnplopds Gvapépetal oth Bion AV yoVIdY
ag mpbg TV elbeia £ kai B¢ ypnowonolobpe Y1 adtov Toig Sbo dpoug «ivak-
Aab» xai «&ni 1é4 adté pépny, daviloya pé 16 dv oi yovieg mol Thpape
Bptclcovwl Ekatépobev # mpog 16 1o pépog tiig £. “Etol . 8 16 Levyapt
(A, B 1) glvar yovieg «dvtog dvardraln, Evd 16 Cevyapt (A,, B,) glvar yo-
vu;n; «Ev1og EKTo¢ Kai &ni 16 abtd pépny.

@EQPHMA "Av 800 mapalinieg al’)ﬂsi'sg £, Kai &, 'répvovml ano pia 0~
zia &, ioydovy oi npotace :

|5 Oi ivtog Evalhal yovieg Tovg elvan Toec.

— Ol &vrdg 2xtog xai ni ta adta pépn yovieg tovg sivar Toeg.

— Ol &vtdg xai Eni ta adta pépn yovies tovg sivar napandnpopanxic.
*AvTioTpoQacg, Gy 800 £bBeies £, xai £, Téuvovian and pia £00sia £ kdi ioyoer
mé ané tig npotdoeig abrés, tote oi £deleg £, kal £, clvar napaiinles.

f

e %
n08, a) "Ag xaléoovpe A kai B td onpeia topfig tiig & pé tic £, kai £; kai Ay, B, 1ig
800 &vtdg valraE Ofeleg yavieg. “Av @é-
povpe arnd 16 péco O tob tpRuatog AB
ebBeia kGBetn otig €, xai &, mod Tig té-
pver ot K kai A, 0¢ Exouue tplyOKA—
tprAB (yiati AKO = BAO 90"
AOK = BOA, AO= OB) mi Gpa A, = B,. !
TAvVToTpOpwg, v A, = B.. 10te 0a Exov- !
Me & /[ €. INé va 16 arodeifovpe abdtd, &
pEpvoupe and 16 péoo O tiic AB thv OK L ] A

€; kai xaholpe A 16 onuelo topfic t@v

OK Kai €2 Toérte Exouua tplyOKA = 1ptyOAB (ywati OA = OB, A. = Bl.
KOA = BOA) xai dpa OAB= ORA = 900, dnhadf) OA L €,."Etou ol ebbeieg e, kai &,
elvar mapdiinies, dnedn elvat kabeteg otiv KA. Acikape Aownov 61

m & //e <A, =B,

Av A, xai B, sIvm ol éwé; Evami apPhreteg yovieg, Exovpe Eniong A, = B, (na-
Ti Az=180°—A1 Kai Bz 180°—B.}
B) "Av mﬁ.écoum: B; i yovia, tob pé thv A, elvat &viog Extog xai &ni T adrd pé-
pn, Exoupe B; = 13l "Etol ) (I) ypdopetar

&1/ 5: <> A, = B..

I
i
|
1
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f
A

) Av KaAécovpue ﬁz ™ yovia | érola pé v A; elvar évrég xai &ni 1d adtd pépn, Exov-
pe H; = 1800 — BS. "Eton i () ypagetar €, [ [ £, <= A, = 1800 —B, Snhadn
€ //e; 4=P-A1 + B, = 1800,

Elvar gavepd 611 pmopodpe va Sratvndoovpe xai dhies mpotdoeig
oyeTikég pé 1 olhykpion 8o yovidy. “Etol my. dv A, xai B, sivar of xa-
TaKOpuPNV Yovieg 1@V A, kai By, 0d Exovpe Ay = A, xai ﬁ; = ﬁl xai 16-
1€ 1 mMpoTaom £,/ fe, <= A; = B, Ypaogetal €, [ [ €5 <= A, = B,, dnAadn
d00 elleieg &, kai £, elvar mapddinles, Gv xai ufwo dv ol #xtog évaldag
1(nvz£g T0Vg ilwu iﬂsy

5.8. Karaokeuf) rapaAAning etBeiag.

"And 16 nopandve Bedpnpa npokintel duécwg Evag TpdmOg Y& VE Ka-
TOOKEVACOLHE YE@peTpikd TV e0Bela & mob Silpyetat and Eva onusio A

P a0

Ty, 7 Ix. 8

xai elvar napdiindn npog dedopévn ebbeia &. IMa v kataockevn 1iig & @ép-
Vovpe @md 16 A Eva mAdyto tpfipe AB mpég TV & kai kahoUue ¢ TAV dkeia
yovia mod oynpatifer 16 AB pé v &, (PA. oy. 7). “Eneita, pé xévipo 16
lxvog ¢ B xai omowadnnote dktiva vpd(pouue kukA(B,p) xai ovopdlovpe
EZ 16 t6E0 Tov 016 bmoto Baiver f| @. Téhog ypagovpe KUKA(A,p), dvopd-
f;oupe I 16 onpeio Topfic Tov pué v AB kai mupvovp.e mavo o avtov 1680
1® = EZ xata tétoio Tpémo, dhote ta@ dho 'roE,u 10 «oi EZ vu. Bpickovrat
* Ekatépwbev Tob tpfpotog AB. Tote Exovpe @Al = EBZ = ¢ kai &meldn
ol yovieg OAI xai EBZ sivat Evtog EvarraE tov elbsidv AO xai g, ol 6-
moieg tépvovral and thHv AB, Enetar 611 AO [ /€. “Etol 1) ebbeic A@ eivar
1 {ntodbpevn mapdiinioc.

Eépoupe and 16 INvpvdaolo &ti mpaktikd | mapdiinin ebbeila & xouta-
okevaletar pé ) PoriBeia évog yvopova koi Evog kavova, Snwg Seiyver 16

*EONA)

5.9. Nwvieg pé mAeupég mapaAinAes.

“Ag Bewprficovpe dvo yavieg XO¥ kai X'O'¥" mod Eyouv 1ig mAevpég
T0Ug Gvd 800 maparinies kai fi drobéoovpe 611 0X [/ O'X kai OF [/ O'Y".
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“A ¢ xahécovpe Gkopun E 16 onpeio topdig wév edfeidv O kai OX (7 O 1é-
pver iy OX, yiati tépver ™y mapdAAnié g O'X') kai E; thv yovia mob

') ¥,
/
/
.’I 7 ."
W lf/\f x ﬁ x
g E o p/
@ Y
o= 4 ~ o
Zx. 9 Zy. 10 Iy 11

givar Ton pé v ¢ and v nopoAinhio tédv OX kai O'X". Tote, and tv

maporindia @v OV kai O nmapatnpobpe Bt :

a) AV kai of 8o Saﬁouavag Yovieg stvcu 61‘,813-; 1 apPreieg (Br. ox. 9. 10),
| El glvar ion pé v O kai dpa ¢ = @.

B) “Av pia aré tic 8880pevag Yovieg eivar f pia 6&8!(: Kai r| t‘iMn apphreia
(BA. oy 11), 4 E, elva naporinpwpatiky i @ Kai dpu ¢ - o = 1809,
"Exovpe Aowndv v mpétac :

Avo 6&eizs ij appreiss yovisg mod Exouv tig nhevpés Tovg mapdlinleg,
eivan fozg, Evid Bbo yavieg mob Exouv tig mhevpég Tovg mapaiinies aida 7
pio elven 6&sia xai M dAdly sivan apPreia sivar TapaninpopaTkic. - 3

&\

5.10. Fwvieg pé mAeupég kabereg.

"Ag Bewprioovpe thpa dbo yoviee XO¥ = @ kai XOW — ¢ mob E-
xovv Tig TAeupés Toug miet:tsg xm g tmoBécovpe 611 OX | O'X’ kai OW |
0 ¥, “Av ol yovies ¢ koi @ elvol 0OEeTes, kataokevafovps yovia EOZ —

9 gépvovtag OE /[ O'X’ kai OZ//O'Y. “Eyovue tote EO | OX xai
ZO | O¥ «kai dpa:

EOX = ZOY = 90° = EOZ - ZOX = ZOX 4 XO¥
>0+ Z0X =Z20X+ 0= 0= 0.

Av ol yoviec @ xai ¢ eivat apPreteg, td mapamdnpobpotd Tovg ® Kai
¢ (mov oxnuatifovrat, dv mpoekteivovpe pia mhevpd tiic kade yoviag) 6a
aivm béeteg Yovieg ué mhevpég kabeteg, dnhadn Oa eivar yovieg Toec. "Apa
ol ¢ xai ® elvat milt ioeg, Eme1dn] elvan nupunknpd)uatu ooV Yovidy.

Téhog, dv 7 @ elvat apPreio xai 7 o elvar o0&eia, i yovia q) n:ou oxnua-
tifeton dv mpoekteivovpe v O, eivar TOPATAT POUATIKT TG (p kai ion
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pé THY © (Gpob of ¢’ kai @ elvar dtetec pé mhevpéc kabetec). "Eton slvan 9+
¢ = 180°= ¢ + © = 180°. Asifupe Aoindv 61i:

Abo dEeizg f) apPheizg yovisg mod Exovv Tig @mug x@0steg
eivan Toeg, v 800 yovieg mod Exovv tig mievpég tovg kabeteg dAda 1
pia elvan 6feia xai N GAdn civor apPicia civar meparinpopatikic.

. AXKHIEIX 6-9
5.11. "ABpoiopa ywviiv Tprylivou. _b =/ _() =

“Av @épouite ano v kopuef T tprydvov ABT tiv edBeia ['E [/ BA,
Eyoupe (amd T olyKplon TdYV YOVIHY TOU
oyxnpatifouv oi mapaiinies, 6tav tépvov- A E
Ton ano tig AT xai BIN) A

ETA = A, EfZ=B.

“Eto1 1 icémte T + ATE + EIrZ=180e,
1ol eival pavepn) ano 16 oyfjpa pag, ypa-
PETAL TEAIKA

A+ B+ T = 1800,
dnhadq :

To GOporspa tdv yovidv Evig tpry@vov eivar 2 opbig yovisg. |/

'Ané v npdTOoT abth Exovpe dpécwg Ta mopiopata :

o 'H iEotepixin yovia évig tprydvov tivar fon pi 0 Ebpoiopo tdHv dvo
anévavti g towtepikdv yovidv.
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#® "Orav tlvar yvoorig 600 yovieg Evog tprydvov, tote elvar yvoori xai
1 tpitn yovia tov.

® "Av &0o tpiywva Exovv Toeg pia npog pia b0 yovieg tovg, tote Exovv
foeg kai tig Tpiteg yovieg tovg

Eidwkotepa of dpboydvia tpiyova Exovpe ta mopicpota:

o To dBporopa tdv dbo d&erdv yovidv tob opBoydviov tprydvov civar
90°, dnk. oi d&eisg yovies tod dploydviov Tprydivov slvan CUUTAT P~
ROTIKES.

o Kabe étzia yovia Evog dploydviov kai isooxchols tprydvov elvan 45°,

® Avo épBoydvia tpiywva, ot Omoie 1 pic 6&eia yovie tob Evog sivar
fon pé pia 6feia yovia 1ol dhlov, Eyxovv xai tig dhieg 0eicg yovieg
Tovg Toec.

Eivor @avepd émiong 61t k@be yovie icénlievpov tprydvov sivar 60°.
©a anodeifovpe thpa Eva Puocikd Oedpnpo pé 16 dmolo EAéyyovpe
dv 0o ebbeieg tépvovral.
QOEQPHMA : "Av 0o £00eieg £, kai £, tépvoviar and pa tpitn £ileia &
kai oi &vrog kai éni ta adta pépn yovies tovg Exovv dbporopa pikpotepo
and 180°, tote, oi £, kei &, tépvoviar kai 10 onpeio topfig Toug Ppiokerar

 wtpog 10 pépog TOY yoOVIAY abTtdv.

"Ecte pia ebbfeia & f| omoic TE].IVE.L dvo dAleg ebeleg €, xai €, kai ol
évrog kol &ni TG abtd pépn yovies
kai © Exouv GOpolopa pikpdtepo amo
180°. Tote oi g; Kol &,, 8év elvar mapdak- &
Anheg (&pob 9 + o £ 180°) kai 16 Kot- 4,
vo onpeio Tovg Bplcn(arm mpog 16 pEPOG
AV YOvVidV (p Kol w, ywti dv Bpiokdtav &
np6g 16 GALo pépog toug, Ba oxnpoatilo- &
Tav tpiywvo mol 16 dfpolopa 1@V yovidy /
tov Ba ftav peyaritepo énd 1800,

N\
5.IP'A poiopa TRV ywvidv roAuylvou.

“Ag mapovpe téAog Eva moAbymvo A A,...A, pé v mAevpés kai fc @é=
povpE Gnd pie Kopvey Tov, Ty TAV A,
dAeg tig daymviovg mol Siépyovian am’
avtn. Kabe nhevpd 100 moAvydvoug dia-
Qopetikn) and tic mhevpés mol Siépyov-
TaL and v Kopupn A,, oxnuariler pé
tig Sraywviovg mod @épape Eva tpiyavo.
"Etor oynpatifovtar v—2 tpiyova mol
10 d0potopa 1@v yovidv tovg elvar Too

90

Wneptomotr|Onke amé To lvotirouto Ekmaibeutikng Mohmkrig



pé 16 G0poropa 1dV yovidv tol molvydvov. Eneldn 16 dbporopa 1dv yovidy
0V v—2 tpryavov eivar 2(v—2)= 2v — 4 dpBég, mpokimTeL GTL:

To dOporopa tdHv yovidv £vog kKuptod molvydvov pE v whevpig
eivar 2v-4 dpbic.

Anradi : A, + A, + ... + A, = 2v—4 dpbic.

“Etou n.y. 16 d0polopa tdv yovidv £vog tetpaniebpov eival 2.4 —4 =4
dpbéc, évd Eva dexdywvo Exel dOpoiopa yovidyv 2.10 —4 = 16 dpbés.

i@@ ({\/Eheg [ Azknze:x 10-1s

PAAEITMATA E®

' l.‘ Lt npoéxtacn tfig dugjié
Na dery el 611 ta TpHpaTe
Toe xai mupdlinia pé tig nhevpig AB kai A
avniotoiyms.
Avon : Ta 1piyova ABM xai MIE eivar {oa,
mati Exovv AM = ME, BM = MT, AMB=
‘ I'ME. "Apa Exovpe
vit TFE= AB xai [, = B.
*And Thv ledtnTa ', = Bé&neta 671 TE // AB.
§ Mé 16V 1810 TpoMO SeiyvoUpE., Gnd ThHY icoTnTY
£

16v tprydvev AMI kai BME, 611 BE//=AT.

2. L& tpiyavo ABI, oto omoio slvar AB<AT, gépvoupe 1o Gyog AA xai i) Sixoropo AE.
Na deryfetl ot
a) To Gyog AA dév mepiigetar ot yovia EAT.
i — < = - —’l:'
il p 2
& Aven : a) "Av B =900, 16 dw&ﬁpiaxarm EEm and 16 tpiyevo kai dpa EEm and T

=

‘ 1] 'l:l yavia ol Dyovg kai tiig ‘&xotéuoo civar: AAE =

8 4 E g

>

yovia EAT. "Av B <900, npénel vix Beifovpe 6tt AAT > EAT, 8nh. 6t AAT > - o

91

Wneptomotr|Onke amé To lvotirouto Eknmaibeutikng Mohmkrig




"Eneidn duwg B > F Exouut»: 900 — B < 900 — l" onhadn AAB < AAT = A AAI‘ <

AAT = AAT > /
B) "Agob 16 AA Bpioketar B and v yovia EAP= ? 06 elvar AAE = AAT —

_ EAT = AAT — % “Etou dv Béoovpe AAT = 900 — {* xai ~'%- = 900 — —2— —

K' | —i;—, Bpioxovue tehixd :

o - B T =~ B T _ 8 T Ty
= 0 g Y b s T et ) T S = —— e o b
AAE = (900 — 1) (90 == fro+g=ag—13 .

3. ge tpiyovo ABIT @épvovpe tig fomtepkis kai 2Emtepikis Sixotopovs Ty Yovidv Tov
B xai I’ .N& SeryBel omi:
a) 'H yovia 1dv 8o iontepkév Sixotopmy elvan ion pd 90° + %

~

B) "H yovia tév §0o EEatepikdy Sixordpoy elvan fon pui 90° — %‘;—-.

-

¥) "H yovie mig tcotemkiic kai pic tEwtepkiig Sixotopov elvan o pe —:

Adbern : "Av ol Eomrepikég Siyotopor tépuvovral otd I (Br. ox. 1), ol EEwtepixéc Siyotd-
pot tépvovral otd E (BA. ox. II) kai ) owtepikn dixotdpog tfic B kai | &Ewtepikn 61-

m

an

xotopos tiie T réuvovml o10 Z (BA. crx III). én6 14 tpiyeve BIT, BET, BZI" éxovue

avriotoiyng (Eneidn -T—f +—L 900, 2B, = A + T xai 2, = A + B):
A A
a) B = 1800—(— T)_Jz;c)m_(mm-—T =900 + -,
A4+T ARE x B AL
= p— P —_ P W . b i S p— — — —_) ==
§) BEr = 1800 —%, —f\ = 1800 — =17 L2 1500 (z+7)

— —
—— -~ A~

A A
1800 — A — (mo—T =900 — 2.
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~ ~

v B _1300~%—(f1+1"‘)=1800—-%———1‘"=a1800—(‘1‘3+f)_

N[ ) N)
r.al >

Nl >

A

4. Z& tpiymvo ABT, atd dmolo 1 juevbeia AE Ppiokerar Eé@ and 1) yovia tov A, Bzopoi-
ne tig mpotdoceig:
I. Té tpiywvo elvan icooxelic pé AB=AI".
I1. 'H AE sivax mapaiinlog npdg thv BI.
III. "H AE glvar 2Ewtepixn Sixotopog tiig yoviag &
Na deiy0el b1, dv dinbedovv ol dvd nmpothoerg, tore B& dinBedsr kai 1 tpitn.

Aven: "Av AB = AT xai AE//BI, 16te
and v naperiniic 1édv AE xai BI' Exoupe
A,=B xai A, =T kai tnewdn B=T, 04
eivar A, = A,

"Av AB = AT xal A, = A,. t6t¢ 4| icotnta
Al -+ ﬁz =B+T (mol FFPOKUHTBI. ané v
Lﬁlotnm tﬂg é&msplxﬂg yaviag A) Ypape-
tar JA, =3 = A, = r=>AE,f/Br
Télog dv AE H BI' xai Al = A; tote ol i-
oot TEC A =8 xai A,=T, nov TpoKi-
wTOLV Gnd THV muparinAia tév AE xai BT,
divovv dGuéong B=T= 1p1y.ABI" = ico-
OKEMEG.

5.14 AZKHIEIL *

'\} Aiverar Eva ebBOypappo tufipa AB xai ) peookadetds Tov e, 16 fueninedo mob dpi-
Couv 1 ebbeia £ xai 10 onpelo B maipvovpe Eva dnotodfinote onueio M. Na Seifete
611 MA > MB.

fZ‘J BOcapoiipe yovia XO¥ kai éva onuelo M 1fig Sixotépov tng OA. "And 16 M @épvou-
7 pe 1@ xafeta 7pog Tic mAEvpES THAMata MA ki MB. Na Seikete 611 ) OA elvar peco-
Kkabetog Tob AB.

/3 "Av o Eva tetparievpo ABTA Exouue AB = BT kai A = [, v& Seutel 6t 1) Suayd-
viog BA elvar pecokdberog tfic Siayaviov AT

@) Aivetal yovia XO¥ xai Eva onueio M tfic Sixordpov tng OA. "And 16 M gépvouue
10 wufipe MA xaBeto mpog v mhevpd OX kai kakobpe E 16 onueio toufic 1év -
Beidv MA kai OY. Na deikete 611 MA < ME.

(ji N drodeiy0el 611 o kabe tpiyovo ABIT Exovps vg < B;- Y M: 11 Ponbeia ad-
1fi¢ tii¢ aviodtnrag va SeryxBel Gtz
vatve+ vy <a+ B+ 1.
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C] 6. Aivovrot 800 mupaiinkeg ebleieg £, kai £; mod Téuvoviar and wmé tpitn edbeia e Na
Se1xBel 611 of Suxordpor 1dV Evidg Evarral yovidv slvar mapdrinieg, &vé oi Sixo-
Topol v &viog xai &ni ta adtd pépn yovidv elvar kaberec.

Oempobpe dbo yovieg pé mievpéc mupaiiniec. Na éeikere 611, dv oi yoviec elvan i-
oeg, ol diyotropor Toug elvan ebBelec mupalinies, &vd Gv ol yovies elvar mapanin-
pwpatikés, of dixotopol toug lvar eddeiec xabeteg.

(_@ Qewpolpe 800 yovieg pé mievpés kabeteg. Na deibere 611, dv ol yovieg elvar Toeg,
oi 8ixotopol toug elvan ebBeleg kabeteg, vé dv ol yovieg toug elval repaninpopati-
kég, ol ixotopot toug elvar ebbeieg napdiinies.

\‘L97 Na deifete Gt 10 ovppeTpikd g e0beiag £ g mpdg kévipo O eivar ebbeia mapdi-
AnAn npdg v &.

Biverar tpiymvo ABIT pé AB < AT xai @épvoupe 1 Sixotépo touv AE. Na Seiybei
Afr=900+ BT App_gpo BT

3’ R T

Bﬁl":90°+%, AE[‘:B‘;E. "L # 4

Na broloyioBobv oi yavieg évoc tetpamiedpov, dtav elvar dvaroysg pé tolg épib-

# potg 1,3,5,6. _‘L_ 7L r/ 2

zmpouue tetpanievpo ABLCA pé A =T xai xuloﬁue ® T yovia 1BV SLoTopaV THV
A Kai tp v 6feia yovia t@v dixotopwv tav B, ﬁ Na deitete 6L

A+ B A—
£ ,t%l

~ o
0= o=

7

TE mo0 tépver v AX o106 Z kai and 16 E @épvoupe mapahAnio npds v BA mod
-:éuvet v AX otd H. Na deitere 611
B

AZA=2,

& Seifere 6T xabe Siapecog tprydvov ABI elvar pikpdrepn anbd 16 fHuddpoiopa
%’ plv mob TV mEpLEXOLY Kai peyahltepn Gnod Thv fudiagopa tovg, dnAadh
deifete m.x. 611:
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i G R G (t

X ; | [B—r7] \[ B+ v
'\_j“ 2 2
N

< Ha <

@ Seifete aroun 6t of kabe Tpiywvo ABI Exouvpe: pa+ pe +puy<a-+ B+ 7.
varm.'rpiymvo ABT pé AB < AT. Na SetyBet 611 & !

6 Oywog AA = va oynpatifer pé ™ wkpodtepn mAevpd pikpdTepn Yovia.

‘H didpecog AM = po oxnuatifel pé ™ pikpOTEPN MAELPA peyalitepn yovia.
Toé Gyog vakai 1| Sudpesos pa Ppiokoviarl ékatépwdev thig dixotopov AE = da.

loybovy navia ol dviodtNTEG va < 8o << po, Va+ VB4 vy < Ba+ 68+ By <
Ha+ M8 + uy.

V) ’loxver mavra 1 dvicotnta 8a+ 86+ &y < at B+ 7.

¢ kabetes micvpéc AB xai AL dpboydaviov tpiy@vov ABD maipvoupe 0o onueia
kai E avriotoixme. Aeigte 611 AE < BI.

tig mAeupés AB, BI', I'A évog icomlevpov tprydvouv ABIT maipvouvpe dvriotoixmg
ta onueia A, E, Z, tétoia dote AA = BE = I'Z. Na deiEete 611 10 tpiywvo AEZ ei-
"AvtioTpogag, Gv Exovue éva icomlevpo tpiywvo AEZ mol ol xopugéc tov AE,Z, el-
vair atig nhevpés' AB,BILCA &vog @llov ioodmheupou tpiy@vouv ABL, va deibete dti
AA=BE=TZ —
INOI @névavrt nhevpég Evog tetpandedpov ABTA téuvovral otd E kai Z. Na deybet "\
N yovia 1@y SLxotopmy 1@V Yovidy £ xai Z elvan fom pé 16 Hualpoiopa dbo ané \
vavil Yovidy 1ol TeTpunievpov. . ; \

5.16 EMMANAAHYH KE®AAAIOY 5

1. INa tig xaBereg ebbeieg Exovpe 800 Bepehiddn Bewphipata :
I. I’ Eva onpeio A mig ebbeiag & propodpe va @épovpe pia kai povo pia kabetn oty £. ‘:‘5
IL. "Axd Eva onpeio A nod d&v avijker of evbeia £ propodpe va Epovps pia kel povo uiu’\,\‘
ebleia kabetn othyv &. L’@
“Av koléoovue K 10 onueio o6 omolo 1 kabetn evbeia mod pépvovpe and onpeio A

wpog ebbeia & téuvel v &, 16 edBOypapupo tufipe AK Aéyeral dndctacn tob A dand @
v € xai elval pkporepo and kabe nhayio tufipa AB.

‘H obykpion 8bo nhayiwv tunpdrov AB kai AT @vayetar ot obykpion 1@V anoctds ‘Kﬁ
oewv TV ixvdv Toug dnd 16 Txvog K 1ol k&Betov tufpatos. "Etol Exovpe )

> >
= < = s
AB b Al KB = KT
“H xdBetn ebbeia nod @épvouvpe o” Eva edBOypappo tpfipe AB ot6 péoo tov K Aé-
yetal peook@ferog 1ol AB. Kdbe onueio mol ioanéyel and dvo onueia A xai B Ppi-
oketal oth pecokdbero tol tunipatos AB Kai GvTioTpOQOK.

1. "Av Exovpe Eva tpiyovo AEZ not xdbe xopuen tov elval maveo of pid mhevpd
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"Eniong xabe onpelo nod ioanéyer ané tig nhevpéc pidic yoviag Bpioketar ot Sixord-
wo 1ng kai dvriotpodgns.
2. Avo edBeleg évog Emnédov mov 8év Exovv kotvd onpeio Aéyovtar mapaiinieg eibeigs.
Agyopaote 16 «EdkAeideto altnuay :
—'Ané Eva anpsio nob div dviker o edbeia & Sifpyetar pia kai povo pia edbeia wapik-
Ankn wpdg v €.
Avo eb0eieg €, kai €, elval rapdhinieg, Gtay :
— Elvan ki of 6vé xabeteg oty 16w edleia £.
— Elvar xai oi $vo napahinies npdg pie &iin £00cia €.
— Tépvovrar Gnd pia tpitn edbeia kai oynpartifovy tig Evidg Evaliat yovieg tovg I-
ogg i tig Evtdg Extdc kal ini t@ adra pépn yovies Tovg Toeg A Tig Evidg kai Eni ta abd-
T pipn yovisg tovg mapeninpopanikic.
TAv Eyouvpe 800 ebbeieg £, xui &; mapdAinies kai pia edbeia & tépver T pia, o€ 1
£ 04 téuver xai v diin. 'Eriong av | € elval xdBetn oth pia anéd tic £, xai ,, 1016
0a elvar kaBetn xal otiv diin.
Ado yovieg mod Exovv tig mhevpds tovg mapddinles (i x@bereg) slvar loeg, rav slvan
xai oi 300 6&eizs 1j xai ol 0o apfieics, vd clvar napaninpopankic, Gtav 1 pic elvar
O%eia xal | dhn apPireia.
. Mé 1 Bonbeia tdv mopadiniov £00e1dv dnodeikvietal 16 Paoikd Bedpnpa :
— To dBporopa thv yovidy Evig tprydvon elvan 2 oplic yovies.
"Eto1 Stav elvar yvootés ol dvd ywvieg Evog tprydvov, Eépovpe xai v 1pit Yovia
tov. "Eriong Stav dlo tpiymva Exovv loeg pia npog pia 0o yevieg tovg, 161e Exouv
ioeg kai tig tpiteg yovies Tovg. "Anhd mopiopata 1o Bswphpatog slval ol npotdosic :
— Kdabe Eatepikn yovia &vog tprydvou elvar Ton pé 16 G@Opolopa tdv dvo anévavri
g E0MTEPIKDY YOVIBY TOD TpLydVOU.
— Ol dkeiec yovieg dpBoydviov tprydvov elval cuprAnpopatikéc.
— Kdfe dEeia yovia dpboydviov kai icookelolc tprydvov elvar 450,

W

— Kabe yovia ioémdievpov 1prydvou elvat 600,

Télog, dv pépovpe Sheg tic Sraywviovg Evog moluydvou pé v mhevpég and pia Kopven
Tov, 16 molbywvo yopiletar of v-2 Tpiyava kai Etol 10 @0poiopa tdv yondy 10d no-
Avydvov glvan 2v—4 dpbig yaviss.
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O
KE®AAAIO

NMAPAAAHAOIPAMMA KAI TPANEZIA

6.1. MapaAAnAéypappo. N p/
‘Opropis : “Eva tetpandevpo mod Exer tig dnévavn TAEVPEG TOV maphA-
Ankeg Méyetar mapadinhéypappo, Snhadi :
ABTA mapaiinioypoppo <= AB/ /TA kai AA//BI.

“Av @épovpe pia dreydvio Tol map/pov ABFA Y. m BA (BA. oY 1)
and Ty mapariniia 1@y mhevpdy Tov Exovue AAB = ABI — 0 xai ABA=

b % 10 | Ix. 2

BAT = . Téte Spog givar 1pyABA = 1p1y.BI'A (yiati xai BA — BA)
xoi cuvendc kabe Sroydviog Tod napaiinioypappov ywpiler 10 mapaiin-
Abypappo ot Sbo foa tpiyove. "And v icdnta tHY TpIYOVOV adtdy E-
xovps AA=BIL AB=AT kai A=T (vid sivar kof B=A = ¢+ o).
Acgiape hoimdv éti:

L Zto mapodlnroypappo oi anévavti micvpéc tov sivan ioec.
II. Z16 napariniéypappo oi anévavn yovigg tov eivar losg.

“Av gépoupe xai tig S0 Sraywviove Toi nupaAinioypappov kai xa-
Aécovpe O 16 r:nus"fo Tow’ig TOVg (B?L oy. 2) am6 v mapainiic AA/ [TB
Exovpe AAO = OBI" =7 ¢ xai AAO = OB = 8. Tore 6pwg givar Tpuy.
AOA = tp1iyOBI" (ytati xai AA = BI) xai éno iy iootnta abthy Eyouvpe
AO = OI kai OB = OA. BAénoupe Snady 6t 16 onueio topfic t@v dwa-
Toviov givar péoo tfig kabe Siaymviov. THv idiotra et ™ datvnd@vou-
HE ovvTopOTEpR Afyoviag 61 :
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IIL. Oi Swydvior £vég mapaiinioypappov Siyoropobvrar.

Ol npotdoeig I, TI, III arotelobv tig

A B T 4 .
Baowkég i8t6tnTeg Evog maporinloypdp- b
pov. “Apgcn ovvéneld tovg elval fi mpod-
Ao :
i ! ’ 82
A BELT: a

IMapaiinha tpipata mod Exovy ta &-
xpa Tovg of Do mapddinheg £ibeieg
sivar Toa,

dnhadn dv 14 mapéAinia tufpata AA°, BB, T'T, .. £ovv 1d dxpa TOUG

otic mupdiinieg ebbeieg &, kai €,, 06 Exovpe AA" = BB =I'T" = ... (Ggod

8bo omoadfrote and abtd, my. @ AA’ kai BB, oxnuotifovv 16 mapaiin-

Aoypoppo AA'B'B kai abtéyiati Exet tig dméyavtt mAsLpES TOL TUPAAANAES). .
AL VAL &) o NQSI,;RL

6.2. Kpirfjpia yia mapaAAnAéypappo. '

©¢ tnrhcovpe thpa kprtAple (dnradh ovvbiikes Swugopetikéc amod
£xeiveg Tob dplopob), yii va eival Evo tetpdnievpo ABIA napalinioypap-
po. Tétowr kpitipla diver 16 Bedpnpa :

G@EQPHMA : "Eva tetpanievpo ABIA givar maparinléypoppo, dv ioyder
pui and tic TEPUKAT® TPOTACELS :

@) Oi anévavn mhevpic tob ABTA eivan Tozc.

B) Ado anévavr mhevpég tob ABIA sivar ioeg kai napdiinhes.

v) Oi dnévavn yovisg tod ABI'A sivan iogs,

3) Oi dwaydvior 100 ABI'A diyotopoivrar.

*Anod. Ta vi arodeitovpe 16 Bedpnua, 06 npénet (cOppuve pé Tov Opiopd) va anodei-
Eovpe 811 of kGBe mepintwon oi anévavil mhevpég Tob ABIA eivar nuparinieg

a) "Av AB=TI'A xai AA = BT, @épvoviag T Saydvio BA (Br. ox. 3) Exovpe tpiy.

A A 4

Iy 3 Iy 4 b5, Ao

ABA = tpiyBAI (yiati AB = AT, AA= BI, BA = BA) kai dpa A, = B, =AA/ BT
xai By = A, = AB//AI'. "Eto1 10 ABIA &xel ti¢ @névavil mievpéc Tov mapdAinies.
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B) "Av elvat AA / / = BT kai ¢épovpe mdii ) Sm-rdmo AB (ﬂl ox. 3), Exovue Y.
ABA = 1p1y.BAT" (ywati AA = BI, BA = BA, Al = B.) xai dpa ﬁz— Ag=
AB//AT. "Etol 16 ABIA Exer xai tic Aleg 800 dnévavii mhevpéc TOL TapPGAAN-
A£G,

7) "Av Exovpe B=A=0 xoi A=T=0 (Br. ox. 4), 01e A+ B+ T+A=
3600 ypagetar 20 + 2o = 3600 = ¢ + w = 180°. And abth Exouue A -+ B= 1800
=> AA[/Br kai B+ "= 1800 = AB//TA, nkadn of anévavii mhevpéc Tob ABIA
elval mapaiinies.

8) "Av ol dwuydvior tépvovral oté O (BA. ox. 5), 6a Exovus and thy On6Peon pag OA =
OrI'" xai OA = OB. Téte duwg 0a sivai '(prOA* 1p1yBOI" yati OA = OI, OA =
OB, AOA = BOI") xai dpe AA = BI' kai Al = Bl = AA/[BI. Eto1L 16 ABIA
elvor mapaldnhoypappo, apod Exel tic anévavn mhevpéc AA kai BIN loeg kai ma-
paiinieg (nepintwon B).

Eivar gavepd 611 ta kpitipia (a), (), (8) elvar of éviictpogss npota-
oeig v Paoikdv idrotitov I, 11, 111 10D nepudinioypappov.

I AXIKHIEIXZ I-6 I

6.3. "Edappoyig T@v maparinloypappwv.
S WV
a) 1o tpiyove.

“Ag mapovpe Eva tpiyevo ABI xai dg tpépou%ﬂo 10 péco A tfic AB
v mapaAinio npds 1 BI' Mol tépver
myv A o6 E xui tiv mepdiinlo
npog v A mod tépver ] BIT otd
M. Toéte 16 oyfipe AETM sivar na-
parinAiéypuppo kai B4 Exouvpe AM =
EI' xai AE = MI. °Eneidfy Spog &i- 4 £
vat tprAE = 'rprBM (rati AA =
=AB, A, =8B, A= AZ) Eyovpe kai AM
= AE kai AE = BM, o6note eivar B m r

AE = El, BM = MT

dnAadn td E xai M eivar péoa t@v nhevpdv AT kai BI. “Av nepropioBob-
pue Aownév omv AE, mod eivar AE = MIC =

, EYOovHE THV TpdTOOT :

OEQPHMA : ¥’ §va tpiyove ABI 1 mopaiiniog npdg i BT mod ¢épvou-
pe and 16 péoo A tiig mhevplc AB nepvaer and 0 péoo E tiig tpitng nhevpic
xai 10 tpfipe AE sivar Too pé 10 piod tiig mhevpig BI.

Ztv mpotacn adth Exovpe yud Ondbeomn tig ovvbijkeg AA = AB kai
99

Wneptomotr|Bnke amé To lvotirouto Eknmaibeutikng MoAmkrig

X

w

L=

e
e

W



AE /| BT ki 11é ovpnépacpa tic AE = ET xof AE = 325. Mié Gvriotpo-

¢n mpotaon elvar 16 Bedpnpa :

OEQPHMA : Té ed00ypappo tpijpa mod ouvdéel 1 péoa dbo mhevpdv Tpi-
y@vov elvar naparinho npog tijv tpitn whevph kai ico pé o pod g,

"Andd. "Av A xai E 14 péoa 1dv AB kai AT, 0
anodeifovue 611
BI"

2 -
"Av gépovpe drd 16 A mapdiinio npéc thv Al
no¥ tépvet T BIC 016 M, 04 elval (katd thv po-
nyobpuevn mpoétacn) BM = MI xui AM = B M~ ¥

/] ErL.
"Etot 16 AETM elvar mapakiniéypeppo (katd 16 xpreiipro (B) thg § 6.2) kai émopévag

AE [/ =MI' = AE [ = BZI" .

AE/[=

B) Lto terpanievpo.

“Ag Epappdoovpe 16 Bebpnpa otd Sho tpiywva ABT xai AAT otd 6-
nola ywpiletar Eva tetAdnevpo ABTA
and 1M Saydvid tov AT. “Av kalécou-
pe EZZH,© 14 péoa tdv AB,BI,TAAA,
PArémovpe Gt

— ot tpiyovo ABIT Exouvpe:

AT
— o710 Tpiyovo AAT Exovpe:
AT
©H/ | = 53

xai €tov elvar EZ [/ = OH, énkadn 16 EZHO eivar mapadinioypappo.
Aeifape dowmov dri:

OEQPHMA : Ta péoa t@v mhevpdv évog tetpandedpov slvar kopueic ma-
parinloypappov.

*And 16 tpiyova ABA kai BI'A rapatnpobue 611 Exovpe kai E@ /[ =
ZH [ [ = BA/2, dnladf 10 mapoiinroypoppo EZHO Exer tig dmévavri
mhevpés Tov TapdAinles mpdg tic Saywviovg tol tetpaniedipov kai Toeg
pPE 1@ pod Toug.
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(& ¥ A
6.4. Awaipeon edB0ypappou THfpatog of v ioa pépn.

©d dnodeifouvpe tOpa Eva yevikdtepo Oedpnua :

"Av mapaiinleg edbeics ¢, £, €5, ... TEpvOVY SD0 ebleieg a koi P xal
opilovy Toa tpfpate oty £dbeia a, tote O opiCovv foa tpMpate xai oty
evleia P.

"Andd. "Av ol mupaiAnieg e00ETEC £1,62,63,84... Tépvouy v e0Bein @ otd onueia A,B,T,
A,... tiv B otd onueia A', B, I, A’, ... xai slvar
AB=BI=TA=.. 04 arodeifoupe 6T
AB=BI'=I'A"=...

Dépvovpe dnd ta ABT,.. tufpata AE, BZ,
TH,. .. mapadinke npoc thv  mov Tt dxpa Toug
E,ZH,... elval otig €3, &5, €, ... ToTE Eyovpue
AE= A'B, BZ=BT', TH=T'A, ... kai ouv-
endys apxel va deifovpe 61t AE= BZ= H —
= ... Ol igotnteg Spwe adtég aindedouvv, yiari
TpYABE = tmiyBI'Z = -rpw!'AH = ... (Ggod
AB=Br=TA=., A,=HB,=F = ki B,=F,=£,= ).

Mé thv Bonbela tob Bewprpatos adtod pmopodue va Kopicovpe dedo-
pévo ebBbypappo tpijpe AB of v Toa
népn.

®épvoupe amd 16 Gxpo tob A ia 6-
notadfimote Apevbeia AX, Siopopetiki
arné tv AB, xoi maipvovps (pé 16 Sa-
Pty pag) maveo of adty v Siedoyikd i-
ca Tufpatea AI'=T'A"=AE = ... =
= P'B’. "Encita évdvoupe 16 onueio B’
Hé 16 B kai and ta onpela I, A, .., P
épvovpe elbeieg mapiAindes npog v B'B mov tépvouy 16 AB otd onueia
TAE, ..., P. TG onueilo adtd ywpilovv 16 AB of v ioa pépn, yoti, OmWG
eival gavepd Gné 16 mponyolbuevo Oedpnua, Exoupe

AT =TA=AE=.. = PB. )
Tapatnpobue 611 y1d 1 Swwipson 100 AB of v Toa HEPM HE TOV TPOTO ai uu- J

T6 gpmnoiuonolobue povo kavove kai draPin. \ =

NW ).

6.5. T6 dpBoydivio.

o

= | Azknzez 7.12 |

‘Opropés : To tetpamhevpo mod Exer dheg tig yovisg tov Toeg Afyerar
SpBoydvie, dnhad :
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ABT'A  &pboydvio <= A=B=F=A

*Eneidny 16 dOpoiopo v yovidv kabe

tetpanhedpov elvar 4 opbéc, elval gave- - = A
po 6t ol yovieg Evig dpBoymviov silvar TR Y

0pO&s. "Emiong, dpol ol anévavil yovieg - =

To0 Opboywviov elvar ioeg, xureroPoi- _

voupe Guécwg 61 16 dpboydvie elvan £ ’

napalinloypappo Kai Emopéveg ioybovv
YU adto of idrotnTeg :

— Oi anévavnt nhevpig ol opBoywviov sivar mapdiinles.
— Ol arévavn nievpic ol dpBoymviov sivar ioeg.
— Oi Sieydvior 10b dpboywviov dixotopoivial.

Ta tpiyove ABT koi BIA gival topa dpboyavia kai Toa (apolb BI' =
BT, AB = I'A) kai £toL &xovpe akopn AT = BA), dnhadn :

QEQPHMA: Oi dwwyovior £vog opBoymviov givar ioeg.

Iapotnpolpe Aowmov 611 16 Opboymvio Exer dUo EmmAfov idiotnTeg
and 10 maparinroypappo : Of yovieg tov elvat dpbég Kai ol diaydvioi Tov
eival {oeg. Oa anodeifovpe tHpa G1L KGbe mapuAlnAdoypappo mov Exel pd
and adtég tig EmmAéov 1810tnteg eivar dpboydvio.

OEQPHMA: "Eve nopaiinidypappo ABI'A civar dpBoydvio, &v ioyder
ma dnéd tig Tapakare npotacsig:

a) Mia yovia tob napaiinloypappov ABIA sivar dpdij.

B) Oi dwaydvior 100 maparinloypappov ABTA tlvan Toes.

*Andd. Ta va arnodeifoupe 16 Bedpnpa, 0G npéner va deikovpe G111 of kabe nepintmon
oieg of yovieg tob ABTA elvan Toeg.

A a
@) "Ag bnobécovps bt A = 1 6pbi. Tore of I- o ;
cotnrec T=A, B+ A=2 opb, A+A=2 V"“\\(//
0p0., mov ioxdovv of kabe mopalinidypappo, e
Sivovv é@vtiotorga = 1 dpb., B= 1 0pb. A= T
1p0. =>A=B=T=A. 8 r

B) "Ac UmoBioovpe 811 AT’ = BA. T6te tpiyABI = tp1yBl'A (yiati AT = BA, AB= AIl
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B = BI) xai dpa B = I Eretdt Spog of xabe napaddniéypuppo elvar xai B + = 2
0p0., Emeton 6t B= I = 1 6p0. = 16 ABT'A elvar dployavio.

INé va deiyvovpe thpa 61t Eva tetpdmhevpo eivar dployhdvio, mpémet
npdto va deiyvovue 611 givar mapadindoypappo (pé kanolo and T KpLin-
pw Tfg § 6.2) kai petd va Seiyvoupe 6ti pin yovia tou ivar dpbf §i 6 ol
Sduayavioi tov givar {oeg,

e K
6.6. "Améoraon 0o mapailiniwyv 00aiv.
"Ag Bewpricovps S0 mupdAindeg e00sieg & kai & kai 1@ kabeta o

abtég e0OOYpappe Tpfpata AA°, BB,
I'T”, ... mob Exouvv 14 dkpa ToLg OTIg €

A 8 4 4
kai €. "Emedf 16 tpfpete adta sivat [ J T
rapdiinia (kabeta oty idia ebbeia, n.y. u | ‘
v &) xai Bpiokovtar petalt maparin- [ I |
Awv ebBeidv, B¢ eivar iow. Td tufpata T r Vg

duwg avtd eival koi Grootdoeig onpei-
v T pig nopariifiov and v diin. "Etol Exovpe i mpotdcelc :

— Ebbdypappa tpipata mod Exovv td dxpa tovg of dvo mapahinheg
e0Beleg xai sivar xabeta of adrig eivar perakd touvg iow.

—"Oka 1 onuela mdg £d0siag £ Exovv Toeg anootaseig and kabe dpi-
opévn £00zia mapahinin npog v &

Té e0Bbypappo tufipa v mov eivail oo pé tic dmooticelc dhov TdV
onpeiov Tiig € and ™V & Léyetul drndoraon 1év §bo mapaiinlov sobeidv
£ Ko £,

"AvTioTpogag, dv Exouvpe 800 anpeia A kai B mol Bpiokoviar mpoc 6
1810 pépog pidg elbeiug € kai oi unootdoeig Toug AA’ kai BB’ and v ¢
givar Toeg (PA. oy. 6), To1e 1) elbeia AB gival mapdAinin npog v € (dpob
10 AA'B'B eivar dpboydvio). “Av Londv Bicovpe AA" = v, cuprepaivov-

A g £ k] e AR R B
v
u &
& v
A 8 3 e R G g
Iyx. 6 BT

pe 611 kabe onpeio B mod Ppioketar npog 16 pépog Tob A xai anéxet v &nd
v &’ Bpioketar otiv mapddindo mod pépvovpe and 16 A npdg v €. “Apa :
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N

—"0O)o ta onpeic mod Ppiockovian mpdg 10 idro pépog puig edbeiag &
kai Exovy andotacn v and avri Ppickovrar o eibeia £/ [g.

Téte Spog elvar pavepd 611 Sha 16 onpeia tod Emnédov mol Exouy dnd-
otacn v and tv'e’ Ppiokovial of dvo sbbeleg & kai £, mapaiinieg Tpog
v € (BA. ox. 7) ol omoieg eivar éxkatépwBev tfig & of dnootaon v.

DN\ |
6.7. "H peoomapaiinlrog 8do mapaiiniwv.

“Ag mapovpe maAl SVo mapaAinles eVlsleg &, kai £, xai Eva tpfipa
EZ = v xaBeto mpdg adtég mol Exer 1a

Lo,

dKpo Tov OTig £, Kai £,. "TAv and 16 péco —_— -~ &y
1 tiic EZ o¢épovpe v ebbeio & mupak- %

Ankn mpég tic &, xai &, mapatnpodpe M, ! £
ot xabe onueio M tij¢ € loanéyel and v, [

Tig €, Kai & (yiati 16 M anéyet and xa- B i ! £

O a noparinio andotacn ; ). "H &v-
Oeio £ mo¥ xdBe onpeio g iounéyel and dbo maphAiniec ebbeieg &, xal
£, AEYETULl pEsonapaliniog TV £, Kai £,.

"Avuotpogwg, kabe onueio mob loanéyel and tic £, xai £, Ppioketat
ot pegonapaiinio, yioti eivar onpelo tiig {bvng 1@V mapeiiiiov Kai

. o . e £ v i
anéyxel ano kabe pia Tovg dndotacT 5 Etot ooy :

"Eva onpeio icanéyer and 0o napaiinieg anﬂalag, dv kai povo dv Ppi-
OKETUL OTT] PECOTAPALINAO TOVE.

Ankadn, | peconapariniog Suo nupuhknlmv ebbe1dv mEPIEYEL olu 1@ on-
pela mol lounéyouvv and tic Slo mapdAinies kai povo adtd.
N

46.8. Mia id16vnra Tol 6pBoyiviou Tprywivou.

“Av Eyovpe Eva dpboydvio tpiyevo
ABI" pé A = 90° xai OTNV TPOoEKTACT]
tijg dupéoov tov AM mapovpe Tufipa
ME=MA, 16 oyfijpa ABET eivai dpOoyd-
vio (ywoti ol dwaydvioi Tov diyotopodv-
Ton kol f yovia tov A elvar opO1y). Tote

BI'

AE = BI' = 2AM = BI'= AM = e

104

Wnepromotr|Onke amé To lvotirouto Eknmaibeutikng Mohmkrig



oniadn :

OEQPHMA: 'H Siapecog £vig opboydviov tprydvev mpdg tijv Dmoteivou-
ca cival lon pé to piod tijg Oroteivovoas.

‘Ioyvet koi 10 dvtiotpogo, dnhudn dv o’ Eva tpiyovo ABT 1) duape-
60g tou AM eivat Ton pé 16 o6 tiig BIN, t6te 16 tpiy@vo eival dpboydvio
otv kopuen A. IMpaypatika, Gv elvat AM = BI/2 kai napovpe otiv mpo-
éktaon tig AM tufjpe ME = MA, Eyovue AE = 2AM = BT, dnladn 10
tetpanievpo ABED elvar ndit oploydvio (dpol ol diaydvioi Tov dixoto-
podvrat kai eival Toeg), 6mote A = 909, “Etor Aownov Exovpe tHv dAokAn-

popEVN TPOTACT) :

“Eva tpiyovo ABI' givar 6pBoydvio & pid kopogi tov, dv kai pove Gv 1
duapecog mpos tHv arévavn mhevpd ivar Ton pé 16 pioéd tijg nhevpis avriic.

Mud xpfiowpn épappoyfn tfig mpotdoens adtiig eival t6 Bedpnpa:

T’ Eva oploydvio tpiywve, v 1 pia d&cia yovie tov eivar 30°, téte 1| ané-
vavil Thevpd g eiver ien pé t6 meod tiig Uroteivovoag kai dvrioTpépeg.

*Andd. Oewpoiue dpboydvio tpiyovo ABIN (A= 900°) pé B = 300. Tote 04 elvat kai T =
600, Toé6 tpiyavo AMI  elvar  icookelég

R v BL o 3 = ~
(Tl(l'!l AM = ——— Ml") kai dpu A, = 8

r = 600, Tote Opuwg elvar iodmlevpo, dapod
Kkai 1) tpitn yovie tov elvar 600 kai dpa Al =
BI’
MIC=
2
- " BI .
Avtiotpopas dv Al = 3 Ba elvar AT =
= - BI
MI, évid Exouvpe éniong AM = 5 M.
Anhadn 16 AMI glvar icomlevpo Kai dpa = A
600 = B = 300,

69. 'O péppo;N Pf\ '

‘Opiopéc : Té tetpanhevpo mod Exer Oheg tic mhevpés tov Togg Aéye-
tat popfog, dniadn :
ABTA poppog < AB = BI' = T'A = AA.
*And TV Oplopd pag mpokintel Guécwg 61t o popfog slvar mapahimiéd-
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ypappo (yuati of dmévavti mwAevpég Tov

glvar Toeg) kai dpa ioybovy YU abtév of

idotneg : B
/1

— O énévavn whevpéc tob popfov

eivon mapailnles. A r
— Ol anévavnt yovisg tol péppov

eivan ioec.

\/

— Oi daydvior 10D popPov Siyxorto- )/

podvral.

“Av O &lval 16 onpeio topfig Tdv dayoviov poppov ABI'A, 8a Exouvue
TpiyAOB = tpiyBOI’ (ywati BO = BO, AB = BI', AO = OrI') xai dpa
BOA = BOTI" kai ﬁ. — B,. "Eneidf dpoc sivat BOA + BOI = 28p6., &-
netar 611 BOA = BOT = 1 4p0., dnhadfy 611 BO =5 AT AKO[.[T], t’um 1:r|v
nopaiiniic t@v dnévavi TAsvpdy, Exovue B, =4, Bz = Az =24, =4,
dnAadn 1 Swwydviog BA Sigotopel kai tig 8o yovieg B xai A. "Etou éxov-
HE TNV TpOTUOT] :

— Oi dwxydvior 10D popPov tévovrar kabeta kai diyotopodv tig yovieg tov.

Hapatnpolpe Aowmdv 611 6 popPog Exer tpeig mmhéov 1816TNTEG AN
16 mapukinddypappo. “Ohes of mhevpég Tou elvar foeg (Kai Emopéveg eival
ioec kai 600 Omolecdnmote dadoyikés Thevpés Tov), oi Siaydviol Tov Té-
pvovtat kafeta kai ol dwwydvioi Tov diyotopolv tig ywvieg tov. O4 dmo-
Setbovpe topa 6T kdbe mapulinidypappo mold Exer pia and avtég Tig Emi-
nhéov 1810tnreg elval poufos.

OEQPHMA : "Eva napalinioypappo ABTA givar popfog, dv ioyder ma
ané tig mepaxare mpotdceic.

a) Ado Sradoyikéic mhevpéc tov eivan Totc.
B) Oi daydvioi tov tépvoviar kabeta.
y) Mia dwaydviog diyotopei pa yovia tov.

"Andd. T'é va @nodeifovpe 16 Bedpnua, 0a mpé-
e of kabe nepintwon va deifouvpe 611 Sheg ol “
nigvpég Tod ABIA elvar Toeg.

a) "Ag bmobéooupe 61 AB = BI'. "Eneidn elvan

AB = T'A xai BI' = AA, Exovpe AB = BI'= A r
TA = AA => 16 ABTI'A eivai popBog.
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B) "A¢ Omobécovpe 811 BA L AT, Tote tp1y. AOB = tpiyBOT (yiari AOB = I'OB = 900,
BO = BO, AO = OrI) => AB= BI' xai Exouvpe v mepintwon (a).

v) “Ag OmoBécovpe tEMOgG GTL B, = B,. Téte tpiyABI’ = icookeléc (yiati BO = &ia
pecog Kai Sixotdpog) = AB = BI' kai £xouvpe maii thv nepintwon (a).

I va deixvoupe tdpa St Eva tetpamievpo ABI'A eivar popBog, 0a
npénel va deiyvoupe mpdta 61t elval ntapulinioypappo (p Eva dnd ta kpi-
thpw tiig § 6.2) Kai katom vi deiyvoupe Gt 1 dbo drwdoyikég mAevpés Tow
eival Toec | 611 of Swaydvioi tov eival kdbeteg i 611 pd Saydvidg tov di-

ZLOTOpET pui yovia tou. ‘\
‘(NT«S Tz'rpéwwvo.
‘Opropég : Té tetpandevpo mod Exer bheg tig mhevpég xai dheg 1ic yo-
vieg tov Toeg Aéyetar terpdywve, dnhadn:

AB=BIr=TA=AA 4 8

A=B=T=A \

And t6v Oplopd pag eival Quvepd 0
811 tetpayovo slval 16 mapailnlioypop-
po moi givar cvyypoveg opboydvio kai L
popfoc. "Etor 8a ioybovv yU' adté ol i-
dLoTNTEG :

ABTA tetpdyovo <=~ {

— Oi arévavn mlevpéc tol tetpoy@vov sivar mapahlnleg.

—"0leg oi yovisg Tod teTpaydvov eivan opbic.

— Oi daydvior o TeETpaydVov diyotopobviar, sivar loeg kai kabeteg
kai diyotopodv tic ywvieg tov.

“Etot ooy kabe Sraydviog ol tetpaydvou oynpatiler pé kabe mhev-
p& tov yovia 45°. Ta vé drodeifovpe 6t Eva mapaerinidypuppo eival Te-
tpayevo, 06 mpénet va drodeifovpe Gt Exel dvo Emmhéov idroTntes, wd
iS1otnta Mol pig EEacealiler St elvar dpboydvio kai pa dAln idiotnTa
no0 pig #Eacporiler 611 elvar popfos. Mmopobue ooy v diatundoov-
pe kpufple yud 10 nOTE Eva mapoiinroypappo (7 Eva épboydvio 7 Evag
poupoc) eivol TeTpaymvo. Mepika and té kpitipia abta Sivovy ol mpoTacEis:

® “Eva napalinléypappo civar tetpayove of kabe pa and tig napuxdto
MEPMTOCELS:
a) "Orav pie yovie tov eivar opBf xai 300 Sedoyikég mhevpéc Tov
eivar loeg.
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B) “Otav pia yovia tov civar épbi) kai of Sreydvioi tov sivon xadetec.
¥) "Orav pia yovia tov sivar 6p0 kai dixotopcitar and 11 Saydvid tov.
8) "Otav ol daydvioi tov sivar Tozg kai xaberec.
® "Eva dpBoydvio givar tetpdyeve of xabe pa ané tig nmopakate mepi-
nTMOOELS
@) "Otav 6o dadoyikig mrevpég Tov eivar ioeg.
B) "Ozav oi daydvioi tov sivon kdaletes.
7) "Orav pia Sieydvidg tov Siyotopel pia yovia tov.
® "Evag popfog civar tetpayove o kdbe pia and tic nopakdre mepnto-
oEIg
a) "Orav pie yovie tov sivar 6poi.
B) "Otav oi draydwioi tov sivan ioeg.
Oi anodeilerg 6hov adt@v 1@V mpotdoewv eival Qavepés and Té mponyol-
HEVA.

N \E\ \\ AYXKHIEIX 13, 22-24 '

6.11. Tpamétia.

‘Opiopég : Toé terpandevpo mod Exer o poéve dmévavni mhevpéc tov
napahinies Afyetar tpaniCio.

Ol mapGiinleg nhevpés tob tpumeliov Aéyovrar Paceig Tov, Evd 16
e0Bbypappo Tpfipe mol évaver td péoca
WV P mapdAAniov nhevpdv tou Aéye-
tat Suapeoog Tob tpancliov. "Etor m.y.
dv o Eva terpanievpo ABLA Exovue po-
vo AB//TA, 16 ABT'A givan tpanélio pé
Paceig AB xai I'A, évd 16 e0BOypoppo
tufijpe EZ mod évover ta péoa E xai Z
v pn mapaiiniov whevpdv AA kai
BI' givar 7 SiGpecds tovu.

"And 'n]\r nepodliniioc tdv Paceov elvar @avepd 6T A+A= 2o0p6.
kai B + I = 20p0., dniadn 611 ol ywvieg mob mpdokevtal oTic pi mapdh-
Ankeg mhevpés eivar mupanAnpopatikés. “H andotaon v 1@v napaiiniev
eubeidv AB xai I'A Aéyetan Oyog 1ol tpaneliov.

OEQPHMA 1. 'H &iapeoog tob tpansiiov sivar mapahinin mpoc tic Pa-
ozig 1ov Kai lon pé 16 fpiabpoiopa 1dv Pacsov.
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"Anod. "Ac Ocwpnoovus tpanéfio ABIA pé Baceigc AB = o koi TA = B kai dg xadé-
ocoupe E xai Z tq péoa tov AA xai BIC. "Av H
elval t6 onueio toufic v ebbewdy AZ kai AT,
Exovpe tpty AZB= 1tp1y'ZH (1wati BZ = ZT,
ABZ = ZI'H, Z, = Z;) xai tpa

AZ=Z7ZH kai TH= AB = a.

"Erot 10 Z elval péoo xai tfic AH, énhadn f EZ
Evavel T@ péoa dbo mhevpldv otd Tpiywvo AAH.

Eivar kowmév EZ /[ = Azi, oniadn

AC +TH Al + AB _ a+ B

EZ[|ATl' /[ AB xai EZ= 5 3 5

OEQPHMA II. Té £000ypappo tpijpa mod cuvdicl 1a pica 1dv dayoviov
£vog tpaneliov eiven mapdlinho npéc tig Paceig ol tpaneliov kai loo pé
v Nudegopa Tovs.

"Anod. L6 tpanélio ABIA dc xuréooupe K kai A 14 péoa 1@V deyoviov tov BA xai
AT. "Av O elval 16 onueio toufig 1@V evbeIdV
AK xai AT, Exouuf. tprKB = tp1yAK® (yiati
BK = KA, K,=K,, BJ—A)qu Gpa

AK = KO kai A®@ = AB=a.

"Etor 10 K elvar péoo tiic AO, dniaudn | KA
£viver t@ péoa dbo mhevpdv tod AGI. Eivar

er
dowmov KA [ /= 5

, dnhodmn :

or A]'-AGI _AC— AB _ B—a
2 2 2 200

KA /[ AT /| AB xai KA =

IMaputnpobpe akopn &1t ot tpiyovo AAD W evbeic KA 515[.){!&?('1;&(;

ano 16 péco tiic AT kai eivar mapaAinin mpog v IA. “Emopéveg 6a ne-
pioet and 16 péoo E 1fig AA. "Opoiwg and 16 tpiywvo BAT mpokinter Sti
7 evfein KA 0a nepdoel and 16 péoo Z tiig Bl Ankadh 16 péoa tdv Sa-
yoviov Ppiokovralr oth Sudpeco tob tpaneliov. Eivar Loimév @avepd -
11, dv @époupe mapaiinio mpdg tig Pdoeig Tol tpaneliov and Eva dmoto-
SAnote onpeio ané 6 E,K,A,Z, | naparindog adti Oa nepiéyer kai ta tpia
dAla onpeia.

6.12.-To iaoaﬁ:l\ég TpaméGio.

‘Opropds : "Eva tpanéfio mod Exev Tosg tig pfy mapalinhes nievpécg
tov Aéyetan ioookehis tpanilio.
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"Etor m.y. 16 tpaméfio ABTA pé Pa-
oelg AB xai T'A 04 eivar icookedés, dv e 8
Kai povo Gv
AA = BI.

"Extég ané tic i8iotnreg tob Tpa-
neliov tig omoieg avapépupe, 16 icooke- A I
Aég tpamélio Exel ki dAdeg Sikég Tov 1616-
teg. Od amodeifovpe Aowmdv St :

OEQPHMA : L’ éva tpanélio icookehig ABI'A pé Pasaic AB kai TA
— oi yavieg mod mpbéokervran of kabe Baon tov sivan ioeg,
— ol Swrydvioi tov givar Tozg,

— 1 ebbzia mob diépyeron Gné 14 péow TV Paccov sivar pecokadetog tiig
kG0e pacsowc.

"An6d. 1) "Av @époupe tig dnootioceis Al kai BP té@v kopupdv A xai B ané rr| B(zcm ra
(BXL. ox. 8), éxouue TPLYAIA = tprPl" (ywati AI = BP, AA= BF) kai dpa A= I, To-
1€ SUmG Emeldn A= 20p0 —AxaiB= 20p0 — F sxouuc xai A = B.

"AvitioTpdgac, dv 6 Eva tpanélio ABIA Exovpe T = A, 16 rpunaf;lo elval icookehéc, yiuti
nadt Exovpe TPLYAAL = tp1yBPT (Ggob topa Al,= BP kai A — F) xai dpa AA = BI'.

B) "Eneidn tpiyAAT = tpiyBAL (yiati AT = AT, AA = BI, AAT = B?*A) EXOUUE Gué-
owg A’ = BA. "Avtiotpégeg (v o Eva tpanilio ABIA Exovpe AT = BA, 16 tpanélio

-y
wl-Ni-—2

T8 0 Zx. 10

elvar icookeric, ywati (BL. ox. 9) Tp1yAIl = tpiyBAP = l", = A. Kai to1e mAAL TpLy.
ATA = 7piy.BI'A = AA = BI'.

¥) "Av M kai N 14 uaca L0}y Buuea)v AB xai I'A, &xovpe tpiyANA = 1p1yBNIT (nwarti
AA= Bl AN = NIkoi A = l") Gpo NA = NB. Tote Spag 1 Sidpecog NM 100 icooke-
Ao tprydvou ANB elvar 16 Gyoc tov. “Etor NM L AB kai puoika NM _LAT (BA. oy. 10).
"Avtiotpbgeg, dv o Eva tpanélio ABIA | NM elvat kdBetn otic Baoceig, 16 tpantlio
elvar loookerés, yiati to 'rpwmvo ANB elvar icooxsh—:g (i(pO\J (M NM elvar peooxabetog
fig AB), 6m6te NA=NB xai N,= N,=>90°—N,=900 — N, = ANA BNI.Etou Exoupue
TpIYANA = tp1yBNI (yiati AN = NB, NA = NI, ANA = BNF) xai dpa AA = BI.

"Arnodeifape 611 016 icookeric tpanilio Sxyu pévo ioydouv oi napa-
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nave 1816tTee GAAG Kol kabed an’ adtéc amotehel kpitiplo, Y& va
sivar Eve tpanélio icaokerés, dnhadn anodeifape Sti:

"Eva tpanilio sivar icookehéc, dv dinbedel pia and tig mapakdato mpo-
1ao81g ¢

a) oi yovisg nod mpéokeviar oti) pia Pacn tov elvan loss,

B) oi drwaydvioi tov sivan ioec,

y) % eb0eia mob Evéver 1@ pica tdv Pacsov sivar kabern ¢ adtéc.

“Etot, Y16 va 8siyvovpe 611 Bva tetpdmhevpo eivarl icookelég tpumé-
10, 0 mpémel mpdTa va Seiyvovps 6t elvar tpanélio koi petd va Seiyvou-
e 6t aAnfedel pid anod Tig TUpPUTEAVE TPOTACELG.

< N rAIKH}:EiI 25-36

6.13 TIAPAAEITMATA KAI E®APMOI'EZ

1. "Av oi Swydwvior AT xai BA napoidnloypappov ABTA tépvoviar oto O, va oe1ybel
bt t0 O civar kévrpo ovppetpiog’ tod nepailnloypappov.
Aban : "Apkel va Seifovus GtL 1O GUPMETPIKO (¢ mpdg TO O dmolovdfimote onueiov
100 mupeiinioypappov elval #miong onueio tol mapallnioypaupov.

Haipvovpe npdra Eva onupeio M tiig
mepipétpou. "Av 16 M Ppioketar otiv AB, 1y
g0Beic OM 0a téuver v 'A o Eva onueio
M’ xai 0@ eivar tpriyOMA = 1piyOM'T (110~
i OA=0r, A, =1, 6,=0.. "Apa
OM’ = OM = M’ = cuppoM.

Maipvovpe téhog Eva onueio E éow-
1epIkd 100 ABIA koi kohobpe Z xui Z' 14
onueia ota dnoie i OE tépver thv mepipetpo, énote OZ" = OZ. “Av lowmov 16 E
sivar Eoetepikd onueio Tod OZ kai Bewphooupe 16 onueio E = ouppoE, 16 E 0d
slvar Bowtepikd onpeio tod OZ' (apod OE = OE<OZ = OE'<0Z’), dpa 0a eivar
towtepikd onpeio Tob mapurinioypappov.

*Aro v i8lotnTa Tov avth 1o O Aéye-
Tal Gnidg «kévipo» tod Taparinioypiupov
ABIA.

2. Ocmpoips 1piyove ABI' kel xaraoxevalov-
Lovpe EEm an’ adto 1@ terpiyove AIZH xai
ABAE. "Av AM elvan Swapegog 1o ABI, va
Se1y0el 6T | AM elvar x@etn oty EH xai
fon pé 16 oo tiig EH.

Aban : “Av napovue otiv npoiktacn tfic AM
Tufipae MO = MA, 0a elvar (BA. dox. 17iic§
5.13) '@/ | = AB. Ta 1piyova EAH xai AT'©
glval ioa, Tyt #govv AH = AT, AE=

1. E_épouue and 16 Tupvaoio 611 Eva onueio O Aéyetar «xévtpo ovppetpiagy évog
oxfuatog o, 6tav 6Aa 1é onpeia Tob o elval dvd dbo GUUUETPIKG B¢ mpds 10 O.
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= AB=TI0 xai EAH= ATO (yioti kabe pie and tic yovisg adtéc  elvar

1800 — A).
"Apa N
A® =EH «kai A,= H;,.
‘H lgétnta A® = EH ypagetar 2AM = EH xai ivet AM — ETH

*Akoun, &redn elvar 31 + ,5:, = 909, and )/ devtepn iodnta ?\, = fi, TPOKONTEL
6t H, + A, = 90°. "Etot 16 tpiyavo AIH elvai dpboydvio kai ATH = 90°=> AM | EH.

3. "And v xopvef) A terpanieipov ABI'A Qipvoupe (ot (S0 nueninedo pé dxpn AA otd
omoio Ppiokerar 1| AB) tufjpe AE/[ = AB,‘I
"Av M xai N clvar ta péoe tév ﬁm‘ymvier'
BA xoi AT, v de1yBei ﬁt.l Er'/ | = 2MN. /
Avon: Enedn 16 oxfiua ABEA elvar fra-
purinidypappo, 1| daydviog tov AE jép—
XETAL Gnd 16 péco M g Soywviov BA xai
givat AM = ME. /

"Etol otd tpiyovo AEL 16 Tpﬁug’ MN
ouvdEel T4 ptoa d0o mhevpdv Tov. “Apa

MN /[ = 1:_2r ==-Er,f/=zmyl

4. Aiverar iva igookehis tpiymvo ABIT kai and Fva omotodinote onpelo M tiig Baoedg
tov BI' pépvovpe ta tpfpara MA | AB kai ME | AT Na derylel T 10 E0poropa
MA + ME civor otaBepd (Snhadf 1o idio y1a kade BEom o M otny BI).

Aden : Mapatnpobpe 611, 6tay 16 onueio M (mob «kLvelTaw Erdve oty BIN)
nécel otd onpeio B, 16 dfpospuo MA + ME

viveta oo pé 16 Gyog BZ tof tpiydvon (yiati

10te MA= 0O kai ME=/BZ). @d mnpénei A

Aowmdy v dnodeifoupe 61l kai oThv omola-
dMnote Béon tol M Exovue

"Av gépoupe MO |/ [TA, 16 MOZE sivai
Oploydvio kai cuvendc ME = OZ. D

Ta tpiyove BMA/ xai BMO elvar dpbo-
yovia xai ioa, yafi Exovv BM = BM «xai
OMB = ['= B\ "Abu MA = B@ (lI). Ipo-
obérovtag tic (I) Wai (II) Bpickovps

ME + MA = OZ + B@® == ME + MA = BZ.

5. Aivera Eva icémhevpo tpiveove ABIT kai fva onowodinote fowtepikd onpsio tov M.
Na dzixfet 6t 1d EOporopa tdv drostascwy tod M and tig mhevpis tod tprydvon lvar
otafepd (Snkadh fvo io yid kabe Oéen o0 M péca otd Tpiyove).

Abon : Kakolue MA, ME, MO tig dnooticeic tod M éné tig nievpéc AB, AT, BI'
kai 06 drnodeifovpe St 16 @Opoiopa MA + ME + MO elvar otabepo. Maputnpoi-
e 811, Srav 10 onpeio M (rob kuveital péoa otd Tpiyavo) néoet otV Kopupn A, 16 d-
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Opoopa yiverar ioo pé 16 Gyoc AH (yrati
1018 MA=0, ME= 0, MO = AH), ©d
mpénet hoimdv v Gmodeifovpe 8t kai o)
Onowdfnote Béon 1{9 “Exouvpe /
MA + ME + M® = AH. i

Pépvovpe and 16 M rapdiinio mpog v
BIC mo¥ tépver Tig mhevpéc AB xai AT otd
onpela B’ kai T kai 16 Owog AH /ot K.
Tote 10 tpivavo ABT,” elvar éniéng ico-
mhevpo Kai Ba Exovpe (Gnd THV mPoONYOLHEVT
doknon) /

MA /ME = BZ = AK m

"Eneldfn| 160 oxfjua KM@I’}’IE{W!I opboyavio, Exoupe akéun xai MO = KH (I).

MpocBitovrag katd péin tigAl) xai (11) Ppiokovue A
MA + >713+ MO = AK + KH = AH.%

. £ éva tpanilio ABIA
@dporopa 1dv Pasemv. ~

pie aro tig uN napaiinies mhevpés tov AA eivan Tom pé 10
v M eivar 10 pioo tiig arévavn nhevpic, va deiete on

(0

ouvdéeL Ta uéoa toug M kai N. "Av tdpa i
pecokdabetdg tfig BIC téuver v MN o616 O,
Oa darodeifovpe 611 kai f| pecokaberog tiic
AA 04 nepaocer and 16 O xai apkel y° adtd
v’ anodejfoupe 611

OA = OA.

Enelbn Spwg 16 O Bpioketal ot peco-
kabeto/tdv mhevpiv AB, BI, T'A, Exoups Tig
iodtnteg OA = OB, OB= OI, Ol = OA
and fric omoieg mpokimrtel Guéomg N [ntov-
pevn OA = OA. '
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8. Aivetar Eve tpiyavo ABI kai t0 Syog tov AH. "Av A, E, Z elvar 1@ péoa téhv nlevphv
ov AB, AT, BI', vi deux0ei dm1 10 oxfipe AEZH elvar igookehis tpanilio.
Avon : "Ensidf 16 tufina AE ouvdéel 14 péoa 1dv nhevpdv AB kai AT, 6a elvar AE Jf
BI’ xai ©6 AEZH elvar tpanélio (ywori ol
nAevpéc Tov AH xai EZ 8év elvar mapdiin-
Aeg, dpod naparinkn énd t6 A mpoc v EZ
elvar | AB). "Apa dpkei v dnodeifouvpe Gti:

EZ = AH
Té wuijpe EZ nod ouvvdéel 14 péoa TV

AT xal T dtvis ZE= 2B, Ervgy Spoe xol r

2
AB : s o x ¢ 2
HA = — - it 16 HA slvar 1) Sidpuecog 1ob dploydviov tprydvov AHB nob icobrar
pué 16 b tiig Omoteivovodg tov. "Ap a Exovpe ZE = HA,

9. "Av A" xai B" tivan oi opBic npoPolic 1dv dxpwv Evog tpfipatos AB ot pia shbeia g,
0 tpufipa A” B” Aiyeron «op9n mpofodip (i} &n’i&g npofoli) tob AB etijv £. Na derylet
o
a) “loa xai napalinia tpfipata Exovv ioeg ,n;:pobo'.\.ég of pia chBeia.

B) ‘H npofoln tod péoov £vos tpfpatog eivdl o péco tiig npoPolriic Tod tpufipatoc.
Abon : 1) Oewpolue dvo tunpate AB kai FA rapd@riinka kai loa xai tic (6pbéc) mpo-
Boréc toug A'B" kui I'A" o ma ebbeiof €. "And 1@ A" xai I” @épvoupe ebbeieg

8/ 4

| 1 | \ 1

1 1 ! ! '

1 ] I 1 ]

‘ ! \E ! by

: L = e
0 el e S -
A M r 4

napalAinies mpog tic AB xai T'A mov téuvouv 1ig BB’ kai AA" otd E koi Z. "And
@ mapaiinioypaupa ABEA® kai FAZIT Exoupe
AE/|=ABTI'Z//[=TA=AE//=T%Z

“Eto1 Téi oploydvia tpivova A'EB” kai ["ZA' elvar foa (yiati A'E=T'"Z xai
EA'B" = ZI'A') xai dpa A'B]= I"'A",

B) I'ié va Bpobpe thHv npoPahi) tod péoov M tob tpufparos AB, 8d pépovps TH MM L
€. "Etol 016 tpunélio ABB'A” i MM’ elvar Sidpecog (Gpot eival mapdiinin mpdg
tig Paoeig AA’ kai BB xai 8f&pyetal and 16 péco 1iic AB) Kai ovvends A'M’ = M'B".

10. Eépovpe and 16 Tupvaocio bt Evag perasympatiopdés E — E tod ov-
volov E tdv onpeiov &vbg imnidov elvar kai 1| «ovppetpia g mpdg &-
Eova a». L0 psracynpoatiopd adtd divetar ma dpopévny ebleic a xai
of kabe onueio AcE dvnioroigilovps 16 onpeio A" mod Ppioxovpe, dv
@épovpe 10 tufijpe AK | @ xkoi mapovpe otilv mpoiktaci Tov tpijpa
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KA" = KA

Té A" Aéyeror «ovppetpiké tol A g
npos  GEova a» xei onpardveton
A" = ouopp, A. Té ovppetpkd Ohov
Tdv onueiov Evég oyfpatos ¢ amote-
Aolv Eva dldo oyfijpa ¢ mod Aéystan
«ovppeTpikd tob o g mpbg Tov GEo-
Vo 0 KOi ONUEIOVETEL 6 = CUPLC.
Na dery0el 671 6 ovppeTpikd pmic eo-
Oziog & Og mpdg tov GEova a elvar ebOsia. /

*Am6d. “Ag Bewprioovpe pio edfeio & mob TépyeL OV GEova o o6 onueio
I, &va onpeio g A kai 16 onueio A" = cfn‘jppo A. Od damodeifouvpe 611

/

r B A
i b
i i i
WP A H. 4
} 5 veez 9
i i :
/ | : i
/ g M-

7 ebbeia TA" elvar coppeTpikod /(’;xﬁpu tfic €. "Apkel yU" abtd vi anodei-
Eovpe 611 kGBe onpelo B tiig/e Exgl 16 ovppetpikd tov B otiv IA kai
akopn 8t kabe onpeio I' g TA elvat oupusrpuco svog onpueiov I' 1fig
e. 'Enedn elvar tpry IKA = LY KA (yoti IRA = - JKA” = 90°, AK =
KA, IK = 1K), 66 exouugf = [,.”Etot dv gépovpe BA | o xoi kahécovpe
B’ 16 mwslo Toufig 'c(TW/ A Kol IA 04 ¢ ElOU}lE tpty IBA = tp1yIB'A (yuo-
i TAB =IAB’ = 90° =IA, 1, =1, (xai dpa AB'=AB=B =
GUUNg B.Eniong, dv tpépou;m P« kai kodéoovpe I' 16 onueio topfig
v I''P kai IA, 6a £xovpe tpry IPI” = tpry IPT (yati 1PI” = IPT" = 90°,
P =1IP, T, =1}) /xai dpa TP =TIP =I" = ovpp,T.
*Ag Bewpricovug/tdpa pia £00sia g/ / o, Eva onpeio tijg A xai 16 onueio
" = oLUHG A./Av @épovps and 16 A’ THv e0Beia £ [/ «, 86 anodeifoupe
ot n € aivuﬁé cuppeTpikd oyfipe tfig & Maipvoupe malit Eva onpeio
B 1ijc &, (ps’?&oups v BA_La koi kehoDpe B’ 16 onpeio topfig tdv g xai
BA. Tlapugnpoipe tdpa &1t 1¢ BAKA kui AB'A'K &ivar dpboyovia kai
ipe AB/= A'K = KA = AB= B" = cuppsB. Mé 1ov 810 tpomo Bei-
yvetar/Ott kai kafe onuelo I tfig € eival ovppetpikd £vog onueiov I
ijg £ (6mov 16 T B eivar Topn tijs & pé v kabeto mpog Ty a and ToI7).
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KorodaBaivovpe Aowmév 61, g va Ppodpe 16 ooppeTpikd pidg b

Ociag @g mpog GEova a, dpkel v Ppodps pévo 1a coupeTpika dvo on-
peiov ne.

6.14 ALKHZEIZ *

@ Aivetar &va mapadinioypuppo ABTA. Né Seifere 6m ol Sixotbuol v anévavil
yovidv tov elval mapaAinies, Evd of dixotopol TV Stadoxikdy YOVIAY Tov Elval Kd-
Oeteq. (Na éEetaoete dv ioyxoel 1) Goknon kai 16 tig EEmepikég dLxotopovg).

Z¢ napadiniéypappo ABIA ot 6moio elvar A =900 vi oeiere 611 AL < BA.

d 3,] Aivetar Eva ioookeréc tpiyovo ABI xai éva onpsio M 1fi¢ Paoede tov BI. ®ép-
~ voupe and 16 M napdiinko npog TiHv mhevpd BA, f| dmoia tépvel Thv AT 016 A, kai

maparinio npdg v mhevph I'A, 1 omola téuvel tiv AB 016 E. Na Seifete 611 MA +
ME = AB.

@L Aivetal Eva mapudldiniéypuppo ABTA, d0o omotadfinote onpeia E xai Z 1fic mhev-
pac tov AB kai Eva 6motodfinote onueio H tiig mhevpic tov BI. “Av O sival 16 on-
ueio topfic 1@V Sluywviov tob ABIA kai of ebBeiec EQ,ZO,HO téuvouv Tic anévavtl
nhevpig otd onpela E', Z', H' avtiotoixwe, va deitete 1L :

) Téa tetpanievpa EZE'Z’ xai EHE'H' elval TapUAINAOYPUppLA.
B) Of yovies EHZ kui E'A°Z’ elva ioeg.

yﬁ}:ﬁg nhevpés AB, BTN, TA, AA évog mapalinhoypappov ABTA naipvoupe dvtiotoi-
%0 onueia E,Z,H,© téroia, dote AE = I'H xai A@ = I'Z. Na deifete 611
a) To tetpanievpo EZHO elval rupudinioypappo.
B) Té onpeia ota dnoie téuvovrat oi Sluydviol tdv b0 naparinioypaupny ABIA
kai EZHO cuunintouv.

Ltic mievpéc AB, BI, TA, AA évog mapaiinioypappov ABTA maipvouvus dvriotoi
A0 onuele E,ZH,0 tétoie, ote 10 tetpanieupo EZHO va slval napariinioypappo.
Na deifete 61t AE=T'H xui AO =TZ,

&

Aivetar tpiyovo ABT kai onpeio I tfig nhevpig tov BI tétowo, dote Bl = —;—Bl‘."Av
AB
4

£ tpiyovo ABI dvopdfoups A 16 péoo tiig Stupéoov AM. “Av 1) BA téuver v TAgL-
a AT oto E, v Seixlel 6t1 EI' = 2AE.

E elvar 6 péoo tfig Siupéoov BA, vi SeixBel 6m1 IE= [/

I

"Av E kai Z elval ta péou 1dv mievpdv AB kai TA &voc napadinloypéppon ABTA,
va deitete 611 of ebbeiec AE xai BZ tépvouv ) diaydvio AT of onpsie;s 1a dnoia 4
xwpifouv of tpia loa pépn.

7

ivetal tpiyovo ABT pé AT > AB o16 dmolo M elval 6 péco tiic BT, "And MV Ko-
puoR B @épvoupe ebfeia kdbern oti Sixotdpo tic A, N Onoia tépver T dixotdpo
otd A kai v nhevpa AT o106 E. Né deigete 6t : .
AT — AB ~
a) EI’ = A — AB B)AM:-—Z— 1) BAM=90“+-—2—.
6 v kopuen B tpry@vov ABIT gépvoups ebbeia kaBetn othv EEatepikn Sixo

A

A
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Top0 Tiig A, 1| omoia tépver ) Sixotopo abth o16 A xai Ty npoéktaom tiic TAevpic
AT o106 E. "Av M elvan 16 péoo tiig mhevpdic BT, vi Seiete &t :

Q) TE=AB+ AT B) AM= M )EAM:%_

‘P’ 12. X¢ tetpamievpo ABLA-Vopatovue E.Z, H,0 a4 péoa tHvV TALLpOY 'wu _AB,BI,T'A,
AA xai K, Al péou 1dv Siaywviev Tov AT,BA dvtiotoixme. NG deiyfel 6':1
@) Tdﬂinuutu EKHA xdai ZKOA elval maporiniodypappa.
(¢ /B)Oi £i0eies EH, 20O, AK Biépyovial dnd 6 1810 onuelo.

~\ 13BAv KAMP givar 16 mapaiinioypappo mod Exel xopueéc 1a péoa tdv TAsup@dv Evog

etpanievpov ABTA, va deifere 6t1: a) To KAMP &ivalr dpboydvio, dv kai povo

v ol Siaydviol 1o ABIA elvar kdbeteg B) 16 KAMP givan poupoc, v xai povo dv

ol duaydvior 100 ABTA elvar Toeg v) T6 KAMP elvar tetpdywvo, Gy kai povo dv oi
Sraydvior tob ABIA elvai Tosg kai kaBetec.

Suxotopol @ ymi}ubv £€vog mopuiinroyphdupov ABTA oynuatilovv dpboydvio.
i Saydvior 1od Sploywviov adtod elvar mupadhinkes npde tic mhevpéc tob mapuk-
~ Andoypdppov ABT'A kai {oeg pé ) Slugopd t@v mhevpdv tod ABTA. -

[Q}Si dixotopol thv EEwtepikdv yovidy Evog mapalinloypdupov ABIA eyxnuatilouvv!
opboydvio. Oi diaydviol tob dployomviov adtod elvar mupdrinieg npog Tic mAsupég
100 ABI'A xui ioeg pé 16 dBpoiopa tdv nhevpdv 1ol ABIA.

P .
:‘Q 6l Xé dpboyavio ABT'A ovopdlovpe E,Z 16 péoa 1@V mhevpdv tov AB,BIT @vrictoiyng

N

kai A',I"" tig 0pbig mpofoiréc t@v kopuedy tov A kal I’ ot diwydvio BA. Na devyBel
o6t ol ebBeieg A'E kai I'Z elvar kaBeteg.

T’ Eva opboydvio tpiyavo ABT (A = 90“) @épvoupe TN Siapeco touv AM xai 16 O-
yog tov AH. Na éeiete 611 1) yovia MAH eivar i ion pé 1 Sagopd tav OEe1dV Y-
vi@v 100 TpLy®@vov.

8y " Eva épboydvio wiymvo%(ﬁ = 909) pépvoupe 16 Uyog tov AH. Na 3dsitete
v mpdtacn :

" BI'
- =15° =
2 B=15° <= AH 3

Of yovieg B kai A tetpaniedpov ABTA elvar dpBic. "Av K kai A elval ¢ péoa t@v
olayaviov BA xai AT, va deifete 611 KA 1 BA.

- 1pl'rmvo ABT pé ) QEpvovpe 16 Uyog tov AH kai 6voud£ouus M xai P 160 pé-
oa 1dv thevpdv Tov BIC kai AT, Na deixbei 611 HPM =B —T.

@ “Av K-xai A elvar ol 6pBég npoPolric tfig xopmpﬁg A tpiydvov ABIT otiv Eowtept-
xN kai oty eEwtepikn Sixotopo tiig yoviag B, va deikete Gti:
a) Té AKBA elvar 6pBoydvio.

B) "H ebbeia KA elvar mapdAinin npog ) BIN xai Siépyetal énd 16 péco tiig 1:1.:—:0— L

pic AT, [ #
"Eva rapedinloypappo elvar poppog, dv kai pévo dv ol drnootdoelg 1@V anévavrt

whevpdv tov elvar Toeg.

23. "And Eva Eowtepikd onpeio I terpaydvov ABIA gépvoupe 800 kaBeteg ebBeleg £, xai
€2 mo¥ 1) pia tépver tig mhevpéc AB kai I'A otd onpela A kai K kai § GAAN téuver tig
BI' kai AA ota P kai Z. Na deikete 611 KA = PZ,

i
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24, Na Seyfei 6t ol Sugoropol tdv yavidv &vog dploymviov oxnpatifovv teTphywvo.
‘Opoing kai ol dixotdpol 1hv EEwtepikdv yovidv Tov.
tpaniélio ABI'A, mob Exer Paoeig tig AB kai AL, va deifete 61
AB + A < A" + BA.
: @ 26, X' Eva tpanélio ABTA 7| Baon tov AB elvat ion pé t6 G0poropa tdv i napadiniov
nhevp®dv Tov AA kai BN Na Seixfet 611 ol dixotopol 1hv yavidv A kai T TERVOVTUL
ot onuelo tfig AB.
r@ 27. £ gva tpantlio ABCA f Baon tov AT elval dinhaola and t Paon tov AB. Na &eike
e 671 ol Staydvior BA kui A tépuvouv tf didueco of 600 onueia, ta dnoia Tt yxopi-
Lovv of tpia loa pépn.

* Eva tpanélio ABTA, no¥ Exel Paceig AB kai AT, Exovpe AT = 2AB, A=A =900,
dépvoupe 16 tufjpe BH 1 AT mob tépver 1 daydvio AT ot P xal 16 tufjpe AH
7os tépvel TV GAAn Siaydvio BA oté N. Na deifete 611 a) To P elvar péoo tfic BH

B) 'H NP elvar 16 % tfic Paoewg AT

tpanéflo ABIA pé Baceig AB xai AT Exoupue AA = AB 4 AI. Na deifete 611 of
duxotopol TdY Yyovidv A kai A téuvovrat oti BT

30. Kaholpe AA" kai BB 1ig droctaosig 800 onpeiov A kai B and pia edbeic & xai MM”
/ﬁ' v @rndotaon 1ol pécov M tod tuipatog AB ano thy &, Na Seifete 611, dv 1d onpela
A xai B Bpiokovrar npdc 16 1810 pépog tfic €, 06 Exovpe AA’ + BB = 2MM’, évdd
o, dvrd crm.lstc: A koi B Bpioxovral katépadev tiig €, 0G Exovpe | AA"— BB’ | = 2MM’.

‘ X& tetpdmdevpo ABTA gépvoupe tig drootdosig AA', BB t@v kopup®dv Tov A xai
“ B and v mhevpa TA. “Av K elval 16 onpeio topfic t@v ebdeidv, mov Siépyovral Grd
7 T péca t@v anévavil mhevp®dv tob teTpamievpov, kai KK elval 1 @rnodotaon tov
and iV nievpd T'A, va deixPel 61 AA" + BB = 4KK'.

"Ard TV Kopuen A tprydvov ABIT @épvoupe pia ebfsic & xai kahobue BB’ kai I'T”
1i¢ dnootdotis @v B kai I' and v . "Av M elvat 16 péoo i BT kai I elvar 16 pé-
‘oo tfig Siapéoov AA, va deifete 6TL IM = AA/2, |

(Na &€etacBolv 8o nepinthoerg, v 1@ B kai I' Bpiokovial mpdg to idto pépog 1 Eka-
1EpwBeV TG €).*

3

H Z¢ tpanifio ABIA pé Baoeig AB xai AT Exovpe AT = —:— AB. "Av E, Z glvai 14 péoa

16v mhevpdv AB, BT kai H elvar 16 péoo tiig AE, va deitete 61t HZ = [ | AB.

347 Aiverar Eva mapaldinhoéypappo ABTA kai otiv npoéktacn tfic AT npdc 16 pépog
100 I' maipvoupe Eva tufipa 'E = 3TA. "Av K xai A elvar 16 péou 1@dv AE xai BT,
va Seiete 61 10 teTpanievpo ABKA elvar mapadinioypappo.

5.1 Av of tpanélio ABI'A, ol Exel Baceic AB kai T'A, of Slxorbuot TV yovidv Tou A
'\_Jicul A tépvovral ot6 H kai of Sixotopol t@v yovidv tov B kai T téuvoviar 616 K,
va deitete 61 i HK elvar mapddinin npdg tig Pacers.

36. "Eva tpanélio elvar ioookelés, dv xal povo dv ta péoa 1@V mhevpdv Tov elval ko
pupég poufou.

37, Na anodexBel 611 10 ovpperpikd &vog eDBOYpoppon tpipatog g mpdg dEova elvat
foo pé 16 dedopévo.
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EZ

Na anodeiyfel 611 10 cLPPETPIKO EvOg Tprydvoy dg mpdg dEova elvarl tpiyavo Too pé
16 dedopévo.

Na dwetundoete kai dnodeibete avaloyeg npotdoeig yid 1 yovia kai OV kKOKAO.

38. Alverar Eva maporinroypappo ABTA kai Bpiokovpe 16 onpeio A’ = ovuusa A,
Na deibete 611 16 tetpanievpo A'TBA elval ioookelég tpanélio.

39. /Aiveton pia sbBeia &, 800 onpeia A kai B npog 16 1610 pépog tfig € kai 16 onpeio A'=
ocuppe A. Na deiete 611 y1a xd0e onueio M tijg ebleiag & Exovpe AM + MB =
A'M + MB. Mé 11 Borbeia tiig iodtntug adtiic va Ppeite 1 Béom to0 M mave

= oThV &, 714 AV dnoia 16 GOpoiopua AM + MB yiverar 6oo 16 duvatd pikpodtepo.

40,) Aiverar pia ebleia g, 800 onueia A xai B éxatépubev abrtiic kai 16 onpeio A" =ovppe
A. Na 8eikere 611 y1a kG0e onpeio M tfig ebbeiag & Exovpe | AM — MB | = |A'M —
MB |. Mg t Bonbewa tiig iodtntag abtfic va Ppelte 1 Béon 100 M mave oty &,
Y& v 6moie A Siagopid | AM — MB | yiverar doo 16 duvatd peyaritepn.

@Aivatm pia yovia XOW xai 800 towtepikd g onueia A kai B .@ewpobpe Eva onot-
odfrote onueio M tfic OX, &va dmolodfrote onueio N tfig OW kai 1d onpeia A" =
oUppoxA kai B' = ouppoyB. Na deifere 61t AM + MN + NB= A'M - MN+NB".
Mé 1) Bonbeia 1fig iodtnTag adtiic va Ppeite tic Oéoeic tdv onpeiov M xai N, na
Tig Omoieg 10 @Opoiopa AM + MN + NB yivetul doo 16 duvatd pikpdTepo.

6.15 AZKHEEIE ** - $ ®
- T ——— | S —
42/ % Eva tpiyovo ABIC xai AB < AT Oswpobpe 16 péco A tiig mhevpdc AB kai éva on-

ueio E tiig Auievbeiag AB tétolo, hote AE= —AZL "Ané ta B kai E @épvoupe kabe-
TEC oTH Siotopo Th Yoviag A, of érolec tépvouv thY mAeupd AT oté B’ xai E v
avtiotoixmg. Na dcifete 611

o) BE, = Al'; AB.

B} "H ebbeia EE" diépyetar and 16 péco 1ijg BI.

&Ewtepikég Siyotopovg TAV 'y(nvtﬁ‘)v Bkai F Eivm ocvvevlelgka onpeia.

Aivovtat 800 mapadinleg eueels; € Kai & Kol Evd onusio A tiig £. "Ano 10 A pépvou-
pe kaBeto Tufipa AK kai Eva mhayio tufipa AB npdg v €. Téhog Bewpobpe onueio
A tfig € Této10, Mote 7| BA va tépvel 1o tuiipe AK o va onpeio Z kai va Exoupe ZA=
2AB. Na 8cikete 61t ABK = 3ABK.

45.) Aivetur Eva icookerég tpiywvo ABIT kai Eva 6notodfmote onuelo M otiv ntpoéktu-
on tii¢ Pacewg BT ntpdg 16 pépog tob B. "And 16 M gépvoupe ebBeicg~rapaiinieg
npog Tic BA kai AT, ol émoieg Téuvouv Tig mpoektdocelg tdv mhevpdv(TA/ kai AB otd
onueia A kai E. Na Seixbel 671 /| Siapopé MA — ME elvar otabephy (ﬂwsﬁup'rn-m
__Gmbith Bkon 500 M) T

46, Aivetan Eva loookelés tpiyovo ABI kai Eva dnowodfnote onpeio M otv npoékta-
on tiig Paoedg Tov BI™ npdg 16 pépog 1od B. "Av A xai E elvai oi 6pbig mpoPolréc 1ob
M otic ebBeieg AT xai AB, va Scikere 611 1) Siapopa MA — ME elvar otabepn (-
vekaptn dnd 1 0éon 100 M). \

AN
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47. Aiverar Eva lgookelés tpiyavo ABT, &va onueio M ot Baon tov BT kai &va on-
ueio M’ otfiv mpoékruon tfig B npdg 16 puépoc tod B.H K@GBetog mpog T Bl ot6 M
Tépvel i edBsieg AT kai AB otd onueia A kei E, &vi 1| kabetog mpog T BIN 016 on-
uelo M’ tig tépver ot A’ kai E’ dvrictoiymg. Na Seitete 611 :

a) Té &Bpoiopa MA + ME napapéver otalepd, Grav 1o M kiveltat ot BI.

B) "H dwapopa M'A'— M'E’ napapéver otabeph, Stav 10 M’ xiveltar otV Tpoéktaon
tfic I'B.

ﬁB Aivetor pia yovia XOW = 1200 xai 7 Suxotépog tiig OA. *And 16 domtepixd onueio
P tfic XOA gépvovpe ta tufipata PE, PZ, PH xdfera otig OX,0A,0¥ dvriotoixac.
Na Seikete 611 PE + PZ = PH.

49. @ewpoipue 16 mupuriniéypaupo ABTA xai karackevabovpe EE@ and adtd ta terpa-
tove ABEZ, BIHO, I'AIK, AAAM. "Av N,P.ET slvar 16 KEVIpU TtdV TETpaydVAV
abtdv, va deifete 81u 16 oxfipa NPET elvar TETphAY@VO,

50. @ewpobue 16 Tpivavo ABI kai kataokevaloous EEm and abtd ta tetphyove ATZH
xai ABAE. "Av X kai P elvat td kévipa tév TETPAYGVOV abtdv Kai M 16 péoo 1iic BT,
va Seifete 6T 16 Tpiywvo IMP elvar ioooxkerés kal dpboydvio.

51. Aivetar &va mapariniéypappo ABIA kai pia sbPeia & wod SiEpyetul and TV Kopu-
of I kai Exel mpog 16 1810 pépog e tic xopupég A,B,A. Na Seifete 611 1) andotaon
¢ kopuofic A and Tiv £ elvar Ton pé 16 dbpolopa 1@V Grocticeav TGV KOpuo@dv
B xai T énd v e.

52." Mia ebbeia & Sipxetar dnd v xopuen) I" &vég muparinhoypapov ABTA xai Exet
' Exatépmbev abdriic Tic Kopupés B kai A. Né 8eikete 611 | andbotacn 100 A and mMv e
elvay fon pé i Slapopd TGV drocticemy TdV S0 Kopuedv B kai A ané thyv €.

I’ Eva tpanélio ABTA, nob Exer Baceig AB xai A, Exovpe A = A = 900 kai 1 nAgv-
pd tov BT elvar Sinhdoa anod ) Baon tov AT. "Av M elvat t6 péco tfic BT, va Sei-
Eete 611 AMIT = 3MAB.

Mia ebfsia € Exer mpodg 16 1810 pépog e Tig Kopupés £vog tetpaniebpov ABTA, "Av
K elvar 16 onpeio topfic tdv edBeidv, mon SiEpyovial and 1a péoa 1AV anévavtt Thev-
p@dV T0D teTpaniedpov, kai AA’, BB, I'T”, AA’, KK’ elvat of Gnootéoeig tdv onusiov
ABT,AK an6 v &, vi 8eitete 6t AA’ + BB 4+ I'T” - AA" = 4KK".

55. Aivetor pia yovie XO¥ xai Eva Eowtepikd onpeio g A. Oewpodue Eva onueio M
tfi¢ mhevpds g OX kai xadotpe MN thv aréoraon tob M @né tiv OW. Na Bpedel
1l 8éon 100 M otiv OX, 114 thv bmnoia 16 G0poiope AM + MN &lvar oo 16 Suvatd
HikpoTEPO.

56. "Anb ta dxpa A,B &voc tpfipatoc AB pEpvoupe d00 mapdiinles Muevdeiec AX kai
BY ol émoieg vi Ppickoviar otd Siagopetika Hpenineda akpfic AB. Z1iiv AX maip-
voupe €va abaipeto tpfina AA xai ot BY naipvovpe tufipa BE = AA 4 AB. "Ay
M elvat 16 péoo tiic AE, va Seifete 6t | yovia AMB elvar opOn.

57. @ewpolipe Eva dpboydvio tpiyovo ABI (AA = 90°) kai kataokevalovpe EE@ and abtd
16 tetpdyova ABEZ kai ATHO. "Av EK 1 BT xai HA | BT, va Seikete 6t :
@) Ol npoPoiéc tdv tunuatev BE xai TH otfv ebbeia BLC elvar foeg, &vd 16 EK
kai HA Exouv G0potopa tiv mievpd BT,
B) Ta onueia E,AH elvar ovvevbeiaxd.
¥) "Av M elvar 16 péco tob tufpatog EH,  yovia BMI = 900,
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6.16 EIMMANAAHYH KE®AAAIOY 6

. "Eva tetpanievpo Aéyetar mapailnioéypappo, dv kai poévo dv ol dnévavn mhevpég
tov elval mapahinies. Of Paoikég 1816TnTeg £vog mupaAinAioypappov elvat :

— Ol arévavn nievpés tov elvan loeg.
— Oi arnévavn yovieg tov slvan loeg.
— Oi dwydvioi tov dixotopodviar.

Kafe pia and tig idromreg adtég elvar ixav ouvdhkn, yia va elval Eva tetpanievpo
ABT'A mapalinidypappo. Mia tétowa ikaviy cuvOnkn elval akopn 0 ABIA va Exer
Svo anévavt mhevpég tov Toeg xai mapdlinieg. “Eva mapurinioypappo 0a Aéyetar
£i81kOtEpa :

— dpBoydvio, v kai povo dv Exel pia yovia Tov Ophn, onodte Greg ol yovieg Tov elvar
dpbéc. 16 dpboydvio Exovpe Emmiéov 611 ol daydwvior eivar loes. ‘H idomnta
avty elvar kai ikavh ouvlnkn, vid va elvar Eva rapadinioéypappo dpboydvio.

— popfog, v xoi povo dv Exel dvo Sludoyikéc nhevpés tov loeg, dmdte Sheg ol mhev-
péc tou elvar loeg, Lo poupo Exovue éni mhéov 611 ol Swaydvior tEpvovian kabeta
Kai Sixotopoiv Tig ywvies tov. Kabe pia and tic idi6tnteg abtég elvar xai ixavn
ouvlnkn, Y@ va elvar Eva topaiinioypappo poppoc.

— zetp@y@vo, dv Kai povo &v Exer 6ieg tig yovieg Tov Opbig kai Sheg tic nhevpéc Tov
ioeg (dnhadn av slvar ouyxpovog dpboydvio kai poupog). Z16 tetplywvo EYOVHE
gmmiéov 611 of dwaydwior eivar Toeg, tépvoviar kabBera kai Siyotopodv tig yovieg
oL,

. Mé tig id10mnteg tdv mopaiinioypippwv Ppiokovpe tic mpotdoeig :

—H evfeia mod Eviver 1@ péoa §60 nhevpdv tprydvou elvan mapadindn npdg iy tpity
nigvpa Kai lon pi 0 ped ™g.
— Ta péoa 1@V nhevpdv Evog dmorovdiinote tetpaniedpov elvar xopupic mapaiinio-
TPappov.
—'H diapecog Oploydviov Tpry@vov mod avrictoiyel oty Omotcivovoa tov eivar to
oo tijg Oroteivovoag.
—"Av of fva 0pBoydvio tpiymve 1 pia dcia yoviae tov sivar 30° 7 Grévaviy miev-
pa tov elvan 16 pod tfig Omoteivoveag.

“Eniong, dv Exovpe 800 mapaiinieg sbbeles €, kai &;, 6ha ta onpela tfig pdg anéxouvv
v Bie andotacn and thv dAkn kai 1| kowvl dréotacn adt v Aéyetal «anocTacn
@v §bo mapailfiovy. Télog dha 1a onpeia mod iounéxovy and §00 mapdAinies ed-
Beieg PBpiokoviar ot peconapdiinliod tovg.

. Tpanélio Léyetar Eva teTpanievpo mod Exel 00 povVo Amévavtl TAELPEG TOL TapaAin-
Aeg (kai abtég Aéyovrar «B @ o € 1¢» Ttov). I kale tpantlio Srakpivovpe 00 xupakin-
plotika ebBOYpappa TpipaTa. -

— To tpfipa mod Evdver ta péoa tdv pi rapaliniov tievpdv tov, 1o dmolo Aéyeran
Suapcoos tod tpaneliov xai elvar napdhinio npdg tig Paceic Tov xai oo pi 1o e
afporopd tovg.

— To wpfjpa nod évaver td péoa thv Sieyoviov tov, 10 dnolo tlvar rapidinlo mdia
npdg tig faoerg tov kai oo pd v NHubagopd tovg.
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Té tpanalio mod Exer tig pf) mopddinies mhevpés tov Toeg Aéyetan isookerés. L' adtd
ioxbouv ol npotaocelg: '
— Oi yovieg nod npookerviar oty k@be Paon tov elvar ioeg.

— Oi daydwvioi tov elvan loeg.
—'H eblzia mod SiEpyerar and ta péoa tdv Paccov elvar kébetn npog tic Paonic.

Kabe pia ano tig idiotntes adtéc elvar kai ikavA ouvBikn, ¢ va elval éva tpanilio
icookelés.
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70
KE®AAAIO

OENPHMATA ITON KYKAO —EFTEFPAMMENEZ NINIEZ

C .
7.1. Xopdig kai 6-rroo11'||.|u-ra.‘\/‘f Lo \(\)\TUD\
\

‘Opropog : “H andotacn tod kévipov évdg kuki(0,p) ano pa yopdn tov
Aéyeran andotnpe tiig yopdiic.

*Etol améotnpa tijg yopdiic AB &-
vég k0kMO,p) eival 16 kabeto ot xop-
&1 tufjpe OK. “Emedn 16 tpiyovo AOB
givar icookehég kol 10 OK eivar Gyog
tov, G Exovps : AK = KB kai O, = 0,,
omote 0G elvar dkopn AM = MB kai
AN = NB. Acifupe Aoumov 6ti:

OEQPHMA 1. "Av ¢épovpe and 16 kévipo £vog kukh(O,p) edbeia kabetn
rpog T yopdn Tov AB, abdti) Sifpyeton and 6 péco tijg yopdiic kai and o
péco tob t6Eov AB.

Elvar gavepd (&no v ida idi6tnta tod isookeholig tpry@vor AOB)
11 06 @AnBsvouv kai of avricTpogeg mpotaoels :

® “H zibsia mob Sifpyetar ané 16 kévpo &vog kikhov (O,p) xai dmd 16
péco mic yopdiis Tov AB sivan kaBetn oti) xopdi kel Siépyeton ané 6
péco 1ob THE0V AB.

® ‘H sbbzio mod difpyetar and 16 xévrpo £vég kikiov (0,p) kai and 6
péco évég t6Eov AB sivar xa0etn ot yopdi AB kai Sifpyeran énd 16
péco tngG.

e “H dbzia mob Sifpyetar anéd 16 péoo mig xopdijic AB &vég xikhov (O,
p) Koi and 16 péoo tob t6E0v AB Siuépyetar and 16 kévrpo O tod KOKAov
koi glvar kabetn oth xopdi. _

@6 arodsifovpe axdpn ta Oewphpata : > <)

OEQPHMA II. Ato yopdég AB xai T'A tob idrov xixhov (ij locwv kbkhwv)
glvon Toeg, &v kai pove &v ta drostipata tovg OK kai OA clvar Toa,
dnhadfi : AB=TA <= OK=0A.
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'AndS. "Av slvat AB=TA, 161¢ elvar xai
AK = 'A. "Eror Exovpe tpiyOKA — TpLyOAT
(neti OKA = OAT = 900, OA = OI, AK=
=TA) kai dpae OK = OA.

‘Avtiotpégwg, Gv elvar OK = OA, tote Exou-
pe mait  tpiyOAK = tpiyOAD  (iati Thpa
OKA=OAr'=90°, OA=Ol, OK = OA)
Kai Gpa AK = T'A, 6note AB = TI'A.

OEQPHMA III. Mia yxopdf, AB Evog kOKA(0,p) sivar peyalotepn ané
20pdM I'A 1ob i8100 kOkhov (7f isov kikhov), dv kai pévo dv 6 andotnpa
OK tiig AB eivar jixpbtepo ané 16 dréotnpa OA tiig TA.

Anhiodi : AB > I'A < OK < OA.

"Amod. "Av Bewphcoupe xopdh BE = I'A xai kahécovpe OP 16 andotnua mg, 0@ elvar
OP = OA.

"Ag OmoBécovpe 611 AB>TA. Tote 04 elvar AB~>
BE = BK >BP xai o106 1piyevo KBP Exouvps
ﬁ,> K}. 'And abth mpokimtel 611 900—13\1 2
900 —K, =P, < K, xai Emopéverg elvar (oo
tpiyovo OKP) OK < OP = OK < OA.
'AvtioTpogag, g OmoBécovus 6t OK < OA.
Tote eivar OK < OP xai o106 tpiywvo OKP &l-
vat ﬁ, = f([. 'Amo abth mpoxlnrter St 90°—
— ﬁ, =90, — K, = ﬁz =K, kai Emopévag slvar
(o160 1piyovo KBP) KB - BP = AB - BE =
AB >TA.

Mé 16 Oewpfipata adtd petatpémovpe ™ olyKkplon xopddv of chykpi-
G1] GMOCTNUATOV Kai AVTIoTPOPOE.
I AIKHIEIZ 1-7 I

b S e

7.2. EdBcia kai kikAog.

"Ag Bewproovpe Evav kokMO,p) kai ma edbeic & xai dg QEPOVUE Gnod

Iy 1 Ex.F2 Ix. 3
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16 kévipo O 1ol kikhov 16 tpufijpe OK kdBeto otiv . Ma tig duvatég Of-

oelg tob onpeiov K napatnpobpe dtu:

a) To K pnopet va elvor EEotepikd onpeio 1ol kdio(0,p), dnk. va eivar
OK > p (BA. oy. 1). Tote yia kabe diho onuelo A 1ijg & Exovpe OA >
OK > p. "Etol 6Aa 14 onpeia tfic & elvar éEmtepikd Tob kd1o(O,p)
kai 7 e0Beia & 8&v Exer kowvd onueio pé 1ov kOkA(O,p). Mia tétola eb-
Osia Aéyetar EEotepkn £00zia 0T kUKAoL,

B) To6 K pmopei va eivar onueio tof kukA(O,p), dnk. vi elvar OK = p
(BA. oy. 2). Tote yia xabe GAho onpeio A tijg & Eyovpe OA> OK = p,
“Etot 8Aa T GAha onueie tfig € elval mdit EEwtepikd 1ol kdio(0O,p) kai
7 ebbeia € Exer Eva povo kowvd onueio pé tov kukA(O,p), 16 K.

v) Té K pmopel v elvar Eowtepikd onpeio tod kdio(0,p), dniadf v &l-
var OK < p {BA. oy. 3). "Av napovpe t@pa otnv & Tpfjue KE > p, 06 E-
youpe OE > KE > p kai £to1 16 E 04 elvar EEotepikd onpelo 10l kdio
(0,p). T6 tufjpa Lowwov KE tépver 16v kukM(O,p) ot onuelo A (BA. G&.
§ 2.2). *Eniong dv mapovpe otfv & tufipa KB = KA, 8¢ Exovpe OB =
OA = p, 6mote xai 16 B elvar onueio tob xukA(O,p). BAémovpe dnhadi
811 otV mepintoon adt 6 kIkA(O,p) kai 1| elbeia & Exovv dbo kowvd
onueia, 1@ A xoi B, évd dév pmopel va Exovv kai tpito kowvd omueio
(yrati &v my. elyav koo xai Eva tpito onpelo A" mpoég 10 pépog A,
ot 0a eiyope OA" = 0OA = OB=KA' = KB «kui KA=KB=
KA = KA’, nov elvor @dbvato katd 16 a&iopa § 1.6).

Asgikape Lowmov Otu:

Eb0tio xai xiklog Exovv 16 mold d0o kowva onueia.

Eidikotepo deilape 611, dv 1) andortacn tod kévipou O évog kOKA(O,p)
and ua ebbeia e elvar pikpotepn, Ton f) peyaritepn and v dxtiva tov p,
1618 6 KUKA(O,p) ExeL 800, Eva | kavéva kowvd onpeio pé v ebleia & Amo-
detkvietar ebkoda kai 1y aviiorpoen npétaon."Etol m.y. dv pd ebbeia & Exet
8o kowva onueia pé tov kukA(O,p), 1 dndctacon OK tob O and v € elvat
HikpoTEPN Gmd TV dxtiva (yati dv ftav OK = p 1 OK > p, 1 & xai & kv-
xA(0,p) 0a elyav Eva #j kavéva kowvd onueio). “Exovpe Aowmdv telikd v
wpdtacn :

Mia edlcia & Exear dbo, ¥ve 1] kavéva xowvd onpeio pé tév xvkh(O,p),
&v xai povo Gv 1 andetacn Tod kévrpov O and tiv ed0sia & elvan pxpbrepn
ton ij peyalotepn arnd tiv dxriva p.

“Av 1] € Exel 800 kowvd onpela A kai B pé tov kukho, 04 Aéyerar té-
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pvovga tod kikAiov koi 0a Aépe y1” abti 611 tépver Tov kOkAo otd A kai B.
Kabe «tépvovoa» tob kiklov 1| dnoiv Siépyetal and 16 kévipo tov & Aé-
YETUL SLEKEVIPLKT] aia&sia _}\)D
O QN

b
7.3. "Edarnrropévn m Kux)\ou

‘Opopds : Mia ebleioc € 0a Aéyetar f@antopévn kuvkh (O,p), dv xai
povo dv 1 € Exel povo Eva kowvd onpeio pé 1ov kukA(O,p).

'Anéd abtd mov einape oty § 7.2 cupnepaivovps &t 7 ebbeia & Ba slval
£gantopévn 1ol KUKA(O,p), v koi povo dv 1 drdotaon tob kévrpov O and

v € &elvol lon pé v dktiva p. "Av E

gival 10 povadikd kowvo ompelo Tiig €0-

Beiag € kai o kukM(O,p), 16 E Aéyetan

onpeio Enagiic tijg ebbelug & kui Aépe

axopn 611 M & Lpdrrerar ©TOV KUKLO OTO 3
E. "Ola ta dAho onpeia tiig e0feiag & F

eivar E€otepikd tob kdia(O,p).

OEQPHMA : "Av pic g00zia ¢ Zpanterar kukh(O,p) 616 onueio E, 1612 1)
aktiva OE civen xdfetn otiv edbeia e,

"Andd. "Agod kabe o onueio A 1iic £ eivat

gEwtepikd 100 Kk610(0,p), Ba Exovue OA >p,
oniadn OA > OE. "Erol 16 tufijpa OE eivar 10 Ii]
MikpOTEPO TufiHL ol Exel 16 Eva fkpo ToL GTO
O kai 10 dAho othv.ebbeia £ kai v’ adtd OF L &.
E a

Ano 16 Bedpnuo adtd mpoklimToLV
apéowg 16 mopicputa :

® ‘H cifsic mod sivar kabetn o016 dxpo g axrtivag tob kvkh(0,p) &i-
vor Epantopévy tol kidkhou.

® “H eibeio mod sivan kabetn of pia Epantopévn 016 onpeio énapiig Siép-
AETAL Gnd 16 KEVTPO TOU KOKAOUL.

® "Av and 16 xévipo £vig kukA(O,p) pipvovpe £0lsia kabetn of ma iga-
nropévn tov, 1) edleia adth Siépye-
taL Gnd 6 onpeio inagiic.

Téhog koataraPaivovps 611, &v E-
ygovpe Egantopévn & Evég kukA(O,p)
nap@linin mpés yopdi 1ov AB, 16
onueio Einagiic E 0a civar péoo 1ol 16-
Eov AB, yri 1 OE eivar kabetn mpog
™ xopd AB (dgob elvar kabetn otAv mapaAAnin tng ebbeia ).
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- - "')—\
f,N SN [’} Q =
7.4. ’Edantépeveg kikhou amé onpeio.

*Ag Bewpfioovpe Thpa Tig Epuntopeveg £vog kukA(0,p) oth dxpa pdg
xopdfic tov AB (7| 6moia Sév eivar did-
petpog). Of épantopeves abTEG TERVOVTUL
o’ Eva onueio P (4pod téuvoviar ol ka-
Oetec ¢ avtég aktiveg OA kai OB) kai
TG dpBoywvia tpiywve PAO kai PBO mov
oynpatiovrar eivar iow, yroti Exovv
v OP xowvn kai OA = OB. "Etou é-
youpe tig lodTnTes :

PA=PB, P, =5,
Ta v6 e000ypappa tufipota PA xai PB mol dviikouvv ¢” elBeieg ol omoieg
Siépyoviarl ano 16 P kai elvar Epantopeveg tod kukA(O,p) otd A xai B 64
Atyovior WEpantdueva Twjpate Tob wixlov dnd 1 onueio Py, "Etour ol
rapandve iooTnTeg drotedobv TV mpodTucT :

OEQPHMA : Ta épantépevae tpfjpote 1ol KOkhov and Eva enpeio P eivar

ioa xei oynpatilovy iosg yovieg pé th drakevrpiki edbeia mod iépyeran
and té P.

*Enedf otd icookeréc tpiyovo APB 7 diyotopog tfig yoviog tou P
elvar pecokdletog tfig Phoswe, Enetal, dxdun ot 1| OP giver pecokabetog
tijg yopdiis AB. :

7\
) B N
7.5. Tepvopevor kikAol. (N %S\ © Q \(:' \

*Ac Bswpnoovpe Tpia pf cuvevBeiakd onpeia A,B,I kai Tig pecokadé-
TOVG € Kai &, 1@V Tunpdtov AB kai BI'.
Oi elfeleg €, xai & Ttépvoviar (yati
tépvovial 1@ k@feta o' altég TpfipaTa
AB xai BIN) xai 16 onpeio topfig tovg O
givat tétolo, OTE

OA = 0B = Or.

“E1ot 6 k0kLog ToD Ypa@etor pé KEV-
tpo O xai dktiva OA Sitpyetar and 1 onpeio A,B,I.

Aév drdpyet Elhog kikhog Srapopetikdg and Tov kukA(0,0A) nob vi Si-
£pyetat éniong ané ta A,B,I, yioti, v Onfjpye 6 kukA(0,0°A), 0d elyape
O'A = O'B = OT, 8nkadf 16 O" 8a fitav 16 xowd onueio tdv €, Kai €,
xai ovvendg 0 tavtilotav pé 10 O. Aeifope ooy St :
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*Amé tpia pi ovvevCeriokd enpeia Sifpystar Evag kol pove Fvog K\'J.xi.og.

"An6 v mpéracm bt karahoBaivovpe 1L Slo kikhol mov Exovv
tpia xowé onueie ovumintovv. “Etcr 80 Swagopetikoi kKot propel
v Eyovv 16 mokd dvo koiva onpsia.

"Av Bewpnoovpe 800 kikhoug, tolg kukA(K,R) kui kukh(A,p), 16 £0-
Ooypoppo tufjpe KA, mod Exer dkpo té kévipo toug, Aéyetat duakevipog
v KOKAOV.

OEQPHMA : "Av dbo xoxhor pé xévipa K koi A Egovv Fva kowvd enpsio
A mob dév aviiker otilv eblzia KA, téte 0 ¥xovv kai deitepo kowvd onpeio
nod givar 16 cvppetpikd tob A dg mpég Thv KA.
"Andd. "Av mapovpe 16 onueio B = cuppKAA,

N KA 8d elvar pecokdBetog 100 tufjpatoc AB
kai Etol

KB = KA xai AB= AA.

Ol iootnteg wbtég pbg Eaceuirilovy 611 of 800
kUKAoL Biépyovral and 16 B, dniadn 6t 16 B 8
£lvar koo onueio Toug.

Abo kOkAol mob Exouvv 800 kowvd omuele Aéyovial TeEpvOpEvol KOKAoL.
Té e0B0ypuppo tpfjpa mob Exel dxpa ¢ kowvd onpueie dbo TEPVOHEVOV KO-
KLOV AEYETAL KOWH xopdf| TOvs. CATO 16 Mupandve Oedpnpa mpokimiEL
Ot 1 Sudkevipog 800 Tepvopevav kbklev sival peookabetog Tijg Kowvijg
Aopdiic Tovg.

Oa anodeiouvpe bti:

OEQPHMA : Abo kikhot tépvovra, dv kai povo dv 1 Sdkevipéc tovg &l-
var ukpotepn and 16 dfporopa tdv axrivev tovg kei peyahitepn ané T
dagopd 1Gv Gxtivov Tovg.

Andodn: R—p < KA < R + p.

*An6d. "Av Oewprioovpe 800 tepvopevoue kikhove (K,R)) xai (A,p)) pé R > p xai kahé-
ooviE A 16 Eva kowvd onueio Toug, and to Tpi-
yovo KAA Exovue KA —AA < KA < KA +
AA, dniadn

R—p<KA<R+ p.

"Avtiotpbong, dv loxbovv of davicbtntee abtés,
6 anodeifovpe 611 of 8o kixkhol Tépvovral.”Av
kaAéoovpe I' kai A 16 onpeia topfic Tob KOKA.
(A,p) pé v KA, Exovpe (dneidfy KI = KA—p

xai KA= KA+ p):
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KA<R+p=>KA—p<R=KI<R=TI=car. onuelo 100 xdio(K,p). "Axbpa:
R—p<KA=R<KA-+p=R<KA=A=Eor. onueio 100 kdia(K, R).

Téte Spac kabe 16Eo0 TA 1of KukM(A,p) B4 tépver 1ov xOkMK,R) xai 1ot ol 8o kikAot
Exovv 800 kowva onueial.

| Azkwzeiz s-n |

: \
7.6. ’Edamtépevor kikAor. N ]nr (\‘3 Q \C \M) )

‘Opopds : Ado xikhor mob Exovv Eve xai pbévo ¥va xowvé enpeio Lé-
yoviar «Epantépevol KiKAow»,

“Av Exouvue dho Epantopevouvg kokhovg kai kadéoovpe E 16 xowvd on-
peio toug, 06 Aépe St oi kbkhol Epantoviar o6 E i 611 16 E elvar onueio
énagfic Tovg. "And 16 npdro Bedpnpa tiig § 7.5 mpokinToLY Gpécwg oi mpo-
TAOELS !

® Té onpcio inagfic dbo Epantépevov kixlov Bpickstar oty edbzia
nob Sipyetan and T xévipa Tovg.

® "Av §0o kikhor Exovv kowvd onpeio E xai adré avijker oty sdbeia 1
omoia Siépyetan dnd T kévipa tovg, tote ol xixhor Zpantovian o016 E. i g

‘Ag Bswpficovpe howmdv dbo kikhouvg mov Epantovtar otdé onueio E,
1005 kUKA(K,R) kai kukA(A,p) kai g dmobécovpe 811 R > p. @4 Aépe 61t
ol xixAol Epantoviar EEmtepikids, v kai povo fiv SAa 16 onpeia (Extoc
and 16 E) tod xukA(A,p) elvar EEwtepikd onpeia tob kdio(K,R) (BL. oy.
4), &vid Ba Aépe 611 of kOkhot Egantoviar Eowtepikds, fiv kol povo dv dha

Iy 4 Iy 5

6. onpeia (Ektog and 16 E) 1ol kukA(A,p) elval Eowtepikd onpeia 1od kdio.
(K,R) (BA. ox. 5). ITapatnpobpe 611 oAV npdTN mMepintwon 16 onpeio &-
napfic elval Eowtepikd onpelo 1fig Sakévipov KA, évdd ot debtepn mepi-
ntoon elvar éEotepikd onpeio tng.

1. Agydpaocte dEiopatikd 511 kdbe 16Eo mov ouvbéel Eva dowtepixd xal Eva EEwnte
pix6 onueio £vog kukh. diokov (K,R) Exer ué tov xoxho (K, p) Evae kai povo &v xovo on-
pefo.

9 129

Wneptomotr|Bnke amé To lvotirouto Eknmaibeutikng Mohmkrig



GEQPHMA : Ao xixhot Epdantovron, v xai péve dv 1 Srdkevepds toug sivar
fon pé 6 EOpowopa i pé 11 Sragopa tédv axtivev toug. Eidikotepa oi kOkdhot :
‘E@antoviar iEmtepikds <= KA =R+ p.
‘Egantoviar icotepikidc <= KA=R —p.

"Am6d. "Av ol xukAM(K,R) koi xukA(A,p) Epantoviol EEntepikde oTO E, t6te 16 E elvar
onueio tfig diakévrpov KA (BA. ox. 6) xai Exovpe KA = KE + EA

(1)) KA=R+p.

"Avtiotpdgag, dv toybet 1 (I) kai karécovpe E 16 onueio topfic o0 kukh(A,p) kai tfig
Swakévipov KA, 8a Exovpe KE= KA —p= (R + p)—p= R, dnkady o E 0a elvar
kai onpeto 1ol kukAM(K,R). “Etot of 8bo kikhot pantovrar (Gpod Exouv kowvd onueio
éndve ot Sudkevipo) xai Epdntovian Emtepikds, yiatl kafe dhio onueio Z 100 Kukh.
(A,p) elvar EEatepid Tob k81o(K,R), 4pob elvat KZ >KA —p = KZ > (R + p) —p=
KZ > R. "Av ol x0KAot Epanrtovral tootepikds 016 E, t61e 16 E elvar omiv mpoéxtaon
tfig dlakévipov KA (BA. ox. 7) kai Exovpe KA = KE — EA #

(I1) KA=R—p.
"Avtiotpépag, dv ioxver 1 (I1) kai karéoouvpe E 16 onueio toufic Tob kukA(A,p) pé Ty

z

Ixné Ix.7

npotktaon tfig dlakévipov KA, 6a Exovpe KE = KA+ AE= (R—p)+ p =R, dnA.
10 E &lvat xai onpeio tob kukA(K,R). "Etol oi 800 kikhot Epantovral (dpod Exouv kowvo
onueio oty ebbeia KA) kai épantoviar swtepikie, yioti ke dhlo onpeio Z tob kukh.
(A,p) elvar Eomtepikd onue'io\wﬁ k810(K,R), dpob KZ < KA+p = KZ < (R—p)+p =

KZ<R. ‘ NQ\\ QQ—‘\Q\-"—A—)\

7.7. M} Tepvépevor kiKMo,

"Ag brobécovpe télog 8Tt of kukh. (K,R) koi kukM(A,p), pué R > p, Sév
Exovv, kov6 onpeto. Tote Exoupe pia @né tig Svo mepintdoeic :
@) Ta onpeio tob kokA(A,p) sivar EEwtepikd onpeia tob kdio(K,R). Ttiv
nepintwon abt A Suikevipog KA tépvetar and tolg kikhove of 0o on-
E xai Z (BA ox. 8) xai yovpe KA = KE+ EZ+4 AZ =R +p+ EZ
Zovendg
KA>R + p.

B) Ta onueia tod kukA(A,p) elvar éoetepikd onueia tob kdio(K,R). Ztiv
nepint@on adt 1| wpoéktaon tfig Stakévipov KA téuvetor amnd tolg ko-
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Ix. 9

xhoug otd &0 onueia E kai Z (PA. oy. 9) kai Exovpe KA = KE —EA =
R —(AZ+ ZE) = R — p — EZ. Zvvendg
KA <R—p.

*AvtioTpogag, v ioyvel 1 avicdotnia KA >R 4 p §j 7 davicoémnta
KA <R —p, koredaBaivoops 611 oi 8ho kOkAot 8&v Exouv kowvd onueio
(ywati dv elxav &va povo kowvd onpeto, Bd elyope KA =R+ p f§ KA =
R—p, &vd d&v tépvovrav, 0d eixope KA <R+ p xai KA>R —p).
Eidikotepa :

—Av ioyber f| avicétnta KA > R+ p, 6 xukA(A,p) elvar «E€w» dnd 16V
k81o(K,R) yati dv frav «péoan, B eiyope KA <R —p <R <R+ p.
—"Av ioyder 7y avicotnta KA <R —p, 6 kukh(A,p) eivar «pécan otov
k8o(K,R), ywati dv frav «EEw», 04 eiyape KA>R4 p>R>R—p.

~ ~ -
7.8. Kowvi) éparnrropévn 0o kikAwv. \N O\ 15% B v Y

*Opropdg : Mia ebBeia € mob Epdntetar o o kbkAovg Aéyetar kouwviy
2@antoptvn tovg. Eidikotepa &v 7 € Exst éxatépobev abriig Todg 800 ki-
khoug (BA. oy. 10), 0G Aéystar xowi] Eomrepiki] Epantopévn, Evd otV Gv-
tifetn mepintoon (BA. oyx. 11) 06 Aéyetar kowd| iEmtepikn Zpantopéva.

A A

Iyx. 10 Ix. 11 Ix. 12
“Ac Bewpfiaovpe dbo kikroug, tovg kukA(K,R) kai kukA(A,p) kai tig
kowég Eowntepikéc 1 EEmtepikég Epantopevég tovg. “Ag Dmobécovpe dxkopn
St pia ko éowtepiki (7 EE@tepikn) Epantopévn Eedantetal oTolg KOKAOLG
oth A xoi A" kai 6t pia dAAN xown Eowtepikn (1] Efwtepikn) Epanto-
pévn Epantetal otodg kUkAovg oté B kai B'. Td e0Biypoppa tuipate AA
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xai BB, mob Exovv dikpa 16 onpeia énapfic, G Aéyoviar kowvé Eéparntopcva
ipate 1Gv Svo koxhov kel 04 yepoktnpilovia «Eoatepikan 1| «EEote-
pkan, dv aviikovv avtictolya of Eomtepikéc # EEwotepikés Epantopevec.

"Av oi xowég towtepikéc (1) EEmtepiréc) tpantdpeves tépvovtal othd
onueio P, 86 Eyxovpe (BA. § 7.4) PA = PB kai PA’ = PB'. IpocBitovrag
(i doarpdvrag) tic iodtnreg abtég kata péhn Ppickoups AA’ =BB’, dnladn :

Téa xowa Epantépeve uipara 5o kixrov sivar ica.

IMapatnpobpe axépn 61 16 K icaniyer and tlg mhevpég tfig ywviag
APB (oti KA = KB) koi 16 A icanéyer ané tig mAevpés Tfig ywviag
A'PB’ (yiati AA” = AB’). Tote Spwg ol e0feteg PK kxai PA cuunintouv,

vwri Sixotopolv yovies dvrikdpugeg (oy. 10) ovunintovoes (oy. 11).
Zvpmepaivovps Aowmdv Gt

—H edleia mod Sibpyetar Gnd 16 kévipe Sbo kiKhov fépyetar xai

a6 6 onpeio topfig 16V Eowtepikdy kai tEotepikdv EQuntopivav tovg kai
Suyotopel T yovia tovg.

"Av Exoupe Toovg kikdovg (BA. oy. 12). of koivéc EEwtepikéc pantod-
ueveg 8&v tépvovial, GAAG 16 kowva EEwtepikd EQamtopsva TUNpote eivat
ndA {oa (dpod dné 16 dpboydvia AKAA’ xai BKAB' &xoupue AA" /[ =
KA xai BB’ // = KA).

ITapatnpobue téhog 811 otig Siapopeg Béoels tHV dbo KhKAmY napov-
cwalovtar oi EEfig mepuintdoEic :

—"Av ol 8bo kbkhot 8&v Exouv kowvd onpeio kai 6 gvag Ppioketatl péou
" ot6v dAdo (BA. oy 13), t61e ol kbkhot dév Exouvv Koivég E@umTopeves.

Clocleee.

Iy 13 I 14 Iz 15 Ty 16 Iy 17

— Av oi dbo xiklot épdntoviar Emtepikdg (BA. oy. 14), to1e gyovv dlo
xowég Efatepikés Epantopeves kai pie ko Eowtepikh Epantopévn
(mob Suépyetar an6 16 onpeio Enagfic Toug).

— Av ol 8o kikhot Epdanrovrar Eowtepikic (BA. ay. 15), ToTEEYOULV pOVO pic
xown éEwtepiki] Epantopévn (ol Siépyetal dmd 6 onpeio Enapfic Tove).

—"Av ol 800 xOkrot tépvovrar (BA. oy. 16), To1E Exouy Sho Kowvég eEmTe-
PIKEG EQUMTOUEVEG.

—"Av ol 800 kiKkhot 8&v Exouv kovd onueio koi 6 Evag Bpioketa Ew and
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v Ao (Br. ox. 17), tote Exouv o kowvég Efmtepikég Epantopeveg
Kai 600 KOWEG E0MTEPLKEG étpamopavevpr \

71.9. 'Eyyeypappéveg ywvieg.
‘Opropds : Mia yovie mod 1 xopuen tng dviker ¢ Evav kvki(O,p)
xai oi mhevpég tng téuvovy oV kikho Aé-
yetar Eyyeypappévn otév Kikho aitd. E
"Av ol mhevpég pidg Eyyeypoppé-
vng yoviag pé kopuven E tépvouv tov
kUKMO,p) ot@ onpelo A kai B, 0d Aépe
dtL 1 éwsvpupp,avn yovia AEB «faiver
o1d wéko AB» B 1o ré&o AB gaivetat A
an6é 16 E Oné yovie AEB. ‘H émikevtpn B
yovie AOB Bewpeital «anwrmm» Tfig
£yYeEYpOppévNG YoViag AEB. Elvay (puve:po 6, &vdd Omapyer pd Emixevipn
yovie mov Paiver of dedopévo toko AB, Omapyovv Gnelpeg EyyeypappEVES
yovieg mold Paivouv 616 160 adto.

QEQPHMA : Kabe éyyeypappévn yovie elvar 16 piobd tiig Enikevipng yo-
viag no¥ Paiver 16 1610 t60.

AR, Oewpobue Thv Eyyeypappévn yovia AEB xai @épvovpe and v Kopuen tng E

Ix. 18 Ix. 19

™ diépetpo EZ. "Eneidn 1d tpiyovae EOA xai EOB elval icookelt, na tic EEatepikéc
yovieg Tovg AOZ = O, xai ZOB = O, Exovpe (Br.ox. 18, 19)

6. =20BA=26,, (0= 20EB=2E,.
Ilpoaﬂétovmg (fi otiv nepintwon tod ox. 19 q)mpéwmg) katd péhn avtég Bpickovpe
A AOB = ZAEB = AEB = T AOQB.

*And 16 Dedpnpo adté Exovpe duécwg td mopicuata :

— Oi Eyyeypappéveg yovieg nod Baivovv oté 1510 t6Eo (1 of Toa 16Ea) sﬂ-
vor Toec.

— "Eyyeypoppévn yovia mod Paiver of fpukdxiio sivor poi.
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— ’Eyyeypoppévn yovie mod Paiver of t6fo pikpoétepo dnd fpuikixire
elvar 6Egia, Evd Eyyeypappévn yovia mod Paiver of 1650 peyaditepo
amd fpucdkio elvar appisio.

Ztd mopokdto oyfpoto divovtor pé TN oelpld ol EmomTikég eikOVEQ

£ & OO

TV TOPUTAVE TOPLOUATOV.

Eilvar @avepd 611 16 16Ea oth omoia
Baivovv 8o Toeg Eyyeypapiveg ywvieg &i- \
val Toa.’ Ao adtéd katohafaivovpe dpécmng
ot 1@ ﬂ')E,a mob mepiéyovron perald ma-
pariniov xop&&)v_ t:lvm Itm (ymm dv
AB_[}’EA 06 #xoupe AAE = BAA =
AE = BA). \ —

7.10. Fwvia amé xopdi kai épamropévn.

"Ag Osoprioovpe Téhog pia xopdn

AB 1ob kukA(O,p) kai v E@amtopevn

EZ tod xixiouv otd Eva dkpo tiig AB,

m.y. ot0 A. Zynuatifovtal £tol dvo Epe-

Efic yovieg pé xopuvgn té A, pia ofeia
yovia BAZ = (i:\ ot Bewpolpe 6T avri-
otouyel otd KDpTO‘YQ)VlO 16E0 BIA kai pia
agﬁla{u yovie EAB mob Oewpolipe 611 avtiotolgel otd pn xupto'{mwo

w60 BHA. "Av QEPOLHE ATO TO B xopﬁn BO ,/,f EZ, 16 16&a AIB xai AO®

7 erou foa (BA. § 7.3) kai axéun ¢ = ABO = Bl “Exoupe ooy @ = Bl =

E'YYA@ = ay‘yAlB ‘H ioétnta

/ By ¢ = eyyAIB = _A@B O

Ekppaler 16 Oedpnpa : z

‘H yovia q'; mob exmpotiletal and Lopdn £vég kOkhov kai Ty Zganto-
pévn 016 Eva dxpo tne siver Ton pé Eyyeypoppévn yovia tod kiklov mod
Baiver 616 avriotoryo togo 1iic ¢.
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"H yovia ¢, Sniadf | dEeia yovia mod oynuatifer i xopdn AB pé tqv
gpantopévn otd Eva Gkpo g, Afyetar yavie tiig £00siag AB kai Tod
kvkL(O,p). Elvar gavepéd 611 | yovia 1fig edbeiag AB xai tob kvkA(O,p)
uropoloe vi oynuaticlel xai ot dAlo onueio B (ywati, 6mag mpokintel
amd tfv § 7.4, ol Epantopeveg otd A kai B oynuatifovv ioeg yovieg pé
xo0pdn AB).

I AXKHIEIZ 13-22 I

O\

7.11 TNAPAAEITMATA KAI E®APMOI'EZ

1. Ai&ovtm_ﬁﬁo opoxevrpor kikhol pé kévrpo O kai pia £dBeic €, mobd tolg Tépver Kata
oeipd ota onueic AB,IA. Na deyfel én
AB=TA.

Avon: "Av @épouvpe v OK I &, Bd Exovpe
tig looTnTeg (Enedn 1) kabetn and 16 kévipo
npdc Tt xopdn SiEpyetal Gnd 16 péco Tng) :

13
KA = KA, KB = KI. A\ B r /A
‘Apaiphviag  Katd péln  abtéc  Ppiokovpe
AB=TA.

2. E¢ tpanilio ABI'A 1 pq nupﬁlluln n:?u»:upd tov AA elvan Tom pé 1o GOporopa tév Béct:(ov
AB kai AT, v ol yovies tov B kai ¥ elvar dpBéc. Na eryei 11 6 kikhog mod yph-
et pé diapetpo AA Egartetan otiv nievpa BI.

Aben : 'O kbkhog Ba Exel kévipo 16 péoo E 1fic AA xai dxtiva .Ta va deibovpe

6t 6 kixhog abtog €edntetar oth BIN, 64
npénel V' dmodeifovpe Gt | Gnoéctacn Tob
kévtpov E and v BT elvar Ton pé tiv axri- A 8

va tov, dnhadn dv pépovpe EM 1 BT, 8d npé-
mel va deiEovpe HTL
M
AA
EM = 7
"Eneldny 6uwg EM L BT, 0a elvar EM [/ 2
AB//AT. "Etor § EM elvar Sudpecog a4
AB+TA  AA

1ol ABTA xui t01e EM =

2 R

*3. Ozmpoips 600 s0bsieg £, xai &£, tepvopeveg 616 I xai Evav xoxh(O,p).
‘YroBirovpe 6tu 1) &, Tépver T6v kKOkho otd onpeia AA° kai 1) &, otd
onpeia B, B'. "Av aqummcnups Tig i:'yyaypumltveg 'ycuviag tod kikhov
no¥ Baivovy otd oS0 AB kai A'B’ pé eyyAB, xai swA B’, va ds1y0el
o :
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a) "Otav 6 I elvan &‘.ﬂm‘zzpmé onpeio 100 kdro(0,p), Exovpe:
AfB = ewAB - swA'B'

IS) “Orav 6 I zivan é&mapmé onpzio 100 xdio(0,p), Exovpe :

AIB = ]ewAB—swA'B \

Aben : o) "Eneidq §| yovia AIB elvar eEmtepikn o106 Tpiyevo IBA” (BA.

oy. I), 0 eivar 1 Ton HE TO &Bpowpu Tdv 800 &vrog kai arnévavti mg yo-
wvidv IBA" = Bl koi IA'B=A’,. "Eron gyovpe AIB =B, + A" =
swA B+ a'{yAB

B) ‘H 'ymvu:t AA'B = ewAB sivm éémtspucn ol IBA" (BA. oy.1II). “A-
pa elvar AIB = AA'B— A'BB" = éwAB—~swA B'.

4. Oczopodpe dbo kdxlovg, todg kikMK, R) xai
KUKM(A, p), mod Epantoviar EEmtepikd 6Td A. E
"Av edleia £ ipanterar otov kukMK, R) oto
B xai 1| ed9zia BA tépver tov kOkdo (A,p) o1d
E, va deix0el 6 EA 1 .

Aven: 'Eneldn 1@ tpiyove BKA kai AAE

elval ioookeh xai A, = A,, Eyoupe
Bi=A=4,=8

xai ovvendc EA/ [ KB. "H KB Spac elvon xd-

Betn omv &. "Apa xai | EA 0d elvar xa0e-
™ oV £.

K _
T

I
I
I
L
B

*5. @sopolpe dbo tepvépevoug kikhovg kai pépvovpe tic Epantopevég Tovg
ot xabéva anod 1a xowvd enpeia tovg. Na derybel dn:

a) Oi ipantopeves tdv dbo kikhov of kabiva aré T4 wowvd onpsia
tovg oxmuartifovv loeg yovisc. Kabe ma ané tig yovieg adréc ré-
et «yovia t@v §io kikKlov».

B) ‘H yovia tdv 3o xixhov civar nopaninpopatiki tig yoviag mod
Eyev mhevpéc tig dxtiveg mod waralfiyovv of Eva kowvé onueioe
T0UG.
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N\ % WA
“Av 1| yovia ov elvar 6pOi], AEpe 6t ol xbkhor «rtépvovran dp-
Boywviag» ij 6t elvar dploydvior. Na deiyfel b1, liv 800 xixhor eivan

opBoydvior, ol Epantdpeves k@de wixhov otd kowva onpsic tovg Siép-
xovtar andé t6 kévrpo tod dhlov kdklov.

Avben : "Av Bewpficovps dlo Tepvopevoug kOkhouvg pé kévipo K kai
A xai kedéoovpe E kai Z ta onpela topfig tovg, 14 tpiyove KEA xai
KZA elvar Toa (yoti Exovv tig tpeig mhevpéc toug Toeg) kai B4 &xov-

pe KEA = KZA = o (BL. oyx. I). "Ag @épovpe TOpa Ti Epamtopeveg
v dvo kikhwv ot6 onpeio E kol oté6 onpelo Z. Ol Epantopeves oto
E cxmmrigouv yovie AE® = 180° — KEA = 1800 — (Ywori KEA=
AE@ =909) xai éuom)g ol éq)améuevsg o16 Z cxnpuﬂ{ouv Yovia
IZH = 180° — KZA = lSO*’—m “Etol hownév of Svo yavies AEO xai
IZH &lvar foeg kai dv Bécovpe ¢ = AE® = IZH, Exovpe

@ = 180° — .
“Av 800 kOkhot pé kévipa K xai A tépvoviar dpBoywving, dnhadn

dv @ = 90° (BA. oy. II), Exoupe kai KEA = @ = 90° = KEA + KEA=
180°. "Etor oi 2&getfic yovieg AEK xoi KEA elvar nopaminpopartikés
xai oi fpuevBeieg EA kai EA elvol dvrikeipeves.

7.12 ASKHZEIE *

1

[

“Av 800 ioeg xopdés kukMO,p) Téuvovral o onueio 1 (] dv téuvovral otd I oi npoe-
kthoelg tdv xopdav), 1| edbeia OI Sixotopel th yovia t@v xopddv.

. Aivetar pud xopdn AB évog kukM(O,p.) kai td onueia e I' kai A tétola, Gote Al =

I'A = AB. Né 8eifete 6t AOT = AOB kai 81t AOI" < I'OA.

. Aivetar Eva Eowtepikd onueio A 1ob kdi1o(0,p). Na Seifete St 1) xopdi, mov eivar

kabetn otiv OA, elval pikpdtepn and kabe GAin xopdn mov dibpyetal and 16 A.

. "Av Exoupe 800 dpdkevipoug KOkhoug, Hheg ol xopdés tol peydlov kdklov mol E@a-

mrovral otd ukpd kixho elvar loeg.
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5. Na dnodewyBel 611, dv 800 xopdéc &vog kikdov (0,p) Exovv kotvd 16 péco tous, TOHTE
ol xopdég adtég elvar diduerpor. 1

6. @empobue 8o loovg kikhovg pé xévrpa K kai A kai anéd 16 péoo M 1iig KA @épvov-
voupe pia edbeia, 1) dmoia tépver oV Evav kbklo otd onpeia A,B kai t6v Ao ot
onpeia I,A. Na deikete 611 AB = I'A.

7. Alverar pia Siduetpog AB £vog kdkhou (O,p) kai pia xopdf tov T'A. Na Seifete 611
of xopdég AT kui AB Exovv ioeg npoPoréc otfiv ebBeia [A.

a gpantopgévn tod kukA(O,p) téuver o GAhec mapdiinies EpUNTOUEVES TOV OTh
ueia B xai I'. Né 8eiete 6t BOI = 900,

ewpolue pia diapetpo AB évog kukh(O,p) kai Eva onpeio T otiv wpoéktach g
npdg 16 pépog 100 A. "And 16 T pépvoups Npievbeio moh téuver 1ov KKLO of onueia
A kai E tétowe, dote FA = p. Na Seifete 61t EOB = 3A0A.

10" Abo xdKhot téuvovtal otd onpeia A kai B, "Av I xai A slval ta drapeTpikd onueia
700 A otolg 800 kikAoug, va deilete 6L 1) ebbeia I'A Siépyetal anod 16 B.

11. "An6 Eva xoivd onpeio A 800 TepvOpEV@V KUKAGV QEpVOLpE TpdG TH SlaKevIpo &b-
Ogia mapdiinin f dnoia tépver Todg kOKAoUg otd onpeio I kai A. Na 6eikete OTL TO
tufipa I'A elvar dithdolo and th dudkevrpo.

12. Abo xikhot épantovral tEwtepika (ff Eowtepikd) otd onpeio A kai pia eddsiv mov
SiEpyetal and 16 A téuvel 1o0g 800 KUkAoug ot onpeia B xai I. Né deifere 611 of
dvo edbeleg, mob Epantovial otolg KUKAovg otd onusic B kai I' elvar mepAiniec.

AN

13. Abo kikhot épantovrar wtepikd (1] Eowtepikd) otd onueio A kai 8o ebbeie ,mon
Sitpyovtal and 16 A, tépvouv 1ov Evav kbkio otd onueia B xai B® kai tov dhio xi-
kho oté onueie I xai I''. Na deifete 61t BB /[T,

Abo kikhol Epdntovial Efmtepikd otd A kai pia ebleia épantetar otolc §0o KO--
xhoug otd onpeia B xai I'. Na Seifete 611 BAI = 900,

15. Abo kikhot pé kévipa K xai A £pdantovrar Eetepikd otdo A. ®épvoups H1G Omola-
Snnote xopdn AB 1ol kikhou K kai katém 1) xopdh AL L AB tob kikhou A. Na
deifete 61t KB/ /Al

6.\Abo Tgol xikAol pé kévipa K kai A pantovial dEmtepikd otd A. Dépvoupe pua O-
nowednrote xopdn AB tob kbkiou K kai katém 1 xopén AL L AB tob kixhov
Na deikete 611 BI'/ /| = KA.

polue d0o raphiniec xopdéc AB kai [A &vog kukM(O,p) ol émoiec oynpari-

ouv Eva tpanélio ABIA. Na eikete 611 1) yovia mob oxnpatifouv oi épuntopeve; of

8o anévavt kopupés Tob tpaneliov, elvat Ton pé tH yovie @V pf Tapadinkoy Thev-
pév 1ol tpareliov.

ovral 800 kikhol ué kévrpa K kai A, pia dEotepikn épantopévn touc AB kai pic
EowTEPLKN étpum:ousvn TOUg I"A "Av ol &pumtopeves abrég tépvoviar otd I, va
eitete 611 KTA = 900,

9. "Av Exovpe 8o kikioug (K, R) kai (A,p), kahoDE «d@ndcTtacny t@v kOKA@Y 10 MO
Hikp6 e0B0Ypappo tufipe mob @ dkpa tov elval onueia @V dbo KikLov. CATO TOV
opropd abtd elvat pavepd St Sho kbkhot, mob Epantovial fi Téuvovral, Exouv «un-
Seviki andotaon). Né Seibete 6t 1) dndotaon o kikhev (rob & Evag lvat 8w 7
uécu otov GAlo) Bpiokeral mave othiv ebBeia Tod Sitpyetar Gnod 1d KEvipa TOLS.

38 s . 7 1. .
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7.13 ALZKHZEIL **

M¢ Swapetpo thv kabetn mhevpd AB dpboydviov tprydvoun ABI" YPGPOVUE KUKAO.
“Av A elvar 16 onueio, ot Omoio 6 kbkAog adrodg tépvel Thv Dmoteivovoa BIN, va el
Eete 61 N Epantopévn otd A Sigpyetat and 16 péoo tiic Al

empobpe kukMO,p), thv Eégantopuévn & o’ Eva onueio tov A kai Eva onueio I tiig
£. ®épvovpe and 16 T pia edBeia mod tépver 1oV kikho otd B xai I'. “Av 1 Sixotopog
tfic BAL téuvel t yopdn BI o16 I, va deikete Gt ZI = ZA.

Aiverar pia dpiopévn Siapetpog AB évag kbkhov (O,p) kai pia émowwdirote xopdn
10D AT, ®épvoupe and 10 kévipo O ebbeia mupddinin npog thv A kai dvopdlovpe
M 16 onueio ot dmoio M rapdAAnin adth téuver TAv dpantopévn otd I'. Né deifete
61 1 ebbeia MB épanteTal otov Kikho o160 B.

empoﬁw;‘ 800 xdaBeteg xopdéc AB xai TA évog xukA(O,p) ol omoieg téuvovral otd
I xai dvopdafovpe M kai P td péoa tdv xopddv AA xai I'B. Na Seitete 611 —)(

\AA~ ) IM L TBxaiIP L AA B) OM= il Op = A2

l"B
‘%@. Avo xOkhot &@atrovral cn:éﬁA. 0ép§ouue ebleia € mod Epanteral 616 PIKPOTEPO Ki-
kho o’ Eva oideio tov A kai tépver 16 peyaditepo kiklo ota B xai I'. Na dsikete 6t1:

L Epantovial Ecwtepikd, H) AA elval dixotdpog tfic yaviag BAT.

m otﬁv AB va deikete 611
a) "H AE téuver thHv € " Eva onueio 1 tétono HoTE AI AE.
B) Ofi ebBeieg AE wrai BZ tépvovral mave otiv . T

\H Kopupéc Evog tprydvou ABT, 1'!0\] Exer AB < BrI, slvar onueia tod xukh(O,p).
\% TMuaipvovpe 16 péoo M tob 16Eo0v AT kai mv npeﬂoln, tov I otfv mAevpa BI. Na dei-
Eete 6T . - —
\ll_:Bl';AB’ TR Bl"-}z-ABl
. J@ewpotue tetpdywvo ABIA kai 16 ﬁpmﬂxﬁﬂc‘oﬂgﬁduztpo mv AA kai 6la ta
onuela Tov péca 016 TETpdymvo. Mé kévipo 16 A xai dktiva AA ypapoupe 1650 AB,
®oOEYEL Sha @ onpelaitov éniong péoa 616 teTphymvo. Gépvovpe TEROG G Onola-
Bnmora e00eia mob SiépyEtarl and 16 A xai téuvel 16 fukixkhio otd E kai 10 1680
AB o016 Z. Na deikete orl‘\té tufipa ZE elvat ioo pé v dndotaon tob Z and thv thev-
pa AI.

@ "A'o Eva otafepd anpstc}\ﬂ pépvoupe pia dmowadnrote ebbeia €, | dmoia Tépuvel Eva
dedopévo kvkho (O,p) otd\onpeia A kai B. "Av A’ kai B’ elvat td Stapetpikd onpsia
v A kai B, va Seifete dn 1) ebbeic A'B’ Siépyetul dnd otabepd onueio (Sniudn
Sitpyetal and 16 o m’lvt? onueio, drav perafarietar ) ebBeia g).

@ *And Eva koiwvo onueio A B‘QO TEUVOUEVOV KOKADV @épvoupe §0o e0Beleg mov Téuvouy

wov Eva kOkho ota I kai E koi t6v dhho oté A kai Z. Na 8eifete 61 | yovia tav ed-
Beidv TE kai AZ elvar otabgpn (dnhadn elvar ©y e naviote, dnoeodnnote Kai dv
elvar ol ebBeleg mod @épape Grnd 16 A).
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30. Aiveran pic yovia XO¥ xai Eva opiopévo onueio T ot Sixordpo tne. Ocwpoius

)

Evav omolodfrote kikho mol Sitpyxetal ard ta 8o onueia O kai I kai kalobue A xai
B ta onpeio, otd onola tépvel tig mievpée OX xai OW tfi¢ yoviag. Na Seikere 611 16
GOpotopa OA + OB elvar otabepd (Snhadh mapapéver 16 810 kai yid dmolodrimote
Ao xOkho mol Siépxetal Gnd ta onueia O xai I).

Etic mhevpég OX 'ai OY¥ mig yoviag XO¥ wevobvaw 5o onueia A kai B katd
téTol0v Tpodmo, Mhgte t6 dOporopa OA + OB va elvar mavtote oo pé yvaotd pfikog
A. N 3eikete 611/6 kOKAog ol Siépyetar and ta onpeia A,0,B, (6 6molog eivar pe-
tafAntog, apod dEaprital dnd tHv kivnon 1dv A xai B) Siépxstar kai drd Eva dhio
otafepd onueio /111.; Suyotépov i Yoviag.

7.14 El']ﬁﬁNA.AH‘PH KE®DAAAIOY 7

“Av pépoupe &ié 16 kévrpo Evog KUKMO,p) edbeia kabetn of pic xopdn tou AB,
abth 0 mepacel and 16 péco K tiig xopdfig xai &rnd 16 péco M 1ob T6E0u AB. “Etot
¢ tpia onpeld O,K,M elvar navia cuvevBelakd xai pio e00eio, mod Siépyxetar and 16
800, Ba Sitpygral kal ard t6 tpito kai 0 elvar pecoxadetog tfic xopdfic AB.

‘H @ndotacn OK 100 kévipov évog kukAMO,p) Gnd pia xopdh tov Aéyetar arosTnpa

~1fig xopdfic. "Av AB xai I'A elvar 800 xopdég tob i810u kiKhov, Exoupe.
<
AB <2 IF'A <=~ dnootnuo tiic AB ; andotnua tiig TA,

. Abo koKkAoL (K,

dnAadn and M oxéon mod ioxvel yid §0o xopdég mpokdmrtel /| oxéon mob loxlel 1a
1@ AnocTHNGTE Tovg Kal aviiaTpognc.

etal Eyyeypappévn o kokAh(O,p), dv xai povo dv 1 xopuen g elvar
Oxhov xai ol mhevpég tng xopdéc tou.

Mia yovia
onueio tod
— Kabe éyyeypappivn yovia sivar 10 pod tiic Enikevepng nobd Paiver oto (o toEo.
k6 adtd Bedpnua Exovue T4 mopicuata :

—"Oheg ol Eyreypappéveg yovieg mov Paivouv otd 1810 10E0 elvar Toec.

—'H yovia nob Paiver o Hukikho elvar 6pb.

— Dovia &yyeypappévn o€ kuptoydvio (] ui kuptoydvio) toko elvan oEeia (7 aupieia).

. Mia e0Beia £ xai Evag kukM(O,p) Exouv t6 mord dvo kowva onueia .T6 nAfiBog T@V Kot-

v@v onueioy Toug TPOKLRTEL @6 T olykpion Tfig dxtivag p pé Ty dndotacn OK
100 xévrpouy O and thv £. "Etol 1 ebbeia kai 6 xbkhog Ba Exovv:
— Kaviva

wo onpeio, Gv xai povo dv OK > p-

onpeio, &v kal povo dv OK = p (6note xowvd onueio tovg elvar 16 K).
Zmv nepintoon abth 1| ebbeia Aétyerar tpantopivn tod kokhov kai sival kabety
ot6 Gkpo|tfig Gxtivag mod katalfyer otd onueio Emapfic

— &0 xowvi ia Gv xai povo dv OK < p. Tote Aépe 611 1 e0Bela tépver 1OV KO-

xAo. "Av A k@i B elvar ta-kowva onpeia toug, 1 6&eio yovia mod oxnpatiletal and v

ebbeia & kal axd v épantopévn ot A fj 016 B Aéyetar yovia 1fig ebbeiag ki 10 K-

xhov xai loobtat pé pie Eyyeypoppévn otd Kuptoydvio toEo AB.

Kat (A,p) Exouvv 16 moAd dvo kowvd onpeta. Téoo 16 nAfifog Tdv
Kowv@v onpeiov toug 6o kai 1 petagd toug Béom mpokumTel dmd T chykplon tiig
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Sumévipov KA pé 16 dfporopa xai 1M dwagopd tév dxtivev tovg. "Etorl dv R >p,

ol 800 kdkhot B¢ Exouv:

— xaviva xowvd onueio, Gv xai poévo dv KA >R+ p | KA<R —p. "Orav elvar
KA >R+ p (f} dvrictoixa KA < R —p), 6 xukMA,p) Ppioketar «E&om (fj avri-
otoa «péoa») otov KukMK,R)"/

— Eva xowvd onpelo, dv xai uévoz'v KA =R+ pfi KA= R —p. "Otav elvat KA =
R+ p (fi avrictoixa KA =/R—p) & xukh(A,p) Bpioketar EEo (| avriotoixa
péoa) atov kokMEK,R). Eﬂ% nepintoon abdtn ol xikhot Aéyoviar Epantopevor kai
16 xowvd onpeio toug Ppiskeral mdve ot didkevipo KA~

— §bo xowva onpeia, dv wai povo dv R —p < KA < R+ p. Zthv mepintowon adti
ol xOkhot Aéyovrar ﬂ:p.vépzvm kai 16 xowva onueia tovg elval ovppetpika dg ntpodc
1M dudkevrpo. 4

. "Ano Eva onpelo A ol Bpioxetal EEe and tov kukh(0,p) propobue vé gépovpe dvo

Epantopeveg Tod m‘)t'ckou. "Av E xai E’ elvar 14 onpeloa énagfic toug,

— ta tpantopeva gpfpate AE xai AE" sivan loar

— 1} edfeia AO Sixotopel T yovia EAE’ kai elvar pecox@derog tiig xopdiic EE .

Mia ebfeia & 500 Epanterar oé V0 KUkAovg AéyETal Kowvi] E@antopévn tovc.'H ko)

&pantopévn v d0o kikhav Afyetar EEatepkh (1 dvrictoixa tentepxi), dv oi 8vo

kai Sixotopel i) yovia touvs.
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KE®AAAIO |

AMAEZ TEQMETPIKEZ KATAZKEYEZ
—XAPAKTHPIZTIKA THMEIA TPITQNOY

7\

8.1. Mewperpiki) karaokeui). 47 %

Ta yeopetpikd oyfuatoe elval, 6nog einape, pubnpatikég mvornoelg,
kai yid ) pelétn tovg ypnoponotobpe Tig «Emomrixés eixdven Tovg of O-
noleg pig Sievkorbvouv oAV dmokdivyn tdv idothteV Tovg. "Otav Aot-
nov Aépe «katackevalovpey Eva yewpetpikd oyfjpa, évvoolipe &1L oyedid-
Covpe v &momtikn tov eikéva. Td Sud Paocikd ye®PETpIKa oyfuota, T
ebfeia kai 6 kOkhog, kataokevalovtal avriotolye, Smwg elval yvootod, pé
TOV Kavove (yapoke) kei pé 16 dwpnm. ‘O dwphng ypnowonoieital -
koun kai 6tav Bélovpe vé kataokevdoovpe ebBOYpappo tufjpa ico pé diio
dedopévo.

Kabe npétaon, otmv dmoie {nteitor vé kotookevachel Eva yeopetpl-
kO oyflpe and Opiopéve ototyeia tov f| and Opiopéves 1816TNTéG TOL,AE-
veToL yeopetpikd mpoPinpa. “Etol §j «hiom» £vog mpofAnuatog drotelrei-
toL @ 6leg tig dadoyikéc Epyucieg ol KAVOUE, Yl VO KOTUOKELCOUNE
10 (nrodpevo oyfjua. "Av of Sleg tig dradoyikég adtég Epyucisg xpnoipo-
nolobpe povo kavova kai SwaPrtn, Aépe 811 Exovpe «yemperpiki rbony
tob mpoPifpatos 1| yeopetpiki kataokevi] Tob (nrodpevov oyxfpatog'.
Zta nponyodpeve eidape dplopéves Kataokevis, AbTEG elval :

‘— H kotaokevn piig yoviog mod Exel Eva dpiopévo onueio O yid kopuen,
pio 6propévn fpevbeic OX yid mhevpd kai elvar Ton pé dedopévn yo-
via (BA. § 3.2).

1. "H Abon évog yemuetpikod mpoPrnupotog pé kavova kal dwephn Eexivnoe and
tov Mharove (427-347 n.X.). [Todd d@pyotepa, tov 170 kai 180 widva, mpoondbnoav vi
ddoovv Moelg YEOUETPIK®Y mtpofinudtov pévo pé 16 dwafhn fj povo pé 1oV kovdva
Kai dréderiav 611 1d mpoPriuuta mod Advovral pé tov kavove kai 16 Swafntn propodv
vd AvBolv povo pé tov dwaPnn.
“Yrdapyovv npopripata mov Exel anoderybei, 11 8¢ Aivovrar pé xavova kai Swapitn.
“Eva tétoto Glvto npdPinpa elval m.y. 1) dwaipeon piic dmowaadinote yoviag of tpic I-
oo pépn.
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—H xotackevh g ebfeiag mod Sipyetar amd Eva dpropévo onpeio A
kai elvatr TopdAAnin npog dedopévn ebbeia & (PA. § 5.8).
—"H Swaipeon évog uipatog AB of v ioa pépn (BA. § 6.4). % g
s )

8.2. Karaokeuf 1iig peookabérou évég Tpfpartog.

E&povpe ST T Koy xopdh dbo Tepvopevev kikAov elvor kaBetn ot
Suakevipd touvg (BA. § 7.5). "Av 1hpa Oe-
wpricovue dVo ioovg kbkAoug ué Kévipa
K,A xai @ktive p xai keréoovpe EZ v
kown yopdn touvg, 16 oxfipa KEAZ e&l-
var popPog kai f| kowvf yxopdny EZ elvar
pecokafetog tfic Swakévipov KA. MéE
™ Ponbewa tiig 1d16tnTag avtig, mol E-
youy povo oi ioor Tepvopevor kOxAot,
Abvoupe 16 EETiG mpOPANuUL :

Né xatookevacOei 1| peooxddetog £vég 00Uypappov tpipatog AB.
Adben : Mé kévrpo 1@ dxpa A kai B 10D tunpatog AB kai pé omowdnnote dxtiva p
AB
peyaritepn Grd O Tufjpa = Ypagoupe dvo

kokhovg. Adtoi ol dVo kUKAoL Tépuvovral, Yla-
1i 76 GOpolopa @V aktivev tovg elvar peyaii-
tepo amd 1M Sudkevipo AB. "Av ovopdoovpe E
kai Z 16 onuela topfig Toug, N evbeia EZ elvar
(coppove pé TAV mpomyodpevn idtétnta) f pe-
cokdabetog mol Cntdpe.

“YrevOopilovpe 611 kabe onpeio tiig
pecokabétov EZ louméyer and ta dkpo
tob tpfpatog AB. “Etor kdfe kdxhog,
nob ypagetar pé kévipo Eva oOmolodfimote onpeio K tfig EZ koi axti-
va KA, Siépyetal and 16 dikpa A xai B tol tpufpatoc.

g

8.3. T6 mepikevTpo £vog Tprywvou. N kf \

“Ac Beoprioovpe tOpa Eva tpiyovo ABI kai dg @épovpe tig pecoKa-
0étoug v dvo mAevpdv Tov AB kai AT.
Oi pecokdBetor adtég tépvoviar ¢ Eva
onueio O (ywati Tépvovior ol xabeteg
ebDeiec toug AB kai AT), 16 6mofo ica-
néxel 1060 and 1@ A xai B 6co xai and
¢ B xoi . And tig loodtnteg Spwg
OA= OB xai OB = OI' fpickovpe &1L
OA = OT, dnhadf 61 160 O icaméyel
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akopn kai 4mé td onpeia A xai I' kai cvvendc 06 Bpioketar kai ot pe-
cokabeto tfig mhevpig AT. Acifape lowmdv Btu:

— Oi peooxdabetor téhv mhevpdv Evog Tprydvon Sibpyovion and 16 idlo onpsio.

Té onueio O, and t6 bmolo Siépyovrar of pecokddetor THV TAELPGV
&vog tpry@vov ABT, Aéyeta nepikevipo tol Tprydvov adtod. “Av tdpo
KOTAoKELATOUpE TOV KOKAO Mol Exel kévipo 16 O kai dxtiva OA, & KOKAOG
abtég B4 mepdoel ané tig kopupic A, B, T kai Aéyetor mepryeypappévog
kUkhog 016 1piywvo ABI. THv dktiva tob nEPLYEYpappivou kvkiou 6a
T onuewdvovps pé R.

¢ dEuydvio tpwmvo 'EO nepucsvrpo elvar éowtepikd onueio tov yio-
i (BL. ox. 1) 16 t6Ew BT, FA, AB sivon pkpoTEpa GO HpikOKA0 KOi ou-

e e

8 /g

Iz 1 Ix 2 Iz 3

vendg 16 O elval kowvd onusio v ﬁutamnéﬁmv (BI', A), (TA, B), (AB, ).
v nspm’cwcn adt Exouui-: ny. BOT = 2A kai, Gv M elvar 16 péoo tiig
BI, BOM = MOI' = A, ¢ auprvydvio tpiyovo pé apphreia ymvm v
Ao nepikevipo Ppioketol ¥w and 16 -rpwmvo (ol 10 ro?,o BET sivat
peyaditepo Gmd 16 fipkikAio) kai Exovpe BOT = 3600 — 27 (oy. 2). Té-
Log ot dpBoydvio tpiyevo pé kopuer dpbfic yoviag 10 A 16 mepikevipo
ovpnintel pé 6 péoo tiig droteivovoag BT (oy. 3).

“v\ | AIKHIEIZ 1-9 |

8.4. Méoo elBGypappou Tpfiparog.

Mé 11 ysopetpiky katackevn tiig pecokadéton £vog edBOYpappov -
patog AB propobpe va Bpolpe kai 16 péoo tov M, yiati t6 M 06 sivat (BA. oy.
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4) onpeio toufig Tol AB pé 1t pecoxdferd tov. Mid dAAN yeopetpikf Kato-
okevn 1ol péoov M tol tufpatog AB Exovpe pé 6 mpoPAnua tfic § 6.4
b v =2 (BA. oy. 5). Eivar gavepd 6t pé xabe pia and tig mapandve ka-
Tackevég uropobpe va Ppolpe kai tig SWTODG EVOg TpLydvou.
8.5. Té6 Bapikevrpo Tpry@vou. J

"Ag xatackevdoovpe ¢” Eva tpiyovo ABI tig 8o Siapécovg tov BE
xoi T'Z. "Enewdn elvar OBl 4 OB < B + ' < 1800, of 8bo Siapecor 1é-
pvovtatl ¢ Eva éowtepikd onueio @ tod
pryovov. "Av 1| A®@ tépver ) BI otd
onueio A, 0° arnodeiovpe St | AA &l-
vat f| tpitn Sidpecog ol tprydvov pag,
dniadf 61 BA = AT

Ztiv fuevbeia OA raipvoupe tpfipa
OI=A0. Téte of OZ xai OF cuvdéovv 14
péoa dvo mhevpdv otd tpiyova ABI kai ATT avriotoiywg xai Exovpe

ez// = ];I =TZ//IB, @E//=ﬂm=>BE//1F-

2

"Etot 16 oyfjpe OIIB elvar mapadinidypappo (vioti Exer tic dnévavre
nAevpég Tov mapdAinies) kai oi Sidpecoi Tov Sixotopobvrat, dndte BA =
AT'. Aeiape Aowmdv 611:

Oi Siapeoor Evog tprydvov Sifpyoviar @nd 16 6o oqpelo.

T6 onpeio O, oté 6molo Tépvovrar oi Siauecor tol ABIT, Aéyetar
Bapixevrpo 10D tprydvov (7] xai xévipo Papovg tov).

1
*And 16 mapalinidypappo BOIT Exovpe dkopn OA = Al = @A = £
o1 = %@A:AA—AG):—;— OA = AA = > OA xui ehixh OA =
1
AA. *Opoiwg Bpiokovpe (Erneldn OZ= —;—BI = —;— I'O xai ®FE = —;AII"'= ¥
BO) &1 OB = % BE koi O = % I'E. Of icotnteg
2 2 2
BA = TAA’ @B:TBE, @F:TFZ
gxppalovv 611 16 Bapixevepo O Evég tpryd@vov ABI anéyxsr and wabe xopv-
@i tov T4 -:2;— tfic avriotoiyng Swaptcov. A
KatalaBaivoope Aowmdév Sti, dv A
xopicovpe pia Siapeco tod Tprydvov, )
m.y. Thv AA, of tpia Toa pépn pé 8bo on- 8 - r
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peia A kai © (Snhodn dv ndpovpe AA = A® = OA) 16 nhnoiéotepo othv
nhevpd onueio © elvar 16 Popikevipo tobd ABT. “Etol 16 Baplixevipo
£vog tpiydvou elvar mavtote écwtepikd onpsio Tov.

I AZKHXIEIZ 10-13

O\
8.6 Karaokeuf] eGBeiag kaBerng of &AAn.

@d xarackevdoovue td@pa v 0beia mol elvar kdPetn of pid Sedopé-
vn ebleia (| o Eva Sedopévo evBbypuppo Tufina AB) koi Siépyetor and
gva 6propévo onueio P.

"Av 16 P avikel oty & (| 016 ufipa AB), naipvovpe pé 16 Sofhty

Zx. 6 Ty 7 Ix. 8 Iy 9

nog éxkatépwbev 1o P 800 tpfpata PT kai PA {oa pé Eva obbaipeto piikog
A (L. oy. 6) xai katom @épvovpe T pecokddeto tob TuAuatog TA.

Elval gavepd 6t 7y i8ie katackevy ioybel kai tav {ntipe edbeia ka-
Betn o16 Gkpo edBOYpappov TuApatog AB (BA. oy. 7). Zthv nepintwon ab-
™ propodpe Gkoun va eépovpe Eva mAdylo tpijpa KB (BA. oy. 8), va ypa-
youpe t6v kukA(K.KB), 6 dmoiog Ba tépver 16 AB kai o” Eva dAlo onpsio
E, kai va mapovpe 16 E’ Srapetpixé tob E, 6méte E'B | AB.

"Av 16 P 8év avijkel oty €, 9épvoupe ané 16 P mpog tiv edbeia & Eva
mAdylo tufjpo PT (BA. oy. 9) kai ketuokevdlovpe t6v kKukA(P,PT ) 6 6molog
0a tépver MV € ©o” Eva akopn omueio A (yiati 1 arnéoracn tod kévipou P
ano v & elvar pikpdtepn @né v axtiva PI). “H pecokdfetog tiic xop-
8fig TA 1o kbkAov adrob elvar i {ntovpévn eibsia (ywati nepvael and 16
xévipo P 1ol kikiov).

M¢ abth 1) yewpetpikf] Katookev) pmopolpe Vi Qipovpe &nd Tic Ko- -
PLPES Evog Tprydvov ebbsieg kGbeteg otic anévavtt TAEvpéC ToL Kai Vi Bpob-
pe £tol @ Gyn tov. 2

"Egappor. /
Kataokevi] t6Zov mob Exer Sedopévn xopdh xai 65:12:(“ yvoetin Eyyeypop-

7~ pEvn yovia.

“Av divetar Eva Opiopévo £00. tufjpa AB, unopobpe va Ppodpe t6&0
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vog kOkAov, 16 dmofo vd Exer yopdh 6 AB kai kdfe onpeio Tov vi «Phé-

new 16 tpfijpe AB 06 yvoot yovia ¢.

‘H kataokevny adt yivetar g &Efig:

o) Kataokevalovpe pé xopuen 16 B kai
pé mAevpd thV fuevbeic BA md yo-
vie ABI = e, 6mog deiyver 16 oyfi-
po.

B) ®épvovpe THV kdbeto mpég Tt BI
ot6 onueio B xai v pecokabeto €
Tob AB.

v) “Ovopdfovpe 0 16 onpelo Toufic tfig
pecokabétov pé v kabeto ot BI xai yphgovpe tév kukA(O,0B).
"Enetdn 6 xokhog abtdg épantetar tfic BI oté B (dpob OB | BI), A
yovia ABI =@ oxnuotiletal anod xopdn kai épamtopévn tov kai elvar ion
ué érmowdnmote Eyyeypaupévn yovie AEB. Zuvenig 16 00 AEB (abto
dnkadn mod 8¢ Ppioketor otod 1810 Apierninedo pé i BI) elvar 16 {ntou-

pevo. N g\\

8.7. T6 6pBbkevTpo Evog TpLyWvou.

"Ag Oswpficovpe Eva Tpiyovo ABI kai &g katackevicovpe pé TOV
napunave tpoémo 1@ Gyn tov AA, BE,
T'Z. "Ag pépovpe akoun amo Tic KopLeég
ABI' 100 tpiydvov edbeieg mapaiin- K
Aheg mpog Tig dmévavt TAELpEG TOL Kai ~
i dmoBécovpe Gt ol mapdrindes adtég N
tépvovtat ot onueia K, A, P. "Emeidn
¢ tetpamievpa KATB, AATB «xai AT
PB elvar mapohdnioypoppa, Exovue

KA = BI', AA =BI'= KA = AA

KB = AT, BP = AT = KB = BP

AT = AB, TP=AB=AI'=TP,
dniadn 1@ A,B,I" elvar péoa tdv nhevpdv tol tprydvouv KAP. Tlapotn-
pobue thpa 611 oi ebleieg AA, BE, I'Z eival avriotoiywog kaleteg otig mhev-
pég KA, KP,AP 1ol tprydvov KAP (apob elvar xabetsg otig mapdiinhic
toug BI', AT, AB) xai pariota ot péoa tovg. "Agod Aownov ol edBeieg
AAEB,I'Z elvar pecokdBetol 1dv mAevpdv tob tprydvon KAP, 0¢ diépyov-
1oL Gnd Eva onpeio koi Etou:

Oi £00sieg TV Dydv Evog Tpryd@vov difpyovrar ano 16 it onpsio.
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Té onueio adtd, mob elvar onpszio topfic tdv edbeaidv, otig dnoteg Ppi--
okovtal t@ Uym, Aéyetar épBokevipo Tob tprydvov. Elvor gavepd 8t 16
6pBoxevipo tob ABT elvar 16 nepikevipo tob Tprydvov KAP.

Zé dfvydvio tpiyovo i Oym Ppiokovial o Eowrepiké futevheieg
BV yovidv tov kai 16 dpBokevipo H eivar Zowtepikd onpeto tov (PA. oy.

Xx. 10 Ix. 11 Ix. 12

10.). Z¢ approydvio tpiymvo ta ddo Gy Ppickovral o £Ewtepikéc fipiev--
Oeteg 1@V (6Ee1dv) yovidv tov kal t6 dpBikevipd Tov H Ppiokerar EEw and
6 tpiywvo (BA. oy. 11), &vd of dpboydvio tpiyovo ta vo fyn cuprintovy
e tig kaBeteg mAevpég Tov Kai 16 dpBoKeVIPd TOL CuuTINTEL Pé THV Kopugn
i dpbfig yoviag (BA. oy. 12). Ztig dlo mpétec mepimTdOES 16 Tpiywvo
AEZ, mov Exel Kopuéc 1@ Txvn tév dydv, Aéystar dpbké Tpiyovo tob ABI.
i
8.8. Mégo 165ou. Karaokeuf] Tijg Sixordpou ywviag. g
“Ag Omobécovpe 81t piig Sivetar Evag kuxh.(0,p) kai Eva T6Eo0 Tov AB.
Ta va Bpobue 16 péoo A 1o t6Eov AB, Sév Exovpe maph vé @épovpe maiL

E Y
L]

7]

Iy. 13 Ix. 14

h pecokabeto tiig xopdiis AB (BA. oy. 13), dpod Eépovpe Gt 1) pecokdbetog
adt 6a nepdoer 1600 And 16 kévipo Tob kikAov Soo Kai dnd T6 pHéco TOD
T6&00.

I’ abth T yeopetpik kataokevy otnpiletar kol 1 KoTooKevn Tfig
Sugotopov idg yoviag XO¥ (BA. oy. 14). Ipaypatikd, &v kGvovpe M
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yovia X6 énikevipn o Evav xukM(O,p), kaAéoovue AB 16 16€0, 010 O-
molo Paivel, xai A 16 péoo Tov, i fuevbeia OA 06 elvor ) diyotépog oL
Cntipe. “Etor PAémovpe mddr St A Sixotépog tiig yovieg pog Bpioketar
ot pecokdafeto tiic yopdiic AB.

“YrevOopiletor 8t 6ha 16 onueia tfg Sixotépov OA lounéyouvv and
tig mhevpéc OX koi OY tfi yoviag. "Av xataokevdoovpe Aowndv kbxio
nob va Exel kévipo Eva dmolodfnote onpelo K tfig dixotdpov kai dxtiva
v énbéotacn tob K ané pa mhevpa, 6 xixkhog adtég B4 Epdntetar xai
otig 8o mAevpég Tfig Ywviog.

A
8.9. Té6 Eyxkevrpo évog Tpryvou. ){\' :

“Ac Bewpficovps Eva tpiyevo ABI kal &g @épouvpe tig diyotépovg BE
xai T'Z tdv yovidv tov B kai I'. Ol dvo
Suyotopor téuvovtar o Eva onueio [

(ywoti elva EBr 4+ ZfB =— + % =
B+ 1
2
néxel 1600 and tic mhevpég tiig yoviag B s

6o0 koi amd Tig mAevpég Tiig Yoviag i
“Etol Eyovue tig iootmteg IO =TA «kai
I1® = IN, &né tic onoieg Ppiokovpe IA = IN, dniedn Ppiokovpe &1t 16 [

icanéyel xai anod 1:1:; nAgvpéc Tfig yoviag A xai ovvendc 04 avikel xai ot
Siyotéuo AA tfig A. Aeifape Lowmov 81

<B4+ T <1809 16 6mnoio ioa-

Oi Soyotépor 16V yowidv Evég tprydvov Sifpyovtar and té6 G0 onpeio.

Té onpeto I, @nd 16 dmolo Siépyovrar of diyotépor @V yovidv Evog
1prydvov ABI, Aéyetor Eykevrpo tob tprydvov abdtod. "Enedn 16 I icant-
yel amod Tig Tpelg mhevpég ol Tpry@vov, & kikAog ol Exel kévrpo I xai d-
ktiva TV éndotacn tov and pia mAevpd Epantetar otig Tpelg mAevpég Tob
Tprydvov kai Aéyetar Eyyeypappéves xikhog TOD Tprydvov ABI. TAv a-
xtiva tob dyyeypuppévou kikhov B& TV onpeldvovpe pé p. '

8.10. Ta mapaxevrpa évég Tprywvou. ‘\l ! ,

“Ag @épovpe t@pa Tig Sixotdpovg tdv Sbo EEmTEpK@V YOVIGV ABI
kai BI'E 1ob tpiydvov ABI (BA. oy. 15). Ol &bo diyotépor tépvovial ¢~
A+T L A48

2 + 2

-

Nl o

gva onueio I' (ywati slvat Bl +ITB= =A+
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|

= << 180°) 16 omolo ioaméyer and tig mhevpég TV yovidv adtédv. “Etol
Eyovpe I'H =10 kai I'© =TP xai and tig iodtnreg abtés Ppiokovpe
I'H =TI'P, énhadn Ppiokovpe én 16 I' ioaméyer and tic mhevpéc Tiig

yoviog A xai cuvendg 0d dviker ot Sixotépo g, Asifape St Aonoy :

Zyx. 15 IZx. 16

L® Eva tpiyovo 1 ebbeia, mod Siyotopel pio yovie tov, koi oi ebleieg,
nob diyotopodv EEmtepikd tig dbo Hhleg yovies Tov, Sifpyoviar and 16 idio
onueio.

T6 onpeio I', ot6 dmoio tépuvovrar 7 edBeia mob Sixotopel THV A Kai
ol elBeleg mod duyotopoiv tig Emtepikés yYovieg Tov B xai § 2 Aéyetol ma-
paxevpo tod tpiydvou ABT. "Eneidn 16 mapakevipo I” loaméxer ané tic
nheupés TV yovidy A,ABT, BI) E, 6 kOkhog mol yphoetar pé kévipo 1t I’
kai Gktive thv dnéotacn tov I'Q ané ) BL 0d Eedntetar otV TAELPA
BI" kai otig mpoektdoeg tdv AB kai AT. “O kikhog adToc Aéyetar napey-
yeypoppévog kikhog ToD Tprydvou ABT.

Elvor gavepd 6 Exovpe tpeic mapeyyeypappévong xUkAoug otTo Tpi-
yovo ABI, mob xabévag toug 2pantetar of pid whevpd Tob Tpryd@vov kel
otig mpoektdoelg t@v 6vo GAlwv (BA. ox. 16). Ta kévipa Tovg (Tov Eivat
nopakevipo tob tprydvov) 86 onpeidvovton pé I, I, I, xai oi éxriveg
T0VG GVTioTOLXO PE po, Pe, Py.

| AZKHIZEIZ 14-21 l
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8.11. TIAPAAEITMATA KAI E®APMOI'EZ §

1. Né xatackevacOel yovia fon pé 45°, 60°, 30°,
75°.
Aben : o) [d 1) yovie 1@y 45° Ketaokevd-
Covpe yovie XAW = 900 kai i) Siyotopolpe.
Tote 1) SAY = 45°.

B) Ma tig dAiheg yovieg Epyuldpucte Gg £-
Efic: Iynuortifovpe Eva lodmlevpo tpivevo
pé mhevpd Eva odmolodfmote Ttufine BI. To-
& : ABI = 600, T16 B bydvovus v kabern
XB orf BL. Tote : XBA = 300, Téhog &v oé-
povpe 1N Sixotopo tig XBA, thv B8, 10-
e 8BI = 75°.

2. Né xeraokevastel 1 £gantopévn £vog kokhov W
(0,p) ¢" £va onpeio tov A. /
Abon : Ithv mpoékraon tiig dxtivag OA on-
petdvoupe 16 onuelo E, dote va elvat

A
AE = OA. a k.
Tt ovvéxewn @épvoups TN pecokdbeto tod
OE nov elvar 1 2pantopévn tob kixhov, 4 p
yatl elvol kafetn othv aktive ot6 dxpo Lt
e A. T~

3 Té nepikevipo O &vog Tprydvov ABI ' antye Gnd kafe mhevpd tov 16 mod tiig anoota-
oemg Tob opBokévrpov H and _r_fw dmévu\rf

Aden : "Av OM, OZ elvar of dnoctacelg tod O and tic nhevpég BT, AT kai Z,A elvat
14 péoa tdv HA, HB, 8d 8ei&ovue 611 OM = HZ xai OZ = HA.
AB B

*Ano 16 tpiyove AHB xai ABT Exouvpe ZA [/ = = IM//= —‘; = ZA/| = ZIM.
Ta tpiyove épog ZHA xai ZOM Exouvv kai tic @GAAeg mhevpéc Toug mapdAAnieg
(yioti OM L BT, AA 1 Bl =>OM//AA «xai QX 1 AT, BE L AI' = OZ//BE)
xai ouvvendc OZM = HAZ xai OME = HZA. "Qote tptyOMEI = piyHZA xai dpa
OM = HZ = AH/2 xai OE = HA = HBJ2.

15F
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4. "Av 0,0,H elvar dvrniotoiywmg to nepikevipo, 16 xévipo Bapovg xai t6 dpBokevipo Evig
Tpy@vov ABT, 16 kévipo Bapovc © clvar ompcio Tofl edBiypappov tufperog OH tétoto,

dote HO = %HO.

Aben : @empolue 6 §bo onueia O kai H kol 16 péoo M tfic nheuplic BL. "Av kaké-
covpe @ 16 onueio toufic T@v AM kai
kai I, P ta péoa tGv OA xai OH, 04 Exo

(BA Gox. 3)
om//= A%, = 2L S omyl .
Qote 6 IPMO elvar naparinAidypappo

xai ocvvends OM = Ol = IA = AO@ = i

AM = O = xévrpo Bapovg ABI xai O

©P = PH =:-H9=%HO.

‘H ebBeic otiiv Omola avikouvv ‘l’d/ onueia O, ©, H Afyerar «eddeia tod Euler».

v 5.0 h-{erpcuu;{:voq wukM(Lp) Tprydvov I" tpantetan otig mievpés BIL, TA, AB otd
\ onueie AE,Z -dvuotoiywg xai & rapeyyeypappivos wukh(Ia,pa) 2pantetar otig ideg

mhevpéq ot A', E', Z'. “Av siva 1 — S f £T i detbumda:
a) AZ=AE =t—a, BA=BZ=1—§, l"l =TE=1—.

B) AZ'=AE =1
1) ZZ'—EE'—qa, AA'=B—. /

|Abom : a) Kaholpe AZ=AE=1, BA]‘:BZ=v, FA=TE={. Tote Exovpe, (Br.oyx.I).

(0] v+';—u.f.'+x—B.x+w—7

Tipootitovrag aﬁtég Bp(oxouua 2x+ 2y + 2L =a+ B+ y=2t=>x+y+L=1

“Av thpa doaipécovpe and m’)‘rﬂ kaBe pia anod tig (I), Exovue 1=t—a, v T—B,
—f=T—7. [
‘ B) AZ' + AE'= [AB + BZ']+ [AT + I'E']= [y + BA'] +[I3+1"Aj a+I3+T= ZT-

*Eneidn) Spac elvar AZ = AE), 0d Exovue 2AZ = 2AE'=2t ==»AZ AE' =1t
( 1) ZZ = AZ — AZ t—[‘l‘.‘—ﬂ.l—u

AA’ = BA' — BA = BZ' — [t — B] = [AZ'—AB]—{t—B]=[t—y]—[+—B] = p—.

=
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6. L¢ xabe dpBoydvio tpiymve ABT (A=90°) né tig dxtiveg 100 Eyveypappévov kai tHv

rapeyyeYpappévay koxiov loyxbooy oi iodtnres: B

2p =Pp+v1—a, 2pa = a+B+71, 2p6 = a+P—y, 2py = a—P+7.

Avon : a) "Av 6 Eyyveypappévog koxhog Epantetar otig mhevpég BT, I'A, AB ot om |-
8

peia AE,Z (BA. ox. I), 16 oyfipa AZIE elvar tetpdymvo (Ggob tpels yavieg tov elvat
dpBég xai 0o Sradoyikéc mhevpés Tov ioeg) Kai ouvends AE=AZ=p."Exovpe Lonov

p=AE= AT —El=B—TA

p=AB—BZ=y—BA

B) "Av 6 x0kA(la,pa) Epantetar otig mhevpég BILTA,AB ota onpeia A', E', Z (BJL-
oy. II), 16 oxfipa AZ'lq E’ elvar mai terpayovo xai Exovpe -

pa=AE = Al'4-TE' = p+ A’ l

} =2p=p+y—(A+ BA) = B+ it

=2pa= B+ v+(TA + BA)= B+v+a
pa=AZ = AB+ BZ =y + BA" |
7) "Av 6 xoxMIs,p6) Epantetal otig mhevpég B, T'A, BA otd A', E, Z' (BA. oy
II), 16 oxfjua AZ'Ig E’ elvar mddr tetpdyovo xai Exovpe
pe= AE = Al —ET = B—TA’
] = 2pg = B—y+[BA'—TA’] = p—y+a.
pe= AZ'/= BZ —BA = BA' — vy
‘Opoing deixvovpe kai v loomta 2py = o—PB+7.

8.12 AZKHEZEIL *

@Mpte 800 e0BOYpappa tpApata x kai A koi kataokevdote pé adtd: a) ‘loookeléic
tpiyovo ABT mol va Exer Paon BI = x xai Oywog AA = A, B) 'Toookehés 1piyevo
nob va Exel Ppaon BI' = x kai tig GAdeg mhevpés tov Toeg pé A, v) “lobmhevpo tpiyavo
mob va Exer mievpés loeg pé K.
2. VNG katuokevdoste loooxehéc tpanéfio mob va Exel tic Pacelg tov naveo of dvo de- |
Sopéveg mapdrinieg ebBeleg xai loeg pé 8o dedopéva tunuate K kai A.
3. Na xarackevaoete (ié ®avovi kol Siafimn) v dpantopévn &vog kOkAMO,p) and Eva
onueio A EEatepikd tob kiKAov.
4. Né xatacksvaoste xopdn &vog kukM(O,p) 1 dnoia vi Exer Sedopévo onpeio A yid pé-
oo TNG.
e@podpe tpiyovo ABI kai tic Epantépeveg Tob mepiyeypoppévov kikAov 1ov oTig
kopupég tov. "Av ol &pantopeves abrés téuvoviar otd K,AM, va deifete 61 KaOe
/
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yovia 1ob tprydvov KAM elvar noparinpopatikf tod Sinhdoiov pidg 'rmvf.ag 100

ikete 6t Toa tpiyevae Exovv Toovg mepiyeypappévovg kdkiovg.

Ddiverar tpiyovo ABIL kai pépvovps dnd tic xopupés B kol I' edeles kdbetes oth Si-
apetpo AE tob mepiyeypappévou kOkAoL tov. "Av ol kdBeteg adrég tépuvouy 1OV nepi-
yeypappévo kokho ot B kai I, va deigete 6tu 1) xopdn BT elvar Ton pé v mhevpd
BI' xai siépyetar dnd t6 onuelo topfic tdv BIC kai AE. )
8. Geapobpe tpiyovo ABI xai tic xopdéc BB kai I'T" 10D mepiyeypappévov kixhov
1oV, Tig mapdAinieg npodg tic mhevpég AT xai BA. Na deiéete 611 ) xopdn BT elvar
apaAAnin npdg TV Epantopévn 10D MEPLYEYPaupEVOL KUKAOD 010 A.
ivetar tpiyavo ABIL, 16 Oyog tov AA kai 1| Suapetpog AE tob mepiyeypappévou
KOkAov tov. Na deifete 6ti:
@) Ol yovieg EAT kal BAA elva Toec.
B) ‘H yovia AAE elvat ion pé ™ Sagopd thv yovidv B kai [,
| v) *H 8uxotépoc tiic yavias A Suxotopel xai t yovia AAE.
Av ¢’ Eva 1piyevo 8o Sudpecol elval Toeg, 10 tpiywvo elval icookehés.
{ ‘ Oewpobpe tpiyovo ABT kai tig Siapéooug tov AA, BE, I'Z nob Téuvoviat 616 ©. "Av

“K,A;M elvar 16 péoa OA, OB, OT, va deifete 611 16 tpiyavo KAM elvar Too pé 16
AEZ.

SZtic mpoektacels hv Siaptcov AA, BE, I'Z évog tprydvov ABI naipvoupe tufpata
AK = A©, EA = EO, ZM = Z0O, 6nov O elvar 16 xévtpo Bapovg touv. Na Seifete
Gt 16 1piymvo KAM elvan ioo pé 16 ABT.

Nd eilete 811, dv Svo Tpiyova Exouv Toeg pia npog pia tig Srapéooug toug, elvan Toa.

pAv 6 Eyyeypoppévog xokhog Evog tpiyd@vov ABIT Epamtetal of pid mAevpd tov GTod
HEoO g, va deifete 6tL 10 Tpiywvo ABI elvar icookehés.

15. Gewpobue 1p£mvo ABI‘ Eyveypappévo of kukAM(O,R) kai xaiobue A B I 16 péoa
av 165V 8[‘ l‘A AB tob kKukMO,R). Na deikete 611 : L
a) O ebBeiec AA’, BB, I'T" Sitpyovrat and Eva onpeio L
B) "H ebbeia AA’ elvar xabetn ot BT
¥) To6 I elvar dpBékevipo 100 A'BT.
ﬁlﬁ
L

. 'O Zyyeypappévog xokh(l,p) xai & mapeyyeypappévos xukMla ,pa ) Evog tpLydvov ABT
- épantovial o€ kdBe Thevpd TOV of oNUETR CUMPETPIKG Bg TPOC TO PéGO T TAELPaS.

17. T Eykevtpo I évog tprydvov ABT elvat 6pBokevipo tod tprydvov Igls Iy, mov Exer
KOpuYES T4 mapakevipa tod ABT.

"Amd 16 kévipo Papoug @ évog tprydvov ABT @épvouvpe edfeio € mov Exer mpdg 10
1810 pépog tng tic kopupés B kai I'. "Av AA’, BB', I'T” elvar oi anootdoeig TV Kopv-
@dv Tod Tprydvov and thv g, va deikete Btu BB + [T' = AA

{Q "Av H elvan 16 0pBokevrpo Evog tprydvov ABT, vi BEIEEts 6n

) "Otav 16 ABIC elvar 6Evydvio, Exovue BAC = 1800 —

B) "Otav 16 ABT elvat duploydvio pé A > 900, Exovpe BAT = 180° —

¥) "Otav 6 ABT &lvar aupivyévio pé B > 900 #i T = 900, Exoupe HEtRE A
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Oceapobpe tpiyavo ABI &yyeypoppévo of xukA(O,R) lca{ 14 Gw'n tov AA, BE, T'Z,
t6 6mola tépvoviar otd H. "Av ol edBeleg AA, BE, T'Z téuvouv t6v xukM(O,R) otd
] onpeia K,A,P dvtictoiyxeg, vd deifete 6ti:
M - a) Ta K,A,P slvar cuppetpika tob H d¢ ntpodg tic mhevpée BT, T'A, AB.
(j{ B) Ofi xopuoég A,B,I" 10d tprydvov elval péoa 16y t65@V A§ P’R KA.

v) Ta TDW(B\'P KBTI, ATA, PAB elvar davriotoiywg ioa pé 1@ HBI, HTA, HAB.
8) Of mepryeypappévor x0kAor oté tpiyove HBT, HTA, HAB elval Toot pé 1oV Kukd.,
(O,R) xai ovvendg oot kai petagd Touc. /(J {
Av I, Ig, Is, Iy elvar 16 Eyxevrpo xai t¢ mupdkevipa évog tprydvou ABI, va &
x0el 611:

Eir = 90°+—Bi2,r 900_% BlsT = Biy r=%. A7 A

X 8.13 AZKHEEILE **

ivemt Eva Ecbnlaupo tpiyavo ABIT &yyeypappévo of xukMO,R) xai Eva Omolod
nom onpeio M tob togov BI. Na 8eifete 611 MA = MB + M.

esu)poﬁ ’%’tptym\m ABI kai th duapetpo PM 10od nspwa’rpauuévou KUKAOU TOL

TV kabe fiv tAevpa BT (P elvar 16 péoo tod t6E0u BAI‘),’AV P’ xai M’ glvar oi

npoPorts onueiwv P xai M otiv nhevpd AB, va deiete OtL:

a) AP = ' B) AM' — AP' = AB v) AM' + AP = AT

eeo)poﬁue 1piyovo ABI xai ta péoa AE,Z thv ntievpdv tov BT, l"A,.AB. Ztfv rnpo-

éxtaon tiig ZE mpog 16 pépog tod E naipvouvpe tufipe EK = EZ. Na deifete om:

a) To 1pifﬁ)\t/9)/1§{:AK ExeL mhevpég Toeg pé tic Siapéooug ol ABI.

B) T6 cmpsto F: vat kévipo Papovg 100 AAK.

) Oi Sl.d.uscot 1‘00 AAK elvar Toeg pé ta 3f4 tov mhevpdv tod ABI.

i xopuméq hfb/q rptyd;vou ABI Bpioxovral npodg 16 1810 uépog puic edbeiag . "Av

© elvat 16 xévtﬂp Bapoug tolb ABI kai AA’) BB', I'T”, @0’ ol droctdoeig tdv onpeiny

A,B,I',© ard v g, va deifete 611 AA" + (BB + IT = 300"

26. Oeapoipe Eva tpiyovo ABI xai ™ 8yfm€ po AA' 10D mepryeypappévou KOKAov Tou.
“Av H elvar 16 dpBdkevrpo tob Tpiy@von Kai M 16 péoo tiig mhevplic BT, va deifete
Ot v
a) Ta onueic H,M,A elvar ouvevBelakd.
B) “H ebBeia mod &vdver 10 A™ pé 16 péco A tob tunpatog HA Siépyxetar and 10 kév-
tpo Papovg tob ABI.

27. @eopobue Eva tpiyovo ABT, tic Swapétpoug AA', BB, I'T” 10b mepryeypuppévov ki-
¥Aov Tov kai T péca A,M,P 1dv aroctacenv tob dpbBokévipov H and tig xopupig

JB,I". Né 8e1y0ei 611 of ebbeicg A'A, B'M, I'P Siépyovtal and 16 1810 onueio.

Av H elvart6 dpboxevrpo £vog tprydvov, A elval 16 uécro 1ol tuRpotog HA kai M
{var 16 itoo tiic mhevpiic BT, v& SeixBel i HAM = | BT

20N\ Alverar xopdn AT &vog xukM(O,p) kai Eva dnolodhirote onusio A tod 650 IA. A-
16 16 A @épvoups tufijpa AB [ [ = AL tétoto, hote 10 ABFA va elvar mapelindo-
ypappo. "Av A’ elvar 16 Srapetpikd tod onpeiov A, va deifete 61t BA' L AT

=
[
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——— 8.14 EIIANAAHYH KE®AAAIOY 8

1.

(=]

eopobue kukh(0,p), tic Epantopevig tov AA kai AE dnd Eva onpeto A kai Eve «xi-
vnto» onpueio M 1ol 16E0u AE"Av 1l Epantopévn 616 M tépver 16 tufpata AA kai AE
ot onpela B kai I, v& Seitete 611 ) nepipetpog 1ob tpry@vov ABI elvar otaBepn.

Alvetar Eva tetpamievpo ABIA pé kdfetec Suaywviovg, ol émoieg tépuvoviar o16 E.
V P1, P2, P3, Pa Elvan of dxtiveg 1@v Eyyeypappévav kikiov otd tpiyova AEB, BET,
, AEA, va Seifete 611

P+ P2t ps+ p4=Al"+BA—%(AB+ Br 4 TA + AA).

ME t6v Gpo «yEWUETPIKH KaTAOKELH» tvvoolpue TV katackevr &vég YEQUETPIKOD

oxfiuatog poévo pé tov Kavéva kai o Siapnn. Ol Paoikég yempetpikée KOTOOKEVEG

Katd T oepd wob tig cuvavtioupe elvar:

~ Kataokevn pidig yaviag mod elvar fon pé Bedopévn (BA. § 3.2).

>* Kartaokevr ebBeiag mob Siépxetar and onpeio A kal elvar napaiinin npog dedopivn

ebBeia (BA. § 5.8).

;‘:é— Awaipeon Scoopévov tufpatog of v loa uépn (BA. § 6.4).

L Kataokeut ¢ pecokabétov évog edbBiypappov Tufpatoc (otiv Onoia avayeral
" kai 1 ebpean 1ol péoov évdg Tunpatog).

>~ Kataokevn edbeiag mod Siépyerar anod onuelo kai elvar kabetn of Sedopévn ebBeia.

—j:— Edpeon tob péoov évog 16Eou (othv dmoia Gvayetar 1 kataokevn tfig Sixotépon
g yoviag).

i \Zé Eva tpiyavo ABI eldape 611 Sibpyoviar and 16 ido onpeio :

¥ oi uecoxdBetol tdv Tpudv mAevpdv tov. TO Kowvd onuelo toug O Aéyetal mepikev-
tpo 100 ABI xai 6 xukMO,0A) Aéyetar nepryeypappévog kixhog tolh ABIC,

7 Ol Sidpecol 1@V toudY Thsupdv tov. TO KoLvd onpeio toug © Afyetar Papixevipo.
o0 ABI xai Exer tiv Bdtnta vé dnéxer and kade Kopuen 1ol tpLyd@vou té 2/3 tiig
avriotoyng Swapéoov.

Ta tpic Gyn tou. Té kowvé onpuelo tovg H Adyerar bpBokevipo tob ABI Kai of.

. SEuydvio tpiyavo elvar Eowtepikd onueio tou.

— Ol dixotdpor tiv TpIdY YOVIdY Tov. T Kowvd onueio toug I Aéyetar Eyxevipo toi-
ABI xai 6 xikhog mov Exel kévepo 16 I xai dxtiva ™y éndéotac Tov Grd pid rheu-
pa Aéyetar éyyeypappévog xiOkhog tob ABL. ‘O kOkhog abtog Epantetal of Gheg

. tig mhevpég tob Tprydvov.

2-"H ebfeia ol Sixotopel pio yavia Tov xai of svo ebBeieg mol Sixotopolv EEwtepikd

" tic 8o @rres yovieg tov. T onueio la and 6 6roio Biépyetar 1| Sixordpog Tig
A xai of ebbeleg mov Sixotopodv EmTepikd tic Ekai ¥ Aéyetar mapaxevipo tob ABIT
kai & kOkAog mob Exel kévipo 16 Ia kai dktiva v dnodotact tov Gnd T BI A-
Yetar mapeyyeypoppivog kbkhos. Kabe mapeyyeypoppévoc kOxhog Zpantetar ot
uia whevpd Tob tprydvou kai otig TMPOEKTACELS TAV d00 dAAamv.
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FrEQMETPIKOI TOMOI KAl FTEQMETPIKEZ KATAZKEYEZL
XN
9.1. “H Evvoia Toli yewperpikol TéTTOU.

Kdafe olvolo upmopel vi dpiobel, dmog EEpouvps, | pé avaypopr tdV
otoleimv tov f| pé meptypogn @V otoixeimv tov. “Eva onuetocivoro G
06 opiletar pé meprypaoh v otovxeiwv tov, Stav Sivetar pd idomra I
v onueiwv Tov kol TOTE YpageToL

G ={M:I(M)}
8mov M elvar Eva 6motodfnote onpelo tov kai [(M) elvar pud npdtacn mod
dnhdver 611 16 M Exer v ididta I "Etor m.y. 16 onuelochvoro

G= {M : T6 M lounéyer anod ta onpeio A xei B}
[ (M)
noploTdvel T pecokdfeto tob ebBOYpappov tpfuatog AB.
Kabe onpetocivoro G mov dpiletar and pa ididtnra I tdv ororysiov
Tov 0a Aéyetor «yewpeTpikdg Toémog»! TV ompueiwv mol Exovv thv i816-
mta I koi 8¢ onuewdveral ovviopa v.17/I.°And tév dpiopd abtd CUUTEPU-
voupe Gpécwg 6ti:

&

&2

_Z‘.x. 2 Zyx. 3
@ “H pecoxafetog &vog ebf0ypappov tufpatos AB elvol & yesoueTpikog
tomoc TV onueimv mol icaméyovv &nd o onpele A koi B (Br.oy. 1)

1. Ol yewperpikoi tomol avantoxdnkav mpdta othv "Axadnuic tob Midtova (430-
347 n.X.) o cuvbuaopd pé tig dvalutikég kai cuvletikée peBodovg. TApydtepa pé Tovg
yemy. Tomovg doyorOnke & "Anolldvieg 6 Iepyaiog & omolog mepi 16 247 n.X. Eypaye
xai Eva Biphio pé titho «Eninedog tomogy mol Suotuxds 8¢ Siaocdhbnke.
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® “H pecomapdAinlog 8vo mupdAiniov edbeidv €, kai &, sival 6 YeW-
HETPIKOS TOTOG TAV onpeiov mob ioanéyovy and tige, kaie, (BA. oy. 2).
® O xbkhog pé kévipo O kaf dxtive p givar & yeop. témog TdV onpeiny
nob dnéyxovv and 16 O anodotacn Ton pé p (BA. oy. 3).
K
9.2. 'H xapakmpioTik i&iémra.

_. "H &vvoia 100 yewp. témov ovvdéetar, émog sinaps, HE G dpropévn
Ai8totnta I. "Eve onpeoctvoro G 0¢ elvol 6 y.1. t@v onueiov moh £youv
i pd idrotnra I, tav 8ha 16 onpete tov kai povo adtd Eyovv v idotnTa

I, dniad 6tav

I. KéaBe onpeto mov Exer v idiétnta I avijkel ot G.

IL. Kabe onpelo mob aviker ot6 G Exer tqv idotnra 1.

KatohaBaivovpe Aowmév 611, dv Sha 1d onueia évog omnpelocivorov
G* Exovv md idotnra I, adté 86 onpaiver 8t 16 G* elvar GVOYKAOTIKG
6 1. 7./I, yiati pmopet v dnapyovv kai dAke onueia nob Exovv Vv 18oT10
I kai 6év avijkovy o160 G* (koi 1618 16 G* elvar Hrocivodo Tob v.1./D).

Tpd. 1. "Av Bewpfioovpe a edbeia & xai pio GAAn edbeia © napaAinin npodc thv
& ot drnootacn A (BA. ox. 4), 6Aa 1@ onueia tfic T Exouvv v i8otnta I kai anéxovv and
TV £ Grodotacn A.

Iy 4 Zx. 5

*Evtoitolg 1) T 8év elvar & v.1./1, yati Onapyxovv kai dAla onueia mod anéxovv and
™V & Grdotacn A kai &v @vikouy otV 1. At dvikouy oé pid eb0eia 1"/ / € Mol Ppi-
OKETAL TPOG TO dAlo pépog Tfig € (BA. oyx. 5). Zuvends yeouetpikoc tonoc elval 16 OT|UELO-
olvoro tUT',

Ipd. 2. "Av Bsmpncouus S0 ebbeieg %'y kel W'y mod tépvovrar 616 O xai ™ o1-
xotopo OA tiig yaviag xO\v (B%. ox. 6), 6L ta onpela tfig OA Exouv myv idotra I va
ioanéyouv Grd Tig x ¥ Kai yy.

Zxi 6
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*Evrobtolg i OA 8év elvat 6 y.1./I, yuari Onapyovv xai GAla onueia ol icaméxovy
anod tic %y xai vy kai §év dvijrovy othv OA. Adtd dviikouv otic fiuevBeleg OA’, OE, OF
nob Suxotopodv Tig dAheg Tpeig ywvies (BL. oyx. 7) kai cuvends YEWUETPIKOG TOMOC Eival
16 onueloghvoro Tod dmotei\sim} ano6 tig 600 xabeteg e00eieg AA” kai EE'.

TIpd. 3. "Av Exovue éva dpiopévo T0E0 AEB Evog kukh(0,p), 6ha Ta onpeia Tod TO-
Eov Exouv thv 186tnta I va «Brémovvn T xopdh AB pé pid dpropévn yovia @ (BA. ox. 8).

Ix. 8 Zx. 9

*Evtoitolg 16 160 AEB 8év elvar 6 v,7./1, yiati dndpyovy kai dha onpela mold BrE-
novv 16 AEB, On6 yovia ¢ xai 8&v davijkovy otd AEB. Abtd avijkouv of Eva dilo t6E0
AE'B mov elvat ouppeTpIKo Tl AEB ac wpodg Ty ebbeia AB (BA. ox. 9) Kai cuveERdg Yew-
petpikdg tomog elvar 16 ouvoro G = AEB U AE'B.

Ty § 8.6 pdbape nidg katackevdletal kabiva dnod ta TOEa AEB xai AEB, Grav Eé-
povpe to ebfiypappo tufipe AB kai ™ yovia o.

e X

9.3. @epeMdelg TpoTacelg oTolG YEWHETPIKOUG TOMOUG.

IoAAég @opég elvar ypfoipo va Bewpobpe 61t 6 onpela évog yew-
petpikod témov G Swaypapovrar (maphyoviar) amd Eve «kivntd» onpeio
MeG kai tote Aéus 611 16 onuetocivoro G elvar «d YE@UETPIKOG TOTOG
Tol M.

Eivar gavepd 611, dv 16 kivnto onpeio M aviikel ¢” Eva yvwotd on-
petocivoro G’ 16Te & yEwPETPIKS TomOG Tob M B4 elvan yevikd bmoovvoro
100 G, dnhadfy Bd «avijkey oté6 G'. Tvvdualovtag v mapatipnon abti
& Boa sinape otd mponyovpsve, katahaBaivovpe dtt 8¢ ioybovv oi mpo-
TOHOEIG |
\ L "’Av Bva kivntd onueio M dnéyer amé Opropévo onpueio O Opt-

" ouévn dndotacn p, & yeop. tonog Tol M avikel oTOV KOKAMO,p).
II. “Av Evo kivnté onpsio M anéxel and dpiopévn ebbeio & dpiopévn
anéoTacn A, 6 yemp. témog Tob M aviikel of Svo mupdrindeg £d-
Oeieg mpog TV & mob Ppickovral Ekatépwbiv tng of dndotacn A.
~TH, "Av &vo xivnté onpeio M ioanéyet amd Svo dplopéva onpeia A
“kai B, 6 yeop. 16m0g TOU M dvijket o1 pecokdbeto tob AB.
[IV.” "Av Eva kivnto onueio M icunéyel ané 800 OPIGUEVES TEUVOHEVES
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e00eteg X'y xai y'y, & yeop. ténog Tob M dviiker otig o kabeteg
ebfeleg mod diyotopodv tig Téooepig ywvieg tig dmoieg oympati-
Covv of ¥’y xai yy.

V. TAv &va xivnté onpsio M ioanéyel and 8o dpiopéveg mapaiin-
Aeg ebbeleg, 6 yewp. tomog TOD M d@viikel oTH pEGOMAPAAANAT
ebleia Toug.

VI. "Av &va xivnté onueio M BAénet Eva dpiopévo tpfjpa AB pé opi-
opévn yovia @, 6 yeop. t6mog 100 M avikel o dvo Toa t6En Mol
Eyouv yopdn v AB xai déxoviar Eyyeypappévn yovia Ton pé ™
9.

Eidwkotepa, dv Eva kivnté onpeio M Préner Eva dpiopévo Tufipe
AB pé yovia 6pf, 6 yeop. témog 100 M avikel 616V kikAo mob
Exel ddpetpo v AB.

“Otav Lowwdv 16 kivnto onueto M Exel wd anoé tig ihrotnteg tdv npo-
taoewv I-VI, 6 yeop. 16mog tob G Bd elvar yevikd Eva Hmochvolo tol onuel-
oovvolov G mod Gvagépetar otV dvticTorn mpodTAcT. Zuvends yid Vi
Bpobpe 16 yeop. tomo G, dpkel va mpoodiopicovpe 6 onpeie tob G’ mob
punopel va daypdyer 16 M.

9.4. Elpeon évog yewperpikol TémroU.

Té Pacikd pog mpofinpa otolg yewpetpikoic ToHmOLE Elvar va Sive-

Tl b Spropévn i6otnta I kai vi Bpiokoups tév @vrictoi o yewp. 16

mo g, dnadf) va mpoodiopifouvpe 6 onpelochvoro G mob Bha th onpeia

ToL Kai pévo adtd Exovv tHV ididtnta L.

N vé Micovpe Eva tétoto mpoPinua Epyaldpaste cuvifog dg £&fig

— ©cwpolpe &va kivnté M mod Exer thv iS6tnta I

— Ilpoonabobpe vd Seifovpe 811 y16 16 onueio M ioyder wd and tig i-
816t TEg Mob dvapépovion otig npotaceig I-VI tfg § 9.3, dmdte 6 yewp.
tomog G 1ol onueiov M 04 dvﬁkat ot6 onpetochivoro G° mold dvaes-
petal otV dvtictoixn mpodTacm.

— Kortaokevdfovpe 16 onperosivoro G' mob dvapépetar oThv @vtiotol-
xn mpdtaocn tiig § 9.3 kai &erdlovpe v 6ha 16 onuela Tob G’ Exovv v
idiotnta L

“Ag dolpe pepikd mapadeiypato: &

1. Aivetn Eva dpropévo onpseio A xai pié dpropévn ed0eia &. Na Ppedet
6 ysop. tomog 1@V pécov tdOV eb00ypappov THNEGTOVY TOD GUVEEOLY Th oM
pelo A pé 1a onpeia tijc &

Avon : Tlaipvovue Eva omolodninote onueio E tiig & (o%. 10) kai Ppiokovps 10 pé
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co M 100 tpufpatog AE. "Av @époupe 1d tufjpuota AK 1 € xai MI L € dvopdooupe v thv
Opiopévn drootaon AK, and 16 tpiyovo AKE Exovpe

AK v
M= =

Biénmoupe dniadn 611 16 M dnéyxel dnd 1t otabepn ebbeia € otabepn andotaon -;r- Kai

Ix. 10 Ix. 11 Ix. 12

ouvends 6 yewp. tomog 1ol M dvikel (oOppwva pé v npdtacn II tfic § 9.3) of 0o e
Ocieg T kai T mupdrinies mpbde THV £ of dndotacT —;— (ox. 11). Elvar t@pa pavepd 61t

O y.1. Tob M 0é dvijker pévo otijv 1, mod Ppiokerar npdc 16 pépog Tob A, yati 16 onpeia
A xai M Ppiokovtar mavra npdg 16 1810 pépog ol Emnédov dg npdg v ebbeia €.

“Ag¢ mapoupe tdpa Eva dmotodnnote onueio M’ tfig T kai dg dvoudoovpe E” 16 onueio
otd 6nolo | AM’ téuvel thv &. And v lodotnta MT = %éxouue MT//= Az
and abthv katahaPaivoupe 6t 16 M’ elvar péoo tfic AE'. "Etror xafe omuelo tfic T
avnker otd yewp. tomo G, omobte G = 1.

Elvai &niong @avepd 611, dv t6 E 8¢ diaypager 6Loxhnpn thv edbeia & dAld povo.
gva e000y. Tufjpa tiig BT, 6 yeou. 16nog tob M 04 elvar 16 €0Buy. tufijna PE mod ocuvdéer
14 péoa 1dv AB xai AT (oy. 12).

% 2. Aivetar Eva épropévo ompeio A xai ¥vag dpropévog kokh(0,p). Né
BpeOsi 6 yeopstpikog tomog TAV pécwv TdV £OBOYpappov tpnpatov mod
cuvdtovv 16 anpeio A pé ta onpeio Tod kiklov.

xai

Adon : Taipvoupe Eva dmorodfimote onpelo E tod kukMO,p) xai Bpiokovpe 16 péco
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M 1o® tuipatog AE (o%. 13). "Av I elvan 16 péoo tod tuipatog AO, dnd 16 tpiyavo AEO
Exouvue
OE

el il
M= — .

Blénovpe dnhadn 611 16 M dnéxel ano 1o otubepd onueio I otalepn dndotaon 2 kai
ovvendg O yemp. 1omog Tol M 04 dviikel (ohpgaova pé Ty mpotac I, tfic § 9.3) otov KO-
P
KAO (l, T)
“Ag mapouvpe tdpa Eva drotodnnote onueio M’ tob kukh (I, -g_) xai Gg mpoe-
Kteivoupe tv AM' péxpt Eva onusio E' tétolo dote M'E = AM'. "Ané 16

tpiyavo AOE’ 64 Exovue OF — 20M7) = 2 . -2

g’ xal cuvendc 16 E dviikel otov

2
natog AE’ 16 6molo cuvdéer 10 A pé Eva onpelo tob kukA(O,p) Kai Eémopéveg kabe on-

\ kukMO,p). "Etol kaBe onpeio M’ tod kukh (I, 5l elvar péoo évog sbBOYpappov Tui-

pefo tob kukh (l, —g-) GvikeL otov tomo G, dnhadn G = xuﬂ.([, %)

Elvat gavepo 611, dv 16 E 8¢ Saypayer dLoxinpo tov kukh(O,p) diha povo Eva
t0E0 Tov BI' (0. 14), 6 yempetpikog tomog tob M 0d sivar Eva 1o PE 1ot kukh(Lp/s)
nob ta dxpa tov elvar péoa v e0BiYpappmy TuNuAatev AB kai AT,

¥ 3. Aivovtar 3o Toor kikdot pé kévipe 0 kai K kai dxtiva p. Na Ppedet
0 yeopeTpikdg TOMOG TAV enpeiov dné ta dmola pmopoips va pépovpe ica
fpantépeve pipata tpog todg 500 kiklovg.
X Abon : Oewpobue Eva onueio M této0
/ ®ote, dv @époupe T Epamtoueva TUTpOTA
/ MA xai MB mpods tolg 800 kikhouve, va Exouvue
MA = MB. Tlaputnpolpe téhpa &t ¢ dpbo-
yovie tpivave MAO xkai MKB elvar loa (ya-
i MA = MB kai OA = KB) kai cuvendce
MO = MK
Blénovpe dnhadn 81 10 M icaméyel and td G-
kpa 1o Oplopévov tufpatog OK koi ouvendc
6 v.1. o0 M B¢ dvikel (ovpgova pé v npdtach
I zfic § 9.3) o uecokdBeto € tig OK.

“Ag mépoupe tdpa Eva drolodnnote onpeio M Tiic € xai g eépovpe ta étpuma:eva

Tufipate t@v o kikiov M'A’ kai M'B’. Tote 1d dploydvia Tpiyova M'A'O kai M'B'K

[\\ elvmv M'O = M'K xai OA" = KB’) kai ovvendc M'A’ = M'B’". “Etot 1
/{ &pantopeva tufpata dnd kale onueio tfic pesokubétou slval loq, dniadn kabe onusio
1fig € dviikel 616 yeop. t6mo G kai cuven =

.~ 4. Na Ppebei 6 yeoperpikds ténog 1@V piowv THV xopdBV Evig KiKAov
("‘ (0,p), oi dmoieg Siépyovtar énod Eva opropévo onpeio X.

Aben: "Av dvopdoovpe A xai B té dkpa mdg onowodinote xopdfic mob Siépyetar
\_dx/c'.if: Z (ox. 15, 16) kui évdooupe 16 péco M tiic 70pdfic AB pé 16 kévrpo O 0D KUKAOU,
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06 Exovpe OME = 1 8p07. "Etot 16 M Brénel 16 otafepd tufipa O pé op01) yovia xal
cuvendg & yeop. tOmog 100 M (chppova pé thy npotaon VI, tfic § 9.3) 0a davhxel atov ki
kAo mov Exer Sudpetpo v O,

Elkola dwakpivoupe 611, dv 16 otabepd onueio I elval Eowtepikd onueio 1ol kdio
(0,p), 6 yemp. tOmMog Tob M elvar 6rog O kOkrog Slapétpov O (o). 15), Evé dv 16 onueio

x. 15 Ix. 16

Z Bpioketar EEm and tov k816(0,p), yEwpeTpikdg TOMog Tob M elvan povo 1o 16€0 mov é-
vikel otdv kOkLo Slapétpou O kai Ppioketal péce otov kdic(O,p).

5. Aivetan Eva dpropévo t6Eo AB £vog kokA(0,p) kai dné oenpeio E tob
1600 AB oépvovpe tpfipe EM tétoto, dote 16 tetpanievpo EMBA va sival
napariniéypappo. Na Ppebei 6 yeop. tomog tob M, btav 16 E sraypager 16
1680 AB.

Aven : Iapoatnpobue mpdta 611 N yovia AEB
elval yvootfy (kai 0d 1 onuei@vovpe pé @)
mati eival Eyyeypopupévn o Opiopévo TOEO
yvootod KikAou.

*Eneidn 16 EMBA elvalr naparlinhoypap-
uo, 8@ Exovue EM [/ = AB. "Erol, Gv napovue
otV npotktacn tfi¢ AB tufjua Bl = BA, 04 &-
xovue EM /[ = BI xai cvvendic 16 EMIB elvai
gniong mapulinioéypappo. Elvor howmdv (dood
MB /[ EA xai MI//EB),

i AT

BMI= AEB = ¢.

“Etol t& M Brénel 16 tufjpe Bl pé yvooth yovia ¢ kel cuvendg 6 yeop. 10mog Tob M (oip-
pava pé thv mpétaon VI tiic § 9.3) 84 aviikel of dlo loa toEa mod Exovy xopd th Bl xai
déxovral Eyyeypappévn yovia fon pé ¢. Ve

Efikola Stakpivoupe 6t yemp. tonog 1od M elvar povo 16 16€o BOL.

6. Inpelo M xiveltan otiv mhevpd AB Evic tprydvov ABI. Etiv npoi-
ktoon tiig Al kai npég 16 pépog tod I' maipvovps onpsio N tétoro, dote

I'N=BM. "Av cynpaticovps 16 naporinioéypappo BMNA, va Ppebet 6 y.t.
Tob A. -

Avon : Kotaokevdoupe 10 mopoiiniéypoppo BMNA. omoéte 10 A elvan Eva
onueio tob y.1.
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TMapatnpodpe 6t1: AN= BM = I'N &ni.
0 1plyI’NA elvar {oooxeréc, dpa fl = K, ().
Em;tén NA /[ AB, &netai: ANX = A kai
E&meldn 1 ANX elvar EEwtepcn Tod tpiy. NTA,
04 Exoups : XNA i+ Ai= 21"1 apa : A=

M == % ‘H fuevleia [y oxnupoti- &

Cev pé v I'X otabep yovia, dpa /) Dy el-
veL otabepn fuevbeia. T6O A Aowmdv avAker of
otabepn Mpevbeia, dpa koi Sha 14 onusic
10D 7.1,

Iapatnpobue 671, tav 16 M EpleL 016 B,
onueio tob tomov elvat 16 I'. “Otav 6 M Epber
ot6 A xkai napovpe I'T = AB kai pépovue TE//
AB, t0 I 0a elvar 10 édxpaio onuelo 710D
v.1.

“Ag mapouvpe tdpa Eva onpeio A’ tol Tuf-
parog TIEZ. Tlpéner va deifovpe 6t elvar
Kopueny évog  maparinhoypdupov A'N'M'B
6mov 16 M’ é@viiker otiiv AB, 16 N’ otfv npo-
éxtaon tfic Al kai axopun BM' = I'N’. ®ép-
voope A'N'//AB «xai N'M'//BA’, 6énbte
oxnuatictnke 16 map/po. "Enedn A'N’ HAE,,
0 elvar A'N'T= A, xai énedq T = % y
2 , Gpa 16 tpry. TN'A’

icookedég, tipa TN = N'A" = BM",
‘Emopéverg : "0 v.1. mobd {nrobue elvar 16
£00. tufipa I'T.

A

8¢ Exovpe: TA'N =

O
9.5. Inpeiwon: Méypt tdpa oi yewpetpikoi t6mor mov CUVQVTACOUE TfiTav
080, kOkAot, edBeleg 1| pépn e0PeldV. "And TOV bplopd Spmg Evog yewpe-

\/

V]
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Tpikob tomov mpokvmTEl Bt Evag toémOg PmopEl va elval Eva cbvolo pepo-
vopévay onpeiov §j dxopa kai Eva pépog tob Emimédov.

“Etor 6 y.1. t@v onpeieov mov iloaméyovv amd tpeig ebbeleg mold té-
pvovtot avé 8bo, elvar téooepa onueic: 16 Eykevipo kai T MUPAKEVIPL
Tob tprydvov mov oyxmpatifovv of tpeig evbeieg (oy. 20).

"Axopa 6 y.1. TV onpeiov P 1d omola dnéyovv Gnd Sedoptvo onpeio
O anootacn peyolitepn énd opopévo tpfipa a elvar 16 éEwtepikd Tod
kuklikoD diokov (0,0).

9.6. MewpeTpikég kar OK‘EJf‘.‘g_ ﬁé——avahurl;(ﬁ kai ou-vﬁetﬁxﬂ péGo&d;'

I AZKHIEIZ |-13 |

16 kepdlato 8 eldape 6t kdfe npodTaon, oty dmoiv {nteltol va ko-
TackevaoTel pé OV Kavove kai 16 Swafitn Eve yeopstpikd oxfipe, Aéye-
To1 yeopetpikl)  Kataokevn koi pabape tétoleg Gmhéc yempeTpikés Ka-
TAGKEVEG.

Oa Sobpe thpo mhds avripstorilovpe mé oOVOETE YEWUETPLKES KO-
TaoKeLES YpoIponotdvTag uia yevikn pébodo mob yapaktnpiletar dg
«@valvnikf kai cuvBetikiy. ‘H pélodog abth oTig YEWUETPIKEG KATACKEVEG
yopiletar otd &Efig pépn:

o) "Avédven : “YroOéroupe 81t 1o mpoPfinpa pag Adverar xoi Bew-
pobue Evo oyfjpe mod ikavomowsl Gha td Sedopéva Tob mpoPrfpuatog
abtol. Meta npoonafobue pé S1agopes katdAinies mupatnpnoel; Kai xo-
pakelc ypappdv (ebbedv kai kikiov) vé Swaxpivovpe cynpata mov pmo-
pollv vVl KOTAOKELAGTODV pf GMALG YEQUETPIKEG KOTAOKEVEG TOL EEPOLHE.
Téhog, ovvdualoviag tig S1GQopes GMAEG YEQUETPIKEG KATAOKEVES oy Gu-
vavtobpe, dadoyikd, mpoomabobue va gbicovpue ot6 {nrodpevo oyfjpc.

‘H dvéivon Lowmov Exel okomd va pig dmodeiker 10 «exivnpoy kai
yevikd 16 Spopo yid th Avon tob mpoPAnuatoc.

B) Tovbeon (] kataokevi]) : “H obvbeon elvar axpipdc 1| dvriotpo-
on mopeia Tiig Gvoliceng kai odcracTikd | Abon tob mpofinpatoc. Zm
GcOVOEST KaTaOKELALOVHE oTadlakd T6 CYNHATE TOD CLVAVINGEME OTHV
dvaivon koi 68nyodpacte 1ol Bfjpe mpog Piipe otd {nrodpevo oyfijpo.

v) *An6delEn : Aot dhoxinpdoovpe T ocOvBeon, GmodelkvOOUpE
&1L 16 oyfijne mob Kataokevdoape Exel dha 6 otorxeio mob pdg d6Bnxav
kai ikavomolel 6Aeg tic ouvBiikeg mol pdg TéBmKav.

8) Awepedvnion : Mé 10 Sedopéva tob mpoPAnpatog elvar Suvatdv va
kotaokevdlovial meplocotepa Gnd Eva oyfpota §j vé piv Katookevaletal
oxfipe H dvafftnon tév cuvlnkdv nob mpénet v ikavomololy td dedopéva,
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16 va Omapyel Aoom, kai 7| dvedpeon Srwv t@v Aoeev drotelobv Tf
«diepebvnonyn tod mpofifuatoc.
“Ag Zpuppooovpe 16 mapandve of GrhEG TEPINTACEL KOTAGKEVTIG TPL-

yhvov. Nv(\ < Oﬁ

9.7. "AmrAég TIEPIMTWOELG KATAOKEUTG TpryWvou.

1. Né xateckevootel £va tpiyove ABI' mob va ¥xs tig 800 mhevpic
tov AB xai AT ioeg pé dcdopéva tpijpa-
te A kKoi p  dviietoige xai tl] yovia
w0V A fon pé dedopévn yovia q)

"Avalvon : "Eomw ABIT 16 tpwo.wo nou
{ntdpe xai mod Exer: AB= X, AI'=p, A= (p

IMMoputnpobue 611, dv mapouvpe ndve o1o
éninedo Eva onpeio A kel pé kopuen adtd oxn-
paticovpe yovia xAy = @, Gpkel otig mhev-
péC NG V& mapovpe Thpa tuNpota -AB = A kai
ATl = p.

Zivleon : Mé kopupf Eva onueio A ko-
taokevalovps pio yovia xAy Ton pé M ¢. Me-
14 naipvoupe otic mAevpéc g Ay kai By dv-
tiotoiga tuhpata AB = A kai A= p, émote
0 ABIT elvar tO {nroduevo tpiyovo.

"Anodeiln 1 "Anin.

Awepedvnon : Tpénet va elval ¢ < 2 oph.,
apod 1 6 elvar yovia tpry@vou. Elvar @uvepd
&t1, Omovdfmote kai VG KOTAOKELAGOULME TH
yavia AA, 6ha 1@ Tpiywve woO mpokdmToLV
pé 16V Tpomo abtd elvar petadd toug Toa. I albtd Aépe 611 Eva POV TPIYOVO KUTUGKEVG-
w:(sw moU pdg dhoave.
- = ——— — -
2. Né& xotookevaotel Eva tpiyovo ABIT mod va Exal TV mhevpa Tov
BT lom pt dsdopévo tpqm: A xai 1ig yovieg tov Bxai I' ¥ iogg avriotoiymg pé
Sedopives yovise © kai 6.

"Avaiven : "Ectw ABIC 16 {ntoluevo tpi-
yovo. IMaputnpobpe 811, dv ota dkpo Evog Tun- F
patog BI' = A oxnuaticovps mpog 1o 1810 fut-
eninedo yovieg loec pé @ xai 0, #xel mod 0a
tunbodv ol GAreg mhevpéc TV Yoviav 0d Exou- [0}
HE TNV KOpLRT A. a

Zovleon : [Muipvovpe Eva tufjpa (oo pé 1o
A kai dvopdlovpe 1@ Gxpa tov B kai I'. Meté,
HE xopupn 0 B xai mhevpd TthAV fuevbeia BI
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kataokevalovpe yovia ton pé v © xai pé xo-
puen 16 I kai nhevpa v Auevdeic I'B kata-
okevalovpe ymvio lon pé thiv 9 (otd 1810 fpL-
eninedo @¢ npog T BI). "Av dvopdooupe A 16
onuelo otd Omoio téuvovrar ol Ghleg mhev-
péc tav yovidv adtdv, to ABI elvar 16 {ntov- A A
HEVO TPIY®VO.

"AnoderEn @ "AmLA.

Awepeidvnon : 'Enetdn of yovisc o xai 0 0
avikouv of tpiywvo, npéner: o + f<2 oph.
Katd 14 dlha t6 mpoPinua Exer pio lﬁ_m].

Znp. "Av &vog tpry. ABT yvopilovpe tig
8o ywvieg tov, 161 Yvwpilovpe xai thv tpitn. X 0 7
Elvai 1| mapaninpopotiki 1ol @Bpoicpatog tdv
800 GAhmv.

3. Na katackevactel £va tpiyovo ABI mob va xeu tig mhevpégtov BT,
AB, AT icgg dvriotoixmg pé dedopéve tpnpata A,p.p.

Avon : TMaipvovpe &va tpfipa ico pé A
kai dvoudlovpe ta Gkpa tou B kai . Meta ypa-
@ouvpe toi¢ kOKhovg (B,p) kai (I,p). "Av ovopa-
covpe A 16 Eva onueio topfis tovg, 10 ABI el-
vor 1o Entodpevo tpiywvo.

IMé vé tépvovtol dpmg of dvo kdxkot (8n-
Audn yid va Exel Aoon 16 mpofinua) 04 npénet
té Tpfpota Au,p, mob pic dhoave va elval té-
toia, Hote p—p<h<p-tp.

Tthv nepintwon avti, 6rwg elval mdl ga-
vepo, Exoupe pia kai povn Aoon.

Mud moAD xphAciun REpinT@cn Katackevfic tprydvov elvar A EEfig:

& katackevaotel tpiyovo ABI mob Exer tig mhevpés tov AB xoi
iosc avristoiymg pé dedopéve tpipate ) kai p koi ti yovie tov B ion
pé dedopévn yovia .

- Aben : Iaipvovpe pd Fovie ton pé v

@ xai ovopdfovps B TRV kopuen Tng. Metd,

naipvoupe ot pd mhevpd e BY tufijne BA =

A kai pé xopueh o A kal axtiva p ypagpouvus

KkOKLO. "Av O kokhog Tépvel Thv GAAN mAevpd

BX tfic yoviag o” &va onueio I, 16 ABI elvan
16 {nrovpevo tpiywvo.

“Av 6 kOKkhog (A, p) Téuverl v mhevpa BX ot

xai 616 onpeio I, tapatnpodus 611 16 Tpiymvo >
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ABI™ (16 d6mofo 8év elvar Too pé 16 ABIN) elvar &niong Abon tob npofrfuatog, SnA. 16
npoPfAnua otiv nepintwon adth déxerar d0o Adoels.

“Av 6 xOkhog (A,n) Epantetar otn BX, Exovpe md Abon (dpboydvio tpiymvo), Evid
av 6 xOkhog (A,n) dév tsuvm v BX, 16 npdPfinua 8év Exer Abon.

p Al ¥
5. Kataokevig moymwou TPYHOVoL.

Né xatackevactei 6ploydvio tpiywve 1ol droiov divovian :

a) Ol 800 kabeteg nhevpés tov AB = L xai AT = p.

B) ‘H pia k@0etn nhevpd tov AB = & kai pia 6&sio yovia tou.
v) "H droteivovoa BI' = a xai pic éicio yovia tov.

8) "H tmoteivoveo BI' = a xai pia kddern mhevpd tov AB = ).

Avden : "And tic yevikég nepintdoels nod einape oty § 9.7 mpokintovy Guécog T
£Efig :

X X
5\ B
p a |
A T A 3 A
Iy 18 Ix. 19 Ix. 20 Iy. 21

@) ‘H xataokevn adti Gvayeral otiv Kotackevr] tpiyd@vov and 800 mhevpég kai
v meplexopevn yovia (BA. ox. 18).

B) "Omowadnrote Oeia yovia kai dv §60nke yvopilovpe dleg Tic yovieg ol Tprydr-
vou. "Etol | kataokevi] Gvayetal 0TV KOTAoKELT] TpLy@VOL dnd uid rievpd kai tig mpoo-
keipeveg yovieg (L. oyx. 19).

Y) "Opota 6nag N nepintowon B). (BA. ox. 20).

8) Ity mepintwon abth yvepilovpe dvo mhevpéc kai pia yovia (thv 6p9r|) nov Ppi-
oxetal drévavrt and ud an’ adtéc. Tote katackevalovps pia dpbn yovia wa, naip-

voupe ati mhevpd tne Ax Eva tufipa AB loo pé thv kGBetn mhevpd kai ypagoupe TOV KO-
kLo (B,a). To6 onueio ot6 6moio & kOikhoc adroc tépvel thHv Ay elvar 16 I (BA. ox. 21).

o AIKHIEIZ 14-19 [

Aivovpe koi 16 mopokdte mopadeiypate KaTacKEVOV.
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9.8. Napadeiypara.
% Aivovtar pie £00cia EZ kai 600 onuele A xei B 016 [0 fmenine-
80 ag npég v EZ. Na Ppefei onpcio P tiig EZ Erov, Gote APE—BPZ

‘Avalven : "A¢ Omofécovpe ST 16 tn-
tovpevo onpelo P tfic EZ Bpébnke kai &t :
: APE = BFZ (1).
Mapatnpoiipe ta &&fic: "Av oxnuaticovpe
16 SuPpETPIKG B ol B dig npos v EZ, tote
BPZ = ZPB’ (2) (Moya Tfic ouppetpiog). "And
Tic (1) xai (2) mpokbmter 61 APE = ZPB', mop
onuaiver 611 1@ A,P,B’ elvar ouvevBelakd, 8n-
dadf 16 P Gviker xai oth yvaoth ebfeia
AB'.

Zovleon : Katookevaloupe 16 GUPUETPL-
k6 B’ 100 B d¢ npog thv EZ xai QEPVOLUE TRV A
£0Beia AB'. T6 onueio nob téuvoveal oi EZ xai
AB’ elval 10 {nroduevo anpeio P.

8

z

—0—

"An6deiln : "Enedn ta B xai B’ elvar oup- TR
peTpikd, 0a elvar BPZ — ZPB' (1) xai axépa-
APE = ZPB' (2) d¢ koraxopuvEnv. " 2 ?

'Amo tic (1), (2) mpokvmrer : APE — BPZ.

Ankadn 0 P elvar 16 {nrovpevo.

1
|
I
i
1
1
i
I

Awpebvnon : "Onwg mpoxintel Gnd 1d TOPATAVD, T6 TpoBinua Exel navrote pia
Moon kai pévo pia.

2. Aivetar mé oEsia yovie XO¥ xai Eva onuelo P tfig mhevpig g
OX. Na BpeBei onuseio P tijg nhevpas OX mob va isanéyer and t6 A xai
v OY.

"Avélvon : “Eote 6t Bpébnke 16 on-
ueio P Etol dote, dv PH 1L OY, v elvar PH =
PA.

Mapatnpobue thpa 611, dv pépovpe AE |
OX, 16 onuelo P icanéxer and tic mhevpéc Tic
yeviag mov oxnpatifouv of ebBeiec AE xai oy,
dpa 16 P avikel kai ot Sixotépo tic Yoviag
tév AE kai O.

Edvlcon : Dépvoupe Ty kdbeto otiiv OX
o106 A xai dvoualovps E 16 onpeio mob abdrh
tépvel v OW. It ouvéyeia Karaokevdlovue
™ Sixotépo tfig yoviag AEO, thv EA, mob té-
uvet Ty OX o106 P, mod elvar 16 {ntobpevo
onueio,

oA~
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*Anodertn : 'Enedny i EA elvar Siyotd-
poc tiic AEO, 8d slvar

PH = PA.

Awpebvnon : ‘H xabetog otd A xoi §) O
oxnuatifovy &bo yovieg pé dvtictouxeg dixo-
zopovg EA xoi EA'. ’Enewdny EA < EO (6nh.
16 tpry. EAO 8év elvar loookeréc oto E), ol
Siyotopor abtoi 8¢ tépvouv thv OX of dvo mav-
tote onpela, Gpe 10 mpoPAnpe Exer mavtote
0o Aboelg.

o

3. Aivovtan 800 ebBeiec & kai & mod tépvoviar otd O kai Eva onpsio
A. Na xkoteokevastel ebfeia & mod va
nepiEyel 10 A kai va tépver tig 800 &0-
Osizg o1 B xoi I' Gvuioroiywg Etor, G-
ote AB=AT.

*Avéivon @ "Ecte 8t N ebbeie & Kata-
OKELAOTNKE Kai TERveL TAV € 010 B xal v &
ot0 I EtoL dote AB = AT

X6 tpiyovo OBIT mob oxnpatictnke 10
A elvar péoo tfic nhevplic BIN kui dv @époupe
AE [/ OB, 161 16 E elval yveotd onuelo Kai

OE = ET,

omote kai 16 T elvar yvootd onpelo, dpa tfic
£0Beiag & Exoupe 800 onuein, 10 A xai 1t T,
Emopévag eival YvmoTn.

Eovleon : dépvovps ard 1o A gbBeio mupalinin npog Ty & (f kui v £) mod té-
pver Ty € o1o E. Inpeidvouvps 1o T oty ¢, dote ET = OE kai ) e00sia TA givar 1 On-
TOUUEVT.

ArddeiEn : £16 tpiy. OBT &énedf) OE = EI xai EA /[ OB, 8d sivai kui AB= AT.

Awgpeivnon : “H rapériniog mob gépvoupe Gno 1o A npdg v € B tépvel onmabiy-
note THY & (y1ati N € Téuvel TV pie mtapddinio €). TO tufiue EI elvar uvatd va o -
poupe ékutépwlev tob E, bndte Exovpe dvo hboeig: tqv I'A koui thv AO (té1e: AO =
AO).

Aivetan Evag kikhog (O,p) kai Eva dpopivo onpzio ov A. Na kata-
okgvactel kbkhoc mob vé Epantetar otov (O,p) ot A kai va Sifpyetar and
fva opropévo onpeio I,

*Avéhvon: “Eoto () 6 {ntodpevog kikAog nob épdntetat otov (O,p) o010 A Kol Siép-
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xetaL and 1o I, TMapatnpobue 811 tO Kév-
po Q dviker otnv edfeiae OA xai ot pe-
cokdfeto tod tufuatog AZ. “Eroi, Srav E-
xovpe 16 xkévipo €, 0 ypayoupe tHV kiKho
(Q, QA).

Ebvlzon : Dépovpe v ebleioc OA xai )
pecokabero (§ 8.2) 100 AL To omueio toufic
toug elvat 16 Q kal & wixkhoc (Q,QA) elvar &
{nrovpevoc.

"Anddeln : "Eneidn of xixhot (O,p) kai
(2L.QA) Exouv Eve xowvd onueio A otf Sid-
kevipo, Od Epantoviar (§7.6). "Eneidn 16 Q
aviiker kal ot pecokddeto 1ol AX, 04 slval
QX = QA, 8nh. 6 kikhog (,QA) 0BG Siépyetar
and 16 X,

Awepebvnen : T6 mpoPinua 8év Exer Ao, 6tav 1 uecokabetog tob AL 8év Tépver
v OA kai abt6 yivetal 8tav 16 I Bpicketan otV épantopévn tob (0,p) 616 A.

O | | AzkHzeiz 20-24 |

_— T \
9.9. Abon mpoPAnparwy pé yewpetpikoig TéTOUG.

Ztd yeopetpikd npoPifpate mapovoidletar noAAES QopEg 1) dvaykm
V& mpoodiopicovpe T Oion Eveg onpeiov dg npog dila yvootd onueia i
oxnuate. [ 16v mpocdiopiopnd tiig Bécewg évoc tétotou onueiov Z 0a
mpénel va Sivovtal 1) va Bpickovial dbo 18i16tnTeg 100 Z of omoleg vi &vto-
nilouv dbo yemperpikois tomovg G, kui G, oToUg O6moiovg va avikel 16 Z.
“Etot tedikd 16 Z 06 elvar onpsio 100 ovvoiov G, N G,.

“Ag dobpe pepikd mapodeiypota.
1. Né Bpebei onpeio Z 16 6moio va anéyer oplopévn arbotacn h ané
£va dpropévo enpeio I koi vi isarnéyer ané tig TAEVPES IS YOViag.

Abon : "H nparty i8t6tnte 1ol Z, va dréxel and 10 andotacn A, pic EEacpaliler
611 16 Z 06 dvixer (ox. 22) otdv KukA(E,1). “H Sedtepn 1810TNTé ToL, VA lcaniyel anod tig

Il
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nmhevpég T1ig yoviog XO‘F péc EEacpuhilel 6t 10 Z Pplokerar othv Huevdeic OA nod
Suyotopel ™ yovia XOW. "Etol 16 Z 06 elvat fi Topn Tob mlcl(z ) kai tiig Huevbeiag
OA. *Avaloya pé ) Biom mob Exer 16 T b mpde M yavia XO‘P umopel va Exovpe 8o
Avoelg (ox. 22), mia Abon (ox. 23, 24) kai kaud Aoon (o%. 25).

2. Né Bpedel onpeio Z 16 dmoio va Prénst tig mhevpés Evog dpropivov
tprydvov ABIT 06 Tozgg yovie.

Abon : Agod of yovies AZB, BZL, TZA
elvar Toec kai Exouv GBpoiopa 3600, kabe wd
an” abtég Ba elvar 1200, "Etol, 14 16 Z Exoupe
1ig &Efig 600 i810TNTES :

— BAémer v mhevpa BI' Omd yovia 1200
xai cvvends avikel of yvaotd to6ko BI”
nob Exel yopdn th BI.

— Bléner v mhevpd TA Ond yovia 1207
kai guvendc dvikel o Yvootd to€o AT
moy Exel xopdh v Al

Té Z hownov Oa elvar 10 kowvd onueio @y o tOEmV BT", AT kui sivat Hovadiko
(ywati 6 @Ado xoivd onueio toug elval to IN).

Elvai pavepd 6t dév Omapyer Ewtepikd onuelio tod tprydvou mod va Exel thv id1-
otnre ot (netl Gy my. Onfipre © Z' kol fitay péoa oth yovie A f| 0TAY KoTaKopueiy
g, 86 sixaue BZT = BZ'A + AZ'T = BZT < BZ'A).

3. N6 xkatackevootel kikhog 6 Omelog va Exer yvooti dktiva p xai
va difpyetar and 0o dpiopéva onueie A kai B.

Abem : G va@ ketookevdooupe kukMO,p) yvaotiic dktivac, 8¢ mpénel va mpoodio-
picovue 16 kévipo tov O. [Mapatnpodue Gpme Ot t6 onpeio O Ba aviket ot pecokdbeto

1ol Tunuatog AB, yiati OA= OB (= p) xai éniong Ba dvikel otdv kukA(A,p) Yiati OA=p.
Elvatr pavepd 611 0a Exovpe 0o Avoelg, pua Aon i koud Adon, av 16 tufipa p &l-

A
val peyahvtepo, ioo fj pikpotepo Gnd 16 yvootd tufjua Al = TB

4. Né kataokevacOel tpiyovo ABIT ot6 dmoio 1) nhevpa BT va sivan i-
on pé ﬁr.ﬁouévo pijkog A, 6 Uyog AA va slvm ioo pi dedopivo pijkoc p kai
1 yovia Tov A va givar ion pé dzdopévn yovie ¢.

"Avalvon : "Av  DmoBéoovpe St Kataokevdoope 16 Tpiymvo ABI, pmopobus
v Bewpfioovpe d¢ yvwotd onueia tig kopupég touv B kai I' (ywati BI'= L). "Etou dp-
kel va mpoodlopicovpe T Ofomn tfic Kopuefic A.
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TMapatnpobue tdOpa Sti:

—'Enetény 16 A Prémer 16 tpfipoe B ind A A £
yvoot yovia o, dviket (BA. § 9.3,VD)
otd yeop. tOmo G, 6 Omoiog Amotelel- # r
: E 4
tat Gro 6vo oo 16Ea T kui T mov Exouv 4
xopdn ™ BI' kai 8éxovtar Eyyeypap- 78 LAY A
pHévn yovia q; I f }r‘
—'Ene1dn 16 A anéyxet dnd v edPeia BI i o &
yveati andéotaon u, aviker (B, § 9.3,11) y —

o160 YEmu. 10mo G, O dmoiog dmotelel~
Tal Grd d0o ebleieg € kai & mapdiin-
Aeg mpoOC AV E.
Zuvendg 10 A elvan Eva dnd 1@ onusia tob ouvoiov G,NG..

Kataokevd : [Naipvovpe tpfipa oo pé A kai dvopdfovpe ¢ Gxpe tov B xai I
Kartaokevafovpe 1@ 800 10&a T kai v mod Exovv xopdh ™ Bl kai déxovrar &yyeypuppévn
yovia @ (torog G,) kui Tig Vo ebleiec € kai € mov £lvat napahinieg mpodg 1 Bl of a-
néctaon p (torog G,). “"Av A elvar Eva and 16 onueia topfig tdv T6Emv T kai T' pé Tig £d-
Oeileg € xai €, 10 ABT elvar 16 {nroduevo tpiymvo (yiati dmoc sivar gavepd BI = A,
BAT = ¢, AA = v).

“Av 1] € Tépvel 6 1680 T otd A A, xal 7 € téuvel 16 16Eo T atd onueia A’ kai Ay,
Exovpe tpry.A,BI = tpby.ABI' (miati B = BI, AB= A;I, AT = A,B), tpiyA” BI =
toyABI (cuppetpikd @¢ mpog 1 BIY) kai tpiyA,'BI = A B’ (ovppetpikd d¢ mpog
0 BIN). "Exouvpe Aowmdv 16 moAd pid Aoon.

5. Na xatackevacfei tetpanicvpo ABIA ot6 omoio oi mhzupéic tov
AB, BI', T'A, AA va tivar Toeg pé Sedopéva tpufpata A, p, p, 6 dviietoiyog
kai ol 800 drnévavt nhevpéc tov AA kai BI' va eymparifovv dcdopévn yo-
vieg @.

"Avaloon @ “YroOétoupe 611 xataokevd-
oape to tetpanievpo ABIA kai gépvoupe and
76 B 16 twufipe BE/ /= AA, O6mote

EBl = AlC = ¢, ABEA = nupulinioéypoppo.

Tapatnpobue 611 616 piyovo EBIT Eépovpe dbo
nigvpéc tov (BI = p, BE = o) kai v mepie-
xoHEVY yovia touvs. Aniadén to EBI elval xata-
OKEVAGIHO Kai ouven®g pmopobpe va Bewpn-
covpe ¢ yvootd onpeia t@ E,B,I'. "Etol dpkel

va Opicovpe d¢ tpods @ onuela avta tic dvo

didec kopueéc A xai A. "Enetdn) 6pwg EA= A kai TA=p, 16 A 084 elvar toun 1dV
8vo dhlov kokhov (E,A) kai (I,p). Télog 11d toOv npoodiopiopd ol A dpkel vd @épouvpe
ané 16 onueio B tufine BA /[ = EA.

‘H xatackevn koi 1 anodeién yivovial tdpa ebkola.

AZKHIEIZ 25-31
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}Jivemt Evag kOkhog (O,p). N& Ppebet 6 v.1. tHV KEVIP®V THV KOKA@V TTob Exouv (-
\ ktiva on pé Eva yvooto edf. tufipa o kai fpdntoviar EEwtepikd oToV KOKLO (O,p).

~
@Aivovml 800 otafepd onpeia A kai O. Na Bpedei 6 .1, tob OUPHETPLKOD oD A Qg
\ mpog tig eUbeleg Mol Siépyovrar dmd 16 0.

; @ivsmt pua opO1 yovia xﬁ\y koi 800 onueia B kai I mod kvobvral otic mhevpés g
GvtioTolye kutd tétoto Tpdno, Hote 16 ufipe Bl vi éxel dpiouévo ufikog A. Na Bpe-
Bel 6 y.1. T00 pécov M tob BI.

{Bovrar 80o Toot kukkot (K,p) kai (A,p) .Na Bpebei 6 v.1. tév onueimv M mod Exovv
Ty B16tnto : dv eépovpe tic dpuntopevec MA MA’ ﬂpo’ tov (K,p) kai tig épunto-
peveg MB, MB’ npoc tov (A,p), va elvar: AMA” = BMB

V Aidovrat 800 kdbeteg edbeies € kui & Kul Eva otabepd onueio A. Abo fuieubeics Ax
\ kai Ay otpépovral yOpm 616 A dote 1 wa 904, "Av fi Ay téuvel Ty £ 010 B Kai
\/l N Ay tépvel tiv & 610 I, va Bpeldel 6 v.1. T0D pésouv N tod BIT.

%f/(‘_ Aiveral Eva fukikiio AEB kOkkou (O,p) kai onpeio I, 10 onoio Kiveltal 610 M-
KUKALO. @épvoupe T A L AB. Na Ppelel 6 y. tonoc &voe onueiov M i Or, 6tav
elval: @) OM = TI'A fj B) OM = QA.

\
\jﬁ_ Aivovral tpia 6piopéve onpeio A,B,I" pé AB < AT, N& Bpelet 6 v.1. 1év onueiwy P
noY ikavomolobv kai tic 800 ocuvdiikeg : PB = PI kui PA <£\‘1'.

\\//s_ Aivovtat 800 Opropiva onueia A, B. Na Bpelei 6 v.1. 1V onueiov P mol ikavorolotv
. xai 'm; dbo ouvliikeg: AP < AB koi | PA = = PB.

ivetat Evag kixhog (O,p) kai 1 épantopévn Tov 6° Eva éptcucvmnuslo touv B. "Evu

onueio A Kiveitat oTiv €. "ARO 10 A @EpVoupE THY GAAN gpantopévn AT Tob KUKAOUL.

@) "Av H 16 0pBokevipo tob tply. ABI, vt drodeiyBel 611 16 OBHT elvat pouPoc.

B) Na Bpefei 6 v.1. tob H. v) Na Bpebet 6 7. tomog Tod mepikévipou tod TpiyABT,

apod deiybel mpdra dt1 Tobto elval o péoo tob AO. §) Na Bpebel 6 y.tr. Tol Eykév-
Tpov tob Tp1y.ABI.

Ty Amo Eva xivnto onpelo P tfic mheupdc BTN Evde tpiydvov ABD pépvovpe eUBeieg na-
J parAndeg mpog tic mhevpés AT kai AB of onoleg téuvouy tic AB xai Al" ot onueia
" A xai E évriotoiyme. Na Bpebet 6 v.1. ol pécov M tob AE.

}Tﬁ Alvovtal 800 Opropéva onpeia A,B kai Evag kikhog (O,p). "And Eva Kivnto onueio
- T 7ol kikhov @épvoupe tpfipe A [ [ = AB. Né Bpedei 6 v.1. 1o A.

ml Aivetar Eva fjuikdkiio xévipov O kai Stapétpov AA = 2p. AYo onueia B,I" xivolv-
, _ToL oo AuikiKLo Etol, dote BOL = 900, 'OvopdaCovpe N 16 onueio mod téuvoveat
ol AB koi I'A xai M 16 onueio mob téuvovral of AT, BA. ) N arodeiyOei 611 of yw-
vieg ANA koi AMA eivar otafepod pérpov. B) Na droderyOei 61116 M elvar 16 opbo-
kevipo tol tpry@vov ANA. ) Ni dnodeixfel 61t 1 MN sivar kabern otiv AA. §)

Na Bpefst 6 y.t. 1ol M kai 100 N. €) Na dnodeiyfei 611 16 MN Exet otafepd pikog.

13, Awarm &vag kikhog (O,p) kai Eva otabepd onpueio tov A. Tovia ;(Aw oplopévou pé-
TpOL tp «oTpépETaL) YOp® 610 A kai of rAevpés TS TERVOLY TOV Kikho otd B kai I
N@ Bpefet 6 v.1. @) Tob pésov M 1ob tuiparoc BIL. B) Tiig Kopupiic A tod map/pov
AB AT. y) Tob nepikévipon £ tob tprydvov BrA.

174

Wneptomotr|Onke amé To lvotirouto Ekmaibeutikng Mohmkrig




: 4; Na kataokevaotel tpiyABT 1o dmoiov divovral t¢ otolxeia :
— a) 'H yovia A= @, | Thevpd AB = A xai i Sixotdpoc AA = §.
B) "H mhevpd BI' = A, | mhevpd AB = p kai 1) Sidpecog AM = k.

ING kataokevootel Eva tpry.ABI' 100 Omoiov divovtar 16 otoiyeia :

“'a) Of mhevpéc AB= A, AT = p kai ) Siapecoc AM = k.

A

B) Oi tpeig duapecoi tov.

h}é Katuokevaotel Eva map/po tob Omoiov didovrar 800 Srwdoxikic mhevpéc kui pia

_:’Sluyr:')vtég TOU.

17.

Nd kutuokevaotel Eva tpiywvo ABI 1ol Omoiov divowtal :

“/ct) "H mlevpa BI' = A, f| yovia A= @ xat 16 Gbpoiopa AB + AT = k, 6mov k Eva

¥

{

20.

25.

dedopévo Tufjua.
i) ‘H mhevpa Bl = A, 1 yovia A= ¢ xui § Sopopa AB — AT = p.
katackevuotel Eve loooxeréc tpiywvo ABIT 1ol dmoiov Sivovral :

u) 'H yavia B= Lp kai 6 Uyoc tou BB = A,
B) 'H mievpé BI' = A kai 16 Dyog tou BB = A.

\l:)j»ld xatackevaotel Eva oployevio tpiyavo ABI (A = 16pf.) Tob émoiov divovro :

a) ‘H Siauecoc AM = L kai juia xaBetn nievpad.
B) "H didpecoc AM = L kai 16 Gyog tov AA = p.

Aivovrat mueia P,A,B. NG yapdatete énd to P pid eb0sio mov va icunéyet and
10 A xai B.

. Aivetar Bva tpLy. ABIT. Ztic mheupéc AB xai AT avrtictoya v Bpebodv té onueia

M kai N, dote AM = MN = NI

. Aivovratl 8o kokdot (K), (A) mol téuvoviar ota A kai B. Na @épete Gro 10 A it

e00eia mov va tépver Tolg E\hxkoug ota E kai Z, dote AE + AZ = A, Onov L &va
Yveotd TUTHA.

. Aivovta Evag kOkhog (0,p) kai pia e00sia £. Na Bpefel nave othv € Eva onueio A,

Mote, dv pépovpe TRV Epuntopuévn AB atdv (O,p). va elvar AB = X, 6mou X Eva yvo-
o106 0. Tufjpa.

. Aivetal Evag xOkhog (O,p), Eva onpeilo A kai Eva onueio © owtepikod tod kdiok (O,p)-

Né& @épete pua xopdn BIL, Gote 16 tpiyABI va Exel 10 © yia PupOkevipo.

Aidovtal 0o mup/rec evbeiec €y, €,, Eva anueio A Tiic & xai Eva onpeio O & ano
ThH Llvn TV £y, £2. N& 0épete amd 10 O pid edfeio mod va Téuvel Tic €, &2 ot B xai
I, dote va elvar AB = AT.

(ﬁ }lu kataoxevactel Evac kikhog, mob va Exst dxtive Eva Sedopévo mufipe A kal va

pantetul of pia dedopévn evbeio kai Eve dedopévo lcuxlo (O,p).

(f;?\ gu katackevaotel v TPlYABD Gnd 1 otouxeia :

u) Trv nhevpd Bl = p, ™ yovia A= ¢ xai 17 Stapeco AM = A.

B) Thv mhevpda BI = p, ) yovie A = o kai ™ Suipeso BN = A.

¥) TAv mhevpd B = p, ) yovia A =0 kai v dxtiva p toD &yyeypappévon Tou
KOKAOL.
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28. N xatackevaotel &ve tpiyABI and 1d otouyeia :
@) To Oyog AA = A, ) Sixotdpo AE = p xai ™ Sidpeco AM = .
B) Té Gyog AA = A, t Sixoropo AE = p kai thv éxtiva R tobd MEPLYEY PARPEVOL
tov kikhov (O).

29. Né xaraokevactel Eva tetpanievpo ABIA mov of mhsvpée tov AB, BI',TAAA va el-
var Toeg pé Sedopéva Tuinata A, v,K, dviiotoixeg kai 1| yovie tov A va sivat ion pe
dedopévn yovia .

30. Aidovrar pia ebbeia €, Eva onuelo ¢ A xai Evag xikhoc (K,p). N& xataokevaotel
Evag kOkAog mob va Epdntetal oAV € 6td A kol va Epantetal otov (K,p).

31. Né xatookevaotel &va tetpayovo ABLA énd td otouxeia :
a) To6 d@bpoiopa tiic mhevpic xai tfic Sraymviov.
B) "H dnootacn tob péoov pdc mhevpls Grd pia Swaydvio va elvar Sedopévn A.

9.11 AEKHEEIE **

( 3 ;)prﬁ:vou ABT ol xopugég B,I" elvat 800 dpiopéve onpeia kai 7y Kopupn A kiveitat,
" @ote Ny dapecos BN va elvar Tom pé Eva dpropévo tufipa . Na Bpedel 6 y.1. Tiic KO-
puoiic A.
33. Aivera k0khog (O,p) xai xopdi) Tou AB. Enueio I ypagel tov kikho kai of ke Béon
tov nave otiv A’ naipvoupe 16 onuelo P Etol, dGote AP = I'B. N& Bpebet 6 v.t-
10D P.

@ Aiverar kOkrog (O,p) xai pia Siapetpog Tov AB. Inpeio I' ypagel 16V kOKAO Kai PEp-
voupe I'A | AB. Na Bpefet 6 v.t. ol &ykévipov I tob tpiyOlA.

“Eva tetpanievpo ABIA Exer tic xopupég tov A,B,I" 1pia oplopéva onueia. “H xo-
puen tov A kiveitar Etol, dote f mhevpd TA v elvar fon HE Opropévo tufipa A. Na
BpeBel & v.1. @) Tob pégov tfig Sraywviov BA, B) tob pésov tob £00. tunpatog EZ mod
Evavel Td péoa v dlayaviov.

36. ME xévipo thv Kopvon A &véc dedoptvon icookehobs tplyABI xai petaPineh dxri-
va ypagovue kbkho. 'And 16 B kai I' gpépvoupe tig 2pantopevec adtod 1o kiKhov.
Na Ppebet 6 y.1. 100 onueiov mob téuvovial oi épantopeves adtéc.

37. Alverar Eva tp1y.ABI. Znpueio M xaveltar otiv thevpi AB. Ztmv npoéktaon tfic AT
(mpdg 16 I) kai y1é kabe Oéon Tod M naipvouue onueio N, dote I'N = BM. Zynua-
Tifovpe 16 naperinroypappo MBNA. Nd PBpefei 6 v.t. tob A.

38. Aivovrat 8o {oor kikhot (K,p) kai (A,p). Na Bpebel 6 v.1. 100 péoov N v unuatov
mob évivouv Eva anueio A ob (K,p) xai Eva onpeio B 100 (A,p), dote KA [/ AB.

39. Aivetar Evag xOkhog (0,p), pié Siduetpoc touv AB kai 8o onueie T,A o0 Evog
fiukvkiov. N& Bpebel Eva onpeio P tob dAlov futkukhiov, dote v ol PT kai PA
tépvouv TV AB o1d M xai N, vd elvar 16 MN Too pé Eva yvaotd Tufipa A.

40. Na xarackevastel Evag kikhog, ®ob vé pantetar o” vav kikho (O,p) of onueio
o0 A kai oé g edBeia &,

41. Aivetar mné yovia xov xoi Eva onueto A tfig Ox. Na Bpebet Eva onpelo P tiig Ox té-
toto, dote dv pépovpe ThHv PB L O, vé elvar OB = PA.
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42.

Aivetar Eva tpiyavo ABI. Na Ppebel Eva onpeio P otd Eowtepikd tob tprydvov Té-
o0 dote: PBI = PI'A = PAB.

43. Na& xataokevaotel Eva tpiyovo, tav yvopilovpe otd éninedo td onpeia:

12

a) TV kopupn A, 16 PBapikevipo O kai 16 mepixevrpo O.
B) tv kopuen B, 16 Pupvkevipo @ kai 16 6pBokevipo H.

9.12 EITANAAHYH KE®AAAIOY 9

. I16 xepdlaio abtd Opioape thv Evvola 10D yewperpixod tomov: Kdabe enuewocivo-

Lo G mo® bpileran dnd pia idrovnra I 1dv aroryciov Tov.

“Eva oOvoro G 0d elvar v.t. t@v onpeiov mov Exovv v idiotta I, 161€ Kai povo 10~
1€, Otav:

— Ka0e onueio nod Exer thv idio6tnta I aviakel 16 G.

— Kafe onueio mov aviketr o1o G Exel v idwomnta L

. Baowkoi yemperpikoi tomot elvar :

—"0 xikhog (O,p).

— Ao mopahinlec ebBeiec.

—'H pesokabetog Evog TUNHATOG.

—'H Suyotdpog yoviag.

—'H pecomapdiinin dlo mapalinimv.
— To 16E0.

. T v ebpeon &vdg yeopetpixod tomov : a) Oewpolpe Eva onueio M pé v idiotnta

L. B) "Avakolintoupe Y16 16 M pid idi6tnta Pacikod v.1. ¥) Kataoksvafovpe adti ™
YPaUuN.

. Ol ysopetpikol témoL yperaloviar yi 16v mpoodiopiopd onpeiwv, mod Ppiokovral

ot Toun 800 TOmMWV.

. Té@ ™ xotackevn] évdg oyxnuatog axoiovBobpe ta pépn: "Avdivon, Kataokevn,

GrodtiEn kai Sepedvnon.
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KE®AAAIO 100

EFTEFTPAMMENA KAI MEPIFTEFTPAMMENA TETPANMAEYPA

10.1. Té éyyeypappévo TeTpamieupo.

‘Opropds : "Eva tetpanicvpo mod oi kopuoéc tov zivar onpeia £vég
k0kAov Afyetor Eyyeypappévo otov kikho alto.

“Ag Bempfioovpe teTpamicvpo ABTA Eyyeypappévo  oé kukA(O,p).
*Eneidn) oi amévavtt yovieg tov eivan &yyeypappéves kai Paivouvy of dvo 10-

Iy 1 Ix.3

Ea tiig idiog xopdiic, Exovv E0potopa 180° (yiati m.y. of yoviec A kai T,
Br. oy. 1, Buivovv o1¢ 165w BT'A kaf BAA kai of avrtiotolyeg EMiKevIpes
0, xui 0, tov t6twv adtdv gyouvv GOporopa 360°), Tote kabe EEwrepikn
yovia tob tetpanietpov 0a elvar Tom pé v dmévavti 1ng owtepiki, via-
i B¢ eivar xai of dvé mapaninpopatikéc tiic idwug yoviag. “Etol m.y. 0d
Exovps BTE = A, yiati (BA. oy. 2) A+ I'=180° xai &+ I = 180° =
A = w. Asifape Aowmov 61

I. Oi danévavtt yovieg Eyyeypoppévov tetpamiedpov sivar mapamdhn-
PORATIKES.

II. Kabe tEotepikn yovie &yyeypappévov tetpamisipov icobrar pé
v anévavii g focotepki yovia tov.

Téhog 600 Onoleadinote Sradoyikéc KopLeéc ToD TETPUMALHPOL Eival
kai kopupég b0 Towv Eyyeypoppévev yovidv mov Baivouv otd 16fo, T6
16 6moio dpiler 1| amévavtt mhevpd toug. "Eton m.y. ol yovieg AAT xai ABT
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glvor Togg (PA. oy, 3). ywoti elvor xoi of 8o Eyyeypappives otd 16E0 AL
Aeitape howmdv 1 :

IIL. Kabe mhevpé tob &yyeypappévov tetpamiedpov @aivetar and tig
800 arévavtl kopupig Tov Ond Toeg yovieg.

Ol mpotdoeig I, 11, III drotelobv tig Pucikég id10tnteg Evog Eyyeypop-
REVOL TETPUTAEVPOL.

10.2. TerpamAeupo éyypayipo of kikho.

Tthiv § 7.5 eldape 6t and tpie pf cvvevbelakd onpela SiEpyetor nav-
tote Evag kUkhog. Aé oupPaiver dpmg 16 1610 kai y1d téooepa (UM cuveu-
Oetakd ava tpia) onueio. “Etor 8&v dmdpyer ndvrote kbkhog mob va Siép-
yetar amd Tig Técoeplg kopueig teTpamievpov ABIA, dnladf Eva tetpd-
mheupo 8&v elvar anopaitnte @yypayipon ot kokro. "Etol m.y. kale napak-
AnAOYpoppo, mov Sév elvar dpBoydvio, 8év elvar Eyypayipo of kikro. O
dobpe t@pa 6TL kdBe pia dnd tig nupandve idotntes I, IT, 1T, elvat kai iko-
vi] GUVOTIKN, Y16 va elvar Eva Tetpamievpo Eyypayipo of KiKAO.

G®EQPHMA : "Eva terparicvpo ABIA sivar &yypayipo of kiklo, dv a-
inOeber pa and tic mapexatom mpothaorig

1. Abo anévavti ymvieg tod tetpandeipov eival mopaminpopatikic.

II. Mia $otepiki yovie tob tetpanledpov civar lon pé tiv dnévavi g
tomtepn.

JII. Mia mhevpd tob tetperhiedpov guivetar amd tig 800 dnévavtt kopvoic
g brd ioeg yovieg.

*An6d. 1) “Yrobérovrag B - A= 180° 06 amodeifovpe OTL Dmapxer kOkhog ®OD
preton and tig TéGGEPLS KOPUPES TOD TETpUniedpov. "Ag broBécovpe 611 O KUKAOG

Ix. 4 x. 5 Ix.6 Ix.7

mob Siépyetal Grd T onpueio A,B,IT 88 itpyetar and t0 A (BA. ox. 4). "Av xaréoovpe E
10 cnueto ‘row"lc tob kOkhou abtod pé v fpevdeia FA 1:6 ABTE elvat éwr:ypuuusvo
kal dpa B -+ AEr = 1800, Tuykpivovtac adth pé thv B+ A = 1800 Bpiokoupe AEr=2A

Snhadn pic tEotepuch yavia tob tpiyd@vov AAE slval Ton pé v anévavii g éomte-
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pikn, mpdype Gdovato. "And 16 oyfine 4 elvar pavepd 6t 16 onueio E 88 pmopei va Bp{-
oKeTaL otfv fiutevbeia v aviikeipevn npdg h TA, yati tote 06 eixape ABA + A=
B+ A= 1800, 5nAadf 16 E0polopa 500 Yovidy tprydvov AEA 04 fitav 1809, mpéaypa
adbvaro.

lI) Ynoesrouua Thpa Gt ZBA = A (BL. ox. 4). Téte f| pavepn) dnd 16 oyxfipa ioo-
ma ABZ + B'= 1800 ypagetal A+ B = 1800. "Etot 16 naparievpo elvar &yypayipo
yoti Exer 800 @névavtl yovieg Tov mapumhnp@puaTIKEG.

1) “YroBétovpe &t BAT = BAT «xai 811 6 kOkhog mol Siépyetar dnd ¢ A,B,I”
8 Bipyetar and 16 onpeio A (BA. ox. 6). "Av kahécovpe mal E t6 onueio topfic Tod ki-
Khov pé TAv fuievbeia TA, 16 ABIE elval #yyeypuppévo xai dpa BAL = BET. Tuykpi-
vovtag abth pé TAV inolson pac Ppickovpe BET = BAT, dnAadn pic EEmtepikn yovia
oD BEA elvai ion pé thv drévavti e &omtepirn, nphypa ddbvato. "And 16 oxfjpa 7
elval pavepd 6t 10 onpeio E 88 pmopel va Ppioketar oty fmevdeio v aviikeipevn
np6g T TA, ywti 1618 0d eiyape BEI = 180° — A = 1800 — ¢ xai BET + A = 1809,
dnhadn 16 d@bpotopa 0o yovidy 1ol Tpryd@vouv BEA 04 fitav 1800, npaypa ddbvato.

Mé 16 Bedpnpa adtd Epyalopacte cuvibog koi Stav Bélovpe v amo-
deifovpe 611 técoepa onpeia elvatl dpokvkAKG.

AZKHZIEIZ 1-11 [

10.3. “1816mTeg epryeypappévou TeTpamAelpou.

‘Opropodg : “Eva tetpandevpo mov 8ieg ol mhevpég tov elvar E@omtd-
peveg tob idov kuklov Afyetur mepi-
YeEYpeppive otdHV KOKAo adtd, &vd & xu-
KAog Afyetar Eyyeypappévog oT1O TETPG-
TAELPO AVTO.

“Av 16 tetpamisvpo ABTA elvar me-
pryeypappévo otov kukA(L,p), ol fuiev-
Beieg AL BI, TT, AT elvat Sigotopotl tdv
yovidv A, B, T, A avtiotoiywg, SnAadn:

I. Oi duzotépor 1V yowi@v meprysypappévoy teTpandiedpov Sifpyov-
tar and 16 idro onpeio 16 dmoio sivan kévipo tol Eyyeypoppévov kiklov.

“Ag xuAégovpe tpa E,Z,H,0 14 onpeia énapfic tdv nisvpdv AB, BT,
TA, AA. "Av béoovue AE=AO@ =q, BE=BZ =B, I'Z=TH =y xai
AH = A® = §, napatnpolpe 611 elvar

AB 4 T'A = AA | BT,

ywti kaOe Eva anod ta dBpoiopatae abta eivar ioo pé a + B+ v + 8. Asita-
pe Aowmov Grtu:

180

Wnepromotr|Bnke amé To lvotirouto Eknmaibeutikng MoAmkrig




II. Ta aOpoiopata TV dnévava mhevpdv E£vog mepryeypoppivov Te-
tpanieipov tivan Toa.

01 npotdoeig I kai 1T dnotedobv tig o Pucikég idr6tnreg Tob 7EpL-
YEYPUUHEVOL TETPUTAED POL.

10.4. TerpamAeupo meprypaduipo oé kiklo.

*Av 800el Eva tetpamhievpo, S&v Dmdpyel LTOXPEMTIKA KOKAOG TOD V&
Epantetar of Sheg Tig mhevpég Tov, dnil.ad Eva tetparievpo ABI A 8év &l-
vou drepaitnta «rneplypayipon oé kikho. "Etor my. kdfe dpBoydvio, mod
8év elval tetphymvo, 8év elval meptypayipo of kokho. @d dnodeifoupe bt :

@EQPHMA : “Eva tetpankievpo ABIA elvar mepiypayipo of kdkdho, &v
alnfeber pia and tic mapukdTw TPOTAGEIS

I. Oi sugotopor 1OV yonidy tod tetpanieipov SiEpyovtar and t6 idio on-
peio.

11. Té @fpoicpata tdv anévavit mhevpdv tob tetpariedpov sivor ioa.

*Anod. 1) "Ac bmobécoupe 611 of dixotdpol @V yovidy téuvoviat 616 I (oy. 8) kai dg
xahécoupe IE, 1Z, IH, 10 tic nootaceic o0 I anéd tic mhevpic AB, BT, TA, AA. 'Ene1dn
16 1 elvan onpeio tiic k@0e Sixoropov, Exouvpe katd oeipt tig lodtteg IE = 1Z, 1Z = IH,

I

A=

a
=il H I H
z-x. 8 I‘.I. 9

[H = 10, 10 = IE ano tic 6noieg oupnepaivovpe 611 16 I loanéyer anod Sheg Tic mhevpéc.
“Exct 6 kOxhog (I, IE) 0a épantetar of dhec tig mhevpés.

1) "Ac tnobéoovpe 61t AB + I'A = AA + BT kai dg xaiéoovpe I 16 onueio to-
pfic tdv dixotopmv OV A xai T xai 10, IH, 1Z tic dnootaceig tov and tic AA, AT, I'B,
(ox. 9). "Eneidn 10 = IH = 1Z, 6 xukA(L1©) Epantetar otig Tpeilg mhevpéc AA, AT, T'B.
~Ac bmoBécouvpe dxopun 6T & kokhog adbtég dév Epdntetar otV AB Kkai Gg pépoupe TV
Epantopévn AB’ énd 16 A. "Emeidi) 16 AB’ T'A slvan mepryeypappévo, 06 Exovpe xai AB™ -+
I'A = AA + BT. "Apmipihvrag katd pékn adth éno thv lodmra g Inobéoems pog Bpi-
okoupe AB — AB' = B[ — BT = AB— AB’ = BB’ == AB = AB' + BB/, npaypo G-
dovarto.

Eisape dnhadn 611 kafe pio and tig idrotnteg I wai IT tfig § 10.3,
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elvar xai ikovi ovvlfkn, y1d va elvar Eva tetpanievpo TEPLYPAVLNO GE
kUKo,

, AIKHIEIZ 12-15 ]
=
10.

Kavovika moAdywva.

‘Opropds. "Eva mokbyove mod Gheg oi mhevpic tov sivar Tosg kol Oheg
oi yovisg tov givar foeg Aéyetar kavo-
Vikbd modlbymvo. Ag

2 . o As Az
KatohaBaivovpe downdv 611, fv Eva

KaVoVikO mohlymvo A A,Ax. A, Exel

v mhevpég, kabe pid and tic yovieg tov A;
0a elvor fom pé
2v—4 &
6= =" spbi A,

Zoppuva pé tov opiopé pog 16 iodmhevpo tpiyevo kai 6 TETPAYOVO
glval kavovikd mokdyova pé tpeig kai T£00EpIg TAELPES AvTiGTOlYOG.
Od Grodeitovpe tdpo THV Tphrooy

INé xéfz kovovikd moliymve Omupgovy d0o dpdkevipor kdkhor améd
To0g Omofovg 6 Evag Siépyetar amé Gheg tig kopupic Tov kai b ilhog Eoa-
nretar of Oleg tic mhevpég Tov.

"Andd. "Ag Ocwpficovue Eva kovovikd mOAUYOVO AA,..Ay kai dg Ovopdooups
(0,p) oV kOKLo OO Siépyetar and Tpeic dludoyikég Kopupég Tov MY, Tic Ay,AxAsz (0%

Ay Ex.10 Iy 11

10). @4 deifovpe 611 6 kOKhog abroc Sifpyetar xai and v Kopuen Ay, Snhudn 6t OA,—=

p. Td tpiyava dpmg A,OA; kai A;0A, elvan Toa yiati Exouv OA; = OA;, A A, =
AsA, xal A1320=A4330(: 2t o, —?p). Sovenids OAs— OA, = p. Mé

v 1810 1pomo Seixverar 61 6 KukA(O,p) SiEpyetar kai and td onusia As,Aq... .
Blénovpe Aowmbv St of mhevpéc évde kuvovikood noluydvov elvat mavrote losg
xopdég Evog kukA(O,p). Tote Spac 16 O iounéxel an’ adtég kai ovvends, v dvopdooupe
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@ v Grootacn 1ot O and tig mhevpts, 6 KkOkA.(0,0) Epantetutl Shov @V TALLpOV TOb
nrohvydvou (ox. 11).

Té wévipo Tob TEPLYEYpappévoy o©T6 TOALY®OVO kukMO,p) Aéyetoi
xévrpo 10D KavovikoD molvydvou kai 1 dxtive tov p Aéyetar axtiva tob
kovovikod molvydvov. ‘H dktiva o 1ol Zyyeypappévov kibkiov (dnAadn
f| anoéctacn tob kevipov O 100 noAvyhvoL Gmd Tig mAEvpE TOL) AéyeTal
andotnpe. 100 KoVOVIKOD TOALYAVOUL.

Elvar gavepd 6t 16 kévipo O Evog Kavovikod noAvyhvov Prémer Gleg
1ic mhevpéc Tov pé Y e yovia. “H yovia abTh @ Aéyetat kevepiki) yovia
tob moAvydvou koi elvar lom pé

360°
v

(Q —
oA X
10.6. "Av v onueia yopifouv Eva xikho ot v low t6La, 1@ onueic
bt slval Kopueig Evog Kavovikold ToAv-
yévov. TMpoypetikd, v 16 onusic Ay,

Ag
A, Ay qopilovv Eva xukA(O,p) ot v Az
1680 Yoo pé 1, 8heg ol mhevpég tob mo-
Avydvov A,, A,,..A, evar fogg (ywati A,
slvar yopdéc lowv tofwv) xai Skeg ol
yovieg tov elvar Toeg (yati k@Be ud A,
Baiver o v—2 16&a ica pé 1). ! y

v

KotohoPoivovpe Aowmov ot yid va
KOTUOKEVGOOUNE EVE  KOVOVIKO TOAD-
yovo pé v mhevpég dpkel va yopicovpe gva kOkho of v Toa pépn’. “Etot

SOy

r Ix. 12 _ i Iy. 13

Y. Y@ V6 KOTOOKEVLACOLUE KaVOVIKO tetpimievpo (Snhadi teTpdywvo)
apkel v yopioovpe oV kikko of 4 loa pépn kai abtéd yivetat dv gépovps

1. "0 yopiopoe vog kikAov of v ioa pépn pé kavova xai Swapnn dév elvar du-
vatog yia dnowedfnote T 100 v. "Etot my. dEv propobpe vi xmploovps pE Kavova Kai
SwePin tov kbkho ot 7 loa pépn, dniadh 8év kataokevaletal pé kavove kai Sephm
xavovikd Entaymvo.
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800 xabétovg Srapétpoug AB kai TA (BA. ox. 12)."Av mépovpe thpa koi T
péoa v 16EmV moh dviicToyolv otig mAevpéc Tol Eyyeypappévou TETPU~
YOvVoL Katuoksvd{ovpe Kavovikd oktdyavo (Pr. oy. 13). Zoveyilovtag pé
T6v 1810 tpémMO pmopolpe vé KOTaOKEVGGOUHE 16ywvo K.0.K.

©d dobipe thpa midg propolue va KATaoKEVAOOVUE Eva Kavovikd £EG-
Yovo, dniadn ndg propobue va xwpicovpe Eva kiklo ot EEn Toa pépn. "Ag
bnoBécovue 811 Exoupe Eyypayer Eve koavovikd EGdyovo A,A,,..,As &

Ix. 14 Ix. 15 Zx. 16
Eva xixko (BA. oy. 14). *Emeidq M Kevipikh yovie tob EEaydvov elvar
360°
6
OULVETHIG A A, = A A; = .. = AGA, = p. Brémovpe dowmév St 4 mhevp
&vog Eyyeypappévov kavovikod tlaydvov elvar Ton pé v dxtiva tod
kbkhov kai &n’ abté mpokintet M €Efig xataokevn : Tlaipvoupe Eva opr-
ouévo onuelo A, tod kukh (0,p) kai Ypépovpe xixho (A,, p), dvopdloviag
A, 16 onueio oté dmoio udtodc TERVEL THV (O,p). Metd ypéagovpe véo kixho
(Az,p) dvopdlovtag A, 16 onpusio 616 6mofo abtég tépver Tév (O,p),...k.0.x.
‘Evavovtag tig pn Swadoyikéc Kopupéc Ttol Eyyeypappivov EEaydvou
6rwg Seixver 16 oxfina 15 Exoups gyyeypappévo lodmhevpo tpiyavo, Evi
naipvovtog kai 16 péoa tdv t0Ewv Tob dvriototyolbv otig mhevpég tob &y-
YeYpoppuEvor EEay@vov xatackevdloupe Kavovikd 12yovo (BA. oy. 16).

= 60°, 14 Tpiyova A 0A,,A,0A;,.., A(OA, slvar loonmlevpa kai

\
\\%\ [ AIKHIEIZ 16-18 |

10.7 TIAPAAEIT'MATA KAI EDPAPMOIEZ

k{ l)lﬁ denyfel 6m wabe Eyyeypappévo napadiiniéypappo elvan dpboydvio.
7 Abon : ’Ereidn 16 ABTA slvar mapalinio-

ypappo, 06 Exovpe A== ¢, xai &neidn A g
elvar Eyyeypappévo 0¢ Exouus, A+ = (4
1800. "Apa Bpiokovus

0+ ¢ = 1800 = 2¢’= 1800 = § — 900, b

Sndadf 16 mapudindoypappd pac elvar dp-
Ooydvio, yiati Exer pla yovia tov opon.
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m“wﬂn 80 napéidnhes xopséc AB xaf TA Evég xoxM(0,p). “Av ol AT xai BT téuvov—
—tan oth I, va Seikere 6n ta téooepa onpeia A,0,A1 elvan dpoxvxiixd.

Aban : "Apkel v’ dnobdeifoupe & 16 TETPG-
wievpo AOQAI elvar &yypayipo, dnhadn &t

AJA + ADA = 1800,

TC’)_‘ tpantfio ABAD elvar loookeléc (-
@od Al = BA xai AT = BA) xai dpa =
A= q:.A “Etotr kol 16 1piyovo TIA elvar i-
cookeléc kal ouvenbg Exouue f= 1800 —
26 (). ‘H yavia AOA elvar Emixevipn Tod
1:(3500 AA xai AOA = 2ATA = 2¢ (II). Hpoobhitovrag tic (I) xai (I) Bpiokmoue i+
AOA = 1800°.

@a deryPel 1 6 xixhog mod Sifpyetan and 16 péoa thv ;v nhevpdv Evdg Tprydvon
N— ABIC Sufpyeton xai dnd t@ iyvn tdv dydv tod tpryd@vov.

Abom : Oewpolpe 14 péoa AEZ tédv nievpidv AB, AT, BI kai tov kikAo ol Siépye-
Tal and 14 tpia onpeio adtda. INa va d&iov-
pe 611 6 xhkAog abtog Siépyetal Grod 16 ixvog
&vog Oyoug, my. and 6 Ixvos © 100 Uyoug
A0, mpénel v Grodeifovpe 611 16 TETpAmiEy-
po AEZO elvar Eyypayipo xai dpkel y1° abtd
va Seifoupe my. 6TL
EZI = EA®.

*Enerdfy AE [/ BT, 6a elvaw EZT = AEZ
(I) "Axoun, énewdn 16 terpamievpo AEZO
elval loookelric Tpanilio (BA. Gok. 8 §6.13) 0a
glvar xai EA@ = AEZ (II). "Anod 1t obvykpion t@v (I) kai (II) rpoxintel fj iodtnta nod
{nrobpe.
‘Opoimg arodeikviovpe 61t & xOkhog Sitpyetar kai nd 1@ Ixvn v dAlov dio
Oyov.

szpoﬁuz 800 tepvopevove KUKAOVG K, Kai K, kai xaloDpe A,B ta onpeia topdis toug..

\ Av P glvan Eva onueio tod kikAov k; kai oi PA, PB tépvouv tov kikho k; até I' kai
A, v deryBel 6T 1 ebBeia mob SiEpyetar dnd t0 P xai and 16 xévipo O 100 kiklov x,
elvan x@Betn oth A,

Aban : "Av gépoupe ™) PE Zeantopévn tob

Ky, EXOULHE

l;x == ﬁx (I)
*Amd 16 Eyyeypoppévo tetpanlevpo ABAL E-
yovpe Kai

f=5§, an

Zuykpivovtag tic (I) xai (II) Bpioxovpue
éu P,=T, éni. PE//TA. "Agob Aowrdv
# PO elvar x@Betn otv Zpantopivn PE, Oa
elvar xdbetn xoi otiv mapalinin wng IA.
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5. Gcopodpe xoxkh(0,p), 600 onpuela tov B,I" kai Eva onpeilo A foatepikd tob xdie(0,p),

Era onpeia B kai ' oépvoupe e00eicg wabe-
12g otig AB kai AT, ol droieg tépvovion atd
P xai and 160 P @épvoupc ati) xopdf BI ebbcia
kGBetn 1) omoia tépver 1Ry AO ot6 A'. Na
deryBel 611 OA = OA’.
Abon : 'Eneidy ABP + AP = 900 4 900=
18009, 16 tetpamievpo ABPI elvar &yypdyipo
Kai KEVIPO TOD MEPLYEYPOUMEVOL KUKAOL TOU
AP
glvar 16 péoo K tfic AP (ywati 'K = - S
BK). "Etor 1 OK elvor dudkevipog 800 ki-
khov mov Exouvv kowf xopdn ™ BI xai dpa
OK 1 BI.
Z16 tpiymvo howndv PAA™ | KO SiEpyetan and 16 péco 1iig AP kai elvar mopalinin
npég th PA' = OA = OA'.

fi-‘§ @ deryBel 6Tt kabe mepryeypappivo mapallinioypoppo slivan popPog kai ol Swydvioi

L diEpxovial and to kEvipo tob Lyyeypoppivou KOkhon
Aben : Oewpobue €va meEpLYEYPUUPEVO Ta-
parlinioypappo ABIA kai Bétoupe AB =
I'A = o xei BI' = AA = B.Enedn 10 ABIrA
elval mepryeypaupévo, Exouvue
AB+TA=AA+BI'=20=2p=a=p=>AB=BI,
oniadn to maperinhdypoupd pog sivar pop-
Boc, ywti Exer §vo Swadoyikéc mieupéc Tov
ioec.

"Apob 16 ABTA eivar popPog, xabe Siaydviog tov dixotopel tic dnévavil ymvieg
Tov. "Etol m.y. 7 BA Sixotouel tig ywvieg tov B xai A. Of 81(0TOHOL BUMS TAV YOVIHV
B kai A Sigpyovtal and 16 xévipo O. "Apa ) BA Sitpyetat and 16 kévipo 0. "Opoia
anoderEn yivetar kui yi@d v AT

7. Na anoderyfel i Gv Sumpioovpe Eva xikro of v ica pépn pé 1@ onpeic Ay, Az,...,Av
kai gépovpe ¢ avtd tTic fpantopeves tob kOkhov, oynpatiletar kavoviké mohiywve
(mepiyeypaypévo otdOv KOUKAO).

Avon: Ol Edoontopevec ota ALA,,...,Av
aynuurtilouv 10 molvywvo EZH..N mou 0é-
houvue va dmodeifoupe St elvar kavoviko.
*Emeidi A,0A:> — A,O0As kui of OE, OZ
elvar dixotopor 8a elvar :

AOE = EOQA, = A,0Z=ZOA; = ¢
Tote o16 tpiyavo EOZ §| OA, elvar Sixot6-

pog kai Oyog Gpa 16 EOZ elvol icookelig
xai énopéve : OE = OZ. "Opown: OE =

0Z=O0H= ...= ON, &pa 16 EZH... N &l-
var &yyeypappévo, Kai dxkopa: EOZ =
ZOH = ...= 2@ Bn). EZ= ZH = ... = NE dpa 10 EZH...N eivai xavoviko.
¥ T
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10.8 ASKHEEIL * \)\M / gg =z /

__.-/l.-}(fxﬂe Eyyeypappévoe poppoc elvat tetplymvi

2. Avo xOkhot tépvovrol otd onueia A kai B. "An
tépvouv tOv Evav kokho otd I' xai I kai tov @hio
/] AA".

A xai
kai A", NG deuyOet

\ Aivovrat 0o xikhot nod tépvoviar o160 A kai B. ®épvo v ebbeia € rob SiEp-

yetat and 16 B xai elvar kdbetn otfiv AB xai ovo vpe E,Z t@ onueia, ora omola
1 & TépveL Tolg kiKkhoug, kai P 16 péoo tob tuipdtog EZ. ®épvovpe akOpn pié émora-
Snnote ebfeia mov Sitpyetal Grd 10 A kaidSvopalovue TA 16 onpela, otd dmola Té-

{ A HveL ToOg KOkAovg. Av M elvar 16 péoo’ 1ob tuipatog T'A, vé deifete 61t PM 1 TA.

\ |4] @cwpotpe Evo tpiyove ABT kai 8o kikhovg mov Siépxovial and tic kopueés ToL
B xai I' kai tépvouv tic migupéc AB xai A" 6 Evag otd onpela E,Z kai 6 dGAlog otd
onueia E', Z'. Na Seitete 6m EZ [/ E'Z".

5\ Aivetan Eva tetpanievpo ABLA éyyeypuppévo oé kixkMO,p) kui maipvoupe T onpeia
K,AM,P cuppetpika 1o kévrpov O @ npog tic mhevpég 1od ABIA. Na deilete 611
16 KAMP elvor nopalAnhéypoppo.

ive‘rm pic yovia XO¥ koi Opropévo onueto I tiic Sixotrdpov te. Ipagovpe 6o
| KoKhovg mol diépyovial Grd o onpeie O kai X kal tépvouvy v nhevpd OX ot on-
‘ peia A xai A’ kai v mieupd OV otd onpeie B koi B'. Na deifete 6t AA" = BB,

. "And Eva onueio 1 1ol Gyoug AA évog tprydvov ABIT @épvoupe 14 tufpoate IK kai
IA xdOsta otic mhevpic AN kai AB dvuiotoiyms. Na deifete 611 16 tetpdnievpo Bl
! KA atvul &yypaypo ot xOKLO.

Qsoapobus pia xopdn AB évog kukA(O,p) kai 10 péco M 10D KU[JTO’rd)VlJED toEov AB.
, “Av I xui A elvor 800 dmoladnnote onueia 100 pi Kuptoydviov T6&ou AB kai of xOp-
8¢ MI" kai MA tépvouy v AB até onpeia K kai A, v éeikete 611 10 1eTpdndevpo b
T'KAA elval éyypaypo. =
4 Aivetar pio Stduetpoc AB &vog kOkh(0,p) xai dbo xopdéc AT kai AA tob kbkhov &-
katépwbev Tiig Slapétpov AB. "Av 1" dpantepivn oto B téuver tig npoektdoeig 1V
A% AL xai AA otd onpeia K kal A, va deikere 611 1@ onueia LA K, A glvar dpokukiika.

\*\ . @empodpe té Gyn BA xai T'E &vog tpryd@vov ABI. "And t6 E gépvovpe mupddinin
i npdg 16 BA, 1) dmoia tépver thy Al o016 K, xai ano 16 A @épvoupe mapdiinin mpog

| 16 I'E, 7 6moia téuvet THv AB ot A. Na deibete 611t KA [ [ BT

\

| Oewpobue tpia dmowdnnote onueie AE,Z tdv nhevpidv BI,TAAB £viéc tpry@vov

| ABI. I'pagoupe tov KOKLO K; mob Siépyetal and ta A,Z(E TOV KUKLO K, O S1€pyETaL

| ané 16 Z,B,A xoi tov k0K o K3 Tob SiEpyetal amd ta A,TE. Na Seikete 611 o xokhot

? K1, K2, K3 Otépyovtal @nd 1o (8o onpeto. AP

| ™\ -

|

¥ Eva terparievpo ABTA meptyeypappévo otov kikhO,p) Exovpe miviote AOB +
T'OA = 1800

; ﬁ@)wgoﬁpe terpamievpo ABIA (un meprypdyipo) kai ovopafovpe K,AM,P 14 on-
peia émov Tépvovrol of Sixotépol @V Sradoxik®v yavidv tov. Na deifete 611 1d on-
peia adta elvar dpokvkMka.
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e A .

;\\j—) 3 — =D
' 1
%2 ‘H Sudpecog nepryeypappévov tpaneliov elvanr Tom pé w6 Lo tfig nepyuétpov Tov.

h ¥ Eva loookeréc tpanslio 1) Siapecdg Tov el;al fon pé pic anod tic pR mapdiinieg
nAevpés tov. Na Seifete 611 16 tpaniétio elval reprypayiypo of kikho.

16} Zé xoxho (O,p) va Eyypapel xavovikd dwdexdywvo kai kavovikd elkooiterpdywvo.

17. /NG Omoloyiofel 16 mAfifog tdv mhevpdv &vog kavovikoD molvydvov tod dmoiov, 1y
yovie elvar: a) 1350 B) 1440,

\ 18,/ Ztic mhevpég Evog kavovikoD E€aydvov kai o16 EEmtepikd tov Kutuokevalfovpe Tte-
A Tpaymva. Na drodeiy0el Gt ol Ghieg kopupiés TV teTpaydvey, oxnpatifovy kavovi-
k6 molhyavo.

IBQAEKHEED: et

. I Eva terpanhievpo ABLA Eyyeypoppévo otdv xukMO,p) dvopdlovpe © 16 onueio

o1 6molo téuvovrar of €0Beleg mov Evdvouv td péca T@V arévavit Thevpdv tou. “Av

elvar K = ocuppe O, v deifete Gti:

o) ‘H ebfeia mod Evdver 16 péoo pidc mrevpdc Tod tetpaniedpov pé 16 K elvan xade-
N otV arévavil mAELpd TOu.

B) Of ebBeieg mov Siépyovtal amd 1é péca t@v nAevpdv tod TeTpandedpov Kai eivar
kaBeteg otic anévavrt mhevpég Tov diEpxoviar dnd to 8o onueio.

20 Ocwpoipe kukMO,p) kai 0o kabeteg xopdéc Tov AB kai A, Na Seifete 6t ol dpa-
nropeves tob kiklov ota A,B,I,A oxnuoatilouv &yypayipo teTpanievpo.

J, ‘H &yyeypappévn meprpépera opboywviov tprydvov ABI (R = 90°0) &pantetal oOTig
mhevpég tov BTN, TA, AB otd onuela A,E,Z. "Av I elvar 1§ npoPoin tob E ot AZ, va
deikete 6m1: w) To tpiywvo EIA glvar icookehéc B) "H IT diyotouel ) yovia EiA Y)
‘H yovia AT elvar Ton pé 900,

Aivetar pia xopdn BT évog kukA(O,p) kai of Epantopeves €, kai €£; o1d Gkpa e,
"Ané Evo drorodnnote onueio M tiic B gépvoupe kaBetn otfiv OM, 1) dnoia tépver
tig €, Kai €, ot@ onueia E xai Z. Na Sei&ete 611 EM = MZ,

"Eva tetpanievpo ABIA Eyyeypappévo of kukh(0,p) Exet xdabeteg Siaymviovg mol
tépvovtal otd [ "Av K, AM,P elvaiL ol npoPoréc tob I otig nhevpéc 1ol ABIA, va

= deitete 611 16 KAMP elvan &yypayipo xai meprypdyipo.
SN
%0{ mAevpécs AB kai TA &vog éyyeypappévou tetpamiedpou ABIA téuvoviar otd E
xai ol mhevpég Tov AA koi BIT téuvovral 616 Z. PéEpvovpe &xoréuo tiic yovias E

mov tépvel tig mhevpéc BIL,AA ota onueia K,M kai 0 Sixotopo tfig Z mov TEUVEL TiG
mhevpéc CA kai AB otd onpeia A,P. Na deifete 6t

a) Ol Suxotopot v E kai Z téuvoviar kabétag.
B) Té tetpanievpo KAMP elvar popPoc.

25, ©swpobue Eva Eyyeypuppévo tetpanievpo ABIA kal ypagouue toEa mob Exovv xop:
8ég tic mAevpéc Tou kai @vd 0o Sadoxikd téuvovial of onueie K,A,M,P mol Bpi-

188

Wnepromotr|Onke amé To lvotirouto Eknmaibeutikng Mohmkrig



26.

31

W
[

33.

34,

36.

i
okovtut i péoa (1 BEw) ot6 tetpanievpo. Na deifete 11 1@ onpela abra elval opo
KUKALKA.

Oempobps yovia XOW 11 Sixorépo tne OA xai Eva onpeio P Eomtepkd tiic yo-
viag AOW. "Av A,B,I" elvar ol npoPorég tob P otig fiuevbeieg OA,0X,0%, va deikete
(1

o) Ta onueia O,B,A,P,I" elvar SpokvkAikd,
p) Té wpuhpata AB xai AL elvar loa.

. Avo xixhot k, xai k; pé kévipa K xai A tépvovral otd A kai B. "Av ol dktiveg KA

kai AA tépvouy tolg KOKAOUG K, kal Ky o1d onueie A kai T, va deiete 6t1 1 onpein
LK,B,AA elval dpokukhikd.

. Né& eitete dtu 1d Oyn &vog tprydvov ABT Suxotopolv Tig yovies tob Opbixod tpi-

FdVou TOUL.

. Aivetol Bva 1piyovo ABIT xoi ol pantdueves tod mepryeypappévor KOkhov Tov oTd

B kai I' of 6moieg téuvovratl o106 K. "Av AE,Z elvar ol npoPolrés 100 K atig ebbeieg
AB,BINTA, va deiy0ei 611 10 KAEZ elvar nopadinidypoppo.

. @empotpe pia ebbeia € xai 800 onuela A xai B npog 16 6o pépog tng. IMaipvouue

16 onueio A" = cuppe A kal @épvoupe thv ebfeia A'B, mol Téuvel Thv & oto N, kai
10 pecokdbeto ol tpnparog AB, Mol Tépvel Thv € otd M. Na deifete 61 1@ onpeia
ABM,N elvar dpoxukiixd.

Ocmpobpe @ Gyn AA' BB IT" évog tpiydvov ABT kai ta péoa E,Z tdv dbo Dydv
BB’ kai I'T". Na de1x0el 611 16 tpiyevo A'EZ elvar icoydvio pé 16 ABIT.

. @cwpobpe Eva fipieninedo axufic & tpie (kuxhikd) t6Ea tol fuemmnédov, mod Siép-

xovtal and &bo dplopéva onueia B kai I' tfi¢ & kai pie Huevbeic BX 1ol fAuiemmné-
Sou, mob Tépvel Ta Toka abtd otd onueia AE,Z. "Av ol épantopeves tdv t0fwv otd
A.E,Z téuvovral ava §bo otd onueia K, AP, va Seifete 61 ta onpeia IK,AP elva
Opokukhika.

Aivetar &va tpiyovo ABIT &yyeypoppévo of xikho xai Eva omolodfimote onueio M
10D mepLyeypappévon kikAiov tou. Na Seifete 61t ol mpoPoléc tob M otig mheupég
1ol TpLyd@vov Bpickovral oty 161a ebbeia (ebBeia Tob Simpson).

Aiverat Eva tpiymvo ABI kai &va onueio M tétoto dote of tpeic npoforés tov otig
nhevpég Tob TpLydvou v Ppiokoviat otiv Sia ebBeia. Na deifete 611 16 M Ppiokerat
o0V MEPLYEYPOUpEVO KUKAO ToD tprydvov ABT.

. Na deikete 611 o xabe tpiyovo 14 péoa @V TpLdY TAELPEV TOL, TG IXVN TOV TPIBY

Dydv tov Kai T¢ péoa OV dmootdceav Tod OpBokevrpov Gnd Tic kopupdg touv Ppi-
okovtal 6tov 1510 kikho (kikhog t@v 9 onueimv fj kokhog tob Euler). Na Seikete
axopun 61 6 xoKhog abtog Exet kEvipo TO péco tod e0Bbypuppov THHparog mod guv-
déeL 10 OpPOKEVTPO KAl TO mMEpikEvTIpo TOD TPLYdVOL Kai dktive ion pé 16 pied Tiig
axtivag Tob mepryeypappévon kOKAOL TOU.

Aiverar Eva tpiyevo ABI, 1o opBokevrpd tov H xai &va drolodnnote onueio M tob
nEpLYEYpappévoy kKokAov Tov. Né Seifete 611, 6tav 1 M Kiveltol oTdv mepLyeypappé-
vo kixho ToD ABT, 16 péco P tob tunuatog HM xiveitar otov xokho tod Euler (BA.
dok. 35).
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10.10 ETIANAAHYH KE®AAAIOY 10

1. "Eva tetpanievpo () yevikd Eva moliyavo) mod ol kopugpéc Tov elvan onpeia &vog kukh.,
(O,p) Aéyetar Eyyeypoppévo otov kOkho abtd. Ié &yyeypappévo tetpanievpo Exoupe
Tig id16TNTEG !
— Ol anévavn yovieg tov elven nepaninpopotikic.
— Kabe iLotepuci) yovia tov elvar fon pé v dnévavii g fomtepiki) yovia tov.
— Kabe nhevpd tov gaiveran and tig 6o anévavti tng kopupéc dmo. ieeg yoviee.

Kabe pia ano tic i816mtec adtéc elvar kai (kavh ouvlhkn, 1id va elvat Eva tetpanhen-
po ABI'A &yypawipo of xiklo.

2. "Eva. tetpanievpo (fj yevika Eve moliymvo) mod ol mhevpéc Tov pantovial oé Evav Ki-
kho (O,p) Aéyetar meprysypappévo otov kOkho altd. Eé Eva MEPLYEYPUUUEVO TETPU-
mhevpo Exovpe Tic id1dotnTES :

— Oi dixotopor t@v yovidy tov Siépyoviar ané 16 idio enpueio.
— Ta abpoicpate t1@v arivavn nhsvpdv tov slvar ioa.

Kafe pia ano tic i81o6ttee abtég elvar kai kavi ouvlikm, vid va elvat Eva tetpémniev-
po ABI'A meprypdyipo oé kOKAO.

3. "Eva mokbymvo mob Exet Shec tic mhevpés Tou Toeg kai 6lec Tic ywvieg Tov Toee Abye-
TUL KEVOVIKO.
KaBe xavovikod morvymvo elvar &yypayipo oé éva kukh(0,p). Té xévrpo kai 1y dktiva
tol mepryeypappévou kOkiov Aéyovial dviictoiyo kévipo xai dxtiva tob xovovikod
nroivydvov. "Erniong kabe kavovikd moiiyovo elval kai neptypayipo of &va OpdKEVTPO
KOkAO 1ol Exel dkTiva 10 @réstnpd tou, dni. v Gndotacn tod kévipou O 4md Tig
TAEVPES.
‘H xotackeun £évog kovovikoD moAvyd@vou pé v mhevpéc avayetal otdv xmpiopd &voc
xbklov of v loa pépn.
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MAPAPTHMA I

EMANAAHMNTIKA MAOGHMATA !

Oi Baoikég Evvoleg Tiig Mewperpiag.

1. "H Teopetpia Oepeiidvetal pé tig dpyikic Evvoleg (Evvoleg mov SexOpuoTe xmpic
opLopd) kai ta GEidpate (tpotdoels mol dexopucte §ti dindedovy). Oi Baocikic Gpyikéc
Evvoleg elvar:

— Té onuelo.

—'H ebbeia.

— To &rinedo.

Té clhvoro Shwv tdHY onueimv LEyeTal «yempetpikos x®poc» xal td Hroshvold tov
AEYOVIUL «YEOUETPIKG oy fipata».

ME 1a dEubpota ol Sexopacte yio v e0feio A drodeikvostal 81t N evbeia Exet
dnelpe onueio. Kabe onueio A dc sbbeioc £ Opiler 500 Apmevbeieg pé dpyxn 1o A (av-
Tiksipeveg Auieubeieg), &vd 8o onueio A kai B tiic evbeiag £ Opilouvv Eva &bBOYpappo
Mjpa pé dkpa A xai B mov Exer «popian v €.

216 aEibpata tob Emnédov A Sexdpacte 611 600 onueia tou kebopilovy pia evbeic
£ abtob 1ol dmunédov Ny Onoia O6pilel S0 Ameninede pé axpn £ 'H topn dvo Huemnedov
(rob (Brov Emmidov), ta Omoie Exovv SLoQopeTIKES GKUES, AEYETOL KUPTR Ywvig, Evd 7 &-
vwot) toug Aéyetal pi] kupti yovia.

Ta énineda yeopatpika oxnpate t@ peretd 1 «Emnedoperpion.

2. Zmv 'Emnedopctpia deondlovv 8o yewmperpika oxipata :

—'H ebleia mob oyxedialetal pé 1ov xavova (xapuka).

—'0 kikhog*, molh oyedialetat pé 16 dafnn.

"H Evaon 1@v £000ypappev tunuatev, mob cuvdéovy v, dwatetdypéva Kai puf cov-
evbelakd onueia, Aéyetol te@haopivn ypoppn. Mic teblaopévn ypoppn propel va eivat
wxopti* | i KkupTh.

Mud kheiotn* tebracpévn ypapun Aéyetal kai molvyoviki ypappf koi pmopel v
glvan éniong kupth f| uA kupt. Mé t BonBeia mdg kuptiic moAvyevikiic ypappis Opi-
Letar O kvptéd molbymvo* Kkei 1| moluymviki ypauuf, mod 1O Opilel, xmpilel td onuela
1o moAvydvov of Eomtepikd kai Ewtepika. "Eva kuptd moADY@VO HE V KOPLPEG ExEL V

v(v—3)
2

nhevpéc Kol Siaymviovs.

M ia yovia mol Exel yid kopu@h tng T kévrpo £vog kikhou Aéyetal Emikevipn yo-
1. “Otav Eugaviletar o @paon 1 AEEn 16 oOpfolo A, va GvoeEpete TG GYETLKG

fewpipote § GEldpote, &ve Stav dupaviletar 16 copforo * of Evav Gpo, va Sivete 1OV
OpLopd tou.
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via 10D kOkhov abrob. "H topt 1ol xbxhov pé péd Enikevipn yovia tov Aéyetal toko tob
xoxhov. Avo onuela A kai B &voc kikhou dpifovv dvo toEu AB, Eva Kuptoy@vio t6Eo*
kai Eva pf xuptoydvio.

To ebBbypappo tufipa, mod cuvdéel 14 Gxpa &vog toEov, Aéyetar xopdn kai kade
x0p8f mob Siépystar dnd 16 kKévipo Aéyetar Supetpog Tob kikhov. Kabe Siapetpoc xm-
pier Tov xOkho of d00 MukiKira,

Z¢ xafe xixho dvriotoryel Evag kukhikds dickog* ooV dmolo dvhikouv kai T onusie
700 kbKkAov. ‘O kiKA(O,p) ywpilel 1d Ecatepikd kai 16 Ewteptkd onueia Tol k&io(O,p).

‘H ioémTa o1 yewperpika oyxfjpara.

3. 'H iocotnra 8bo ebBOypappov tunpatey dpietal dEwmpatiké & kol Staniotdve-
TaL pé 16 SofhTn.
Ztiv lodtnto 1@v edBOYpappov tuNuGTOY o*-mplCetm obolaonikd kai kGbe diin
lo6tnta ot Teoperpia. "Etol épilovpe 6t
— Avo kixhor (fj kukhikoi diokot) Aéyovian Toor, &v kai povo dv Exovv loeg axtiveg.
— Abo to5a tob idrov kikhov fj lowv kikhov Aéyovral ioa, &v kai povo Gv Exouv i-
otg Lopdis.
— Ao yowvieg Aéyovian iozg, Gv kai pove &v, drav yivouv imikevepeg loov kikiov,
Baivovv of ioa 16Ea.
IMapatpobpe dti dév Opiletar iodtnta edbedv i Hevbeidy. "Eniong dév dpiletar
lootnte Y1@ t6€a nod Sév dvikouy otdv 1610 kOKkAo fi of Tooug kixiouc.

4. Avo tpiyove Aéyovian Toa, v xai pove v Exovv tic nhevpés tovg pia npég pia Toeg
K@i tig anivavn and tig loeg nmhevpéic yovieg toug Erniong ioeg.
Té dplopéveg nepintdoelg ) lodtnta dvo tprydvev EEacpeiiletar pé ty lodmra
Tpudv pévo avtictorymwv otofkeinv. ‘O mopaxate mivakag Sivel TETOIEG GAVILTPOCWTELTI-
kig mepintdoelg! 800 tprydvov ABIC kai A'BT.

1piy. ABl - tpiy ABT «—> o-a’ 8.8 y-y° A-A" BB’ EF
3 nisupée iec e o o A
2 ndeupéc iose s ® 0:/Am
® o:/am
®
1 ndeupd ® o
i . °

’Emiong, of Opiopéveg mepintdoelg 1) lodtmra dpboydviav tpiydvav EEacqolile-
TaL pé ™y iocdtnta dbo podvo dviictoyev otoixeiov. ‘O napokdte nivakag Sivelr tétoleg

1. Ol repintdoelg otic dnoieg Ondpyer 10 cdpporo OZ/AM iloybovv, Stav 1d &ho
Tpivava elvar dEuydvia i étav 1a dbo tpiyeove elvar dpuploydvia pé 1ic dupleieg yovieg
tovg of avtriotouxeg kKopupés.
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dvinpocenevtikéc mepinthoels dbo dpboywviov tpiydveoy ABL kai A'BT' wob Exouv
A= K=90.

Mopatnpobpe &1L kGO xpreiiplo isdtnrag Sbo tprydvev mepéyxer dnepaimra pia
tovhayietov ightnra peragd TOv TALLPOY Tovg.
Tevikotepa, propodue vi dpicovpe iodtnta petabd 8o kuptdv mOlvYOVEV Aéyov-
tag 611 Vo molvywva elval Toa, dv kai povo v Exouvv Tic AEVLPES TOVG pia mpdg pia ioeg
xai Tig ywvieg Toug, mob mepiéxovial Gnd loeg mhevpis, Emiong ioeg.

5. “Ac GUYKEVTPOOOULME TIC KUPLOTEPEG MEPIMTMOCELS ioOTNTAC e00OYp. TUNMOTOV
Kai yovidv.

Ao eb@Oypappa tpnpata sivan ioa, dtav elvan @

— Ol Toeg nhevpéc ioookehols TpLy@VOL.

— Mevpéc Toav Tpiydvev mod Ppiokovial drévavr énd loeg Yoviec.

— Mhéyre tufpata, arnd 16 18to onueio npog ebleia, mod ta Txvn Toug loanéyxovv anod 1o
ixvog tob kdfetov TUTHATOS.

— Xopdéc ioov 1Emv 10D (dtov kbkiov (fi ionv KOk mY).

*Anoothpata icav xopddv Tol iSov kikiov (i lowv kbkiov).

—_Amévavtt mhevpéc mapudinioypaupov (i dnolecéfinote mievpés pouPouv fi TETPUYG-
vou).

— MpoPorég lowy kai mapaiiniev unpatov o ebleia (Br. dok. 9 g § 6.13).

— TUMHETPIKG ©¢ TpOg KEvipo 1) dfova.

Abo yovieg elvar logg, Grav elvan @

— Ol yavieg loookehots Tpiybvov mod PBpiokovral dnévavrt dnd tic loeg ThELPEC.

— loviec icwv Tprydvev Tob Bpiokovtal dnévavtl ano tic loeg mhevpéc.

— TounAnpopate 1 tepaninpdpate ionv Yovidy.

— Katakopugiv yoviec.

—Evtoc BvolAGE §i Extoc xai éni 16 abtd pépn napdiiniov ebieIGV.

—OEeiec (f) auPieieg) mol Exouvv mapaiinies fi kabeteg mievpéc.

—Anévavil yoviec mapurinioypippov (i émowecdnnote yovieg dpboywviov fi teTpa-
Yhvov).

— Eyyeypaupévec (/i &nikevepec) tob (Blov xokhov (1] lomv kbkiev) mod Baivouv ot ioa
t6ka.

— O yovieg mov PAémouv pid Thevpa EYYEYPUMHEVOL TETPEMAELPOL Gnd Tig 0o anévavri
KOPLPES TNG.

— "H pia yovie dyyeypappévou tetpaniedpou kai i GAAn dnévavti g EEwtepiki.

— TuMMETPIKEG GG TTPOG KEvTpo T dEova.
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ZOYKPIOT) YEWHETPIKDV OYNEATWY.

6. "Eva ebBbypappo tufipe AB Aéyetar pikpotepo and Eva dido IA (xai yphpou-
ne AB < T'A), Gv kai povo dv 16 AB elvar loo pé pépog 1ol TA. Téte 16 T'A Abyetal pe-
yahitepo Grd 16 AB (kai ypagovue TA = AB).

Aivovpe Thpa pEpIKES XUPOKTNPLOTIKEG MEpINTOOEL ToU Eva Tufipa elval MIKpOTE-
po and Eva d@Ado :

Té xafeto wufina dnd onpeio A npog edbeia & slvar pikpdrepo and kabe mhiylo ufipa
and 16 A npdg AV &
-Kdébe pia and tic xabeteg mievpéc dpBoydviov tprydvov elvar pikpdtepn and v O-
noteivovad tov.
— KdbBe nhevpd tpiydvou elval pixpotepn énd t6 Eporoua v 5o dhhov Kai peyao-
TEpn Gnd T Swgopd toug, Snhadi :

|B—y|<a<B+7¥.

—Kabe £0B0ypappo tufipe elvar wikpdtepo and v mepipctpo* kabe dvorkrfic 1edia-
opévng Ypappfic mod Exer tq idia dxpa.

7. Lty mopandve Gvigotiki oxéon t@v edBbypuppev tunpdtov ompiletar ob-
cwtikd kdBe diAn oxéon tfig Meopetpiag mod Opiler Bva oxfipe «ukpdtepon and Eva
GdAro. "Etol, Opifovpe &ti:

—"Evag xukMO0,p) 0 Aéyetor qukpdtepogr and Evav dAlo kukA(O',p), dv xai povo dv
p<p.

— Eva kxvproydvio toEo AB 0 Myetar qukpdtepor Grd Eva dhho Kuptoydvio TOE0
A 10b 5100 (i} igov) kbrhov, dv kai pévo dv AB < I'A (oé pn xvptoydvia toEa Hpi-
Coupe 611 AB < I'A <= AB =>TA, évi xGBe kuptoydvio t0o Opilovpe 611 elval pikpod-
TEPO AMO xdﬂs un xuptoydvio 16£0).

— Mia yovia ¢ 8d Aéyetat wikpdtEPNY ARd utu @A yovia o, &v kai povo av, érav yi-

vouv kai ol 8o &rikevrpeg lowv kixhav, f tp Paiver o pikpdepo toE0.

HNapatnpobpe 8tL umopodue maviote v cvykpivovpe 0o edBIYpuppe TuApaTe f
&0 yavieg, &vid Gév propolue vé ouykpivovpe 800 TOEw Tapd povo Btav GVAKOLY GTOV i-
1o kbkho fi ot loovg kiKAoue.

8. INokkég popég amd pia oxéon mod loyxber yid 8o oxfuata Ppickovue oxéon
mov ioybel yia 8o dAha dvtictolyd tovg oxfpara. Of méd cuvnBiouéves Grd Tic nEpLTTH-
oelg avtég elval :

—'H oxéon mov ioyvel yid dbo mhevpés (i yovieg) &vog tpiydvov ABI ioxver kai yia tic
arévavr yovieg (1] mhevpég) tov, dnhadn :

= s
B<1¢8<F

—"Av gépoupe and onpeio A 16 kabeto tufipe AK kai 800 mhaywa tphpate AB xoi Al
npog pia ebbeia g i oxéon nod loxdel y1d T4 mhayia tufpata AB kai AT ioxlel xai
7@ té tunuate KB kai KI© kal dvtiotpdpag dniadn

= >
AB ~ Al <= KB ~ KT.
< <
—"Av Bewpricovue d0o xopdéc AB kai A tod 1810v k0Khov (f iowv kikAav), loxder #

npdtacn

AB<2 TA e Gmiorrian AR i dnbotnpa TA.
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dnhadh ano T oxéon mob loydel via tig xopdig mpokintel i oxéon mob loyber yid 1@
aroothpatd tovg Kal avriotpbdeog.

9. "Av Exouvpe 800 tpiymva ABIT kal A'B'T’, propobue va Aépe 6ti elvar ioa 7 G-
vioa, 714 Gvica peg Tpiyovae dtv propobue va Aépe 6t 10 Eva elvat «IKPOTEPON T} (uE-
yahbtepo» énd 16 diro.

*Eniong, &nd 1 oxton mod loxdel yid dbo nhevpés (fi yavies) dvicav pLydveV SEv
npokORTEL oxfon Y1d Tig dmévavtl yovieg (i mhevpéc) Tovs, mapd pévo OV MEPINTOON
mow th dbo tpiyeva Exouv dbo whevpés loeg. “Etol of S0 tpiyeve ABI" xai A'BT" pé
B = B xai y = v Exouvpe tig mpotdoris :

I A

ANV

o >
A'<>BI =~ BT
<

~

f=>B8=08 f B+ B = 1800,

-
Il

1L

Mpa&eig kai PETPO YEWHETPIKDY OXNuaTWY.

10. Tt Teopstpia dpiovpe npakelg of tpia odvore: 016 olvoro & v e0B0ypap-

HOV THNHATGOV, OTO GhVOLO =7 t@v 16Emv Evoe kokhov (7 lowv kOkAoV) Kai 016 clivoho

of 1oV yonidv. “Av onueldvovps Aoimov pé

0= {a, b,ic; }

othv x@le nepintwon 16 Bewpodpevo obvoko (niadh ué O gvvoolpe Eva ard 14 olvola

Z J of avaloya pé thv nepintwon mod &Eetaloups), 016 O dpifovpe npboheon kai

aouipeon, pé tov dxdiovbo TpomO :

—*Av O@= & xalobpe @dporwopa a-+ b 16 ufipe mod mpokdmtel, Gv mApOUNE ot pia
ebBeia 800 Sladoyikd Tuhpata* ica dvrictoiza pé té a xai b.

—Av O = J,' kahobpe GOpowoep a + b 16 1680 nrd mpokvmrel dv mapoupe otov idio
(fi o¢ igo) kikho 8vo Sudoyikd 168a* loa avtiotoixwe pé a kai b.

—Av 6= Qf,xui\,oﬁus &0poropa a+b pia yovie mod elval ion pé Ty dnikevipn yovia
7 6moia avriotolysl oto @dpotopa @V t6kwv, otd orola Paivouv of ywvies a kai b,
Grav yivouv énikevipeg lowv kOKLOV.

—*Av @ > b xahobue Srapopi a — b cé kabe nepintwon Eve otoiysio dEO tétol0, @ote
d + b= a. "Exoupue dniadn naviote

a—b=d<a=b+ d.
‘H Slapopt a —a, yac® elval 10 «undevikd orouyeion tod B, 16 Omoio onueldveTal
amhidc pé O xai elval obdétepo atoiyelo tiig mpocbicewc.

11. Tt6 chvoro © Opifovpe kai pia GAAN wpGén : 16 yivépevo otoryeiov tob O éni
ambpod. “Av x xai A elvar guotkoi a@pibpoi, | mpd&n avn opitetar d¢ EERG :
— Té ywvopevo ka onpeivel ddpoiopa k oroixeiov icwv pe a.
— Té yvopevo (1/h)a onuaivel 16 &va Grd 1@ otoxela mod Ppiokovys, v ywpicovHe

10 a of A oo pépn.
x

et
“H igétnta Lowmdv b=

— Toé yivouevo a onpaivel GOpoiopa k ctotyeiov iowv pé %a.
K

% 1
3 a onuaivel 611 16 b elvat ioo pé x tunpata ioa pé Ta.

Térowe oxnpate elvae:
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— Té tpfina mob cuvdéer ta péoa 8o mhevpdv tpiydvou eival ioo (xai mapdAinio) pé
16 pod tfig tpitng mhevpic.

—'H Buapecog dpBoydviov tpLydvou mob dvriotouxel otV UNOTEIVOLGE TOL Elval TO pi-
o0 tfig Umoteivovoag.

— Té tfipa mod Exel dxkpa pio kopuen tpLydvoy Kai 6 Kévipo Bapouvg tov eivar oo pé
& 2/3 tiic Gvrictong Slapéoou.

—'H 8udpecoc* évog tpaneliov elval ion pé 1o Hiod 1ob abpoicpatog 1dv Pacedv tou.

— T wfipa ol éviver 16 péoa @Y Stayoviev Evog tpaneliov elvar t6 pLod 1 Siapopic
10y Pacedv tov.

—'H andotacn tob nepikevipov &vog tprydvou émd pia mhevpt tou elvar 16 piod Tig
@nooticens o0 OpBoKevTpov Gmd THV dmévav KOpLeT Tov.

—H &yyeypappévn yovia o* Bva t6E0 évdg kiKAou &lval 1O wod tfig avrictouxng &ni-
KEVTPNG Yoviog.

“Av Exovpe pia icotnta tfig popefic b = —:.— a, 6 ap1Bpdg % Afyetal hoyog tod b

R b .
npdg T0 a xai ypagetal = dniadn sivai

L s <> b= _K_ a.

a A A
Eidikd y1a tic yavieg 6 Adyog 00 yovidyv icobtal naviote HE 10 AOYO @V OV oTd O-
noia Paivovy, Gtav yivouv énikevrpec ioov kikAav.

12. "Av napoupe éva 6plopévo otoixEio HEB kai T6 Kahéoovpe ovidu pETpRoEmCY,

06 Loyog % 116 k602 BEB Aéyetar pétpo tob O i TpoC povéda TO p Kai onpetdvetal (0),
dnA.

]
0) = —.
) 1
TNa 1@ pétpa tdv oroiysiov ol O £xoupe Tic mpotdosig
I. "0 Lo6yog o orolxeiwv icobtat pé 16 Loyo @V HETPWV TOLE, SnA. -:— = %;.

"H oyéon nob ioybel v1a 0o oroxeia ioyvet kai Y@ ta pétpa toug Kai avri-
otpdpag, dniadh

IV

=
b < (a) ( ).
III. Té pétpo tod dBpoicruutog dvo oroxeiwv loobtut pé to Gdporopa tiv pitpov
toug, dniadn
(a+ b)= (a) + (b).

Z10 olvolo iV TOEWV naipvoupe yid povasda HeTpiioEWG TH poipa*.

Z16 olvolo TGV YVIOV maipvouue Yid Hovade HETPHoEmC ™ ywvia, wod Stav yivel &mi-
kevipn, Puiver o€ t6€o b poipug. ‘H yovie adth Aéyetal Eriong «poipa». Mia nenha-
TwopEVn yovia* Exer pétpo 18009, &vd piu mAnpne yovia* Exel pétpo 360°.

‘OpBf ywvia. ZupmAnpwparikés kai mapamAnpwparikég ywvieg.
13. Mia yavie, mod elvar Ton pé 6 pied wibc nenhatvopévne ywviag Aéyetal dpOn

Tovia. "Okeg oi 6plég yuvieg sivat ioeg petakv touc, Yyt kaBe pia Exer pérpo 900, Novia
mob elval peyodbtepn ) pukpdtepn and thv opbn Adyerar avrictouxa OEeia iy aupisia,
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"Ene1df kafe yovia Eyyeypoppévn of xokho elvar 16 mod tfig dvticroiyng Ernikevipng,
oupunepaivoupe St

— lovia &yyeypappévn of Huikixio elvar dpbi.

— Tovia &yyeypappévn of kuptoydvio (fj pf kuptoydvio) toko elvar d&ela (ff du-
Preia).

TlohMéc @opég xpnoponolobue Thv Opbf ywvia nid povada petpficeng v yavidy.
Tote ol dEeleg yovieg Exouv pétpo pikpdtepo @nd 1 kai ol dupireieg Exouv pétpo peyaro-
tepo amd 1.

14. Avo okeieg yavieg, mol Exouv d0poiopa 900 (Snhadn pia opb yevia), Aéyovrar
ovpmAnpopankés yovies. "Etol m.y. oupninpopatikég elvar ol d&eleg yovieg &vog dplo-
YOVIOL TpLYdVOUL.

Abo yovieg mob Exouvv @dporopa 1800 (nhadi) dvo opbic fi pio memlatuopévn yo-
vie) Aéyovial naperinpopatikic yovies. Xapakmpiotika {suyapio mapanhnpOPOTIKOY
yovidv elval
— Of 2ekfic* yavieg mov ol pf xowég mhevpég toug elval dvrikeipeveg fuevbeieg.

— Of &vtog xai &ni 1d@ abtd pépn 800 maporinhov ebBewdy.

— Ol ywvisg mol Exouv tig nhevpés toug mapaiinies (| kabeteg) xui eivar N pia o&eia
kai 1| GAAn aupreia.

— Ao omoteabnmote Swnboyikés yavieg évog mapulinhoypéppov.

— Ol dradoxikég yovieg Evog tpaneliov mob Exouv Tic Kopu@Eg Tovg OTA dKpa Midg Grd
Tig uf mopaiinhes Thevpég Tov.

— Oi anévavtL yavieg £vog eyyeypuppévov TeTpamiedpou.

‘H gekiic kai mapaninpopotikn yovie pic yoviag tprydvov (fi molvybvov) Aé-
yetar EEmrepikn yovie tov. Kabfe eEmtepikn yovia tpiydvou eivar ion pé 16 &bpoiopa
1@V 800 yovidy tob TpLy@vou mov Ppickovial anévavti g (kai ouvendg elvar peyahd-
1epn Gnd thv kabe pid toug). 'Erniong N Emrepikn yovia £vog Eyyeypappévou teTpanied-

pov elvat Ton pé ™ yevie 1ol tetpaniedpov nol Bpioketal anévavri mg.

15. "Ac avagpépouvpe téhog 1@ mo xpRowe dBpoiopate yovidv (LE mEpLocOTEPOUS

anod 8o mpocletéoug), mov elvat ioa pé morhanhioia tfig opbiic yoviag.

—Av ano éva onueio A pidg ebBelag & @époupe fpievbeieg o Eva Mueninedo dxpfic &,
16 dfpotopa GV THV Sadoxlk@v yavidv molh oynuatifovial elval ioo pé 1800,

—Av arod Eva onpelo A @époups omolecdnmote fpievdeieg, 10 dBpoiopa Shwv v Sia-
Soyicdv yovidv nod oxnpatilovral elvar ico pé 3600,

— Té GOpolopa oV yovidv tob tpryd@vov elvar 1800,

— Té &Bporopa 1@V Yovidv Tob teTpaniedpov elval 3600,

— Té GBpolopa 1@V yovidy tolvydvov pé v mhevpis elval 2v—4 opbég yovies.

— Té GBporopa 1OV EEatepikdy yovidy dnotoudnnote tolvydvou elvat 4 opbic (BA. dox.
15 § 5.14).

Iyéoelg e0Bellv.

16. Ao ebBeiec mol Eyouv 8vo kowva onuela ovprintouv (tavtifovta). "Etou dvo
Swapopetikég ebBeleg tobh émmédov pag:
— 1} Exouv Eva kowvo onpeio koi tote Abyovial TEpvOpEVES
— 1} 8év Exouv kowvé onueio kai tote Aéyovtar mapdhinieg.

Oi teuvopeves ebbeiec oxnpatifovv téooepic dladoxikés yovieg and tic dmoleg ol
amtvavt elval xataxopuenv Kai iceg, £vé 60o omolecdnmote cuveydpeves eivar EeeEiic
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xai mepamdinpopatikés. Ltiv nepintoon mod of téooepis abric yovise eivar Toeg (omo-
1€ Kabe pia Toug elvar dp), oi ebleleg Aéyovian kabetee.

"Av Exovpe pio £0Beie & xai Eva onuelo A mob 3év évijkel othv €, ioybouvv ol mpo-
TaoEIg
—Yrapyer pio poévo ebbeia mod Siépyetar dnd 16 A kai elvar mapdAAnin mpédc v E0-

Oeio € (GEiopa EdkAeidn).
—"Yrapyer pia povo ebbeic mod Siépyetar and 6 A xaf sivar kaBetn oty £. "Av 1) kG-
fet ab tépver v & ot6 K, 16 ufipe AK Aéyetal drbotaan tob A énd Y &

"H 8ebtepn mpbdracn loylel kai Stav t6 onuelo A avikel otiv edfela € "Av 10 A
gival 16 péco évog ebBuypippon tufpatog BL tfic e0lelug &, tote 7 KdBetn otv &
o16 onuelo A Aéyetal peookdBetog tob BI kai x6Be onueio tne louméyxer and ¢ B
Kai I,

17. "Av Exoupe dbo mupidiniec ebbeiec £, kai €, kabe ebfeia € Tob Tépvel T pia
o’ &va onpeio T A 0BG tépver kal TV @AAN ¢ Eve onpelo tiic B. JAnd 1ig ywvieg mob oyn-
patifovral otd A xai B :

— ol &vtdg gvarrat elvar Tosg.

— ol &vtdg éktog xai éni ta adtd pépn elvar loeg,

— oi &vtog xai éni t@ adta pépn elvol maporinpopaticéc.

"Av gmmkéov 1| ebbeia & elval kabetn oA pia and tig mapaAinies, tote BG elvar
kabetn xai othv GAkn.

©d avugeplotpe tThpa otig KupLOTEPES MEPITTOGELS Tupahiniias Sbo sbbeldy. Avo
e0Belc €, ki &, eival nopaiinieg, Gray :

— Elvau xdBeteg oty i6ia evBeia.

— Kabe pia toug eivar rapdlinin npos pia tpitn edbeia.

— Tépvovrar and pia tpitn ebbeia kai oi viog Evalhat yavieg mod oxnuatifouy elvat ioec
(f oi éviog &xtog xai &ri ¢ abra pépn yavies nod oxnparilovv elvar Toeg i ol évtog
xoi &ni 1@ abré pépn yovieg nov oxnpatilovy elval tapaninpouaikic).

— Elvor ouppetpikég @g mpdg kévipo.

—Ev@vouv 1d dxpa 800 iowv kai mapddiniov ed8bypappov unpétoy.

“Eriong mopaiinia ed00ypuppa tuApata elval :

— T6 tpfipa mod évaver 1@ péoa 00 mhevp@v &vog TpLydVoL Kai 7y Tpltn mhevpd 1o Tpi-
Y@voL.

— Oi anévavtt mhevpés Evog mapaiinioypéppou.

— Oi Paoeig évoe tpaneliov.

"Av Exoupe 800 moparinies €bBeieg £, Kai €,, Sha 1@ onpeia tfig g Exovv ioeg
arooTéoEls and Ty GAAN. To eb00ypappo tufipa v Tod eivat Too pé B)eg abtég tig Groota-
oeig Aéyetal anéotacn tdv dvo napdriniov ebbadv. Eivar eavepd &t Omapyer pioa ed-
fela & mapddinin npoc tic €; Kai €2, § 6noia Ppioketar péoa oth [hvn* 1@V nopdliniov

abtdv kol dréxer dnod xabe pia tovg andotaon % ‘H ebBeia adth Aéyetal peoonapiiin-
Aog t@yv £, kai &, kai 6ha ta onpeia Tng icanéxouv aro tic 800 mupdrinisc &, Kai &a.

18. Ao pni mapaiinies ebbelec Tol Emnédov Siépyovrar mavrote and Eva onpeio
Tpeig §| meprocdtepeg £00eieg Tob émmédou (uf mapaiinles ava S0o) 5& Siépyovral Ono-

ApewTIKG dnd 1O 1810 onpelo. Xapuktnplotikés nepinthoe eV0eIdY MeploGOTEp@Y GO

3o mob SiEpyxoviar and 16 1810 onpsio sivar :

— Oi pecokabetor v mhevpdv &vog tprydvou (Siépxovral and 16 nepikevipo* 1od TpL-
Y@vou).
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— Ol bBeleg mob mepiéxovv i Dyn Evdg Tprydvon (Siépyxovral dand 10 OpBokevipo* 1ob
TPLYHOVOL).
— Ol ebBeleg mod mepiéxovv Tic Srapéoovg Evog tprydvon (Siépyovral and 10 xévipo

Bapovg* tob Tprydvov 16 Omolo dnéxet and kabe xkopven T %rﬁg dvriotoigng Sio-

Héoov).

— Ol edbBeleg mov Siyotopodv Tic ywvieg &vog Tprydvou (Siépyovrat énd 16 Eykevrpo® tob
TpLYdVOoUL).

— Ol ebBeieg mob dixotopobv EEmtepika dVo ywvieg tod Tpryd@vou Kai 7 ebbeia mold duyxo-
Topel THY Tpitn ywvia Tod tprydvou (Siépyovrar and Eva mapdkevipo* Tob Tprydvov).

— Ol pecoxdfetor tdv nhevpdv Evog &yyeypaupévou teTpanietpou (Siépyovrar and 16
kévipo tol meplyeypappévov KUKAOUL TOL).

— Ol Suxotépot TdV yovidv Evog repLyeypuppévou tetpaniedpov (Siépxovial and 16 kév
1po 1ol &yyeypuppévou kbKAov TOL).

— Ol edBeleg mod Evavouv té péca v anévavit nhevp®dv Evog terpaniedpov kal f ed-
Beia mol Evavel 1a péoa v daywviov Tov.

Iyxéoeig eUBeiag kai kikAou. Ixéoeig 600 KOKAWV.

19. Mia ebfeia kai Evag kOkAog Exouvy d00 1O mOAD kowva onueia. “Av Bewphioovus
pia edfeia £ xai Evav kukl(O,p) kai Ovopdacovue OK v arndéctacn tob kévipouv O ard
AV €, B Exouvpe tig nepintOOELS ;@

—"H gbbein & 8év Exel koivo onueio pé tov kokho. Tote Aépe 6T 1) € Bpioketar «EEw» dnd
10V KUKkAO kai Exouvpe OK > p.

—'H e0Beia € Exetl Eva povo kowvo onueio E pé tov kdkio. Tote Aépe 811 1) € Epanretan
o1V KUkAO 010 onueio E (7 611 1 € elvar «Epantopévn» 1ol kOkAov) kai Exovpe OK =

= p.

— "H ebBeia & Exer 600 kowva onueia A kai B pé tov kukro. Tote Aéue 6tL 1| € tépverL TOV
kUkho kai Exovpe OK < p. Zthv nepintwon adth f yovia mod oxnuatifer f| € pé thv
Epantopévn Tol kiKhov o106 A 1] ot6 B Aéyetul yovia thg enﬂeim; kai tob xbxhov xai
ioobtal pé pid drowadirote yovia Eyyeypappévn oto toko AB.

L’ Eva onusio E évog xukM(O,p) unopolue va @époupe povo pia evbeia & ol &@a-
ntetal otov kUkho. “H ebfeia abtn elvar kabetn otiv dxtiva OE.

"Ano Eva EEatepikd onueio A tod kdio(O,p) uropobpe v pEpovpe SV0 EQPUNTONEVES
o0 xukMO,p). “"Av E kai E" elval 1@ onpeio Erapiic Toug, EXOVNE Tig TPOTACELS :

— Ta «Epantopueva tufjuata» AE kai AE’ eival ioa.

—'H ebbeia AO Sixotopel ) yovia @V Spantopévev kai eival pecokddetog tiic xopdiic
EE’.

20. Avo xbkhoi, mov Exouv Tpiu kolva onusia, cupmintouv (tavtifovral). “Etot
0o dragopetikoi kikhot pé kévipa K kai A
— 1} Exouv 800 Kowvé onpeie Kai tOTE AEyovTal TERVOPEVOL,

— 1} Exouvv &va koo onueio Kai TOTE AEYOvVIOL EQARTOMEVOL,

— 1} dév Exouv koivd enueio.

To eb@0ypoppo tufjpe KA, mod Exer dkpa 1@ kévipu toug, hEyetal Suikevepog thv
800 koxkhwv koi 1) edBeic KA Aéyetal draxevepikn evbeia.

“Av Exoupe 800 kOKAoug TOU 8év EXouv KOIVO oTuEio,

— 1] 6 Evag kOkhog Ppioketut oo EEwtepikd tob dAlov kukhikoD diokov Kui TOTE c)oU-
ne KA >R + p.
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— 1j 6 Evag xikrog Bpioketal 616 Eomtepikd Tob dAlov kukhikoD Sickov kai ToTE Eyouvpe
KA<R —p.

“Av Exouvpe 800 kbkhovg, Todg kukA(K,R) kai kukh(A,p), mob téuvovral otd onpeia
A xai B, t6te:

—H dwxevrpikn ebbeia KA elvar peookdbetog tiig kowvfic xopdiic Toug AB (8nkadi ta
A xai B elvar ouppetpika ag mpodc 1) Srakevipikn edBeia).

—Ioyxbov ol avicétnteg |[R —p|< KA< R+ p.

—H yovia ¢ mod oxnuatibouv ol épuntopeves TV kikrov o106 A fi 16 B Aéyetal yovia
@y 800 xikhov kai elval Ton pé @ = 1800 — KAA = 1800 — KBA. "Av | ¢ eivau op-
oM ol xikAor tépvoviar «Opboywvimgy.

Téhog, dv Exouvpe 8bo kikhoug Epantopevoug a6 E, 16 onueio énupfic E Ppiokeral
ot Suakevipikh e0Beic KA xai elvat pavepd 8n i kabern oty KA o016 E elval «kotvi
gpantopévny 1@V 30 kOkAav. LTV nepintwon abdth :

— i 6 &vag kOKAog Bpicketor 616 EEwtepikd Tob dAhov kukhikol diokov Kai THTE Exou-
ne KA=R+ p.

— 1 6 Evag kikhog Ppickeral 016 Eowtepikd tob dhkov kukhikoD Sickou xai ToTE Exou-
pe KA= R —p.

21. Mia eb0cia & mob Epdntetal of 800 kikhoug Aéyetar kowvd Zpantopivn Touc.
"H & Aéyerar eidikotepa kowvi EEmtepikn) 2pantopévn 1| kowvi éootepikh 2pantopdvn. dv
oi kbkhot Bpiokovtar mpde 16 1810 pépoc f Exatépwbev tfig ebbeing €.

Avo kbkhot, @véroya pé ) BEon toug, Exouv o mOAD dUo Kolvig EEmTepikic Epunto-
ueveg Kui 10 moAd 8o Kkowvég Eowtepikés Epantopeves. “Av ol kikhot Exouv 800 Kolvig
EEotepikig Epuntopeves (1 800 kowvég Eowtepikéc épantopseves) ioxbouy of RPOTAUGCELS :
— Ta Epuntdpeva tufpata (Snladf ta@ tpfpata mov Ppiokovial otig KOWVEG EQumTOpEVES

Kai Exouv Gxpa ta onueia Enapfig otoig Sbo xikiou) eivar icu.
—'H Suakevrpixh e0beia Sitpyetar and 16 onpelo topfic @V Kolviv Epantopévov Kui
Sixotopel T ywvia Tovg.

"AmooTacelg of yewpeTpika oyfpara.

22. Aéyoviag wandotaony 300 YEUETPIK@V oxnpdroy (onpsinv, ebBaidv, KUKLoV)
£vvoolpe navTote 16 pikpdTEPo Gnd Sia Ta eLBVYpappa THARETE TOL ouVBEOLY Eva on-
pefo tob Evog oxfpatog pé Eva onueio tob drlov oxnuparoc. “Etou
—'H andotaon b0 onueiov A kai B eival 16 £080ypappo tufipe AB.

—'H anéotacn évog onueiov A and ebbeia & elvar 6 kafeto tpipe AK @nd 16 A GV
Bl

—H dnodctaon £vog onpsiov A and kukA(O,p) elvar t6 tufipa | OA — p | mo¥ Bpioke-
Tat otV £0Bela OA (BA. dok. 2 tijg § 2.11).

—'H anéctaon 8o rapakiiiov edfeidv elval fi Grdotacn évog onueiov Tic piac and
v GAAn.

—H andotaon pudc edbeiag € kai £vog kukA(O,p) mod Sév téuvel THY € Elval 16 £0BUYpap-
Ho tufipe OK — p mob Bpicketar oty kabetn anod 16 kévipo O npoc v £ (OK eival
16 kabeto tufipa and 16 O mpog ™V &).

—'H @ndotaon vo kixhov, v kukA(K,R) kai kukA(A,p) pé KA >R + p, glvar 16
evfypappo uiipe KA — R — p mob Bpioketar otq Swakevrpikn evbeia.

Elvat pavep6 611 0o oxfuata, mod Exouv kowvd onpelo, EXouv «undevikn» anooTac.

23. Mropotlpe vi évronicoupe (tpocdiopicovpe) ha 1 onpela mov Eyouv ano Evu
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yeopetpikd oyfipa (onueio, ebbeia, kixho) drootdoeig loeg pé dedopévo tufipa A."Etol :
— T onpeia nod Exovv arnootacelg ioeg pé A and épropévo onueio O Ppioxovral otov
KUKA(O,p).
— Ta onueia mod Exovy anootacels (oeg pé A and Opropévn ebbeia £ Bpiokoviar oE dvo
ebbeiec mapaliniec mpoc TV &, ol omoleg Ppiokovial Ekatépwbev tfig € o€ dndotuon A.
— Ta onueia not Exovv dnootaoeig (oeg pé A and dpiopévo kuki(0,p) Bpioxovial otoic
800 OpoKkevipoug kikhoug mov Exouv dktiveg p + A kai p—Ai.
Elvail puvepd 6ttt onueia tod Exouv arootdoelg A and dvo oxhpata (i ardctacn
& and 10 Eva oyfipa kol arooTaon p £ A Gnd 1o dhio oxfipe) Bd fpiokoviar g onpeia
topfic Yvmotdv YEOUETpIKAV oyxnuGtav. “Etol m.y. dndpyovv 800 10 Mokl onueia mob &-
youy andotacn A arnd o onpeia A kai B (6ou dniadn elval Ta kowva onpeia @V 800 Ki-
KAV ol Exouy kévipa ta A,B xai éxtiva A), &véd Dmdpyxovy 4 10 Mol onueia mov Exouv
amdotaon A and Eva onpeio A kai pia ebbeia £ (boa dniad elvar 1@ kowva onueia Tob
KukA(A,L) pé tig 8o mupaiinieg mpog TV & £0Beieg mov Anéxouy Ard abTNV dndotucn A).

24. Mnopobpe axoépun va évtomicoupe t@ onpeila nod Exovv loec dnocthoelg and
onueia fi dVo edbeieg. "Etou:

— Ta onueia mob icanéyouy and 6o Opiopéva onpeia A kai B Bpiokoviar ot pecoki-
Beto Toh AB. Ta onueia Lowmodv tiig pecokabitov tod AB elval td kévipa t@v KOKAmV,
oi omnoiol diépyovral and ta A kai B.

— Té onuela nod iounéyouv and tig mhevpés pilic yoviag XOw Ppiokovial ot dixoto-
po OA tfic ywviag. Ta onueia Loimdv tig dixotopou OA eival 1a Kévipa T@V KUKLOV
ol onoiol épdrrtovial otig mhevpég tiig yaviac.

— Téa onpeia mov loanéyouvv and d0o tepvopeves evbeieg XX kui WY’ Bpiokovrar otig 8bo
KkaBeteg e0Belec, ol Omoieg Suxoropobv tic kKatuxopupnv ywvies mol oxnupatilovrar.

— Ta onueia mob iounéyxovy and dvo maparinies evbeieg £ Kai &, Ppiokovial ot peco-
rapdiinio T@V £y Koi €;.

Elvat @avepd 611 @ onpeia mod icanéxovv and tpia onueia fi dnd tpeig ebbeleg Oa

Bpickoviul @¢ onueio tTopfic Yvoot@y cv0sL@dY.

ZuveuBelakd kai opokukAika onpeia.

25. "Otav Aépe «ovvevlsiakd onpeia» évvoolpe onpeia mepiocotepa and dlo,
mov avikouvy oty idla edleia. Xapaktnpiotikic nepintdoelg ovvevbelakdv onpeiwv ei-
vat
— Té kévipo £vog kKUKA(O,p), 10 péco pdg xopdiic Tov AB kui ta péou tdv dVo TOSWV
(KupTtoyd@viou Kai pf kuptoymviov) mol Exouv dkpa td A kai B.

— Ol 800 drévavrt kopuveéc Evoc mapaiinloypaupov kai 10 péoo tfic Siwywviov Tov N
omoia SiEpyetal and Tic V0 GAlec KOpuLPES.

— Ta péoa t@v pi tapdiiniov nievpdv kai ta péoa tov daywviov évog tpaneliov.

— Ta péoa Ghov TdY THNRATOY ToL Exouy 1@ dkpa Toug of dplopévo onpeio A Kai To drllo
akpo tovg of Opiopévn elleia €.

— Mia kopugh Evog TpLy@vou, 0 EYKEVIpO tou Kui Eva mupdkevipo (16 avtictolyo tiig
Kopupfic, m.x. ta onueia A,Lla).

— To nepikevipo, 10 kévipo Bapoug kai 16 OpBoKevTpo EvOg TpLYGOVOUL.

26. "Otav Aépe «opoxvklika onpeian Evvoolpe onuele meplocdtepe Gnd Tpia,
ol avikouv oToV 1810 KUKLo. XupuKTNPloTIKES TEPITTOOELG TETOLMV ONpEiwY sival :
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— Ol xopugécg Eyyeypappévov tetpaniedpou.

— Oi xopupég dpboyaviov (1 TeTpuydvoun).

— Oi xopuyic ioookeloig Tpaneliov.

— Ta 1pic péca 1@V TAeLpOV Evdg Tpiydvov kal ta Tpia ixvn 1@V DY@V ToL.

— Ta péoa Ghov @Y Tupdtev mob Exovv 16 Eva fkpo toug of dpiopévo onpeio A’ kai
16 dAho dxpo tovs of Oplopévo kukMO,p).
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MAPAPTHMA II

YMNOAEIZEIZ A TH AYZIH TON AZKHIEQN

KE®AAATO 1

P

=

w

O 00 2

13

15

16.

- a) "An. 45 B) "An. 180.
. Z¢ kabe e0Bela Opilovrar v—1 onpefo.
. a) Na deilere bt1, v ) € Sifpyetur dnd 10 A, tote T = A xai B= A. B) "Opolenc Gv

1| Al ovurintel pé v €,, 161e [ = B. 7) "Yrdpyovv toéoeg Soa 1d onpeia 1.

. @) "Av AEeBT, tote t6 I 6a aviker otV €, B) "Yrapyovv tooeg Soes diEpxoviat and

6 B.
‘H didtakn t@v onueiov elvat : A — T — B.

5. Xpnowornoweicte v npoétacn I tiic § 1.10 kai v doknon 3 (§ 1.18).

Ipawyte thv OmdOeon G AM = MA kxai BM = MTI.
. Tpayte 16 MN d¢ d9poropa tédv MB, BI', ’'N.
. Tpayte kabe Eva and 16 tuApota EM kai PM odv d8poiopa fij diagopl dilov tun-
HATOV,
. 'Epyucteite 6nwg othv &mcncm 4;ﬁc §1.18.~—
/ _ _AM{+MB
. Na dmoloyicete Tolg loyoug AM/K ‘ AE ( Y. TR AM =
3 8 ! ?_.
]+—ET)- g = ')’} B |= (=
=4 ﬂ‘ } Z 5

/
. @) "Av AcAB, 1616 Aeq. B) "Av 16 q° ovurintel ué 6 q, tote Aeq. v) "Av EEAB, 161e

Exovue Eeq xai EEq’. 8) "Av 10 E 8év fitav onueio tfic AB, tote 16 q xai q" 0d elyav
Tpia koivd onuela pf cuvevbelakd.

- Xpnowonotelote 14 dfibpate tfic § 1.11.
14.

’Evtoniote ta fmenineda ot Oomole Ppioketar 16 TA.

. @) "Epappocte 10 GEiopa tic § 1.11 B) ’Evioniote ta fueninede ota omoia Ppi-

oketat kabe onueio tob IE.

"Evtoniote 1@ fuiernineda ota Omolw dviker 10 E' mapatnphvrag 1 16 tufipe EE
tépvel Tic AA" kai BB,

. MNapatnpiiote 61 16 K kai P Bpickovrar éxatépwbev tob popéa thic FA mob 8iép.

xetal and 16 «pecaior onueio A.

. "Av | & ibpyetal and kopuveny, m.y. THv A, 16t | dvorkt TebA. ypapun BI... KA

Exet va dxopn kowvd onueto A’ oty €. "Av 1] & 8& SiEpxetat and v A, t0TE TG A
kol A" Ppiokovial éxkutépwlev tiig € kai k@de pia dnd tig dVo dvoiktég Tebh. ypop-
péc ué dxpo A xai A’ téuvel tv £ o” Eva onpelo.
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. Xpnowonoifiote v TpIY@VIKT dvicétnta otd tpiyovae BPIT, TPA, APB xai v G-

oxnon 7 tiic § 1.18 114 tig 1eOhaopuévec BPT, T'PA, APB.

- @) "Av O 16 onueio topfig 1OV Sayoviov, puppdote TV TpLYOVIKT GvicoHTnTa OTd

tpiyova AOB kai AOT'. B) "Egapudote éniong v tptyevikh Gvicotnta o1l tpiyw-
va ABT', I'BA kai otd ABIT, AAT.

. "Av IF'eOA, ZeOB’ xai infipxe {A } = g N Z, 6ei€te 611 f| Auievbeia OE | f @vrikei-

keipevn g Ba Pprokdtav péoa otV Af)B’, B) "Av AeOB, 8¢i€te 611 14 I xai A Bpi-
okovtal ékatépubev 1fic € (rapatnpdvrag 611 1@ A xai Z Bpiockovtal ékatépwbev Tiic
€).

. "Ac OmoBéoouvpe &t 16 P Bpioketal otiv mpoéktaon tiic mhevplic AZ. “Av 16 P ei-

vai onueio m.x. tfig BIN, 101 ta B xui I’ Bpiokovtul ékatépwbev 1hic edbeiag AZ. (G-
Eiopa thg §1.11). "Av 16 P elvar kopuef kai 10 E Ppicketal petakd v P kai Z, 16-
1€ 1@ P xai Z Bpiokovral Exatépmbev tfic GAing nhevpdc mod Siépxetar and 16 E.

. a) Ity avtifetn nepintwon 8¢ 0d firav xupth (BA. dok. 17). B) "Av irfipxav kopu-

@ég Exatépmbev thic AA, | AA 0a elye xai Tpito kovd anueio pé v TOAVY. Ypapun.
¥) "H ebBeia € fj Ba Siépyetar dnd kopuen fi Ba Exer S0 Srudoyikéc Kopugte Ekatépm-
Bev abriic.

- "H & 8&v tépver 16 BI.
- TAv oynuuticovpe ta Ledyn tdv onpeiov mobd dpilovrat and v R, Piémoupe 61t 1

R elval pévo GUPPETPLKR.

- a) "Av O elval 10 péco tod NA kai 160 N eilvat onpeio tob AA, épkel va Seifovpe

6t MN = AP. B) "Apxel va deifoupe 611 TN = AZT (Xpnowonoweiote 611 AA =
AA AB BI FA
AL =5 u-2-+--2--+-27).

. "E@uppdote yia kabe tufipa AE, BZ, TA v 1pryeviki avicdtnta Oewphviac m.x.

16 AE mhevpd t6v tpiy@veov ABE kai ATE.

. "Apkel va deiovpe 611 Y1d Omowadnrote Béon tod P Exovue PA + PB + Bl + PA -

OA + OB + OT + OA, éniadn PA + PB -+ PI -+ PA ~ Al + BA.

. a) "Epappocte yid i drowdnnote Staybvio 16 Gfiopa tic § 1.15 B) T6 ocuvpné-

pacua tfig mEpinThoens a EQuppoate to Y Hieg tic Suywviovc.

KEDAAATO 2

- Xpnoponotfjote tov dptopd 1ol Kikiov kévipou A.

2. Té xévrpo tov O dnéxer and 16 A xoi and 16 B dndotacn 4 cm.

. Xpnowonotifiote 1dv dpioud tdv éowntepikdv kai démtepikdv onueiov kukhikod i

okov pE kévrpo K.

. Elvar topn 8lo kukAikdv dioxov.
. Xpnowonowdviag Thv TpLy. dvicdtnta, kai thv § 2.2.
. "Apkel va Seilete 611 ) OT eivar éowtepikny fuievbeia tfic kuptfic yovieg AOB

(Gox. 21 § 1.19) xei 611 /) OA &lvar 2Eotepikn fuievdsia e,

- "Epyacfeite dnw¢ ot hvpévn doknon 3 tiic §. 1.18.
. Xpnotponoteiote tig idiotnteg g § 2.9 kai v doxnon 7.
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9. Eivar dtapopés iowv t6Emv.

10. Aet&re 611 elvar xopdég Towv tOEmV.

11. "Ere1dn AB >2K‘l‘ < AB—AT = AT « Br ~ ATl <> B > AT, 0a npéner va
anodeilere v @vicotnta BIT = AT

12. "Av 16 160 AT eivan 2a, tote 10 TA elvar 3a xai 16 AA slvat 4q.

13. "EpyucOeite 6nwg oti Avpévn doknon 2 g § 2.11.

KE®AAAIO 3

. "Apkel va SeiyBei 611 BA = AT

. "Apkel va deixBel 611 AA = BB

. Na xoataokevaote v dvriotolyn kupti.

. Iépte ™ yovia 1@v dixotopev @ ddpolopa 500 yavidy.

. 'Epyacfeite dnwe oty dox. 4 tiig § 1.18 yua 1a £00. tpfApata.
. "Epyucfeite 6noe oth Avpévn doknon 3 g § 1.18.

. “Amavinon : TOA = 20°.

- NV S P N

8. "Apxkel va deigbel 51t AOK = MOT (Bnrudn 6m A?B— =T )kai 61 BOA =
AON (8nrad 6n BOT /2 — ADA/2).

9. "Andvinen : cuprdApope @ = 189, mapunifkBua @ = 1080,

10. "Aravinon : ¢ = 72°, @ = 400.

- A A
o v = o 1 i EE e—
11. "Amavinon ¢ = 45°. I yevikevon ¢ Ty 2700,
12. "Anavinon: ¢ = 450,
13. "Yroloyiote kaOe pia and rig-EﬁB kai BOZ ué tigc AOT kai AOB.

14. “Av elvar OZ | 1xotdpoc tfic BOT, va Omolkoyioete tic yoviec BOZ xai AOZ = AOB
+ BOZ.

15. ®cwpfiote Tig A'OB’ xui AOB ag dbpotopa £pekfic yovidv pé kowvi thevpd thv OP.
16. "Epyacbeite 6rwg otn Avuévn dok. 4 tiic § 3.16.

17. "Av mapovpe xopdn AE = 2AA, 0a Exoupe QL dok. 11 tfic § 2.13) AE >2AA."E-
xoupe Suwe AB = 2AE = AB > 2AE >2.2AA = AB > 4AA.

KE®AAAIO 4

. Zuykpivete 1a tpiy. BAM kai EMI.

. Zuykpivate 1@ tpiy. ABE xai ATZ.

. Zuykpivere 1@ tpiymva OMA xai OMB xai katont ta OAA’ xai OBB'.

. TAv | AM tépver ™ B’ ot6 M’ v deifete, pé icotnteg tpiydvey, 61t MM’ = MIM
xai M'B"= MB.

5. Zuykpivete td tpiyova B'AI’ xai BAT.

6. Zuykpivete ava dvo ta tpiyova ABE, EZIT, ZAA,

J

AW -
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7. Xpnowonotficte 16 Bedpnua nod ovykpivel ototgeia o pLryavey, dtav ta tpiyava

abtd Exovv 8o mhevpég loeg.

8. Na anodeifete, pé obykpion 860 katdAiniov pry@vey. 6t 16 tpiymva ABL kai

A'BT Exovv kai = I°.

9. Na anodeifete pé ovykpion xardAiniov prydvav, 6t 16 tpiyove ABI kai A'BT

Exouv kai A = A’

10. Z¢ kabe mepintwon va Seifete 811 ol yovies mob Ppiokovial dmévavel and tig dAheg

{oeg mhevpég dév pmopel va elval napaninpopatikés (BL. Behpnua § 4.8 ©. 1I).

L1, Na drodeitete ot kabe nepintoon v icdtnra dho TpLry@vev nod Exovy 1id dviictol-

¥EC MAELPEG Té TuNpate mob Bélete va ouykpivere.

2. Té 1ig mpotaceg Iy, I1,, 11, dvopdote othv kabe nepintwon BA xai TE 1d ufuate

mob Békete vi ouykpivere kai dnodeiEte Ty icotta 1@V tprydvev BIA kai BIE.Oi
npotdoelg I, I;, I elvar anhéc ouvéneles tav IT,, I1,, .

13. "Amé lo6tnteg dploydviav tpiydvav, mob Exovy kdBetec mhevpés ta Toa Gym, vi -

Sacpalicete oty kabe mepintwon oroysia Toa v1@ té tpiywvae ABT xai A'BT.

14. Zth mpoéxtaon tiic BA mapre tpufipe AE = AT,
I5. ’Epyacheite Snag othv doxnon 6 tiic § 4.10.
16. Zvykpivete 1@ tpiymva BAB' xai AL,

17. Tha ;ﬁv mpdT™ dvicotnta mapte otiv Al tufina AB" = AB kai mapatnpfiote 611

M’'B = MB, &vd t6 BT &elvat ico UE T Slapopd v mhevpdv. Tid ) Sebtepn Gvico-
™mra ndpte oThv npoéxtacn tfig FA tpfijpa AB, = AB (6rav N EEwtepixn Sixotopoc
dixotopsi 1 yavia BAB,) kai napampfiote 61t NB, = NB, &va 16 I'B, elvar ico
HE 6 dBpolopa @V mAEuphY.

18. "EQapuoote Ty tplymvikh dvicotnta (§ 1.17)) o1d tpiyava AAB xai AAT.

o

. 'H doxneon va dwtuneBel dg £Efic: Ao opBoydvia tpiyeva ABT kai A'BT eivar
loa. 6tav pio kdbetn mhevpd tob &vog elvar Ton pé wa kaBetn mAELPG TOU GA-
Aov kai f| mepipetpog tob Evoc lonTué v nepisetpo tob d@AAov.

Ia Avon : va mpoekteivere tfiv didn kaleto Goo elvar 1 Omoteivovoa.

20. a) Mé icotnteg tpiydvev Seikte 61t OBA' = OB'A xai 811 KB = KB’, onéte 0a &i-

var 1p1yOBA” = tpiyOBA’". B) "Anodeitre 611 PIYOMA = tpiyONA".

. Napatnpficte ((ilté v dok. 20 tfic § 4.12) 811 kabe Eva and Th K,AM, kettat oty
Sixotopo tig XOW.

KE®AAAIO 5

“Av glvar { P } = MAng, épappoote TAv tpLyevik GvicdTnTa oth Tpiywvo MPB.
INapatnpfiote 611 vo enpela tfic OA loanéyouvv and ¢ A kai B.

‘Anodeitate 611 kui 16 A lounéxel and 1a A kai I'.

MNapatnpfiote St 16 MA eivat Too pé t6 MB 1 OW.

Na& ovykpivete 16 vo pé kdfe a and tig mhevpég B kai v.

~ -~

. "AV @ kai ® elvat of &vtog EvaAldE tdv &, kal €, oi Ywvieg ; Kai —g— elvau Eviog é-

vaArdGE 1@y Sixotopwv Tovg dtav tépvovral ard Y £ "Av § kai ® oi &vrog Kai Emi
6 abtd pépn eV €, kai &, § dixotdpog g O elvan kadetn oty Sixotopo tiic .
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1.

12

13.

b
9

. Napatnpfiote 611 k1be yovia 100 moluydvou pog eival 2

. Metatpéyte Ty Onéleon AM >

. @) "Av ol § xai ® slvat Toeg kai Exouv Thevpéc raparinhes cuYKpivete Tic viog ExTog

kai éni 14 abtd pépn yovies 1@V dixotopev tovg, dtav tépuvovral dnd pia nhevpd Tiig
piig yaoviag.

B) "Av ol B xai ¢ elvar rmpuulnpmuutmég xai Exovv nievpés mapdAinies, mapatn-

?icm: ot ) Siyotdpog tﬁg yoviag @ mob slvat Epekfic kai moupuminpopatixf Tfic
& xai M Siyotdpog rﬁq lp elvat uupdlln?wg

. a) "Av ol XO¥ = m, XOw = q; Eyouv mievpéc kabeteg kai elvar loeg, oyxnuoti-

otE Yovie © = ¢ mob va Exel xopueh 0 O xai mheupée mapdhiniec pé tig mhevpéc
1fig 6. *Anodei&te 811 oi Sixotdpol TV ¢ xai @ elvar KGBeTEC.

B) "Av ol yovieg 9 xai ¢ elvat napunlnpmuatlxég kai Exovv kaBeteg mAsvpéc mapatn-
pﬂo‘:s 61 1y duxotduog ’cﬁn; yoviag ® mob elvar Epegfic kai mapaninpopatikn tfig
@ xai 7| Suixotopoc thic ¢ elvar kabetec.

. Z16 oxfipa tfic aoknoeng 6 § 4.10 0a npénel va deiovpe m.x. 611 ABK = KFA".
. “Yrohoyiote tiv AEI ¢ tEatepiki tob tprydvor AEB kai dvrikatactiiote, otiv

lobtnta mob mpokimtel, TV A.

Ynoloyiote tic ywviec mov {ntdpe and tig yovieg tod icookeholc Tprydvouv ABA.
*Epyacbeite dnag oty dok. 4 § 3.16.

“Av oi Sixotopol tdv yovidv [ kai A téuvoviar otod 1, UmoloyiCovpe thHv ® and o

tpiyevo TIA. "Erione Gv of Sixotopol t@v B kai A téuvoviar ot6 E, Umohoyilovpue
1 BEA = 180° — ¢ andé 16 tetpanicvpo ABEA.

opBéc.

. Kavete xpion 1ol 11 kdbe yovia tod tetpaniedpov kal f avtictoiyn sEwtepikn ng

Exouv iBporopa 1800,

. “Ymohoyiote tic yovieg and 1a tpiyova AZA kai AEH ékgpalovrag tig d0o dileg

yavieg kGbe tpryd@vov and ti¢ yovieg tod ABI.

. INpoekteivetar ™ dudpeco AM katd tufipa ME = AM kai €pupudote v Tprym-

VIKT) @vieoTnTa.

I) Exgpdote tig BAA kai FAA and tig yovieg B kai T @vniotoixec.

II) Mpekteiverar o ddpeco AM xatd tpufipe ME = MA kai ovykpivets ctoixeia
100 AET.

1)) EuvBudCov-cug 14 800 mapundve cvunepaopata deifte Ht1 BAA < 3,‘2 xoi BAM =
Af2. :

1V) Napatnpfiote and 16 cupnépaopa III, 6t 16 §a Kui pa Ppickoviar tpog 16 180
uépog tob va ).

V) Xpnowporolfiote v doknon 17.

. Napatnpeiote 611 1| BE xai BI™ elval nhdayieg npodg rnv Al xai 6powa of EB kai EA

nAayieg wpog ThHv AB.

. Na ovykpivete ta tpiyova AAZ, BEA, TEZ.
. “Av elvar {E } AA 0 Bl kai fy Bontég.lor,' 1ﬁg E TéuVEL T diotodpo Tiig Z 616 1 kai

v mhevpd AT otd ©, mapte ThHYV Eiz ¢ EEwtepikn tol Tpiydvov 10Z kai dmo-
hoyiote Tig GAleg yavieg Tod tprydvov adtol and tig yevieg tob ABIA.
(ﬁAM: BV B2 azr ) ot @-
vicotnteg yovidv 1@v dbo tprydvov AMB kai AMIT mi npocBéote katd pékn tic
800 @vicotnTEG MOU RPOKORTOLY.
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KE®AAAIO 6

ra

w

17.

18.
19,

20,

21

. "Avol &xotbuot v B xai A tépvouv 1ic AA xai I'B otd E kai Z, cuvrcpwsre Ti¢ Yo-

vieg AEB kai AAZ. "Av ol Sugotopol t@v Sadoxikdy Yovidv B kai A TEQVOVIOL OTO
I, broloyiote th yovia ATB ané 16 Tpiymvo AfB. "EpyacOeite dpowa kai 14 tig £Em-
TEPIKEG SiyotOHOLE.

. Mapampfiote 611 1a tpivave ABA kai AAT Exouv 80o mhevpéc Toec.

"Eneidn 16 MAAE eival napalinioypappo, dpkel va deifovpe 611 10 tpiyavo MEB
elvar icookelég.

. @) Xpnowonoificte 16 Bedpnpe tfic § 6.2 (nepintwon &) kai v doknon 1 g §

6.13. B) Iaputnpficte 611 ol ywvieg elvar ovupetpikée Mg mpog o O.

. @) Aei€te pé iodTeg Tpiydvev Gt ol amévavtt mhevpés tou eival icec. f) “Av ma-

povue pia Srayd@vio Tob £vig kai pia Siaydvio tob dhhov, Seiéte 611 16 onpeio Topfic
toug elvar péco tiic KaBepdc.

. Zuykpivere 14 tpiyova AEZ kai THO.

“Av M 16 péco tiig B, dpkel va deixBei 61 EI /) = —A;:j—

"Av Z 16 pégo tob ET, dpkel va deifouvpe 611 AE = EZ = ZT.

. NNapatnpfiore 611 AE// BZ.
. Mopamnpiiote 611 16 tpiywvo ABE elvar icookehéc kai 16 A péso tob BE.
. Napatnpiicte 611 kai oty dok. 10.

. @) Aei€re 611 010 Kkabéva amd T terpamhevpa abtd oi dVo @mévavil mhevpic TOUg

elval loeg kai mupdiinkeg mpdg 10 piod wiic thevpic tob ABIA.
B) Napatnpiicte Gt kabe pia and tic ZO kai AK nepvaet and 1o péco tfi¢ EH.

. Xpnowonotficte 16 61t of nhevpis tol KAMP eivat nepdlinhes kai ioeg pé 1@ pioa

v Suywviov tob ABTA.

. MEé v dok. | EEuoparicte 6Tt ol Sugotduot quuuncouv opBoydvio. Meta, av E

Kai Z elval t@ onpela topfic 16v dixotopny tdv B kai A uE tic mhevpég AA kai BI’
avrioTtoiyme, 8eifte OtL ol 8o dmévavtt kopueés Tob dploymviou sival péoa tav BE
Kai AZ.

"Epyacbeite 6nwg oty doknon 14.

“Av elval { I } = A'ENITZ, 8¢i§te 611 ol 800 dhieg yovies tod AT elvat Toeg pé tic
yovieg otig dnoleg ywpiletal i B arno ™ BA.

Hapatnpficte 611 AMH isobtat ME 1O dimhdolo mdc Okelag ymviag tod Tprydvou.
Dépte 1) Sapeco AM kai nuputnpfiote dtu AMH = 300,

"Amodelgte 611 16 tpiyovo BAA elval icookehéc.

Na xpnowonotijote v oot PMI" = MPH + PAM.

. @) Mapatnpfiote 6t 10 AKBA Exel tpeic opléc yovisc.

B) 'H KA nepvael and to péoo tiic AB kai eivar AKB = ABK = KBTI,

. 'Ovopdote AK koi AA tic drootdoelg Thg xopugfic A and tic nhevpéc BIN kai AT

kui ovykpivere 1d tpiyova ABK kai AAA.

. Népre tig arocracels v onpeiov I kai K and tig drévavr mheupéc toug kai ouy

kpivetre ta tpiyove nod oxnparifovial.
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24,Eneidn ol Suxotdpor oxnuatilovv dproydvio (Br. dok. 14), npérer vé deifovpe Bt
16 dpBoydrtio abtd Exel dvo Swadoxikés mhevpic tov Toeg.

25."Av O elvar 16 onueio topfic 1@V Slayaviov, Ypayte TV TpIYOVIKT] AvicoTnta O1d
1piyovae AOB kai AOT.

26."Av N duxotdpog tfic .&tépvm 1Mv AB o610 E, 8¢i€te 611 1) TE eivar dixotopog tiig T
(Mapatnpavrag 6t AE = AA).

27. “Yroloyiote and thv AB = a 1 Sudpueso 1ol tpaneliov arnd td &bo dxpuia pépn
™me.

28, Mapatnpficte 61t AAHB &ivar oploydvio kai deibte 611 16 tpfipa NP évaver ta pé-
oa 1@V doyoviov.

29. "Av 1) diotopog tfig A tépvel T BIC o16 E kai ) AT 016 Z, &ei€te 611  AE eival 81-
xotopog thig A (Seixvovtag 6tL tO tpiyovo AAZ elvar icookelic).

30. "E€etaote oty kabe mepintwon ti elval 16 tufipe MM’ 11d 16 tpunilio mov Exel Pa-
oelg AA" kai BB,

3

."Av E kai Z elvar 1a péoa t@v AA kai BT, gépvovpe tic EE" L A xai ZZ" 1 TA
kai mapatnpodue 6t ) KK’ gival duapecog 100 EE'Z'Z.
32. "Apxel v deifovpe 611 10 Tpiymvo AMA glval opBoydvio o16 M, dnhadn 611 AM L
BT,
33. Mapatnpfiote 611 | HZ sivar Siapecog 1o tpaneliov EBTA.
34, Mapatpfiote 611 16 tuijpe KA ouvdéel 1a péoa 1dv diayaviev tod tpeneliov ABET.

35, "Av oi AH xai BK téuvouv th I'A ot@ E xui Z, nupatnpficte 611 6 H kei K elval pé-
oa tdv AE kai BZ.

36, Té péca tév mrevpdy Tou Elvarl Kopupéc popPou, dv kai povo dv ol Staydvioi tov &i-
vat ioeg (PBA. doxk. 13, B).

37. 'Epyacbeite dnwg otiv doknon 9 tiig § 6.13.

38. Mapatnpiicte 611 {| AB Siépyetal anod ta péca d0o rAevpdy Tob Tprydvov AA'T.
39. Mapatnpficte 6t AM + MB = A'B.

40.-Ropueqpfiote 611  AM— MB-—<A'B.—

41. Maputnpficte 61t AM + MN + NB = A'B’.

42, a) "Eneidn 1@ tpiyove BAB' kui EAE’ elval icookehi, Bpiokovpe eikola 61t B'E =
= BE. B) Mapatnpfiote 611 10 E’ civar péoo tob BT,

oo

43, "Ano6 v doxnon 21 xatalaPaivovpe 8t kabe Eva and ta onpela adtd Bpiokerat
otv ebbsia mov Siépxetal and 14 péoa t@v AB kui AL

44. "Apkel va deiEovpe OtL ABA = 2ABK. "Av pépoups 1N dtapeso AM tob dpboydviou
pLy@vov AAZ, mapatnpotue 61t ABA = AMB, &va AMB = 2AAM.

45. Hup-cmﬁmsta (rnyaivovrac @ M oté B) 6T 1) Sagopd adth npénel va eivatl ion pe
BA, &vd éxovpe MA = AE.

46, TInyaivovtag T M o106 B BAénoupe 61t 1y Stagopt adti npénel va elvar ion pé 16 O-
yog BZ. "Av Loirdv gépoupe Bl L MA, apkei va deifovpe 61t ME = ML

47. @) Mnyaivoviag 1© M oto péoo H tijg BI' PAémovpe 611 16 GBporopa abtd mpémel
v elval (oo pé to Simhaoio tob Oyoug AH. "Etaol, dv @époupe Al L AE, Gpkel va k-
@paooupe kabéva and 1@ ME kai MA pé 1o Ml = AH.
B) "Opoing &pyuldpacte xai yid 16 M.
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48,

49.

"Av @épovpe anéd 16 P mapdiinko npog tiv OF, 16 ddpotopa PE + PZ elvar Too HE
16 Gyog tob {oomievpov Tprydvon nod oynparilerar.

Né ovykpivete peta€h tovg T tpiyave NBP, PI'E, AT, TAN koi peTd va deifete
611 pio yovia Tod NPET elval dpbi.

50. Ilapte 16 péoa N kai A t6dv mhevpdv AT pai AB xai ouykpivete 16 tpiyova MNE
H
Kai MAP( napatnphviag 61t ME = A2 kol MP = l‘zE )

SI. "Av AA’, BB, I'T” civar of Bsopodpeves Grootaosie kai 00" slval M dndotaon tod
kévrpou 1o ABTA dn6 v &, ovykpivets kdls Eva and Ta tunpate AA” kai BB+
T pé 16 ufjpa 00°,

52. ’Epyacbsite dnwg kai otiv doknon 51.

53. "Av EM elvar n Elduwoq 700 Tpancliov, mapatnpiiote 61t BAM = AME xai deiEte
811 AME = EMA = AMIT.

54. "AV E xai Z elvan td péou t@v AB xui TA, rapatnpficte 61 16 ufipa KK’ elval S14-
uecog tob tpanefiov mob Exer Baoeig ta tpnpata EE | € xai ZZ' | e,

55. Maipvovpe A’ = ouppoxA kai @épvoups 16 tufipe A'’K L OY. [apatnpiiote tote
6t Exovpe AM + MN > A'K.

56. "Av N 10 péoo tfig AB, beifte 61t MN = ‘;B 3

57. u) ®épte 16 Dyog AN xai detéte 611 kabe pio anéd Tic npoPoréc elvar {on pé AK.

B) Aeifte 611\ yovia EA® siva 1800, y) Ilépte 16 péco A tob BI' kai Seifre 611
BI’
MA = 5
KE®AAAIO 7
. Zuykpivete 1@ 1piyeve mod oxnpartiloval, dv eépouvps té aroctiuate tdvV xopdhdv.

2. Zuykpivete 1@ tpiyova OAT kai OAB. Tid t6 Seitepo éphnua xpnoponotficte ThHv
doxnon 18 II tfic § 5.15.

3. Népte kai pua dhin éroladimote xopdn kal cvykpivete 1d arootnuata Tév dvo yop-
S@v.

4. Tarti Exovv ioa droothpata.

5. "Av M 16 xowvo péco, gépte thv OM.

6. Na ouykpivete 1a Groothpata v 800 xopddv.

7. "Av @épovpe ta tunuata AA’, BB', 00 xafeta oti TA, rapatnpfiote 611 16 O &l-
val Kowvo péco v A'B” xai T'A.

8. “Yrohoyiote 16 d0poisua BIO + TBO.

9. eampﬁata 'rrw EOB g ELmtepikn tob tprydvov EOI napatnpovrag dt ol ymwer.;
AEO xai EAO elvar § loeg kai ke pa toug elvar Sinkdoia and tig loeg yovieg ATO
xai AOT.

10. "Apkel va Seifovpe &1t ABT + ABA = 1800,

11. "Av @épouvpe and 16 kévipa K kai A 1d tuipare KZ 1 TA kai AH LTA, napatnpft
ote 61t KA = ZH.
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=)

00

. AetEte 611 ol dxriveg mob karalfyovv otd B kai I elvar mapahiniec.

. ®épte Ty xowvh Ecwtepikn Epantopévn xai Seifre S ol Evidg Eval Gt (i ol viog
Ektoc kai &ni ta adtd pépn) yovieg v BB’ kai I'T” elval Toeg.

. "Av 7 xowvi) owtepikn épantoptvn TdY dbo kbkAov Téuver T BI ot M, detkte OmL
16 M elvar péoo tfig BI kai AM = BI' [ 2.

_*Apkel vé Beifere 6u BRA + TAA = 1800,

*Apkel vi Seikoupe 6t 16 KBIA elvar mapahiniéypappo dniadn éu KB/ /= Al

(BL. doxk. 15).

“Av ol 2pantopevec otd A xai I tépvoviar 016 E xai ol xopdés AA xai B téwvoviat
oth Z, dmoloyiote tic yovies E kai Z anoé 1d icookehn tpiyova AEL kai AZI.

. Mapatnpiiote 1L ol ebbeieg IK kai A elvar dixordpor Epetiic xai MAPATATN POUATL-
KOV YOVIOV.

9. "Av A xai B elvar drowadfrote onueio tdv xixhov (K,R) kai (A,p) xai EZ elvar 10
pikpoTEpO TRHfipe o Spilovy ot_ kUKAoL oTH Suikevepo, apxel va Seifoupe St AB=
EZ. CAv 6 Eva xokhog elvar EEw and tov @hlo, gpnoiponotiicte Tiv dvicdmta AK =
KA + AB + BA, v v 6 xikhog (A,p) elvar péou otov (K,R), xpnoponotficte
v avicotnta AK < AB + BA + KA).

. Mapatnpiiote 611 10 tpiyvo AAL eivar dploydvio kal 61t AM = MA.

. Aeikte 61 1A = Al (raipvovrag T TTA éc tEwtepiki tob tprydvou ALD).

. "Apket va Seitovpe 611 10 Tpiyevo MBO eival dpboyavio oo B. Toé tpiywvo adtd vi
16 cuykpivete pé 16 MIO.

. @) "Av 1] MI tépver ) I'B o106 E, 8eifte 611 [IE + ITE = 900. B)"Av 7 Pl tépver tiv
AA o16 Z, épyacleite dnog oo Epdtnua l. v) Mapapfiote 6t 0 IMOP &lvar ma-
paidnioypappo xai 61t OM = PL 8) "And 10 maparin)oypappo IMOP &youpe xai
OP = IM.

. “Av oi xopdéc AB, AT téuvouv 10 pikpotepo kixho otd E kai Z, 0a Exouvpe (BA. dok.
13) EZ//Br xoi dpa EA = AZ.

B) “Av 7 BA tépver 16 pukpd kOkho at6 E, Oswpficte T AAE ¢ EEwtepikh ol TpL-
yévov AAB kai T AAT dg d8potopa t@v 00 Yavidv g mob dpilovrat and TRV Kou-
vi} Epantopévn TV 800 KOKA®V.

. @) Aetéte 611 k@be pia ano Tig yovieg ATE kai 1EA elvar Ton pé tiv ABE. B) "Ovopa-
ote I’ 16 onpeio oto onoilo 1§ BZ tépver v € kai deifte 61 Al' = AL

. Mapte oty BI' tufipe BE = BA kai Seigte 611 16 tpiywvo EMIT elval icookelég (0-

note 16 I elvar péoo tfic EIN).

Nopatnpiiote 6t ZE L AE, omdte apkel va deigete 6t | AZ elvat duiyorodpog The

EATL'.

Mopatnpfiote 611 of edbeicc AB kai A'B’ elvat GUPPETPLKEG g Ttpog T O.

. "Av glvai {? } — FENAZ, népte th P and 16 tpiyavo PEA xai dvrikutaotfiote tig
S0 ErAec yavieg Tov pé foeg mpog avtég yovieg of omoieg oynuatifovrat and 1ig dpu-
nTOMEVEG OTO A.

*Av IK 1 OX xai TA 1 O%, napatnpiicte 11 6 kikhog mob YPAGETAL PE SLapETPo,
v O nepvael and té K kai Z. "Apa dpkel va deifovpe 61t OA + OB = OK + OA
dnuadn 61t KA = AB.

. “Av i dixotopog Tépver TOV kUkAo o10 I, 0a mpémer va Seitoupe 611 X = otalepo.
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pvoviag ™ ZK L OX kai t ZA L OY, dpkel va deifovpe 611 16 K 1] 16 A sivar
otabepd. Abto Spag elval pavepd, ywti otiv fok. 30 Seifape 6 OA + OB =
OK + OA.

KE®AAAIO 8

=)

12

13,

17.
18.

212

- a) IMapte 16 péoo A évog tufpatog BIN = k kai ot pecokddero tiig B mapre tpii-

ua AA = L. B) Népte wfipa Bl = k kai ypayte toig kikAovg (B, &) xai (T, L). 1)
Kataokevf) dpota pé i B.

- ®épvovrag wd kowviy kabeto KA tdv 800 mapurliiimv raipvovpe éxutépwbev tdv

K xai A tunparte A/2 kai x/2 avuotoiyeg.

"Apkel va @époupe OV KOKAO pé Siauetpo AO.

"Apkel va pépovpe x@Beto 016 onuelo A tic ebBeing OA.

“Av oi épuntopeves ota B kel I téuvoviat o16 K, dnokoyiote tAv K ano 16 icooxe-
héc tpiyovo BKT. _

"Av O kai O elvar 14 repikevipa oV (owv 1prydvev ABIT kai A'B'T, apkel va Sei-
Goupe m.x. 61t OB = O'B’ (ué ovykpion @V tpryli)vmv BOI" Kai B or).

- Napatnpfiote 611 BT = cuupAeBI.

"Apkel va deikete 6L AB = AT =

- a) EZuykpivete Tic ywvieg tdv tpiybveov ABA kai AET, B) Oewpfiote tnv b Segopi

t6v AAT kai EAT (UroBétovrag 611 B> f) v) "Anif ovvirela Tob EpOTHNATOS @. )

"Av BE xai I'Z oi ioeg Siauecol kai © 16 onueio topfig Toug, napatnpiiote 611 BO =
I'® xai petd svykpivete td tpiyove EBIC xai ZI'B.

- Napatnpfiote 611 OA = OE, OM = OZ, OK = OA.

Mapatpficte 61t OK = @A, OA = OB, OM = Or.
‘Ovopdote ©,0° 1@ Bupikevipa dvo lowv tpiydvov ABI, A'BI kai mipte otic mpo-
EKTACEIS TAV Slapéomv tovg AM kai A'M’ tunpate ME = MO kai M'E' = M'O'".

Metd, @nd th cbykpion tév tpry@vev OE xai (-) C'E’ vcit (-‘.Euowalmpte ioa otoieia
T4 TG ApyiKa Tpiyava.

. TAv &‘.qm,msml. o106 péco A tij¢ BT, &kepaote (ué v dox. 5 tfic § 8.11) ta tpAputa BA

xai I'A pé tig mhevpéc tob ABI.

- a) Of ebBeleg alrtég Bsxowum‘)v Tig ymvu—:z; 100 ABT. B) "Av | AA" 1eiver ) BT o106

N, dnoloyiote tic yavieg NB'T kai NIB’ 1ol Tprydvou INB'. y) "Andkn ocuvvéneaia tob
Eépwthnatog .

- Oewpiiote 16 péco M tiig mhevpiic BT xai Seiéte otod oyfjpa tic Gok. 5 tig § 8.11

6t BA=TA".
'Apxkel va deifete my. 611 Ala L I8 ly.

"Av elvar M, P 1d péoa t@v BILA® xai MM’, PP’ oi anootdoeic tov M xai P ané
TV &, ouykpivete ta tpipata AA’ kai BB + I'T” pé té@ PP’ xai MM’ avriotoiyec.

. @) "Av BE L AT xai ['Z_L AB, tnohoyiote t# yovia BAT @r6 16 tetpanievpo AEHZ.

B) "Epyacbsite Smwc 616 mponyoduevo Epdtnua. ) Tvykpivete kabe pia anod tic yo-
vieg BHI kai A pé v AT'H.

. @) "Apkel va 8eifete my. 6t 16 tpiywvo HBK elval icookeléc. B) ‘H icémnra my.
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21

22,
23:

27.
28.

29,
30.

31.

AT = fK elvar cuvéneia tfig HBA = ABK. v) "Exouv tig mAsvpéc Tovg pia mpodc pia
{oec. 8) 'O meprysypappévog koklog m.x. o160 BI'H elvar loog pé 1oV meplyeypappévo
kOkLo o160 BKI, dnhadn pé tov (O,R).

Agite thv Goknon 3 tiig B 5.13.
Mapte ot MA tufjpe MP = MB xoi 8ei€te 6t PA = MI.

a) "Av OI L AB, &zgitte 611 16 1 elvar kai péoo tiic P'M’. B) "Ankn ovvincia tob
wponyovpevov ) ®épte Th MZ L AT kai napatnpfiote 611 AZ = AM'.

. @) Agifre 611 1@ EKAB kai AKI'Z glval mapaiinioypappa. B) Aei&te 6t 10 onpueio

topfic N v AE xai AK elval péoo tiig AK. v) "Apkel va deifovpe 611 16 N gival 10
péoo tob EI.

. @copiiote 1@ péoa M, N 1év BT kai AO kai tig drootiosig toug MM’ kai NN ano

TV €, kai Omoloyiote ta @bpoioputa BB + I'T" xal AA’ + ©-".

. ) Tlapampfiote 611 10 BHIA' eival napudindoypappo. B) Ta tunpate A'A kai AM

elvar Sidpecol o16 Tpiymvo AHA'.

Xpnowonotfiote 16 épotmua B tiic doxnoens 26 tic § 8.13.

'Af Bewpiioovpe 6 mepikevipo O, 16 AAMO slvar rapaiinioypappo kol HAM =
HAO. 6moTE Kutahfyoups otiv doknon 9B tijc § 8.12. . —
TMopatnpiiote 311 16 A clval opPokevipo 676 Tpiyave ABI.
TMapatpfiote 67t (kata ™y doknon 5 tic § 8.11), 16 wfipe AA eivat loo pé Ty 0-
pinepipetpo tob ABI.

Né &xopaosts (and v doknon 6 § 8.11), Thv kabed aktiva and tic mhevpés Tod
avtiotoigov Opboydviou Tprydvou.

KE®AAAIO 9

wm oA W N -

o G

. "Av K elvar 16 kévipo évdg tétolou kikhov 161e OK = p + a.

. Elvar x0xhog xévrpov O.

. ®épte ) dapeco AM.

. Epyacteite 6neg oto napad. 3 tfic § 9.4.

. Xpnowonotficte TAv npdtacn &t N Sapecog dpboywviov tprydvou elvar 16 piod

1fic Umoteivovoac.

. @) ®épte v ON L AB B) Eilvar tpry. OFA = OMB.

. "EEetdote xdbe idiotnta ywprotd.

. ‘H toun évog xukiikob diokov kal &voc fuiemmédov.

. a) Elvart BH //OT, B) Eivaw BH = p v) T6 nepikevipo elvar ot pecoxabeto OB

8) Keitar otov (O,p).

. "Avayetar otd mapdsd. 1 tiic § 9.4.
. ®épte OE [ [ = AB.

. "H yovia AMA f ANA elvar 45°. £) Elvat MN = AA.
. a) T6 tpiy. OMIT eivar xatackevGoyo. PB) "Avayetar otd t6mo tob mapad. 2 Tiig

§ 9.4. v) Eivar tptyBI'A = tp1y.ABI.

213

Wnepromotr|Onke amé To lvotirouto Eknmaibeutikng Mohmkrig



14. a) "Avayetar otd mapad. 1 tfic § 9.7.

wn

16.

B) "Avayerar o106 mapad. 3 thc § 9.7.

. a) Tlpoekteivate ) didueco AM kata tpfipe ME = MA.

B) Xpnowonoifjote 16 Pupikevipo © tod tpLydvou.
"Avayetal of PacIKN KUTAGKELT TPLYDVOU.

17. @) Zt npoéktaocn tfic AB ndpte tufipe AE = AT

B) "Av AT > AB, nave otiv Al napte &va tufina AE = AB.

18. "Avayovtar of Puoikég kataokevés dploymviov tprydvov.

19.
20

25
26.

27

29,
30.

"Amhéc.
Oi arootaoceig eivar mAevpég map/pov (Avo AUoEeLg).
A~ A
. "Ano 1d icookelf] tpiyova npoxinter: AITM = -

. ®épte KM L EZ, AN L EZ xal AP/ EZ.
23. T6 tpiymvo ABO elvol Katackevdotpo.

. It mpoéktuon tfic A® mapte OM = JZ_ (A®), 6mote 16 M elvar 16 péco tod BIL

*Apkel v& npoadiopicovue 16 péco M tob BI.
To6 kévipo Bpioketal oth topn il ebfeiog kai Evog kikhov.

. @) Zexivivrag and to Bl 10 A aviket of 0o 7.1.

B) ®épte and t6 N v NE// AB.
7) "Av 1 glvar 16 Eykevipo tob tprydvov, adtd Bpioketal of &bo v.T.

. a) To tpiy. AAE elval Kataokevdotpo.

B) Xpnoworotfiote v mapatipnon &t : AAE = EAO.
To tpiy. BAA elval kutaokevdopo. ‘Ordte 1 xopuen I' avikel o 8o tomovs.
Mave oth kabero otiv & 16 A raipvouvpe tufipe AE = p.

31. @) Zxnuaticte 16 dOpolopa.

32.
33.
34,
35.
36.

AT

B) "Av N 16 péoo tiig AB xai NE L BA, t6te NE = i

®épte v AE// BN, 16 E ot BI.

Dépte thY Epantopévn tob (0,p) o016 A.

‘H Suxotopog tiig OTA Sigpyetal and otabepd onuelo.

"Avayetal otd mapad. 2 tiic § 9.4.

Elvai | pecoxabetog tfic BI i 6 mepiyeypappévog xokhog 616 tpiyevo.

37. "H CA oxnuorier otafepf yavia pé thv AT.
38. "Av Q 16 péoo tfig Sakévipov 16 NQ = p.

39.
40.
41.

®épte EX [ /= MN, 1é1e 16 £ otabepd.
Dépte v Epantopévn tod (O,p) 616 A, Mol Tépver Ty £ o1d B.
*H kabetog o160 A otiv OX téuvel v O ot6 B k...

42. Ipayte 1ov kiKho mol Siépyetal dnd 16 B kai épantetar tic Al oto T xai gépte

TE/|AB.

43. Xpnowponotfiote 10V nEPLYEYpUppéve KOKAD TOD TPLY@VOU.
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B) Mpoadiopicte 16 mepikevrpo tob TpLydVOUL.
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KE®AAAIO 10

16.
17.
18.

19.

20.

25,

. *Apkel va deifovpe 611 pia yovia Tov elvar opln.
. ®épte THY Kowvh xopdn kal arodeilre 6T S0 2vtoe xai &ni 16 adtd ppépn yovieg

elval mapaninpOUOTIKES.

. Dopatnpfiote 6tL 10 EFAZ elvan tpanélio kai 7 PM elvar Srpecodc Tov.
. Aeifte 611 dlo ywvieg Evrog Ektog Kal Eni T4 abtd pépn elvor loeg,
. “Av ol OK, OA, OM, OP tépvouv tig mhevpég otd Ky, Ay, My, Py, napatnpfiote 811

16 onpeia adbta elvar péoa T@v mhevpdv TOd teTpanievpon kol 6t KiAL/[KA, A,
M, /] AM,...

. Zuykpivere ta tpiyove ZAA’ kol ZBB.

. "Apkel va Seiete my. Bt AAK = T

. 'Apkel va deifete my. 6T MKA - A.

! '.:Apxsi va def€ete my. 6TL 1§ ATA (i 7y ian tng ABA), elvar fon pé v KAA.

. "Apkel v deikete 6T ARA = 1. (®&pte v EA xai nupotnpfiote 61 kdbe o and

tic yovieg abtéc elvar fon pé ™v AEA).
*Av P 16 onueio topfic TV KOKAOV Ky,k,, delfte 61t 10 P avikel Kai otdv KUKAO K3,
dnhadn deitte 6t 16 PATE elvar éyyplyipo.

12. "Ynoloyiote tig yovieg AOB xai AOT™ @n6 ta tpiveve AOB xai I'AO.
. *Amodeite (ué T Bonlela tiig dok. 13 tfic § 5.14) 6t ol énévavtt yovieg nod oxn-

patifopévou tetpunievpov elvat TOPUTAT POUCTIKEG.

. "Apkel va Seifete 61 10 Huddpotopa @V Bacedv tov elvat ioo pé 16 1/4 tiic mept-

HETPOL TOUL.

. "Apkeil v deiEete 6m 10 GOpolopa T@V Paoewv eival Simhdolo and ma and tic piy

mapGrinhec MAELPES TOL.

‘AT,

a) 8 p) 10.

“Exel tic mhevpés loeg kai tig yovieg loec.

@) "Av M, N 6 péoa 8o Grévavtt mhevpdv, napatn pficte 611 6 MKNO elvar 1d-
parinioypappo, B) Aépyovral ano 1o K.

*Av ol pantopevec ota A xai A tépvovral o1 K xai ol Vo GAheg EpantOpeves TEU-
voviat 616 P, bnohoyiote tig yovieg K xai P éno ta tpiyova KAA xai PBI.

. Hapatnpficte 61t IAE = ZT-ZA, B) Zuykpivete 16 tpiywvo IAT kai IET, v) Hapatpfi-

ote 6t k@O pia and tic AIE xoi EIT elvat 450,

. *Apxkel v Seikete 6L 16 Tpiyovo OEZ elval ioookeléc.
. Agikte 81 of £0Beieg KI, Al M1, PI ixotopobv tig yovieg Tob KAMP, Katom deige

811 800 amévavrl yovieg tob KAMP elval tapaninpopatikec.

. @) "AnodeiEn Spota pé v doknon 21 tiig § 5.15 B) Mapatnpficte OtL 1éd Tpiyava

AEP xai KZM elvat icookehf kai ouvendg ol PA, KM tépvovral kaBeta kai dixo-
Topobvrat.

Agikre, pé 10 oynuatnfoueva Eyyeypopupéva TeTpanievpa, 61t 8o dmévavrt yovieg
100 KAMP elvar mapaminpopatikéc.
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33.

34.

35,

36.
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a) Mapatnpficts 6t 1@ A,B,I" Bpiokovrar of kikho Sopétpov OP. B) Evykpivete
14 t6Ea td omola Exovv yopdéc AB kai AT

. Aetéte (Oroloyiloviag 16 dfpoiopa tdv dnévavit yovidv tovg) 6ttt KIAB kai

KAAB elvar &yypayipa.

. "Av AA, BE, I'Z eivat t@ Oyn tod ABT kai tépvoviar otd H, v Bpeite pé Eyypayipa

tetpanievpa yovieg loeg pé tig ZAH xai HAE kol vé tig ouykpivete.
"Apkel va 551&51:&. (ua 1a &yypayipa tetpanisvpe BEKA xai EKZIN) 6t AFK = EKZ
xai 811 ZEK — EKA.

. HMapatnpfiote 611 16 M glvar ©o mepikevrpo tob tprydvov AA'B (Omdte AMB = 7A )

Kkai Setére 61 AMB = ANB.

"Av M 10 péco tfig B Exovpe MZ /[ BA, ME [ [TA kai dpa EMZ = A. Tuputn-
pfiote t@pa 611 6 kikhog mod Exel didpetpo HM Sidpyetal and ta E,A'Z dniadn O1L
16 A'EHZ elvar Eyypayipo kai ovvenig EA'Z = EMZ.

. OiTA, TE, I'Z oynuartilovv pé tic épantopeves ota AE,Z yovieg ioeg ué ™ XBI ki

and ta Eyypayipa tetpanievpa mov oxnpatifovral Biénovpe 6t pia EEwtepikn yo-
via tob KAPI eivar ion pé tiv d@névavrt tng dowtepikn.

“Av mdapovpe O M o1d AT xoi pépoupe MA L BT, ME L AT, MZ | AB, dpkei va
deifoupe 6T1 AFZ = I'EA. Abto 16 deiyxvoupe pé 14 Eyypayipo tetpanievpe MZAE
kai MEAT.

*Apkel va deifovpe 8t 16 ABI'M civan &yypayipo. "Av AE,Z sival ol npoﬁo?u:g 100
M crrlc; nievpéc B, T'A, AB, napatnpfiote 611 1dpa AEZ = I'EA, dnk. 611 AMZ =
= AMI‘ omote AMI = ZMA.

‘O kOKLo¢ K oy Slépyetal and 1d péca M,, M;, M; tOv nhevpdv a,B,y Siépretat
kai and té ixvn 04, 0,, ©; 1év Dydv va, ve, vy (BA. dox. 3 i § 10.7). "Av H &i-
vat t6 0pBokevrpo tod ABI kai A4, A;, A; ta péoa v HA HB, HT", 8ei&te n.yx, 6t
160 M; M; A0, elval éyypayiuo, SnJ\uSﬂ ottt A;M;M; = 90°= A,0,M,. Tid tov
npoadlopiopd Tol Kévrpou Kui tfig dxtiveg tod k napatnpiiote St i A;M, elvar
Suapetpog Tod KOkAov K kai OtL (katd thv dok. 3 tiic § 8.11) @ HA, OM, xai
AA M, 0 elvar napadinioypappa (6rov O elvar 16 nepikevipo tob ABI).

“Av Ay, Az, A; 1a péca tdv HA, HB, HI dpkel vi Seioupe 6t 10 Ay Az A; P elva
Eyypayipo. Mopatnpiiote 611 kabe pia mhevpd to0 A AASP elvar repddinkn pé md
mhevpd to0 ABI'M.
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