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BIBAION A’

H AATEBPA KAI Al AATEBPIKAI TTPAZEIZ

KEDAAAION |

‘Opiopes ths "AAyERpas. Tiotnpe 1AV SeTindv
xxl TAV pvnTixdv aptdudv.

1. 'Eav elg Eumopog &md TRV mdAnolv Boutlpou Exépdioe
1000 Spaxudag, &nd B v mdAnowv tupod E€xaoce 300 Spayxudac,
TEAIKGC &mod 1Ta d0o alta eldn &xépdioe 1000 —300=700 Spax-
XHaG. "AAN Eav Exave &anod 10 BodTupov 1000 Spaypdag, Exépdile
bt amd 1ov TLpPdv 300 Bpayxudg, TeAikdg B& Exave 700 Bpa-
xudg. "Eav 8& p&g elmouv yevik®¢, 811 6 Eumopog obtog &md 10
uév Ev eldog Eéxképbioev o Bpaxpég, and d& 16 &GAho Exaoce B
Bpayudg, ik va ebpwuev, Eav Eképdloev fj ELnuidOn, TpéTel Tp&-
ToV va £€etdowuey, mMolog Ek TOV &pBudv a kal B elval peya-
Abtepoc. Kal, éav pév elval a> B, 84 elpwpuev, 8t obtog éxép-
bioev (a—B) dpaxudag, Eav 8¢ elval P> a, 8a ebpwuev, 811 Exaoe
(B—a) Bpayxu&g. BAémouev Aoimdv, &t elg 1& mpoPAuata elg
& dmola Bidetal 10 ké€pdog kal 1) {nuila évég éumdpou kal In-
teital va elpwpev, &v 1elikdg Exépdioev fj &lnuidOn obtog,
Exopev o mepimrdoelg. "Hrot v meplntwoly xata v dnolav
Kauvouev v &opalpeoitv a—PB, &dnéte 18 E€ayduevov elval kép-
8og, kal v &vriBetov Mpdg adthv Kat& v dwolav k&uvouev
v &paipeoty B — «, dnwdte 10 E&€aybuevov elval Lnulia.
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2. "AAN E&v, Bl&d va AVowuev Toialta mpoPAnuata, ddv
cixouev dvdyxny va mgocéfwusy, moios éx Tdv dotPudy a =ai f
elvar ueyalvzegog, &AN Nduvaueba va edpwpev 1d Inroduevoy
dia tfic éxkteAéoewg pIag kal TAG adific mp&feweg, m.¥. TAg
&palptoewg a—PB, | Avolg adtdv Ba fjto lov) yevixwréea, didt
&vtl d0o mepimTdoewy Ba elyopev plav, kai 2o0v) dnldovorépa,
dL6TL &md 1o EEaybuevov Tiig mMp&fewg pbdvov, kal xwpic va
xpnotuomotfjowpuev Aé€elg fi ppdoelg, B8a évooloauev &uiowg,
&v 1tolto pavepdvy képdog fj Inuiav.

3. 'Oplopodg Tijg 'ANYERpaG. — "Q¢ duvaueba va ouume:
pavwpey &mo Ta mponyolueva, 1) apiBuntikn &&v AdeL ta Inin-
pata énl Tdv &plBudv yevik@TeEpov: olte B& Ev yével ypnai-
poTolel yevikag pe@déboug did tiv Avolv adtdv. "AAN’ 6,1 Bév
dOvatal 1) GpiBunTikf, 16 €mTLyXaveL 1| GAyeBpa.

‘H*AAhyeBpa elval yevexn dotPunzixny doyorovuévn pé todg
GpBuodc kal 1a én’ abtdv IntApata. AVer 8 abta pg yevi-
Kag ueBddoug &mAolorepov Kal yevikdiepov. [1dg &8 émtuy-
Xavel tabta, Ba (dwpev el Tad KatwWrépw.

4. 'AAyeBpikax oUpuPBorax.—Elg v &AyePpav (dg kal Elg
v &plBuntiknyv), dia va ypaowuev ouviduwg TAG OXECELG UE-
Tafd T®V &plBudv, xpnotuomwoioduev cOuPoAa # onuela. Elg
adtiv al mp&éeig énl 1OV &pBudv kal al perald adTdv oxé-
oelg lodtnrog xal &viocdétinrog onueodvial dia OV abIdV on-
pelwy, Biad TAV dnoiwv onuetodvrtal kal elg THV Gpduntixiy,
fitoL Bk 1V -+, —, ., :, =, = KIA.

’Emniong, dia va kataotfion 1§} &AyeBpa TtoUg cuAAoylopolg
&nAovotépoug Kal YEVIK@TEpoOUG, XPNolpOoToLlEl ouvhBwg T
ypéupata 100 &Ag¢aPfrtov, pdg mMap&oTaoiv IOV &plBudv.

“Otav ol &ptBuoi dagépouv petafd Twv, tapioraviar dia
Siapbpwv ypapuudtwyv, T.¥X. @, B, ¥, 8, KTtA." elval 52 pavepdv,
611 elg Ev {nua Exkaotov ypaupa mapltotd Eva kal tov adtdov
&plBudv.

Enwelwoic. Td ywwbuevov dlo &pBudv a kal B fj T@v
5 kal P maptot®duev o¢ &&fig: apf fj 5B. "AAA& v map&oTaoly
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adtiyv b5&¢v BuvaueBa va upetaxelplodduev, Stav &updtepol ol
napayovieg elval &piBpol, Biétt T yrvéuevov m.x. 7 émi 5, &av
wapaotadfj Sid 1ol 75, ouyxéetal ué Tov &plOuodv 75.

5. OeTikol xaxl &pvnTikoil &ptBpoil.—"Ev &md 1a altuax
Bia ta dmola B &piBunuixy B&v BOvatar va Avp ta Enl 1OV
&plBudv Intiuata kal yevikdtepov elval, 81 elg adtiv A &oal-
peoig B2v elvar m&vrote duvarth. Il x. f§ &palpeoig 5 —8 dev
dovatar va yivp, diétl Bv Omapyel &piBudg, & dmoleg, Stav
npootelfj elg Tov 8, va (b &Bpolopa pikpdtepov 10D 8, ol 5.
‘Enlong 82 xal M| &o¢alpeoig 0 — 1 8&v elval duvard, Bidt dev -
Ondpyet &pdudg, & dmolog, Stav mpootedfj elg v 1, va Bidy
&6poiopa 0. "Ev® elg v &AyeBpav naoa &palpeoig elval du-
vath. ZuuBalver 8¢ 1o0to, BudTL aln eloayer véovs derduods.
"AAN’ 8tav elodayn véoug &ptBuodg mpoUmoBétel T& EEfQ: Ot
véolL &piBpol petd TV dxepalov kal 1OV KAaouaTik®v va amno-
teléoouv Ev yevikdiepov cbotnua &plBudv, elg 10 dmolov Kal
B &¢alpeoig va vylvetar mavrote, kal va diaznondody dvai-

Alofwzor al doxixal i8iéiyres Tdv tecodpwy mpdfewv xal fg
iodintog.

6. Ald va yivn Aowmdv 1) dpaipeoig 0 — 1 duvarh, mpémel v&
ondpyn elg &pBubdg, & dmolog, Stav mpootedij elg v povada,
va Bldp &Bpotopa 0. Towoltov &ptBudv dexdueda, &t OTMap)EL
fitor dexbueBa plav véav povéada, § dmola, Stav mpootedf
elg v 1, va Bidn &Bpoiopa 0. Aéyouev B2 v véav adtiv po-
vaba drviiderov 1fic MpdING kal v mWaplotduev &g EEfg:
— 1, fjtol TV maplot®uev ut 16 8lov cbuBorov Exov mpd adtod
16 onueiov —, BnAadn dexbéueba, 61t 0 — 1 = — 1. 'Enlong, dia
va elval Suvaty § &oaipsoig 0 — 2, dexdueBa 811 Omapyel elg
&piBudc, & dmolog, Stav mpooTedfj elg Tov 2, va didn GBporopa O.
Aéyouev B2 kal toDtov &vtiBetov 100 2 xal ToV TMaploT®UEY &F
EEfic: — 2, fitol Beybueda, 11 0 — 2= — 2. Kal dia va elvat do-
vaty n&oa &¢aipeoig dexdueba B’ Exaortov &plBudv Eva &vtiBe-
tov, Hote ol 8o dpod va Exouv &GBpoioua 0, kal tov 6molov a-
ploT®uey ug 14 adtd obpPolrov, Exov mpd abtod 16 onueiov —.

Wnoiomo|Bnke amod 1o ivotirouto EkmaiSeuTikrg MoAmkrg



Obtw 1®V &plBudV:

1 2
31 5! Tl _3_| 0l25
&vilBetol elval ol
1 2
'_3|—5| __2_|—_3_l—0-25
tnopévewg elval
1
0—3=—3, 0—5=—5 0——5=——> KoK
‘Opolog elval
5 -85 (54 3)—=(5-—5)~F==0~B=--32
ol _2_____5__(_%4.4 2)__-4_—0_1._-._“1_
e 7  Bieri B e s - B

7. Todg véoug &piBuotig, ol dmolol Exouv mpd adtdv 10 on-
uelov —, xaAoOuev dgvnuixods, Tovg B2 mpoUnapyovrag dew-
xovg. Ol Betikol &piBuol ypagpovrar mpodg diaxpioly xal pyé 16
onueiov |+ (odv) mpd adtdv. Obtwg & Betikdg &piBuodg 5 yphoe-
tail kai + 5. Ol Betikol kal ol &pvnrikol &piBuol &moteAodv 1o
cbotnua T®V BeTik®V Kal T®Vv &pvnuk®v &piBudv. Elg al1é,
8mwg ol Betikol &pitBuol yivovral ék T®v BeTik®V povadoyv

1

1 1
L o e e
obtw kal ol &pvnuxkol &piBupol yivovialr €k TdV &vubétwv

1 1

1
povadwv — 1, =5 pam = TR sy

al édmolal karoDvrar dpvnrikal.
Elval 8¢, dg £5éxBnuev,
(+D+(—1=0
B0
(_|_%)—§—(— —]2-)= g xo.x
Znuelwoig. Elg v ebpeoiv 1®v véov &piBudv odnyr-

fnoav amnd 1o &Efc :
lMoAAd mood pé 1a 6mola &oxoAeltal & &vOBpwmog elvar
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&vtiBera. Il x. x€pdog kal {nuia, mepovoia kal xpéog, al elo-
mpafelg kal al mAnpopaxi, Tdg Odmolag x&uver Taplag Tpamé-
Ing, Td Evepynukov kal 1d mabnrikdv évog éumdpou k. &. Elg
aOta 8E, g m. x. elg 10 k€pdog kal v nuiav, mapatnpoluev
14 £Efjg :

"Eav m. x. elg Eumopog kepdlop piav dpaxufv kal Ensita
xéop ulav dpaxunv, tehik®g olte éxképbioe timote, olte &ln-
utden. "Hrot, &v elg v plav dpayunv képdoug tpootedf 1) {nuia
ua@g dpayufic, 16 é€aydbuevov B8a elvar 0. ‘Opoiwg, &av elg Ta&g
Bbo Bpaypdag xépboug mpootedfj Lnula dbo Spayudv, 16 EEays-
pevov B& elvar m&Awv undév x.o.x.

8. 'Opdonuot xai étepdonuot &pBpoi.—"Otav dlo &pt-
Buol Exouv 16 a¥td onuelov Afyovral dudonuot, EAA®G Aéyovral
Evegdonuot. OG1wg ol &ptBuol — 3 xai — 8 elval dubdonuot, ol

8¢ +% kai — 8,5 elvar &tepbonuot.

9. "AmdéAuTtog TiuT) GpBpot.— Edv &piBuod tivog &patpé-
OWUEV TO0 Mpd altod onuelov, pokUumtel &ptBudg, Sotig Aéyetat
dnxélvrog Tun adtod. Obtw 100 — 7 andivrtog tipn elvar & 7
kal 100 + 7 f§ toD 7 &wdAvrog Tiph elvar 6 7. Znueodtan B¢
obtw: | —7| =7 kal [7| = 7. Aniadn ol Betixoi &pitBuoi elvar
ol adtol pt tag &mwoAdTOUE TIPES TWV.

10. "loot &pBpoi.—"lgot Aéyovral dvo &pibuol, éav Exouv
10 aldtd onuelov kal &mwoAdtouvg Tipdg Toag.

KEDAAAION I
Hpafeig énl TV BeTixdv xxi TAV pvATIndvV cpridudv.

11, MNpbéboBeoig.—'H npbdobeoig dplletal Snwg kal énl 10D
ougtiuatog TV dkepalwv Kal 1OV KAQOUaTIKAV &plOudyv.

a’) "Eotw, 1. 8flopev va edpwpev 16 &Bpolopa t1®V &pt-
Budv -4 xai + 7 &N’ elval pavepdv, 811 4 Betikal povadeg

Wnoiomoir|Bnke amd 1o ivotirouto EkmaiSeuTikig MoAmkrg
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kai 7 Oetikal povadeg bBibdouv &Bpolouax 11 povadag Betrikac,
ot (+4) - (+7=(+11).
‘Ouolwg evplokopev, 811
(—4)+(—7) =—11
N
1

s e 7 s e e e

B’) "Eotw #bn, 81 BfAouev va elpouev 10 &Bpolopa 1OV
Etepoonuwv &ptBudv —+ 5 kal — 7.

AME (B (—N=(+5+(—5+(—2)
kol Emedn L a3l — 3=
Emetatl, &1 (51 (—T)— 2

‘Ouoiwg eUplokopev, 81t
(— )+ (+N=(—5+(+5+(+2)=+2

w  (HF)H(4)—(+B)+(—B)=
—~(+ ) +(-2)+(-B)--F

12. ’Ex 1&v &veT1ipw cuvayouev, &1t

1ov. Té &Pgotoua dvo duocrjuwy dotdudy slvar dudonuov
mpds avrods xal Exet dnbéAvrov ziunv 1o ddgoicua TdY dmoldd-
Ty TLudy TdY mpocPeréwv.

20v. T dPporcua dvo Ercgoorjuwy dotPudy elvar dudonuov
7mpdc oy xar’ dmbAvrov tiunv ueyalviegov E§ adidy xal Exei
dnéAvzov Tiunv v diapogdy TdY dmolltwy TIudY THV 7TEOC-
Peréwv.

*Evradfa mapatnpoluev, 81l | Evvola 1fig moooPécews ExEL
puetaPAndf’ &v B¢ &Bpoiopax Bév elvalr maviote peyaAltepov
ixdotou 1OV mpooTetéwv.

Snuelwoig. 'Eav d elg 1®v do mpoobetéwyv elvar 0, 10
&Bpolopa elvar 6 GAlog mpooBeTEog.

Wnoiono|Bnke amé 1o ivotirouto EkmaiSeuTikig MoAmkrg



il
"Aoxrfjoces.

1) Na eOpebolv 1d &Bpolopata:

a’) (-8)++(+19)
(—8)-(—9)
(-+8)-H(—9)
(—811+(+49)

) (+3)+(+3)
(- H+(-3)
(+3)+(-2)
(~3)+(+3)

2) "Opolwg va edpeBolv 1t& &Bpolopata:

(+7)H--(+1-10)
= {—7)
(—25--(+16)
(+57)+(—100)

(—100)4-(+21)
(+64)4-0

Ty
Ce )l
(—10)+(+5-)
(++3,15) + (—2,50)
(+4-2,125) -+ (—4,625)
(—0.36)+(—1.2)
(—9)+ (+2.75)

(-}-6.8) - (—3,975)
(+65)+ (475

(—9.4)+(+3)

(—5)++1.25

13. MpbéoBesoig dowvdnmote &plBu@@v.—"Otav ol mpooBe-
téot elval ntepioodtepol 1OV Bo, MpooBitouev Biadoxik®g Kata
geipav ToU¢ mMpooBetéoug @G pdg Sldovial.
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IM.x. ia va ebpwuev 16 &Bpoloux
(8- (—5SHA(+ 12} (18} {—13)
¢pyaldueda GOg £EfQ:
(+8)-H(—5) =13
(3)1(+12)—415
(+15)+(+18)=+33
(+33)4+(—13)=+-20

&Sorte elval:
(+8)+(—5)1+(+12)+H(+18)+(—13)=-+-20.

14. 'IdbtnTEC ThHg MpOoOoBEfoEwG.—Td avwiépw dobiv &-
8polopa mapatnpoluey, 81t &moTeEAETTat &wd 38[=—(}-8)-1(1-12)+
—-(-+18)] Betikag povadag kal &nd 18[=—(—5)+(—13)] &pvnuxég.
Al 18 adtal &pvnuikal povadeg dpod pé 18 Betikag (éx 1dv 38)
didouvv &Bpoiopa 0. Elvar 52 ¢avepdv, &1t ylverat todto kab’
olavdéfnmote T&€iv kal &v A&Bwuev 1oU¢ mMpooBetfoug kal £mo-
uévwg 10 &bpolopa todtwv elvar mavrote 20 Betikal povadec.
“Qote: To ddpoicua molldy doitPudyv S¢v usrafdllerar, Srayv
GAAldEwuey v 1dEy tdv mgooPerfwr.

15. BAémouev Aowmdy, 81L 1§ doxixn I6tdérns tijs wgooPéoemws
dtatngeitat xal eis 10 ocvornua TOY Verixdy xal dovnrixdy doi-
Pudv. ‘Enoptveog dindedovy xal did rods véovs doiPuovs xal
SAacr al dAdar i8idtnres wijs mpooPéosws. OOt mpdg elpeoty
100 &Bpolopatog MOAABY &plBudv duvauebBa va Epyalodueba
¢ ¢palveral el 1& katwb mapadelypata :

1) (+9)-H—THH(+3)-H(—15)+(+-6)—
—(+-9)HA3)HHE)-H(—T)H(—15)—=(18)+(—22)=—4

1 2 4 12 16

2) (+ 5 )+ (—5) H+=(+5) +(—F) — =
16. 'Epaxppoyn €ic 1ov mpakTikov Biov.—'H &papuoyi
1fig MpooBigewg TOV BeTik®Vv kal &dpvniik®v &pBubdv elg 1OV
npaxtikdv Biov elval ouvieng. Aiwétt ol cuykexpiuévor &piBuol
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npokOMTIOUY &TWO TNV pérpnoly moodv’. &AN' Om&pyouv Moo T
dmola émbdéyovral &viiBeolv, fjtol E€xouv B0 popag &vriBétouc.
TowaDta mood elvar m.yx. 10 képdog xal 1) Cnuia &vég éumébpou,
1} Beppoxpacia 1} &GvwBev kal /| x&rwbev 100 undevédg, 1 xpovo-
royla f m.X. xal ) p. X, §) xlvnowg émni edBeiag ypapufic £ &pt-
otep®v TPdg TA Befid kal &k BefLdv mpdg Tk dplotepd, T xi-
vnoig &ni edBeiag Befia fi apiotepd, €vog onuelov 1d Sdmolov
Aappavetal &g &pyn k.&.

A 8Aa B2 1& toladta mood Bexdueba xard cuvdiixny,
fitor ovppwvolbuev, 1o £€fic: Ol &piBuol, ol 6moTol mpokLTTOLY
&md v pérpnoty dpcetdd®v Ttoodv, kal 1a& dmola Exouv ulav kai
myv adtiv ¢ophv, maplotavrat Bl &piBudv oSuoofiuwv, m.X.
BeTik®V, dwdtE, Stav Exouvv Talta 1NV &viibetov ¢opdav, Ba na-
plotaviar Bia THv &vubérewv &dpiBudv. Oltw m.yx. &av 100
dpayual xépdoug mapaoctaBolv Bid 100 -+ 100, 7| Inula tdv 100
Spaxudv Ba mapaotabfj dia tod —100.

17. Kata talta, éav Eumopdg 1ig Exépdloe katd mpdrov
5000 Spaypac kal Emeltta 2EnuidOn kata 1000 dpayp&g, 1o TEAL
xkov é€ayduevov elvar 16 &Bpotoua (5000 dpy - )+(—1000 dpyx.)=
=(14000 Bpyx.). Snradn képdog 4000 dpayual. ‘Ouolwg, &av
Badlly 1ic &mi edBelag ypapufic AB defia kal 1& Saomuarta,
& dmola Biaviel, mapaotTiowpev dida BeTik®v &piBudv, T& mMpodg
1@ dpigtepa Staotfjuata, Ta dmola Tuxdv Ba Biavdon, Ba ma-
pactioouev &t &pvnukdv &pBudv. Obtw &€, fav &vexoapn-
oev obtog &md 1d onueiov O 1fic edBeiag AB xkal éxivBn dlo
XAbuetpm mpog Ta Befid wal kardmiv Tpla YiAbuerpa mpdg
1& &plotepd, §j TEMKY dndoraocig adtod kal ) Bfolg &and Tfig
apxfic 8a BewkvOeralr Omd 100 &Opolopatog (2 xiAp.)-——3
XAp)=—1 yihidpetpov' fitor obrog elploketal fidn d&plotepa
ifig &pxfic xal elg &ndoraoiv &vog ythopérpou &mod Talding.

Znuelwors a'. Katd tadta Aowmdv 10 mpdPAnua 1fig
§ 1 &vayetar elg plav mepintooly kal B8a AvBf dua ul&g udvov
npd€ewg, fitor 1fig TMpooBioewg TOV a kal B, dwov 6 a elvan
Betixdg &pBudg kai & B &pvnrikég &k 100 &Bpolopartog B2
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8& ovunepb&vwuey, &€av & Eumopog Eéxképdioev fj ELnuIOBn xal
néoov.

EZnuelowoeg B'. ‘Yunapyouvuv Mmook, 1a dmola Bév Embé-
xovtat &viiBeoiv, 8ntwg ). elval al dHpar i Huepnolag &p-
vaolag &vdg £pydrtovu, 1| xwpnukding évog Bapeilovu, 7 fluxia
Evog avBpbdmou k.&. Ta toiabta mood maploravrialr maviote

Bia Betikdv &plOudv.

‘Aoxfoeccs.

3) Na eOpeBolv 1a &Bpolopara:
(+5)HHH9H (13- (8 (H25-H(+349)
(— 73 H 20— 1008 —12) 1 {—18)
(—2- 10 8- {19 H-—11)
(HeHA—23)- - (— 17} {1 95} { 50} 1L | 55)
(+-2.6)4-(—1,44-(—3,8)4(+1.8)4(+0.8)
(—2,25)4(—3,5)--(-+8,125)4+(—9,375)+(—15)

(BB PH B
(3 13 2B e
4) Na mapaotfioete did Betik®v kai &pvnuik®v &plBudv
t&g Bepuoxpaciag 13°, 8% 11"-;_— 1d¢ &vwBev 100 pndevog xai
Tdg 2°, 5° 6° 1ag katwd 100 undevéc.
5) Al ypovoroylar 200, 350, 500 m.X. xai al 1912, 1936,
1940 p. X. v& mapaxotaBolyv dia Benik®v kal dpvnTik®v &plBudv.
6) 'Eav A&Bwuev dg¢ &pynv 100 )pbvou 1Nv ueonupplav
wa&g fHuépag, diad molwv &pBudv 6& mapactaBolv al dpal
8, 9%. 11 % .. kai al Hpat 1, 4, 8 p.y. THC adtiic fuépac;
Kal 8ia molou &piBuod Ba& mapaoctabfj | bodex&rn ueonupfpivn;
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7) ‘H Bepuoxpaoia fuépag Tivdg f{To Katd Tiva otyuhyv
—3* K. Met& tivag Hpag 1) Beppokpaocia 1fig fjuépag adfic no-
£nen xata 9° K. [Néooug Babuodg £delkvue tét1e 10 Bepudpetpov;

8) “Ev &eponAd&vov &vfjABe kat &pyxag Omép v yfv Elg
Swog 1800 pérpwv, Eneita xatfjABev éx 100 Oyoug aldtod kata
600 pétpa. Katdémy &vijABev xata 850 uérpa, xatfjhBe w&Awv
xard 700 pétpa xai 1éhog &vijABe katda 450 u. «’) N& mapa-
othoete T&g &voéboug kai kaBdédoug toD &GepomAdvou Bia Bett-
k®v xal dpynTuik®v &pBudv kal B’) va ebpnte dia 1V &plBudv
100tV 10 TEAkdV OYog 100 &depomAdvou.

9) "Eumnopéc Tig Exel 16 moodv tdv 10000 &pyx., Omoroyilet
5&, 811 dgeliel elg Biagdpoug 3250 dpy., 4600 dpy., 1050,50 dpy.-,
xal 5425,75 bpyx. ToD &¢eilouvv Bupwg &AAot 675 dpy., 2140,50
Bpx.. 6750 Bpyx. wkal 3500 Bpyx. Na mapaortijoete To0G &pLBuodg
aftodc Bid Bemik®v xai &pvnuik®v &plBudv kai Emeita va &0-
pnte mbéoag Bpayudg B8& Exn.

10) "Epmopég Tig OmoAoyilel, 811 O¢eirer elg dapbdpoug
1723,50 Bpy.. 2945,30 dpyx., 5402,75 bpy. xal 7015 dpyx. ToD o¢el-
Aouv Suwg 1300 dpy., 2500 dpy. wai 418,40 dpy.- Exel B& elg 1o
tapeiov tou 8000 Bpyx. "Agod kavovion SAoug 100G Aoyapia-
gpotg tou, Moix B& elval § XpnUaTIKf TOL KATACTAOLS ;

11) Kivntédv 1t xivobuevov éni edBelag ypaupufic ¥ X avayw-
pel and 11vog onueiov adtfig A, ¢Bavel Enetta elg 1d onuelov
B, Enetta elg 1@ I xal téhog elg 16 A. "Edv ol dpbuot elvar
AB=-1T7u., Bl =—5 u. kal TA=-}14 p., wolov elval 16 &Bpot-
opa ; Kal mola elvat f§ oxetikn Béoig 1dv onuelov AB.I" kal A
npdg¢ GAANAQ ;

12) Kivniév 11, dvaywpfioav ék toD onueiov B edBelag Ti-
vég, EpBaocev elg 1d onueiov A, Enaita elg 10 I’ xal téhog elg
1 A tfig altfic e0Belag. "Eav ol dpbupor elvar BA=—18 u.,
Al=—18 p. xal TA=-435 p., néowv pérpov elvar & dpduog
BA; Tola elvair 7 oxetuxn 8éaqic 1®v onuelwv B, A, T kal A
npdg GAANAQ ;
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18. 'Agaipeoig. — ' H &oaipeoig dpiletal Snwg kai elg 1é
obotnua T@v dxepainy kal TGV KAcouaTik®v &plBudv.

"Eotw, 811 Béhouev va &paipfowuev &TS 1OV &pLBuds
—+11 1ov 5.

AAN elvan (-+-11)—(4-5)=(+16),

st (+-6)+(4-5)=+11.

TAAN 1B mapatnpobuev 8t1, av elg T&d péAn 1A TeAevtalag
lo6étntog mpooBéowuev 16v —5,

Ba Exopev (+6)+-(+5)+(—5)=(+11)HA(—5)

fitot ~+6=(-++11)4(—5).

‘Oupolwg, ¢&v v diapopav (+11)—(—5) mapactiowuey
Bua B, B8& Exwupev B-+(—5)=-}+11. ’Eav && elg &ugdrepa 1
péAn 1fig lodtnrog avtiic mpoobBéowuev tév —+5
B& Exwuev 5 —5)-HHB)I=t1-11-1(15)
ftot &=(+11)4(-}+5)=-}16.
Kail mpaypatt, 8wt (+16)+(—5)=-411.

‘Ouoiwg elvat a—(+B)=a-+(—B)

THe a+(—B)-H(+B)=«
K a—(—B)=a-(+B)
BuoTt a+(+B)-H—Pp)=c.

'Ex 1®v avwoiépo BAémopev, 81t ) depaipeois dvdyezac elg
v mpdodeciv. Edglorerar 82 13 Siapoga Svo doiPudv, Srav eig
Tov peiwtéov mpocPécwuey tov dviiderov 10U dpaigetéov.

Obtwg elvat:  (+6)—(-+8)=(1}6)+(—8)=—2
(—7)—(—9)=(—7)H(1+9)—=+2
(—5)—(-+6)=(—5)+(—86)=—T11
(-+3)—(—D=(1+3)H{+4)=—+7.

ITapazneroets. 1) "EviadBa mapatnpoluev, 81t 1§ dia-
¢op& Blo &plBudv dév elval maviote pikpotépa told peiwtéou,
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2) ‘H diagopa 0—(—7) looltal katd 1& dvoiépm pi

OH(+7)=+7
xal 1| diapopa 0—(—+4)
elval 04+ (—4)=——4.
Tabra e dOvavial va ypagolv o©g ££fg:
S L et ~—(-H4)=—3
+HH-T)=+7 H—a)——a.

Znuelwois a’. "O &pBudg a elvar Toog ui 1dv +a. O
&viiBetoc 52 100 a elvalr 6 —a.

“Qote éav a=-+15 161 elvar —a=—(-+}+5)=—>5
xal éav a——3=8 » » —a=——(—=8)=-+8.

“Qote ol &pBuol —a, —PB, —y kTA. dev pénel v& Aap-
Bavovial dopardg dg dpvnrikol. ©a elvar 52 tolwoltol, £dv ol

&viiBerol t@v «, B, y xtA. elvar Betmikoi. "AAN’ Eav ol «, B, ¥
xtA. elvar &pvnrikol, 1618 ol —a, —PB, —y xtA. elvat Betikol.

Znueiwots B’. 'Ex 1fig &vo mapatnpfioewg 2 ouvéye-
tal, 8t d0o onuela Biadoxika looduvapoldv pé Ev puévov on-
uetov, 1o omolov Oa elvar |, éav tda Blo onuela elval &ugé-

tepa + fi &ugpdtepa — €av Suwg Ta dVo onueila elval &vriBera,
loobuvapodv ug 1d —.

'"Aoxnfoecs.

13) N& ylvouv al &gpaipéoseig:

«) (425)—(+12) P o) —+3)
(+25)—(—12) (+%)—(—%)
—amr (- 3)~(-4)
(—25)—(-+12) (—3%)—(+%)
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14) ‘Opoiwg va yivouv ai &palpéoelg:

(-28) —(1-18) (—2.6)—{—1.,2)
(+17) —(—19) 32)—tHaas
(38— (+13) (+0,04) — (—1.6)
(—48) — (—15) (—3,63) — (-+5,875)

) (=0 375) == (— %)

- ) (+245) —(+3.5
T ) (_1'75)m(_i_2%)

(+63)—(+93) (+94)—(—1.225)

CH-(23) ()

15) ‘H éhaxlotn Oepuokpaoia Nuépag Tiveg Tfro —2,5% 1
6¢& peylotn +17,6° [léon elvar 1) Biagopa tfigc hayxlotng abdrfig
Beppoxpaoiag and 1fig peylomeg xal émopéveg mbéowv BabBudv
fito | alénoig tfc Beppokpaociag kata v Huépav adtiv;

16) Elg épydatng &mo 10 fuepoploBiov pi&g fuépag £mAn-
pwoev Ev xpéog 25 dp. kal 100 Eueivav 85 dpaxual. Na mapa-
oTNoETE TOUC &ptBuolg altovg Bia Betik®v kKal dpvnuxkdy apt-
Budv kal katémy did 1OV &plBudv ToLTwV va ebpete 1o HuE-
pouloBiov 1fig Huépag adtfig.

17) "O looAoyioudg éumdpouv TIvdG Kata TRV dpxnv Eroug
1vdg &ofike mabntikdv 4850 dpaypag, elg ¢ 1o 1é€Aog 100 adzod
Etoug &ofikev évepynuikdv 35150 Bpx. Na e0pebf] 10 xépdog 10D
éundpouv kata 10 Etog 10010, OgElg TO MponyoLuevov TpdPAnua.

19. Zeipx mpoobioewv Kal dpalpéogewv.— Eotw fibn,
811 Bfhopuev va elpopev 10 éfayduevov 1OV k&1 mp&fewv:

(—8)—(—7)—(+9)H(+11)—(—14).

Tolto kat& 1d dvotépw edploketrat, 81t elvar Toov mpog

16 &Bpolopa

(—8)-HH(+7)H—9)HF11)+H(1=14)

WnoionoBnke amd To ivotirouto EknmaiSeuTikig MoAmkrg
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"AAA& 10 TeAevtalov todTo &Bpolopa MaPLOTOduEV &TMAOD-
gtepov ypd&dovieg mard ovvdifxny 1odg Tpoobetéoug 1oV Eva
getd Tdv &AAov kal Exaotov petd 1ol onuelouv tou, fitoL ma-
piotduev adtd og &€fg:

—8-+7—9-1-11-}-14.

To B8 &bpoiopa

(+7HHA(—9)+H(—8)1(1-18)

ypaeetal : —+7—9—8-+18
xal éneldd elc adto & npdtog &ptBudg elvar Betikdg, ypaopetal
10010 Kal 7—9—8-}+18.

20. 'H dunAT} onupaooia 1@V + kat —. Kata 1& &dvotépw
fi nap&otaoig 8 — 5 — 11 + 13 — 9 f§ &Ovatal va Bewpndfj
B¢ &Bpoiopa 1OV &pBudv + 8, —5, —11,+ 13, — 9, f| &g
gavepdvouoa Tag np&Eeilg tfig Tpoobéoewg kal 1fig &paiptoewg
10y BeTik®v &p1Budv 8, 5, 11, 13, 9, did1t elvai, ®g eldopev :

(+-8)—(1+5)—(+11)-H(H13)—(19)—
=(4+-8)1(—5)+(—1 1) H+13)H(—9)—
—8—5—11-4+13—9.

“Qote 1& onuela + kali — Exouvv dinAfiv onuaoliav, fitol §

«’) pavepdvouyv tag npdfelg 1fig MTpoobéoewg kal tfig dpat-
péoewg &ni TOV &p1Budv, 1o0¢ dmoloug ouvbéouv, dnbdte ol &pt-
Buoi obtoL BswpoDvrial Betikoi, §j

B’) ¢avepdvouv, &&v & &piBuog mpd 10D dmolov edplokov-
tat elvatr Betixdg f &pvnuikdg, 6mdte perafd TV Beukdv Kal
1OV dpvNTKO®VY TOUTWV &piBudv mpémel v& VONOWWEV TO OT-
uetov Tfig MpooBtoewg. Todto BE, dg elbouev avotépw, div
npokaAel oUdeulav obyyxuvowv.

Snueiwots. Ta onuela + xal —, 8tav elvar mpd pepo-
vopévov &piBudv, d¢ +9, —20 x1A., deikviouv &nAdg, 8t ol
&piBuol elval Betixkol fj &pvnuikol.

21. MpdoBeoig &Bpoiocpatog elg &plBudv.—"Eorw, Bl
Bélouev va mpooBéowuev elg 1oV 48 10 &B8polgpa 18—7—15.
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"ANAG 10 &Bpoloua 1OV &plBudv +18, — 7 kal —15 elvalr — 4.
“Qote elvar:
48 4 (18 — 7 — 15) =48 - ( — 4) — 44.

AN G 10 é€aybuevov tolto BuvaueBa va elpouev kal d¢
¢€fic: To &Bpolopa 18 —7—15 ypaeerar (+18)+(—7)+(—15),
to0to 8¢ BéAopev va mpoobfowuev elg todv &pBudv --48.

"AXAG kata TV yvwotiv Bibtnta tfic mMpooBiéocewg &Bpol-
ouatog elg &p1Buodv Exouev:

(48 +-1(+18)H(—7)HA(—15)}=1

=(4-48)+4-(+18)+(—7)-}+(—15)=—48-}18—7—15.

“Qaote elval :

4040 7 _15F—_db-} 18—7 15 (1).
Zuvayouev howmdv, 8t : Aid va mpooPéocwuey dBgoioua elc dgi-
Pudy, dvvdueda va yodywuey perd tov dotdPudv Slovs rodg mpoo-
Peréovs 10D dPgolouaroc uerd Tdv adrdv onuslwy v xal
Enetra va mpooBPéowuscy.

22. 'Agaipeoig &Bpoiopatog &nd &pitBuod.—'Eav 8é-
Awpev va dopalpéowuey 10 dvotépw &Bpolopa &nd tov 48, B&
EX@UEV :

48— (18— 7 —15)—48 —(—d4)—48 -} 4— 52

fi (+=48) — (- 18) - (—7) +(— 15)—

—48 — (+18) — (—7) — (— 15) =

=48 (—A8) =+ -F{+15)
fitot : 48 —(18 —7—15)=48 — 18- 7 - 15 (2).
Svuvayouev Aowmdv, St : Adia va dpagéocwusy P gotoua dxd dpi-
Puod, Svvduceda va yodwowuevy uera zov douPudvy Sloug zove
mpooteréovs tod dPgolouaros ué dvridera onueia xai Eneiza va
stpooPécwuscy.

23. ©¢o1g Kail &polg nxpevBéoewv.—Ex 1OV &ve looth-
twv (1) kal (2) ouvayouev, 811 €av BéAwuev va Béocwuev &pti-
Buotg éviog mapevBioewyv 1, 8tav elval évidc mapevBiéoewy, v
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ypaywuev adtolg &vev mapevBfoewyv, B& ypaPpwuev ToOg &pt-
Buodg pETa TOV abTOdV onuelov TV, ¢av Tpd TOV TapevBtoewy

Omapyn 1o onuelov |, pug NAAayuéva d¢ 1d onuela, éav mpod
1®v mapevBéogewv Om&pyn 1O onueiov —.

Obtw ypagpousev:
5—-8+3—9=(5—8-+}+3—9)=—(—5-}+8—3-+49)
xai (9—41+-3)—(81-6—9—4)—9—4-}-3—8—-64914.

‘Aoxijoecs.

18) Tag x&rw6B. oepag mpoobécewv kal &paipéoewv va |
. yp&yne mpdiov dhg &Bpolopatra Benkd®v kal &pvnuxkdv &pt- /S
Budv xal katémyv Talrta va ypayng &nAoloiepoy :

(+12) + (— 9) — (+8) — (— 15)+(+ 10) —(—6)
L A T 1) - C-2)—(—5)
B~ (— 32y (-} 44) (- 28) — (-} 19) - (-1-12)
19) Na e0OpeBolv 1a é€aydueva 1OV k&1 mpaiewv:
e Tl S e e e e i i
(eFEIE) (-} ) (O] = (- 18)]-(-—10)
{2 5 (=3 (—D)
7)1 W8)—(—16)— (- 28) -+ (—25)
(—3)~ (= 2+ (-1 P+ 3= )
(—4)—(— 1,54 (+3.25) — (— 3) -+ (—1.75)
—(—0,02)4+(—4,27) —(—1,1)—(—1,83) —(— 2,5)
(+5) — =05+ (+5)—(—15)— (=279
20) N& eUpeBoldv 1a katwbd &€aybueva:
7—18
— 32 —47 123
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QL 86— 15 e PO 36

1 1 < 3
__+__ 2l W S
2 2 4 = 8. 24

1 2 2
Seem e Be e
— 0,54 2,25} 4,625 — 7,25
—1-4+0,125 —0,875--0,5— 1,875

21) Na ebpeBodv 1& k&TwOL £Eaydueva :

35-}-(28 —30 —12)

100 — (— 24-}- 9 —136)
(7+-9—8—12)}(—15+4—7—10)
(8—15—24)— (11 — 19+ 13— 2)

(=813 -4 G T )

(27 — 12) — (32— 40) — (— 24 |+ 50)

24, MoAhaniaoctaxoudéc.—Elg 16 ovotnua t®v BeTk®V Kal
&GpvnTuikdvV &plBudv & morAdanmAiaoiacudg, Stav & moAAamAaoiax-
omic elvar Betikdg &piBuédg, dpiletal mwe kali el TOoOg KAa-
opatikobg &ptBuovg. "Hrow Exopev:

5.+ 3) =CE3)-H-5) -5
(—5).{+3) =5+ (=—5)-+—=5)
3 —5 —5 —5
s B W s O T 2
(—9).(+F)=F+F+3
(+5).(+1) =-15
(—8.F1Y) ——5

25, Inuooic o0 morAhamAaoiaxopol &piOuod &mi —1.
“Hbn péver va £Eetachij @) meplntwolg, kata v dmolav & moA-
Aamiaaiaotig elvar &pvnrikdg &piBudc. Ipog 10010 Spwg Ba
oplowpev mponyovpévweg v onuaocliav 100 moAAamAagiaouod
oloudfmote &pBuod £ni TRV &pvnrikfiv povadba —1, Hote »a
Sratngdvrar al doxixal ididrnres to¥ mollamdactacuo® (GnAhabdn
A 1fic &Biagoplag oov &Ppop& TNV TGV TOV Tapaydvrwv Kal
N émpeptoTikn).
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*AAAG kata TV Bldnta tfig &dlagopliag, Tiv dmolav dia-

npolpev, EXopev m.X.

(+95).(—1)=(—1).(+45)
'Eneldn 52 elvan
Rt P —— DI (— D (=1t (—1)="—5
Eneral. 5Tt Mpémel va elval xal (+ 5).(— 1)= — 5, fjtoL npémnel
va dplowuev, 81i: T ywwduevoy doiduod éni v dovnrixnv uo-
ydda —1 elvatr 6 dvriderog avrov.

*AAN’ 81t oftw mpémel va dplowpev 10 yivépevov apibuod
inl — 1 dewkvieTtal kal dg £€fg:

“Ac A&Bwuev 10 ywéupevov (+5).(4-1)=-15. AN\’ &-
metdy +— 1 =(+2)+ (— 1), Emetrat 1t ki 10 yrvépevov 10d + 5
gnl 16 &Bpoloua (+2)-+(—1) mpémer va elvar maAwv + 5.
*AAMAG 16 yivéuevov 100 -5 émi 16 &Bpoiopx (+2)+(—1)
xat& thv émpeploTikiy BidtnTa, TV dolav Biatnpoduey, elval

1-5): (-2 H(1-5) . (1)
ToOto 8¢ elvar {oov pé -5,
*Hrou elvat (+5).(+2)4+(+5).(—1)=-}5
i -5 95 (—1)—15.

'AAMN fva 1o mp®tov pérog tijg lodtnrog adrfig loodran
put +5, mpéner va elvar (+5) + (1 5).(— 1)=0. Ad v&
yivy 8pwg tob0to, mpéner 1d ywvoéuevov (-5).(—1) va elvat
&piBudg &vriBetog 100 + 5. ToloDtog d& elvalr pbébvov & —5°

&vaykn Aotmdv va dexdduev, 81t (-5).(—1)=—>5.
‘Opolwg, &av A&Bwpev 16 ywvéuevov (— 5).(+1)=—35,
8& Exouev .
(—5) - (-2 HH(—1)=(—5) . (+2)+(—5).(—1)=—5
fitol (—5)H(—5)4(—5) . (—1)=—5.

"AAL’ fva 10 mp®tov pélog tfig lodtnrog advtfig elvar Toov
ué¢ — 5, mpémel va elval

{—8) ] (=5).[—~1)=D.
“Qote 16 yivduevov (—5).(—1) mpéner va elvar &plBuodg &v-
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tiBerog 100 — 5, fjtot + 5 &véykn Aowmdv va BexB&uev, 8t
(—5).(—1)=-+5. Tewik®¢ 82 &vaykn va elval a.(—1)=—a,
8mouv a elvar Tuxdv &plBude.

"Ex to0t0UL Emovral ta £Efg:

1) Té yevduevov zijc dovnrinic movddoc — 1 Zml oy favidy
s loobrar ud v Peruxnv movdda 1. "Hrot

(—1): (——1)—1.

2) Hag dovnrixde dotPudc elvar yivdusvov zof dvridérouv

tov Perixol dotPuot Enl v dovnrixnv movdda — 1. "Hrol

—8—(+8).(—1), —5=(+3).(—D

26. Mol hamAaoiaxoudg dVo olwvdhimote GpBUdYV —Ka-
oMY 1AV dvetéipw EXOUEV:

(-+6).(-+5)= +30 i &mMAobotepov 6.5=30
(46). (—5)=(+6).(+5). (—1) == 30 » 6 . (—5)——30
(—6) . (+5)=(+6).(45).(—1) =—30 » (—6).5=—30

(—6).(—5)=(+6).(+5).(—1).(—1)=—+30 » (—6).(—5)=30

“Qote : To yivduevoy Yo dorPudy elvar 1o yivdusvor todv
dnoddrtwy tudv adrdy, xal ud d onueiov | uév, &v ol magd.
yovies elvair Sudonuor, ué tdo — 84, &v elvac &regpdonuoc.

SZnuelwois a’'. Td yivéduevov dbo mapaydviwv, &k 1OV
omolwv 6 elg elval 0, looDtal pt 16 O, fjtor elvar m.x.

(+5).0=0.(-}+5)=0.

Znuelwowes B'. To onuelov 100 yivouévou Blo &pt-
Budv Aaufavetal kata 1ov &mduevov kavdva, 6 dmolog Afye-
Tal xavevy 1®y onuslwry. "Hrtol :

—+ énl | Bider

+ » — » —
— » —+ » —
— » — » -+

27.'1516TNTEG.— APoD 16 y1véuevov dlo &ptBudv elvat té
Yivépevoy 1OV &oAOTOV TIU®V adTtdv, elval pavepdyv, &1t 1) 1816-
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me tfic &dlagoplag Og mMpdg AV T&EY 1OV TMapaydviwmy &An-
Bedel xal &nil SAV TOV &p1BudV 100 véou cuOTALATOC.  AAAA Kal
i Empepiotikn BLéTng &AnBeler” BTt . ¥. Bk 1O yvduevov
(—5-+7)3
Exopey (—5+7).3=(—5)4+ 7+ (—5) +74(—5)+7=
=(—5)+(—5) +(—5+7+7+7=(—5).3+7.3
fitot elvat (—51+7).3=(—5)3+73 (1)
"AAN’ &9oD &AnBedeL 1) lodtng adTh, B8& &AnBelp xal §
(51 7)(—3)=(—5)—3) - 7({—3)
5iént ol &prBuoi (—5+ 7).(—3)
Kal (—5)(—3)+7.(—3)
elvan &vriBetoL 1®v lowv &pBudv 1fig lodtntog (1). “‘Enopéveg
kal adtol elval Toou.

'Ex 10v &votépw ocuvayopev, 8ti: “Oldac ai I8iétnsec tod
noldanlaciacuo®, vdg dnolas EudBouev elg Hv doidunwixiy,
dindedovy xal énl @y doiPudy vo¥ véov cvorfuaros.

'"Aoxnfoecs.

22) Na ebpeBodv ta ywvdupeva:

«) (+12).(+9) 8 (+5).(+4)
(+12).(—9) (+3)-(—2)
E (~5)-(+)
s 35

23) Na eOpeBolv 1& ywwdueva:
24.15 (—4%).1%
(— 35).11 (—1%).(—4%)
101.(— 13) 2,5.(— 0,4)
(— 225).(— 75) (— 0.25=08)
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(— 723 (—a3)-24
2-2—(—723—) (—0.004).(—2—;—)
(—1—}).(_3%) 52-.(—4.5)

24) N& eOpefodv 1a &§aydpeva 1OV kK&Twb mMp&leav xata
dvo TpbdToULG :

(S25E77 PR S S R
(8 -—17)(—6) (331185 —22 N
2 7 -5 (3—4—5).64(—2 =617
et o B e T (—5—9-+3).(— 10)4-(5—4)(—3)

28. Mvépevov MOAABDY TxpaxyOvTwV. — To yivouevov mok-
ABV mapayéviov dplletal 8nwg kal elg 16 obotnua OV &xe
palev kal TO®V KAaopatik®v &plBudv.

Oftw dia 18 ywéuevov (-5).(—3).(—4).(+7).(— 2) Aap-
Bavouev Biadoxik&g

H5(—3——15
(—15).(—4)=-1-60,
(--60).(+7)=—--420,
Kal (-+420).(—2)=—=840.
“Qote elvat:

(4-5).(—3).(—4).(-+7) (—2)=—840.

29. Enueilov 10D YLVOHEVOU TOAARV MXPAYOVIWV. —Al
[516TnTEC TOD yivopévou TMOAABV mapaydviwv, Tag dSmolag tua-
Bouev elg TV &piBunTikAv, &AnBedouv, ©g eldopev, kal énl TV
&plOu®V T00 véou ovotAuatog. ‘Emoupévecg &AnBedel xal 9
1816tne tfic &viikataotdoews. "Edav Aowmov elg 1o TPO T YOULE-
vov Tap&Belypa AVIIKATAOTAC®UEY TOUC BETIKOUG Tap&yOoVIal
(4+5) kal (+7), 9& efpwpev BeTikdv yLvOuevov 16 -+4-35. 'Eav
8¢ edpwuev EMelta 16 ytvéuevov 1@V Aomdv &pvnTikdv mapa:
yéviwv, 16 onuElov attod elval ¢avepdv, &1L Bev Ba &AAGED,
Btav B8a 16 MoAAamAaoi&owpev &nl TOV BeTikdv map&yovid
+-35. "AAN’ £66 ol &pvnuikol Map&yovIEg elval tpeig. "Enadd
82 ol dvo &€ avT®v Bldouv yvéuevov Betikdv, TODTO oA
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AamAcolalouevov Emi 1ov Tplrov &pvniikdv mapdyovra O&
S@op ywvouevov Gpvnuikdv, 16 —24. “Qote 10 8Aov ylvduevov
8a elvar &pvnuxdv: (—24).(}+35)=—=840. "Av Spwg ol
Gpwnuikel TMapdayovieg TNoav Téooapeg, oDtol MoAAamAaoix-
CopevolL ava dVo Ba E8idov ywvéuevov Betikdv. ‘Emopéveg Kal
10 8lov yivbuevov B8a fjro Betikdv. Zuvayoupev Aoimdv, STi: |
To onuciov zod yivouévov mollidv magaydviwy éEagrdral
uovoy dnd oy detPudy tdv devnrixdy mapaydvrov xkal 1) Elval |
todto Perindy, &v & &piBudg TOV &pyNTUIKOV Tapaydviwv elval |
dguiog (R} 0). 2) Elval dovnrixdy, &v & &piBudg TOV &pvnukdv |
napaydviov elval sregtsrdc. |
[1s. (—7).2.(—3).(—6)=—252
(—2).3.(—5).(—4).(—6)=-1-720
|
|
\

2Znpeiwois a’. Eoploxopev tayxOtepov 18 ylvépevov
ROAABY mapaydéviev, &v elpousv mpdtov 16 onuetov adtod,
&g &ve elmopev, kal Enelta edpouev 10 ywvéuevov t@®v &Tmo-
Mtay iudy 1dv Tapaydviov.

Znuelwoig B°. "Orav elg 1®v ntapaybviwv yivouévou
elvat 0, 10 ywvbuevov elvar 0. “Otav 62 16 yivéuevov mapa-

yoviov elvar 0, elc todAd&xiotov 10V mapaybviov adtod
elvar 0.

30. ‘186t Thig lodtnTrog.— Eav foovs doiPuodc mod-
lamdacidowuey &nl wdv avidvy dordudv, lauBdvousy ywvdueva
foa. Alati ;

‘Aoxioecs.

25) Na ebpeBolv ta yvbupeva:
). 9. (—8-t12)
{—4).(—5}.8.(—06)
(—10).(—2).9.(—3).(—1)

33 F DD
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1 2 5 3

| e annl b e
(—1).(—2) . (—0.3) :(—0.5). ¢4

(—15).6.9.0.(—7,25).125

(—1.5).(— %) 13 .(—4).(—0,2)

31. Awxipeoig.—H dialpeoig kai elg tiv &AyeBpav oplle-
Tat ©¢ nMp&éig &vrioTpogpog 100 MoAAamAaolaopoD.

"Eotw W dialpeoig (—8):(-+4). Toé Cnrobupevov mniixov
elvar —2, &6t (—2).(+4)= —8.

‘Opolwg edplokopev, 61t

(+8):(—4)=—2 fi &dmwAolUotEpoOV 8:(—4)=—2

(—8):(—4)=-+2 fj &nAolotEpoV (—8):(—4)=2

"Htoi: To wnldixov Yo dotPudv elvar 1o nwniixoy tdv dwo-
Aty Tiudy adtdy, xal ud 1o onusiov - uéy, &v oi dotdpuol elvas
dudonuor, uté o — 08, &v ovrot elvar Eregdonuot.

32, To mnilkov toD O BiaipeBévrog b1’ olovdAmore &Alou
&p1Buod elvar 0, fjtoL -g—-:-— , oot elvar 0.a=—0.

Ala 100 0 oUBelc &pLOudg dOvatal va dSiaitpedfj” fitol 7 did
to¥ O diaigeois elvar ddvvazos. Kal mpayuatt obdelg &piBudg
duvatat va elval mnAlkov tfig Tolaltng Siaipéoewg, BidTL MES
&pLBuog moAhanAaoctalduevog énl 0 didel yivéuevov 0.

"Aoxrpoeces.

26) N& éxktelegBolv al diaipéoEelg:

a’) (+56):(+8) B") (_!L %) :(—i— %)
(+56): (—8) (+=):(—=)
£ AUy (~5):(+3)
(-——56):(—8) (__ %) :(ﬁ_ _g_)
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27) N& éxteAeoBolv al diaiptoslg:

150: 25
(—240):(—15)
216:(—18)
(—216):12
(—1001):(— 91)

(—2%);1%
E
D)%

28) N& e0peBodv 1a mnAlka :
-6y 1)
(—30): (—3).(—5)
5(—7):(—0,35)
(—36):(—0.,3)(—4)

J

9 s(-1.2)
(3 4)i0—15)
0,4:(—0,15)
(—0,2) : (—0,008)
(—2.5):%
(_ —}) :(—0,5)

1
(—7.4): 8—2—

(— %) : (—0,35)

(—600) : 2.(—3).(—5)

2.(—3).(—5) : (—600)

(—2)(—9):6—-6).3.15
3:(—0,1).0,03

29) "Emi moTov &p1Budv npénel va TMoAAamAaoiaoBf 6 —25
bid va doon yivdpevov 225; Kal &ni molov &pLBuody mpémel va
roAdamAiaciacdi] xkaBelg T®V k&TwO &plBudv, Bid va ddon
ywvdpevov tov anévavit adtod &plBudv;

—17 —425
32 —416
—75 5
1 -3

1
= G
1,6 — 0,016
3
= |
—0,?3 "—'1—4*'

30) Na ebpeBolv ta €Eaybueva 1OV kK&TwoL mp&Eewyv :

(36—45—18-1-9): 9
(56 —64 — 80—120) : (—8)

(5—7-+-3—8): (-%ﬁ)

(—120): (7—12--11—21)
(—18):(2—0,2)

9:(0,05—0,5).
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31) Kivntév 11, xivobuevov én’ edBelag, &vayxwpel and on
uelov avtfic A xal ¢pBavel el 16 B elvan 8¢ (AB)=18 uérpa.
Katémv xiveital &vriBétwe pué taxdinia 1 upérpou elg 5°. Elg
mnolav &mbéotracly &md 1oD A B& eOploketratr Td KivnTov perd
napérevoly Auioelag Opacg, &’ fig dvexdpnoev &mnd tod B

32) Elc 16 &votépw mpbdPAnua va eOpeBf) perca mdoov xpd-
vov &md 1fic &vaywpnoedg Tou &md 100 B 1d kivnrév, kivolue-
vov katd TRV &pvnrikiv ¢opdav, 8¢ edploxkerat elg anbéoraoty
&nod 100 A Tonv pg —12 pétpa;

KEDAAAION Il
Auvvapeig xal apyixxi ididTnTeg x0TV

33. ‘Oplopdg.—Td ywvbuevov 5.5.5 Aéyeral Bovauig 100 5
16 && ywbpevov 10D (— 5).(— 5).(— 5).(—5) Aéyerar biva-
uig 100 —5. Kal 16 ywwbpevov aaaaca Aéyetatr doOvauig 100 a.
“Qote: Avvauic dotPuod Aéyerar 10 yivduevov lowy magaydévray
mgdc tov dgiPudv avidv.

Al Buvapeic maplotavial $mwe kai elg TRV GpBunukAY’ o
8¢ €xBETNG alTOV, Katd 1oV dpioudy, elval &piBudg &xépatog B¢e-
Tikdc kal Byt pikpdtepog 100 2. Obtw yp&PoOuEYV:

5.5.5. =5* kai (—5).(—5).(—5).(—5)=(—5)*
Kadl aaaaa = a®’ :
elval 8¢ (—2F =(—2).(—2).(—2).(—2).(—2)-

34, Znuelov T®V BUVEHEWV.— Agod al duvauelg elvat
yivbueva mapaydviwv, Emetat 8t (§ 29)
1) Al duvdueis 1dv Feuuxdv dotPudy elvar wtdvroze Pevexal-
Obtwg elval :
(+2r=+8 (+2r=+16 (+2r=+32
2) Al Suvdusis v dovnuixdy doiPudy slvac Perixal uév
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drav ¢ éxOérns elvar doriog, dovnrixal 3¢, Srav & éxtérne elvac
negizzds. OOtwg elvan :

—3y—=19, (—3yr=—27, (—3)*=-181, (—3yp=—243.

Znpelwoig. "ANAa —3* = —9, didTL — 3= — (3)=
= —9. ‘Opolwg elval xal — 3= — 81.

'"Aoxnoets.

33) Na& e0pedfj ) deutépa, 1§ Tpltn, W TETEPTN Kal A TMEUTITT
bivapig kaBeveg 1OV &plBudv:
2 g% 3 35 4, L
=1} (—2) -3). —4). (—5)
34) N& ebpeBolv 1a tfaybueva 1OV K&TWOL BUVEUE®DY :
(+6) (—6) g
10t (—10) —10°
3 \s 2 \s 1\
() L n

35) "Opolwg T®vV duvapewyv :

(Oll)‘ (——012}!1 (_013)‘
(—0,02) (0,03) (— 1%)

36) N& eOpeBolv 1a t€aybueva 1OV k&Twb Tp&Eewv :
(— 1 (1P (1) (—1
(— 1P —(— 1D (D) —(—1)
(—1PH(—2)+(—3)"(—ay
(— 1P —(—2p+H(—3)'—(—4a
— (—1P(—2r —(—3)H(—4F
37) N& eOpeBoDv &nlong ta t€aydueva TOV k&Twd Tp&Eewmy:
(F2PH—3r 33y 22
o v e R o e e
(—6F+(—2F —3'4(—3r —2(—2)
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38) Na ebpeBodv 1 £€aydpeva TOV KaATwdL Mpafewy :

2¢. 42 5% . 24 (—0,2)7. (—3)

25 53 25 . 10° (0,1)*.(—0,4)
(—3p.(—2F  (=7F.(—1F (—=2).(—=)
Ldge e oakl e e (— “37")" (—- —;—)'

35. '"Apyikal id6TTEG TAV BuvEpEWV.— APoD al duva-
peig elvatl yivdueva, Emerarl 8t al ddtnreg abtdv edplokovral
&nd tag Bibtnrag 100 moAlanAaoctaouol. Elvar 82 al dpyikal
1dibtnieg 1&v duvauswyv al EEfg :

1) . . a*. = gaa. ax . acax —a® (—=a* T +4) kal yevixdc
elval oo™ il es a® = q#+v+te Swouv u, v..., p elvar &xé-
patot Betikol.

“Qote: T ywwduevov Svvduswy tod adrod dptPuod elvar d9-
vauic vob [8lov dotPuod ud Exdéiny 10 EPgoicua tdv Exterdv.

5. (—3). (—3)p. (—3)=(—3)".

2) "Eotw, 8t1 tRv dOvauwv (—5)* 8&€Aouev va v OPoow-
pev elg THv teTdpInV BOvaulv. 'AAAG 1étTe elval :
[(—5")*=(—5)".(—5)F.(—5).(—BP=(—5)+t e+ —(—5)* (5"
Kai yevik®¢ elvat : (ot ) — oY,

“Qote : “Orav Exowusy va dydoouey dvvaury dotPuod el
HAAny dvvaury, nollanlacidlousy tovc Exéras.
3) "Eotw, &1L Bélouev va OPdowmpev 1o yivéuevov 2.5.7 elg
v tpltnv dOvauv. "AAA& 161 EYOUEV:
(2.5 7P—25.72 5. T 291 .29 0"
kal yevik®g Exopev (x.B.y)* =a*. B*. y*.

“Qote : Atd va Dywdowuey ywvducvoy el Svvauivy Dywobluey
Exactoy Ty magaydviwy adrob eis v idiav dvvaury.
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4) "Eotw, 811 8fAouev va OPOODUEV TO KAGOoUQ —% elg v
1erdpInv BOvaulv' &AA& TOTE EXOUEV :

e
3 P e e s T e ERR
xal yevik®¢g Exouev (%)uz %;—

“Qote: Awda va dwdowuey xddoua sic dvvauwy dwobuey xal
wovs 8vo Spovs tov eig TRV aviny Svvauv.

36. Awxipsoig BUo BduvGpewv 100D aLTOU &pLBUoL.—
*Eote f) Bialpeoig a’ : a®. AAAG 1éTE EXOHEV:

a’ | cononO.OseRe.

P T — ¥ — 1%
at o.o.c. (=« )

kal YEvik®g Exouev, dtav uy>v, :: =a¥ Y.

“Qaote: Td mndixov 8vo Svvducwy 1ot adrod dotPuod elvar
dvvauic tov dotPuoT rovrov Exovoa ExPérmy TNv diapogdv ToD
xérov 10D Siargétov dnd tob ExPérov oD Sraipgeréov.

37. Znpaoocia Tig duvapewg x'.—"Orav elg v ©¢ &vw
biaipeolv & éxBétng 1ol Siaipetéov elval kata povéada peyaiid-
tepog 100 £€xBETou TOD duaipétov, &g elg v dualpeoiv a’: af,

8

10T KaTd TG AVOTEP® EYOUEV 25 —=a®"% =a'. "AAN eldo-

uev mponyouvpévwg (§ 33), 81t 6 éxBétng maong duvaupewg elval
apiBuodg &dxépatog Betikdg kai &yt pixkpdrepog Tod 2. “Qote 1)
BOvaulg pé €xB&tnv TAv 1 div Exet onuaoclav’ &AN' Enedy

%:% —a, deyxdueba, 81, tav a=£0, elvar a'=a.

Kal pg v ovupwviav 8¢ adtiv al &pykal 1BLé6TNTEG TOY duva-
peEwv diatnpolvral,
BuéTL . Y. a‘.a=—aaaoo.a=a*

xal et at— oAt —g*
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38. Znupaoix Thg duvapewg x’.—“Otav ol ékBétal TGV du-

v&pewv 100 &ptBuod elvar Tool, dg elg TRV dralpsoiv a® : «, Té1E
2 o L

Katd trv § 36 Eyxouev e —at &AAG wal Bk Tdv €xkBétne O

mapatnpoluev 8,1t mapetnprioauev kal did tov éxBétnv 1. "TAAN
¢meldn) 10 mnAlkov 1fic dlalpéoewg Towv &piBudv elvar 1, frot

Emeldn :: =1, dexbueba, 811, ¢av a=s£0, a’=-1. “H ovpoe-
via 8¢ abtn 5év petaPaAAel 1ag dpyikdg IBidtnTag &V duvapeay
BTt a’ . ="

Katl ¥ At et

'Aoxjoees.

39) Na ebpng ta é€aydueva 1@V xartwb mpaiewv, KaTd
d0o 1pbémoug, fitot a’) va edpne xXwploTad TAg Buvauelg xal
Eneita v&d k&ung tag &AAag mpdafeig kal B°) va épapudoqs
mp®Tov Tag BLoéTTag TOV DUVAPE®Y : '

24,22 (3 (=) 25 23 24
(10%y [((—2)F K—1rF
(2.3.5)° [(—3).(—3)° (1.2.3.4.7
234 3 \s 1 s
() Cnd (=2
3= 3¢ (=SPalehp (—2) :(—2F

40) Al duvaueig 9° kai 4* va tpamwodv elg duvaueig Tod 3
kal ToD 2. i

41) ‘Opolwg al duvaueig 125° kai 8* va tpamodv el duva-
peig 1ol 5 kal tol 2.

42) N& ebpeBolv 1a éEaydpeva:

25! (—15)" (— —53—) (—2)y:(—2)

T ——

48° (—59)° (— = (—3) : (—3)
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. e (—or(—3 (—3).(—3F) =5
8 85°.(—42) (—5).(90)y (7°r ey
15, (13—1)" (1555) 150,20 152
(—1)r(—1)r.(—8) (—9)'.(5—7)°.(5—7)"
(—0,375)". %)‘.(27—45)0. (8—3.5}“.%.&
39. Avvapeig EYovoaxt pvnTikdv EKBETnv.— Eav 6éAw-

ey, va 1} lodtng %:a“—" &AnBedn kal Stav pu<v, 8a edpl-
lxk@uev el Tag mepimtdoelg avtdg duvauelg pé éxbBérag dpvn-

0 : :_,_ =a' t=—a L Al-Buvapeig Spog pg ExBEthyv

gpmuxdv elvar &veu £Evvolag. "AARN" £éneldn %:—=T:'—:%-&-— =

=.:—!-. dexbueBa, &1, fav a=£0, a"=% Kal yevik@®g BTt

r*=;T, mou A &xképaiog kal Betikdg. "Qote : Haoca dvvauis

: igduod (dDiapdpouv 1ol 0), 1§ dnola Exet éxdérny dxépaiov dovy-
uxdy, icoUrat ué xldoua Exov dorPuntyv v movdda xal mago-
M‘l’ Ny SVvauiy tod avroD dotBuod, 1} dmola EFxer Exdé-
mr dvsiderov. Kata tadta elvar:

3 1 1 1 1 1 1 1
et T Sl B = s — i N

Znpeimors. "Avuoipbeowg &8¢ elvat

1
23

== Pl - TJ"-—‘-—-S*E‘
40. Al BidTnieg @V duvauewv pé ékBétag axepaloug Be-
mxovg loxVouv xkal Bia tag duvaueig adtdg, O¢ ouvayetal &nd

10 xatwb mapadeliypara :
1) 232 =o ——=—— = —=—2"1

_ B A R N, TR Ui et s
B 23.5) ' — som—mmsr— 3 - —2 L3715
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'"Aoxnosets.

43) N& e0peBolv 1a é€aydpueva TOV KATwOL BuVAUE®Y :
el 2l 2==5 2
g =5 § =z S (—3)y—> (—8)¢%
1 \—1 1. \—3 2 \—1 3 \—1 3 \—=
() ) A8 G )
44) Na épapupooBodv al BidTNTEG 1OV duvauewy elg Ta Xa-
TwbL mapadelypata :

L S 33— 7274 4-3 4%
()= = (5% (2.3 55" (4.3.7.95?
25 Dby A P TN st 550 T8 gne

KEDAAAION 1V
INepi avicoTATW V.

41. "AviodTng BETIK@V Kal &pvNTIK@V dptBudv.—Elbo
pev elg v &plBuntikiv 81L, &av a>p, | &paipeoig a—pP elvat
duvath. 'AviioTpdogpwg B¢, &av N &daipeoic a—pP elval duvat,
161 elvar a> pB. ‘Emopévog, Zav 1§ &oalpeoic a — B elvat
&B0vatog, tétE Elval a<<B, § p& &AAloug Adyoug, éav 7 da-
¢opd a—PB elvar Betikdg &piBudg, té6Te elvar a=>P, &av BE
alitn elval &pvnuikdg &piBudg, tére elvar a<<B.

TAv BétnTa adtiv dexdueba &g aAndf kal elg 16 gbonua
1OV BeTk®V kal &pvnukO®V &plBudv, fitor dexdusba 8t : Els
dotPuds a Aéysrar ucsyalivregos &ldov dovPuov B, é&dv 1) dia-
@pogd a—f elvar Perixds dotPudc.

"Ex toltou Emovral ta £&f¢ :

1) ‘H diagpopa (+5)—0 loodrat pé + 5 &pa elvar +5=0
¢nlong v Blagopax (1 8) —(—9) loodrar pé | 81 (1 9), fjEol
elval Betiky” &pa -} 8> —9. “O8ev : ITas Perixds doiPuds elvas
ueyadvregos rod undevds xal mavrds dovnrixod doitPuod.
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‘Emopévog ) mapdotaoig a>0 gavepdve, 8t 6 « elvat
 &p1Oudg BeTikdg.

2) 'Enedn 0—(—5)=0-+4(+5)=—+5
xal 0—(—7)=+7
Enetal, 8« —5<0 xai —7<0,
frow 8t : Hdg dotPudc dovnrixnds slvar pixgdregos roU undevdg.
‘Enopéveg elvar pikpdtepog xal waviog Betikol &piBuod. gl 7 |

rapaotaotg &Gpa a<<0 opavepdvel, 1 b « elval &pBuodg &p-
ynTiKoS.

3) 'Enedy
(—5)—(—7)=(—5)1H{+7)=-+2
Enstal, 511 —5=—7°
duolawg, éwadn (—9)—(—4)=—=—9-}+(}+4)=—5,
Inetal, OTL —9= 4.

Suvayetal Aoindy, 8ti: Ex dvo dordPudy dovnuxdv usya-
A#xsgoc elvar 6 Fxowv Ny uixgorégav dreéAvroy TLuv.

42. '1516TTEG. —1) “Eoto fj &viodtng 7>4" t61¢ ¥ Slagopd

7—4 elvar Bemixdg &plBudg. "AAXN’ 1§ dlagopa adtn B&v pETa-
paAAetal, £av mpooBiowpuev kal elg 100¢ B0o 8poug Tng TOV a--
1dv &pBudy, . X. Tov 5 Hote ¥ diagopa (7--5)—(4+5) elvat
fetixf) xal Emopéveg elvar 7-+5>4-+5. "Oupolwg &modeikvie-
tat, 81, Eav a>B, 8a elval kal aty>p-fy" 86ev:

*Eav elc dugpdrega ta uédn dvicdinros mpooPécwusy tov av-
oy doidudy, 1} dvicdrng mEvEL.

2)"Eot® al avigdinreg 8>3 kal 6>4° &AAa t61e al diago-
pal 8—3 xai 6—4 elval Betikal’ &pa xal 16 &Bpolopa abtdv
(8—3)1(6—4) elvar Bemkdv' &AAa 10 GOpolopa tolto ypade-
tar kal Gg £€fc : (8-+6)—(3-+4). “Qote elval 8-6=>3-1-4" duolwg
&modeikvoeTal 811, £av a>P kal y=> 95, 8a elval xal a+y>p+5"
Sote: "Eav mpocPécwusy dvioevs doiduove eis dvicovs dida zov

ueyalbzegoy el ©dv usyalivregov xai tdv mixgdregov els TdV mi-
xgdzegov, 1 dvicdryg uévee.

3) "Eote f| &vieding 2> —9° 161e 1) dagopa 2—(—9) elvar
ek, "Eav 52 moAhanriaoidowuev a0tV £nl Betikdov &plbudyv,
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T.X. énl tov 5, 10 ywvéuevov, 16 dmolov B& A&Pouev, Ba elyae
énlong OBetikév. Elvar 62 to0t0o 2.5 — (— 9).5. “Qote elver
2.5=>(—9).5. "Av Suwg v BeTikAY OV Biaxpopdv ToAAamAa
olGowpuev énl &pvnuikdv &piBudv, m.x. &nwi —5, 16 yivduevoy
2(—5)—(—9).(—5) 6a elvar &pvnukdv. “Qote O& elvar
2 (—5) <(—9).(— 5). "Opoiwg &nodeikvieTal, 811, 2av a=>p kal
u Betikédg, Ba elval ap =>PBu’ &v Spwg & u elvar &pvnrikég, Ba
elvat ap<<Bu. "Htot:

‘Edv modlanlacidowusy za Yo uédnm dvicdrnroc Emi by
adrov dotPudv, didpogov toB undevde, 1 dvicbdrne méver uév, Eay
8 moddandaciaoctrc elvar Perinds, dvricroéperar 84, Zav elvas
dovnrixnds.

[16. "Emedn elval —3>—5
8a elval (—3)(+4)=>(—5).(+4)
1jTol —12>—20
Kal (—3)(—4)<<(—5)(—4)
ot 12 << 20.

43. Mépiopcx 1ov.—'Ear Siaipéowuey ta 8vo uédn dvicden-
tog Sid 100 adrod doeduod, 1) dvicdine uéver uév, Edv 6 Siaipé-
s elvar derunds, dvrioroéperar 3€, fav elvar dovnrixdes (§ 31).

[15. "Emeidn elval —4>—38
B8a elval (—4d):(+2)=>(—8):(+2)
fjtot —2>—4 Kal (—4):(—2)<<(—8):(—2) fitoL 2<4.

44. MNépopax 20v.—’Edv diddEwusy ta onueia dupotéowy
T@Y ueAdv wids dviodintog, 1) iodrnc dvrioTpéperat.

[l x. éx 1fig &vicbétnrog —6>—12 npokOTTEL Bick TO0 TOA-
AamAaoiaouod émni —1 (fjror dia 1fic &AAayfic T1®v onuslov)
+6<+12.
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'Aoxnoecs.

45) Al x&TwOL ocelpal 1OV &plBudV va katatayBolv xata
tafiv ueyEBoug abdfavouévou :

e <hEails wibstgd
: i o 4 2 S - 7
3 5 1
'-_11 5| —FT- —-8—1 7! T
2 7
01 SEES ]i 0.64, _3'_-| _’]_-rs R 0‘9

KEDAAAION V
"AlysBpixat mepxoTadslg xxi Sidpopa £idn abrdv.

45. TOmot.—"H &piBuntikf Avoig Evog pofAfjuatog dEv ¢a-
vep©Ovel Tag mp&gelg, al dmolal Eyivav Bid va AdPouev 10 E€a-
yéuevov adtol. "Ag OmoBéowuey T.X., 8Tt BEAouev va edpwpev
18v t6x0ov KEPaAalou 17500 doy. mpodg 6°/, éni 3 Emn. O Lnrod-
yeEvog TOKOGg KaAT& T& YVOTd ¢k Tfic &pBunuikfig elvar 3150
dpayual. AN G 1d 2Eaybuevov Tolto BV QpavepdveL TV OEL-
pav t®v mp&fewv, al dmolar Eyivav, Eve, &&v TapPpaoTHoO®UEY
tdv 1éKOoV BLad 10D T, Td KEPAAaiov Bik TOD K, TOV Ypbdvov
elc Etn Bua 100 ¥ xal 1d émtdékiov Bia 100 &, B& elpwuev 10V

&yvootov 16KoVv, £dv EXTEAECWUEV TAGQ mpafeig dg BetkvOEL 1)

£.¢.Y

nap&otaoig 360 fitot elvat ==X

100 -~
‘H lobétng adth Aéyetal, g eldopev (&prBu. § 232), TUog
100 tdxov. [evik®c b€ : Thmog Aéyeratr 77 lodtng, 1 dnola dei-
xydeL tac mpdksic, al dnoial moémer va yivovy éni tdv dedoué-

vovy (t& &moia maplotaviar did ypapu&atwv), ra edoedf
6 dyvworog.

47. MAsoVEKTHUXTE TOV TUTWwV.— 1) Elg tdmog deikviel
katd Tpémov cadfi Tdg oyxfoelg, al dmolal Omapyovv petafd
t&v Sebopévov kal 1od &yvdotou £vog mpoPAfjuatos.
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2) Elc t0mog émrpémer va Abowuev SAa 1& mpoPrfjuara
ta omola Biapépouv pbvov katd T &piBuntika debouéva
INpdg 10010 B¢ &pkKel v& AVIIKATAOTAOWUEY TA yp&uupata bié
TOV TLUOV TOV.

3) Awa 100 peraoynuartiopod £vég tOTou edplokouev véous
Tomoug, dd TOV dmolwv duvéaueBa va AVowpev véa TpoPhf
pata. O0t1wg €k 100 tOMOoL 10D TéKOUL elplokoueEV TOUG TOMOUG:

__ 100.t ¥ = 100.71 P ‘100.z
T G KE Je
Sia 1@V dmolwv Abopev 1& mpoPfAfuata, el T& dmola Lnreite
16 kep&Aalov, & ypbvog kal 16 EmtéKloV.

47. Znpooia t@v TOnwv.—Elg v &piBunuxiv # xpfois
TV 10mwv elvar moAd mepiwploutévn, Eved el TRV &AyeBpay
elval yevixt], 8iétt altn ntel va bdon elg mwa&v Lftnua pabn
patikov giav Abowv yevikfyv, ékppalopévnv ué Eva f moAAods
TUTTOoUG.

‘O 1pdmog, kata Tév édmolov al Biagopot moobtnteg, ol
dmolal elog¢pyovial elg 1& didpopa Inmuarta, maplotavral ye-
Vik®¢ Bla ypappdtwv, kal & &AAog, KaTad TdV Amolov N Zn-
tovpévn Aboig Eévog IntApatog Biderar i tOTMoL kal Syt
8" &piBpod, elval omovdatotarng onuaociag. ‘H taxeia 52 &va-
nTuEIc TOV pabnuatnk®v xpovoloyeitatl &wd tfic émoxfic (&md
100 160V al®vog), kata v dnolav Eyive xpfiolg 1@V &vw 1pb-
mtwv. "AAG mplv Bwuev Aemtopepeiag T00T®YV, O& YSwuev
&G 1) GAyefpa katatr&oosl 1o0¢ TOTOULC Kal TOC &mAomolel
alTtoUg.

48. "AAyeBpiki) napaotaxoig ) &GAyeBpikdg TUMog.—T4&
&Opolopa BVo &pBubv o kai B maplotarar &id 100 o-+p. ‘H
map&aotaolg adtn Aéyetar dAdyeBoinn magdoracic §j ddysBoixds
t¥mog* Suolwg al mapaotéoelc

«*—p%, 5aB, 3. 2p(aBt-By+ya)
elvar &AyePpikal.
l'evik®g B& : "Adyefpoixsy magdoracis # dAyeBoixds svmog
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Aéyezar md@y oUvoldoy yoauudiwy # yoauudiwv xal doidudv ocvuv-
Seopévooy dia tdy onuslwy tdv mgdbewvy.

Elg tag &AyeBpikag mapaotd&oelg OmoBétouey mpog TO Ma-
pov onuelovpévag pdvov 1ag Téooapac BepeAiddelg mp&erg,
o161t poévov adtag eldouev péypt Tolde.

49. Movovupa.—Elg 14¢ mapaot&oseic :

+x. —x. 7aB, —3a’p —-F-apr, 2, —2F
napatnpoluev, 1t Bév elvar onusiovpévn obte mpbdobeoig, olite
aoalpeoig. Al totalrtal mapaot&oelg Aéyovial uovdvvua.

Ti Aéyetar Aowmdy povodvuuov;

50. ‘Axfpoia KOl KAXOUATIKE HOV@OVUHX.
govovuuQq :

xl—=Fb.x), —x(—=—1.x). 7ap, —3a’B, ———%—c:ﬁ’

napatnpoluev, &1t Bév mepiéxetal dialpeoig did ypaupatog” Aé-
yovrar 8¢ Bi& 10010 dxéoaia, Eve TA 5—“, —E%E, elg & 6-
wola mepiéyetal Sialpeoig Bid ypapupatog, Aéyovral xdacuarixd.

[l6te Aowmov £v povdvupov Aéyetal &képatov kal tdte KAa-

CHATIKOV ;

Ei¢ ta &vow

51. ZuvteAseoTig povwvOpov. —Elg ta povodvuua tiig § 49
napatnpoduev, &1L Om&pyouv kal &plBuntikol map&yovieg, ol
énolot elval ypauuévor npdrot.

‘0 doiPuntinds magdywy uovwrduov (8otlg ypddetal Tpd-
tov) déyerar ocvvisldeorns alrot. “"Qote 1OV &ve povoviuY
ocuvteheotal elvar ol &piBuol

1! _ln 7- _3. b =

3

Zypelwoig. "O &pBuntikdg mMapdywv poveviopou elvat
ocuvieAeoTr)g aUToD &g mpog Sha t& yphupata, td dnola me-
pifxel. Auvapefa Spwg va Exwpev kKal ouvieAeoTvV poveviuou
&g mpdg v pdvov ypauua adtod i xai mpdg mweploobrepa.
Téte ocuvreAeotnc 100 povwvipou Afyetat 1o yivéuevov THV

G
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Aointdv ypaupdtwv abtod £ni Tov &pBunTikdv TOL Mapayovra.
O0tw 100 povwvipou 3afyx OuvieAeoTHg &g mpdg x elvar 8
yivépevov 3aB, dog mpog By 10 3a kal dg mpodg B 1o 3ay.

s 7 T A AR R A AR o

52. Ba®uodg dkepaiov povwvbpouv.—Elg 1d &xépala po-
vovopa EEetafouev kal tov Baduor §| mpog Ev ypdupa, 16

6molov mepléyel 10 Bewpoduevov povadvouov, fj mMpodg mOAAd

ypdupata avtod. Kal Batuds dxeoaiov wmovwviuov mods &

yoduua adrod Aéyerar & ExPéins toD ypdumaros rovrtov' m:Po;
modda 82 ypdupara avrod Aéyerac 16 dFporocua 1@y EnPerdv 1@y
voauudrwy rodtoy.

Ot 16 povdvupov 9a*B*y elval mpdg 1o a Tpitouv PabBuod,
npdg 10 B Beutépou BabBuod, mMpdg Td Y MpdTtou PBabuold, Wpog
1d ypdppata o Kal y tetdptov Babuod, mpdg 6Aux Ta ypapuata
atto0 Ektov PBaBuol k.o.K.

Znuelwoirg. "Emedn
9a*fry=—0a’py.5°—9a’p*y.€",
Emetat, 811 M&v povdvupov &g 16 9a’B’y elvar BaBuod O mpéc
n&v ypapuax, 10 dmolov deév mepiéyxetral elg adtd.

53. MoAvwvupc.
+-8a®, —7a’p, —3cap’, -L5p°

"Edav Exopev mMoOAAG povovupax ©F I8 ::

Kai ypaywuev 1o Ev petda 1o &AAo kai Exaotov peTa 100 on-

uelov tov &g €&fg:
-8 —7o*B—3ap* - 5p*
A 8a*—7a’p—3ap’1-5p°
(¢med) 10 onueiov 100 mMpdtov Hpov elvar ), 16TE ExXOUED
&Bpolopa povwvipwv. Aéyetal B¢ 10 &Bpoiopax T00TO oAU
vvuor. [ToAudvupov elvat kal 1) map&otaolg . X.
—5x*+4x*y—5xy* 9y,

) 6mola elvat &Bpoiopa TAV povevOUGY

_Sxd' 4x!qj‘ _,5wa| glp‘.
'Emniong kal 1| mapdotaaig
X>—=2x 1 O :
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“Qote : Hodvdvvuorv Aéyera: td &Pgoiocua uovoviumwy xal
évds yvworol doiPuod, dorig Svvasar va elvar xal undéy.

54. "Opot 100 moAvwvOpov.— Ta povdvuua kai & yve-
oTdg &pIBude, £€ DV dmoteAelTal Td TMOAUGOVLUOV, HETE TOV TPd
aU1®v onueiov TV Afyovial fgor ToD mMoAvwviuou. Oftw 100
devtépouv moAvwvluov Tfig Tponyouuévnge mapayp&gou Bpol

elvan ol —5x*, 42y, —5yys?, 9y,
ToD 8¢ teAhevtalov pot elval ol
- o —2X, o

55. Awwvopov, Tpi@vupov.—'Eav ol 8pol 100 moAvwvi-
uou elval d0o, Téte T00TO AbyeTan Seddvvuor, Eav B2 1Tpeig, 1ét1e
Afyetar rgudvvuor. Kata tadra, §| map&ortaoig a*—pB? elval
ibvopov, /| 82 a’|-2aB-}-B? elval Tpidvuuov.

56. 'Axépaiax moAv@VLVpX.— Elg 1& &votépw ToAvdVLua
napatnpoluev, 611 SAa T& povdvuua, ék tdv dmolov &mote-
roDvran, elval &xépaia. Aéyovrar &2 Bia Tolto dxépaia mo-
Avidvvpua.

[1é1e Aowmdv Ev moAudvupov Afyetal &xképaiov ;

57. BaBudg &kepaxiov moAvwvipou.— BabBudg dxepalou
moAuwvipov mpdg Ev ypduua adtoDl Aéyerar & péylatog TOV
BaBubv 10V Spwv adtod mpog 1o ypauua tolto. Ofte Td ToO-
Advwpov a*—3a’x—+5ax® elvat mpéc 10 a tplrouv Pabuod,
npdg 62 10 ¥ méumtouv Pabuod.

Znuelwoig. TO avorépw moAvdvuuov mpdg Td yp&ku-
gyata a kal x elval Extou BaBuod.

58. MoAvevvpax dPuoyevi.— Té moAudvupov 5a’—8a’B
+7B* mapatnpoduev, 81t &moteleltal &mMod povdvupa 1ol av-
100 BaBuold mpog T ypdupoata a kal B. Aftyetal 52 Bia todto
duoyevés. ‘Opoyevij elval kal Ta moAvdvuua

XX gt X ay
TPOC T yphupuata ¥ Kai .
[lé1e Aowmov Ev moAvdvupov Aéyetal duoyevég ;
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46) Adoate pepikd mapadelypata &xkepalwyv kal kKAaouatt-
KOV povevipwv d¢ kal moAvwviuwy.

47) Tlotog elval 6 BaxBudg mpodg kabiv yphupa yopiotd f
npdc BAa T& yphupata TV KETWOL poveaviu®YV ;
3af,  —5a'By.  —a'By's, — 2 x*y'o.
[Motot elval ol cuvieAeotal 1OV dvoTtépw MoAvwviuey ;

48) lMotlog elval & PabBudg T®V MoAv@VOpH®Y
1) ax’+-Bx+y Tpog 1O X
2) ay +Py mpdg 1O X MPoG TO Y
3) S5a*—4a’p*+7a'P*—pP* mpd TO @« ; mMpdg 1O B
4) ax*+FPBx°Y+yxd-5¢* mpodg T X kal ¢ ;
Ex 16V moAvevipev to0twv elval kavév duoyevég ; Kal
Tolov ;
59."AplOunTiki TInn GAYEBPLIKT¢ TapxoTaoEWG.— I var-
pilopev 81l Ta yphaupata, 1a Omola UmM&pyouvv elg Tag Wapa:
otéoelg, Taplotodv &piluotic. "Eav Aoimdv el plav &AyepPpixiy
napdotaoty EKaotov 1OV ypauudtev &viiKkataoTxbfj Omd &pi
Quod kai ékteAecBolv al onueiouéval mp&Eelg, 10 E€Eayduevov,
10 dmolov B8d A&Pwuev, Afyetal dotduntexny zipn T Tapa”
otdoewe. ‘O &piBudg bk Tob dmolov &vrikabBioT®uev ypappd
L Aéyetal weun 100 adtol ypduupatog.
Obtwg 1 &plBunTiky TIUT Tfi¢ TapaoTGoE®WS
3a*+-5 B o3 elval 3.2-5==1215=17,
f] 8¢ TN Tfic MaPAOTROEWG
a*+3a*f-4-3ap*+-p* B a==4 Kol P=m2
elvat 4%-1-3.41.2-1-3.4.27 | 2=m64-1-96--48-1-8==216
kal & =4 Kal Bome=—2
elvar 4*4-3.42(—2)+-3.4.( —2)+(—2)=64—961-48—8==8.
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'Ex 100 mapadelypartog 82 adtod PAémopev, 8t ) &plOunTiky
T MapaoTdoewg £€aprdTal £k TOV TIUAY IOV Yypauu&T®v,
1d édmola meptéyel, &AN' Stav al Tipail T®v ypapudtwv 50800y,
f tpd attfig elval évieAbdg oplopévn.

Zpueiwoic. Kata v edpeowv tfig Tipfc g &AyeBpikiig
TXPAOTACEDS EKTEAODUEV YEVIKGC TMpdTOV T00¢ TWoAAamAaoia-
opodg kal tag draipéoelg kal Enelta tag mpooBécelg kal &oat-
ptoeig. 'Eav mepiéxn 8poug kAaouartikodg, éxteloduev 1ag on-
gyewovpévag mp&Eelg xwplota elg 1OV &pBuntiv Kal xwplota
gl v mapovopcotny. 'Eniong, Eav Exn mapevBéoelg fi &yxo-
AxG, EKTEAODUEVY XWPLOTA Tag Tp&elg 1OV Mapxotdoewyv, ol
dmolat eUplokovral évidg 1AV MapevBioewy fj T®V &yKuAdv.

‘Aonnfoeig.

49) Na& ebpeBodv al &piBunrixkai Tipal 1AV TApPAOTACE@V :

1) x—3y¢ gav x=10 y=4
2) x+3¢ > x=10 Pp=—"
3) y*—7¢ L — Pp=4
4) x*—9¢ » 3 =2
5) 2x*+-3y* » x=—1 Yy=—4

6) X' 2xy—y*

>
u
[
5

7) a®—2ap-+-B* » a——3 p=8
8) «* 18 » a=——>5
Syor—p* » o= p==2
10) a*+-B* 1 B
1) (a—B) » a=—4 a—
12) (2a—B)* > a=8 =11
13) a*+3a’B+3ap’-p* » o—F6 B=—2
14) c*—3a’B-1-3ap*—pB* » a=l1 p=—2
15) a*—p* » a=4 p=—3
16) «‘+4-5By » =3 p=—4, y=—4
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17) 8a’—S8p*—11y*-|-6aBy gav a=1 p=3 y=——5
18) 2x*-20y*—30¢p—yow i =—4, o=10
19) 3x—8y 3 i p— %
1 1
20) 9x—5y > X— o y——
2 3 1 1
21) 2y*—3yy--6y ¥ e Pp=—-
22) (2¢1-30)? s
23) (a—B)(a—+PB)—(>—P?) » a=5 p=—7
24) (a—B)P—(a—+Pp)* » a=——9 B—"5
25) (a+-B—y»+(B+y—a) » a=2 p=—2, y=2
26) (4a—3p—6y).(a+8p+7y) » oa=—p B=—=2 v=—5
a B af g2 e
b S oo o g L e Pt
o 2p* axp ELUTe A R |
e e e el i it =3
29) M%Eﬂ » v—=—32,—1,0,1,2,3
> WS 1 2 e
30) 2x*—5x+2 S e oo e 3 0, 3 T

60. "loal GAyeBpilkail mapaxotTaoelc.— Ex tiig &Ayeppi-
kfi¢ Tapaotaoewg a+-p4-y---5, ouveneia 1fic (BidtnTog Tfigc &bia-
poplag, MpokOTTEL 1) Tap&otaolg a—+5-|y+B. Al napaot&oelg
adtal Aéyovral Yoat. "Eniong Toar elvar kal al mapaordosig
o(x-+P)=0¢x—+oP, OS6TL 1} Seviépa mpoxkOTTEL €k TG WPOTNC
ouvenelg tiig émuepiotikiig Bidtntog. “Qote: Ado diyeBpixal
tagactdoeig Aéyovrar loat, Stav 1) ufa mgoxdmzer éx Tijc dAAnc
i tiic épaguoyiisc tdv {dtorrjrwv TdY mpodfeowv.

61. TautdtnTeg.—Eldouev mponyovuévwg, 81t elval
a—+B+y+d=a—+5+y1B.
Elval 8¢ pavepdyv, &1 1) lodtng adtr) &AnBedel, olagdnmote Tinag
kal &v AdPouv 1& ypdupata «,B,y,d. ‘Opoiwg elval pavepdyv,

81 kal ) lodtng P(x+YP)=¢x+oP &Anbedel, olaodimote TIHEGG
kal &v AdPBouv 1ta ypdupata ¢,X, . Al toiraltatl lodtnreg AE-
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yevral ravedrnres. [evik®g &2 Tavidérne Aéyerar 7j lodzng, 1) .
émofla dindever Std ndoag Tdg Tiuds Tdv yoauudrwy, td dnola
megtéyet.

62. "AAYERPLKOGg Aoylopudg. ZTKomdg xUTol.—"Ortav ulav
&AyePpixfiv Tap&otaoly petaoxnuatilowuev elg &AAnv lonv, du-
vapa 1@V Blottov 10V np&fewy, ékteloluev ddyefoixny med-
Ewv. TO obvohov B¢ 1@V &AyePpik®v nmp&Eewv Aéyetal dlyefot-
x0¢ Aoyiouds.

‘D &AyeBpixdc Aoytoudeg, fitot al dAyeppikal mpaéerg, ylvov-
tai énl 1OV &AyePpik®v Tapactdoewy BxtL dia va elpowpev Ev
aptBuntixdv E€ayduevov, g yivetral elg v apBuntiknv, &AA&
Sid v& petaoyxnuatioopsv tag mapaxotédoelg elg &AAag loag,
&M\’ drdovorépac. O peracynuazicuds 82 ovros tdv dAyefor-
%@y mapacidoewy slvatr elg % Tdy xvoiwtégwy oxondv Tijs GA-
véBeas.

KEDAAAION VI
Mpaisis Eml TV ZAYERPIRAV MEPASTRCEWV.
A’ FIPOZOEZLE

63. Elg v § 53 eldopev mdg mpoobBétouev povdvupa kKai
81t 10 &Bpolopa povwvouwv elvar év yéver Ev moAvdvupov. ‘H
npboBegig Aotmdv Blo moAumviuwv elval tpdoBeoig &bo &Bpot-
opdtev. Kal kata ouvvéneiav : did véd wgooPéowuey Ev modvd-
vvmov elc &Ado, doxel va cxnuaslcwucsy Ev modvdvvuoy megLéxov
6lovg tovg Gpovs Tdv dvo molvwviuwy xal £xactov ucid o
onueiov tTov.

Oftog elval

(8a® —7a*B-}-5p° }-(—5a*--3a’B—4ap*—2p*)=
—8a’—7a’B5p"—5a*1-3a’p—4ap’—2p".

Davepdv 82 elvat, 61 Ta dvotépw loybouv kal btav Exw-
UEV va mpooBéomuev doadfmote moAvdvuua.

‘Opoilwg elvar pavepdv, 8t f| &piBunuiky Tipf tod &Bpol-
opatog looDtar pé 10 &Bpoicpa T®V &pBUNTIK®V TILHV TV
npoofetény (molvwvipwy fj kal povovipwv).
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64. "Opotrot 6pol.—Elg 16 dveiépe mapddeiypa napatry
poDuev, 811 ol bpot 8a® kai —5a® 100 &Bpoloparog diagépovy
pHOVOoV KaTd TOV OUVIEAECTAV  T0 altd maparinpoluev kal elg
ToUg 8poug —7a?B kai 3a?B dg xal elg Tovg 5B* kal — 2. O
Spot, of 6notor Siapégovy udvov mara tdv cuviedeorny (§ olbs-
Awg dSlagpépovyv), Aéyovrar Suococ.

65. 'Avaywyi opoiwy Spwv.— Téd &Bpolopa t@v duolav
8pwv 8a® kai —5a*, HroL 1d Ba*—5a®*, elval pavepdv, du
looDtatl pué 1o yivdéuevov

(8—5)a*—3a’.
"Emiong elvatr pavepdv, 81t
—T7aBp+3ap=(—7+3)a’p= — 4a’p
Kai 5 —2p*=(5—2)B*=3p".
BAénmouev Aoitmov 8t : T dPgoitoua Suoicwy Sgwy elvar els dpoc
Suoitog mpog avrovc. Suvredectny 32 Exeu 1o dPpoiocua tdy ovy-
telectdY TdY atdv Spwrv.

‘H mpboBeoig duolwv Spov Aéfyetal drvaywyn abtdv. Té
&Bpotlopa Aowmdv, Td Smolov elpopev dvotépw elg THv § 63,
HETE TRV &vayoyhv 1@v Spolwv Spav aditod, elval

3a*—4a’f—4aB*-1-3B°.

Enuelwoeg. Ol Buolol 8poi, tovg omoloug eldouev Elg
1a dvotépe moAvdvupa, elvar Suolol &g mpog BAa Ta ypdp-
pata adt®v' pavepov dE elvai, 81t Spoiot Epor moAvwvipou
&g mpbég Tl fj MpéG Tiva ypaupata abtdv elval ol Biagpépovies
ubvov katd TOV OUVIEAECTNV ©OC npdg 1O adtd fj Ta aldia
ve&upata. Oftwg &v 1 moAvevipe ax—+—X*—Bx-+yx Spowot
BpoL ¢ mpdg x elval ol ay, —Bx, ¥X 1N 88 &vaywyn altdv
5(deL tdv Hpov (a—PB+vy)x-

66. AlxTETaypEva TOAV@VURX —'H dvaywyn t@v dpolov
Spwv moAvwvipou yivetal edkoAwtépa, &v ol Epor alitod ypa-
¢olv ka®' opiopévnv t1&€iv: elvar 82 abtn, 8tav ol Spot 100
TMoAv@VOUOU YPp&P@VTAL KaTd Tolaltnv oeipdv, Oote ol éxBE-
tair évég ypdpupatog adtod EAartolviar fi adfavoviar &amd
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5pov elg Bpov’ xai elg pgv TV MpdInV NEPIMTWOLY TO MOAVOVU-
~ pov Aéyetat Siaterayuévov xatd 1&g xaziovoag duvauelg tod
geopoupévou yp&uuatog, elg 52 Thv devtépav Aéyetal diate-
1ayptvov Katd tag dwviodoag Buvéauelg 1ol ypdupatrog abTol.
05te 18 WoAuvdvvpov x® — 3x* —5x + 6 elvar Batera-
yubvoy Katd 1&g xatovoag Bduvapelg 100 ypdppatog X' T
attd moAudvupov, &v ypaofi 6 —5x—3x*+x°. 8a elvar dia-
 reraypévov KaTd Tag avioboag duvapelg 100 adtol ypaUUaTOq.
‘Qoaliog 1 dpoyevég mwoAuvdvupov ¥ — 2xy-+¢* elvat bia-
TETAYEVOY KaTd T&¢ katlwoboag buvéapelg 100 yp&pUaTog X
 xai k@@ Tac advioboag duvaueig To0 ypduuarog Y.
: ‘HnpboBeoig 16V dlatetayuévoy ToAvevipey yivetal obte
 elnoh@tépa BLOTL TOTE ypagopev Ta piv Omd 1a BE elg 1podToV,
bote ol Suotol Bpot va& edplokwvral elg THv abTiv Katakdpupov
~ omiAn¥, Xai mpooBétouev Emelta, mMpoobétovieg ToUg dpoloug
- Bpoug Ex&otng oTtAAng. I.x.

x*—5x°+-2x-14

Syt o
Zx. *{'—'2X‘—*1
— %5

2x* —3x*+-4x—2

"Aoxnpoets.

50) N& éxteAeocBolv al k&twbBL mMpoaoBEoELq :

1) +3ax —6B —+8a? —7x? —5%*
+9ax =P e " S

) 1 12 ot 2 B
B« — B 1o — Sy —oX

1 1 4 Tt

& S B S K

i Wnepiomoir}Bnke amo To votirotto ExmaideuTikrig MoAmkig




# i o a’ 2x* —5x*
B — 5 _Bq —Slp’ 7‘#‘
4) a8 a—PB a’-p* X? —x"
B —f e -  Fsenl X+ ¢
S it p*-1-8 5u*—7 8v¢—9 i
a1  2p*—3 3—2u° 9—8v* 5—2a°
e NG e L 2vs—3  3x*—2y
3" —2a® —d4p*—3a® v*-}H1 —3v*—1 2y¥—7
7) 8a*—3p*+-3y—4 a*—3a*B+3af’—pt
Sa*—4p*—5y-{-9 «*+3a’B-+3ap*-p*
8) 5x —9ys? 5a®—3p* Bt yr-LB°
= g* —2a*—5p? o —pB*y*—8*
7)( 91.{,!* 6{1’-;;-75-‘ O:"‘*B.'—}':—B?
—6x —Eyis® —7a*—4p* —a*}-pr—y’—5°
9) 8x*—7x*+5x—1 6x—¢ +-3p—5w
= X2y 13 —5x+3p—T7o+4w ;
3x*—5x*—7x+1 —3X+4y— o—
Ot Ay T S 6w—~5¢+2m
1 2 A e 3 2 -yl
W) sa—gPlsyid i et _5‘*” 25 X2
1 2 3 3 1 3 8 1
& A 1 Poos Vg r el *O—QJ - 59— e
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B. AQAIPEZIZ

67."Ag9aipsoig povvipov.—"Eotw, 81l BéAouev va dpat-
piompey amd Tfic mMapaocrtdoemg o'—2aB-pB? 16 povovuuov
—4aB. "AAN’ elval pavepdv (§ 18), 81

(«a*—2aB+-p*)—(—4aB)=a’—2af{-p*i-4ap
ﬁ.yﬁd v &vayoynv 1dv duolwv Spav —2af kal 4af,
o*+2af-p*

% ‘Ex 10V dvotépw sdkdAwg ouvayetal 6 kavov tfig &oatl-
 pigeeg povevopou &mo wi&g &AyeEBpikiic TapaoTATE®S.
’ ; 88, 'Agpxipsoig moAvwvlpou.—"Eotw, 81t Bélouev va
dpaipfouEV &S 1O ToAudvupov 4x'—5x’-+8x—4 10 MoAvd-
. wpov 4x*—9x1+-6. AAAa 10 &¢aipeTéov MOAUDVUHOV TTapLOTd&
. apBpbv. Ald va Tov &paiptowuev BE, &pxel va mpoobBéowpuev
18y &vtiBetov adtod. Elval &2 pavepdbv, 811 odtog (& &vrilBerog)
- siploxetat, £av &AA&Ewpev ta onuela SAwv 1OV Spwv 10D
~ daipetéov MoAvwvoOpov. Kata tadra Aotmov elval
| 4x*—5x*+8x—4—(4x*—9x+6)=

=4y*—5y% -} 8x—4—4dy*+9x—6=4x*—9x*+17x—10.
Kulxpdypczn BTt elvan

A —9x*+17x— 104> —9x |+ 6=4x*—5x*1-8x—4.
'ﬂm’e Aa va dpaipéowucsy dtd uidc magaoctdoews dodéy mo-
. lwdyvuov, yodpousy »xardmiy avrijc SAovs tovg dgovg to¥ dgai-
oy nolvwviduov ud HAllayudva ta onueia adrdv.
Kal ¢éviabBa elval ¢pavepdv, 81t fj &ptBunrixy Tun tfic dia-

- #0p&¢ looDtar pé TNV Slagopav TAV GpBuNTIKO®V TIUOYV TV
~ SlysBpik@v mapaot&oswv, al dmolat dpaipodvral.

AR R M RIS AT L RO e

. Zapmelwoig. 'E&v 8éAwuev va Béowuev mapaot&oelg év-

¢ napevBéoewv 1j, &v elval évidg mapevBéoEwy, V& YpAP@UEY

sltag Ektog mMapevBfoewyv, Ba fpyaocBd®uev cuvupoveg pE oo

gmopev elg v § 23. Obtwg elvat
15—(3x*—2¢*—y)=15—3y*|2¢* |y

S e i el S e e ama ) B ¢ i
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‘Aoxfoets.

51) N& ylvouv al &paipéoelq :

1) -+9x +7x? — 9a —5p* —11a
+ 5% —3x* —10a? -1-3p° —4x*
2) X X o e 2x
y =y —y ¥ —5
3) 2p 5u —2u 2u*+41 3u?
3v —4v —3v p? pr—=i
4) X—1 X—U 2x —3y xX-F= 2-—x&
> & it ¥ 2x+-3y - e vy
3) e ¥ = Sx*—4y*  Sx*—2¢* Sy
¢*+-2 4—qg*  SPpP—ayt 295yt SoAEa
6) a’2aB+B* 6a*—8p*4-5y—9 da*—5p*L-7y*—28
o’ —2ap—p” a*—5B*—4y-11  So*ip—3y e

52) Elc tag k&atwbt mapact&oeig va &pBolv ai thxpavaéoské
xal Emelta va ylvp M) dvayoyn 1&v duolov Spwv: :

B - (et {e—P) 3) S5a—(2a—+-38)
2)  (x—2¢)>H(x—3y) 4) 10a—(3a—58)
5) (a+B—y)—(x—B+Y)
6) (9a—5B)—(3a—+-4B)—(ax—7B)
7) 44a°(85p* —63)—(100p* —31a*+-37)-100
8) 10y*—(23-1-5y HA23—x)— (9" — %" —x)
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) Eig #x&otnv 16V K&TwWOL TapaoTdoe@V VA& 1eBo0v £vtdg
sapevBéoewv ol BGo mp®tol Spoi pé 18 onuelov | TPd abT®V

~ xatol Tpelg TeAsuTalol ue 16 onueiov —.

o X' —¢*—a’-2ap—p*
2) ot B Sx$— 3T
3) 8a'—B5—y'—xy—y¢*
4) S o e B

54) Tl mpéner v& mpooBéogwuev

1) slg Ty mMap&oraaiy 5x—+2¢ Bid va AaPwuev 5% 3
7 T S » 2x-1-3¢yp—5 TN » 3¢5 ;

o3 > > » 2a*+4B-ty S » 3a>—5B;

55) Ti &plBudv Aaupdavousev, Stav el 10 &Bpoioua (a+B)
B0 &pi8u BV TpooBéowuev TRV diapopdv (a—PB), fitol Y (B—a):
56) Tl &piBudv Aaupavopev, dtav &mo 16 &Bpolopax (a+B)

L Mo &p OOV &paipéompuev TV diagopav (a—B) f{j v (B—a);

. TTIOAAATIAAZIAZMOZ

69. MoAAamAaxorxopdg &kspainy povevipwv.— Eldo-

. gev (§35) 31 at.a*=a’t’=a’. "Ex 100 mapadelypatog 5 aob-
- w0 elval pavepdv, 811 18 ywvduevov dlo &xepalwy HOV@VOU OV
- dvar povdvupov &xépaiov.

‘H edgeoic toD movwviuov, tol loov mgds o yivduevoy dvo

. degaloy uovwvduwmv, Aéyerar mollanlaciacuds adidy.

"Eoto, 811 Bélouev v& TOAAGTAQOIAOWUEY T &Képalx pHO-

~ wwua — 5a’B'y xal 3a’B. 'AAN Ekaotov TéV HOVOVOH®V
. nitev, O¢ kal m&v povdvupoyv, elval yivéuevov ToAADV Tapa-

']llhrtmv. ‘Emouévwg o yivdusvov alidy elvat umwovdvvuov, Td

. dmolov megiéxe: Slows tovg magdyovias tdy Svo povwviuwy.

.~ "Qote elva :

—5a'B?y.3a’p= —5.a".p%y.3.a’.p

an glc Td teAsvTalov abT1d yivbuevov Bduvaueda va &AA&E®-
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HEV TNV T&iv 1OV mtapaydviwy kal va AVIIKXTAOTCWUEY 7
payoviag adtod dia 1ol yivouévou twv. “Qote elval :

—5a*B?y.3a’B=(—>5).3.a*.a’.B*.B.y=— ~—15a*Bsy
70. Kal 81& mepiooédrepa Hovovuua EpyaldéusBa duoled
O0tw 10 ywvdbpevov OV Hoveviuwy — 3a‘By, — ay*d xa

487 elvar :
(—3).(—1)4.a".«.B.B*y.y".6=12a*B*y*5.

“Qote : “Iva noddandacidowucy dvo H megioodrega drdgais
uovddvvua, mwollanldacidlouey mpdrov ToUs cuvredeotdg cﬁﬁ’
xal Eneira dekid oD yivouévov rtwy yodopousv Sla za yqdmﬂf
td dmoia Dndgyovy elc za movavvua =al Exaczov ué énﬂw?
foov mpds 1o dPgoicua TdHWv ExPderdy, tovc dmolove Exetl sl;i

uovavrvua.

'doxfoecs.

57) N& eOpeBodv 1a yivéueva :

2* 5t Sa.2p :
—5a.a* —g—- X Y. (——g— ’) :
—2a®.68° %qsﬁn_ (__ ]_91C‘B) ‘i
8ay.(—5ay) — —%— X o. ('— % X'-P‘P)
3ax.dacy 0.5x¢.(—2xy)
a’ﬁ’y.czﬁ’ —3Q’ﬁ.(—-0,01€!ﬂ’)
— 9By (—BaBrxy) —0,4aB.(—0,5aBy)
58) Na& elpeBolv 1&a yivéueva :
(—a—BX—Y) Pyl —8)
2a.3p(—ay?) 6x*.(—2ax?).(—3ay)
] 2
. -(—"TX‘P )
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2 - 3 a» o
—Fapi(—Fpx)- (=)
— 10aB.(— 0,2By).(— 0,5yd)
59) N& ebpeBolv 1t yivdueva:

(5)* (3ap) (— %
')y (5a*B) (— 3a’p?)?
(2a)’ (3B)’ (— 2ap)

71. MoAAanmAxolxopdg &repaiov moAvwvOpoL i &ké-
patoy poveovupov.— IMvopilopev, 81t
(x—+B+y).-5=ad{-pd+ybd.
*Ex 100 mapadelyuatog 52 adtod cuvayouev, 1L 10 yLvouEvoV
&xepalou moAvwvipou émi &xépatov povavuuov elval moAvd-
 wugov Gxépaiov.

*H efipecic to¥ moAvwviuov, td dmoiov eiva: loov mpdg 10
yrépevoy molvwvvuov Eml movdvvuov, Aféyesrar modlanlacia-
 opds alidv.

*"Eotw, 51t BAouey v& TOAAQTAQOIATO®UEY TO TMOAUDVUUOYV
{‘2"—7x—4 éni — 3x*. "AAN’ & moAlamAcoiacudg alteg O&
yiig ©¢ Eyive & &vw ToAAamAaoixguog (x+ B+ vy).5, dibu 10
fo8v moAudvupov ©O¢ kai M&v moAvdvuuov elval &Bpoloux
19y Spwv tou. ‘Emouéveg P#a mollamdacidowusey Exactoy tdv
. Gov tov éxl Td movdvuvuov xal Pa ngosPécwuev Eneira Td meo-

 sizzovia yivdueva.
Katd talra Aoitmov elvar
(x*—T7x—4).(—3x*)=—06x"121x"112x

e

‘Aoxnnoeis.

i 60) N& epeBolv Td& ywvdueva:
j (Ty—4). X (15a*—25a+10) .5«
(Xx—)-4x 1 1 1
(3x—2W).5xY ( 3 x'——Tx—-?)Jwa
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(a*—PB*).(—2aB) R e '
(2a—3p+y).5ap (et s
(ax*—Bx—+v)-(—2¢) (TX'— —5‘4”)- 7 AT
(5a*—2a’p{-3ap*—4p%).a*p® (8x*—6x—4).0.5¢%
(a*—5a*B+-6ap*—p).(—4axp) (15x*—10xy—+-25¢").(—0,2x¢$}

61) Na e0peBolv 1a E€aybueva TOV Katwbt np&Eewv:
(5x—3¢)x+(By—5x¥
(Ox—4¢)x—(2¢—7x )¢

(4a—35B)y+(2B—3y)a—(7y—3x)B
(a—y)ap—(B—a)By—(v—Blyx

72. Mol hanmAxolxopdg Vo0 &repaiwyv MoOALVWVOUGY,.—
IlN'voplZopev, 81t (a+B)(y + 8)=ay-+ By + ad -+ B&. "Ex 100
napadelyuatrog B2 adtod ouvvayopev, 81t 1d ywvbuevev boo
dxepalowv moAvwvipwyv elvar moAudvuuov dképalov.

‘H eligecic 100 molvwyduov, td dnolov elvai Yooy mgdg 18
yivdusvoy modvwvduov Enl molvdvvuov, Aéyerar mollanxlacis-
ocudc adtdv.

1)"Eotw, 611 Béhopev va MOAAQMTAQOIAC®UEV TO TPLOVUHOY
X' —2x¢+¢* énl x —3y. TAAN & moAAamAactacudg UTéC
8a ylvp &¢ Eyive & &veo moAAamAaciaouds (o -+ B).(y+8).
561, &¢ yvopilopev, nav moAvavuupov elvatr &Bpoilopa IOV
8pwv tou. "Htot B84 moAlanmAaoidowpuev o HoBiv TpLdvupoV
mpdrov éml ¥, Emeita énl —3Y kal katdémyv B8a MPooBEo@UEV
T& ywépeva, 1a dnola B& efpouev: 8a Exwuev B

(X*—2xY+¢*). x=x"— 2" x¥*
(X*—2x¥—+9").(—3¢)= —3Y"P+-6xy*"—3y*
&Bpolopa QEPIKAV yivouévev =) '—5x*P—7xg*—3¢r.

“Qote: Awd va siligoouev td yivéusvov 3vo mwolvwrdiuwy, mod-
Aanlaocidlouey Exactov 1dv Spwv 1o nmollandaciactéov m Exa-
ezoy tdv dgwy 10U modldanldaciactot xal moooPérousy Td moone
TETFOVIA YIVOEEYQA.
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‘H &avotépw mp&ic diatdooetatl mpdg eOkoAlay &g £€RAg :

X*—2xy-Hy’
X—3y

X' —2X——xy*

—3x*—-6xyp"—3y*
XP 55X 7yt —3y*
datdooouev dnAadr Guedtepa TE WoAuvdvupa TPOg TO alTd
ypauua Spolewg” xatdmiv moAAamAaoidfopev 16 TPATOV TO-
Wwovupov €9’ Eva Exkactov 1OV Spwv 100 MoAAamAaoiaoTtol,
1@ 68 pepika yivéueva ypdapouev 10 £v Omd 10 &Alo, dHorte ol
- Suotor SpoL va elplokwvral el TV abtiv katakdpupov oTrAny,
. xal Enelta mpooBéTouey.

2) Na yivn 6 moAAamAaoiaopds : (3a’—4a—6).(2a*+a—+-3).

A

AR

-

S

! 3a’*—4a —6
’ 2a*ta +3
: utpikdy yivéuevov éni 2a® 6a*—8a’—12a?
z > > » a 3a*—4a*—6ax
> > > = 9a*—12a—18

SAkdv yiyduevov 6a*—5a*—7a*—18a—18.
3) N& ylvp 6 moAAanmAacotaoudg: (x*+x*+x*+x+1).(x—1).
s e g G o i
1
e 5 o e
__x‘____x'_xﬂ__x_____l
L

3. Dagazneroects. Elg 10 mpdrov map&derypa tfig
wonyouuévng mapaypdagouv mapatnpoluev, &1 ol Spoi x* kal X,
eldmotol Exouv 1o ypdupa X 1fig datdEswg pd 1dv peyavte-
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pov éxBétnv, dldouv 1oV Bpov x* tod yivopévou, Sotig elg adun
Exel 10 X M&ALY pi 1ov peyaAOtepov éxBétnv. Ol 8¢ Spol ¢* kel
—3y, ol dmotoL Exouy 1d ¥ ui 1dv pikpdtepov €xBétnv (tév 0)
5(douv 1dv 8pov —3¢* 10D yivouévou, Botig el aldtd Exel mé
ALV T8 X pt 18V uixpbtepov ExBétnv. “Qote ol Spot x* wal —3¢* b
Eyouv &Ahov Spov Suotov pi adtolg kal Bév peraBaihovral bis
1fig &vaywyfg. ‘Ouolag tapatnproeig x&uvopev kal elg 1& &ila
500 mapadelypata. Tuvayousv Aotmtéy, 8Tl 1O yivépevoy Boo me- &
Av@VOpVY Exel TobA&yxloTov 800 8poug. 'Emlong mapatnpoluey,
81 & PaBudc TOo0 yivouévou mpdg Ev ypdupa loolral ue 18
&Bpolopa 1OV Babudv 1OV Tapaydbviwyv mpdg 1o adTd ypapua

74. *A£100npEiQTOL TEUTOTNTES. — ALloonuelwTol TauTs |
nteg, al dmolal &mavi®viar ocuyvd elg TV &AyePpav, elva

ol £Efig:
1) (x+a)=(x+a).(x+a)=x"+2ax+a’

WEMAE

=

X1«

X*+ax
ax—+ao?

x*-+2ax—+a

*Htol : Td retpdymwvoy tob dPgolouaros dvo dotBudy (oobai
ué 1o dPgotcua TdY Tergaydvwy avidv, sis & mooctiPerar xai

20 Sumddoioy yvduevoy adrdv.

M.x. (x+3r=x>+2.3x+3"=x*+-6x19
(3x4-5r=(3x)"+2(3x)-5+5*=9x*+30x+25
2) (x—a)=(Xx—a).(x—a)=x—2ax+a’

“Htoi: To zerodywvov tijc diagogds dv¥o dotdudy loolza
ut 0 dPgoioua Tdv terQaydvwy alidy mAny Tod dummdaciov yv
vouévov avtdv.

I.x. (Xx—7)=x*—2.7x+7"=x*—14x+49

(2x—3)=(2x)'—2.(2x).3+3"=4x*—12x+9
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3) (X—a)(x—a)=x*—a*
X+«
X—a
X oy
—cxx———cz’
x*—ae
"Htoi: Té ywvduevor 10D ddgolouaroc dvo dotPudv énl v diagpo-
pdy oy lcofitat ué o rerodywvov tob modrov ANV 1O TETRd-
ywvoy so¥ devrégou.
i x. (X+5)-(x —5)=x*—5*=y*—25 |
(6X+-5¢).(6Xx—5¢)=(6x ) —(5¢) —36x"—25¢".
- Znueiwoic. Al GveTtépe Tautdinreg ypadovial kal ¢
&Edc :
X' 2ax+a*=(x+a).(x +o)=(x+a)
X' —2ax+a’=(x—a).(x—a)=(x—a)*
X*—a*=(x-+a).(x—a)
‘Emoyévag tptdvuua § drdvupa ©g 1& &vetépw duvaueba
¥Q 1d ypAYwUEY OC Yivbueva 0o mapaydviov.

Ry, x*10x-}25— 2.5 +5*=(x+5).(x+5)=(x+5)*
X' —8x+16=x"—2.4x}-4*—=(x—4).(x —4)=(x—4)
x*—35 = () =(Xx16).(x—6)

- 15, TANA a1 taqutétnreg dmavidpevar elg v &AyeBpav,
A\ 5t 1600V ouxva Soov al &vetépwe, elvar ol £€fc :

1) (at-BP—(a+B).(atp)=a’+3a’B+3ap+p°

2) (a—Br=(cx—-B).(a—B)=a*—3a’B-}3ap’—p*

1) a*2ap+-p 2) «*—2aB-}B
a+B a—B
a’-2a’B+ap? ox'—2o'Baf*
«'B-2aB*4-p* —a*B-}-2ap—p°
«*+3a*B+3ap B ‘a*—3a*B-+3ap"—p"
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62) Na ylvouv ol k&twbt moAlamiaoiaopol :

(a+PB)(y—8) (2x*—5)(3x*-+7)
(7a—3).(5a0—4) (5x*—4¢").(3x>—9)
(2x—3¢).(x—¥) (Ta*--9B%).(9a>—7B)
(5x—4g)-(2x+-3¢) (a*+-B%).(2a*—367)
63) Na yivouv ol k&twbBL moAAlamiaciaopof :
x*+x+2)-(x-+1) (x> —5a—6).(a—4)
(y*—9¢+-4).(—y—+-5) (14-2B—3p*).(1 —5B)
(9+300+90%).(¢—30) (2p°—4uv—6v?).(3u—4v)
64) Na yivouv ol kd1wBi moAAanAaciacuol :
(a+B—y).(a—B+Y) (x*4-2xy—+39*).( —2xy1+3¢*)
(a*+a+1)(a’+2a+-5) (Y -4y —29%).(2¢* —$o—-¢7)
(B*+2p-+2).(B*—2p+2) (5—0—w?).(3+20—a?)
By —3y-+-4)(— v 47 12) G210 %

65) Na yivn 6 moAAamAaolaxopdg :
(x*+2x—3).(x*—3x+-5)
kai Emeita va ylvp f) énaAfBevolg 100 yivouévou dia x:——-—Z

66) N& eOpefolv t& k&TwBL TETpdywva 100 &Bpolopatos
S0 &plBudv : |

(o)’ ey
(x4 X4

(x+3y)" (2¢*+3°)"
(20-130) (tp - —%‘—)
(1-xe)” (Z+%)
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67) N& ebpeBodv T& yivéueva:

- (g — 1) (9p* — w?)
(8 i q)):' (3)(’.! = an)n
P — 1 (% 2 )
(B —3y): (15—o)
(w1 (33
68) Na& ebpeBobv ta yivépeva :
(@ +B)(ax —B) (49 + 50).(50 — 4¢)
(a +5){a — 5) (x* W).(x>— )
(3B+ 1).38—1) (X— ). (x-+4*)
By— 7).3y+7) (2—1) (X+1)
(7a+-3B).(7a—3B) (% it é_) : (_;J_ o %)

69) N& &vaAuBodv elg yivéueva dlo mapaydviwv al tapa-
OTQoELg :

P ' e 3
«? — 5° Yyt — 49
L a*—36 9(97——(,)‘
4
25 — B* —
=0 e
— 4y X M
Iy 4 9
Ao 4 4¢? ik w?
9a 168 = =

70) Na& deixBi, 8t elvar:

(x +B)(a® — af +P°) = |-p°
(¢ —PB).la®+ap+p)=a' —p°

(« — B).(a® + B+ aB B*) = a* — p*.
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aVi@dy Exactov ypduua 10D Siatgeréov, dpol mponyovuévws doa
géowuey Grd oV Exdérny alroD 1dv Exdérnv oD adrod
pazos tod Scaigérov.

'Edav yp&uua 1t 5&v Ontdpyn elg tov Biaipétnv, OobBETous
&1L Omtapyel pe éxkBétnv O.

6. 1)  18x'B'y™s:6a’By’= o ai~. P*—i. y*=3. & — 3a’flys

12
2) —12** : —7xY* = — X’®
"Aoxfoets.
74) N& eOpebolv 1& mnAlka TOV k&TwOL dialpéoewy : :
14a?p? : 7af %— Mt —— -—g— Xy
Hats =0 —1 %-cxx‘q:‘: —-——:—mp’
15a*Bsy : Sax?B?
_23G‘Bly3 . __,saslyi %, asx!ql,‘¢( : _5alxq’¢(
Ta'p'y*s: — o’ = BaPlygte— % aBx

78. Awxipeoig dxepaiov moAvwyOpov 8" &KEpxiov pe
vovopou,—'EE Sowv elmouev dvotépw (§ 76) ouvvayouev, &
10 mnAlkov &xkepaiov mMoAvwvlOuou B’ axepalov povevopou &&
elval m&vtote dxépaiov mMoAudvupov. 'Eav 16 mnAlkov tolu
elval &xépatov, TOTE TO MOALOVUHOV AEYETQL Siatperdy B 10t
govwvbpou tolTtov. H eligecis tod noAdvwyduov xal dxegpaio?
ainAixov Aéyerar dialpecis Tob molvwvduov did rod sovwvvoy.

*"Eotw fidn, 6§11 8fAopev va Bilalpéowuev 16 TOAUOVUUOT
8a®*—12a*}-20a*—4a® did 100 povwvopov 2a’. "AAA& W&v mWe
Avbvopov elval &Bpolopa T@®V Spwv tou. "Exopev EMOpuEVES
£60 va Blaipéowuev &Bpotaua Bi” &piBuod. [Npog Tolto B& mpt
nel va dlaiptowuev Ekaotov TAV pwv TtoD Blaipetéov dia Tol
Blaipétov kal va mpooBétowuev EMEITa TG MPOKUTTOVIX nnAlxa
*AAAG Bia v& ylvp To0To, fitol Bk va Omapxn mnAlkov Tfig diar
ptoewg alTfic, meémer xal doxel Sdot ol Spot ToU diargezéov
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wodverduov (16 dnolov elvar &vev duoiwv Spwv) va elvar diac-
eezol did oY movewwvumov. 'Eneldn 82 ocvuBalver tobto eig 10
Gve moapadeiyua, Enetal, 1 Omapyel mnAlkov 1fijg BoBelong diaxi-
ptoewg kal elval to0to 16 £Efg:

(8a® — 12a* + 20a® — 4a?): 2a’=
S i TSNS e
SR 2 T 2a°® T

= 4a* — 6a® + 10a — 2.

79. 'E€axywyl] xolv@dv Tmapaxydviwyv £KTOG mapevOE-
oewg.—'Ex 1fijg mponyovuévng diaipéoswg AapBavouev v lod-
mra: 8a*—12a*+20a* —4a*—2a’.(4a*—6a’+ 10a—2).

*Qote, 8tav Ev moAvdvupov elval duatpetdv did povovduov,
dovatalr to0T0 va mapactabi] ®¢ yiwvéuevov ToD povovOuov
énl 10 mnAixov 1fic Saipéoewg adtod Bid 10D povwvdpou' Stav
5¢ &v moludvupuov mapaxotiowuey obtw, Aéyouev, 81t dEdyousey
Tovc xotvovc magdyovrag Ty oy avrob Exids mapevPéoews.

‘Aoxnocts.

75) Na eUpeBobv 1a MnAika 1@V kKaATwHL diaipéoewyv Kal ka-
émy va mapaoctadfj & diaipetéog Ekdaorng Siaipéoewg Og yi-
vépevoy :

(24’ —12a-1-4) : 4
(25%*—15x+5) : —5
4 (18ax—24ap-+12a9) : 6a
‘f'-— (35x*—28y*-49y>—14x) : —7¥
(18" ¢ —36ax° ¢+ T2Bx W —18yx¢") : 18Xy

(54B*y*—18p*y*—12R*¢*-24Py°) : —6By*
(160a®x**— 120y *Pp*—40ayx*y?) : 20ay Y
(108X 40— 72X W' o' +63xy™e*) : —Ixu">
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80. Awxipeoig B0 GreEpxiy TOAVWVOPRWV.—Kal 266 Aé
YOouev, 81t 1d6 mnAikov tfic Siaipéoewg Bo MoAvwVOu®Y By
elvat m&avrote map&otaoig dxepaia. 'Eav Suwmc Omapyn axz
pala Tap&otaoig (toAvdvupov | povdvuuov) Ton npdg 16 mmki-
kov dlo dkepalov moAvwviuwv, 161e Aéyetal 18 Ev diaigerdy
dia 100 &AAou. “H eligeois 82 100 mndixov adrod Aéyezar diai-
geois T@y Yo modvwrduwy.

‘H elpeoic 100 mnAikou (Stav Ondpxn) tfic diaipéoewmg bbo
Gxepalov moAvwvipwv d&v elvar téoov ebkoAog, &g elc Téc
mponyovpévag TMEPIMTOOELG TA¢ Dlaipéoews. Ara va &8nynde

pev 8¢ elg Tov TpbdmMov Tfig EVptoEwg altol, &C &VaYWPHOOUEY |

&md TV Tautdinra
(a+Br=(a—+PB). (a+B)
ATig ypapetan kal dg £&fg (§ 75):
o*+-3a’B-H3ap+Br—(a’+2aB+B*).(a—+B).
AOTn 8 deikviel, 811 10 MnAikov 1fic daipéoewg
(a*-+3a*B+-3aB*+-B%) : («’-2aB+B)
Omapyxel kali 81t elvar a-+B. "HOn &c¢ Bouev, ndg 684 elpa-
pev 10010 Bk Tiig Siaipéoewg. ‘Hpueig yvopilouev, 611 16 yivé
uevov 1ol diatpétouv €mil 10 mnAlkov looltar ug tov Siatpetéow
gyouev 8¢ ol1w:
(a*+-2ap+PpNaip)—=
(a™+2ap+BY)a= a*+2a’B+ap?
kal (a*-2aBpt)p— a*B+2ap’-p

a*-3aB4-3ap'1-p".

TAAN GpoD O a® siploketar &wd TOV TMOAAQTAQOLACUOV
a’.a, Enetal 811, éav Swaipéowpey a':a’, Ba slpwuev 1dv a, fjToL
1oV Mp®dtov Spov. “Qote 6 mpdtog Spog 100 mnAikou eUploxe-
Tat, 2av daipéowuev 1oV Mpdrov Spov 100 Biaipetéou Bid TOD
mpdtov Gpov ToD Braipftou. 'Eav tdpa moAAamAaoiGo®UEY
oV Slaipétnv éml Tov eOpebévra mpdrov Spov Tol mnAikov, 0-

Ynoiono|Bnke amd 1o ivotirouto EkmaibeuTikig MoAmkrg

AR AT



67

ploxopev, &¢ PAémoupev dvotépw, yivéupevov a'--2a’B+af’.
'Eav 62 100710 &opaipéowuev &nd 1oV diarpetéov edplokopev :
a*+-3a’B+3af*-B*
—a*—2a'fp—ap”®
o*B+ 2ap B
AAN" 7} sOpeBeioa Siagopa looDrtar uE 16 yivbupevov
(a®+-2aB+P*).B. fitor p 16 ywbuevov 1ol Biaipétouv E&mi ToV
Sebtepov 8pov 1ol mnAikov. “Qote A daipeoig
(a*B+2ap*+Pp°): («*+2af+B%)
8a p&c dooyp mnAixov B, fjrot 1dv debrepov Spov 10D MnAikou.
‘Eav 6¢ oxegpBbuev Spolwg &g &Gvw, Ba WBouev, St 6 Spog B
o0 mnAikov eOpioxetal, Stav diaipéownucsv 1oV MPpdiov Spov
to0 véou Braipetéov Bk 100 mpdTOL Bpou Tl Braipértov, fjTot
a'B: a®=p. 'Enaidn) 8¢ 10 ywwbdpevov 100 Siaipérou émi tov B
looDtaL pé tov véov Buaipetéov, fitol Emedn 16 yiwvbpevov tol10
&paipotipevoy &md tov Buaiperéov Bider OmbéAowmov 0, Emera
s § Bixipeoic &reieiwoe xal 81 mnAixov adtijg elvalr a+B.
‘Opeoing oxemwtduevol edpiokouey, &1L Tfig Siapéoewg m.X-

(*—3a’B+3ap*—PB°): (a—PB)
6 mp&tog Spog o0 mphixou elvar 16 wnAixov g diaipéoewg

a’: a=a’.
Katémy to0tou woAAaniaoialouev
(a—B).a*=—a*—a’B
xai 1 ywvéuevov tolto dpaipoDuev &nd 1oV diaipetéov
@*—3a’p+3ap’—p*
——cx'—i—cx’ﬂ
—2a’B+3ap'—B".
“Ensaita dimipotuev 1oV mpdtov Spov— 2a’B 100 OmoAoimou Hia
00 mpdrou Spou « 100 Duaip€rou xal siploxopev tév Beld-
tepov Spov 100 mnAixou, filtor —2a’B:a=——2af. Tov Bdel-
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Tepov T1oltoVv Spov moAAamAaoi&fouev puié 1oV Sraipétnv Kal
0 ywbuevov (a—B).(—2aB)=—2a’B+ 2apf® &paipoluev &md

10V véov diaipetéov =
—2a’B | 3apB*—p*
—+2a'B—2ap?
=T __qﬁ’__ ﬂl.

Topa Biaipoduev (ap*—pB%): (a—pB) diax va edpouev Tdv
tpitov 8pov 100 mnAlkov. INpég 10010 52 Bratpoluev apf?:a—p"

'Eav 82 moAAamAaoidowuey (a—B).B* kal Td yivéuevov adtdy

Gpalptowpey &nd 1oV véov Biatpetéov, eUpiokouev

051_, ﬁs
—opr-p
0

“Qote 1| Bixipeoig éreAelwoe kai mnAlkov abTfic

a*— 2B+ B
‘H mp&€ig abtn diatdooeral ¢ £EAC :
a*—3a'B-}-3ap*—pB*" | aa—P

—a* a’p ia’—ZaBFIHB’
— 2B+ 3apr—p*
-2ap—2ap? ;
apr—p*
—ap+p*

elvan

81. 'Eav 16 &vw moAuvdvupov elval diatetayuévov xatd

Tag &viovoag duvauelg 100 yphuuatog a, ol cuvuAAoyiopol kal
6 1pémog Tiig¢ dlalpéoewg Bev &AA&ooovv, ubvov 8’ &pxlowuev
v Siaipeoiv &mod todg Spoug, ol dmolol Exouv 16 yp&upa Tfig
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Siatafewg ue 1oV uikpdrepov EkBETnYV, BnAadn &md todg Bpoug
B* xal B. T.x.

—B*+3ap™—3a’pta® i;j—%a 3
B —ap? | p—2aB+a
2ap’—3a’ptat
—“2a§f—§—2a'ﬁ_
. —opta
e
0.

82. 'Eav elg plav diaipeowv Omé&pyn moAuvdvuuov mnAikov,
elvar gavepdv, &t pla &k TO®V pepik®V Blalpéoewv, elg Tag
émolag &vayetal ) &pxikrf, 8& ddoym 1ov TEAEUTaTOV Spov TOD
mnAikou kal 8a &¢rfjon OméAoimwov O.

'Eav Buowg elg ulav dialpeoiv dbo dxepainyv moAvaviuwnyv
Bev Omdpyn &xépatov moAuvdvupov (gov mpodg T MnAikov ab-
1@V, 161 1) Braxipeoig dEv BOvatal va teAeldon, §j

1) ’Edv 6 mpdroc Opog tod Siaigérov Siv diaipf tdv med-
Tov dgov toD Statgerfov 7} TOv mmpdiov Spov £vdc éx tdv Dmoldoi-
v §j

2) "Eav Staipfj Sdove todrovg rovs Spgovs, GAL” o0Pdémore £¥-
glonezar vndldotmorv O.

[15. 1ov) Na& Siaxipedj 16 moAudvupoyv :
2ax*ta’y-t+a® Bia 10D x—a.

2e* oy +a* . X—a
S, Bt S B B
3a’yt}a*
—3a’x—+3a’

4a’.
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2ov) N& Biaipedfi 16 moAudvuuov :
2—9y—5x*+-16*—7x* Bicx 10D 1—x+4-2x*—7x*

2—O9y—by3 163" —7x* | 1—'—)(——!—2)(’-——7)('_ :

—2+ A 1iay | Bt

— O BT
PR T Ty A

IHagazrienoig. "H tedevtaia Siaipeoig £Eaxoroudel |
£’ &melpov, Bi16TL T MoAudvupa elval BiateTaypéva Kartd T6C |
&vioboag duvaueig 100 yphupatog x, Evd, Eav foav Starem-g
YHEVa KaTa T1ag katioloag duvauelg 100 x, 84 épBavaucev &l |
OmoAoimov Babuod katwrtépou 100 BaBuod Tto0 Siaipétou (Bibn |
elg Exkdomnv Bialpeov & mpdtog Bpog 10D Bdiaipetéou dév Omdp |
XEL &v T® Umololnw), éméte 1) Biaipeoig B8a Biexbntero. Alc |
to010 Mpotipdtepov elg v Biaipeolv va Siatdoowpev ta WMo
Avdvupa Kata 1ag Katioboag duvéapelg £veg ypaupartog.

76) Na yivouv al diaipéosig :

—16x*-1-44x*—56x*

'Aoxrnoets.

TRV

X" —4") = (X1+¢) (5a’+15a*+5a-+15) : (a—+3)

(x*+2xt-1): {x-+1) (35x*+47x*1+13x+1) : (5x11)
O3 F3+ 1) (1) (6x*x*—29x+21): (2x—3)

(x®+ap—2B) : (a—B) (x*—2a’B—ap™1-2B*) : (a®—B?)

(3a*4-ap—2B%) : (3a—2B) (6a®*—4da’B—3a’B*+2B%) : (2a*—BY)
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77) N& yivouv al diaipéoelg :

5 gy
(4x*—16x"+25x—25) : (2x*—3x+5)
(45x‘+18x*1-35x"+4x—4) : (Ix"+7x—2)

(2la*—16a’p+|-16a’p*—5ap*+-2p%) : (Ba*—apB—B*)

A 2
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- 78) Na yivouv al biaipéoelg:

(a*—B*) : («—B) («®+B%) : (a+-B)
(=*+B°) : (ax1-P) (a*—B"): (a*1-B*)
(a*+B%) : (a+B) (x*+-32): (a+16)

83. 'Av&Avoilg moAvwvOpou £ig ylwwopevov moapoxydv-
Twv.— ‘H &v&ivoigc moAvwvopou el yivéuevov mapaxydviwv
dév elvar maviote Buvarhy &AAa xkal tav elval duvarr, B&v
EZyouev yeEVikag pef8édoug &7 adTtiv.

MéBobotL tpomfic moAvwvipwv elg ywbueva mapaydviwv
omapyovv B" dplopévag MEPLTTOOELG, €k 1OV dmolwv &vagé-
pouev tac &€fg:

a’) “Otav mavieg ol Spot MoOALGVOHOUL EXOULV ULOVAOVLUOV
xolvev mapdyovra, Eayouev 1o0TOr €KTdg TMapevOioews (§ 79).

Ob1eg ax*+Bx*+yx=x(ax*+Bx-rv)

B’) "Eav ol 8pot moAvwviupou dOvavrar va &moteAéoouv
suabag, 1OV dmolwv €kdotn mepléxel map&yoviag koivoog, Bé-
Topev adtovg £kT10¢ TmapevliéoEwc. 'Eav 82 ol mnapevBéoeig
abtal mepléyouv TNV alIfv mapdotaagiv, BEtouev kal TavInv
éxtoCc MapevBéoewg. \

.. X B yX Aoy —BYyy—
=x(a—B-Hy)+¥la—By)=(a—B+yXx—+¢)

v’) 'Eav didvupov elvat dragopa teTpaydveyv, dvalletal
£ig ywvduevov dbo mapaydviwv (Goxnoig 69).

¥l 16a*—25p*—=(4a)*—(5p)*=(4a{-5p (4ax—5B).

8’) Tpudvuuov, to0 bdmoiov ol pev dbo Bpot elval Téhelx
tetphdywva &AYEBpIk®V mapaot&oewv, & 8¢ tpltog Bpog elva
16 BumAdolov yivéuevov TOV TMaPpACTACE®Y TOOT®V, TPEMETAL
ele terphywvov 10D &Bpoiopatog fj tfic dlagopdc 1OV Tapa-
ot&oe@v o0tV (onu. § 74). Obtwg Exouev:

25x*+30xy-+9*=(5%)*+-2.(5%)- (B H-(3y)' =(5x+-3¢)’
25 — 30y Y94 —(5x F—2.(5x).(3)+-(3y)—=(5x— 3y
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‘Aonroeeg.

79) Na tpamolv elg yivéueva al mapaot&oelq :
Sa--5p ax+Bx—yx
ax—Sap—3ap

—5a—5p
ax—+By Y9a*—6a’{-3a
X —xy 40ayx —25a’Py—+-15a¢
a’ o a(X+9)+Blx—+y)
ap—p a(x—y)—B(x—y)
B—ap (x—PBIX—2(a—PBWp
10x¢—8xo (x—B)x—(ax—B)

80) "Eniong va tpamodv elg yivéueva al mapaot&osg :
ax+Bx-ap+By 2ax—2px+3ayp—3pY
ax+Bx—+o+p Sax —5py—3Bx—+-Say
ay—yXx+ad—5x ax—BX-+yx—ay+-By—y¢
ay—yx—ad-+5x (a+BUXT¥)—yx—Yy¥
3/81) Na& &vaAuBolv elg yivépeva dbo mapaydviev al mapa-
OTAOoELGg :

36%*—25ys* Sx'—5y*
I—a® X g—xy*
122 ey—2hot
3—S8at («+By—y*
at*—9 (ax—x)—y?
3a¢—27 (a—«p)-—i&

82) Na& tpamolv elg yivéueva t& tpLdvLua :
9 —6xy—+¢*

p—2puv—-v?
a*-6a—+9 4a®—12ap-1-9p°
X-—8x-+9 64y*—32¢x+-4x*
9% +-6x—1-1 81—90x—1-25%°
25%°--30x--9 100—120x*-1-36x*
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84. 'AlyeBpilka KAopxta.— Td mnAikov &0o olwvdimote
&hyeBpik@v mapaot&oewv maplotaralr d¢ xkAdopa Exov &pt-
Bunrnv 1oV Blaipetéov kal mapovopaotv tov diaipétnv. Oltwg
EYOUEV :

cip— X, (Gart-2p: ap= T2,
G o 4

e s ta— Bl —_ s
MNapaotdoeig ©¢ al
- 30 3a?4-2p* X xuw?
B ap ax—By
réyovial ddyefoixa xldouaza.

85. Kai nponyovuéveg elmopey, 811 ai &AyePpikal mapa-
otaoelg maptorodv &piBuoc. “Qote kai ol dpot &vog &AyePpl-
koD kAdopatog dplBuovc mapiotodv. 'Ex todtov Aoimdv Emetat,
&1L xal énl 1OV &AyePpik®v KAaoudtwv &Anbebouv al didTnTEg
T®V &piBuntik®v kAaopdtov. ATt al teEAevtaiat BidtnTeg
elval guvéEnela TOV dpylk®v Blotitev 1OV Mp&fewy. ‘Huelg 8¢
eibopev, 81t adtat &AnBebvovv kal &nl 100 ocvotiuarog TV Be-
TIKAV kal &pvnTik®V &pltBudv.

86. "AmAomoinoig.— 1) Na &mwhomwoindfj 16 &AyePpikdv
Py
15xBy?*d
"E&® mapatnpoluev, 8t oi mapdayovieg 5a*Py elvar xouwvol
Tapdyovieg 1OV Spwv adtod. 'Edv Biaipfowpev Aowmdv &udo-
Tépouvg TOOUC Bpoug 100 KA&Gopatog avtod diad 1ol povwvipou
> 20aB*y 4ap

5a'By, 8& Exwuev 5apy®®  3y'b

2) Na amiomoinffj 10 xAdoua:

X—2xp+y?
X:_w!

KAdopa :

"E8® mapatnpobuev, 8t
X —2xP ¥ =(x—¥P=X—¥Xx—¥)

kai 81 T -
3 G o e b ) ) MR el L
Qote elvan —07  X—OxFw . x+w
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87. TMNpbéoBeoig kai &Pxipeolg KAxOp&TwvV. — 1) N&

mpoot1eBodv Ta kAdopata:

B S T

- R R
[MNpdg ToD10 Ba T TpéPwpev elg dudvuua, HE KOLVOV TTapovous:
otV 10 yivéuevov 1®v mapovouaordv: 8& Excouev 5 olitw:

%+ %+ %_P adf , yBZ xS eBd _ abl+vBL+epb

BB T BBE [ B5Z

2) N& mpooteBolv & xAdouata :
o B xp
atf a—p a*—p*
Elg 16 map&beiyua 10010 B8& A&Pwuev ¢ Kolvdv mapovouaotiy
8xt 16 yivébuevov 1OV mapovouaoct®dv, ARG 16 didvupov a’—p.
8161t To0t0 Bratpeital kai 81" a+P kai 8" a—p" oltwg Exopev:
L T SR - ap __ ala—P) , Bla+P) Ear Saich o
a+B 20 a—pB +a’—ﬁ’_" a’—p? i x*—B? —'i_ a—p*
P e o O 3 g e

a'_B? G’-g'
3) N& &paipeBolv 1& kAdouata:
i3 2ap SRR L
a*+3a’B+3xp’+B° a8

Elg altd& xoivdg mapovopaotiic & AnedhH &

a*4-3a’B+-3ap B —(a-LB).
Ba Exwpev Aotndyv:

et A R (a+B)?
o*+3a’B+3ap'+B*  otB @B (@+BF
— PofirRalepR - oM TaRE
= (a+B)® T R T

88. NMoAAaMAXOLXOUOC KAXOTUXT@V.
olaxoBolv 1a kKAdouata:

1) N& moAlamia-

SO o M
X+ B
- @ e e T )
G o B Bt
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2) ‘Opolwg va moAAanAiaotaoBolv 1d kKAdouata:

12xy X—W
=t Sye
2h - W Thaulhi-g) 4x

EXoHeY i Spe T Swete—w) | 30k
89. Awxipeoig KAxopaTwv.—1) Na& yilvy 7 duaipeoig
) e, AU .

3R 15a?
Té Inrobuevov mnAilkov elval
gt A5ar 0 - I5aMy'—yt) g Salx-+w)
3aB  2zx—w) = 6xBix—¥) 2.
90. ZUvBeTx KAGopaxTa.— Td mniicov
S R
at+p * a—B

naplotarat did 100 ocuvBEtou KAGOUXTOG
L. A
ekl
3 :
a—p
“lva &v oOvOeTov KA&oua Tpani elg &mAodv, diaipoluev 1oV
&ptBuntAv adtod Bi& 100 mapovopaoctod tou. Obtwg Exouev:

1 @
B+ T
SFE - oB A iR i Tk
T ais a_g”‘( - B) (q )
a—8 o
CeeRebey o aE B a(oel BN
] R

'"Aoxnfoeis.

83) Na &mAomoinfolv 1& k&twB dAyeBpika KAGoupata:
X S5y 2By —5Sa’py 27y yte®
X 10y w? 12ap® 35arfiy? —18yy et
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Xy X2 xX2—x¥ " mE e 3xy—3x
X Xgp—uys? Y —xp 2p+-xw Sy®—9yp
x:_wz GE_B! ax:_asx aax_,_ax: X,_g
O—y)* a’—ap x:—a? ' —a® 6x+18
84) Na éxteAecBodv al mp&éeig :
o G & 1 1
S e
20 OO 3 2
5 5 e
S5a 3« e
X X 4y 12y
Sas, Sa 20 1 1 1
X x X =L
A A e SR
513 T e %
e ] A W
3 4 X o 5 XP = % ve
o S TP S SR B L,
e - 15 v ' xe ' xv
i PRI i e 3 W 2. gy
4 SR 20 x+1 T x—1
e S e s ) 2 | 1
7 9 63 21 x—1)* T (x—19
85) Na eUpeBodv 1& yivdueva 1OV K&TwBI WoAAamAaoia-

oudv Kai Emeita va &mAomoinBodv tadta:

1) — X 3)
R 4)
8 e

9) (GX"Jr‘BX"I*"YX)‘—;-
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18y*

e

B “ax
10)

-12x

11)

12)

2aBx 3¢
) — = apx
a+B a—B
i c—B a8
- S e WAt e %
CRE g q,)X'I—"P
e
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86) Na yivouv al kadtwbt diaiptoelg:

o ;i o pRP
™ gl 2% x+1
SR a+B  (ciB)P
. B {1—5 - 31_51
& B (1B | |
e o—p : (@tP
S . o+ 2af + B
B =-'53 (a+B) - SR e
S5aB . 2af a’-p? «—B
Iy 9 SRR T
9a’B?* = 3aB 5, e |
5 " 20x%¢* SR
87) Na &mAomoinBolv 1a KAdopata:
X B
ST a L2 e
X ¥ Ea b
5 —1 a4 o= x =
R oy B e S Pt
B a By o AR,
o s Sl B i A
TRERE B v B 5
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BIBAION B’

EZIZQXEIZ TOY TTPQTOY BAOMOY

KEDAAAION |
"Eficdcsis tob npdtouv BaBuol nE Eva &yvwatov.

91. 'Oplopoi.—’EE Sowv elmouev elc 1ég § 60 xal 61 cuy-
Gyopev, 81l Bk TOV JlaPOpwWV UETAOXNUTIOUAV TOV &AyeBpt-
KQV mapaot&oewv, ol émolot ylvovrar duvauel 1O®v mp&eav,
mpokUTToLY Tavtdtnreg. Obtwe ol lobtnreg :

(5a—3B).7x = 35ax—21Bx. (30a’—15x): Sa—6a—3, KTA.
elval tavtdtnTec.

"Hdn &¢ A&Bwpev dVo tuxoloac GAYEBPIKAC TapaoT&UELS,
T.X. Ta¢ 5X+4 kai 7x—2 xal &g ovvbéowuev adtac uyé T
onuetov tfic lodtnrog, dnéte B& Exwusv Sxy+4=7x—2. 'AAA&
mapatneoduev, 8tL 1) lodtng avty &AnBeveL pdvov Bia x=3
BiéTL Exopev 5.3 4+-4=7.3—2 fjtoL 15-L-4=—21—2, &vd &
%x=2, 4 xtA. Exouev 1044 >14—2 xai 2014 < 28—2 xTA.

Al towalDtal lodtniec kaAolvrat EEl0dOELC. Nesvikédg BE:
‘Eficwoy xalobusv v lodryra, vijc dmolac td uéin Exour
yeduuara xal 1§ dnoia dAndevet, Srav 1o yoduma # ra yoduuara
AdBovy maraldiflove tiudc.

Towax0tn elvar § lodtng x* — 3x =10, #fric &Andeder Bia
X =25 kai &ia y = —2, 561t 5°—3.5 =10 kai (—2)—3(—2)=10.
Ta yp&upara tfic 2€lodoewg, 1& 6mola mpémel va &viikata-
otabolv ue Gpiouévoug &piBuodlc, Iva &AnBelon 1) loding, Aé-
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yoviat @yvworor tiic £fioboewg. Ol 8¢ dpiopévol &pibuol, ol
sdmolol, 8tav &viikataothoouv Tolg &yvdotoug, émnaindedouv
v é€lowoiv, Aéyovran Avoeis fj ellar 1fig ¢€iodhoewg. 'Eav b&
toto0toL &plBuotl Bév Omapyouv, §j £€lowoic Aéyetral dddvazos.

Ol &yvwotot maplotavralr cuvibBwg dia 1V tedevtalwv
vpappatov 100 dAgpapfnitov ¢, X. P, ©.

‘H eSpeoic t®V Tipdv 1OV dyvdotev Aéyetal xai adtn Av-
oig tfig E€lodoewg. Elval 8¢ 1§ Adoig 1OV Elodoewy 10 KUPL®-
ratov Epyov thic &AyéBpag, BiéTL elc tolto &vayetal, @¢ Ba
idwpev, | Adolg TV TpoPAnuaTov.

92. AwGpopot katnyopict E£L000swV.—Al 6Ll0doElg BU-
vavial v& mapouoiacBodv Omd Biapbpoug poppdg’ obTw T.X-
1) "Exouev tdg &€lodoeig pt Eva ybvov &yvwortov &g elval ai :

2x+5=9, x*—4=21 ktA.
f xal pé dOo, TPelg KTA. &yvdotovg o©¢ elvar al:
x-+¢p=10, Xx+o+y—15=42, X' —¢’=5w KTA.

2) "Exouev tag tflodoelg, al omolar Bdev gxyouv olbeva
&yvaotov elg Tov mapovopaotiv, Aéyovial B¢ Bia volro dxé-
easar, &¢ elvar f &flowoig 7x+13=15x—3. 'Ev® ol &&ow-
geig, al dmolar Eyxouv &yvwotov elg TOV Tapovopaotiv, Aé-
yovtar xdacuatixal. Kiaouatiky é€lowoig elval m.x. i

8 s
% g e o

93. 'loodVvapotr EElowoelg.— Al éQiodoelg 3 +1=13
xai 5x —3 =17 eOxb6Awc PAémopev, §nt Exouv v adtiv pl-
Zav 4. Abo &iodoelg, 8tav Exouy 1a¢ adtag pilag, frol Stav
al plfar tfic mphtng elvar pilat tig devtépag xai &vToTpodP®C,
Aéyovral loodvvauot. "Qote al dvotépw dlo EEL0GOELC elvat
loodOvapot.

‘H AOoic uigg &€lodoewg d2v elval mavrote efkolog. Ak
10010 petaoynuatifopev adtiv diadoxikdg elg &AAag looduva-
poug Efiodoelg. péxpic o0 elpwuev é€lowaoly loodbvapov, Tfg
dmolag 1 Aboig elvar mpopavig, ©¢ m.x. elvar W Adoig tfic €&t
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gwoewg xX=5, 1fig émolag B pila elvaa 5. O UETXOYXNHAT
oudg ULGG Eflodoewg elg &AANV loobbvauov otnpiletal éni 1@y
K&TwblL BlothT®V.

Fevixxi ididtntes tav Eficticewv.

94. A’ id6TNG.—"Eotw 1) 2Eiowoig 3x=18, 7) omola &in-
Bedel Biax v v x==6. 'Eav idn elc &upbdtepa T& upékn
avTfig TpooTedfj & TuxdV &P1BudC T.x. & 7, mpoxkOTTEL 7 £Elow-
owg 3Xx +7=18--7. "AAX’ &¢poD Bi&x x — 6 Exouev 3x — 18
Bia tAv WBlav Ty x =6 O& Exousv kali 3x + 7= 18 + 1,
bt elg Tooug &pilBuodg TpooeBéoausv TdV abTdV aptBudyv 7.
“Qote m&oa Avoig Tfig mpdtng éLioboeweg elval Adoig xal e
Bevtépag. Kal &vriotpbowg, &pod 1) deutépa EElcwalg &AnBelel
Biad x==6, Ba &AnBelyn kai 1/ mpdtn, SidTL eUpiokouev adThv.
&v &no 1 Toa uéAn tfic devtépacg apaipEgwmuev 1oV &piBudy
7. "Qote al avetépw ELEiodoeic elvar logodOvauor. “Ouolee
Gmodeikvietal, 8t al &fiodosig 3y =18 xai 3yt pu=18+y
elvar lood0vapor d¢ kat al 3x=18 kal 3x—u=—18—u. "Qorte:
"Edv ngocPécwusv sl dupdrega ta uédn Eicdoewc H dpaigé
cwucy dnd avrdv tdv avrdv dotPudy, lauBdvousy EEicwaory igo-
dvvauov.

Il.y. al é§iodoseic :

X+5=6yx kal x}513—6x+3
elval loodovapol, 8ntwg elval xai al
2+ X+3=x"1+x+28 xai 2x*}3=x*1-28.

MNépopax lov.—"Eotw f éflocwoig 6x —5=—2x-11. "Eav
elg &updtepa T& péAn adtiig mpooBéowuev 1OV 5, AauB&vouey
v loodbvapov 6x=2x-}+11-+5. &av 5¢ xai elg T& péAn Tic
véag abtiig éflodoewg MpooBéowuev 1oV —2x, AauBdavousv Y
loodbvapov 6x—2x=11-45. AAN’ fidn mapatnpoduev, &1t &
6po¢ —5 ToD MpdTOoU uéAoug ebploketal elg 10 Bedtepov pélog
ué &vriBerov onueiov. Emniong kal & 8poc 2y edpiokeral slg 18
mp@dTov uEAog, &ALy ug &vrtiBetov onueilov. YQorte : Avvducsda
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va perapipwusy olovdijnoze Spoy EEiodoews dmrd tod £vodg uédovg
el w0 dAdo, doxel va dildEwusy 10 onueiov avzob.

MNéplopax 2ov.

"Eotw 1) &Eiocwaig
3x*+7-+5x=2x"—2x—>5.
"AXA& kata 16 Tponyoluevov moéplopa duvaueBa va petadpé-
pwyuev Shovug 1o0C Spoug ToD £vdg pfthoug elg Td &Alo, . X.
100 Beutépou elg 1d mpdTov' &AAG TOTE OG EXWUEV:
S 4-11 9x—2x" 2% 5=0
. HETA TV dvay®yfiv:
x*+7x-+12=0.
‘Enouévwc: Haca éEiocwois dxepala Svvarar va redff Umo
¥ uopeny £vdc modvwyduov icov medg to O.
95. B’ i5161Nn¢g.— AL’ dpolwv cuAroyloudv pé Toig TG Tpon-
youuevng Bidtntog ouvdayopev 81uL:
"Edav moddaxlacidowuey dupdrepa ta uédn éLiocdoewmg &
w0y avrdy dotPudy (widny 100 O) 7 Srapéowuey dia tol avrob
dotPuot, lauBdvoucy éElowoiy icodvvauov.

Oftwe al Ewodoselg:

3y+8=% —4 xal (3x+8) 3=(_>3<, —4).3
fitor al 3x-+8= —g— —4 kal Oy+2d=x—12
elvar loobOvapotr. "Emlong loobUvapor elval kal al éElodoelg:
5x=30 xal 5Tx = %2 fitot  of 5y—30 xa:. ¥—=6.

Méplopax lov.—"Eotw §) lowolg —5x=25. 'Eav mok-
Aamhaoctdowuey 1& péAn aovrtig éni —1, AauPBavouev v loo-
S0vauov 5x——25. 'Eav x&uwpev 16 adtd kai elg myv éflow-
oty —8y=——2317, 0& A&Pwpev tHv loodbvapov 8x=23—7.

BAénouev Aowmdv 8ti: Advvdueda va dlidEomuev 1a onusia
fAwv 1@y Spwv uidc EEiodoews.

2%

Mépropx 2ov.—"Eorw 1 é€ilowoig 7—9:%‘—_2' Eav
moAAamAaoldoouey Gupdtepa T péin adrfic éni Ev xoivov
6
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TMoAAQMA&OOV TV Tapovouaotdv, . x. Eml TO yLvouevoy
abT®v 2.3, AapuB&vouev v locodbvapov :

23, 32"— —aagi sy M T uwas
3
AToL TNV 15x — 54 =8y — 12,

) 6mola mapatnpobuev, 81 Bev Exel mapovopaotag. “Qote: dv-
vduePa va dnalelywusy Slovs tovc magovouacrdc tdv Ggwr
uidc 2Eiodboswe.

Znueiwots. "Eortw 1) EElowoig 5x — 15=—0, 17 émnola
Exel plav pbvov pilav, Tiv x =3. 'Edv ToAAGTAGOIAOGUEY
T& péAn abtfic éni x—2, Aaufdavouev v é€lowoty

(x—2X5x—15)=0.
"ANN ) EElowolg avTh éxtog TRig pilne x=3 mepéxel kal WY
pllav N
duéTL (2—2X5.2—15)=0(—5)=0.

“Qote al do &vwtépw Elodoelg biv elval loodOvapuol. Biémo-
HEV Aowmdv, 1L 8tav & moAAamAaoiaotigc TeEpLEXn Eva fj mEplo:
cotépoug dyvdotoug Tfig £Elodoewg, | TpokOTTovoa £flowoig
bév elval év yével loodOvauog mpdg TRV &pyikAv. Atdtt doOvata
va mepiéxn ulav fj mepiocotépag pilag, al dmolar dév elval pi-
Cal kal 1fig MpdINg, fitol BidTL TMepiéyel Eévag pllag.

‘Oupolwg, g¢av & Biapétng mepiéyxn Eva f| meplocoTépou
dyvootoug tfic Eflodoewg, 1) TpokOTTTovoa £€lowoig Bev elvar
loodbvapog pg v mpdtnv. Aldtt ddvatrar va mepiéxp pllac
dAywtépag TV pildV Tfig TPOING.

96. BaxBpuog 1dv £E100o0ewv.—Eldouev mponyouuévag, 81
naox élowolg dkepala dOvarat va 1e6f Ond TRV poporv me-
Avwvbuou logou mpog 16 undév. 'Eav 82 16 &xépaiov todTo WO
Avdvupov Bév Exn dpoloug Spoug, & BabBudg adTod Aéyera
BaBuog 1fic €0 oEwS.

Obrewc al é§lodoslg :

5x—10=0 Kai 3x+2¢p—13=0
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elvat mpotov BaBuod, al &%
x*—7x+12=0 kol xyPp—+x—yp—19=0
elval devtépou BaBuod.

Adacig Tav EficticEwvy Ted nputou Balpel ME Eva &YVWATOV.

97. Aia v& Abowuev piav é€lowoly tpdtov Babuod ut Eva
&yvwotov, 8& mpoonabfiowuev Mp@ToV V& GEPWUEV adtyv elg
v &rhovotépav NG popdfv, £€papudlovieg TAg YV@WOTAg [B16-
mnrag 1@V Elodboswv.

I.x. "Eotw mpdg AGoiv 1} é€lowotg

3x+1 2Tk X
e el Gombt (1),
lMpdg to0to &maAeipopev TOOE Tapovopuxotag, Toug dmoloug
Exel, moARanmAaoci&alovieg Ta péAn g éml td yuvduevov 5.7
4dwdte eOploxouev 1tV looddvauov

G Lx?“lj)_ S PRy X

5
fiTot THV 5.3(x+1)—5.7.4.=7(1—x)
A, UETa TRV ExTéAeolv 1OV MpaEewv, TNV
15x+15—140=7—7Y (2).

Katémyv toltwv petapépouev tolg Bpoug, ol dmolol mepiéxouv
tav ¥, elg 10 Ev pélog kal 100G yvwotolg Spoug elg 16 &AAo
uéhog, dniadn xwpifopev ToOg yvwotolg Bpoug &md TOUG
&poug, ol dmolol Exouv 1oV &yvwotov, 8te AauBavouev TV loo-
Sovapov mpdg Tac dvotépw® (1) xal (2)
155+ 7x=1401-7—15

f, LET& TRV dvayoyhny, 22x=132.

Elvat 82 1) é€lowolg altn mpdtov Babuold: £av 1idn dlalptow-
X = 2=6, Bnhadn
soploxopev, 81t & 6 elval plla 1fjg dobelong ¢Sloboewg. Kal mpa-
yuatt, &v &VILKQTXOTACTWUEY TOV X Bia 100 6 elg v dobeloav

36+1) P, o
e BT

uev Gupdrtepa T péAn 517 22 edploxopev

étlowowv, ebploxkouev
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xal peta v éxtédeoiy 1OV npaewv slploxouev, dg Empene va
ouuph, v lodnta —1=—1. J

98. 'Ex 160V &votépw ouvayouev, 1t Bid va AVowuev &
owolv mMpdTou Pabuod ut Eva dyvwortov :

a’) "Analeipopev TO0¢ TMapovouxot&g, Eav Exn-

B’) "Extedolusev td¢ mp&Eeic.

Y') Xwpllouev Todg yvwotodg Spoug &md éxeivoug, ol dmoio
TEPIEXOLY TOV &yVwoTOov.

8') K&auvouev v &vaywyhv 16@v duolewy pwv, xal

€’) AlaipoBpuev ta péAn tfic tedevtalag £Eiodoewg Bia Tob
cuvteAeotoD 10D &yvdotou, Eav oltog elvar Siapopog Tod 0,
oémote edplokopev v Adowv 1fig E€lodoewe, 1} dmola Tpodavas
elvar pla kal pévn.

[18. 1) N& Av6fj 1) é€lowotg

e SN
. e i =g — =,

[NoAhamAiaoialovieg 8houg toUg Spoug &mi 1o yivéuevov 5.4

eOplokopey 5.4.5—5(4+x)=5.4.4—4(5-1x)
A 100 —20—5x=—80—20—4x
A 100—20—80-{-20=5x—4y fjtor x=—=20.

2) Na Auv6fj 1 é€lowolg
ax+3=12X__3
Katd 1a avotépw Exopev:
8x+6=12—x—6
ﬁ 8x+x=12—6w6
A 9x==0"

fiTol X=-g—:——-0.

99. Mepikal MEPIMTOOEIC.— ') "Eftodoeis dddvaroe. Na
Avbf i é€lowolg:

L Uy S
e ¢y 2w
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MoAAamAaoialouev 8hovg to0g Spoug Tig &floboewg &mi

18 &X.TM. TV mapovoucotdv, fjtol &ni 10, ombte edplokouev
55—+ 1+20=5y+2"
Eav B¢ 1fdn yoplomuev To0C yYvwotoLg amd 1LV AYyvVOOoTOV
Spwv kai kduwuyev v dvayoynv, edplokouev
5x—5x=—20—14-2 xal O.x=——19.

"AMA& pé olovdnmote &piBpdv Kai &v &VIIKATAOTINOWHEV TOV X,
8& Exwpev ywvduevov 0, fitor B8a Exwuev 0=—19. Tolto Suwc
elvar &bOvatov. “Qote kai 1} dobBeloa éflowoig elval &dvvaroc,
fitor OUmd olbevog &piBuod émaAinBedetal.

B') "Etioddoeig dmgoodidpotoror. Na Auvbf 1) é€lowaig :

5(3+16x) _ Bxt15
SN gy =X

Kata 1&¢ mponyolpueva EXopev :
15--80x—72x=—8x—+15
A 80x—72x —8x—15—15
7 0.x=0.
“Qote olavbrmote Tiufv xai &v ddowpev elg 1oV X, T&vrotE B&
Exwpev 0=0. "Hrot 1 doBeloa éElowolg émainBedetal di& n&oav
npfy 100 ¥ xai énopévag elvat TavtdHINg.
100. 'Eyypcaupatol ££10OO0ELG.
t€lowoig :

Nea& Aubfi ) éyyp&iiuatog

2 e o S
B @

elg v dmolav mapatnpodpev, 811 ol yvowotol &pibuol mapiotav-
1 Sid tOv ypappdrtov a kal B. [Npog tolto Epyaldueda
dmwg xal elg Tag &piBuntikag EEiodoeig, OmodTE ebplokopev dia-
Boyik®¢ tag looduvdaupoug mpodg v dobBeloav £EiodoELg.

a’x—PB*(X—B)=a"B

a’x—B*xTB*=a’p

(@ —B* ) —ap—p"*

(a®—B*)x=PB(ax*—P")

:a'
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“"H8én, gav o®—PB*=£0 #Hrou Zav a=£B, Siaxipolbuev T& péAn Tfic
tedevtalag éloboewg &' o’—B?, &mbéTE eOploxkopev x=p.
"Eav 8pwg elvar a=8, fitot éav elvar a*—B*=—0, # bialpeoig
Bl 100 a’—f* elval &bdOvatog kal 1| mponyouvuévn E€loweg
yivetar 0=0. "Qote el¢ v mepintwoly adtiv /| Bobeica &
gwolg yiveral tavtdng.

101. Tevikf] popen thg £El0woswg o« BaxBuol pi &va
&yvwotov.— [Naoa ¢Eicwolg mpdtou BaBuod, el thAv omolav
épapudlopev 1& o, B’, y', & 1 § 98, AauBavel TRV popPHy
ax=p. dmov a kal B elval Gpropévol &pBuol. ETval 5& pavepbdy,
é1L N éElowolg adtn, /| dmola eUpEBn dua Tfig épappoyfic TGV
Blomrwv 1d@v tElodoewy (§ 94), elval loodbvauog Tpdg THY dp-
Xtkfv. “Qote nGoa £Elowolg mMpdrou BaxBuod pé Eva &yvwotov
avavyetal elg TRv Abowv éElodoewg d¢ 1) ax=—B.

"Hdn mapatnpoduev ta £ERC :
1) "Edv a5~0, 1} dialpeoic t1®v peAdv 1fic €lodoewg adtiig

B’ a elvat duvarty], dnté1e BlaipoDvieg Exouey x— B OmapyetL Aot

B
mov elg &plBudg kai mpopavdg elg kal udvog, Sotig EmainBede
v éElowaorv.

2) 'Eav a=0 «kai Bs40, ouvdénore elval duvarn § lob-
g 0.x=PB. Aév Om&pyxel Aotmov oddeula Avoic kal 7 E&€icwoalg
elval &ddvarog (§ 99,a).

3) 'Eav a=0 kal P=0, émoiadfmore kxai &v elval §
Tiun 1ol ¥, 8a& elval wavrote 0.x=0" OM&pxeL Aolmodv &meipia
AVoewv kai 1N Eflowoig elvar Tautdétng (§ 99, B). "Avakspa
AaioDvieg Aowmdv Aéyouev. 'Eav elg mv é€lowolv ax—Pp elvat:

1) a5£0, Drdoxer Avois uia xal udvn, 7 %
2) a=0 xai PB=£0, 7 éflcwois elvar ddvvarog, Kai
3) a=0 kal B=0, 7 &flowoic elvat ravidrng.

Znuelwois. Ta kA&dopatx

5 'z 5 5

0.1 0,01 0,001 oooor KTA-
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elval loax kata oelpav pé tovg &plBuodc 50, 500, 5000, 50000,
xth. Zuvayouev Aowméyv, 8t i) &la 100 KAaouatog, t00 dmoilov
& &pBuntic elval otabepde, adfdver cuvey &g, Stav 6 Tapovopa-
otig abtold lazrobrar ouvex®¢, elval 8¢ 1) &ia abtod 160Q pE-
yaivtépa, Bow & mapovouaotig Tou yivetal uikpdrepoc. Abvatatl
B¢ ) &€la adtod va OmepPfi Eva olovdhmote &ptBubdv, doovbhmote
ueydrov, 8tav & mapovopaotig yivy Ikav@g uitkpédg. I'evikdg Aot-
mov ) &fla 100 xA&opatog x=%- el 8 & B elval dagopog
100 undevéce, & B2 a, EAatrrovpevog Blapk®dg, MAnol&lel mpog 16
0, adfavel oLvex®¢ kat® &méAvTov TRV Kal BOvatal va Omeppiy

navra &ptBudv. Aik tobto 1o _gL maplotatat &iad 100 ouLuPs-

AouU oo, 16 dnolov kaAeital dzeigor, dBnAadn &ptBudg upeyaAo-
tepog Kat® &méAuTOov TipNV Tavidg &pitBuod. TAAN' &¢old bBev

Ondpyel toroOtog &piBudbdg, 16 obuforov «w = —g—ﬁév EyEl Kap-
play &piBunuknv &€lav.
"Aoxnoetc.

88) Na AuBolv al katwbL EELoDOoEIL :

10+ x—18 e e s
5 3
155 p=—0 = A=
25—18—x 7.5=3,54x
ST e 17,.6=208—x.
89) ‘Opolwg va AuvBodv al éElodoelg:
Ixy=12 18- 2x =13 —3x
5x=—35 30—120—2x —7x
— 7¢—28 95-1-30 — 2y =100 — 11x— 20
—3x=—2 0—=19-}+y—8x—5x—x—6
44w =11 15-+-13x+9—11xy=10xy —9—12x— 15
By —0 —8=7—6x—16—4x—2x+1
35=0 100 —7x=10—7x —15--5—11x

Wnoiomoir}Brke amod To ivotirouto EkmaibeuTikig MoAmkrg



88

80) N&a AvBodv ai &¢EiodoEig :
5x1+(9—x)=21
3(5—1p)—9
3o—4=—2(20—6)
5(12—x)=15(6—y)
0=3(4x—1)+5(7—4x)
5(3x—1)4-2(1—3x)—6
3(2x+1)+5(3x+5)—=—14
9(2x—1)—5(8x—1)=—15

3x—A(7T—yx)=13
»—6—4(¢p—9)
50=—2(4c—9)—9
5(x—3y=4(2x—3)
0=8(x—7)—3(2x—14)
4(5x—2)—5(4x —3)=7
5(7x—-8)—13(3x—+4)—4
8(6x-+5)—3(1—9x)=——13
91) Na AvBolv al katwbi

E€lodoELg :

5 Lo
%-4-9=—13 X —5—13
Jf__Li_=1 —i—-—i=‘l
R FE | 3 2
> 11 T —2—Tg+a

S e —w
S B e N e
= da a S
15 0—1-2¢=1 24 ©—31 o—=—13
2x=5-3 x—3 & x—2 L 8 s =

0,5x—0,3x—8 1,2x=—4,5—0,3x
0,5x—0,25x=1 0,3y — ..3:.‘123,5
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92) N& AvBoiv ai k&Twb ¢EiodaElg:

X2 —y—30 2y —7—= %1
e R, 49—3 _ 6yp—5
TR EoipE o

e =0
5(x—12)= -‘33_32 _3(_7‘4_) =2(x—14)
s o7 4 3
e - (x+8)=2-(5x—7)
=3l 5 g Y o A ? g 8 iy
11 655 3 10
93) Na AvBolv al 28 iodoEeig:
A : 2 —5 e e 20 , 4= 3
X X % i
1 S 5 -
— —_. = _— L — =12
X + ey g -
18 12 3 5
=159 = _3—, = _5-1 = _10=—5
X + % % = >
3 % . Sy e i wlboo &
X+5 22 == ; >+ " e
TR IS e L S Fedoo ool
By 3 5By 4 w4 -1t P S s b

94) Na AvBolv ai k&twbL éyypaupatol EEL0DOOELG:

e {

x—a=—0 X+a=0 X—a=—a« a—)——
XtHp—=«a oy - 0 o ey L B
ax=p Bx—a—y YX-+pB=«
(a+-Blx=0—y ax+Px=y—>5 ax-+y=px+>°
wx—1—Pp-}-x a(x—B)=Yy B(x—+a)=ax+p*
95) ‘Ouolwg v AvBolv al 2 lodoelg:
o =Bl
?_ﬁ' X Tk,
F o S | g, R e B 2
X e gkl 0 1S
X i G Rt o, o e Q -
TTT—I' 2a 2B =y X
B PX a—PBx ax—B %
B = @
h A
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NepcBinnute
Avéneve St EiicwcEwv o BxPuel nE Eve xyvwortov.

102. Etdopev mponyovpévwg (§ 3), 8t okomdg ThAig &AyE |
Bpag elval fj Aboig 1V poPAnuaTwv katd tpdmov &TAoDY Kai
YEVIKOV' kal &TMAoULOoTEVEL pév adtn TRV AVoLY TGV TtpoPAnudtay,
BL0TL Xpnolpomolel ypapupuaTta, TNV YEVIKEDEL B2 lov) didze elodya
véoug dotPuovs (etdopev 811 elofyaye to0g &pvnTikodc), xai 20v)
S16TL dvdyet Ty Adowy avrdy eic v Avowy EEiodoewv.

1) Ioé BAnua. Iotog eivar 6 dptPudbec, 6 Sroiog, Srar
dpaipedfj dnd 10 nevianlddoiov atrod, 6(dec Stapopdy 15 ;

Elg v mpbtaociv adtiyv nmapatnpoluev, &1t Inrteltal el
&pLBudg, & dmolog mpénel va ExkmAnpol TRV &naltnolv katd T
omolav, éav a¢alpebij &nd 16 mevramwA&oidv Tou, va Bidn bia
popav 15.

Ala va ebpw #idn tov {ntoduevov &ptBudv, fjtot ik va Aboe
10 MPéPAnua adtd, épyd&lopal og £Efic: ‘YmoBétw mpdiov, bu
6 Intoluevog &piBudg edpédn kai 81t elvar w.yx. & x. Katé
TV ONUELOV® Oia 1tdv &AyeBpik®dv ocvuBbiwv é&ni tod dpv
Buol ¥ kal T@®V yveotdv &plBudv 1ol mMpoBAnuarog Tdag mpd
Eelg, tag oOmolag amattel 1o MPpbSBAnua. “"Hrol onueitdve 1oy
MoAAanAaciaocudv 5y, Eneita NV &Paipeoiv 5y—x kal TEAGC
tflodve TNV diagopdv aldtfv pé tov &plBuodv 15, fjtoL oxnua
Lllw v éElowolv 5x—x=15. ’Eav fidn Avow v &Elocwoy

5x—x=15, eUplokw x=3-3—. "Enteldn) 82 f) Adoig a1t éna-
AnBevel 16 MPSPANua, dibTL

[9)]

3 3 i = Sl ol [ el St for
5.(33)—33=5345.3 —3 2 =15+2 D —15,

Aftyw, 81t 6 Entobuevog &piBuog elvat ¢ 3 %

2) T o6 B Anua. "Edwoa el nrwyotc xal el zov xadéva
2E avrdv 5 dpayxudc. 'Eav 82 dnd 1oy dotPudy tdy Sgayudv wdc
omolag Edwoa, dpaigéow Tov dotPudy tdv wrwxdv, edoloxw dia-
@ogay 15. Iéootr fjoav ol mrwyol;
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Kai évialfa, éav mapaotiiompev dia x 10V aplBpodov 10OV
ntoydv, mwpéner va elvar 5x — x =15, &k 1fic Omolag E&&t-

owoewg EVpioKOPHEY T&ALY ¥ = %5— =3 wi— "AAA& mapatnpos-
uev 1jdn, 81t 1) Avoig alin dév Bovatat va yivy mapadextr). Auck
va fjto mapabektr], Enpenev 1§ Aboig ad1 va fjto dxépatog Kai
Betixdg &piBudc, BidTL TéTE T TMPSPANUa Ba EAUETO meayuati-
x@d¢. 'Eve elg 16 mpdrov mpdPAnua d&v OmMapyel obdelg sregeo-
giopds, BLéTL & Inroluevog &plBudg elval &onpnuévoc. Elg 8¢

aopenuévog dpitBudg BdOvatar va elvar Betikog fi dpvnrikog,
&xépatog fj KAaouaTikég.

103. 'Ex t&v mponyouvuévev cuvayouev ta £Efic yevika:

a’) Elg & npoPAfjuata {nrodbvrat va eOpeBodv el fj me-
ptogdtepol Gyvwortot &pibpol, ol dmoliot éxmAnpodv dpiouévag
anoitioelg” abtal B8 udg Afyouv Tag oxfoelg, al dmolal mpé-
TEL v& Ondpxouy pETall 1OV yveotdv (1dv debouévov) kal 1dv
ayvaotwv (1@v {ntovuévev) &plBudv.

B’) 'Eav elc Ev mpdéBAnua & Inroduevog dapiBuog elval aon-
prnuévog, oldeic meploplopdg OtéapyxeL el adtédv, "Evd, tav elvar
guykekplpévog, fitol £av maplot& moodv 1L, OmMdpyovv cuvvnBwg
meptoptopol.

104. "Hdn d¢ mpodg v Aoy 1dv mpoPAnudiov mapatn-
polpev ta £Efic:

1) Ta wpoPAfjuata elg v &AyeBpav Avoviar 8Aa BL’ €&L-
oboewv. Elvar 6& Buvatdv tolro, di6TL mMapltotduev 100¢ In-
Tovpévoug dyvootoug &pilBuodg pé ypduuparta, éni tdv dmolwv
tpyalbpeBa ¢ Eav fjoav yvwotol. 'Eni 10v &pBudv 8¢ 100
wpoPAfjpatog onuelobuev Tag mpdafelg, al omolal mpémel va yi-
vouv Kata tag &nalthoelg (tolg Spoug) avtod. Obtw 52 oyn-
patilouev 1Mv éflowowv §j tdc E&iodoelg 1ol mMpoPAfjuatog,
nAnolov TGV dmolwv ypapouev To0g TMEpLOpLOopolg abtod, Stav
om&pyouv.

2) Katémv to0toUu Alouev 1tnv tfiowolv fi 1ag EEodoelg.

3) TeXevutalov £&etalopev, éav & &piBudg, 1OV OTMolov
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eSpopev £k Tfig AVoewg tfig £€lodoewg, elval obudpwvog ué Toi
Teplopiopodc 100 mMpoPAfuatog, dméte B Adoig elvar mpa-
YUXTLKT.

Fnuslwoes. Ievixol xavdéveg Bk TV OXTUXTIOUOV Thg
£Clonoewg fj 1OV £llodoewy, al édmolar &maittolvral did v
Abowv £€vog mpoPAnjuartog, BEv Omapyouv, BibTL ) mMowkiAla T@y
mpoPAnuédtwv elval moAd pey&in. "Ev toltoig Ensita &md wpo-
nyovpévnv &oknotv, f dmola va cuvodedetar OMS mpoooxfs, 4
oxnuatiopdc 1OV E€lodboewy yivetal edxdAm®C.

NpeBainueste.

105. 1) Na edoedfj doePuds oD dmolov rd Huiov, td rplter
»xal 70 réraprov mduvouv rdv doiPudy 52.

"Eotw & Intoluevog &pBudg x. To futov adtod elva

_é‘“ , T0 tpltov —;(— kal 10 T€taptov —-3—:—— , TO B2 &Bpoloua TOLTAY,
X X X
e iyt

8a elval kata v ékpdvnoiv 100 mpoBAfjuatrog (oov ué 52
“Qote Exouev THv é€lcwolv:
R
éx 1fig Omolag AVovieg, ebplokouev x=—48.
2) Na sdoedfj dotPuds, 6 dwotog, Stav mpooredii eic rove die
Spovg oD xAddouazog %, va 8(3p xAddoua Foov us o %
"Eotw, & Intoluevog &ptBudg x. Téte O& Exwpev iy

£€lowaoly ;'_-: =—;+. AUovteg B& adtnv sdplokouev x=3.

3) Na sdpedf dotPudc tod Smolov za —3—, Srav adindoiv

xaza 5, looDviar ué za —g—— zoU dotPuod.

"Eotw ¥ 6 Intobuevog &piBudg. Ta -%- ad1ob fjtoL Ta %.

tav abénbodv katd 5, yivovial 3—}——%5. Elvai 8¢, kata 1o npé-
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BAnua, 2}—?—5=%’£. AGovreg 11dn v &€lowoly adtiv edpioko-

uev, &1 x=60.

4) Tosis tdEeis £vdg oxoldeiov Exauov Egavov Unég tijg degomo-
olag xal Fdwoay Suob 1472 Spayuds.”AA1" 1) deviéga tdfis Edwoe
dindacias dpayuds dxxd iy modny xal 1§ roltn tdEic Edwoe ta —;
@y dpayudv, tac dmolac &dwoey 1 Jdevidpa tdlic. Idoac dpa-
yudg Edwoey £xdozn ;

“Eotw, 61t | mpo tafic Edwoe x dpayxudag” tétE 1 deu-
1tpax EBwoe 2y dpaxpag kai 7 tplin Edwoe 2. ﬁ;——:% Bpx.

elvar 82 katd 16 WPSBANua
x +2x + X =1472.

Mpénet B¢ & x va elvar Betikdg &plBudg. AVOVIEG THV oXn-
uatniofeloav £€lowolv edplokouev y = 320.

‘H 8¢ Adoig adth elval obugpwvog pé 1o00¢ mEpLopiopods tod
npoBAfjuatog. "Qote 7| a’ t&fic Edwoe 320 Bpy., | P’ Edwoe
320.2=640 Bpx. kol 7 Tpltn 640. o — 512 Bpx.

5) Mia oxoldixry émitgony fydoace diedga xai uovdedpa Ppa-
via &y A 50 dvii 10400 dgaxudv. “Exacrov diedgov Poa-
vioy fydgace mpos 220 dpaxudc, fxacrov 8¢ movdedoov mpodc
190 dgaxuds. Iléca diedoa xal ndoa uovdéedpa Poavia Hydoacey;

"Eav ta biedpa Bpavia elval x, ta povdedpa elvar 50—y.
"Emeidn) 6 Ev dledpov Bpaviov &E(LeL 220 Spaxpdg, T ¥ ToladTa
Bpavia &€ilouv 220y Bpayudg. "Opolwg tad 50—y povéedpa
&fifouv (50—x)190 Bpayudg. "Exouev 8¢ kata 1o mpbéPAnua
v £Elowolv

220%+190(50—x)=10400.
Mpéner 52 ol &pBpol 1@V Bpaviwv va elval kal ol o &képaiot
kal Bemixol. AVovieg 1NV £€lowolv edpiokouev

x=—=30 «xal 50—x=20.

6) Mia tdfic dvexdonosy 8. Exdgounv éx rod oyoldelov Tne
Badilovoa 6 xididusroa v doav. "AAL" £l uadPnric Tic td-
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fewe alifjc naPvociégnoe xal dveydegnoev éx toU ocyolelov mps
cvvdvinoiv tnc 1 dpav mai 20° doydrsgov, toéxcv &l nody
Adrov ut raxvinra 16 xidiouérowy Ny doav. Mera ndony dgar
dnd ijs dvaxwerjoeds Tov Pad ouvarzijoy 6 uaPnrfs Ry ©-
Ewv Tov;

"Eotw®, 61t & pabninig Ba ouvvavifon thv tafiv tou peid
X mMp&dta Aemtda 1fjic dpac. "AAAG mapatnpoluev, &ti péypl 11
otiyufic 1fic ouvaviioewe kali & pabntnige xal N talic Bivuoay
10 adtd drdomnua. "AAN" ) ta&igc 10 Bufjvuoe eig x—+80 mp@ix
AemTd UE TaxOTNTa 6 xtAtopétpwy RV Hpav. “Qote &eod &g &
np®Ta Aemt& Bifjvuoev 6 yxlAlbuetpa eic x+80 mpdra Aemis

_S(XTBG)

dinvuoe XtAbuetpa. 'EE &Adouv & pabnrrnc dumvuoe 1@

x0T Stdornya elg ¥ Mp®Ta Aemtd pug tayxvIinta 16 xiAtoptrped
v Opav. Afjvuoev é¢topévmg el 1a ¥ TpdTa AemTa didomys
16 > 5 3 6(x+80) 16y
. xtAlbpuetpa. "Exopev Aowmdv tiv é€lowotv — 0. T
lMpéner 8¢ & ¥ va elval Betikdg &piBudg. Adovieg v é€locaay
eUplokouev x=48 npdOTax AenTA.

7) Eic é8dveice za % t00 xepalalov towv ;oog 7 %/, =al #

Ymélowma ngoc 5 °/,. AaufBdver 38 mai éx tdv VYo xepalaler
2436 doaxudc téxov xar Froc. Znieizar 1o xepdlator.

"Eotw ¥ 16 kep&Aratov. "Eneldn 8¢ ta %-cn'noa €davelos mpos

7 °/o, AapBavel &mo 16 pépog avtod 100 kepaAaliov glg 1 £rog, Téxo?

= 3

e T 5 2 3y

W:R‘;‘) *ATo b¢ Td AadevEt 16xov elg Ev EToC ——F- 100" — 10"
14y 3x

Elvar 8¢ kata 1o mpépAnua 550 T 700 — 2436- Mpémer 8¢ & ¥

va elvar Betikdg &p1Budc. Avovieg v E€iocwolv edploxkopse?
X==42000 dpaypai.
8) Ex v uadnrdv, of dmoiot elvar eic éxdgourjv, d ——

nalfovy moddcpaigov, 0 —S-dazolsizat elc zmpv dvedgeoy éﬂt'
cuévev puidy dia iy Boravoloyixiy cviloyny to¥ oxoldelov xe
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of daddotmor 8 padnrai doxodovvrar eic v ocvdloyny merpw-

udzowy. Héocot fjoav ol uadnzal;

“Eot®, 81t ol palnral foav x. "AAA& 1é6TE, KOTX TO MPS-
fAnua, Exopev TRV é&{omcrwj_%—+ *é——i—a':)(- [Npémnel B & ¥ va
elvan dxépaiog kal Betikdg &ptBudc. Avovieg v E€lowolv edpl-
oxopuev x=35. ;

9) 'Ex v 213 pwadnidv xai uadnioidv £vds oxoldeiov

Aaufdvovy uépoc eic ra madnzixd cvociztia Td —g-:a"w uatntody

xal Ta % @Y yatnroidv. Elvacr 62 év §lw ol cvooirotvres 104.

Iégos elvar of uadnial o9 oyodslov adrob xai nwéoar al ua-
Hrjrgea ;

*Eav ol padnrai elvar x, ai pabhtpiat elvar 213—yx. Aap-
Bavouev 52 1oTE Katd 16 MPSPAnua TV é€lowoly :

X 200 04,
flpéwer 82 6 yx va elval &xépailog kai Betikdg &plBudg kai -
xpotepoG 00 213. Avovieg 1Mv &€lowolv adtrhv edplokouey :
x=150 Kal 213—y=63.
‘H 8¢ Aboig elvar mapadexkty.
10) Na edoedf dotPuds, tot éxolov 1o méumntov, Svav avlndi

.~ %usd O, icoDzac w2 td Sumddotov rod dexdrov, 1d Smoiov Exed

atlndif naza 15.

"Eot® X & Tnroduevog aplBudg” &AAG 161 84 elval katdk
10 mpéPAnua :

X 1+ 6=2 (TX(Y & 15).

Abovieg v £E€lowoiv edpiokopev 0.x=24, fjtor 0=24. 'AAA&
10010 elvalr &dOvatov. “Qote kal 16 WpdPAnua elvar &ddva-
10V, 51611 oUBelg ToloDTOG &PLBUBG OTM&PYEL.

11) Na edpoedii docPudc, 1o Smolov td teitov Hlartwuévoy
xavd 9, va looUrat ué o6 totnddoioy ‘loﬂ—;—— td dmtoiov Exe. élaz-

10t xaza 3.
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"Eotw x 6 {ntobuevog apiBudg” &AAG& 1é61E Ba EXwuEy Kate

10 MpPéPAnuUx :

—g‘~—9=3.(_§———3).

AvVovteg v éElowolv edpiokopuev O.x=0 H#ror 0=0. “Qown

n&g &pibudg elval Aboigc 100 mpofAfjuatog adtod.

12) Eig mazne civar 58 Zzov, 6 82 vidc atrot 26 Zidy,
IIéze 1 HAdixia To¥U marpds #a slvat roimdaclia tijc HAixiac rof
wvioD ;

"Eortw peta x Etn. "AAAG 161 7| fAkia 1ol Twatpdg 8
elvar 581y &€t xail ) 100 vioD 26--x. "Exouev Aoimdv v &

owoiv 58--x=3.(26-1%). lMNpéneL 6& &6 ¥, dO¢ mMapioT®y utAlovia
xpoévov, va elval Betikdg &piBude, kal ToloDTog, Hote 1) Rz

58-}x va elvai duvath, fitor va un OnepBaivny v duvamy

fAkliay 100 &vBpomov. Avovrege v £flowolv edploxopsr

x=—10. “Qote 10 MpéPAnua adtd, Td Smolov InTel péAlovic

xpbévov, mpEnel va Bewpndfj dog &dBOvatov. "AAN" émeldn O dpvy
TIKOC XpOVvog pavep@ Vel TaperRBdévia xpdvov, 1o Inroduevoy 10d
npoPArjuatog cuvvéPn mpd 10 £tdHv. Kai mpayuati, wpd 10 &y

al HAwkiat 100 marpoc kal 100 vied foav 48 kal 16" elvan &
48=—16.3. "Qorte elg & mpoPAfjuata d¢ T& dveTépw dia va elva

napadexktal kal al &pvnuxai AVoelg (Stav wAnpolv xai Tols
Aolmolg Eploplopoc Tod mpoPArjuartog), mpénwerl va Intiitat 5

ubvov méte Ba elvar | HAkla 1pimAacia, &AAa xai méte fo.
I'evikdg 82 elg 1a mpoPAfjuata elg Ta dmola 6 Intoluevoec

&plBuog mapLor§ moodv, 1d Omolov emdéxerar &vriBeorv, Kal

af dpvnrixal Avoeic dvvavrar va Sounvevdovy. Elvar 52 duvardy
va mepifyvral kal el 16 adtd MPbéPAnua, Stav 7 diatidmeci;
touv elval katadAAniog, &g eldouev mponyovuévwg.

13) *Ex 8Y0 dvdodnewy & udv elc Fxs1 1000 dpaxudg, é &
&Adoc 500 dgaxuds. "Efodedovy 52 xad’ rJudpgav 6 uty modre;

30 dpayudc, 6 82 Jdevregoc 20. Mera ndoac Hufgas Pa Eyxow

loac dpaxuds;
"Eote pera x fuépag. "AAAa téte & upév mpdtog Ba& En
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1000—30yx Spayudag, & && delrepog 500—20x xal Ba elval kata
18 mpéPAnua 1000 — 30y =500 — 20x. lNpéner 62 & y va elvan
Bemikdg dpiBudg kal va kaun kal ta uéhn 1fig Eflodoewg BeTika,
Budtt peTd 1dg ¥ Huépacg mpéwer va Exouv kal ol 80o Ev moodv
Spayudv. 'Ex 1fic Aboewg tfig €€iodoewg AauBavouev x = 50.
"AMA' | AbGoig aliny Biv elvar Bextr], d1dTL kal &av mepdoovuv
udvov 34 fjutpar oddeig éx 1AV dvo &vBphnwv B& Exn xpnuarta.

Znpuefwoig. "H Aooig adt elval mapadexth, ¢&v tapa-
dexBOuev, &1 ol BGo obtor &vBpwmol dOvavrar va Exouvv xal
loov ypéoc.

14) Elc oydrns ZAdufave dia ras doas tijs vaxtixis éoya-
oiag tov 8,50 dpaxudc v doav xal did rdas éxrdxrovs dgag 8
dgayudc iy doav. A’ dpyaciay 68 60 Dodv, raxtixnv xal Exra-
xtov, flafe 510 8gx. IHéoar elvar al dpar s Taxuxnijs xal
méoar ai 17js Extdxrov €gyacias Tov;

‘Eav x elvar al Spar tfig taktikiie épyaciag tou, al tfig
éxtaxktov Ba elvar 60 — y. "Exyopev 82 1éte v é€lowaolv
6,50%-1-{60 —x).8=510. lNpéne && & x va elval Betrixég &plBudg
xal obyxl peyaiitepog 100 60. Abovreg #dn v £€iowolv Aap-
Bavopev x——20. "AAN' §) AOoig ad1r] &mopplrtetal.

13) Elc &xaue pueiyua A éxddwv éx 6o nmotorrjrowvy olvov. Kal
1ijs péy midg moidimrog 7 wia oxd@ dfifet a Spaxuds, tijc dAdng
dEifer f dpaxudc mal zo0 uslyuaros y Sgayuds. Iéocag éxddag
olvow dvéusifey &x wijg midg moidimroc xal ndoag éx tic &Adng;

‘Eav x elvat & &pibuodg 1@v dk&dwv 1fic MpdTNg MotdtnTog
(r®v a Bpayudv TV OkGV), & &plBuodg 1AV dx&dwv 1fig &AARG
noidtnrog Ba elvar A—yx. Téte al x oxadeg &ifouvv ay Spayudac,
ail (A—yx) ox&beg &Eilovv (A—x)B Bpayuag kal 16 peiyua &&i-
Ler yA Bpayudag. “Qote Exopev v &€lowowv ax--(A—x)p=y\"
npémer 8¢ va elvar ol BoBévreg &piBuol kal ol X kKal A—yx Bett-
xol' f§ B2 mprn y uetafd 1®v Tpdv o xal P. 'E€ adrfig Aap-
Bavouev :

ax-+—AB—PBx=yA
ax —Bx=yA—BA
xlx—B)=Aly—B)
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kai émeldn elvar @ — B =40, Biét, &v {10 a =P, div 8a Omfpy:

pelypa, AappBavouey . — —%.

98

‘H ebpebBeioa tiun x elvar Betikr, BidtL £av elvar a>P 8
elval kal y>B, éav 8¢ elval B >a 84 elval xal B>y &R &g
dugoTEpag TAG MEPIMIDOEL alTAG 1O MnAixov ;:g elven Ben- |

k6v. "Emeldn 62 kal 16 A elval Betikdy, Eneral 61t 1O yuvduevor |

. ;:g elvalr Betikdév. Elval 82 kal 6 x uikpdtepog tod A, Bubn

10 KAGoua ::g elval pikpdtepov 1fig povadog, £meldh) ) Siagops
a—B elval dudonuog kal peyaivitépa kat' &moSAuToV TIURY T
MY B) (1) elvar & -

dwagopag y—B. ‘H edpebelioa Aboig X = ———F5—
mog T®V mpoPAnuartwv pelswg 100 d:vc.)répco elBoug. Abovia
5¢ 5. avtoD SAa Ta mpoBAfuatrax 1ol £ldoug TovTou. Oftws,
¢av elvar a=12 8pyx., B=8 &pyx., y=9 Bpx. kal A=400 oéxa&bes,

ebplokopev: x= 40?2(51_88) — 430 = 100 dxkd&beg

kol A—x=—400—100=300 ox.

"Eav 8¢ elvat
p=10 &pyx., «==5,50 Bpx., y=—8 Bpx. xai A=000 o6x.,

eOplokopey : X= 9;)23:1131 S 90_3(;:52) ==

wal A—x=500. |
"Eav elg 10 mponyovuevov mpdPAnua elval &yvwotov pbvov 1é
A, Abovieg v é&E€lowoiv (1) mpocg A, ebpiokouev

(x—Blx
i
’Eav 82 elval &yvwotov pbvov 18 a, ebploxouev m&Awv EE altic
AboVTES TIPS @, o pio

duolweg edploxouev kai 10 B kal 16 y. “Qote &ia tod tOWOUL ab
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100, 8Tav KEUUEV TOUC KaTtaAAnnAoug pHETaoXNnuUatiouolg, du-
vaueBa va AVowuev mwévie diagopetika mpoPAfjuata. 'Ex b2
100 mapadeiypatog adtol ¢aivoviar xaBapd Ta TAEOVEKTN-
pota xal fj onuacia 16v VTV Tepl 1OV dmolwv éxduouev
Abyov elg 1ag § 46 wkail 47.

16) I'pauudzioy dvouactixic dEiac A ngoefwpilidn u uijvas
700 s Ajfews adroD mpods £°/,. Hoia sivar 1} éowzepixn Vpai-
eecig ;

"Eotw y Y| fowiepikny Ogalpeoig’ 16TE 1) mMpayuatiky &fla
elvar A—y. Elval 8¢, &g yvwpilouev, 1 dowtepikn Ugalipeoig
6 16x0g¢ Tiig mWpaypatikiig &flag Tol ypapuatiov €mi xpdvov p

npdg £°/,. "Hrou elvan X= L}—%

Mpénet 82 va elval ol BoBéviec &piBuol kal & x Betikol kal ¥ <A,
'Ex tfig ¢Eiodoewg altfic ebpiokopey :
1200x=—Acep—xseu
1200y—+xep=—Aeu
x(1200--eu)=Aep
e (1)

xai XFT ~ 1200+-sun
'H Abotg 82 a1 elvar mapadektr]. Elvar 82 1) é€lowoig (1) &
mog T@v mpoPAnuatwyv, elg & Inteltal 1 dowteplkn Upalpeaig,
Stav & xpbvog éxgpdaletal el ufjvacg.

17) Mia Sckausvy) ysulfet d1a 8vo xgovvdv. "0 modtog xgov-
vog v yemiler eic © dpoac, 6 82 Sevrepog i T deoas. "Edav dvor-
yPoty nal ol 8o mxpovvol cvyxodvwe, eis ndoag doag Ha yeui-
govy Yy defausviy ;

“Eotw, 6t elg x Spag B8a yeploouvv v defapeviv, Tfig
dmolag v ywpnrikdinra napiot®uev pé v povdada 1. TAAN
agod & Tpdtog Kpouvog v yeullet ubvocg tou elg T &pag, elg plav

Gpav 8& yeulon 10 % 1fic Beapuevijc kai elg ¥ dpag B8& ye-
uion 'rc’:uf—. ‘Opolwg edplokopev, &1L & debiepog kpouvdg B
yeulon elg x dpag 1 —f—— tfig Befaueviic.
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"Exouev Aowtmsév tnv éf,icc.)aw—_f——i——}-——: 1. Tlpéwer B2 ya
elvar ol &piBpol 1, 1° kal x Betikol. "Hbn £x 1fic £Ei0doemg ai
Tfic Aappavopev : '

T Tx=—1T"
x(x'4-1) =11’

: i o o3
Kal X= e

‘H AGoig 8¢ abtn elvar mapadektn.

18) Ioiov dotPudv noénet va mposPécwuey el duporépove tois

dpovs to¥ xddouaroc —E—- dia va yivp Voov ué rd mAddoua —g—-;

Ol mopovopaotai B kai & mpénel va elvar Siapopor 100
undevég. Tote, €av x elval 6 Intoluevog &piBudg, Exouey iy
: o5 v (RS
é€lowalyv : Bl 5 -
£E altfic B¢ edplokopev :
(a+x)e=y(B+x)
ad—-Bdx=PBy-¥YX
OX—yx=By—abd
WE—yp=py-—ab (1)

a’) 'Eav b=y, 68a elvat &—y=0, éav 5& elvai kai By—
—ad=0, fitot éav elval xai a=B, 1é1e §\| ¢Elowoig (1) yiverm
0=0, fitoL elvar ampoodidpiorog. ‘Encuéveg mag &prBudg Ads
0 MpéPAnua. Kal mpayuartt, 8idtt pé 1ag Omoléoeic adrdg 14
deopara—?s— Kal %L elvat toa p& v povéda.

B’) 'Eav 5=y kai By=£ad fitot a=£B, 161 T3 piv MpdIOY
uérog 1fig t&iodoewg (1) elvar 0, 16 82 Bebtepov uéAog adrfis
elvat Biagpopov 100 undevéc. “Qote 7 é€icwoig (1) elvar &bi-
vatog. ‘Emopévwg xal 10 mpéPAnua elvar &ddvatov. Kal apa

yuati, ddtt 10 pév kAdouax % looDtatr pg v povdada, 16 b

Z_ elvat Siagpopov mbfﬁ(;. ‘Emopévog kal 16 kAdoua %eﬁm i

B
maviote diGpopov Tfig povéadoc.
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y) 'Eav 854y, 1é1e Buvaueba va dialpéowpev & puéAn 1fjg
tliowoewg (1) Bia & — vy, ométe Ba Exwuev x = Bg:sa (2)
"Hrtot elg v mepintooly adtiv 7 &flowoig (1) Exer plav kal

udvnv Abary, v (2).

HHooBAfjuara wpds doxnoiv.

A’. 96) lNolog &piBubdg, Eav &oeaipedfi pdv &md tov 95,
npootedfj 62 eic tov 59, bidel E€aydueva loa;

97) Tivoc &piBuod 16 tTpimAdaoiov oOv 6 elvai {oov pt 1o
nevianAdotlov abtod mARv 10;

98) 'Eav elc 1o -% &ptBuod TIVOg TpooBéowpev TO —;—
attol kal 12 povadag &xéun, 8& edpwuev éEayduevov 48. [Nolog

elvat & &ptBudg ;

99) "Eav elg 10 —;~ &apiBuol TIvog mpooBfowpev TO —;-

attol kal &xéun 28, 8& ebpwuev Tov &plBudv. lNolog elvar &
&ptBudg obtog ;

100) 'Eav &mo t& —§— &ptBuol Tivog Goalpféomuey 1oV 2, B&
AaBauev 10 —;— t00 &ptBuod. Na eOpebfj & &piBudg obtog.

101) 'Eav &nd 106 BimA&olov &piBpod aaipéowpev tdv 8,
84 AGBouev Td—g" a100. [Nolog elvar & &piBude ;

102) To —%— &p1Bpuod tivog elvar katd 3 upeyaldtepov 10D

<5 100 lblov. Na evpedfi & &piOube.
1 . 1

103) N& ebpedfj & &piBudc 100 Smolov 16 —- kal 16 5
bidouv 1o —;- a’tol.
104} [Noiou &p1Buos 10 % . X0 —1— o —é— kal 1o % didouv

&ptBudyv ueyaAlTtepov 1ol Inrovpévou katda 3;
105) "Eav elg &ptBudv tpoobBéowmuev 1dv 2, 16 &Bpolopa av-
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TV moAAanmAaoidowyuey £nl 3 kal &nd 1d yivéusvov &oaipi
owuev 6, fj Eav apaipbowpev &n’ adtod 1ov 3, TETpamAaoid
owpev Enelta TV dlagopdav kal EAQTTOOWUEV T Yivéuevoy
kata 3, 8& Exwuev Efaybueva Toa. lNolog elvar & &piBuic
obtog ;

106) 'Eav &mé &plBudv tiva &palpéowpey 1oV 5, moAlania
olkowpev Emelta TRV diagpopav &nl 7, mMpooBéowuev katdmy
10V 2, BlalpEowpey droAoVBwg Bidk 6 kal MpooBéowuey TEAsw
Taiwg 1oV 4, B8d Exwuev 1oV &pyilkdv &ptBudv; INolog elvar &
&pLBuodg obtog ;

107) N& pepto®fj & &piBuodg 71 elg dVo uépn toladra, Gote
10 ~;— 100 Mpdrou kal Tb—:]i_ 100 ObBevutépou va Bldouv aépor
opx 17.

108) Na eOpebf) &pBude, & édmoiog, Btav mpootedij &lg du-

potépoug TOUC Opoug TOD KAGopaTOg —g;g—, va bBidn xAdoua
{oov pg 10 —%—.

109) N& eOpebfj &pLBudg, & dmolog, Stav mpootedii elg du
PpoTépoug ToUg Bpoug ToD KAGOopaTOg %, va ké&pvny adto looy
pHE TNV povéada 1.

110) N& eUpedfj &piBudc, 6 dmolog, Stav TpooTedf elg Eka:
otoV TAV GplBudv 3 kal 5, va Bldy &p1Buodig, ol dmolol va Exouy
Abyov Toov pé 3:4.

111) N& eOpeBolv téocoapeg drépaiot diadoyikol &pibuol, of
émolot va Exouv &Bpoiopa 90.

112) Na e0peBodv 1peic mepittol BSradoyixkol &ptBuol, ol
omoiol va Exouv &Bpolopa 159.

113) N& e0peBolv 1peig &képaiot diadoyikol &piBuol tolol:

ToL, OOTE 1O % 100 pikpoTépou Kal 1O _:f 100 peyaAutépou

va amotedolv 1a %— 100 perxéd adtdv &piBuod.
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114) Na& eVpeBodv 80o &piBuol, ol émolol va Exouv &Bpot-
opa 66 xai Aéyov Tloov pé 5:6.

115) N& e0peBoOv U0 &pLBuoi, ol dmoiol va Exouv diago-
pav 24 xal Aéyov Toov ug 8:5.

B’. 116) Tpeig épydtal époipacav petafl 1wv 300 dpayuag.
“EhaBe 82 & pév Bedtepog 12 Bpayudg mMeplogotépag 100 mMP-
tou; & B tplrog 32 Bpayudc mepitoootépag Tob devtépou. [16-
gag dpaxpacg EAafBev & xabeig;

117) Tpla wpbowna épolpacav peTagd twv 250 dpaxpdac.
“Ehafe 82 & Beltepog 5 Bpaxudg dAlywiépag tod mpdTOoL Kai
10 Bpayuac meptogotépag tol tplrov. MNboag EAaBev 6 kabelg;

118) Elg padntig pé 475 dpaxudag, tag dmolag elxev, fyod-
paoe BiPAla, Tetp&dia, v peAavodoyeiov, kai 10D éneplooevoayv
kal 15 dpayual. ‘H &€la 16v 1etpadleov fito dimhaocla tfig &Elag
100 uelavoboyelov, 1) 8¢ &fla T®V BiPAlwy 1o dekamAaola Tfig
&Elag 1@®v 1etpadbleoyv. [Méoag dpaypag Edwke B’ Ekaotov 1AV
dvotépw elddv;

119) Metafd té&v mpoodmwv A, B, T dieveundn Ev moodv

Bpayudy. "ExaBov B¢, 8 A 16 & aOT00 Kol 19 Bpaxués, d B 1o

—jr altod kai 17 Spayudg kal 6 I 1o —;— attol kal 10 dpayu&c.
Na edpebfi mboar dpayuai dieveundnoav kai méoag dpaxudg
ElaPev Exaotov MpdowTOV.

120) Elc v 'EAA&Da &k 1@V dvépywv Ttol Etoug 1937

ebpov épyaoiay 16 mp&Tov Tplunvov 1o —;— adtdv Afv 2000, 1o

devtepov Tpiunvov 10 —15— avTdv odv 2600 xal 1o Tpltov wpl-

unvov 1o —;— abt®v anéueivayv B¢ &xéun &vepyor 18250. [16oot
foav 8ot ol &vepyor; Kal mébooiL ebpov épyaociav elg kabiv
plunvov ;

121) "Ané Ev moodv Bpayudv, 1d dmolov BitBeoe 10 Kpa&-
tog elg Ev Etog UTEp TAOV QOPTOEKPOPTRTRV, T& —2- avtod kai
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62500 dpayual &xéun ¢dé6noav d¢ &nolnulwotg elg Tovg yépoy
1 .
T, Tl Ol & avtol wARv 20000 £866n g obvix€ig elg toic

&AAoug. lNéoov mooodv dietédn xal nbéoal dpaxual £566ncay éc
&nolnuiwolg kal mboar dg obvriafic;

122) "Ex t®v 7000 madi®v, 14 dmola EnpdKELTO V& oTaAoly
elg tag modikag £oxag tfic BodOAag kal tfig IMeviéAng, & Gip:-
Buodg T@®V Madidv, 1& dmola Eorainoav elg THv MpdTnVv E€oxiy.
ExeL Abyov mpog ToOV &plBudv 1OV madi®v, ta dmola EoréAn
cav elg v Bevtépav, lcov pt tédv Adyov 5:2. lNbéoa mambic
EgtaAnoav elc éxdonv E€oyxnyv ;

123) Al xowvevikal doparloeig BiéBecav dia Todg &piepyé

Tag jHiGg méAewg elg Ev Etog Ta —g— £vog moooD Spaxudv mAly

25000 Bpyx. bl émbbparta dobBevelag, T& lis a®tol ovv 62500 bpy.
diax ocuviaéelg kal ta % av1ol &' fuepoulobia Epyardyv, o
dmolol Emabov &ruyfuata. [Nolov fjto 16 BiateBév moodyv;

124) Elg plav émyelpnowv katéBeoav & upgv A 7000 Bpa-
Xuag, 6 682 B 9000 dpaxuac. *Exépbiocav 62 &k Tfig iy Eiprjoeas
adtfic 6400 bpayudg. Nboov képbog EAaPev & kabeig; (*O Aéyoc
1@V kegparalwv (ocoDtal pé 1ov Adyov AV kKeEPdOV).

125) Elg plav émyelpnowv 6 A kal &6 B katréBecav &pcd
15700 Bpayxpdg. 'EE adtdv 82 6 A xaréBesoev 6900 Bpaypsrs.
"Ex 1tfig édmxepfioewg adtfic éxépbicav 3140 Spayxuag. [Négoy
képbog EAaPBev & kabeig;

126) "AvéueilEé 1ig d0o £18n éAalov. ToD &vdg eidoug 1) bxE
&Eifer 40 dpaxudg, 1ol B& &Alou &&ifer 30 Bpayudc. lNNéoag
dk&bag Ba &vauelfn &nd Exaoctov eldog, &av BEAQ va xaun
pelypa 1500 ox&dwv &Elag 36 Bpayxudv v Okav;

127) Elxe ti¢ 0o €1dn olvou &Eiag 6,50 dpaxudv xai 10,50
Spaxud®v thv O6k&v" BéAeL B2 va Ka&aun € adTdv psiypa 1200
ok&bov &flag 8 bBpayudv thv ok&v. [NMéoag okadag Ba dva
pel€n &and Ekaotov eldog;

128) Elxe 1i¢ 32 6xadag olvomvebuarog tdv 85°. [lbaos

Ynoiono)Bnke amod 1o ivotirouto EkmaiSeuTikg MoAmkrg



L bl e b ka4 L

PR TR Y PR T —

Ral manl s Stn b Bl s andil e ol

TP

105

oxabag Odatog mpénel va piyy elg adtd, iva & Babudg tod ol-
vomvedpatog xatéAOn eig 80°;

129) "Exet tig 6000 dxadag oivou 14°. lNbéoag dxkadag Gda-
toc mpEmer va plyn elg avtd, HSote 106 pelyua va EAattwdi
xatd 2°;

130) Elxe tic 120 ypapudpiax yxpuvood Babucd kabapbinrog
0,740 xai &AAov BaBpod 0,880. [Néoca ypaupdpia tod devtépou
xpaparog mpémet va &vaueifn pg ta 120, iva & BaBudg 1od
xp&uatog yivny 0,820 ;

131) léogov yaAkdv mpémer va &vapeifn tigc pé 200 ypau-
papiax xpuvood B.x. 0,625, Tva & Pabudg 100 Kp&uatog
yivp 0,500 ;

. 132) ToxiZer tic u& &nholv 1é6koV KEGGAaiov 12000 dpy.
npdg 9%, kal &AAo kepdAaiov 15000 Bpyx. mpog 8°,. Mera
nwéoa €in B8a A&PBn éx 1®v d0o kegpaialwv 1éxov 6400 Bpx.:

133) TokiZet 1ic ug &nAodv téxov kepdAatov 10370 Bpy. mpog
45%, xai 15320 Bpy. mpog 5,5°/,. Mera mdéoov ypévov ta BO
Talta kepdAaia Ba o¢pépouv 16kOV E€v ouvdAe 1571,10 &py.:

134) "Ex xegpaAaiouv 36000 dpyx. &tékicé Tig Ev uépog mpog
5%/, kal 16 OméAoimov mpdg 4°/,, AauPaver 52 &rnolwg TéKOV
éx 1@®v Bbo kepaAalwv 1740 dpx. N& edpedfi Ekaotov 1OV ue-
p&v 100 xegpaiaiov.

135) Ta -—g— IOV ypnuatwv touv £ddaveloé Tig mpog 5°/,, 1A
Uubhotma nmpdg 6°/, kal elompariel Emnolwg 1éxov duod 21600
dpx. MNéoag E&daveioe mpdg 5 1olg &katdv kal mboag mpdg 6;

136) '"Ex 100 kepalaiov tou B1€Bect TIg TO % 8" &yopav
olklag, 1} dola 1ol &nédide 8°/, énl 10D kepaialov, 1d % o’
ayopdav xktijuarog, 10 Odmolov anédide 6,5°,, kal 16 OMéAoitmov
étomoBétnoev elg Prounyavikag Emyelprioelg, ék 1OV Smolwv
Exave 1,5°/,. [ToTov 1o 10 &pyxikdv kKeEPpdAalov, £av 16 kabBapdv
é¢totov eloddnua adtol fjto 44000 Spaypal;

137) 'Ebaveiof 1ig 1& % 100 xedpaAialou Touv mMpog 5°/, kal
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10 OméAowmov mpog 4°,, AaupPavel 8¢ katda Tpiunvov TdéxoV &
6he 875 dpayxudg. Na ebpebij 10 kepaAciov.

138) Avo kegpdaraia diagpépouv kata 1000 dpayxpdag. T ar
kpéTEpPOV érokioBn mpog 5°/,, Td B2 &AAo mpog 4°/,. Na edps
Bobv T KepaAala adTd, Ta dnwoila yivovrat loa, &av elg Exaony
100tV TpooTeDR & 1ékog Tou Elg Ev Erog.

139) Avo xegpdraix dragpépouv kata 4000 dpayxudg. Teo w-
kpbtepov EroxioBn mpog 4°/, xal 16 &GAAo mpdg 5°,. Na edps
Bo0v 1& kepGAaia adtd, 1AV dmolwyv ol 1é6koL Evag Etoug Exou
Adyov loov pg 1dv Adyov 8:11.

140) 'Ex 100 £€tnolov eloodfjuatéc touv olkovounoé g 150
dpaxpag. To &nduevov Etog Tdg pév damavag Tou NAGTIENE
katd 15°/,, 1& 82 eloddbnuéa Tov NOEARBN xata 10 °9/,. 'Efowkow:
unoe 6¢ oltw 10 dedtiepov Etrog 6000 Bpaxupdag. lNolov fjro @
eloddnua 100 mponyovpévou Etoug ;

A’. 141) Ado ¢fAot, T®V Omolwv al “katoikiat &mneyxouy I8
XAbpetpa, €exivoly and adtdag guyxpdvwg BpoOg cuvavinayé
eTg 100 &Ahou. “O elc PadlZel 5 xiAtbpetpa v Spav, & B &Akos
4,5 ytAibpetpa v dpav. Meta mdoag dpag 8a cuvavindoly,

142) Avo ¢ilol, 1OV dnmolewv al katoikiar &néxouv 6 yihié-
petpa Eextvolv &mo aldtdag ouvyxpdévwg Padbilovieg xata wy
abtfv BiedvBuvolv. *Q elg BadiZel 3,5 y1Atdbuetpa v dpav. C
&AAog, 100 dmolou 1) katowkia elvar wepioodtepov Gdmouaxpy
ouévn, Padller 5 x\buetpa v Hpav. Meta mdoag dpag 8
$B&on 6 debrepog 1oV MPDIOV;

143) Ado medniatal dvaxwpolv cuyxpdvwg £k o méAewy,
Sv ) petald adtdv andoraocig elval 52 %— XAH., TPodg ouvaviy

awv & elg 100 &Alouv. ‘H taxdinge xab’ Opav tod E£vég ehva
kata 1,8 yAu. peyaiviépa Tfic Tayvintog 1ol &AAou, guvay
T®dvral 8¢ perd 1!/, Opav and 1fig Ekxivioewg. [Nboa xihibpe
Tpa Biftpefev &6 kabeiqg;

144) Mia 1&g oyolelou &vexdpnoev elg &xdpounv. Eig
5¢ pabniig &vexdpnoe mpdg ocuvvavinolv tng plav dpav pPpo
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sutepov, Tpéxwv £€ml modnAdtov uE tayxvmnta 15 xlAouétpwv
v Spav. Zuvivinoe 82 v T&ELv Tou peta Huloelav Hpav, &'
3tou éEexlvnoev obtog. lMola fro 7 TaxdIng, pé v dmolav éfa-
Bilev 1 T&ig;

145) ‘Imnedg, & &dmolog Biaviel elg 2 &Hpag 17 yAbuerpa,
dibketatl Omd &AAov (nméwg, 6 dmolog £€exivnoe 1 dpav pera
1dv mpdrov kal Sotig dravier elg 3 dpag 30 yiAbuetpa. Meta
néoag &pag Ba $pOGon 6 deviepog TOV MPOTOV ;

146) Elc cipatiding modniéatng £otdin dia va petaPiféon
Siatayfv elg 18 oOvtayu& Tou, T0 6molov elyxev &vayxwproEel
ix 10D adtod onuelov 2 &Hpag évwpltepov. ‘H tayxding 100

nodniatov Ao 1A —]42"!‘?](: TayxdTnIog, ugé v dmolav éB&dile 1o
gOvtayua. Meta méoov xpdvov 8a pB&on & modnAding 16 olv-

TaYHa :

147) Avo témot, A xal B, &mwéxouv petafd twv 10 xAp. Elg
nelombpog &vexdpnoev &nd Ttov Té6MOV A TV 107 Mpwiviv kal
¢Bavel elg Tov B v 127 peonuppivrv. Elg 8¢ lmmedg avayxw-
pel &md tév B v 11" mpowilv kai ¢pB&ver elg tov A peta 40
npOra Aemtd tiig Opac. Méte kai mod ocuvnviAdn 6 [nmedg ue
1dv meldv;

E’. 148) To &Bpotogua 1OV HAKIDV TpIdV &derpdv elvat
53 &m. ‘O mpdrog elval xata 5 €n peyaAltepog 1ol 1pi-
tou” obtoc &8 elvar katd 3 Etn uikpdtepog 10D Bevutépou. Na
e0pedf A NAikla ExGotou 1OV &BeAPOHV.

149) Elc elvar xata 18 Etn peyaxAltepog &AAou. Elvar 8¢
# HAkia adtod tpimAaocia 1fig HAwiag 100 &Alov. Téowv 1V
elvair & kaBeicg;

150) ‘H fAwia &veg elvar SumAaoia tfig HAkiag &AAov,
Eve mpd 10 &1V fjro tpimAaola. TMola elvar | mapodoa HAikla
Exdotou ;

151) Matfp tig elvar 37 étdv, & B¢ vidg adtod 8 Erdv.
Méte § Hhxia 00 mwarpdg fro fj Ba elvar TpimAaocia tfig HAL-
kiag 1D vloD ;
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152) Mathp Tig elvar katé 30 E1n ueyaAOtepoc 1ol uled
tov. Npd 8 £1®V 10 &Bpoloua TOV AAKIBY TV HTto 46. [lole
elval /| Akl 100 matpdg xai mola ¥ AAikia 100 vlold;

153) Matflp 11¢ fto 42 &r@v, & yeyaAltepog vldg fjto 10
1OV xal 6 pikpdtepog 4 E1d®v. Metd néoa Etn 1) HAkia 10D ne
TPd¢ Ba Exn Adyov mpodg TRV HAkiav 1AV Blo vidv Tou dpod,
Bv Abyov Exet & 3 mpodg 1OV 2;

2T'. 154) Kantvomapaywydg Ti¢ ouvvérefev &mod utav gu-
Telav 50 6k&bdag kamvoDd meploodtepov &nd Soacg ocuvéretey i
&AAnG. 'EmdAnoe 3¢ 1ov kamvév adtdv mpdg 62 Spy. THV Skav
i mpdtng putelag kal mpdg 73 Bpyx. TRV Sxa&v 1fic deutépar
Kai eloénpaev év 6A@ 19300 Bpyx. [Méoag Ox&dag ouvéAesr
£€ Ex&otng gutelac

v155) 'Hyépaocé tic 10 mhixelg Op&opatéde Tivog. "Eav f uyl
100 mixewg fjto xard 30 dpx. uikportépa, uE 1O adTd WOOdY
Bpaxudv 6a Mydpale 2 mixeig mepiogdtepov. [Mola elvar f npd
100 MAXEWG ;

156) Xwpikog fpwtnbeic 1l LOa xal mboa Exel, &mnvinge
@¢ &&fig: «"Exw SpviBag kal alyag év 8Ae 23 xepaAal xai 56
n6beg». INéoag SpviBag kal alyag elyxev & xwpixdc ;

157) Elg idloktAtng Tpi®V olki®V eloénmpattev £k 1OV évor
klov adt®v 16000 dpyx. tov pfiva év 8Ae. To unviaiov évoi-
Klov Th¢ mMpatng £ adtdv fjto dimi&olov To0 adtol Evoixiow
tfic devtépag, 1O B2 unviailov £volkiov tfic tpling fito Toov
Tpdg 16 Hulov évolkiov TV B0 &AAwvV TARNv 200 dpy. Moioy
fto 16 unviaiov évolkiov ék&otng olklag ;

158) 'Okt Epy&tar £&EetéAecav 1o % Epyou Tivog Epya-
LéuevolL 4 dpag xab’ Auépav éni 9 Huépag. lNbéoac dpag mpt
meL v& Epydlovral kab’ fuépav 15 épy&tal, (va dmoteheidaouy
16 £pyov elg 3 fuépag;

159) "EndAnoé 1 Gpaoua mpoég 69 Bpy. ToOV mixuv Kal
Exépdloev &v A 90 Spx. 'Eav Suwg éndArel 16 Spaoua xard
4,60 Bpx. toVv mijxuv ebBnvéTEPOV, B& Exave 23,50 dpy. [boav
TXE@V N10 10 Gpaoua ;
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160) Elc plav éxdpounv petéoyov 28 mpdowna, &vdpeg,

yuvaikeg kal waidla. ‘O dpiBudc 1AV yuvalkdyv 1o 1& -g;— 100

&ptBpuod Tdv &vdphv, & B8 &pBpdg 1OV maldblov 1o % 100
&p1Bpod tAv &vdp®v kal T®V yuvak®dv duod. Nboot fjoav ol
avbpeg, al yuvaikeg kal 1a mawdla ;

161) Mix xpfvn yepiler de€apeviv elg 7 dpag, &AAn b&
kpivn v yeuller elg 9 Hpag. “Otav B¢ péouv kal al dbo ouy-
xpovag énl 3 Spag, 1) de€apevy, Bia va yeplon EvieAdq, xpei&-
Leral axdun 120 dx&dag. [Néoag Ox&dag xwpel 1) defauevh ;

Z'. 162) IlAivBog Eyx=s1L Bykov 1,95 xuPfikag maAdpag kal
fuyiler 4 yiAbypaupa. [Notov elvar 16 £lbikov PBdapog adifig ;

163) Kpaua &pylpou kal kaooitépou Exet eldikov PBapog 9
kal uyller 10 xyihdypappa. lNéogov &pyvpov kali néoov kaoaol-
tepov mepltéxel 1O kpa&pa avtd, yvwotod Svrog, &1L 10 eldikov
Bapog 100 dpypou elvar 10,2 xal 100 kaooitépou elvar 7,3 ;

164) To Bapog cavidog &k EOAovL &Euag elval kata 10 xiALb-
ypapua pikpdtepov 100 Bapoug 1ol Om altfig éxtomlopévou
0datog. Td eldixkdov Bapoc 1fic 6Euae elvar 0,8. Tolov elvar 10
Bdpog 1fic oavidog ;

165) Tpokeipévou va udaln tig va koAvpuB&, BéAel va ka-
1ackevdon Lovnv ék geAROD ToladIny, OOTE va kpatijtatl Spbiog
¢viog 100 OBatog ug 1RV xepaAnv éxktdg adtod. [Méoov Bapog
npénet v& Exn N Lovn, yvwotoD &vrog, 81t odtog Juyilel 56
xAdypappa, 81t 16 P&poc Tfig kKEQaAfig elvar 3 yxihMbypappa
kol 81 16 elBixdv Papoc 100 oduarog 100 &vidg tol UBatog
elvar 1,02 kal 100 ¢peAlrol 0,24 ;

166) Papdocg Exet pfjxog 40 éxatoot®v 1ol pérpou. Eig 10
£v axpov aUtfig xpéupatat Bapog 2,5 yihoypbupwyv, elg B2 10
&Aho kpépatal Bapog 0,75 ythyp&uuwv. Elg molov onueiov
npénel va OmoBaot&Ewpuey v pafdov, (va loopponfon ; (To Ba-
pog 1fic papbou d&év AcuPaveralr OT SYuv).

167) INéoac dxadag Gdatog 100° mpénel va plgwpey elg GBwp
12°, Tva Exwpev 100 6x&bag Odatog Aocvtpod Bepuokpaociag 28°;
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H’. 168) EbBela unxoug 3,6 pftpwv va diaipedfj elg o
pépn, Ta dmola va Exouvv Adyov 3 : 5.

169) 'H ywvia 1fic xopuofic loookeAolg Tpiydvou elva
kata 30° peyaAvtépa Ek&otng TOV yovid®v tic Bdoswg. Na b
PEBY N TIHY TAV yovidv ad1ol.

170) "Ex 1®&v yovidv tptydvou A, B, I / A elvar xaré ¥
peyadutépa tfic B, f) 8¢ I’ tpimAcola 1fic B. INécwv poipdy
elval éxdotn 1OV yovidv adtol ; ;

171) ’Ex 1&v yowdv tertpanAelpov éxkdortn elval xaré &
pueyaAvtépa 1rig mponyovuévng tng. lNdowv poipdv elvar &x&
on 1@V yovidyv ad1od ;

172) Na eOpeBfj E&xd&ortn 1OV TAsupdv OSpboywviou, tob
omolov 1) pév Baoig elvar dimAaoia 100 OGyoug, 1) B2 mepipetpes
ExeL pfikog 62 pétpov.

173) 'Ex 1®&v 1tp1®V yowndv tpiydvouv A, B, I f A sl
katd 2° uikpotépa 1fic B xal kata 7° uikpotépa tfig I'. Na &b
peBolv al yovial abtod.

174) ‘H mepipetpog dpBoywviov elvar 40 pérpav. "Eav §
B&oig atitob fjto 2,5 ¢popag peyaiuvtépa ToD Oyoug Tou, f wWE
pluetpog B 7jto katda 16 pérpa peyaiviépa. Na edpeBody al
dlaotaoeic adtod.

a’. 175) Tifg rTavtéiniog X' —}X'=x*—x" 71d uplroy
pérog ypaderal x(x—x), 1® B2 dedrepov ypadperan (x-xMx—x
dote EXOpEV

xbe—x =0 —x)
"Edv 8¢ fidn diaipto@puey Ta péAn diad x—yx, eOplokopev x==x+1
ot x=2x. N& ebpebij 10 op&Aua.

176) "Ex 1fic E€lodoewg

12x—10=15x—8

Aaufavouev Tag 12x+ 8 =15x—+-10

f 4(3x+2)=5(3x1+2)- |
"Eav 8¢ Biaipéowuev ta& péAn tfig TeAevTalag G000 |

&ia 3x+-2, evplokouev A=—5, |

Na& edpebfi 160 opd&hua.
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I. 177) N& poipaocBodv a dpayuai petagd d0o mMpoowdmwY
olteg, Hote 1o uepidiov 10D mpdrov va elvar 1o VoY LEpog
100 peptdlou 100 Seutépou. [Mdowv Bpaxudv fto 16 uepldlov
éxaotou;

178) Na& poipacBolv a dpaxual ueTafd TPIOV TPOCOTWY,
olitwg, Hote & MpdTog va A&Bn dimiaciag dpayudg &mwd Soag
84 AGPq & devtEpog kal obGtog &ALy v& AdPn B Bpaypag mEPLO-
gotépag &md Soag EAafev & tpitog. [Nboag Bpayxuag ElapPev
Exaotov mpdo®TOV ;

179) Na e0pebfj &pBudg, Sotig mpooTiBéuevog &lg Gppoté-

poug toUg Spoug TOoD KAGOpQTOG e xablot& adtd BimAd&oiov.

B

180) Edpeiv &piBudv, Botig mpootiBéuevog elg 10 peveY pé-
poc abtol BlBea1 &Bpoiopa To vo™Y pépog adtold odv A.

181) Td &8poloua B0o &pBudv elvar y. To &Bpolopa 100
yivopévou 10D pév &vog &ml yp, 1oD B2 &AAou émi v elvar a.
IMotor elvat ol &ptBuoi;

182) 'Epy&ing ypetdletal o &pag, (va TEAEL®ON Epyov T,
Bedtepog Epy&ine xpetaletar P dpag dia 16 alTo Epyov kal
1pitog y Gpag. Eic mbdoag &pag ol tpeig épyatal 6pod Ba te-
Aeidgouy 10 Epyov;

183) “H fAikia Bvo &tépwv elvar, 100 pév &vog a £1dv,
100 B2 &AAou B étGv. Meta méoa E1n f Hxia 100 MphdToL B4
elval p popag peyaAivtépa tfig HAikiag 100 Bevtépou ;

184) Ao kepdialx, T@®V dmolwv 10 &Bpolopa elval a dpa-
xuai, étoxiofnoav 16 pév Ev mpdg t°/, kat £tog, 10 B &AAo
npdg 1'%/, kal Bidouv £rfjolov 1ékov P Bpayxpdas. N& ebpebolv
& 8o Tabta kepd&Aaia.
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KEDAAAION I

Zusthuata Eficdcswy Tob npdtou BxBued
HETX MOAADV RYyVISTWV.

A’. Adcig efichsswv Tod lov BxBped pé SHo kyvdoteus.

W R AR S

106. AVog pi1&g £€10oEwg ui 8o &y vdOoTOUC. — "Ece,
81t Béhopev va elpwusv B0 &ptBpodg, ol émoior va Exomu
GOpolopa 10. "AAN’ Eav BLd ¥ xal Y MTAPACTAO®UEV TOUC quou»
uévoug &piBuodg, 8¢ Exwuev v é€lowoiv x g =10. Auév
mapatmpoluev 8ti, €av yp=0, Ba elvar ¥ =— 10, 2av && elvar

£

p=1, 6« elvar x=9 «xai, av elvar $p=2, 3,...—1, —2°
— 3 x1A., 8& elvar x =8, 7,... 11, 12, 13 xtA. "Qore § dxvm-_f
Tépw Efiowolg Exel TAag AUOELC : A
g § 3 2 C S
=210 9 8 P ()

"Hrot: "Ex&otn tipn 100 ¢ pé miv &viiotoixov tipfv 10d xﬁ
Gmotelodv plav Adowy tfig éSlodosws. "Eneldy 62 Buvdpeaavdﬁ
Boowuev elg 10 ¢ amnelpoug Tiu&e, el k&OBe plav 1OV 6u0imv§
avriotoixel kai pla Tiun 100 ¥, Emetral, 81t ) Sobeioa éE.{\:m:erg
ExeL Aboelg dmelpovs 10 ndiFdoc. To abto mapainpoUuEY Kal slt:é;
v £flowoly 2x—3y=6, £&x Tfg dmnolag bBia
Pp==0, ; = 3 KTA.
.
2 3
“Qote: Hdca &ficwois s wmoepiis ax + By — y, Bmou
a, B, y elvat yvwortol &piBpol (f mapaordoeic yvworal), fzu"f_.j
AYoeic dneigovs td mAfFdoc.
107. Aboeic cvoTipatog BUo £Eilcdoswv o« PBabpod
HET& BVo Gyv@otwv.—'Eav Inioouev, {va ol Inroduevo
GpiBuol tol mponyovuévou mpoPAfpatog Exouv Syt udvov Gpos
opa 10, &AAG xal Biagopav 4, fitol ¢av Intmowusy, va of
adtal Tipal 100 x xai 100 Y émaAnBedouv xal tag dGo éﬁméif_'
OELG X —+—¢=—10 =
0 9

,,r

»

AapBdavouev x=3, 4 —;— 6, 7

=
3
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. Biimopev eOxkbSAwg, BTL €k TAV &vw Avoewv (1) pbévov § Aboig
- =3, x=7 é&naAn®edel tag dVo adtac EEiodoElg fj 10 ogboTnua
16y B0 abtd®Vv Eiodoewy. Aéyouev 82 cbotnua éflodoewy £ 7]
. civodor moAddvy EEicdocswv, téc dmolac Emalndevovy al adral
- ugal Tdv dyvdorowv.

Aax va Abowuev v gbommua éiioboemy, Tpoonaboduev va
. elpwpev v &AAo oVotnua Ilooddvamor, &AAa 1o Omolov va&
. Mberat eUkoAdTEpOov. Afyouev B2 dVo ouvotijuata looddraua,
~ Zay af avral tiual tdv dyvdorwv Enalndedovy xal 1d dvo.
'And Ev BoB8&v cOotnua AaupBavouev &Alo looblvauov kata
" zoAkoUg tpdmoug. I.x. éav &vukaraotfijowpev ulav éflowoly
. g GAAnv loodUvauov mpdg admv. Olte 16 dobiv clotnua

X+¢$=10 : 2x+2¢=20
e xKai o By A

- dhva fooblOvaua. TAAN év yével & Tpémog obtog S&v kapvet
sxoh@tépav TRV EniAvoly 1®v ovomuétev. 'O xat&AAnlog
- pdmoc Bia v émiAuolvy 1®v ovornuatwv Ba fjto éxeivog, &
" dmolog Bl ToU ocvwdvacuod ustall 1®v Eilodboewv Ba EBiBev
- iigwotv, ©| dTola va unf £xn Eva 1®v dyvootwv. Adt oltw
gz fjito duvardv va &vayomuev TV AVolv guvotnuatwv elg v
oy EElodoswv pé Eva &yvwotov. "AAAa tololrtog ouvbua-
oudc Ondpyel kal Aéyetal daxaloip?n 100 dyvdotou. MéEBobou
smahoipiic £vog dyvdotou, Kal émopévwg pEBobdol Tfig AboEwg
tvég ovothpatog, elval Bidgopor. Talbtag & 84 Bopev xa-
P,
: 108. M£8obdog =tTjg mMpooBéceswg i THg Gvaywyfg.—
i) Elg 16 &Gve ocbortnua
Xx+—¢=10

_ xX—9— = 1

" agpatnpobucev, &1t ol ouviedeotal 100 Y elvar &viiBetol &pi-
:-5 fuol. "Eav Aowmov mpooBéowpev 1ag élodoelg 100 guotfipatog
- a0l xat& péAn, & anaAeiplfj & Y. Kal mpaypat, bt €d-
* ploxopev 2x=—14. "Eav topa el 1d d06év gvotnua &vukata-
8
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otmowuev piav 1@v BobBeio®v EElodoe®V, T.X. THV YX——Ww=I0
Bia tfic 2x=14, B8a €xwuev 16 chonua

2x=—14

x-p—=d @
10 Smolov elval looblvapov mpdg 16 cOotnua (1), bt EA&fo-
uev v é€lowolv 2x=14, &¢ol elg Tooug &piBuodg wpooss:-
capev loovg. “Qote al Tipal 100 ¥ kal ToD P, al dnolal éxaky
Beouv 16 cVomnua (1), 8& énaAinfedouv kal 16 cbornua (2
Kai &vriotpéowg, al tipal 100 x kal 100 ¢, al édmolal émaks
Bebouv 10 clotnua (2), 8a EnaAnfsouv kal 1d ocbotnua (it
AibTi, £av &amd ta uédn 1fig Ellodoewg 2x=—14 &oaiptonuer
T& pédn tfic x—w=—4, edplokouev

2x =14
—X +p=—4
X + $=10

ftot v mpdinv éflowoiv 100 cvothuatog (1). “"Qote 7§ Abeg
100 ovotfuatog (1) dOvaral va avayxbf elg v Adowv 10l ov
otiuatog (2), /| dmola elvar edxkolwtépa. AdTt £k THiC WPOWE
2x=14 sUplokopev x=7, kal £k tfig devtépag Y —P=—4 elpt
okopev 7T—y=4, fjtot g=3. “Qote 7 Aboig 7100 Bobévreg
guotfuatrog elval x=7, y=3. Elval 8¢ xai ) pdvn.
2) Na& AuBfj 16 clotnua
S3x4yp=19
—2x+5¢p=—>5.
Elg 10 obotnua avtd, fav BeAfjowuev va admaAsiPpwuev To¥ §
napainpoluev, 81t ol ouvieAegral adtoD B&v elvar &vridew
&plBuol. Avvéapeba Buwg va 1To0¢ K&uwpev &viiBétoug &
2EAG : MoAAamAaoi&louev T& uéAn 1 MpdINg EElodoews T8
ouotfuatog &ni Tdv cuvreAeotnv 100 Y &v T} Bevtépg, fjtol x
5, kal T& péAn 1fic devtépag éni 1OV ocuvreAeotrv Tod ¢ &v T
npdTy, frot éni 4. "Exouev 8¢ olte 16 ocbotnua |
15 +20¢p=95
—8x-+-20¢—=—20

Wnoiono|Bnke amé 1o ivotirouto EkmaiSeuTikrg MoAmkrg J



44

115

#. Btav &AAGEwpev T& onuela wi&g TOV éElodboewy, . X. THC
beutépag, TO 15x—+20p=95
j 8x—20p=20 (2)
'Eav 1opa mpooBiowuev kata péAn tag tEwodoelg T0d oLOTH-
‘patog (2), edploxopev 23x=115. "Qote 16 Hobiv oglomux elvat
{oobbvapov mpodg TO
3x—+4p=— 19
23x=115.
‘AAN &k TR Seutépag Efiodboewg Tod ouoTHUaTog To0TOU
jaupavouev x=5. Mera B¢ 100710 eOplokopev éx Tfig MPOING
§ 3.5-4y=—19 f p=—1.
*Qote al pévar Tipal OV &yvodotwv, al odmolal émtaAnBedouv
16 BoBév obotnua, elvar x=5, yY==1.
'Eav BeAfjowuev va &nalelgouey 1ov X 8a épyacBduev
¢ palveral KaATWTIEP® :

2) 3x-4y=—19 | 6y} 8y=38
3) —2x-t5p——5 | —6x--15¢=—15
23p=23 § ¢=1.

Msta B2 ToDto eOploxkoupev 3x+4.1=19, fjrot x=5.
3} N& AvBfj 10 obornua
3x—6y=30
5x —8y=—44.
Elg 16 obotnua adtd, dia va &naAseipopev tov Y, 1ol omolov
wzapatnpoOuev &1t ol guvieAectal Eyouv Kolvov mapdyovia,
foyaldueba og &€fc palveral:
8 3y—6y=30| 4) 3x—6¢y=30{12x —24y=120|—12x-24yp=—120
§)5y—By—4a4| 3) 5y —8y=44|15x—24y=132 15x—24y=132
3x =12
fjTol X = 4.
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Meta B¢ 100t0 elplokouev, m. x. &k Tfig
3x—6y=30, 3.4—6y=—30,
fjTtoL Yy=—3.
“Qote ) Aboig 100 dobBévrog cuothuatog elvat
Xx=4, Yy=—3.

109. "H pébobdog 1fig &maloipfig £vog &yvdotou, g Eyive
elg & mponyolueva mapabeiypatra, Aftyetalr uédodoc i mgoc-
Péoews # iic dvaywyic. Zinplletar 8¢ adin, dg &delfapueyv, el
10 £Efic: "Oti Svvdueda els obotnua 800 2Etcddoewy, dpot mgoe-
Péowuev adrds xard wédn, va dvuxaracrifjowusy ulay tdv do-
Petodv fiodoecwy 8¢ Exelvne, thv Snolayv efigousy did i Tpoc-
Péoews.

Znuelwots. AANG kal &md docaobrfimote £&lodoElg
Kai &v &mnoteAfitar €v ocVotnua, buvaueba va mpooBécwuey
kata péAn fi 8Aac f upepikag pbdbvov kali Emeaita va &vikara
otfiowpev plav t@®v ¢6lodoewv 100 ouvothuartog, Bid Tfig edpe
Belong dua 1fig MpooBéoewsg. "AmobeikvieTal 8¢ duolwe, &t 18
véov obotnua elvatl looddvapov mpdg 16 &pxikdVv.

‘Aoxrnoees.

185) N& AvBolv 1& x&TwHOL guoTHuaTa :

1) xH¢=97 4 o= 3) 5x—y= 62
X—y=73 X— Pp=76 3x+yp=—122

4) Tx—+6y=37 5) 4p-}-7¢—8 6) 40—9¢p—26
By 1-0p=—27 49— 3y——8 9w—4¢p=— 3

7) 3x1+5p=39 8) 21x—4¢y=10 9) 5x+3¢y+2=0
7x—4yp=——50 3x—8y=——5 3y-+2¢p—+1=—0
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; 10]—%—0—{——;——11;—;8 1) —x+ - $=11 12) 2,5x—2¢=15

— Saf-3p——4 Tex— S g=11 1,5x—3¢— 0
13) 7x=4y-}-26 14) —_1,—4, — - x+ 5 15 05x+3=y¢
3y—2x-}39 2 x=-2y¢—12 0,54 —4=—x

110. M£B0obdog ThHig AVIIKXTXOT&OE®WG.— 1) "Eotw 16 00-
gmua
2x+ =13 (1)
3x—2¢= 9

'Eav OnoBéowuev 10V ¥ ©O¢ yveoTtov Kal Abowuev TRV Tpd-
v Eflowoly &g Tpdg Y, 8& A&Pwuev v looddvapov y=13—2x.
'Eav 5% katédmiv tolTtov elc TRV deviépav E€lowoly 10D ovoTth-
paTo¢ AvVTIKaTaoTHoWUEY TOV Y Bk Tfig TIufig Tov, Aapupavoueyv
3x—2(13—2x)=9.
"AMA& t6tE, &vil v& Adowpev 1d gbotnua (1), Abopev td 0O-
oTnua
Pp=13—2%
3x—2(13—2x)=9

elc 16 dmolov ¥) Bevtépa E€lowoig mepiéxel Eva &yvwoTov, TOV X.
Adtt ta ovothuata (1) kal (2) elven loodlvapa. Kal mpé-
ypat. Al tipal 100 ¥ xal 100 ¢, al dwolal émainBebouv 1o ob.
omua (1), 8& &mainedouv kal 16 cbommua (2), xal &vtiotpbd-
p©¢. AbTL ol mtpdtal EELodoEg TOV CLUOTNHATOV TOOTWY elval
loobbvapot, al B¢ devtepal £EiodoEelg Blagépouv katd to0t0 pé-
vov, 81t dnhadn 1§ pla mepiéxel Tov ¢, 1) B¢ &AAn Exe, &vtl 1ol
@, v Toov mpdc adtdv &piBudv 13—2x. "Qote 84 AVOWUEY,
&vrl 100 ovothuatog (1), & ovomua (2). "Ex 1fig Aooewg 6¢ 1fig

@)

tfloboewg 3xy—2(13—2x)= 9
happavopev 3y—26-1+4y = 9

7y =35
Kol Y ——
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"Ex 8¢ 1fic ¢ =13 —2x eOplokopev, 1t ¢ — 13 — 2.5, fiior
$==3. "Qorte | Aboig 100 Bobévrog cuotAuatog elval

X=5, y=3.
2) Na& AubBfj 16 obotnua
X—y¢=9
X
X —y,
i

Abovieg 1AV deutépav éflowaiv ¢ mPdg ¥ AauPévousy
X==4y. 'Eav 8¢ Béowuev elc TAv mpdinv E€lcwoiv, &vil 1ol ¥,
v TpAv tou 4y, AauBavopev dp—y=—9 f 3y=—9, frot Y=3
dote elval x=4 3, fito. x=12. "H Adoig Aoimdv 10D BoBéviog
ovotfuatog elvar

x=12, y==3.

111. “H péBodog, dia tfig dmolag elg Ta mponyovuévec bo-
8évia 0o cvotiuata &mnAslpaucev Eva 1OV dyvdorwv, Aéye
tat uébodog 1fig dvmixaracrdosws. Ztnplletal B¢, ¢ £5elauey,
elg 10 £&fic: "OrtL dnAadn Svvdueda els odornua dvo EEicdocwy
va Avoowuey v ulay €& adrdv ngds E&va tdv dyvdorwmy (6méze
6 dAlog Eyvworog Dmoriderar yvwoidg). "Encira 82 va dyvuixa-
racrfowuey tolitov did tiis Tiudic tov elc THv &AAnv EElowowr.

Zppuelwoitc. "AAME kal el ocbommua odowvdAmote E&&i-
owoewV duvaueBa va Abowpev plav 1&v EEiodoewy Tpdg Eva
TOV &yvaoTeVv (T1O&V &GAAwV OToTiBepévay yvwoTtdyv) kal Emeita
va& &viKataotowuev todtov elg 8Aag 1dg &AAac £EL0dOOEl
fj elc pepikag pévov. AwbtL 16 véov clotnua elval loodOvauov
mpdg 1O GpxikOV. "Amodeikvietal 82 10010 duolwe.

‘Aonrifjoecs.

186) Na AvBolv &ia 1fic peBddou T &VIlKXTAOTATEWS TA
K&twbhl guotipata :
1) P=4y 2) 2x=6 3) 3x—9%¢=——12
2x+-5y=176 Sy—7yp=72 X—5p=0
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8§ x=—2 W 5) S5p—4p—F6 6) 4¢—3w

. 45y—13p=——36 By=—7¢ 6¢—50— —4

E

= 7) 2x=3y¢y—5 8) 12x=12¢+5 9) 4do——T7¢—7
£ Gy=—x-14 9y —4==8y 20—30=27

l' 112. M£€B80obdog ThHg ouvykpioswg.— Eotw 16 gvomua

| 4y —3gp=11 (1)

8x+y=1

Abopev xal 1&g dVo £§Ll0doelg TOoD guoTHuatog TMPSG TOV al-
10y &yvwotov, T.X. Tpdg TOV X. OmoTe edplokopev

1143y

rsed ' )
1—y
> Nt

£ 'Enedn 52 t& mpdrta péAn 100 ovotiuartog (2) elvat loa, 8&
elvatr xal 1& Bedtepa loa, fitor 8& elval :

=3 - 1—y¢
4 S B

*Hén AOousev v é€lowalvy abtiv kal edplokopev
224+6y=1—¢, fHrou Y=—3.

THv Tiufy Y= —3 BEtouev elg plav 1OV Eflodoewv 100 ovoThua-
1og (2), m.x. elg TRV e 1_8‘5’
xai eUplokopey ¥y = 1~g—3 ;. mTot x:.%.

‘H péBobog a1, xatd v émolav Abopev kai tag d0o £8l0d-
gelg To0 cuoTHuaTog TPdG TOV alTdV &yveoTov Kal Katémy
£€igoDuev tag edpeBeloag Tipag 100 &yvdoTtou To0TOL, AEyETQL
péPodoc ijc cvyxoicews. "AXAaG xvelws elval péBodog tfig &vri-
xataotdoswe. Adéti elg v devtépav, m.X., EElowaoly 100 ocvoth-
puatoc (2) &vrikadiotdpev 1oV X di& 1fig Tipfig Tou, TV Smolav
B(deL | mpdIn E€lowaig.
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"Aoxnoees.

187) N& AvBolv 1a k&T1wll cuvoTAuata did Tfic ueBSdou i

ouykploewg :
1) Xx=10¢p—7 2) X+—2¢p=—11 3) 12=—=12¢+5
Xx=25¢—10 Xx—3w=1 20y=12y—3
4) 9y —2¢p=—20 5 3x—2¢p=—9 6) 3x+5¢y—51=>0
14y —4p=24 — 9+ 11gp=——12 6x— 15¢—27=0

113. Mep kol TEPIMTDOELG. o) Svorrjuara ddvvara. "Egte
T0 glotnua
2x1+3y=8
Ayt 6y=12 (1)
Alg va araAelyopev 1oV ¥, 8 MOAAGTAGOI&OWUEY T& uéAn T
| np@INe £Eiodoewg énl —2 kal Ta& péin TAg Beutépag émi 1,
| omédte Ba Exwpuev

4x+69p=—12 (2)
kal mpooBétovieg 0X= i
"AXN" &@oD ) ebpeBeloa éElowolg elval &dOvatog, xal 16 Sobéy
obomnua elval &dovatov, fitol al dobBeloal é€iodoeig elval dova-
| BiBaczoi. Kal mpaypait, diétt 10010 daiveral Guéowg and 10
‘ gbotnua (2), éav 16 ypaywuev og £Efg:
! 4x+6y=16
| 4y —+6y=—12.
B) Svorjuara dngoodidgiora. "Eotw 16 olotnua
4y —3y=—=6
12x—9¢=—18 (1)
Awd va analelpopev 10v X, MoAAanAaot&fopev Ta uéAn Ti¢
mpatng £nli —3 kal tfic devtépag £éni 1, dndte Exouev

—12x+9p——18
12x—S%y=— 18 (2)

Kal mpooBétovieg Ogy= O
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"AMN" &¢oD 1) eUpeBeloa EElowoig elvar ampoodbibpiotog, kai

13 BoBiv ocVortnua elval &mpoodibpiotov. Kal mpaypart, dott

todto oaivetar &md 1d BoBiv olotnua, £&v Biaipfowpev Ta

| ufdn tfic Beutépag EElodoswg Bua 3, BudTt Té6TE EXOUEV

4y — 3¢ =6
4y — 3¢y =6

fror Exopev mMpaypankdg ulav é€lowolv pé dbo ayvaogroug, f

sdmola yvopllouev, 81t Exel ameipoug 16 mAfiBog Aloelg.

IHHagazrjenots. 'Ex 1@v mponyovpéveov mapaderyud-

. 1ov guvayouev, 511 v cvotnua dvo EEicdoewy modrov Baduod

uezd 8vo dyvdorwv H Exer Ev udvoy olorinua Adcewv, § elvas
dddvarorv, B Fxe: dmeigovs 10 ndijPog Avoers. Elg 16 mponyodpe-

vov &dOvatov cbortnua mapatnpoduev, 8t ol Adyol 3 kal &

18V CUVIEAECTOV 16V &yvdotwy elval Tool petadd twv. ‘'O 62

rbéyog % 10y yvwoidv 8pov elvar didgopog mpdg alitoic.
"Ev® elg 16 mponyoduevov anpoagdiépiotov gbotnua ntapatnpol-
gev, 81t xal ol Tpelg Adyol —;iz— %. T3 elvar Toot petad tov.
'Eav 8¢ A&GBwuev €v 16V cvotnuatey, & Omola eldopev 81
Exouv &v pdvov ocOotnua AOOE®V, W.X. 10 gbotnua (2) 1fig § 108,
8& IBouev 81t ol AdyolL TOV OUVIEAEOTOV 1OV dyvhOotwy, fjTol
ol Adyor — «g— wal -—;— elval Biagopot. Atd v gupmEpaVWUEY BE,
zplv fj Abowuev 16 obomnua, Tl Aooelg Exel, mpdrov 64 ¢épw-
uev 16 gbotnua elg v popoenv

ax +— By =y

ax P9 —1¥
xai Ensita Ba mpoocéfouev ToUg CLUVIEAECTAG TOV AyvOoT®Y,

¢ kol To0g yvowotodg Spoug. Kal
lov) "E&v ol Adyor %Kat% elvar Biagopot, 16t 16 OO-

otnua Exel Ev pdvov gbornua ALCE@V.
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2o0v) 'Eav oi Adyor % Kal elval petaf0 Tov Tool, &Akd

.
3
du&oopot mpdg 10v Adyov T;L 161 10 obGotnua elval &dOvatoy.

Y, téte 16 obotnua elvai &

3ov) 'Eav elvat — = -ﬁ— = X
o B ¥

mpoodidplotov.

'Aonnjoees.

188) Elval pavepédv, 811 &1 olaobhimore 16V TponyouuEveY
HEOSBwy kal &v Abowuev Ev obotnua Bvo ¢Elodoewy, Tag ab-
TAC TIHGG TOV &yvooTwv Bd efpwuev. MNpotiuduev Suwg iy
ulav f| v &AAnv pébobov katd TRV popdRv TV dnolav Exe
16 obotnua.

* Ta x&rwb ovotiuata va AvBodv Bid Tfic KataAAnioTépag
pedédou.

1) 2% =9¢—+17 7) 4x =311
8¢=5x-+-1 6(x —y)=9¢ —4x
2) 20x-{-8y=0 8) To—3¢p—5
9x—-8yp—1=0 6w—4-5p—26—0
3)  (2x—¢)+(x—2¢)=18 9) 7¢+9%»--33=0
(X—3¢)—CBx—y¢p)=-—2 9y —7w--15=0
4) S5x=3¢-|- 8 10) 4x—3y—14=0
15x—=9¢--12 3x—4y=0
5) x=3¢-8 11)  3(p—x)-+36=0
12g=4x—32 x—{x—p}+560=0
6) x=5-13¢ 12) p=3x-+5
9y—3y—15 3yp=9x+7

P —
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189) 'Ouoiwg va AvBodv 1 kK&TwHL cguoTHuaTa:
1) 23x+15¢*—“4% 6) 2—-‘5—)(-}—13—%—4::31
-3
3 T 2 8
: 48y|-45¢—18 dep Al st
3 = ' 1 1
£ 2 s 7) 4o —la=d i
: 1 X ol 2 o L !
I e 35 ¢=3—x5
] 1
§ 3) % =31 8) 7x—10yp=~5
1% 4
[ X =Zy¢—10 11y —16y=0,1
1 9 X —10— 3% 9) 5y — dij=—=— 2
I X g 20 0,5x—2(p——13
5 24 x=3-1-y1d 10) 5x—4,9p=1
2—3-1,— ¢$3—;— x—47 3x—2,9y=0,1

190) Na AvBodv 1ad K&T®WBL guoThuaTa :

g 1 3(x—w)=2(x—1) 5) Xx_t.t:_’__hs

P13

: 8(y—4)—=2(yp—x) L=

; ! i 5 7

{ 2) 5(x+1)+2(p41)=—5 6) e

, 5 ; ‘
3 4x+7)—3(p—2)=29 e i
E ‘
4 x*+1_ w Sy st |
e e Wz = 3

g i_3x+1 Py—2 =_2—

3 L X1 3

£ x+2_ w2 el

:}E 9 - oliaat 8) —

b Pp—5 1

| e X 5 |

WnoionoBnke amoé 1o ivotirouto EkmaiSeuTikrg MoAmkrg



124

191) Na Av6fj 10 olornua:

2 1
o e
7 2
T
ToDto ypagpetar dg &&fc:
1 o
ais e
1 1
7 e 5 —2. s =20.
. 1 1
&¢ B — = i —=
Eav tow % xal - @,
Exw v& Abow 1o glotnua
20— w==1
7o—2w=20,
¢€ ol evplokopev =6 xal w—11
. e R R
fiTot ¥ =6 xal v —3 1.

'EE altdv B¢ edplokopev Emelta Tag TIHaG TAV X Kal Y.

192) Na AvBodv 1d cuothuara:

s S 0 LR 27 B
1 W et 7 S 7 Sk 7
("-——-._)L,.___‘!’____ 6 P A 90
1 1 i 3
T e T — i —_—— ==
2} Sonpdeg 135 6) 17x — = =30
1 1 i
b ST e e —_ L c— ‘7
. e odilagen ) 16 — o= =1
ke uppme omae SR ¥ 5 ;
G R s, A
3) =1 7) L2 .
8 Bl e Lo
T e & gt g
a8 Ty N heee
8 36 1 >
— —_— ———-=7—
X + m 5 4y - 3
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> 193) Na AvBodv T
§ 1) X—¥=5x

25

k&1l guoTHuata :

4) ax+2¢p=—1
Xx—Y¥=3ax 2X+3¢p=y
2) 5x —yp—6cx 5) Xx—Bp=2
' 4y —5¢y=—9x 2Bx—+ayp=——2
3) 2ax-+y=T7B 6) 5 +=3cx
ax—y=2p 2 x=2p

B’. AvUcis custRpuates cowvdnnote eicdoeav &’ Bxduod
né icxpifpovg xyvaoTovs.
114. "Eoto mp®tov 18 glotnua 1®v 1ptdv EElodoewmy
X+ ¥+ =6
2x+ ¢ —3¢——>5
Xx—3¢-1-49=T7.

(1)

Aia piag t®v mponyovuévev uebddbwv Enalelpopev pe-
1wl 1fic mMpdIng kai 1fig devtépag £LElodoewg Eva ék TRV
dgyvoorwv, w.X. TOV X, Omwéte eOplokopev P-+5¢=17. ‘Opolwg
petaxfd 1fic mMpdine xal 1fig TPling &maAieipopev 1oV adidVv
Gyvaotov ¥, Omwdte evplokopev —4y-3p=1. 'Eav fidn v dev-
t€pav xal Tpltnv é€lowoiv 100 BoBEvTOog ouothHuatog &viikara-
oToWUEY pé tag elpebeloag dlo Eilodaoelg, Exopev 1o cloInua
16 loodOvauov mpodg 1O dobév

X it a6
Y--5¢=17 (2)
—4y--3p=1,

elg 8§ mapatnpoluev, &1t al dbo teAevialal EElodoelg mepié-
youv Blo kal Tolg altolg &ayvootoug, Y kal ¢. "AnotreAolv
hoimov abtat [Biaitepov oclotnua, 10 dmolov yvwpllopev va
Aowuev. Avovteg BE tolto, elplokopev Yy=2 kai p=3. Katéb-
mv 52 éx tfic E§lodhoewg X +Y+9=6 =edplokopev y+2-+3=6,
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Atot ¥x=1. "Qote al tipai 1AV &yvoorwyv, ol dmotar Emaiy
8edovv 1O doBEv ovomnua, elvar x=1, Pp=2, ¢=3. "Amnor
AoDv 62 abtat Ev odotnua AVcewmv, 16 Sdmolov elvar xal 18
pubvov.

115. "Ex t®v mponyovuéveov BAémouev, 81t §) Adoig ouarh-
patog TPV EElohoewyv pi tpeic &yvdotoug dvayetar elg iy
AOolv cvothuatog d0o Efiodoswv pE dlo adyvdotoug. Alke
kal ) Abolg mavidg ovotnuatog TmpwioPabulonv £Elodosey
avayetal elg v Abowv ocvotfuatog dbo é£&&iodoewv pé dbo
&yvaotoug. AT, &v Exwpev .. €v obotnua teoodpwv E&-
oboewv a’ BaBuold upt téooapag dyvaortoug kal dnaAelPopey
petafd 1 MpdING Kai £€kGotng TdVv GAA®Y TpLtdv Eva Kal 10V
ad1dv &dyvwotov, & elpouev 1peig EEiodoelg. Altal 58 petd
tfig Mp®INg £€lodoewg &moteAodv ocbotnua looddvauov wpag 10
508év. "AAN’ ol 1peig elpebeioal £Eiodhoelg, ol dmolal WEPLE
¥ouv Tpelg dyvdotovg, &dmwoteAodv (Blov ovotnua, 16 Omoioy
éu&Bopev va Abwpev. "Eav 88 1ag Tipdag TAOV TpLAYV AYyvVOITLY,
tag Omolag B8a elpwpev, Bfowpuev elg v mpdinv Eflcway,
B8a A&Bwpuev €€ adtijg TNV TuRv 100 TETGPTOU &YVOOTOU.

"E&v €xwpev obotnua mévie, €€ kTA. £Eiodoewy pé MEVIE
EE kTA. dyvodoioug, Ba épyacbduev Sdpoiwg kal B8 pOB&Go@PEV
elg &v obonua é€lodoewyv pg do dyvootoug.

Hagaznerhoets. Kata v Abolv évog ouotiuatog ToA-
A&kig TtapekkAlvouev &md tolg mpornyovuévoug kKavévag” 10010
B¢ Bia v& pO&owuev taxOiepov el THV Aloiv. "AAN" W) mapk
kAtolg altn é€aptatal &mod nv ¢lolv 1dv éflodoewv 10D OU*
otfuatog, B Omola Ba& uag &8nynop fi el v éxroynv 7100
Gyvootou, 6 dmolog amaAeipetral evkoAdTepov, fj elg Tdv ouv-
duaouov TOAAGV é€loboewy, fj kal elg v elpeoty BlaiTEpY
pémwyv, ©g ¢palvetal elg 1& KaTtwiépw mwapadbsiyuara.

1) N& AvBfj 16 cdotnua

5x+3yp+-29=21
ay—5¢p=—7
2¢p—3¢p=3
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Elg 16 obotnua adto Ba &unalelpouev yetald 1Hig MPOING
. xai 1fi¢ devrépag 1oV ¥, dote §) EElowolg, 1) dmola Ba evpedf, va
- amotehéon ué TAV Tpitnv olommua dlo £t iodoewv pé 100G
- adrodg &yvdoTtoug Y kal ¢, fj dBuvaueba va dnalelPpopey petagd
- g mpoTng Kol tfig Teltng ToV ¢, dMéTE 1| Mpoxbmrovoa Eflow-
oig Ba &mwoteAéopn pe v Seuvtépav (dBlov cdotnua ué &Gyvo-
gtoug 1oV Y Kai Tov Y.

2) Na Auvéf} 10 ovomnua

X+y—9=0
X—Y—+p==2
—Xt¥1o=4

, "Eav elg 16 obotnua adtdé mpoobéowpev tag EEl0DoEg &va
- 800, 8a elpwuev TV AVolvy 100 cuoTAUGTOg EOKOADTATA.
3) Na& AuBfj 1d olommua

X+¢+9=6
Ppt+o-to=—1
fert [

_ @—x-+p=—3.

lpogBEtovieg 1&g Téooapag E&Elodoelg xatd péAn edplokouev
3x+3¢+39-+-30=6

fi X+ ¢+ o+ o=2.

"Eav iidn &md v 1edevtaiav é€lowotv &palpéowpuey Sladoxikdg
1ag téooapag EEiodoelg 100 Bobévrog cuothuartcg, ebplokopuev

a=——4, x=3, Yp—-2, ¢==5.
4) N& AuvBfj 1o obotnua

X—y=20
. el 2
B
A N X
I'voplfouev, 811 S e
&AM Emeldn X+¢y=20
B T, ol
g ign s
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“Qote &k tfic £Elo0doEmC %‘=2 ebplokousev
A : )
x=12 kal éx Tfig T=2' Yy=8.

Znuelwois. ’Eav éElodoslg Tivag 100 ovothuatog, ol
&g Exopev moAAanmiact&osel éni &plBudv Siapopov 10D undevég,
Tag mpooftowpev kal A&Bwpev EEayduevov, 10 Omolov bév
TEPLEXEL KavEva &yvwotov, 10 ovormua elvatr fj &bOvatov §
&bépiotov.

116. ’Ex 1®v nponyovpévev ocuvayouev, o) 81, Stav elg &
gbotnua & aplbuodg TV dyvodotwv elval peyaillTepog 10D dpt-
Buod 1@V Efiodhoswv, UTMdpyouv &meipa TO TAfBog cuom
pata Atvcewv: B’) 8tav el Ev obotqua ol &yvwotol elval loé
plBuol mpog tag éfiodoelg, T6TE £v yével Uapyet Ev kal ubvoy
gbotnua Aboewv' y’) 8tav & &pBudg 16OV tiodoewv elvar
pEyaAlTeEpog 100 &plBuol TdV &yvdotwv, 16 obotnua slval
ouviiBwg &BOvatov' BidTL éav T y. Exwuev Téooapag £EL0AUELS,
al édmolar mepiéyxouvv 1pelg &yvdoroug, duvauebBa &k TpLdV E€
adTdv vé& ebpopev Ev obotnua Aloewv, GAAG d&v Emetat, Bu
al Aboeig abral énaknBebouvv kal v 1etdpinv é€lowoiv.

"Aoxnoeis.

194) Na AvBodv 1a K&TWHL cvoTHuaTa :

1) 2y —3ytow=1 4) 4y —5¢—+3w=—2
3x+-2¢ — =3 " 2x+3¢p—6w——14
ax+5¢ — 0=7 8x2¢y-150—2

2) x+¢+o=5 5) 3x+¥—5¢=0
o e 3x—5¢-49=0
2x+¢—39p=16 2x-+2¢p—3¢p=—14

3) 2¢p—o+o=7 6) p+o— =2
312w —op=—=3 3p-+p—w=—8
yp—dw-+2¢9=8 yp—op+20——=56
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Xx+H2p—3w=——16 8) Y—+p—2w0=9
Yyp—20-+3x=——10 —¢t+4o-|2¢p=—4
o2x—3p=——=4 —6o+2¢y—p=——1
195) N& AuBodv 1a kK&Twb ovoThuata:
X+ —p=—2 4) X2¢p=12
§ X o—4 Pp+20=21
—x+typtop=——12 @-+2x=12
X+¢+o—=18 5) Xx—2p=9
X—gp—+op=12 3y—4¢p=—=6
Xx+¢—o=6 $p—4p=—10
X+¢p=—>28 6) 2x—y=12
Y-+9=10 3x—49—36
¢——x=12 ) S

196) N& AuBolv T& k&twll cuoThuaTa :

x-+4+9=36 e e Tt
X ¥ P e X i e
s e e e = .o
X g @ b e R i L L
- hor e e F i U e
X g B AR e s e
s+ " Sl e g 2
e e B S
3 TEAE g by 16
w P
e =1 - i
197) Na AuvBobv 1a Kat@b duoThuata:
T o e
e 2) grr T C
2 —1 S _ o
= e
S st - o5 SO
gt o+
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2)

1)

2)

Viaieai
e e
x
T B
TR
L
@ X

198) Na& AuBodv 1 k&T®OL ouvoThHuaTa :

X+¢-9+o=10
X—Y¥To—o=—2
—XTY1p=38

X—4—¢+o=0
X+y-+=18
Y-pfw=12
¢+w-t-x=15
—X+¢=— 9

3)

4)

Xx—8ip+30 — p—1

Pp—2w — =0
50— 2¢p=—0

dp=I

2x— Y+50— ¢p==11
2+ Y¢p—3w-t+49=11

X+5¢—30+ o— 6
6x— Y+4doi20—24

199) Na& AvBolv 1& k&TwHL cuoTHpaTa :

117. 1) Eig uiav éxdgounv 6 Nixos éndrjgwoe dia 4 avyd
xal 3 mogroxdlia 18 dpaxuds, 6 82 IMézgoc dia 3 adya xai 4
nogroxddia 17 dpoayxuds. Hécov Emirjewoay &8¢ Ev adydv xal

d¢" v mogroxddiov ;

"Eav 8ia 100 X mapactiowuev v &&lav 1ol éveg aldyod

3)

4)

Nepepinpeter.

P o——u
@ EX—¢=—P
X —o—y
Y-oi-p—a
@w—-¢+x=P
Xy

X1 o=>5

Kai Sia 100 ¢ v &Elav 100 £vog moprokaAiov, B& Exwuev

dy+-3¢y=18
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[pémel 82 ol x xal ¢ va elvar Betikol &piBpol. ADovteg 10

"oﬁmnpa evplokouev x=3 xal Pp=2.

2) Oi padnral 8vo oxolelwy dvélafov iy drvaddowoy £vog
iépov.”EE avzdv 16‘%— z0D Evdc oyodeiov xal o -% zo¥ dAdov

. dnstélecav Sudda dnd 105 padnideg, ol dSmoios avélafov TNV

. Judvoiliy Adxxcwv. To 82 1 eb mpddrov oxolelov xal td % ToD

=3
dllov dnerélecay Sudda dnd 70 madnrds, ol émolot dvélafov
my @Uievoly dv Jdevdguiiiov. IIécot elvar of padnral zo¥
fydc oxoAeiov xal mboot of zo¥ dAdov ;

*Eav Bla 100 X TapxoTHomuev 1oV &piBudv 1dV padnrdv
100 mMpdTtov oxoAelov xai dia 1ol Y 1OV &plBuodv 1@V pabnrdyv
100 Bevtépouv oyoAelov, 8& Exwuev S

X g o Ry FHEa ) by
/ 2 + 4 A0 l s
‘ o apeo Qb §~ ¢ b

e el

[pénel d¢ ol X xal w va elvat &xépaio i Betixkol &piBpol.
AYovteg 10 glotnua EOP[M =180, WS .-
3) Na edoedfj Sewrjprog doiPuds, 0D Smolov ta ynopia é’févv
#dgoicua 8 xal Sorig, drav dviicTea@d, 2lazzotzar xaia 36.
"Eotem ¥ 10 ymelov t1@®v dexddwyv xal Y. 10 ynolov 1@V po-
vabov. Kata mpdtov Aowmdv Exouev X-+¢y==38. Katémyv na-
patnpoduev, 811 & Inroduevog &piBuog Exel 10X}y povadag év
8A@. “Otav 8¢ &vtiotpagf] 8a Exn 10¢--x. Elval 8¢ al pova-
Bec 10¢y-tx xata 36 dhydrepat TOV povadov 10x-+y. "Exo-
puev Aowmov v £€lowoly 10x—+w—(10y+%)=36 §
9x—9w=—36, frort x—y=4. "Exouev Gpax 0 oboTnua
X+¢y=38
i
IMpéner B2 ol X xail Y va elvar &piBpol &xépaiol, Betikol kai pt-
xpotepot 1o 10.
AVovteg 16 ocOotnua sdploxopev ¥ = 6 xal ¢ = 2. “Qote
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6 Inrolbuevoc &piBuocg elvar & 62. Kal Tpaypatt, di1dTL 6--2=—8
kal 62—26=—36.

4) Iod 7 #xdv o HAuxia Evdc Hro tgimdacia Tijs 7HAuxies
to¥ vio¥ rov, ddda uerda 7 Frn Ba elvar Simdacia. Hola elva
7 fHAexia toD marpdc xal mola 77 toU wio? ; ;

'Eav mapaotrabfi 100 matpéc N AAxiax dia tod ¥, 10D BE
Liol Bia 100 §, al AAwkiar abtar Tpd 7 ET1dV floav x—7 kai
Y—7, peTa Emta B¢ £t al AAkiar 8& elva :

XT+7 xai gp+7.

‘Emouévag kata v ékpdvnolv tod mpoBAfuatog B4 elvar

% 73 —7) : X—3p——14

X+7=2(p-}+-7) s X—2¢=—7"

npénel 8¢ va elvar &ugdrepor ol Gapibuoil x kal ¢ Betikol xal
va un OmepBaivouv AV duvaTthv NAlkiav 100 &vBpdmou.

Abovieg 1ag Vo E€lodoElg ebpiokouev f

x=49 Pp=21. ;

5) Teudyiov dpeixdinov, Soric elvar xodua yalxod xal wev-
dagyvgov, {vyiler 160 yididyoauua. "Evidc 82 zob idaroc xdve
20 xilidyoapua. Héoca xididypauua yalxo® xal wéoa wevdag-
yUgov dmoredoly 10 xpdua adid, Srav évzdg voU Tdaroc O yidid- 3
veauua xalxob xal 7 yididygauua wevdapyvgov xdvovy dmd 1 E
xtAidypauuov ;

"Eot® x xiAidypaupa 10 B&pog 100 XaAkoO kai ¢ xtALs-
ypappa 16 Bapog 100 YPeudapytpou. “Exouev Aoimdv kata TphH-
Tov X + ¢ = 160. Katémv mapatnpolbucv, 811, &pol 9 xihib-
YPaupax xaAkod yxdavouv éviog tol Odatog 1 XtAdypaupov, 18

1 xiAldypappuov x&ver 1o % adtol kKal 1& x XxtAtbypauua X&-

vouv »—} Xthbypapua. ‘Opoiwg evplokouev, 811 T& P xLAdypau-
ua Peudapylpov x&vouv évidg tod Odatoc __:?q._;‘_ XtAbypaupa-
“Qorte Exouev v é€lowolv

X e
5 T 7 =20
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7 omola petd Tig Mpornyovuévng &moteAEl 1O CUOTNUO

X-+y=160
54—

Mpéner 82 ol &piBpol x xal P va elval Betikol. Adovieg 10 ob-
oinua eOplokopev x=90 xai Y=70.

6) Avo épydrar, Srav égydlwvrar Suo®, teleidvovy Ev Egyov
glc 8 Hufoac. "Edv 6 nodrog éE adrdv égyacti 2xni 9 rHuépac,
8 dildoc Pa tedesidbon o Dndloimoy oD Egyov sisc 6 fjuépag. Il6-
gac Hufpac moéner va doyacHij nadels 2E avrdv dia va tedeidop
udvoc tov o Foyov ;

"Eotw, 81t &6 mpdtog mpémel va Epyaodfj x fuépag kai &

debtepog Y. "O npdtog TéTE ElC ulav Nuépav Ba Tedeidon 10 %
100 Epyouv, kal £lg 8 fuépag T —)—E:— adtod. "O && bdedrepog elg 8
fuépag Ba TEAsLdOT) T % "Exopev Aownov v éElowotv

0k 2F s B L. % b ;"

1 E3
X Y o ok e S A

< . , . o ‘f»" _V‘ K- . ~¥
‘Ouociwg edpiokouev, Bt LEY TEY = Xy

9 6

T+ By xy [ 4

fpéneL & ol ¥ xal P va elvar &piBuol Betikol. AGovTeg ﬁ&n 10
gbotnua edpliokopev x=12, —24. 3y LW

7) To “Ymouvpyeiov “Yyiewvijc OJiéveius srpdg Evlo’xua&‘f
1250000 dpaxudc eic zpla voooxousia dvaldyws 1@y xlivdv,
tac dmolas StaPézovy did Tovs Sweedy dodevels. Aratérer 82 10
uty By 17 mdivag, o dAdlo 28 xnal 10 zplrov 55. IIécas dpa-
rudac EAafe ndie voooxouciov ;

"Eotw, 81t 16 TpdTtov voookouelov EAafe x dpayuag, tod
Sebtepov ¥ xal td Tpltov ¢. "Exopev 161 kat& mpdiov v
£€lowoy X—+4——p=—1250000.
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"Enedn) 8¢ ol &piBuol x, ¢ kal ¢ elvar &v&ioyor mpdg 'roéq
17, 28 kai 55, Exouev

X o e
7 28 5T
"AAN &k 1OV Towv T00TeV Ady®v Aauf&vouev
X el ke
17 28 55 17+-28+-55
Kai ETeLdn X—+Y¥—+=1250000
2 Y @ 1250000
Say T o 2900
dote elva =17.12500=212500

Y==28.12500=350000
$=55.12500=687500.

8) T “Ymovgyeiov Opnoxevudrwy xal *Edvixiic Haideiac dié-
Deoev elc Ev Evoc Ev mocov yonudrwy St va xdun véa ditdaxtijgia,
va émionevdoy walaid xal va droredetcdoy Huizelds, v S 116.
‘0O dotduds 1@y EmioxevacPéviwr didaxineiwy slvar xara 5 pe-

U

yadidzegos 100 mevramwdaciov tdv véwv. ‘O 82 dpiPudc tdv fu-

ted@y elvar xata 2 uixpdregoc to¥ Hulocos 1®y Emioxsvacdéy-
twv. Iéca elvar ta oxyoldsia &xdorne xarnyopiac ;

"Eotw y 6 &piBuog 1OV vEmv, Y & TOV EMOKeLaoBEVIGY
kal ¢ & 1OV HuteAdv dibaktnplwv. "Exouev émouévoe katd 16
TPoPANua tag EELodoELC

X+¢-1+9=116
$p=5x+5
=5 —2 (1)

[NpémeL 8¢ ol &piBuoi ¥, P kal ¢ va elval &xépatot kal Betixoi.
"Eav 11dn Abowuev v devtépav é€lowoly mpdg X, AauB&VOUEY

x=42 @)

"Eav 82 Btowpev eic v mpdtnv €lowolv avti 100 X kal 100 ¢
TAG TLpdG Twv, AauBdvouev TNV éflowoly

22 Lyt ¥ 2116 (3)
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7 émola Avouévn didel Pyp="70.

° 70—5

Qote elval R ==l
wal b — 7—20- —2=33.

HDagazrhenoces. 'Eav mapaoto@uev ToVv apilfpov 1dv
imokevaoBéviwy Bibaktnpleov dia P, duvaueda va EKPPEOWUEY
S1& 1ol ¥ Todg &AAoug &pluodg, G¢ deikviouv al éfioboelg (1)
kal (2). Téte 82 8& Avowuev 10 MPSPANUa adTd Bid pL&g pévov
tfioboeweg, Thg (3). Tod map&deiypa B¢ 10010 Pavepdver, Bt
dméapyovv TpoPAfjuata, T& dmola divavralr va AvBolv kal dia
ToAAB®YV EEloboemy kal did pi&g. Toladra b2 elval, Soa Exouyv
woAdolc &yvdoToug, &AAG ToloDTOUG, HOTE &mo 1OV Eva &yva-
otov va edplokwvial e0ké6Awg ol &Ahol. Oa mpotipduev 8¢ v
AOOlY TGOV Too0TOV mpoPAnuatev Sia uigg tElodoewg fj Bk
ToAADV, Btav & elc 1pbémog fj & &AAog elvat edxoAdTEPOC.

9) Na edgedodv Svo dotPuol roolror, ddoze, drav dpaigé-
cwuey td roimAdotov wo¥ Ssvurégov dnd o meviamddoiov 0T
mpdrov, va Exwuev diagogav 15 - dav 8¢ dpaigéowuey dnd o

. Jexanidoiov roD modrov wov 30, va ¥xwusv Siapogav td Efa-

nddoioy toD Ssviégov.

"Eav x xai ¢ slvat ol {nroduevol &pibuoi, 8& Exwuev 10
gbotTnua

5x—3y=15 . Sx—3p=15 . 5x—3y—15
10x—30—6 10x—6y=30 5x—3p=15
Yy X—oy X—3¢

"AAN’ 11dn mapatnpoduev, 8Tl kupiwg Exouev plav &flowolv ue
B0 &yvdotoug. “Qote 16 tpéPAnua 1o0TO elval &npoodidpiotov.

10) Na edoedf rorwrgios dotduds rorodrog, dore 10 ddoor-
cua v wneploy adrod va elvar 21, 10 wneiov 1@y dexddwv
va elvar SimAldoioy wod wneiov tdv éxazoviddwv, éav 82 zd
ynela adtod ygagody xara tdfwv dvilorgogov, vd mgoxdmty
doiPudc ueyalizegog nara 99.

"Eotw ¥ al éxartovi&deg, ¢ ol dekdadeg xal @ al povadeg
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100 Zntovpévou &piBuod. Téte, katd 16 mMpdBAnua, B& Exwuey

dasriale g o M b il

16 cbotnua X+t wo=21 ]
Y=2x
100x + 10¢ 4@ — (100w + 10y + x) = — 99, Hrot X — w =—1.

[Npémer 82 ol &piBpoi yx, ¢ kal @ va elvar Betikoi, &xépaiot
xal uikpétepot 108 10. Adovieg 16 oclotnua ebploxkousev
Xx=5, =10 kol w==>6.

“Qote 10 dvotépwm mpdPAnua elval &BOvaTtov.

IHHogofAljjpata mpodg &axqacé.

A’. 200) N& e0peBolv BUo &piBuol, ol dmolor va Eyouy
&GBpotopa 1079 kai diagopav 509. :

201) Na& ebpeBodv d0o &piBuol, ol dmolol va Exouv &6pot-
oua 225 kal diagopav 531.

202) Na& ebpeBolv d0o &piBuol, ol dmolot va Exouv diago-
pav 4—‘37- xal &Bpoioua 12% :

203) To meviamAd&oilov £vog &plBuod kai Td EmramA&oiov
£vog &AAov Exouv &Bpoioua 19. Té 82 éntanAdolov 100 MpdTou
xai 16 mevianAdoiov 10D Bevtiépou Exouv &Bpoioua 41. Na
eOpeBolv ol &piBuol.

204) Abo &piBuol Exovv Biagopav 3, Td &2 TpitAdoiov ToD
ueyaAvtépou [(ooOtal ué 16 teTpanmAdoiov 1ol uikpotépou. N&
eOpeBolv ol &piBuol.

205) Na eOpeBobv d0o &piBuoi, ol émolol va Exouv &Bpoi-
oud 5 kai mnAixov 5.

206) N& eLpeBolv dVo &piBuoi, ol 6molot va Exouv Biago-
pav 3 xai mnAlkov 3.

207) Na ebpeBolv 800 &piBuol, ol dmolol va Exouv &Bpoi-
oua 425. “Ortav b¢ dlalpéowpev 1OV peyaAlTEpov Bi& 10D Wi~
KpoTépov va& Exwpev mnAiikov 5 kal UméAoimov 5.

208) 'Eav &amo tov &pibuntiv £vég kAdoupatog &paipebij &
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11, yivetal 100to logov ut %— "Eav B¢ &¢pauped) &’ adtod 6
12, yivetrar Toov ps —;},— Na& sbpebfj 10 KAdopa.
209) Na =0pebfj kA&opa, 1o dmolov ylvetal (gov ué ]T.ﬁtc:v

sl dugpotépoug ToUC Bpoug Tou Mpootedbni 6 2, kal {gov ue %
§tav an’ dugotépwyv TOV Spwv ToL dPalpedh & 2.
210) "Eav elc tov &plBuntnv £vog kAdopatog mpoogBeéowuev
1, &opaipéowpev B2 &nd 10D mapovopactod 1, AauPdavousev
8poug lTooug. 'Eav Bt &oaipfowusv and tod &piBuntod 1,
npooBécwuev B¢ elg 1dév mMapovopaoriv 1, 1o KAdopa yi-
1

vetat {oov ug 5 Na e0pebf} 10 KAGopa.

211) "Eav diailpeBobv dvo &piBuoli, didbouv mnAlkov %.’Edv
8¢ elc Exaoctov ToUTWV TPooTeEBf] & 4 kai BixipeBolv ol vEor
&piBuoi, 8a Beoouv mnAlkov %—_ Na& eOpeBobv ol aplbpuot.

212) N& =0psBoDv d0o &pLBuoi, ot dmolol va Exouvv Adyov

| ,—3—- kal yivéuevov Toov pé 10 dwdekamAdolov 100 &Bpoloua-

4
16¢ T@V.

213} To -;— 100 &Bpolopatog dvo &pBudV, mpootBEUEVOY
elg Tov 13, dider &Bpoiopa 17, 10 Huiov BE Tfijg dlagopdg av-
1@®v petov 1 Bider &Eayduevov 2. TNolol ol &piBuol obtoL;

214) Na =0pebfj duwmerog &ptBudg, 100 dmolov 10 &Bpoloua
1@V ynopiov va elvar 11. ’Eav 88 dvriotpaglj, v& mpokdTIN
&plBuog peyaAlTepog kata 27.

215) N& eOpedij duynfprog &piBudeg, 100 dmolov 1o TETPATAL-
giov 100 Ynoiov TGV povadwv va OmepPalvy kata povéada 1o
tpimtAdolov 10D Ynolov tdv dexddwv. "Av 82 ypagolv td Yn-
dla Tov kat' &viiotpogov T&Eiv, va TpokUTTIN &plBUdg ULkpb-
1EpOCg KaTd 9. 5

216) N& ebpebij duynprog &piBude, 1ol dmoiou 1d &bpoloua
1OV ynepleov va elvar 10. 'Eav 5¢ davuorpadi], va mpokOmTIy
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&piBude, & dmolog va elval katd 4 pikpdtepog 100 TETpamAo-
otov 100 Inrovuévou &pLBuol.

B’ 217) El¢ plav 14€ v oxoAeiov oi pabnrai elval kata 18
TEPLooSTEPOL TAOV pabnipi®dv. Elval 82 év 8Aw 60. MNdoot elvar
ol pabniai kai méoal al padhrpial;

218) 'Eav elg &xaxotov Bpaviov &g tafewg kabloovv dlo
palntai, 8& peivouv Epbiol 7. 'Eav Suwe kabicovv 3 pabnrai,
8& pelvouv elg 1a Bpavia 6xTd kevai Bféceig. [Ndoor elvar ol
pabntal g 1&fewg avtfic kai méoa t& Bpavia:;

219) Eig plav éxbpounv § Mapla émAfpwos dia 2 motipia
Y&Aaktoc kai 1 Bouvtupdwuov 7 dpaxudg, N &2 “Erévn & 1
ToTAPLoV Y&Aaktog Kai 2 BouvtupdyPwua 8 dpayuds. Néoov émkf
pwoav dia 16 1 BovtupbPpwuov kai wéoov Bid 16 1 WoTHplOV |

yd?\axrogx" ]
220) Etc v adtiv éxdpounv émAfpwoav é piv Nikéiaog
Sia 4 moptokGAila kai 6 adyd 26 dpaxusg, & && Medpyiog Ba
5 moptokdAia kal 3 adya 7 dpayxudg dAiydrepov. Ti énAfpe- |
oav Bia 1 moprokdAtov kai Tl &iad 1 adydv; |

221) 8 gu&Aat olvou ul&g moldTNTOG Kai 4 Ppr&Aiar olvov
GAAng mowdtnrog &Eifouv 100 Bpaxudg, v 4 Pu&Aal olvou T
TPMOING moldtnTog kai 8 gidAal thg &AANg &&ilouvv 4 Spayudt
neploodtepov. [Néoov &Eilel §) pla PL&An éxkdotng moldTnTog:

222) MNaopnyyeildé 1ic elg maviomwdAnv 5 é6x. Laxapiv xai 2 |
ok. xKagé, Bla T& dmola OmeAdyioev, &1 Empene va mAnpdoq 260
Spaxudg. "AAN’ 6 maviomdAng tov &xpéwoe pé 360 Bpaxudd,
kai To0to, d16TL ToD &méotethev €k A&Boug 6 ok. Layapiv kai 3
Oox. ka@é. Na e0pebfj 7 tiun tfig dk&¢g ék&otov eidouc.

223) 5 éxadec 1upod &Eifouv Soov &Eilouv 3 dx&bec Pou-
, TOpouv” &AX' 1) &éla 5 dk&dwv Boutlpouv elvar kata 288 bpa-
Xuag peyadvtépa tfic alag 3 dkabwv tupod. TMbdoov Tip&Tal
N 6k& ék&otov gldouc ;

224) 7 mhxelg paAAivov Opdouatog kal 5 mAxeig PBap-
Baxepod otoix(louv 1315 Bpayudg, évd 3 mAxelg tol aTod

3
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. uaAAivou Up&opatog kai 9 wHXelg 100 adtod PauPaxkepod otol-

xlTouv 855 dpayxu&c. MNéoov &Eiel & nijxug ¢k&otou VYGOUATOG !

225) Elg yewpydg fydpace piav ayeléada kal Eva (mmov
avti 5200 Bpayxudv &v 8A@" &AN | &fla 10D Tmmov elvatl pe-
valvutépa 100 BimAagiouv T &flag Tfig &yeA&dog kKatak 460
Spaxude. "Avii méowv dpaxudv fydpacev Ekaotov;

226) 4 tpdBata kai 5 alyeg otoixifovy 990 dpayxudg” éniong
9 npépata kai 7 alyeg otoixifovv 1811 dpayp&g. [1éoov otot-
xlouv 14 mpéBata kai 11 alyeg;

227) "Eav & A ddoq &k TtV xpnu&teov tou 10 dpayxupdg elg
tév B, 8a& Exouv loov &piBudv dpayudv' &AAN’ éav o B dooq elg
wv A 10 dpayuag, & A 8a Exn dimiaociag 100 B. lNéoag dpa-
ypag Exel 6 xabeig;

228) 'Hyébpaoé 1i1c Spvibag, mpaog 40 dpayudg v plav, kai
yé&Aouveg, Tpdg 100 Bpaxudc tov Eva, &vri 1400 dpaxudv. "ANN
Exaoe 5 pviBag kal 2 y&loug® £&medn) Suwg 1ag OmoAolmoug
SpviBag EtdAnoe mpdg 50 Spayxudg. v uiav kal 1o0g OmoAol-
moug y&Aoug Tpog 120 Spayxudg tov Eva, f dAkT {nuia tou fijto

180 dpayuat. Tléoag SpviBag xal méooug yaAoug NyOpxOEV ;

". 229) lNatmip xai vidg Exouvuv onuepov odpold HAkiav
72 &t6Ov. "AANAG Tpd 4 ETdV f| HAkia 100 Tatpdg fto TpiTAasia
i AAixiag 100 vloD. MNéowv étdv elval ofuepov 6 matnp Kal
wéocwv & vldg:;

230) Matp tig elval kata 27 €1 pueyaAbtepoc 100 viod tou,
&AA& peta 5 Etn | HAkia 100 marpdg Oa elvar BimAacia tfig
fiAikiag 100 viod. lMola elval | HAkia éx&otov;

231) Mpd 4 Z1dv f HAwkla £vég fto tpimAaocia Thg HAkiag
100 &BeA@oD Tou kal peta 8 #tn 84 elval BumAaola. Na edpedf
f| mapoboa fHAikia Exk&orou.

232) IMpo 15 &1&v § HAkia évog fro dimiaoia 1fig HAtkiag

&Ahov, &AA& petd 10 Etn f HAuxia 100 TpdTOL 8 elvat T& 4
1fic fAwkiag 10D Bevtépou. Mola elvar f) HAkia Exkaotou

A’. 233) Miav fuépayv elg xabiv aviitpayx@uatikov latpeiov
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T®V ABnvev mpoofiABov 100 maidid kal eic kaBéva Taibikdy
otabudv &ofikav ai untépeg tov 70 madi&. “Hoav 62 adta by
6Ae@ 750. "AAANV Auépav mpoofiAbov elg kaBiv &To T& p&Te
WBpbpara 120 kal mapéueivayv el kabiv &td T& Seltepa 60 nar
dia, év 8hw 780. Mbéoa elval ta aviitpaxwuatika latpeia kal
‘ool ol maidikol orabuol TGV "ABnvoev ;

234) 'Ex 160V madi®dv, 1a dnola yupvalovial elc ta KEévipe

maildikfic xapdg, ré% IOV &ppéveov kal T % TOV BnAtay

K&pvouv 6uod Tdv &piBudv 1600. AAAG 1o %—TG)V MPMOTOV Kai

10 % TOV Bdevtépwv kauvouv 1oV &ptBudv 1550. [Néoa &ppeva
Kal méoa OfAea yuvuvalovral eic ta dvcotépb kévipa;

235) ‘Edv &lc 1o %100 oo, 10 dmoTov BLéBeoe 16 “Yroup-
yelov Tadelag 10V xeiudva 100 1938 Bidx 14 pabnuka oue-
oitia, mpooBiéowuev 300 xAi&dag Bpayxudg, 8& slpwuev 1oV
GpLBuov 1OV dpaxudv, Tag Omoiag BiéBeocav diad TAV okomdy

altov al kowvéinieg 1é@v ABnvéav. To Hé— Suwg 7100 TP@OTOU

woool, ARV 300 xiAiadeg dpaxpal, loodDtal ué m—}too mogol,

AT A Sk~ i s Tl 20 i

0 dmolov diéBeoav al xowvédtnreg. [Néoag dpayxudcc BiéPece 16
“Ymovpyeiov lMNaideiag kal mboag ai xolvéTnTEC ;

236) To lNatpi@tikov “IBpupa diévelpe plav Auépav elc 35
&noépoug untépag yaia kal elg 8 &ndpoug olkoyeveiapyag o&-
nova. "Hoav 8¢ al okadec t@®V elddV 100TOV duod 29%. Q-

sl B TR L il o Sl Rtk

polwg v adtiv Nuépav diévelye v adThv ToodTnNTa yaAa-
xtog elg 30 puntépac xal o&nwvog el 48 olkoyeveldpyag, &v
A 87 6x&dag. Méoov y&Aa Biéveiue tHv Nuépav adtnv Eelg
E€kaotny untépa kal méoov canwva elg EkaoToVv cikoyeveldpynV;

237) O &piBuog 1V &ypo1dv, ol dmolol nopaiiodnoav =lg
Ev Erog kata 1fig xardling, elval mevrani&olog 100 &ptBuod TGV
&ypot&v, ol dmoloL Aopailobnoay katd 10 adtd £roC Katd Tod
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nayetol. To % Suwg TGOV MpOT®V LnepPaivel TO —]2— TV dev-
#pov katda 1500. [Néogol &ypdtal fopaAiicbnoav xata 1o £tog
adTd Katd TAC XaAd&lng kal mwéoor kata tod mayetod ;

238) Tx —%— TAV ToUPLOTIKAY 6BV, al dmolal KATEOKELG-

gfnoav kata 1o Etog 1938, Kal ta % THv 68&Hv, al dmolal Ka-

. reoxevGoBnoav xatda 16 1939, elvatr 174 yihibuetpa. Ta B¢ _3,

;i_ BV TPOTOV Kal 1o 1 qev devtépwyv elvar 138 xtAbuetpa.

3
b3
f
=
i
3
2
)
4

(e

AT RN P TN PN,

T T ———

5
Méoa xMbuetpa kKateokevaobnoav elg Ekaotov Et0g ;

E’. 239) ’Ex dUo ouvvetaipov 6 mpdrog xatébeoev glg v
tmycelpnowv BimAdota xep&haia 10D devutépou. AANAG peta 1
Zroc & Mp®TOC NAATTWOE TA KEPAAaid Tov kata 5000 dpayp&g,
tve & Bdeltepog ta nifnoe xard 5000 Spayudac. Téte B2 & Ao-

yog 1OV kepaxAaiwv fTO T MNéoa xepdAala KaTEBEGEV EKa-

0T0g GPYIKAC |
240) Ao xepdiaia Biapépouv kata 3000 dpayudag. To &v

£E aUTG®V Toxilouevov mpoc 4°/, ¢pépel kat Etog 1OV abTOV TO-

xov, 1OV &dmolov Pépel 16 &AAo kepdAalov elg Ev Etrog ToxkiLo-
uevov mpog 6°/,. Na ebpeBodv 1a kepdrala.

241) 'Ex d0o kepaiaiowv, ta omola £rd6wilé T1g TPOg 5%,
kal 7°/,, EAGuPavev &tfolov Tb6kOV 2580 Spaypdag. 'Eav &vih-
Axooe Ta £miTdkia, © Tékog oUtog Ba ndfavero kata 120 dpa-
xud&g. Na e0peBolv 1a kepdArala.

242) KepdAaiov 12000 Spayudv tokilbuevov mpog £°/, kal
kep&Aaiov 6000 dpayudv tokiLéuevov mpog &' °/, ¢pépouv Spod
ttnoiwg 1é6xov 1380 dpayudg. 'Eav duwg 10 mp&Tov KEPGATLOV
toxto0ff mpog (e+1)°/, xal 10 dediepov mpog ('—1)°/, § da-
popd TOV 16KV Kat £tog Ba elval 720 dpaypal. Na ebpeBolyv
& dmtdkia £ Kai €°.

243) Kep&ratov 6000 dpayu®v toxiléuevov mpog 4,5°/, &mi
1 E1n kai kep&Aaiov 8000 Spaxudv Toxilbéuevov mpdg 5,5°/, &mi
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' €1n ¢épouvv duod tékov 2300 dpaxuds. ‘Eav Suwc ol Xpbvot
évnAA&ooovro, & TéKOG TV BlO kKeparaliwv B8& Hro 1960 Bpa-
xual. Na edpeBolv ol xpdvor T kai 1.

ZT'. 244) Avo &vBpwmol &méxouvy &’ &AARA @V 40 XtALope
tpa. 'Edv dvaywpioouv tavtoxpdvwg Babifovieg mpdg &vridé-
Toug BlevBivoslg, B8& cuvavinBodv petd 3 Spag. "Eav Sueg a-
Bloovv mpodg TRV abriv BievBuvolv, B& cuvavinBodv uera 15
Spag. Na eOpedfi f§) Taxving éx&otou. :

245) Abo &vBpwmol dméxouv &n’ &AAAA@V 40 yiASuETpa.
"Exkivodv tavtoyxpdvwg tpéxovieg mpdc &vriBéToucg SiLevBbvosg
kal ovvavidvratr elg &néoraocitv 22 yAopétpwv &mo THg 86
OEWG, &no v Omolav é€ekivnoev & elc. "Eav & TaxOTeEpog ETPEYE :
kata 1 xihbuerpov v Hpav dAitydrepov, & B¢ BpabiTepog
Etpexe kata 1 xiAibuetpov v Opav mepicodtepov, Ba cuvhy-
t@vto elg 10 péoov 1Tfig &mootrdoewg. Na £0pedf 7 TaxoTng
éx&oTou.

246) Ta _‘g— uag amooraoewmg Sraviel elg elg 4 Hpac. 'Edv

Bpuwg M) taxdIng tou EAaTtwBf] kata 2 yiAbustpa TV Hpav, &

«  Buavidoq SAbékAnpov v &ndoraolv elg 7—;— Spag. Na e0pedi §
| anooTaolg kal 1 TayxdIng.

247) Elg, 4900 Bifvuoe 1 fuiov évag Spduouvu, EdinAacia-

OEV EMELTa TNV TaxLINTa tou Kal 001w BiRvuoev BAov 1dv Bpd-

:
3
:
A
;
)
F
3
§
i

uov elg 10% ¢ Hpag. Kata v émotpoerv touv ni&noe v
GpXlknv 1ou TaxlInTa kata 1 ytAtdpetpov tRv dpav. Obtw &2
Bifjvuoe tov IBlov Bpbuov el 12 Hpag. Na eOpebij o ufikog Tod
dpouou, d©¢ kai ) Taxbng 100 ddowmdpou.

Z’. 248) 'Avepel€é g 7 xtAibypauua olvomvedbuatog petd
6 XxtAloypdupwv olvomveduatog Biapbpouv PBaxBuod xai EAaPe
uetypa 18°. 'Eav Spwg &vepelyvuev 9 yilidypapua to0 mpd-
Tou olvomvebuatog pueta 4 yiAloypauuwy 100 dSevtépou, 8a éAGu-
pave pelyua 16°. [Nolog elvar 6 BaBudg 100 mpdrou kal Tolog 4
6 100 Bevutépou olvomvebuatog ; ‘
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5 249) 'Avéusifé Tic 16 ypappdpia xpvood ust’ &Akwv 7
. ypauupaplwv xpuood diagépou Pabuod kaBapdinrog kali EAafe
%@&pa B. x. 0,84" £&v &vepelyvue 5 ypappdapia €k 1ol MPp®OTOU
. xal 18 ypouudpiax £k tod devtépou, 6 B. k. TOD véou Kpaua-
m 8a fro 0,86. Tllolog elvar & B. k. &k&otov TOV &PXIKBV
- KpEPETOV ;
250) Kpaua &mnd yaAkdv kal oidnpov Luyilel 108 y1Ai6-
ypaupx® Stav & elval €vidg tod OBatog, y&vel amwo 16 Papog
tov 13 A ypapua. Méoa yiAdypauppa £E &éxkaotov TOV HE-
. @AA®V TOUT@V UM&p)ouVv elc 16 xpGua avtd, dtav yvwpllo-
-:‘ gev, 811 9 yhibypappa xaAikod kai 8 yiAdypapua oibfpov X&-
. youv £vioc ToD Odatog &mo 1 yiAbypappov;
= 251) Kp&ua &md ubAuBdov xal Yeuddpyupov, 16 Omolov
. fuyiZai 149 i Adypaupa, xaver &vidg 1ol 08atog 18 YLAL6-
ypaupa. MNéoa ythdypapua 2§ &éx&otov TRV HETAAA®V TOU-
1oy Ondpyxouv elc 1d xp&ua adtéd, tav yvwpllopey, &t 115
yAdypappax poAOBdouv xai 6,75 ythbypaupa Yeudapylpou
. yavouv &vidg 1ol Gdatog and 1 xitAbypapuov:
252) AlBoc cuvdedepévog pué ¢eAAov clopeitar €vidg 100
B8atog. To B8hov Bapog 1ol obdparog adtod elvar 115 xiAis-
yoaupa. To eldixdv B&pog 1ol AlBou elvar 3 kal 100 ¢eArod
0.24. INégov elvar 16 B&apog 10D AlBou kai mbéoov 16 B&pog T0D
$EANOD ;

253) Kpaua &méd xpuodv kai &pyuvpov, 16 Omolov CuylleL
375 ypauudpia, Luyilel évrog 10D Gdatog 350 ypauuapia. Méoa
ypauudpia xpuood kal méoa ypauudpia &pyOpov Om&pyouv
elec 16 kp&uax, 8tav elvat yvootdy, §tu 16 €eldikdv Papog 10D
xpuvood elvat 19,5 xai 100 &pyOpouv 10,5

ol

Gl o b

254) "Amd T &xpax poxAod kpépavial dbo copata Luyl-
fovra 6uolb 42 yxiAbypaupa. Ta phnxkn 1@V poyAoBpayiévav
£€xouv Adyov % Na ebpebfj 10 Bapog ék&otou gOUATOC.

H’'. 255) Tod &Bpoioua tpitdv &piBudv elval 60. To &Bpot-
opa t@®v Blo mpdrwv loodral put tov tpltov. To B¢ &Bpoloua

“ Wnoiono)Bnke amoé 1o ivotirouto EkmaiSeuTikrg MoAmkrg



144

00 mMpdTov Kal ToD tpitov looDral yé 16 BimA&oiov ToD Bey-
Tépov. Na e0peBobv ol 1peic obtorL &piBuoi.

256) Na e0peBoDv 1peic &piBuol toloDtoL, Hote 16 BimAd
gov 100 MpdTou kal & debrepog va Exouv &Bpoiopa 85. T &
TA&olov 100 Sevtépou kal & tpitog va Exovv &Bpoioua 65. Té
8¢ BimA&olov tol Tpitou kal & MpdTOog va Exouv &Bpoilocua 60

257) Tpelg &piBuoi Exouvv &Bpoioua 150. Eav dLatpéowuey
oV Bebtepov Bid ToD mMpdTou, AauP&vouev mnAikov 2, £dv BE
Blalpéowuev toVv TpiTOoV BLd TOD deutépouv, AauBavouev mnhixoy
1 xai Oméhoimov 25. Na eOpeBodv ol tpeic obtol &piBuoi.

e boe s Lot i e

258) Na eOpeBolv 1peic &piBuoi totolDrol, SHote, &v TMPoo-
Btowuev elg Exaotov £€ alT®V 16 BimAdolov 100 &Bpolouatog
TV B0o &AAwvV, v& AdBwuev &vrtiotolywe Tovcg 29, 27, 24. |

259) Na& e0peBf tpynorlog &piBusdg toloDtog, HoTe 18 &Bpot-
oua T@v ynolov adtod va elvar 17. Té ynolov 1OV Exkatovia:
v va elval tetpanidoiov 100 Ynolov TV Sex&dov. "Eav Bé
& ymola adTod ypagpodv kat’ &vriotpogov T&ELY, va TpoxKOTIY
GptBudc puikpdtepog katda 99. ;

260) INatip TIc &ofixke meplovoiav 258300 Spaxud®v xal
Optoev, fva Biaveundfj adtn el ta 1pia Tékva Tou e&lg uépn
dvaroya 1®v AAkidv, Tag dmolag B& Exouv petra 2 Ern. Elva
8¢ tabra ofjuepov 9, 11 kal 13 &tdv. N& e0pedff 16 pepidioy
éx&oTou.

261) Tpelg &delgoi fi@ehov va &yop&oouvv &ypdv. ME Tde
Bpaxp&g, tag dmoiag elxev & mpdtog kal pe 1d Huiov 1OV bpa.
Xu&v 1@v 8bo GAAwv B8a Rd0vavro va dyopdoouv &ypov &Elag
12700 dpaxudv. Mé tag dpayudag 100 deuTépou Kai pui 16 fjutou
TV Spaxudv T@v dvo &GAAwv B84 Nydpalov &ypodv &flac 13400
dpaxudv. Me tag dpayudg 8¢ 100 Tpitou kKai UE TO Tjpuiou THY
Spaxudv 1@v dlo &AAwv B& fydpalov &ypdv 14700 dpayudv.
[Méoag Bpayuag elxev & kabeig &BeAgdqg ;

262) Ex 1p1&v ¢iAwv elnev 6 mpdtog elc todg Blo &AAOULG :
"Eav &mo tag dpaxudg, tag dmolag Exere ol Vo oac, uodD do-
oete 40 dpaxudg, 8a Exw T6TE TPiMAaclag dpayxuag &uod Soag
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8a o&g usivouv. "O Bedrepog &mAvinoev: 'Eav oelg pod ddoete
33 dpayudg, 8a Exw tetpamAaciag &mé Soag 8& o&g peivouv.
‘D 52 tpitog elmev: Eav oseig uol Sdoere 43 dpayudg, Ba
. &y meviamAaolag &mo tag Bixkdg ocag. [1éoag dpayudag elyev
: ERXOTOC ;

263) Aefauevny Tic yepllar Sia tpdv kpouvdv. Ol 8o
§ mpodToL TV yeuifovv duod elg 4 Hpag, kal ol dbo terevialol £lg
! 5 &pag, & B2 mpdrog pera 100 tTpltov elg 6 dpag. Elg nboag
dpag 8& yeulon Exaotog Kpouvodg TNV Befaueviv;

264) “Ilva éxteAécouv Epyov Ti, ypetdlovtat ol pév A kai
B 6uod 12 &pag, ol 82 B xal ' duod 20 &pag, ol 3¢ I' kal A
duod 15 dpacg. MNéoag dpag yxperaletal EkaoTog TOVTWY dia 1O
ad1d Epyov kal méoag Siot duob;

©’ 265) To &Bpoioua TOGV TAELPOV Tpiydvou &va dvo elval
19 pétpa, 23 pétpa kal 21 pétpa. Na eOpedff 16 ufjkog éka-
OTNC MAELPEC.

s o d N

266) Elg tpiywvov pla 1V yowvidv adtod elval 65°, ©) d&
Slagopa TV d0o &AAwv elvar 39° lMbowv upolpdv elvar Exa-
grn 1OV do GAAY YyOVIOV;

267) Elc tpiywvov ABIT 16 &6poloua tfic £E€@1EpLkiic Y-
. viag [ xal thig A elvar 115°, 16 8¢ &Bpotopa Tfig Blag éfwTe-
. pikfic yoviag xal tfic B elvar 125°. lMéowv polpdv elval Ek&on
| t®v yovidv 1ol tpiydvou aldtod;

268) Eig tetpamAsupoyv, £av mpooBéowmuev TAg MAEUP&ES TOU
&va tpelg, O& Exoucev &Bpolopata 129 p., 136 p., 145 p. kai
154 p. Na edpebij 16 pfikoc ékdoing mAevpdg adTol.

TR

269) "Eav ad&ndfj kata 2 pérpa 7§ Baoig dpBoywviov, 10 Be
Oyog adtol ZAattwd] kata 3 uétpa, f) émepdaveia adtol £Aat-
ToDtal kata 41 terpay. pérpa, £av 6&8 ab&ndfj | Paoig adtod
kata 3 ufipa kal EAattdfj 16 JYog kata 2, §| émpaveia abfa-
vVeEL kata 24 tetpay. pérpa. ZnroOviat 1| Baoig kal 10 Oyog 10D
dpBoywviouv. ("H &moaveia 100 dpBoywviov Exel t60a TETPOy.
pétpa, Soag yovadag Exel 10 yivéuevov 1dHv dGo &plBudv, oi-
Tiveg ékppdlovv mdoa uétpa Exel 1| Bdoig kal méoa 16 Gyog).

10

Ry A e YRR L p R e

R i
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270) "H B&oig loookerolcg tpiydvou elval kata 8 pétpa pi-
kpotépa 100 &Bpolouatoc v 8o &GAAwv lowv TAsLp BV adtol
‘ Kal kata 1 pérpov uikpotépa TAg UtE&e ToOT®V. N& e0pefody
ai mAsvpal Tol Tprydvou.
I". 271) Abo &piBuoi Exovv &Bpolopa o kai mnAikov . N&
e0OpeBolv ol &plBuoi obTolL.
272) AVo &piBuol Exovv diagopav o kal mniikov o. Na &b
peBolv ol &piBpoli obtoL.

’ 5 = o g 1 == :
273) Abo &pLBpoi elvar tolodtol, doTe TO —5~ To0 mpdtou

looDtat p& v Siagopav 1ol &ptBpod B &nd 10D dsutépou, 10
Bé—,—;— 100 deutépou looltar pé v diagopav Tod &piBuoh a
amd 1ol mpdTou. Na eOpeBodv ol &piBuol oltol.

274) ‘H diagopa d0o kepaAainv elvar a. 'Eav 16 usyaki-
TEpOV TOKLOBT} Tpdg £°/, kal 10 uikpdtepov mpdg €° 2/, ol TOKOL
abt®v kat' €rog B4 elval Tool. Na& edpeBodv T& KepdAaia alTh-

275) Al tpeig ywvialr tpiydvou elval &vaioyor 1Hv &pi-
Budv a, B, y. lNbéowv uoipdv elval ékdotn yovia adtod;

276) 'Eav dimAaoiaoBfi 1| Bdoig dpboywviouv Ttivég, ERar-
Tbf 82 16 UYPog katax 2 pérpa, 16 EuBaddv altol div PBA&-
mretal. Na e0pebfj 16 SPog 100 SpBoywviou alitod.

Adcig viceTATWY.

118. "H &wiodétng x>5 &AnBeder 8" 8Aag Tag tipdg 100 X
al émolar elvat peyaldtepar 1ol 5. 'H &viobding ¢ << — 4 bév
&AnBeler B1" oOBeulav Tipfv 100 Y. ALSTL TO TETPAY® VOV TQVIOG
&p1Buod elvar BeTikdg &ptBudc. Q¢ 82 yvowpilopev, &g DeTikdg
&piBuodg elval ueyaldtepog mavidgc &pvnrikoD &piBuod. ‘H B
avigdtng 5¢*>=3¢9* &Anbeder 81’ olavdfimote Tiunv 10D ¢. A6TL
mavrote 5 teTpdynva 100 ¢ elval peyallrepa &nd ta 3 teTpl-
yova 1ol ¢. “Qote piax &viodtng, tfic dnolag ta péAn, €ktog
OV oplopévev &plBudv, Exovv ypauuarta, dOvartat va &Arn-
el fj 8" SAag Tag Tipdg TOV ypapudtwv ) dia pepikag pdvov
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5 xai B ovdeulav. Téte T&a ypaupuatax Aéyovial dyvworos Tig

. dviocdTnTOoG.

119. Al yevixal &iétnteg (§ 94) 10@v tElodoewv &AnBebouv

- xai el Tag &vigdTnTrag, 1@V Snolwv T& péAn Exouvv ypauuaTx
:..,j&yvmotcx kal &mwobeikvOovral duolwg. Mbvov mpéme, drav 6
" molAamAaolactig fi & Biaipétng elvar &pvnrikdg &pBudg, va
L avTioTpépopuev TNV &vigdInia.

120. 'Avigdtng mpd@Tou PBaxBuod. Avoilg xOThG.—'H &wvi-

L o61ng 5x>>18—x. 7 dmola PBAémouev, 81L mepLExel Eva &yve-

" gtov, 1ov X, elg 1oV mMpdrov Pabudbdv, elval wpdrov Pabuod.
| ‘Opolwg mpdTtov PBabuod elvar xal f &wiading dy <y—15.
' evik®g B &viodtng mpdrtou PaBuod Afyerar 7 &viodtng, N

dmola mepiéxel Eva &yvoortov el TV mpdtov PBabudv, fitol
dviodtng TAS popdfic ax=>p ({ ax <B).

1) "Eotw ¥} &viocding
3%

LI ORI, S S L

E 3
[MoAAamAcoldlopuev Ta do uéAn tfic &vicétntrog &mi 10 yLvoue-

- vov 4.3 xal Aaup&vouev

E
+

i3
>

9x+-96= 4x—+156.

Katémyv ywplilopev tovg yvwotodg dpoug amod 1dHV &yvOoT®V,
dntéte evplokopey

9y —4x>=>156—96 A 5y = 60.
‘Eav 8% téhoc Diaxipftowpsv ta péAn adtfc did 5, eUplokopev

L x> 12. "Qore §) doBeloa &Gvicding &Anbeder pbdvov, 8tav & &pi-
8uog x elval peyaAitepog 100 12. "Hrol EAboapev v &viodtnra.

2) IMotot elval ol &xépaiot &piBuol, ol dmolol émaAinBebouvy

. ouyXpPOVECE TAg KaTwTépw dlo &viodTNTag

3x—2=y—12

Sy—4-4
_____X2 <x-+10;
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"Ex tfic mpdTNg &vicdtnrog edpiokopey
3x—x=>2—12
2x>=>—10
N
ftol ol &xépatot &piBuol, ol émolol émainBediouv THV avigdtyia
qutqv elvar ol —4,—3,—2,—1,0, 1, 2, 3, 4, 5, 6, KTA. {1
"Ex 8¢ tfig devtépag evplokouev
5x+4 <2120
S5x—2x <<20—4
3x <16
X<5 == )
fitoL oi &xépatot &piBuoli, ol dmolol émainBebouv TRV &viootnia

autnv elvat ot 5,4, 3,2,1,0,—1,—2,—3,—4.—5 x7A. {2)
“Qote €k 1fig AOOE®G TOV Bvo &vicotTATV elpousv

e e T]

Ol Znrodpuevol Aoimodv axépaiot &plBuol, ¢ kal ék TGV oepdy
(1) kai (2) ¢paivetal, elvar ol

—4,—3,—2,—1,0,1,2,3,4,5

Znpueiwois. Ex 10V &votépw PAémousv, 8t 1§ Adow
TV GVicoTNTY yivetal katd 1oV (dlov TpdTov, ué Tov Smolov
yivetal kal 1) Aboic 1dv éEloboemv.

‘Aoxnoees.

277) Na AvBolv ai &aviodtntec

3 2% - X—4 —
b awi=on g 2k cep B Se v

e x+23 o T G X1+
2) 7 R e 4) 3 2= =
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278) Na& ebpeBolv ol &xépaiot &piBuol, ol émolot émalAn-
gevovv &dugotépag Tag &viodInTag
Bls o sz

6

1 1 1

279) ‘Opolwg va eOpeBodv ol axépatot &piBuoi, ol omoloL
tnaAnBebouy Gugotépag Tag &viodIniag
4x—11 LR
s

280) Na £0peBoDv ol &piBuol, ol dmolol émaAinBebovy &upo-
itpag Tag aviodinrTag

PR Y0 Rl Sebd. a—By
S A 9. 5 3.

281) Na eVpeBoibv ol &ptBuol, ol émolol émainbebouv augo-
tépag Tag &viooInTag

7x—15>27—7x

S f o i ax—12>-2-(x+7).
282) 'EpwinBeic 1i¢ mMéowv E€1dv elval, &mexkpldn dg &€fc:

'Eav &ano rd—%— abt&dv &palpéong tov 7, ebpiokelg OméAoimov

ueyahOtepov 100 4. 'Eav B& elg 10 ——;— abT®v mpoobBiang ToOV
1, edplokeig &Bpoioua peyaAltepov Tfig diagopdg 1ol 4 &mo

1@ fuion adtdv. Metafd ndéoov é1dv kupalvetol f RAkia Tou;
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EZIZQZEIZ TOY AEYTEPOY BAOMOY

KEDAAAION |
"Acbupetpor apidpei.

121. "O &p1Buédg, 100 dmoiov 16 TETpaywvov elvar 4, elvar
6 2 (2°=4). "O 8¢ &p1Budg, 100 dmolov & xOBocg elvar 27, elvar
4 3 (3°=27). "AAA& nolog elvatr & &pBudg, 10D Gmolou 16 e
Tpaywvov {coDtal pg 2 ;

"Eneidn 1"—1 xat 2°—4, Enerar &t oUbeic &xépaiog dapr
Buodc OTapyeL, ToD dmolov 1 TeTpdywvov looDTal pé 2. "AAN" &¢ |
Bwpev pmwg ON&PYEL KAQOUGTIKOG &plBuédc. "Ag dexOOuev &,

&1L Omapyet TololG10¢ KAaouatikdg &piBudg, T.X. 6%. "Eogte

8¢ 10 KAdoua %dvdymyov, fitot 811 ol SporL Tou Biv Exouv

Kavéva kKolvov mapayovia. “AAAa téte B4& ETVCH(—-E—),zz.

2
ftot o =2' §| lodtng B abtn Ddekvos, 8t 16 «?, fjTot T

a.a, gIVGL Siaipetov dia tob B2, fjtot did 100 PB.P xai BT Té WY
Alkov Tfic Biaipfoemg Tadtng £lvatr 2. "AAXN" iva 10 yivouevoy
a.a elvat diatpetdv dia 100 B.B, mpénel xai &pkel TO yivouE-
vov 100 a.a va mepiéyn To0¢ mapayoviag 1ol B.B, fjtoL 10 o va

mepLEX ToUg mapdyoviag 1ol PB. "AAX' fuelc yvopilouev, 81
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~ ol épBuol o xai B d&v Exouv xavéva koilvov mapdyovia. "Qote
- 1 a® B2v elven Suvardv va Buapfital dia 100 P’ "Apa obte
| xhaouaTikdg &plBudg OWapyel, oD émolou TO TETPAYy®VOV V&
© looDrat peE 2.

‘Opolwg &nodeikvietal, &1L olite &képaiog olte xAaouatl-
x0¢ &piBudg Omapyel, 100 dmoiov 16 TETPAYwWvOV §i & kOPoC

xtA. v& elvar Toov pé tov &pibudv 10.

BAémouev Aowndv, 81t 10 oclomnua THV dxepaiov kai 1OV
aopaTik®v plfudv (1®v BeTik®v Kol 1OV dpvnuikdv &pt-

. Budv) B&v BOvatal va Avon InthuaTta, OC T& TpoTyoLUEva.

AAAa xaBdg, Bia va xataotioouev v dialpeoly mav-

. t01e Buvarnv, slonydayoupev véoug &piBuolg, TOUC KAQOoUQTL-
. %00g, xai dia va& xataotiowuey duoiwg duvathv v &palpeotv.

elonyayouev toUcg &pvnrikodg &piBuodlg, olitw, dia 1& KaXTaotn-

. g@uev duvarnv TNV Adoly T®V Innuarev t1d@v duoclov Tpdg Ta
. mponpyolueva, 8a sloayayouev véoug &piBuodg, pug Ty Tpolins-

Begwv Spwg, 5Tt Ba BiarnpnBodv, dc¢ mavrote, oi véuolr 1BV
ap&fewv dvariolioToL.

122. "AcOppetpol GplOpoi.—Aia va efpwuev 100g vEOUG
adtovc &piBuolc, mapatnpoduev Ta £€fg. &g axépaiog &pt-

£ Buéc, &g m.x. 6 5, &noteAsital &nd dOpiopévov ATBog dxkepaiwv

! povabav. "Ouolwg xal &g KAaopuaTtikog GptBudsg, dg m.x. 6 —i— 5

. GamoteAsital &wo  oploutvov mATBog kKAaopuaTik®v povadov

fowv ué hl“. TAAAG &AMy yvopilopev, 811 &g dképaiog fj KAx-

4
opaTikoc GpitBudg dovaral va fpcx'nﬁ glc BexkadikdV’
u Lo Mg e S
- A W

‘AAAa mAslotx THV kov@®V KAaoupdtev, Stav tpanodv elg de-
xadikda, Tpémovral elg mepodik&, fitol tpémovial elg &piBuodc,
ol 6motor Eyouv &melpa dexkadika Yynola, ta dmola &nd TLVOG
xal £9pe€fic émavaiaupavovial dBlapk®g & Bia xal pe v ab-
v 1@y’

wx. L —0.636363 . ... .. ;o Ae0,162162162 ¢ 1 .cii -
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"AAN &@oD Bexdueda, 81l Enelpor 1O TMARBog Sexabixsl
Hovadeg &GmoteAolv &plBudv, Stav 1& Ynelia, diad TOv émoler
ypagpovial, Exouv Ty &¢ dvwtépw T&Elv, TimMoTE BEV P& éune
bilel va dexOduev, 81t &moterolv &plBudv kai &wetpot 18 WAF
Bog dexadikal povadeg (Betikal fj dpvnrikai), Eotw kal &v ypé
Pwvial gt olaxdnimote yYnola, &pkel 10 &Bpoloua TGV &nelpey
TOOTWYV OUoEBAVY uyovabwyv va elvarl uikpdtepov dxkepalou Tvic
opoetdodg. Oftw 10 &mewpov mAfRBoc 1,41412135624 . . ., 100
émolov 16 G&Bpoiopa TAOV &mnelpov povadov elvar mpopavde
uikpdTEpOov 100 2, BeEwpolpev &g &plBudv. Elvar 82 obrog dia
Popog 1AV arkepalwv kKal T®V KAaopatik®v &plBudv. Aldt, &
fito Toog pé &xépaiov, B& Erpémetro elg Bexadikdv, & Smolel
8a elyev Oploptvov &piBuodv ynoiwv. "Av B2 fjto (oog pé kA&
oux, tolto 8a Zipémeto elg Sexkadikdv, 1o dmolov §j kai Tolw
B elxev dpiopévov &pBuodv Ynolov 7, &v elxev &neipa Ymela.
8a floav mepLodikda.

Ol &piBuol, ol dmolot, 8tav Tpénwvial elg Bexadikoic, Exouy
anelpa dexadika Ynepia un meplodikd, Afyovrar dovuuergok
Ipog Biaxpiotv 88 ol &képaiot xal ol kAaouatikol &piBuol Aé
YOovVial cUKKETQOL.

123, Tevikdg Oplopdg 100 GpLlOPoD.— Katémiv 1oV ave-
TEPW O &plBpog opiletal d¢ £&fg: AoiPuds Aéyerar zd ovvolor?
Suoctddy Senadixndy uovddowyv dotouévov mArjFove H »nal dxeipov.

124. ’lodétng Kai &viocdTng TOV BETIK®V &pBudv.— 0
&pLBuog 2,1345 mepiéxel, dg BAEémopev, SAag 1dg povadag ted
&ptBuod 2,134 xal &GAAag &xdun. Elvar Aoimov peyaAiOtepos
100 devtépou. "Qote: Eig dotPuds Aéyerar ueyalvizspooc dAldov,
6ray Exp Slag tds povddas avrod xal dAlac d»dun.

"Eav #idn 8sAjowuev va ovykpivouev to0g &piBuotic 1 kal
0,9999..., 8a mapatnprlowuey, 81t T&S &xépalog fj KAQORATIKOS
&plBudc pikpdtepog 100 Evog €€ avt®v elval pikpdTepog Kai
100 &AAovu. Zuvayouev Aotmdv, 81t ol &piBuol obtol elval Tool
“Qote: Avo dorPuol Afyovzar loot, Sray wds dotPudc (dxéoaios fi
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xlacmazinds), Sotic slvar uixpdregoc toU £&vdg, slvar uixpdregog
xal vo¥ didow.

Kata ta dveotépw Aowmdv ol &pibuol 3,146 kal 3,145999...
elvar Toot, ¢v® ol &pBuol 3,146... kai 3,148... elvat &vioo,
U olabfmote kal &v elval 1& &AAa Bdexadika yYnola avtdv: elval
| 8% & mpBTOg uikpbTEPOG TOD BeELTEPOUL.

Hagazrignots. Kal peta v eloaywynyv 16V véov ab-
10V GpiBudv, fjtol Td®V dovupétpwyv, ol dpiopyol 1OV TECOGPWYV
mpafe@v pévouv ol adtol. "Amodelkvietal 8¢, &1t BAal al mpa-
teig elval duvatal kal 61t al &pyikal BiénTeEg 1OV duVvapEWY
Siatnpolvrat. "Enlong &modeikvieTral, 811 m&g Betikdg &plBuog
elval kai TeETpaywvov &AAou &piBuold kal xOPog kal T1eETGPIN
Blvapulgc &AAoU KTA.

Kata v éktéAeowv tdv mpafewv énl t&v &ouvppétpwv
apiBudv, cuviBweg diatnpoluev dAlya dexkadika Ynoela adtdv
xal Soa yper&lovral did va EYuEeV IKkavoTolnTiknyv mpoofyyl-
gwv. Ta 82 Aowmta mmapalAeimouev. 'Ev to0to1g OTt&pyouv pébobdot,
bid t@v dmoliwv Exterobvral al mpd&ieig énl 1OV dovppftpwyv
oUVTOUOTEPOV. TalTag 58 Ba IBwupev KATWTEPW.

Znpeiwoits. Ata tic eloaywyfic T®@v &dovupuéipov apt-
Bubv yivetralL duvarn kal 17 pérpnoig mwaong edbelag ypapufig,
éx 1fic dmolag (peTprfioEmc) MpokiMTEL GpiBudg cbuuetpog fj &odu-
UETPOG.

Mespi pilov.

: 125. ‘Opiropoi.—'Eneidn 6 4 elval tetpaywvov 100 2, 6 2
Atyetal tETpay@vikn plla 1ol 4. Kal éneldn 27=3° &6 3 Afye-
tar tpitn | xuPkn plla 100 27" kal &nmedn 625=>5*%, & 5 Afyetal

L 1etdpIn plla ToD 625" yevikdg BE, fav a = pB*, 6 B Aéyetal
woo ) pllax 100 o. “Qote : Mvoorn eila doPévroc doPuot Aé-

- yetar 6 dotPuds, 6 Smolog, Vwovuevos els v u vvauwy, Sidec
oy dodévza.

u

‘H puootn pifa 100 a moplotaralr pg 10 obufolov V_?

ety o
‘Qote, 2av a = B*, 8a elvar B=V a. Td oOuBolrov | Aéyetal
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otlexdy, & n delxznc 1fic pllng xai 6 &pBudg, & dmolog UMap-
XEL OO 10 pllikdv, Aéyetal dmdeetlor: 1) 62 plla tfig devtépac
1&€ewg, fitol 1) TeTpaywviky pila, ypdeetar cuvABwg &veu Ttol
belktouv 2 dg £Efg: Va, Va, \/_B—y KTA.
By
Etdopev 811, €adv a=p*, 8x elvalr B=V a. “Qote § mpdm

£ u it
lodtng ypaopetal a= (V a). "AAAa kal V at—=a, katd tov dpi-

SN s e
oudv. “Qote elval (\/—0() =V at.

126. Pifal &ptixg T&E€ewc.—"Eotw, 811 BéAopev va elipw-

4
puev v V 16 § thv V 16. "AAN’ &nedy
4.4—16 xai (—4).(—4)=186,
Emetal, 811 6 16 Exel do TeETpaywvikag pilag &viiBétoug, TAS
—+4 kal —4. Ip&gopev 82 TadTag cuviduwe dg &Efc V 16—=14.
‘Opoiwg, &neldn
2.2.2.2=16 kal (—2).(—2).(—2).(—2)=16,
Emetal, 811 6 16 Exer Bdvo TeETGprag pilag &vTiBétoug, Ttag 2
4
kal —2, fitot elvalr V16=+2.
4
"AMG ¥V —16  V—16 Bév Omapyel. Kai mp&ypatt, St
m&y TETpdywvov kal Yevik®¢ nm&oa bdOvaulg &ptiag Tt&€ewg
elvat BeTikf. Zvvayouev Aowndy, &1L :
1) Iag Pevirndg dotPuds Exer dvo pllac £xdorng doriag td-
Eewe, al 6motac elvar dvzlderoc.
2) Oi dovnuixol dorPuol 8&v Exovy gilas deorias rdfesws.

"Emeldn

127. PifatL mepLrTiig T&EE®C.
2.2.2=8 «kal (—2).(—2).(—2)=——8
3

3
Enetal, &1L \/_§=2 kai V —8=—2.
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5
‘Opolowg elvar V32=2, &6t 2:==32,
5
xal V —32=—2, &é611 (—2)*=—32.
Zuvayouev Aowmdv, Sti:

Iéag dotPuds Exee pwlay gifav é&xdoins megirris vdfews xai
elvar atizn Pezinr), édv 6 dotPuds slvar Ferunds. "Edav Sucwg 6

- dgePuds elvar dovnrinds, 17 ella elvar dovnrixij.

Piler TGOV axcpxinv epidpdv.

128. Eig v § 121 &uebdeifapev, 811 6 &piBpog 2, 6 dmolog
Beév elval tetp&ywvov &xepaiovu, dev elval tetpé&ywvov odbe
kA&opatog” toOto BE onualver, &1L 1 R N omola &&v elvan &xé-
patog &piBudg, elvar &piBudg &odupetrpog. Katd tdv (diov &&
tpbmov amodeikviOetatl, 8t ol dxépaior doruol EFxouv pllag #
dxezpalovs dotPuovs ) dovuuéroovs, oddénore 82 nidouaza.

129. El¢ v &pBunuixnv (§ 282) eidopuev, 811, {va elg axé-
patog d&pBudg Exn TETpaywvikfv pilav &xpiffi (dnhadn &xé-
patov &pBudv), mpénel kal dpkel ol ékBétal 1OV MpdrOV Tapa-
yoviov avtod va diaipodvrtal Aot did 2. "Ouoiwg &modeikvie-
Tat, 8t Tva elg &xépalog &plBuodcg £xn tpitnv, TeTd&pinv Kal ye-
vik®¢ pvoothv pllav &xpPBfi, mpémel kal &pkel ol éxBétal AV
MpOTwY Mapaydviwv adtol va diaipobvratl Aol &ia 3, 4 kal
YEVIKGOC D .

Oltwg & &piBudg 2°.3** Exel Tetpaywviknv pilav &xépaiov
&pBudv, tov 2°.3°%, Tplinv pllav Tdv &pBudv 22.3* xai Extnv
HiCory ©ov 2.32.

130. "Eav a*=—p*, énmov a kai B &piBuol Betixoi, fjtoi, &av
ac.a.ac.c.ca=85.B.B.B.B. elvalr pavepdv, 861t B8& elvalr kal a=P.
ALdéT, £av O a Tjto Siapopog 10D B, fitol Eav a=~B, elval pavepdy,
&1L 8a& fto kal a.a = B.B ktA. "Emnopéveg B8& Enpene kal t&
ywbueva a.a.a.a.c kal B.B.B.B.p va fjoav diagopa. *AAN’ fjueilc
yvopifopev, 8t elval loa, Hote elval kai a=§.
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[evik®g B¢, Eav a = B* , mov u elval dxépatog BeTikdg &pt-
6udeg, Ba elval kal a=p. Katémiv 1o0toL eOkdAwc Emetal 6m,
£av at=p¥, Emov a kai B elvar dubonuot &piBuoi, B& elvan
Kol a-—p.

KE®AAAION I
DPaviecTixol xxi piyxdes apiduei.

131. 'Opiopoi.— Eldouev, 811 tetpaywviky pila 100 — 16,
®¢ kal maviog &pvntikod &plBuod, BEv Om&pxel, diéTL TWEV TE- |
Tpaywvov elvatr Betikév. ‘Emopévaog, éav BéAwuev Tva kai ol ‘
apvntikol &piBuol Exouvv tetpaywvikiy pilav, elvalr &véayrkn va
TMAGowuev kal va mapadexB@®uev véov Tiva &ptBudv kal toiod- ¢
tov, &Hote 10 TETPpAywvoVv abtol va elvat — 1. Tév &piBudv 10d-
Tov, 1oV &molov maploT®uev Bia 100 i kai Sid 1oV dmolov Ba
Exwpev i’=—1, Bewpoduev &¢ véav povéada xai elo&yousev
althv elg 16 obotnua 1OV &pBudv. Met’ adtfic 8¢ elo&yousev
Kai v &vtiBetov adtfic—i. "Hrol dexdueba, &1t

V—1=i, i'=—1 kai (—i)P=——1.
TARN ExTO¢ TOUTYV BeXxbueBa &g &piBuolc kali SAa T& MoAAa-
mAGolx 100 i kal To0—1, O¢ kal 1& pépn adtd®v. Obtw

i =4, (—) (=) (—i) = —3i, o o S =3
fewpodvial g &piBuol.

Al véalL povadeg 1 kal — i Aéyovial @aviactixal kal ol &£
abT®v (kal ol &k TOV uepdV adtdv) dnoteAovuevol &pilBuoi Aé-
yovtal paviacrixol® ai 8¢ malaial 1 kal — 1 mpdg diaxpiotv
Atyovialr moayuatixai xal ol £§ abt®v &piLBuol moayuazixoi.
Qftwg ol mponyolbuevor &piBuol 4i,— 3i,ﬁdval pavraoTikoli.

Ol gpavraotikol kal ol mpaypatikoi &pitBuoi &moteAolv Ev
YEVIK@TEPOV oUOTNUa, elg 10 dmolov Aol ol &pilBuoi yivovrat
&mo tag povadag 1, — 1,1 kal —i kal &mwo T& pépn adrdv
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xal elg 10 Omolov diatnpoldvral (&modeikvieral 52 todto) &ue-
1&PAnToL al dpyikal (Bidtnteg THV Mpaewv.

132. Muy&deg &pBpoi.— O &piBudg 4-+-2i BAémopev, 8t
£x€eL Ev Mpayupatikdv uépog, TOVv &plBudv 4, kai &V paviaoTi-
kOv, 1O 2i, Afyetal B2 Bid tolto meyds. “Qote: Muiydc dotFuds
Aéyexar 8 dowPuds, 6 dmolog dmworedsitar dmd moayuarixdc xal
@aviactixas govddas. Obtwg ol &piBuoi

—344i, 7—5i, —> 2
elvar piyadeg. Kal yevik®dg, puydag &piBpodg elvarl 6 a-+Bi, §mov
ol a xal B elval mpaypaTtikoi &plbuol oloidfmote.
Ao uiyadeg &piBuol Aéyovral foot, Edv TG MpayuaTika
uépn adtd®v elvar loa kai 1& paviaotika loa.
Obtwg, iva €yxwuev
a—+Bi=—y-+-5i,
nipénel va elval a—y xal B—5.
Ao uiydadeg &piBuol Aéyovral cvluyeis, Eav diapipouy pudvov
KaxTd 1o onueiov 100 ¢pavraotikod pépoug adtdv. “OBev ol
5-}-8i, 5—8i
elval ovluyeig pLydadeg.
133. Al mp&Eelg énl 1OV pavixotik®v &plBudv éxtelolv-
Tal 6mwg kal éml TdV Mpaypatik®v' oltwg Exouev:
51+-3i=8i, —4i—7i——11i, —91-+7i=——2i
—10i—(—3i)=—10i-}-3i=—7i, 81—8i=—=0.
"Emniong €xopev:
(—i)(—i)=(—i)=ir=—1
=it i=——1.i=—1i

APl
it i—i

S| S U
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BAémopev Aowmov éx 1OV dverépm, 1L al diadoyikal uva-
pHeElg ToD 1 Bldouv ¢ 2Eaybpsva Tdg povadag i, —1, —i, 1
kal 81t al &ptiar duvauelg 100 1 dBidovv TAC mMpayuaTikdg

uovadag.

'Emlong elvat
41.41=(4i1)*=—=16(—1)=—16
Kol (—4i).(—4i)=(—4i1)*=16(—1)=—16,
£E Qv Emetatl, 81U
V—16 = V 16.(—1)==4i’
fitoL 811 terpaywvixal pllar tdv devnrin®dy dotPudy vndpyovy

xal eivalr paviacsixol doiduol.

"Enlong Exopev:

i e % e B e

—8i:4i— e T =—-—2, 5i: 91— oy
2 == ai"______a st = S
ai? : Bi Bi B 1 : Pi*= B B

Ala tovg piyddag &plBuodg EXOUEV T.X.
(5-+71)+(—3-+2i)=5-}+71i—3-}-2i=2-191
(8—7i)—(2—i1)=—8—7i—2-}i=6—©6i

(3-+-6i). (5-1-8i) = 15-}-24i-}-30i-}-48i* — 15--54i — 48— —33-}-54i.

Zuvayopev 8E &k 1OV Gvorfpe Tmapadsiyudrtov, &1L T&
tEaybueva 1OV TECcOGpV mMp&iewv émi TOV pLyddov &plBudv
elval yevik®g piyadeg &piBuol. To &Bpoilopa Buwg xal 10 yivé-
uevov d0o culvy®dv piyddov &ptBudyv elval &plbuol mpaypa-
Tikoi, d©¢ &E€fic pailvetal:

(4-+9i)+(4—91)=8

xal  (5-4-3i).(5—3i)=25-15i—15i—9i*—25-}-9—=34.
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'"Aoxnoees.
283) Na& eUpeBodv ai k&t pilatl: i
Vag-t{ @ Y56 V—8
V900 =\ —1600 V2025 ' \ 5184
Vi8y 4 Vimay cto V—a s Ve
284) Na ebpebobv al k&twbu pilal:
= e B R L3 i
¥i1=1 V1=0WY37 =3y _27=-2{81
3 37___ 4 > e Vo=
(V8)wg Vo2 V16) o V160, Vo
i
285) N& sOpeBodv ta é€aydueva:
i* < | 3i.51 '/ 61.3i
el o 8i.9i =/ 5V —a
P —8i.4i /-1) iV —25
s (—2iI—3i) ~ / 3iV—64
286) 'Emiong ta
(7-1-8i)4-(9—51)-+(—3i-1-4)
(2--31)-+(5—41)—(11—71)
2(4--10i)+-3(6—5i)4-5(1—2i)
9(5-+-31)+(8—131)-+(15-1+41)
287) 'Emiong &
(2-+7i).(5--31), (8—9i).(9—8i), (11--13i).(11—13i)
(2—5i).(5—9i), (10i-+7).(10i—7), (—4--4i).(5—3i).
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KEDAANAION i

Avveanelg Exovont xixcuxTixov ExBETnv.

1 _
134. Inpaocia THg SUVEHE®WG a¥.— MéxpL ToOBE Eyevi-
keboauev TNV Evvolav Tfig duvauewg elg Todg éxBétacg 1,0 xal
axepaiouvg &pvnrikoc. “Hdn péver va mepitA&Bopev elg tolg
ExBétag kal T00¢ KAaopatikoUg &piBuolg (Betikolc fi &pvn:
TikoUg). Tlpdg 1oD10 Buwg mpémer va éplowpev TRV onuaoiav
T®v duvapey pé éxkBétag xAaopatikolg, Omd Tév Epov, Bt al
dpyikai [BlétnTeEc TAV duvauewyv Ba diatnpnBolv. ‘Enopévag
kal 1§ Bdtne at . a¥ =at+v. (1)
[Nponyovpévweg eldopev, &1, EmMeldn

22—4  elvar V4a=2

3
kai &neldn SE—27 - iVl V27=3"

s P
pa— — —_—t =
dHote Emeldn SE = Ee

(kata TV dvetépw Bidtnta (1), v omolav diatnpobuev), frot
132 1
énELBﬁ(Bz) = 3 mpémneL 10 32 va 6ploblj ©O¢ TETpaywvikn pila
1

100 3, fjtoL mpéner va SpiLoBi, BT 32—\3.

‘Ouolwg £meldn
Ly S
@2 ph2 =9

.5
STl

— 1

T
3-!-

— wl_‘

fjTot £meLdN (2_'})3= 2, MpETEL TO 23 va& dpLoBfy ¢ Tpitn pila

1ol 2, fjtoL mpémeL va OpLobi, 6TL 2}3_=\3f_"2~ Kal yevik&g, dia va

edpwpuev v onuaociav 100 c:“l. 8mouv v elval Betikoc &xképalog

&pLBuég,oxnuatilopyev yivépuevov v tapaydéviwv (cwv pé Cl.‘_},ﬁ'l.‘Ol.
(G R 1

10 Bt lber ok o el
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16 dmolov, xatd TRV dpxikfv (Biétnra(l) v dSnolav Biatnpod-
pev, elvar Toov pe

SRR L G
t = = =+

< |-

X
=4

o = =Cx,

143w 1
fitot EXoUEV (c: "')==cx. "AAAG TtéTE Tpémel 1O a¥ va Opuobfi ©g
1 v

yuootn] plla 100 a, fjtoL mpémel va oOplobf, St a¥ =\ a.
Kata tadra Aowmdv elval
1 3 5 5
273 —\ 27 =3 kal (—32)° =Y —32=—2.
LS 2
135. Inpaoia tfig duvapewg o’ .—"Eote 1§ bovauig 83,
'Eav oxnuatlowuey 10 yivéuevov

Bcd EX@UEV

fitor 8a Exwuev

2
“Qote 18 83 mpénel va dplobfj dg 1) tpltn plla 100 87, fjrol Mpé-
nel v& OpLoBf. St
2 3
83 — V8.
i
‘Opolwg, ¢av Exwpev v dovauly 32° xal oxnuatlowpev T

yivéuevov
4 4 4 4

325.325.325.325 32

L=
5

BAémopev, 1 to0t0 elval Toov ué

325+5 5 B 5 ——324¢.

fitot, 811 elval

(325) =32
11

Wnoiomoi|Bnke amoé 1o ivotirouto EkmaibeuTikrg MoAmkrg



162

[NpémeL Aowmodv va dpiobf, 81t
4 5
a3 =—4 304
-4
‘Opolwg edplokopey, &1L 10 a¥ 8mou u kai v elval Betikol dxé-

patot &piBuoi, mpénel va 6pLobi) ©g 1) vuooty plla 100 a*, fitor
E‘ v
: o \/_cxl" =
Kata tadta Aotmov elval

3 4 e 4 4
811 =VBI =Y 3=V 3"=3* (§ 129).
"EE &Alov, &meldn
: 4 Rt e g
325 —325.325.325.325 = 325) -

4

e e
Emetal, St 2= =(\f3 ) g
5
=\ 38%,

mla.

"Emeldn) 8¢ oploapev, St 32
Enetal, 8t mpénel va elval

(v32) =v3=

Fevik®dg 6¢ mpémet va elval
BAD T Utpes B
(\f—q)_——_—v.ql-l = v

I\u i B
? (‘I")=(G“)"’=ﬂ"- (1)
IHHagpaztrjenois. Katd 1 &votépw Aoimdv elval
3 TS 3,__
1) (\fa)= [ 8*

3 3 2
'Emeldn) 6& V 8 =2, éxol_lev(\/—a) =4. "Emnlong, éneldn

3 3
(8}’:(2’)’: 2%, Exouevy 8*= V 2¢=4.
¢ e i e
2)(\[16) =V\V16%. "AM& V16 = + 2. “Qote elvat

(\4f 1—5)s=(.~t 2)*— + 8.
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'EE &Ahovu elval 16°=(2')'=2'". "Qo1e elvat
4 4
Vi =V 2" =12—=+8.

L) 3 1
3) (V 16) =\ 16%. 'AAA& elg 10 map&derypa To0TO 1O MPA-

tov pérog looDtal p& (£2) =4, &v®d 10 delLTEPOYV uélog lood-
4

4
TaL HE \FTE; — \/_5 = 2—-F4.

'Ex 16V &voTépm AOLTOV Tapadelyparwv BAtmouev, 81 7
loétng (1) d2v elvar terela. Awx va elvar B¢ teleix 1§ lodtng
0T, 8 OToBETUEY TOV &plBudv a MavIoTe BeTikov xal, Stav
A plla elval &priag 1&fewg, éméte Ba Exy dVo Tpag &viiBE-
touc, 8 AauPavouev £§ adtdv O’ SYiv ubvov v BeTiknfv.

136. Pilal T®V &pvnTIK®V &pLopdv TEPLTTN G TEEEWG. —
3 3

"Eneldn V—8=——2 xal —\V8=—2
3 3
Emetal, OT1L \-’F—~8 —_ — \fi
5 5
‘Ouoiwg Exouev V—16=—V\ 16. Tadta ®& o¢avepdvouv, 81t

1ag pllag T®V &pvnukdV &plBUdV MEPLTTAG 1&fewg duvaueba
va 1ag¢ &vayaywpev elg 1ac pllag tfg abtfic TaEewg 1OV BeTL-
KOV aplbudv.
6

137. 'IS16TEG TV pOV.— "Eotw 1 dovaulg 580 Eay

T3V KAaouatikdv ExBETNV adTfig KATAOTHOWUEY &vaywyov, Aau-
: 3
B&vopev AV d0vauly 5%. "Eav fidn Oyoowpev elg v 8nv 8O-
6 3

vauly kal Tag 500 duvéapelg 5° kai 54, Aaupavouev &x Tfig Tpd-

5\s 3\s
ng (55) = 5° kal &k 1fig devtépag (54) = 5% ’'A¢oD Aoimodv

elvat (5%) = (534 )ﬁ

6 3
Enetal, 8t (mapayp. 130) 58 =54

8. 4
frot V5 =\ 5.
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"Qote: "Edv Staipéowusy tov Seixtny tiis ollns xai tdv éxbérny

to0 Ynoggllov did o adrod doiPuod (8otic toOg Biaipel), #:
dEia t7jc pllnec d¢v BAdnierar. :

l'l“épw[.to:.-——'Enan] N &veatépw lodtng ypdaoetar kal dg
tEfic: V5 =V 5°, Emeran, 811, Zav noddandacidowuey tdv deintny
tiis ellne xal zov éxdétnv 10D Yrrogellov énl Tdv avrdv doidudy,
i dEla 7js ollns dév PAdnzerar, cvuPpdvwe mMedég TNV Taparth-
pnowv 3 1fic § 135, mouv Gplobn, St rav A pila elval &ptiag

Tafews, Onbéte Ba Exn d0o Tipwdac &vriBétoug, B4 AauB&vouey
€€ adt@v On’ Syuv ubvov TRV BeTikAv.

Kata tabrta Aoindv elvar

R B
o YA = v

fitot va“" =\vr;‘ (2). 17E

138. Auvvapelg pé €xBétaxg KAGopxTX XPVNTIKE.— O
Oploudg TOV duvauewy i ExkBétacg axepaloug Gpvnrikodg (§ 39)
énexrelveral kal énl 1@v duvauewv HE EéxBEtag kAdopata &p- :
1

VI TIKG ¢ a ¥ — (p Kai v Svrov &GplBudv daxepalwv),
ay :.

Bidt, éav Guopdtepa t& péAn Tiig lodtnrog taltnge OYdowuev -1

elg v v ddvauiv, Aaufavouev

e o g

2 N

x ST 3
'fi
Bla 1oV altdv Adyov elval kal 1;'
|J. V £
- §
a =\ q—* i
Obrwg elvar g
2 )
o 1 1 1 ¥
8 3 — St e, g 2 %

87 (\f 8)
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'Aoxnocec.

288) Al x&twbL Buvauelg va ypagodyv dg pllal:

1 2 K> 1
«? «3 a? a’t
3 1 1 e
B? ST a"p- B
1 3 1 1
s ¥t X2 Vg
289) Na& edpeBolv 1a éEaydueva 1OV ka&twbl duvaupewv:
1 1 > 3 2
42 4 = -y - 5 e 3
= = 4 i
325 100 4 49 8 (—8) 32
290) Al x&atwbL plfar va ypagpodv d¢ duvaueg:
3 4 4
Var Var Ve Va
6 v
VB VB VB VB

Meiixnixcwxopes xxi Swxipeciy v plldv.

139. Ot épiopol 1OV duvauewv, ol dmolot Exouvv ouvppé-
tpoug ExBétag xal Todg dmoloug elbouev mponyoupévag, elval
tooltol, Hote va Blamnpdviar kal én’ attdv (dmodeikvietal

B2 100t10) SAat ol &pyikal WBiétnreg Td®v duvapewv. Oftw
n.x. elval

el St i
e B gy 2
oty
(G 3) g
2 L 2

ks 7 % &
(aPy)’ =« 7 B7 .y
1
1 3
B T S
B i
3
B
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‘E¢appoyai &2 16v dvorépe Blomtwyv (dbg kal t@®v [Bie-
Mtev tfic § 137) elvar 8ga B84 Bouev xatwiépw mepl 1ol
moAAamAaoiaouod kal 1fi¢ Blaiptoewe 1OV pL®dv.

140. MoAAanmAaolxopdg T@V pUdV.— a’) Tév icofa-
Bulwv gildv. “Eotw, 81 Bélouev va elpwuev 1d yivéuevoy

v v v
VaVBVy.
"AAAG mapatnpoluev, St
v v v
VaVEVy =¥ gV.y7

1 1 1

166

i

1
v

'Eweidn) 6e aV.BV.y"Y =(aBy) =\f aBy,
Emetal, 8t VaVBVy=V aBy.

“Qote: Aid va moldandacidowusy lsofaduiove oifag, doxet va
moddanlacidowuey 1a dndppoifa xal rob yivouévov va Efaydywm-
uev v loofdPuiov gifay.
5. % -3 3
M.x. elvar V2.V 8=V 16 —4 xai V2.V8.V 4 —\ 64 —4.
B) Tédv euldv ud diapdgovs Seixtac. "Eotw, 811 BEélopev va
eUpwpev 16 ytvéuevov VERVCAVEN
¥ el
"AXAa 10 ywébpevov 1oDT0o yphgetal kal &c &€fc: 73. 5785_
"Av Bt fidn &vtl TOV E€xBeTdV TOVTWV YPAPOUEY TG 'L'ou Tpog
4

adTolg &AM’ dudvuua kKAdopata, HTol T& 33 —%_ Tz""
6a Exwpev (mapayp. 137)
By AR D
73.54.865— 712 572 g2

fitoL Ba& Excopev
12

12
\f"\/_\[aw\f‘f« \f5= \f8=—v 7558,
"Ex to0T0U AoV ouvayouev, 8Tl 6 yevduevoy oiwvdrjmore
0i{@v dvdyerar wdvrore els ulav pilav xal rovro didért Suvdueda
va tpénowusy pllag Siapdbpwy deixntdy el icofadulovc.
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y’) Pinc &ni ‘ﬂ'eﬂubv dotBudy. Ectm 1L BEAopev va mMoA-
Aaniaot&o®pey TNV V 2 émi 2 ﬂ 2’\“2

TAAN EmeEldn) 2=2 3 —\/—2'.
Sy X 3 e 3 e - NE
Exouev 2V 12 =V 2.V 12=V 2°.12 =\ 96.

Kal yevik®¢ Exouev

c:\/’_é ==at a“.ﬁ =_._\favB.

'Eneldn 1) tedevtala lodtng ypaoetal kal d©g &&fig:

No'B — CIV-B_.
gnetatl, 8ti: 1) 4id va molldanmdacidowuey gllay é&nl dpidudy

Benixdy, doxel va modlandacidowusy 30 Undgpifov énl znv loo-
Béduiovy SUvauiy ob doiBuod zodrov.

.x. 2V 3=\V22.3=V12.

2) Avvdueda va EEaydywusy magdyovid tiva tod vmogellov

Extdc toD gilixoD, £dv mponyovuévws Efaydywucey iy loofd-
Buiov ollav adzod.

rn.x. V 300 =Y 100.3 =10Y 3.

141. Awaxipeoig 1@V pWLdV.—a’) Tév loofadulwy. 'Eav
Exwuev v dialpeoiv

Va:VB
v az
[« &
napatnpoluev, 811 =
VB BY
ELE b S
A
¢meldy 52 L_(B) “Vs‘
a v
Enetal, 1L -"’!;E- =V.EB‘_ -
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fitoi: dia va Sraigéomuey pitav &i° dAAns lcofaPulov, doxsi
vd Jiaipéomuey 1d dndgoila xal rob nindixnov va &Eaydywusy iy
locofdBuiov gllfav.
I.x. ¥ a—v V= o5
: V2 V3

B') Tdv il dv ué didpogoy delxtnv. 'H neplnrtwoig abtn &va-
yetal elg v mponyoupévny, G©g elBouev elg TV duolav mepi-
mTwoly 100 moAAamAaociaguod.

3(__ 5] 6
Il x. elvau ¥ 19 — ‘{5101 = m: .
V3 g5 3
y’) Awalgeais ollne 8:" doiPuod Berixod. 'Edav Exwuev TV
v
Sialpeotv ‘[BE y Tapatnpoduev, 811
v v | 4 VISR v
R R e L
B TR , BY l a¥ BT
Ve

“Enetal Aotmédyv, 811

1) dd va Siaipéowuey pllav 8:" dpiBuod Perinod, dpoxel va
diaipéowuey 1d Dmdgoilov dia i lcofaPulov Svvduswc zob
dotPuod zodrov.

2) dvvdueda va éEaydywuev diaigérny zoD Omogellov éxzdc
oD gilixod, fdv mponyovuévowe Efaydywusy v loofdBuiov
elfav atzod.

3 S 4 P b
ny IELE B T fm L

142. MetaxBipaoig pii@v €x 100 MxpovopaxoTod sig ToV

GpBuNTHv.— Eotw, 11 BéAopev va elpouev 1o éEaybuevov

tfig GtC!LpéOECOC"%. [lpd¢ ToDTO mMpémer v edpopev v V 2,
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f dnola evploxketrar katd mpoofyyioly xal Enelta va Blalpétow-
pev. O& Exwpev 52 oftw v Biaipfowpey 1,41542] fitot m
&X' 1) mp&Eic adtn xal paxpa elvar kal ddv pdg B(der xal
woAl &xpiPig Efayduevov. "AAN’ g&v elval duvatdv va petaPu-
Ba&owpuev 1o pilixdv elg 1ov &plBuninyv, Hote elg 1oV Tapovopa-
oty va Exopev gbpperpov &piBudyv, kal f§ np&éig 6& ylvy ed-
kohwtépa xkal td EEaydupevov B& elvar &xpipPéotepov. "ANAa
to0t0o elvar Buvatdv kal yiverar dg £€fg: [ToAhamhaoi&lopev
&ugpotépoug TOoUGg Bpoug ToD KA&oupatog éml V2, émnéte ExouEV

52 __ 5/4 __ 5141421 __ 7,07105
Vavz 2 2 T
‘H 82 reievtala adthy np&fic elvar edxorwrtépa tfig Mponyou-
uévne. "Opolog Exopev

o . off . ooNp
VB  VBVE B

"Hén €otw 16 xAdoua . "AAXT éav moAlamnAaoid-

a
vz
owuev dugotépoug tTodg 8poug adtoD éml 16 &Bpoiopa \/—5—1—\{1_2_
8 Exwuev

« ___ ayEEVD) _ oly5+VE) _
V5—V2Z (V5—V2XV5+v2) (s5rvar
__ _ofVEANE) _ olVEEYE)
3

52

‘Opolwg Exouev

& a(2—vV2) __of2—y2) _ _of2—y2)
2472 (2 ZX2—zZ) 4--2 2 :
Kal yevir®c¢ elvar

e o DRV
VBEVY B—y
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Znueiwois a’. Elc 14 mponyolueva mepl mwoAAamhar
glaouol kal Biaipéoewg T@V pilldv OmneriBeto Biapxdg, &u
npdkeital wepl pLZ&dv MpayuaTik®v. Aid tol0to katd Tag mp&-
Eeig avtac &nl TOV pildv Béov va npoocéxwuev, HoTE va ul
Omoninropev elg opdipara. Tx. & moAlanAiaciacudg YV —4
¢ni V' —4 8idel xata T4 dvorépw :

Vi—9(—9H=Vi6= 1 4
Ev® 16 &AnBig yivéuevov elvar —4. :

Znuelwoig B'. "H npbobeoig xkal N &paipeoig TGV plldv
Ylvetar pué tod¢ adrodg kavévac, ueé tovg omoloug yivovral al
wpaelc adral émi 1OV &AyeBpik®v mapactdoswv. "Edv 82 Ek;
& é€aybueva adtdv Ondpyouvv Suotar olfar, ftot pilal pé 1oV
altov Belktny kal pé 16 aldtd &xpiBdC Onéppilov, KAUVOUEY
v &vayoylv adt®v, ¢ K&UVOUEY TRV Gvaywynyv duolov Spev.
M.x. ("Wa+3VB)+(Va—2VE+Vy)= '

=N a+3VB+Va —2VB+Vy =8Va+VBE+Vy.
(3Va—5VB+oVy) —(Va—VB+7Vy)= £
=3Va—5V B+ y—Va+VB—7y=2Va—aV pL2\y b

‘Aoxnoees.

291) Na& ebpeBolv ta ywvdueva : k
Vays V3yiz V2.\V50 V28YV7
3 3 3 3

3. 3 3 3
V2vVva V3.\Vis V6.V36 V72V3

B sl il

3 v
i S on iyl g 22 1/3a
V"E‘-\fﬁ VeaVisa yigyvma )& =5
292) Na& elpeBolv 1 yivéueva :
35220  3V50.4V2 aV x-BY x aV B.BY «
3 3 3 4 4 s ey 4. 4 4
V2.¥3yi0, V5V9V15 VaVaVap VaVaVe
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i'
e 293) Na& &mobeiy®f, 8t elvan:

3 3
2y 5=V 40 \ 700 =10V 7
5V 8 =\ 200 V180= 6V 5
4 =0 4 3 e, w1 = %
3V 2=\ 162 V 875 =5V 7
294) Na e0peBodv 1& mnAlka :
V28 V72 v 54 V75
V7 '3 V3 V5
3 3
\/320 V20 V2 T
3 3
Vs Viz . g
V8 V27 V72 162
2 3 2 3
295) Na& ebpeBolv ta nﬁklka:
3 3 3
Ve y8_ V5 b L5
e o ¥ U
4 S 4 4__
Va© y v \fo
L 5 5
Ve Vx V? VX
296) Na eOpeBolv 1a £€aybpeva 1OV kK&twb mMpaiewv:
1 13 2 3 & Ee
Vaa BZ.VE vy V5.5%.8°
1— 3 —
«* VB Vy? ——‘f“ﬁ
B’ y? B
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297) N& edpeBolv ta 2Eaydueva :

(va) il (V=)
aaNBEY. . el ¥ ot

298) N& &maAilayolv 1t®v pllik®v ol mapovouaotai @V
KAQOPATWY :
1 SahE 3 S
V2 V3 V5 V8
3 g &5 h
V2 5V3 VT 2
e e T P e 3
23 34+\V5 Pao T
N _ N3 Va+VB Va + B

Vi—vz 2+V3 Ve —VB Vo — 8
299) N& &anobdeix6fj, 81t elvau:

2

v u__ e [
V\'rzz Va xai Va = V\‘Fc&

300) Na éxteAlecBolv al np&éelg:
I LN \FS N7 —8NTA VT

Tarengi o SRl s g
Z\‘5_3_3\5 [ 4\5 *8‘“\ 11_7\11—--*5"'\ 11

(Va+5VB —4Va)H(5VP —3Va —6VB)
(Vo —2V3yx) — (V3x—5Va —3V a + 7V 3x)
42 —3V8 V18, 3V3—s5y18-} 6V 12} V8.
143, Tetpaywviki pila 1@V povwvipwv.—'H tetpayw-
vik?) plla mavidg arepalou povwviopou, fitol -% dOvapig adtol,

t€ayetal, kKata tag (Bubtnrag Tdv duvduewyv, Eav EEaxBij ) plla
éxdoTov TMapdayovrtog.
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"Eneldy Exaotog mapaywv elval dOvapig &ptBuod tivog, 1
tetpaywviky plla adtod &€&yetar Siaipovpévou 1ol ExBEtou
ab1fic Bid 100 2. Katd tadra elval:

1 1 1 1
V6darpiy* =(64) 2.(x*)2.(B*)2.(v")? = + 8ap'y".

KAaopatikod povevdpou f plla éE4ayetal kata tag adtag

IBidtntag, &av &Eax6i f plla &udotépwy 1OV 8pwv albtol.

Katd tabta elval:

BossLic: oo Al el s ale TS dliee ool
Satpey? _(253‘5°Y?)2__A (25)2.(x)2.(B2.(y)2 __ , 5a’Bty
2 36° S AT e Y
(36)2.(x°)2

Td dimAhodv onueiov £ &yp&on mpd T@®V EEayouévayv, didTi
) TeTpaywoviky plla xal n&oa &ptlouv Babuod plla Exel dvo &vri-
Bétoug Tipdg xal dOvaral énouévwg 16 €aydpevov va Angoi
xal GeTik®g kal &pvnuikdg. :

E&v Tivog 1®Vv mapaydviwv div éfayerat 1| plla, &¢lvo-
pev én’ adtoD onuelopévny TV MP&&v' 1, Eav elval buvartdyv,
&vaidopev aditdv elg dYo, oltwg dote va éEayntat 1) plla tod
trépou 1OV mapaydvieov. Kata tadra elvat

V 5aY =V Bapry’
\rg.c:'ﬁ‘y‘ S \fﬁ?\f?ﬁ:yn :\fﬁ\fa:_a_ Bly® ==
— 2V 2.aV a.p’y*=2apy"\ 2a.

. 4a’B*y* __ 2aPly
Ouolwg v e G
'"Aoxnoecg.
301) Na 2Eax®f] N} teTpaywviky plla 1OV HOVOVOHDY :
) " 36apr 4) —625y°y* 7) 16aBy
2) 14dayiy” 5 —g Py 8) —Sapry
4t 18 4
3) 4;‘5, 6) T ay iyt 9) S 3 C!a'y’
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KEDPAAAION IV
"Efiodioeg toD Seutépeouv BxBupob.

A’. 'ISwétntes Tav EEichosav.

144, "Eotw 1) &€lowaig x==5 (1),
¢ émolag plla elvar pla kal pévn, § 5. 'Eav #idn &uedrepa
T& péAn altfic VYwbolv elg 10 TeTphywvov, AauPé&vouev TRV
tElowaoly . ¥ =25 (2).
"AMG 1fic véag aUtfig élodoewg pila elvar 8yt udvov 1 5,
duotL 5*=25, &AA& kai 1| —5, BuéTt (—5)"=25. BAémopsev
Aoimdyv, 8t 1) é&€lowolg (2) émaAnBedetar Biad x =5 xai B&id
x==—2>5. "Qote 1 ¢€lowoig (2) mepiéxer WARV Tfic pllng g
éEiodoewg (1) xal v pilav xy=—25.

"Eotw fidn 1) tuxoboa é€lowoig

a=3 (1),
tfc omolag T& péAn mapiotduev mpdg ouvtoulav pi Bv yphuupa.
"Eav &uopdtepa 1a pédn 1fic E§loboewg adtfic OYdbowuev elg 16
Tetpaywvov, AauBavouev v £€lowolv

ot =p* (2).
"AAN" elval pavepdyv, 611 mGoa Alolg 1fic Eflodoewg (1) émo-
An6evel v &€locwoiv (2). Aidt, Eav 1d a kal B ylvouv loot
&piBpol, kal ta TeETpdywva adtd®v elvalr lToot &piBuol. "AAA&
xal t&oa Avoig Tfig é§lodoewg (2) &év elval kal Adoig tfig &&i-
odboewg (1), détL 1) &€lowoig (2) émainbedeTtar kal Stav a=§,

Kal 8tav a=—PB, d61t a’=Pp* xkal a’=(— p)*=—p*. "Ex &2
tOv 8o tolT®V AUCE®Y pévov | a=—p £&nainBeder kal TV
tElowoiy (1), o0yl &8 kal | a= —PB. “Qote: "Edv dugpdiega

ta uéln BEiodoews VywowPolv els 16 rergdyowvov, 7 EElowois, 1)
dnola #a mooxvywn, Fa megedgy Syt udvov zdg glfag zijc Sodel-
onc éEioddoews, dAla xal zds gllag s éfwcdoews, 1} dxzola mpo-
xiUnrer éx tijc SoPelong, Stav dllaxPfi td0 onuetov zoU Evdc ué-
Aoveg avrfis.
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"Ex 1OV &votépo Enetal, 8t f) éElowolg a’==p* elvar loo-
BOvapog mpdg Tag a=7f kal o= —B. Elvar &¢ § mpom 100~
tov f aoty pé v V a’=VY B°, | B¢ Bevtépa | adT ué ™V
V?=—\ff3'. “Qote f| mpornyouvuévn mpbdraolg Blvatal va Ex-
epx0Bf] G &Efic: "Eav éfaydywusey v retpaywyixny gllav tdv
pedldv uidc &Ewodoews xal AdBoucev v gifav zoD évdc éx TdVY

ueddy xal uerd zob -+ xal merd zod —, al 8vo0 8Eioddoeig, Tdg
dnolas #a Adfwuev, elvar lcodvvauot mods v dodeloav.

B’. Fevixh popyhn &ficdiceng Szutépou Bxbped pé Eva xyvaorov.
145. "Eoto 1) é€lowolig

X*—8= §7 —x-i-1.

"Eav 1fig éfiodoewg Tadtng dnaAelPouev TpdTOV TOV TAPAVO-
paotyv, Enelta EkteAbompEV TAG TMP&EELS, KATOTLY UETaPEPW-
pev Bloug 100G Bpoug elg 16 Mp@®TOV pEAOG kal TEAOG KAUWUEV
My dvayoylyv T@v duolwv Spwv, 8& Exwuey Thv 2x*+3x—27=0,
7 &mola, &g BAémouev, elvar Bdevtépouv Pabuod &¢ mpog 1d X.
"Eav 52 6fowuev &vil 2 «, &vili 3 B xal avi —27 y, §
edpebeloa &flowolg ypaoetatl

ax*+Bx+y=0 il

Suvayopev Aolmdv £k TolT®YV, 81t M&oa &Elowotg 2ov PabBuod
SOvatal va &xOf elc v poponv (1).

‘O ouvteAeotig a biv dOvatal va elval 0, Bibti té1e 1 £flow-

o1g Katavi& Byx—+y=0, fitoL mpdTou BaBuod. AAN’ &&v 6 ouvTe-
Aeotig B elvar 0, 7§ é€lowolg ylvetan

ax’+y=0 (2).
"Eav & & yvwotdg 8pog y elval 0, 1) éflowoig ylveral
ax* +px="0 (3)-

Tag do adtdag pepikdag mepimtdoelg (2) kal (3) Ba éCeTdowUEV
npd Tfic yevixfig.
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146. AVotg Tiig £61000ewe ay’+y=0.—1) “Eotw # 46F
owaoig x*'=25."AAN" al Aboeig adtfig elvar fj x—=-1LV 25 ix=—V25
SMAadl x= +5.

2) Na Avefi §) é€lowaig 3x*+27=0. 'EE adrtfig AauBavouev

2 27 27
3x»=—27, x g Ml § x=V—-§— A x=—V—-?

fitoo x=*V —9 BnAaby y=—+3i.
3) N& Muéfi ) e€lowog ax’+y=0. 'EE adtfic AauB&vouev

a’=—y, X=—-— xal x=x}—X.

Elval 8¢ al eOpeBeloal Adoeig mpayuatixal, Stav —%)-0. xad

¢avracuxkal, Srav — % < 0. 7

147. Aboig tiig £€000ewg ay*+Byx—0.—1) "Eotw # £&i- _-
caowg x*—6x=0. "AAX" altn ypagerar x(x—6)=0. "AAA" Iva
yivépevoy napaydviwv elvar 0, &pxel elg 1@V mapaydviov va
elvar 0. "Qote 84 elvar § x=0 §i x—6=0, fror x=—56. “QoTe A
t€lowoig altn Exel &lo pllag, O kal 6.

2)"Eotw ) é§lowaig ayx’+-Bx=0. Altn yp&oeta x(ax+p)=0. |
"Emain@etetal 8¢ fj Bid x =0, f && ax+p=0, fitoL Bia
X=—-4- Qote xal alm Exe 500 pilag, Tag 0 xai —-%—.

‘Aoxrtoecs.

302) Na AuBodv al éfiodoeig:

=81, P YE, x*—64—0, 2yx'—162—0
B 5 243 -
5x*—64=—x", Tx*+81=—2x7, 6x*—15=x*+485
D . A > __ 125 e ¥
4 S SRR B e 1)
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(x—1Xx+1)=35. (x+3Xx—3)=135, (2x-+5X2x—5)=11
-+ H=F =Pt =5
(3x +—;-)(3x—%)=*23%v x’=a, x=ap’ ¥'—B=g

303) N& AuvBolv al 2El0dhoELg ¢

x*—13x=0 x*—+11x=0
5x*—75x=0 7x*+-84x=0
%X 4 20x =25« Sy — % =%
(x—7Ax+5)=9%x—35 (5x—+2X7x—10)=34x—20
1 L O TR e —2y __ 3x* 2
(X+ T)(X— T) =5%X—"16 e e Tk il
A e e N RS Ax—12) _ x+32
2(?1‘7)* 4 = o
304) ‘Opolwg va AuvBolv al £gionoEelg :
ax*—Bx=0 X 4 Bx=0
g (x—eXxta)=Bx—a’

148. AUOLC TG YEVIKTG £EL0QO0EWG ax’—i—.ﬁx—}-y:O.—
Ald v&a Abowuev tElowowvy tfic popofic ax’+ PBx +y=0, 8a
npoonadfiowuev Bid xataiAifniov uetaoynuatiopod, iva 6
&yvwotog X, & odmolog edploketal elg adtiv elg Boo &poug,
edpedfy el Eva pbdvov Bpov. Oa elpwuev B& 1oV KaTaAAniov
ab1dv petaoynuatiopdv &no ta £&fg : "Huelg yvopllopev, btu:

(xt+ay=x"12ax+o

"Ex 100 &vantOyuatog 2 adtod ocuvayouev ta £Efic. Aldvu-
pov, &¢ 16 x*-+2ay, 100 émolov, dg PAtmoueyv, & elg 8pog elvat
x*, & 52 &Ahog mepPLEXEL TO X, elvar pépog 100 avantdyparog
100 teTpaydvou £vég &AAou Biwviuov. ‘O elg 62 &pog 1ol &A-
Aov Biwvopou elvar fy V% fitol & x. & B¢ &Ahog Bpog elval 1o
fiuiou 10D cuvteleotod toD ¥, fitol & Ezgﬂu. “Qote, Iva 16

12
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diovupov x'4-2ay ylvn téheov terpdaywvov, mpémel va nTpoo-
Béowpev el adtd 16 a’. “Qote elvar

x*+2ax=x"4+2ax+a*'—a’
ol x*+2ax=(x+a)y—a.
Katd tadta elvat
X" +6x=(x+3; —3*—(x+37—9
ot =t x= (i)' ()= (e ) o
149. Katémyv tO&v Gvotépw Eotw mPéc Adoly ) 7 é€lowotg
X*—6x+5=0 ‘2
Metagépouev 1ov yvwordv 8pov elg 10 Bevrepov pérog, dmbdre
Exopev X'—6x=—5 (2).
"AANG 10 x'—6) elvat pépog tod dvantdyuatrog tod
(x—3y=x*—6x+-9.

"Eav Aoimov TpooBéowuev elg &upbtepa ta péAn 1ific é§iod-
oewg (2) 16 9, B& Exwuev

X'—6x+9=9—5 #fHror. (x—3)r=a.
'Eav fidn é€aydywpev v TeETpayovikfv pllav Gugotépwyv TdV
HEABV 1fi¢ Tedevtalag éEloboswc, AauBavouev

X—3=12 fjtor yx=3+2.

“Qote Xx=3+2=5 A X=3—2=1.
“Qote al plfat 1fic dobelong tElodoewe elval 5 kal 1. Kal np&-
yuarti, dibTi

X*—6x+5=5"—6.5-+5=25—30-}+5=—0

# 1'—6.14-5—=1—6-+45—0.
B) Na Aubfj 1} é€lowotc
2x*—7x—+3=0 (1).
"EE€ ad1fig AauB&vouev
2X*—7x=—3 kal katémv x'— —%— X = — —;— (2).
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*AAAG 1o pélog X'— —?2-—)( elvat ol 8o Bpotr 100 &vantdypatog

(x~——1—)'=x‘—%x—1— —?2—-

*Qote, av elg & 0o péAn 1fic E6i0boewg (2) TpooBéowpey 10 —:%-5
Aaupavouev

e SRR - BRGRL,  a B
B S 5 2
e 25
f e
&€ Tig Exouev
7 25
S Tamboat &
7 5 12
Arot § X=T+T=T=3
7 5 2 1
f A= 5 —1q W

Kai mpdyupati, bt elvat
23 734+3=—18—214+3=0

: 1 1 7
i SR A el - e e T R R e S
Kai 2.( > ) Top -} 3 5 > +3=0.

v) "Eote 11dn f) yevix?| é€lowolg ay*+px—y=0. 'E ad1fig

AaBavouev ay’+By=—y
xal xatémyv x4 _g—x e _J’G_‘

Bia 1Ag TmpooBéoswg O& elg &updtepa 1 péin Tod (—2%)’

consy et bt () =B %
fiToL (X Ly _ZPE)’ ai i;%' ;

2Eayovreg B2 1idn v tETpaywVikAv pllav &ugpotépwy TAV pE-

Ay ebOplokouev s 5 2_?{ gre s vE ;:ay :
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“Otev i x= —__B*‘Qi’_"ﬂ' B x= _——B—\gia_ml
BnAadh x = —BEVE Aoy (1.

150. ‘H Exg¢paoic adtn 100 yx elvat yevixde TUmog, 51" ol
duvaueba va edpwuev tdc Aboelg olaodfmote tflodboewe bBeu-
tépov Babuol, xwpic va tnaval&Bouev Todg mponyn8éviag
guAAloylopolg.

"Ex 100 eOpebévroc tOMoL (1) BAémopev, 811 1) é€lowoig 100
Bevtépou BaBuold Exer dvo piv Tpaypatikag Aboeig fi ellas,
¢av elval & &piBudg f*—4Lay> 0, ulay 52 Hévnyv (mpayuatikiv),
tav B°—4day=0, xal d%0 utyddac, v B —4day<0.

Znuwelwors. 'E&v & ouvteAeotng 100 x elval &priog, &
tomog (1) AauBdaver GmAovotépav popdfv, SiéTi, Eav elval
B==2p’", Exouev

— —2EVP Aoy AN Fay _ —prVAi—ay
AT 2ax FER: 2ax = a (2).
1y 1) Nk AvBfj ) é€lowolc
5x*—11x—12=0.
"Exoupev kata 1ov tomov (1)

AP - YR 1+ D
PRFgUEReEr e TR S iy
% 11419 11 -—=19 4
nrot o= =0 kal A=2s8 =
2) Na& Aubfj 1 é€lowotc
X*—10x+4-25=0.
Kata 1a yvootra Exouev
_ 10+ V10" —4325 oty L e
B 2 g :

3) Na& Avéfj /| é€lowolg
X' —4x1+-13=0.
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“Exopev katda tov tOmov  (2)
x=2+V4 —13=2+V—9=2+3i,
fitot x=2431 xal y=2-—3i.
4) N& Aubfj 1) é€lowoig
x*—5ayx—+6a’=0.
Kata tdv tomov (1) Exopev
_ 50+yBa'—24a® Sata
Ere 2 i 2 g
fitou X= j%‘i‘i =3a kal Y= 5a2—-a —2a.
‘Aoxnoeis.
305) N& AuBolv al k&twbL EELoDOELG:
x*—6x+8=0 x?*—8yx-}+15=0 x*+8x+15=0
x?—3x—4=0 X*—6x113=0 x*+2x-+26=0
Y +2x—1=0 y*—2y—+2=0 x*+x—30=0
Y= P —2e=11 o e,
2-+x=6X? 20— 7y ="6Y" —15x*4-8=2y
306) N& AvBolv al k&twbL ELoDoELg :
1 2
Gl e s S T o xE——penn
1 1 1
K2y ek X —l=x—=> B ey
3 4 SR i)(_ y o= EX_ 3 Y= ﬂ 0 E ——
e D SR R 5 -y
307) N& AvBolv al k&twb EELoDOELG :
x(x—10)+21=0 x(x+13)+-36=0 X(x—9)=22
(x+5Xx+3)=35, (x—6)Xx—5)=20, (x—10)x+3)=—40
(x+-1Xx—2)=8x—13 (x+3Xx—2)=13x—17
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(X—3Xx— 1)+ (x+7)(x+2)=50 (Xx—2Xx —4HHA(x—3Xx—5)=23

(X1+1)y=x-+7 G102y ==25
(2x+-1)4A(2x—1)=35 (3x—+-5)-(5x+-3)=8
308) N& AvBodv al k&twbi éEiodoelg :

1 3 9
Bupifoial o LS TR Bt S e
8 e 8x - 10 < 3 2
e =200 T wt 7

- SE e et SR B e
. = LIRSS SN e ¥
X Xx—1 ey _— 2 6 " ox+2 3 3
S A dpe SN A S et SRt
e = R s x+1 T x4 !
L. o R o | eHl x—3
=1 x+1 x+z T s e
S o4 i iR e Byt
X2 X7 X b & 30

309) Na AvBolv al k&rw6 £Elodoelg :

X*—5,2x+1=0 1,2x*—7x—+10=0 X' —4x—+4,09=0
X'—08x+105=0 x'—0,8x+0,15=0 '+ 2X__0,05—0

310) N& AvBodv al k&rw6 élodoelg :

X' —3ax+2a*=0 X*+2ax—3a*=0 X*—2ax—15a*=—=0
3x*—7ax+2a’=0 x'—3afx—10a’p*=0 (x—a)*=p*
X' (a+Blx+aBp=0 x’—(a—PB)x—ap=0 ax*—(a-+B)x+p=0
Xrpl . o0 Ko R ety aip
Sa 2X o=y a—p a—B a—+x

311) Na deix8f, 8t al plZat g éflodoewg x*-2Bx—y*
elvalr mpayupatikal (ol éyyp&uupatol ouvreAeotal Omotl@eral, 81t
elval obupetpot &pLBuol).

312) Na deix6fj, 8t ai plZat i Ellodoewg x*-Fnmyx—-k=0
elval mavrote mpayuatikal, 8tav 16 x elval &pvnTikdv.
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313) N& eOpedfj | Tiun 1od y, dia v dmolav 1 élowolg
16y’ —ux—+1=0 Exet plav pdvov pllav.

314) ‘Opolwg va edpedfj 1 Tipn 100 y, dia 1y dwolav A £E(-
owoig 9x*—3x+pu=0 ExeL ulav pbévov pllav.

315) "Opolwg xal &° éx&otnv 1OV k&T@OL EEloDOEWY :

X0 ] 4=—=0 {p—10"—10%1==0

316) N& eOpeBodv al tipal 1ol y, did tag émolag A eflow-
oig x*—5x+-u=0 Exet 1) plfag mpaypatikag kai &vlicoug xal
2) pavraoTik&g.

317) "Opolwg xal dia v é€lowoiv x*+9x+u=0.

Eyxéoeig pETafl TGV OUVTEAEOTAV Kol T@®V PLLAV Tig £EL0OQOEWG
ax*+Bx+vy=0.
151. "Av mapactiowuev di& ¥’ kal X 1ag pllag tfig EE&L-
oboewg ay’+Bx—+y=0, Exouev

 —BV B —day o —B—V B —day
i e TR X = 5 :

[MpooBétovreg Tag lodtnrag TadTag Kata péAn edplokouev
. e - B
K
moAAAanAaoialovieg B¢ Taltag, eVplokopev

s v =PV ey B Pday
e 2a E 2x

_ (—Br—@—aay) __ day __ vy

4a? 4a? o

Kata tadra elg v é€icwoiv 10y +x—3==0 elvat

7 o 1 ST .ok 3
 $ 0 S B b b et

elg 8¢ v

X’ —9x+20=0 elvar ¥ +x"'=9 xal x.x"=20.
Kai elc v

x*+6x1-9=0 elvar X 4+x'=—6 kai x.x'=9.
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Znuelwaig. 'Eav Tag dvotépw oxéoelg BeAfjocouey
v& énaAnBebowuev elg THv Tponyovuévwg BoBeloav £E€lcwaoiy

X*+6x-+9

, Ba WBouev 811 adtn Exer plav ubvov pllav,

my —3. "AAX" Eav Bewpfiowpey adtiv g dimAfv, B Exouey i

—3—3=——6 kal (—3).(—3)=9.

'EQappoyaxi.— 1) Na evgePoby J¥o doiPuol, ol JSnolos
&Exovy ddgoioua 3 xal yivduevoy —40.

Kata 1& &vertépow, ol Enroduevol &piBuol X' kal x* 64
elval plZa BevtepoBabulov EElodoews. "Enedn 8¢ 1) é€lowoig

ax'+Bx—+y=0
yodsera woi Bt ¥ g

Enetral, Su f é€lowolg, tf¢ dmolag al pllal elval of Inroduevol
&piBuol, elvar #

X'—3Xx—40=0 (x'4x '=—-5 =43,
(x'.x"= —;— =—40)
Abovteg v églowolv adtiv ebplokopev
___3+V9+160 _ 3+13
R 2 e 2 »
Atol X'= 3_;]3 =8 kai ézi = —5
A S 3-213 0 el x':%ﬁ el

BLéT1 kal elg 1&g Yo mepintdoeic 1AV AVCE@Y Exouev &Bpoilopa
T®V plldv 3 xal yivéuevov adtdv —40. “Qote ol Intoluevol
&ptBuol elval ol 8 kai —S5.

2) Na oxnuazicdj éEiocwoic deviégov BaPuod, 7 Smola va
&xm ollac vovs dgiPuove —g— xai 2.

- A 3 11
Emeldn *'4x =2+T= &

B e 3 =
kadi 0 el e
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i EnTovpévn EElowoig elvar 1

11 =
e B e S

frot 7 4x*—11x+6=0.

3) Na svgePoly 1a onusia dvy eildv 7jc #Eiodosmwg
ay* -Bxt+y= 0, molv #§ Avdfi aln.

Alta va AvuBfj 16 Iftnua tolto mpémel & &plBuog Br—d4ay
va elval Betikdg. Awdti, &v B?—4ay <0, al pllal elval piyadeg
&piBuol.

"Eote Aowimov B*—4ay>=>0. Té1e
a’) "Eav 18 ywépsevov x.x"° elvalr Besuxkdv, ftoL &av —§—>0,
al 8Yo pllatl elvar dpdonuot. Ardk va (dopev 8€, &v elval Betikal

fi dpvnrikal, 8d éferdowpev 10 &Bpoloua x'-{-x”-————--s—. "Eav
52 toDto elvat Betikdv, fitoL &v ——%_>0, 8& elvar Betikal al
pllal. 'Edv Spwg elval ——-% < 0, al plfat 8& elval &pvnrikal.

B’) 'Eav 16 ywéuevov 1dOv pildv elvar &pvnuxébv, fitol
gav ETVGL% <0, al plfar elvar &repbonuor kal peyaluvtépa

—2—>0. "Av Spag ——%<0.

peyahvtépa kat’ andéAutov tiunv elval f dpvntikn.

kat &méAuvtov Tiunyv 1) BeTik, &v —

¥) 'Edv% =0, froL é&av S — 0 n &€lowolg ylveral
ax’+Bx =0, tfic dnoiac (mapayp. 147) | piv pla plla elval O,
f B AN — £

"AvaxkepaAaloDVTEG AomdV Td AVOTEP® EXOUEV:
“Ozay B*—4ay=>0 xal .

1)—:— =0, ai 8¥o gllar ¥xovv d onueiov ot — gl
2)—2-— <0, ai pilat slvac frepbonuot xal ueyalvréga xat’
dndlviov Tiuny 1) Fyovoa 10 onueiov zod -—-ﬁ—.

3)-%-‘===O, al gllat slvar O xal — z :
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Il.x. 1) '"H ¢&€lowoig x*+4x —9=0 (tfic omolag al pliam
elval mpaypatikal) Exet pllag érepoofjuovg, didtt x'. x = —9, 5
xal peyalvtépav kat' dnéAutov TRV TV &pvntixhv, BidTt

XX =—4

2) 'H é€lowoig x*—5x +4=0 (tfic dnolag al pllar elvan

mpaypatikal) Exel tag pilag e &ugotépag BeTIKAC.

i+
4
E
.4
%
3

‘Aoxnoeeg.

B ey T

318) N& e0peBolv S0o &piBuol, ol dmolol Exouv

&Bpoloua kal  yivéuevov
16 48 :
17 60
4 — 31
—10 —21
— 4 2
5 1
34 1

319) Na oxnuatiobfj éflowolg devtépouv Pabuod, 1 dmola v&
Exn pllag t00¢ &ptBuodg

Ll TR

1) 2 Kal 5 4) —7 xkal —6
2) DS 5) 5 .
i | B ¢ g 2 &) =3 » 1 3

320) *Opolwg va oxnuatioBfj é€lowoig devtépouv BaBuod, f
émola va Exn plfag toug &piBuodg :

1 2 : 2

]) 7 Kal ? 5) —? Katl '*"'T
2 3 1 1

Bl e By e o o

3) 2 » —5 7) Dex B
4) —4 »—% 8) o L B
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321) Na e0pebff 10 onuelov TAV plldv 1OV K&T1wO EEl0b-
OV Ywplg v& AuvBolv alrat:

X*—14x-+-40=0 X'+ 4x—21=0 X;:g < _l_
x*+10x—+24=0 6y —y—1=0 5
X*—2x— 15=0 20x*+7x—3=0 X i

322) Tvig ¢Ciodoewg 10*—99x—10=0 ¥ pla pifa elvar 10.
Na eOpeBfj | &AAn, xwpls v& AvBH 1 é€lowols.

323) Trg éiodoewg 15>+ 19x+6=0 1§ upix plla elvar
2 . N& e0pedfj duolwg ) &AAn.

324) T¢ éCiodoewg 2,5x"—8,79x+7,58=0 1| pla pila elvar
2. Na eOpebfj /| &AAn.

325) Na& eOpebf) | tiun 100 y, dia v dmolav &v 1§ &Eod-
oet  I*—18x—+-y=0 1} pla plla elval Simhaola 1fig &AANS.

326) N& e0peBfj 7 Tipf 100 vy, did v dnolav év 1§ éElod-
oet  4x'—8x+y=0 1 pla plfa elval tpimAacia 1fig &AANG.

327) Na& eOpeBfj f} Tiun 100 «, i v dnolav téd &Bpolouc
1@V pllOv 1fig Eflodoewg ayx’—2x+3a=0 loodtal ué 1d yivé-
HEVOV TV.

328) "Eav d0o é§iodoerg devtépou Babuod Exouvv TAC adtdg
plag, ol ovvreheotal adtd®v elval &v&royor kal &viioTpbdewc.

329) Na e0pebfj ) diapopd TAV pllAV 1OV kK&Twl EEob-
gEwv, Xwple va AvBodv:

x*—16x—+63=0 16x*—16x-+3=0
X>+9x+36=0 16x*+3x —1 =0

330) N& eOpebfj 10 &Bpolopa 1OV TETpaydvev TV plldV
1fic ESlodboewg ayx+Bx+y=0.

MNapatnpoBuev, 81, av p’ xal p” elvar al pllat avtfig,
p*t+p = +p ' P—2pp"’. 'Eav 8¢ &vukaraotriownuev 1&
B

o
p*—2ay
a® i

ul

p+p" kal p'p”’ Bld IOV yvoidV — qu%—. ebplokopey,

&1L 10 Inrodpuevov &Bpolopa elvar
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331) Na& e0pebfj 10 &Bpoiopa 1OV TETpaydveov 1OV plldv

tiig eflodoewg ¥*—9x|3=0 xwplg v& ALBH aln.
332) "Opoliwg xal tfic tiodoewg  4x*--13x|-3=—0.
333) “Ouolwg kal 1fig é€lodboewg 12y*—7x-+1=0.
334) 'Eav p’ kal p”" elvar al pllar tfig E€loboewg
3x*+2x—5=0,

o

vé& e0peBODY T& pip—p’p’ ", ,p_,—}——%— Xwpig v& Avdfj abiy.

335) 'Ev tfj odoer x*—(p— 11)x+u=0 v& épiobf §

Tyl 100 y, & fijv 16 &Bpoiopa 1OV TETPpaydVveV TOV ptldv

avtfic elval 41.

336) "Opolwg év 1] ¢€lodoel ¥*—(u—10)x +p—1=0 va

6ptoffj f iyl 1o uy, Biax v dmolav 1d &Bpoiopua IOV TETPA-
yoveov 16V pilldv adtfic elval 45.

337) 'Eav al plfat tfic Efodoewg ay*+Bx+y=—0 elvat
p’ kal p”’, v& oxnuatiodfj éflowotg devtepoP&Bulog Exovoa pllac
pte xai p’'te.

"Avaluolg mavtdg Tpiwvipou Seutépou BaxBuob =ic yivéusvov
napayoviwv npaTouv BabBuod.

192. '"H napdotaocic ax’+Bx+y elval roidvvuor devségov
Baduod. 'Eav 1 tptdvupov 10010 £E10WOF ué 16 0, Exouev THY
éElowoiv ax*+Bx+y=0
Tfi¢ Omolag tag pilag mapiot®duey dia x' xal x .

Téte B Exouev
X+X"=—

SR G et fitoL  y—axX X -

R L R s e £

< 8lw

‘Emopévag 16 tprdvupov ax’+Bx+y ypaoetal kai dg¢ &&fic:
ay'—alx " hetox 'y =ahy®—{t—tx Rix -l
*AXN glval
N R e
kad X R RO R e
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Elvai Aowmov ax’+Bx+y=alx—x Xx—x"")-
"Eav elval x'=x"’, 16t | &v&Avoig 100 1ptwvipou bidet
S0 5 S s ena b gm0 b Bonn b o 85
[.x. 1) N& &vaAubfj 16 tpidvupov x*—7x—+12.
Tfic é§lo@agemwg X —7x+12=0
pifat elval ol ‘=3 - kal y'=4d.
"Exopev Aoimév katd 1& &vwtépw X —7x-+12=(x—3)x—4).
2) N&a &vaAvbij 1o tpitdvupov 3x*}-13x—10.

Al plZat 100 tptwvipou adtod elvar —5 kal %
"Exouev Aotmdv
i 2
3% +13x—10=3(x+5)x — 5
2 1| el o (3xﬁ2] S
A 313X —10=3x-1-5). —5——=(x+5X3x—2)-

Hagaznerdoeis. 1) "H &vorépe &valvoig £Enyel diati
f) £€lowolg Bevtépou PBaBuol Exel 0o pllag. Al6TL Td yivépevoy
alX—x Xx—x"") yivetan 0, 8tav elg 16V napaydvrwov tou elvar 0.
"AAN" a elvar Biagpopov 100 undevée. ‘Emopéveg § 8a elvar

=9 Hrou yx—x, § x—x"=0, fror x=x".

Abo Aowmdv &pBuol undevifouv 10 &veTépw yivduevov.

2) 'H égapuoyn 2 1fic mapaypagouv 151 Aletrar #dn xal
&g EEfg:

Zxnuatilouyev 1o yivéuevov (x — 2}y — ——3—), 10 dmolov &&-
goDpev pe 160 0. "Exouev 52 té1e

3 . 3
. S s papat A e kel

11 p B
fi e B 5 e e

4
fitol 4x? — 11y +6=0.
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'Aoxnfoseec.

338) Na tpamodv elg yivbueva ta kdtwdL Iptdvupa:

x*—9x—+14 x*—4yx—45 X*+9x—22
X —4%-145 2x*+3x+2 25x"+10x+-1
12x*4+-5x—3 35y*—x—6 35x*—3x—2
339) Na &miomoinBodv 1a& kA&oparta :
S s d ot S v ok s 05 Ly — 1ix -2
x* — 10x + 21 x* 4y — 12 30y — 17x+2
ot S B B oo =B V9 5 b 5 _Ix*+3kxt12
3+ 10y +3 4%* +5¢ + 1 7x* — 32 — 15
340) ‘Opolwg T :
SR =k 23% b I 35
ax* —12x +9 4’ —12x +5
e o) e B R L i S
3x—1 15 + 53x + 14

Zuotnuota Elowoewy Ttol Ssutépou Babuol.

153. "Eote® 1d katwbt ovotiuata:

X ¢*=34 Xt+y=2 X9 o'=
X'—y*=16 Xyg=—35 X+ ¢9=3
X—y¢—o=1.

MNapatnpobuev 6€, 61l kabiv £§ abTdV admoteAelital fj amd '

t€lodoelg devtépou Pabuod, | &md éEfiodoeilg devtépou Kal
mpdtov Pabpod. Ta towalta cuotiuata Aéyovtal deutépou Ba-
8uod. “Qote: "Ev ovornua éfioddoewv Aéyerar deviégov faduot,
Srav dnoredijratr udvoy dnd EEtodoeis deviégov Baduot # devré-
gov xai mgdtov PBaduod.

154. Al péBobdol 1fig AVocewg T@V cuotnudtwv Seutépou
BaBuod elval diagopot. “Ev Suwg obotnua bdlo é§ioboewv pé

d0o &yvdotoug, 10 dmolov &dmoteAeltal and ulav é€lowolv Bev-
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tépov PaBuod xal &mod piav mpdrov, ddvartal va AvBfj mavrtote
Ba tfic peBddov i dviikaTaxoTACE®G.
[16. 1ov) "Eotw mpdg Adolv 1d olormmua
S, e
Xg = 12.
"Ex 1fic mpdtng AauPavopev x =4 -} - 8étovieg 52 1RV TL-
pfjv Tadtnv 100 X £&v 1] Beutépg, AauBavopuev E€lowoly ut Eva
&yvwotov, 1oV Y, fjtoL

@ty =12 f yHap=12,

¢E fig evplokouev =2 «kal Y= —6.

Al tipal 7idn 100 x eUplokovtal ¢k 1fi¢ éElodoEwCg

X=4-+¢ kal elvan y,=6 xal Y,=—2,

fitot X=6, Y=2 f Xam=—2, Q=0

2ov) 3x+2¢p=7

Xy ==2.
"Ex 1fijg mpding AaupPévouev
y=1X (1)

kal Bi' aviikataotracewg el AV deutépav
x—5X —2 f§ 3x¢—7x+4=0,
¢€ N¢ xal é€x Tfig (1) edploxkouev

4 3
Xi=1, =2 f ReE=F 373 ’-pa‘r‘—z‘
3ov) X ¢*=25

Avovieg 10 obotnua toDTo Bia tfig peEBOBou 1fig &viika-
TacT&oewg ebploxouev

X =4, g, =3 fi X:=3, Y,=4.
"AAAa Buvaueba va AOowuEY 10 &veTépw cboTnua Kal dOg

33, [N :
‘YpoOuev ta uéin tfic &€loboewg X+ PY=7 ealc Td 1e-
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Tphywvov, dméte eOplokopev ¥*-+ -+ 2xp =49, xal E&nedsy
X’ +¢*=25, 25-12yp=—49, foL Xy ==12.

TAAN &poD yvopilopev 1d &Bpolopa kal TO yLvépevov TdV
&pBudv ¥, ¢, 0& edpwpev adtodg £k Tfig Aboewg Tfig £§l0boEws

X*—7X+12=0.
Abovteg adtfv edplokouev tag pllag 4 xal 3.
“Qote elval
X=4t 4’33. ﬁ X=3- q"=4
“"Eot® 1idn mpdg AVoiv 1& guothjuarta :

4ov) X*+yr=25
Sk st
Aia mpooBéoewg evplokopev
2*=232, fitor. Yi=4 Y.——4
xal &' &viikataotdoewg elg TV MpdTnVv edplokopeyv
Pp,=—3 xal y,=—3.
50v) X -+y'=29
x¢y=10
"Eav Bimhaoi&owpev ta péAn tfic devtépag, B8a Exwuev
X*+yr=29
2xyp=20

kal Bl mpooBécewe kal &paiptoewg adtdv edplokopev
(x+yr=49  fitoo  x+¢==+7
5 Swl g » x—¢=13.
Alad va& elpowpev fidn tag Tp&g TV X xal ¢, mpémel va
AVO®UEY T& K&TwHL ogvoThpata mpodtov Pabuod :

X+g=1 55 st X7 Xt
. o LA

=5 Xa=2 Xe=——2 X5

Pas=nb $.=5 Y=—">5 P =—2
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341) Na AvBolv 1a& guothuata:
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L)) Yr—x=2 2) X—¢=5 3) x—¢=—3
A xp=—14 Xip—4
4 x—2¢=3 5) x—y=-2 6 y(1+X)=n
Xxyp=2 xp=1 xy=24
342) Na AvBodv 1d gvomjuata:
- x“Hy*=34 2} ° =il o
X +¢ =8 Xx—¢ =1 xt+y=
e S 5) x'ty'=25 X =1
i X13¢=>5 e e
L ARSNGB SR
e e ool
2x*—3y*=23 x+yp=1 X—P=— 35
343) Na AvuBolv 1& ouvoThpata:
1) x-ty==25 2)  xy=45 3) S5xH-2¢r=22
X:__q,s=5 X’_‘p’:_ZT 3X1_3q"l=7
4) 23— 5) 4x’+5¢’=105 6) 2x*+3y=71
3 —2¢*=—19 3x*—5¢*=70 3x*—3y=54
) t—Ayp—17 8)  2xyix’= 9) 3xyt+x'=42
29 axp=4 4xyp+-3x*=0 5x*+-6xp=192
1 1 5 3 3 4
g U8 — —_——— = —— e e
W) o= e 12) 3
1 R e B gL B
S e R e i e
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344) Na AvBodv 1& cvothuata : f

) x4¥=5 2 xfy=40 3) xjy—52 |
Xp=2 xg=12 Xp=24
4) x+y'=89 5) 9y yr=52 6) xag=5 |

MpopAfjuatx £E1000EwWY Kl CUOTNUGTOV BeuTépou PBabuol.

155. 10v) Eis #jydpacey Upacua dvii 800 JSpaxudv. "Edr
32 dvil 1dv avidv yonudrowy Eildufave 2 mijyeic smegiocde-
eov, 11 Tiun ol mijxews Pa 7fro xara 20 Jdpayudc uixporéga.
ITéoovg mirjyeic Hydoacey ;

et B # ) S g

o A

'E

"Eotw x 6 &pBuog td@v mixeov. ‘H tiurn 1ol éveg m’]xemcg
elval % "Edv 8¢ ol mixetg foav x—+2, 1 Tiun 100 &vog 6 fro | §

maviag toug Spoug ToD MpoPArjuaTtoc.
20v) Eic dpydinc éxéodilev 80 dgaxmas v nufpav. "Edv
eloydlero dvo dgac v Hufpav SAiydiegov, did va xepdiln

800 . 800 800
" O6ev Enetal ) Elowolg 100 MpoBAfjuaTog —— g - —— =20, g
mpémer 82 va elvatr x Betixdv. :
"Exk 1fi¢ ¢€lodoewg adtijg eOplokouev v ;
x*—+2x—80=0,

tfig dmolag Avoeig elval al =‘
X =8 Kal X '=—10, §

éx 1OV émolwv pévov ) mpdtn elval mapadektr, ©¢ mMAnpoloa §
g

‘{

xad” Huépav zdag idlag dpaxudg, Ha Engeme wva mAnodveral
xa® doav 2 Spaxuds mepicodregov. éoas doas égydlerar od-
z0¢ xa®’ Juépav xal mécov mAnpwverar xad’ deav ;

"Eotw, 811 épy&letal ¥ &Opag AV fHuépav: Hote 1) &uoifn |
kaf’ dpav elvat BTD. 'Eav 8uwg elpy&leto xab’ Huépav x—2 |
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dpag, | &poipy xkab’® dpav B& fjto 80 . Elva 82 xata 10 mpb-

Xx—2
80 80
sl e sec B
BAnua i =
Mpémer 62 & x va elvar Betmixdg &pBuse. "Ex 1fic £El0boEng
adtfic eOplokopev T&g Avoelg x =10 kai x'=—28. 'EE adtdv

82 mapadexkty elvar 1) x'=10.

3ov) Eic érénioce xepdlatov 5000 doaxudy. Mewa Ev Erog
13y téxov avroD moocédecev eis 1d xepdlatov xal td Slov moodv
itéxice ud Emitémiov mard movdda usyalvtegov toU smgonyovué-
vov. ‘Eddufave 32 téte Errjorov téxov 260 Soaxuds. Na edoedi
10 doxixov Emitdxiov.

'Eav x elvat 16 {nrobuevov émitékiov, & 16x0g &vdg EToug

1®v 5000 Bpayudv elval IOOX =50y kal 10 véov KEPGAaLOV

elvar 5000--50x. Toltou B2 & £tfowog 1ékOG TPOG (X+1)%%

(5000+-50x)x+1) __
SRR —260.

elval

MpéneL 8¢ 10 ¥ va elvan Betikbdv. "Ex 1fig €l0doewg adtiig Aay-
Bavouev tiv £€icwolv
%*—+101x—420=0,

1jc omolag Avoeig elvar al x'=4 xal ¥'—— 105 “EE ab-
1ov B¢ mapadexktn elval 7| x'=—4.

40v) “Ev notaudmdotov dvayxweel & tivog ywelov A, pddrves
eic ©d B xal énavépxerar eic 10 A pera 10 % dpac. "H dndora-
oic t@®v 8¥0 yweolwv A xal B elvar 24 xiliduserea, 1 82 taxv-
T7c oD pevuaros to¥ mworauod elvar 3 yidibucszoa v deav. Na
edpedfj 77 Idla rayvrns toU miAolov.

"Eotw, 811 fj IBla tayxding 100 mholov fjto ¥ XtAbpeTpa TRV
Spav. Téte | TaxvIng Tou, tav &vipyeto 10 pedua, Hro x—3
xal 8tav katfipxeto x+3, 6 B2 xpdvog 100 tafidlov kata v

&vodov 7TO

24 24 w
—5 Kal Kata v K&Bodov s Exouev Aoi-

R R
nov v £Elowoly i, U R R, e
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Ipémer 8¢ 6 x v& elvar Betikog &pbudg. 'Exk 1fic £Eiodoeag
attfic AapBavouev v

2x— Sy 16—0.
1fi¢ dmolag Adoelg elval al
F R 3
X' =6 kal x''=— T
"E€ abtdv 8¢ mapadexty elval fj x'=6.
50v) Na edoedfj Suyrigpioc doitPude, 1ot dnolov 1o yivdusevoy
1@y ynplwv dnegfaiver 10 dPpoioud twv xaza 11. Eav 82 14

ynela adtol yoapody xara td&wv dvricrgogov, mooximre: dot-
Puds uxgdrepoc xaza 36.

"Eotw x 10 ¢nolov tdV dekdbwv kal ¢ 10 wnoelov 1@y
povadowv. Téte katd 10 mMPSPAnua elval

X—C-u=—11
Kadi (10x+y¢) — (10¢ - x) = 36.
[Npémer 8¢ ol &piBuol x kai ¢ va elval Betikol, &KEpatot kKal pi-

xpotepol 100 10. Adovieg 16 ovotnua ToDTO, EdploKOUEV T&
£Efig ovotiuata AVOE®V :

a’) Xi=7, ¢|:3
kal B°) Xo——1, Yy,——5-.

'E€ attdv B¢ mapadektov elvar 16 mpdrov. “Qorte & {nroluE-
vog &ptBudg elvar & 73.

6ov) Td dPgoioua 3vo dotPudv elvat 5, té 82 ddgoiocua 1@
dviicTpdpwy Ttwy sivat L Na edoedodv of dvo ovzor dpcPuol.

6
"Eotwoav x kai ¢ of Lnrobuevol &piBuol. Téte Exouev Td
~botnua X+y=>5
Pl e ib o o
R, A
"Ex 1fig devtépag éEiodoewg AauBdavouev TRV
s o
P e -
- 2r. 3. e
Hrot 0 B i xp ==6.
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“Qoie Exopev va AVO®UEV 1O OLOTNUX
X-+¢=5
Xy=="6.

"Ex tfig AOoewg B2 adtod edplokopev, 11 ol Lnroluevol &piBuol
elvar ol 2 xal 3.

70v) T ufadov doPoywviov eivar 60 tv.u., 6 3¢ 1éyog tdv
Siacrdoswy avrod sivat ~g— Na evpedody al Siactdoets roi do-
Poyowviov rovzov.

"Eotwoav x xai ¢ al {nrobpeval diaotr&oeig. Téte Ba Exw-

UEV 10 oglotnua Xyp=60
o AT
R e T

MNpénel 82 ol ¥ xal ¢ va elvan Betikol &piBuol. Abovieg 16 ob-
otnua edOpilokouev

a’) X, =6, i, — 10
xaxi B) Xs——6, g,=—10.
“Qote tapadexktdv elval 16 mMpdTOV oglotnua AVTE®V.
8ov) "H mlsvpa pdéufov icoftar ué & u., td6 d¢ ddgoioua 1dv
8vo Staywviwv tov loobtat ué 14 u. Na edoedfi 10 uijxos &xd-
orne t®v Srayovioy zovtwv. o
Al diaydviol toD pduPou petrd 1@V TAeLpOV aUTol oxnua-
tifovv 1fcoapa SpBoydvia tplywva loa. "Eav & mapaotiow-
pev did 2y kal 2¢ tag diaywvioug 100 pbupou, al mwAsupal
éxGotov 1plydvou elvar ¥, ¢, 5 uy. "Exopev Aowmdv, kata 10
npbPAnua kai kata 1o MuBaybpelov Bedpnua, 16 cboTNUa
X =7
X*Hy=5".
[Mpénel 8¢ ol x kal ¢ va elvar Betmixol &pibuol. Adovieg 16 gb-
otnua eoplokopsv o) x,=3, ¢,=—4
Kal B) X:=4| 4’:=3-
“Qote al diaydviol 100 pbéuPouv altod Exouv pfjkog 8 u. kal
6 u. f 6 u. xai 8 p. "AAN" &updtepar al Aboeig abral &mote-
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AoDv ulav pévnv, 8161 ol BUo pbuPot, Todg dmolouc Bidouy al
Aboelg, elvar Toot.

9ov) ‘H ula t@®v nlsvedy zoiydvouv xewuévny duévavn
ékelag yovias elvar 37 uéroa, 7 dcapoga tdy S¥o ElAdwy miAeu-
o®y elvar 27 uéroa xal 17§ P9 7tgofoldn tijc mixgorépac &E
avrdy éni vy HAAnv elvar 5 u. Na edoedodv ai dvo dlla
mdevoal to¥ Tgiydvou.

"Eotwoav x fj peyaivtépa Ek tdvV Cntovuéveov TAELPp OV Kail
Y 1) &AAN. "Exopev 8¢ kata 10 mpbéPAnua

X—9—27 kot X+ —2.5.x=—37°.
Abovteg 1jdn 10 cvotnua tTobto eOplokouev, &1t
Xx=40 kal Pp==13.

100ov) Na edpedody al roeic mAsvpal dpPoywriov Toiydvov,
00 10 8uPadov clvar 84 1z.u. xai Srav al Vo xdderor mAdevpal
&xovy Siapogav 17 u.

"Eotwoav ¥, ¢, ¢ N Omotelvovoa kai ol &AAat BOO TAEU-
pal 1tod tpiydvou. Téte B& Exwuev

S, 5 T B

Yp—168

yg—op—17.
Abovieg f1dn 16 cVotnua TV dlo TeAsvtalwy EElodoewy etpi-
OKOUEV w=24 Kal p—7.

Katémyv 8¢ &k 1fig mpdine edpiokouev x=25.

HoofAijjuara mpds doxmnaoev.

= 1
A’. 345) To % &ptBuod, Stav moAAamAaociaoBfi ué Té =

a01o0, Bider yivéuevov 108. Na e0pebf] 6 &ptBudc.

346) Na eOpebf] &piBudg, 100 dmolov 1 TpimMAd&olov, Stav
moAAamAaotaobf £ml T& —%— av1od, 5(del yivéuevov 270.

347) 'Eav elg GpiBuodv npooBéowuev v povada 1, &paipé-
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owpev 5¢ Emelta adtiv &mo Tod &piBuod, 1d yLvluevov 100
&Bpolopatog tovtou Emi TRV diapopav loodtar ue 840. Na& €0-
peBf & &piBudg. :

348) To &Opoitoua &pBuod Tivog xai 100 &VTIOTPOPOL TOU
elvat 2—23». N& ebpebfj & Gpbude.

349) Na& e0peffj &piBudg, & dmolog, MoAAamAaoI&L®y TOV 3
kal Biaip®v Tov 40, dideL faybpueva Exovta &Bpoiopa 29.

350) Na& eOpeBolv 1pele &képaiol diadoyxikol &piBuol, T&V
bémolwv 16 yivéuevov 100 mpdtou éml tov TpitoV looDtar pé 10
tpimA&olov tod devtépouv avv 3.

351) Té yivéuevov doo Biadoyik®v &ptricv &plOudv elvat
288. N& edpe@oDv ol &piBuoi obtot.

352) Té &Bpoloua TV TeETpaydveV dlo &xepalwv diado-
Xik®v &pdudv elvat 85. N& ebpebolv ol &piBuol olbtoL.

353) 'Eav & % &piBuod moAAamAaoiacBodv énl 16 &Bpot-

opa adtod kal tfic povadog 1, dibouv yivéuevov {ogov pé 10 TE-
paywvov 100 Inrovpévou ARV 21. Na eOpebf] & &pibude.

354) To tetp&ywvov 10D &Bpolopatog &piBuod Tivog kal
tfig povéadog 1 [ocoDtal pé 1o TETPAYWVOV TS diagop&s T0l 7
&md 10D BimAaociouv ToD &ptBuoD todToL. Na elpedfj 6 &piBudg
ob71og.

B’. 355) '"Hyépaot 1i¢ Opacpa &vii 220 dpayxudv. lNéox
pétpa fydpaxoev, Stav yvopilouey, 8tL & &plBudg TOV pETpw@V
loobtal pe 10 -12— tfig Tipfijc ToD &vdg pétpou peilov 1]

356) “Ev tepdayiov xaot H&Ze x dpaxpag kai énwinln ué
kEpB0oG X°/o- "H &Ela B2 adtoD xai 16 képdog kauvouv 24 Spayxudc.
Na& e0pedfi 1| &&la 100 Tepayiov avtod.

357) Elg éndAnoev 8 dk&dag oltov &vil x dpaxpdv. "AAN
tav Endrel x dx&dag oltou, B& éA&uBave 392 dpayuds. [léoov
&Eilel /) ula Oxk& 1ol oltov;

358) "Empéreito va polpacBodv 600 dpaypal elg mrwyoldg
£E Yoou. "AAN" £medn katd v diavounv &mrovoialov 4, 16 uE-
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pidlov £k&otou TGV &AAwv NUEARBN katd 5 dpaxuag. [ldoot
noav ol nrwyol ;

359) KAnpovoula éx 15000 dpayudv émpdkelTo va Blaveundi
¢€ loov elg dplopéva mpbowna. 'AAAG katd v Siavounyv eb-
PEBn, 81l BVo £x TOV MpoochnwY adTdv Sév elyxov KATPOVOULKAY
Sikalopa. Obtw 82 16 pepldiov £éx&otouv TGOV &AAwV no&nen
xata 4000 dpayudg. MNéoa foav & mpbowna ;

360) Ot pabnral wae t&fewg anepdoioav va ddoouv Eelg
Epavov Omép 100 'EpuBpod Zraupod évveakooliag Bpayudag.
[Npdg 10010 58 Exaotog 1@V mMapdvriwy B4 katéBaiiev loa xpf-
uata. "AAN’ énedn el tov Epavov avTtdv cvuuetéoyxov kal 6
&AAot pabntal, ol émolol &movolalov mponyouuévwe, Exaotog
uabntig xatéfare 5 Bpaxudag dAiydrepov. [léoot floav ol
pabnral ;

361) "E€opAel 1i¢ xpéog 3600 Bpaxudv dia unvialov 86-
cewv. 'Edv énAfpove xatd pufiva 60 Spayudg TEptogdTEPpOY, TO
Xptog 8a &fwoAelto elg 5 pfvag évwpliepov. IMola elvar T un-
viala 8éoig kal elg méooug pfivag 8& £EopAfon 18 xpéog TouL;

362) 'Hydpaot 1i¢ Spaopa &vil 780 Spayxudv. "Eav 62 &vri
TOV abT®V Xpnu&tev fyépalev Eva miixuv dAtydrepov, 1) Tipd
100 Txewg 6& fjto kata 5 Jpayudg pueyaivtépa. [Méooug mA-
X€l Nybdpaoe kal &vil mboov dpaxudv 1év MAXLV;

363) Paning 1ic 16éAnoe va &yopéoq Upaopa xal 100 EZH-
moav év 5Ae 1800 Bpaxuds. 'AAA& katémiv ouvlnthoewg &mé-
Tuxev EAaTTOolY 20 Bpaxudv karta mixuv kali Rydpaocev oftw
Si& 1OV abt®v dpayudv 2 mixeig nepioodtepov. [Néooug mhxelg
nybdpaocev;

364) Elg fyépaoev adya &vii 200 Spaxudv. 'E€ adtdv
Eonaoav 10 kal ta OmdAoima éndAnoe kard 1 Spayxunv éni
wAéov tfig &€lag tfig &yophs. Oltw b2 éxépbioev 70 Bpayxudég.
[MTéoa abdyd fydpaoey ;

365) 'EnAnpoénoav 96 dpaxual el¢ 14 £pydarag, &vdpag
kal yuvailkag. "EAaBe 8¢ E€kaotog &vrp téoag dpaxpdg, Soai
foav al yuvaikeg, kal &k&otn yuvy 1éoag dpaxudg, 8oot foav
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ol &vbpeg. lNboor foav ol &vbpeg kai méoal ai yYLUVaIkeg ;

[". 366) AVo modnAatar &veyopnoav ovyxpdévwg £k tod
adtod onuelov Bk va peraPodv elg plav méAv &néxovoav 90
xtAbuerpa. ‘H taxding 100 npdtov elval x xiAtduetpa v dpav,
B & taxoOtng tol deutépou elvar x+1 xitabuerpa. Elg néoov
xpévov 8& Biavioqn #xaotog ModnAdrng v &mboraocty 1@®v 90
XtAopétpwv ; "Eav 82 1) diagopd 1OV xpdvwv elval 1 &Hpa, mola
elvat f Tiun 100 ¥ :

367) Ao mdAeig A kal B &néyxouv petafd twv 150 xiAbue-
pa. 'Ex 1tfic mérewg A avexdpnoav ouvyxpdvwg dbo abdtoxl-
vnra Sia va ¢B&couv elg v méAwv B. Td mpdrov abroxklvnrov,
10 dmolov elyxe Taydinta peyalvtépav tfig TaydInrog 100 &A-
Aouv kata 5 ywhbuetrpa v Opav, EpBaocev elg v méAv B
kata plav dpav évwpltepov 100 &Alov. Nd& ebpebfi 1) TaydIng
tx&otou adToKLVATOUL.

368) “Ev alOtokivniov Exelr tayldmnta x xtAbuetpa Vv
dpav. MNMboov didotnua diaviel elg 1 mpdTov Aemtdv kal méoov
elg x—10 mp®ta Aemtd ; 'Eav 8¢ 16 didommua, 16 dmolov da-
voeL elg x— 10 np®ta Aemntd, elval 20 yihbperpa, mola elvar 1
Tiun 100 ¥ ;

369) “Ev motapdéniolov dvaywpeiék 100 xwplov A, ¢B8aveL
elg 16 B kal g¢nmavépyetal elg 16 A petd 16 dpag. Ta dbo ywpla
anéyovv 60 yitAbpetpa, 1) 88 Taxdng 100 peduatog 100 Motauod
elvar 2 yxihibperpa v Opav. Na eOpebif v Bla taxding
100 mAolou.

A’. 370) Elg édaveioe kep&Aaiov 10000 Bpayudv. Meta Ev
£1o¢ 1oV 1éKOoV alitod mpooébBeoev elg 10 kep&Ahatov kal 16 Aov
woodv Etdékioe pE Emrdklov Kata povada peyalidtepov 1ol
mpornyovuévou. 'EA&uBave 82 té1e érfiotov téxov 530 Spaypdc.
Na eOpebf] 10 Gpyixodv émtdxiov.

371) "Exéxioé 11 xep&Aalov 5000 dpaxudv. Meta €v £rog
1ov 1tédkov al1oD mpooébBeogev elg 10 keEpdAaiov kal 106 Slov
woagov £uelve tokiopévov Emi Ev Etog axkdun uyé tdé adtd émi-
téxiov. INpdg molov émitdxkiov étokloBn, yvwotrod Svrog, 8tL elg
10 TéAog TOV BVo 1OV ElaPe téxov &v BAe 408 Bpaypag:
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E’. 372) Abo &pBuoi Exouv Biagopav 7 kai yivéuevoy
30. lotot elvar ol &piBuol obrot ;

373) To mnAikov 8o &piBudv elval 3, 16 62 &Bpoilopa TGV
TeTpayevey adté@yv elval 90. IMotol elvat ol &piBuot obtot ; ;

374) Abo &piBuol Exouv Bragopav 8. Td B2 &Bpoioua |

@V terpaydvev tev elvar 104, N& edpeBobv ol &piBuoi |

oOToOL. 3
375) Té ywébuevov dvo &plBudv EAatTtoOuEVOV Katd 10 T ||
Tpaywvov 100 uikpotépou [coDtal yé 6. "Eav 52 &nd 1oV ue-

yaAOtepov &paipebij 16 SinA&oiov 100 uikpotépou, Exouev Sia- |

popav —1. Na elpnte todg &piBuodg alitolc.

376) 'Eav elg &piBudv mpooBéowuev 16 BimA&oiov &AAou,
ebplokouev 11. 'Eav ¢ &nd 16 1eTpdywvov 10D mpdToU doat-
péowuev 16 dimA&olov 100 teTpaydvou 100 Seutépou, AauBave-
uev 7. Na ebpnre todg &piBuoldic atitoic.

377) To ywéuevov 80o &pBudv elvar 6, # 6& Biagpopda TGV
aviloTpdpwy Twv elval —é— Na eOpeBolv ol &ptBuoi obrot.

378) 'Eav elg 10v mp&OTOV €k BUO &PIBUBY TPOUBECWUEY
10v &Gvtlotpogov 100 Seutépou, AauB&vouev % "Eav 62 elg 1ov
Bebtepov MpooBéowuev 10V &vilotpogov TOD Mpdrou, AaupBa-
VOUEV 3—;—. Nda eOpebolv ol &piBuol obtot.

379) 'O 20 xai d0o &AAoi &piBuoi &moteAolv cuvexd &va-
Aoyiav. "O 20 elvar & péoog &varoyog, ol B2 BUo &AAot Exouy
Biagopav 9. Na eOpeBoldv ol 8o &piBuol.

380) Nd& e0pebf] diyAgloc &piBudeg, 100 dmolov 16 yivéuevov
TV ynolov loodtal ué 16 dimAdoiov 10D &Bpoiopatédg Twv: Eav
8¢ 1a ynola avtod ypagolv kat’ &viiotpopov t&fiv, Ttpori-
TTEL &plBudg pikpdrteEpog Katd 27.

381) Na ebpebfj Buymoiog &piBubdg, 100 dmolou 16 ynoiov
1@V yovadwv UmepBalver 10 yYmolov 1@V Bex&dov katd 1, 16
6¢ terpaywvov 100 &piBuod elvar uikpdrepov &md 18 TETPG-
ywvov 100 &pitBuod, Sotig mpoximTEl Bia 1fig &vTioTpORiic TOV
ynelov, kata 297.
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2T". 382) ApBubg Tig mMpoodmwv EEddevoev elg €evodbo-
xElov Bi& payntdv 216 dpaxuds. "Eav 1a nmpéowna fjoav katda 3
neploobtepa kal EEMdevev Exaotov 3 Bpayudg dAybtepov, 6
Aoyapiaoudc O& &vhpyetro elg 225 dpayxupac. [Nbéoa foav &
mpdowna kai mwola ¥ damdvn Ek&otou

383) Elcg Eumopog fybépaocev EAalag Bvo molotitrwv. ‘H ula
&k& tfig mpding moidinrog &EiZel x Spaxudg, 7N B¢ ula ox&
1fic Bdevtépag moidtnrog &EiLel ¢ Bpaypdg. "Exouv 68 al &flat
abtal &Bpoiopua 30. "Ex tfig mpd1ng moitdtnrog kepdbllel x°/, xal
éx 1flc Seutépacg kepdiler Y°/,. To 6& &Bpoigua 10D KEpboug
&nd plav ékav &€ éxdotou elboug elval 5 dpayxpal. Na edpe-
Bo0v al Tipal v ¥ kal yr

384) Na& edOpebn 16 elbikdv Bapog 100 ¥puood kal 10D Yah-
ko0, 8tav yvopllwuev, 811 1o £ldikdv Bé&pog 10D Tpdtou elval
kata 10,4 peyalitepov 100 €elbikol Béapoug 100 Sevtépou kal
811 xp&ua 28 ypappaplav xypuvood petrda 11 ypappaplov xaAkod
ExeL eldikdv Bapocg 14,4.

385) Avo kpfjval yepllouv Spod ulav defaueviiv elg 18 dpac.
‘H pla pbévn v yeullel elg 27 Hpag énl mAéov tijc &AAng. Elg
néoag Hpag yeuilel ékadotn kpAvn TV Befapeviv altiv;

386) Avo #pydaral, btav fEpydlwvrar dpod, éxtelodv Ev
Epyov elg 3 &Hpag. "Eav Suwg 6 elg 2§ abtdv pbdvog Exteréoq
16 fjutov 100 Epyou kal 6 &AAog 1o &AAo fjuiov, Ba xpeixobodyv
év 8de 8 Opag. Elg néoag dpag Exacrtog épydatng fjfehev éxte-
AéoeL pbdvog ToU TS Epyov;

Z'. 387) ‘H mneplustpog tetrpaydvouv elvat 40 pérpa. Na&
e0Opebf] 10 pfikog Tfig dtaywviouv ToUL.

388) ‘H diaydviog tetpaydvou elvar 40 pérpa. Na& edpedi
7] mAsvp& auvtoD.

389) To £uPadov o6pboywviou elvar 30 t.p. 'Eav f) Baoig
adtol fAattwbi] kata 1 pyétpov, 10 62 OyPog alfndf xatda 1 pé-
Tpov, 10 £uBadov adtod bé&v petaPaiietal. Na edpedf ) Baoig
xal 10 OYog 100 dpBoywviouv TolTOUL.

390) Td £uBaddv dpboywviov elvar 35 t.u. 'Eav i Béoig
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a0T1o8 avfnéfj kata 3 pérpa, 10 &¢ OYog EAaTTWOff xata 3
Hétpa, 16 EuPaddv 10D véou SpBoywviou elvat 20 t.u. Na eo-
PpeBoDV al Siaotdoelg 100 mMpdTou dploywviou.

391) Al Bixotaoeig dpBoywviou Exouv Abyov 3. Elvar B2
to0to0 looB0vapov ut tplywvov Exov B&oiv 24 u. xal Syog 16
u. Na ebpeBoldv al diactdoeic 100 dpBoywviov.

392) “H Omotelvovoa épBoywviouv tpiydvou elval 30 p. N&
e0pefolv al &AAar mAevpal adtol, £av T &Bpolopd& T@YV
elval 42 p.

393) 'OpBoywviov Tpiydvou 16 &Bpolopa TOV TAELP BV TG
6p6fic ywvlag elval 51 pétpa, f| 82 Omorelvovoa kata 3 p. HE-
yahvtépa g peyaiutépag TOv &A@V mAevpdy. N& edpeBodv
al mAevpal 100 TpLydvou toUTOUL.

394) "Eav elg 6pBoydviov mtpooBéowuev 10 TETPp&ywVOV Tfig
pikpoTépag TOU TAEUPEES, 10 AALkdV éuPadov 84 elval 24 .
t&v B2 mpooBEowpuey TO TETpAyVOV A LEyaAUTEPpaC TAEUP&EC,
16 £pPBaddv 10010 B& elvat 40 t.u. N& eOpeBolv ol Siaoré-
oelg 100 SpBoywvliou.

395) "OpBoydviov elvai ¢yyeypapuévov elg kOkAov Biaué-
Tpov 25 . N& edpeBodv al Bixotrhoeig adtold, Srav yveplle-
uev, &1t Exouvv Biagopav 5 u.

396) N& e0peBolv al tpeic mAevpal pBoywviov TpLydvou,
100 4molou #) mepiuetpog elvar 24 p. xal 16 EuPabdov 24 t.u.

KEDAAAION V
"Efcticsly avayéuevar sig SsvtspofaxBuieuc.

156. Attetpd&ywvol ¢EL0D0ELG. —Al £Elodoelg TAS Hopdfg
ax*-+Bx*+y=0 :
napatnpoluev, 81t elval tetaprouv BaBuol kal 8tL mepiéxouv

uévov 1d¢ dptlag duvapelg 100 &yvdotou. Aéyovral 62 Bia
10010 Sizerpdywvor.
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‘H Aboig 1OV durerpaybdvev E§loboewv &avayetal elg v
Aoolv TOv EElobhoewy 100 beutépou Babuod, ©g £&fig palvetal.
"Eotw mpog Avowv 1) éflowalg
X*—29y*--100=0. (n
'Eav Btowuev =y, O0& elvar x‘=y.
“Qote ) £Elowaoig (1) ylveral
§*—29¢--100=0.
AGovieg fidn tAv BevutepoP&Bulov avthv é€lowolv, edplokouev
$'=25 «kal Y =4
“Qote § =25, OdmoTE x=;t\f-§§=j;5
f xX*=4, ométe Y==2.
“Qote al pllat tfic Bobelong &Eodoewg elval al é€fg téo-
OQpEG: X:=5, Xs=——25, Xs=—2, X ——2.
Kata 1a &votépe Aowmdv f| AVowg 1fig Eflodboewg
= o e T
davayetat elg v Abaowv tfic EElodoewg
ay’+PBy-y=0, Bmov Y=x’.
'Eav 82 ai plfat tfig devtepoPabulov Efiodoewg elvar ¢" kal ¢,
al plfat 1fig diterpaydvou elvatl
x=+Ve, x=—V¢. x=H¢" x—=—Vy"
I. x. v& Avdq 1) é€lowaig
X*—7x*—144=0.
'Edv Bfowpev x*=, 1| doBeloa éElowolg ylveral
P —7¢—144=0,
1fig dmolag ol pilal elvat 16 xal —9. “Exouev Aotndv
! x>=16, ométe y—+4
! x*=—9, o6mbére y=—3i.
“Qote al plial 1fijc dobelong tEloboewg elval al
X, =4, X.——4, ¥e—31, Y. ——91
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157. Eldog t@v pgidv Tig SireTpaxymvovu é&tomosmg.
Awd v& dopev, &v pla Bitetpaywvog é€lcwolg Exn SAag tdg

pllag tng i pepikag uévov mpayuatikdg f pavraotikag, 84
tferdowpev tag pllag 1ol devtepoPabulou, /) dwola wpoxGmTE z

€€ abtfic. Obtwe, £av mPdg TdV okomdv TodTOV u&c HoBf T.x. §
tflowoig x*—5x
oewg Y'—5¢-+4=0. 'Ened? 8¢ tfic ¢fiodoewe adTtiig al plla
elval mpayuatikal kal &vicot kai &updtepatr Ostixal, ouvayo-
Hev, 81 xal al 4 plfat 1fig Bitetpaydvou elval mpayuatikal. Ak
5¢ v €flowolv x*18x*—9=0 duoiwg splokouev, 81t ék 1OV 4
plLdv avtfic al 2 elval mpaypatikal kal al &AAat 2 pavraot-
kal, BTt €k 1OV P&V tfig devtepofabutov Y-8y —9—0, al
émotal elval mpaypatikal, ) pla elvar Betiky xal 1§ &AAn &pvr-
wxf. Téhog dia v &€lowoiv x*|-5x*-+4=0 eOplokouev, 81t kal
al 4 plfat elval pavraotikal, 86Tt al pllal Tfic W-5¢—-1-4=0
elval &ugdtepal &pvnuikal.

158. "Av&Avoig Bltetpay@vou Tplevipov ig yivdpevoy
npwtofabpiny mapaydviwv. — Té tpidvupov ax*-Byx*-4y
dvalvetal elg yivéuevov mpwrtoBabuiov mapaydvrov ud tov
[8iov tpbémov, ué 1oV dmolov GvaAveratl 16 TpLtdvupov tod Bev-
tépou BaBuod (§ 152).

Ofrwg, &&v w. x. Exwuev 16 tpidvupov 4x*—37yx*+9 xai
Btowuev x*=y, 10010 TpEmMETOL ElG 1O 4Y'—37W-1-9. 'Eneidn 62
al pllat adtoD elvat 9 kal %. EYXOUEV KaT& TA YV@OT&

4y —37y+9 =4(y — 9y ——)
firol ax' =37 +9—=ax’'—3").[x'—(3-)]
A, TEAog, 4x‘—37x*-9—4(x — 3Xx+3)(x el %)(x—!—%)
"AAN" idn mapatnpoduev, 8t ol &pitBuol —3.—f—3,——;—- Kal -+ —;—
elval al plfal 100 SoBéviog Sitetpaydvou Tptwviouou. Mevikdg

8¢, tav al pllal 100 prvidpov ax*4-Bx*+vy elvat X, Xa Xer Yo
8a elvar ax*HBx*+y = alx — XXX — Xe XX — XXX — X -
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'Aoxifjoees.
397) Na& AuBolv al katwbdiL EELoDoELg:
1) X' —26%* -} 25=0 6) 36y*—13y*-+1=0
2) x*—17x*+ 16=0 7) 36y L 7x* —4=0
3) x*+ 5x* —36=0 8) 10x*—21=x?
4) 25y*—26y*+ 1 =0 9) 49y 24 x*=25
5) 4x*—197x*+49=0 10) 255 4+-224x°=
398) Na AvBodv al k&atwbL EElowoELg :
D Oe+30c+2)—42 6) X4 2 =
2) O—SXx"—7)—8 242 xsz
3) (C+H4Xx—3)=8 7) e =T
B OO 5=—07 5 3 e e
5) (x*—7r+H(x*—3y=49 A e e S

399) N& e0pebij & &pidudg T®V Tpaypankd®v puLédv 1év
k&twb EElodboewy Tplv fj AvBoDv:

1) x'‘—18x*+65=0 4) 15%*+13*+2=0
2) X‘—+9x*—136=0 5) x'—14yx*+149=0
e e 6 e 6) 10x‘—9,6x*10,1—0

400) Na& &vaiuvBoiv el yivéueva mpwtofadulewv mapaydv-
TOV T TPLOVLUA :

1) Xx‘—41x*—400 4) ¥ --48x*—49
2)  400x*—9x*—1 5) 36x‘+143x°—4
3) x‘—24%°1-143 6) x*—3x*+12

401) Na& ebpeBolv al éEiodoelg, al dmolal Exouv pllag T14g:

g3 15, 12 S v e - o 5Y. %5, #2
2) 41, - 4 +1. T 6 V7dsi
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159. "E€owoeig £xovoatl prfika devtépag T&Eswg,
lov) N& AvBfj f &€lowoic x — YV x =2. 'Evradfa Tapainpod
uev, &nt 1) é€lowoilg adty Exet TETpay@viknv pilav, Ona n}v}}
Sdmolav Omapyer & &yvwotog X- Ald va Abowpev v &flowaoty
avTAy (Q¢ kal m&oav &AAnNv, A dnola Exel Ev pilikdv Beutépag
T&&ewc), peraoxnuartilopev adTiv elg &AAny, A Sdmola va &y
10 pilikdv elg 10 Ev uélog, kal kardmyv Tijc véag éfiobosag
Ogoluev kal Ta& B0o péin elc 1o tetpaywvov. "Exouev 82 obrn

x—2=Vx xal (x—2F=x | YT—=5Spti—n
Avovieg /8n adtiv, edplokopev

X —4, ¥y —1.
"Eav idn kGuwuev v énaifBevoiv elg THv SoBeioav églowoty,

TapatnpoBuev, . 4 —\V4=—=4 — 2 — &y 4

&AN 1—V1i=1—1=0

kai Sxi loov pé 2. ToOto B¢ ovpPalver B16TI xatd 16 O. 144

1 é€lowolg X*—5x+4=0

elvat looblOvapog mpdg v dobBeicav kai TPEdC TRV
x+Vx=2, !

kai mpdypat, bt 1+ V1 =1+ 1=2.

Znuelwois. Al EEiodoeic x —V x = 2 kai x+Vx=2
Aéyovral ocvfvuysic.

2ov) Na& Av6fj /| é€lowoaig
x+Vaxr—2x—11 =4
"Epyalbuevol dpolwg d¢ &ve ebpioxouev
V2x' —2x—11 =4—y, 2" —2y—11=—(4—x)* A x+6x—27=0.
THic tedevtaiac &8 ab1fig éElodoewg pilal elval ai
priae o e
"EnainBetouv 8¢ &ugpdrepar v doBetoav Eficwotv. ‘Emno-
HEV@E N ovluyng TPdg adThv
Xx—V 20 —2x —11—4
Biv Exel oldeplav Abouv.
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3ov) Na Avu8f 1| églowoig

V2x —1—Vx—1=1.
Elc 1v doBeioav EElowolv mapatnpoduev, &1L Omapyouvv dlGo
pilixa devtépag Tafewg. Awd va ADOWUEY ¢ adtrv, B6& &mo-
povoowuev 16 Ev éx 1@V dlo pllik®v elg 16 £v pélog xal Ba
SYbowuev ta péin 1fig véag Elodoewg elg 16 TETpaywVOV. B4
epwuev B¢ obtw £&Elowoiv ué Ev plikdyv, v dmnolav yvopilo-
pev v& AVwpev. "Exopev 8¢ oltw

Vax —1=1+Vx—1
Kai 2x —1=0(+ Vx—1)
fitot x—1=2Vx—1. (1)

*E&v #dn t& péAn tfic véag adtic élodoewg GYbowuey elg 10
TeTpaywvoyv, evplokouev

(x— 1P =4(x—1)
Aot x*—6x+5=0 (2)
AvCovieg B¢ v £€lowoly adtiv ebplokouev 1&g pilag
¥ =58 X =L
‘H 2€lowoig (2) elvat lgodOvapog mpig v (1), fjtol mpdg Thv
x—1=2Vx—1
Kal mpodg v ovluyh 1ng

x—1=—2Vx—1. 3)
"AMN 7 (1) elvar loodOvapog mpog tag EEL0DOELS
V2xy —1—Vx—1=1, —V2x—14+Vyx—1=1,

A 82 (3) elvan loodOvapog mpdg Tag EELOGOELS
—V2x—1—Vx—1=1, V2x—14Vx—1=1
“Qote § é€lowoig (2) elval loodivapog kal mpodg Tag TEooxpag

adtag éEiodoelg. "Eneadn 68 al edpebelioar pllal

B iy T 1
¢naAnBetouv tHv dobeloav églowoly, Enetal 81t al &AAal 1peig
tEiodoelg Bév Exouv oOBeulav Alaouv.

14
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‘Aoxrfoeec.

402) Na AvBolv ai k&1wbt EElodoelg :

3l e ot 1
Vx+7=4 V8—x=9 S5 Vx+12=13
IV x—08—19  3FaVay—d1- o5 2V x+5—3V x=0
A5 ey 243V x__ 5
Vx—1 1—V x 32y x
403) N& AuBodv al k&rwb: éflodoelg :
Vxt5=x—1 Vx+d=x—2 VT —x=x+1
x+V x=2 x—V x=2 x — V x=20
x —2Y x—15=0 X — 6V Xx4-5=0 X —7V x-+-10=0

6x+3V x=7x+2, x+V3Fx=dx—1, Vax'—2yt+4——2x+8

404) Na AubBolv ai k&twb. £ElodoElg :

Vo=V x reta Va—T=Vxt6-—1
Vx—3+V x§9=6 Vax+2Vxtz=2
Vx+7—V5G—2)=3 Faxt7iayax —a—1
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BIBAION A

TTEPI TPOOAQN

KEDAAAION I
A’. Mpéodor apBuntixai.

160. ‘Opropoi.— Al TV QUOIKAV CEPAY &V &plBudv
1, 2, 3, 4, xTA. (1) yveplfopev, 811 kabeig To0TOYV yivetal &nd 1oV
nponyotpevov adtod dia Tfig npooBéoewg Tfig povadog 1. ‘Oupolwg
xaBele 1OV &plBudv 1fig gep&g TOV nepttt®v &ptBudv 1, 3, 5,
7. 9, xTA. (2) ylveral &nd 1oV TponyolUEVOY a®1oD dia 1fic TpOoo-
8éoewc 100 &piBuod 2. "Ex B¢ tfig 0Elp&g 1OV &ptlev &plBudyv
20, 18, 16, 14, xtA. (3) Ttapatnpoduev, &1L kaBelg TodTY yiveTal
&mé 1dv mponyoluevov Bia 1fig TpooBEéoewg 100 —2. Al tolad-
1al oelpal &pBudv Aéyovral dgiduntixal medéodor. “Qorte:
*AporPuntinny mododos Aéyerar cetgd doiPudy, 1dv dnoiwy Exa-
ozoc yiverar #x toD mgonyovuévou Tov dia zfic mpooPéoews Evdg
xal zoD avroD doitfuod.

Ol &p1Buol, ol démolol &moteAolv npbobov, AéyovrioL &eot
1fjg mpobddou. ‘O Bt otaBepdg &piBudg, Botig mpooTIBEuEvog
elc Exaotov Spov oxnuatilel tov Enbpuevov, Aéyetal Adyog Tfig
npobdou. Ob1w Adyog 1fig &Gvw mpobdov (1) elvar ¥ povag 1,
tfig mpobddou (2) elvar 6 2 xal Tfig (3) elvar 6 —2.

‘Ouolwg # oepa 19, 16, 13, 10, 7, KTA. (4) elval mpbodog, kal
Abéyog avtiig elvar & —3, BuoTL

16—19=13—16=10—13=xAn.=—=—3.
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"Eneidn) 8¢ 1§ Biagopa duvo Siaboyik®v Spwv uiEe mpoédou
&piBunuikic elval otabepa (xal Ton mpég 1dv Adyov), al &piBun-
Tikal mpdobot Aéyovral kai npdodol xazd Stapogdy.

Ol 8pot 1fig mMpobdou (1), ©¢ kal 1fic (2), mpoBalvouv ad-
Eavépuevol, BiéTL & Adyoc adTdv elvan Betikdg &p1Budg xal Bia
10010 Aéyovral a¥lfovoar, &v®d N mpbobdog (3), d¢ xkai N (4), 16y
oémolwv ol &pot mpoBalvouv éAattoluevol, SidtL & Adyog altdv
elvar &pvnrikée, Aéyovial P ivovoar.

161. Elpeoig 1ol Spou 7ol KaxtéyovTog @plouévny
T&EWY €v Tf) MPobddw. — "Eotw, &t BéAopev va edpwuev 1y
250v 8pov tfig &pBunTikAc TMpoddou, tfic émolag mpdrog Spog
elvat & 7 xal Aéyog & —-3.

"AM& 161 Ba elvan mpdtTog Bpog & 7, Belbtrepog & 7-13,
tpltog & 74+3+4-3=7-43.2, tétaproc & 7-+3+4+3-+4+3=74-3.3 xkal
mpogavdg 250¢ elvar 6 7-4-3.24 = 79. Iewix&®¢ B, &v & Tp&-
t0¢ Spo¢ mapaotabf] Bid 100 a kal & Adyog BL&x TOD A, & Ben-
tepog 8& elvar a{-A, 6 tpltog a-t-2A, & T€Taptoc¢ a—+3A xai
& vé, tdv émolov &g MIPaAOTODUEY Bi& 10D T, B& elvar

a—+(v—1)A, fitol T=a+(v—1)A. “Qote :

“Exactos Spos doiPunrixijc Tivos mpgoddov loodrar ué dy
Tedrov Ggov adriic avindévia xazd d ywvduevoy tod Adyov éml
0y doiPudv 1dv moonyovuévwy adrod Spcov.

Obtwg & 150¢ &poc 1ji¢ mpoddou 3, 5, 7, 9, krA. elvan &
3-+14.2=31, 6 b2 310c &pog Tfic mpobddouv 70, 65, 60, kTA. elval
6 70+4-30.(—5)= —80.

"Eav 8¢ yveopilouev, 81 T.X. 6 59¢ Bpog ui&g mpoébdbou
elvar 6 —2 kal & 109¢ elvat 6 8 Kadl Intfjtal 1) mpbdodog, Exouev
16 obomua a+4A— —2
: a-+9A=38
éx 10D dmolov, Alovrec, eUplokouev
5A=10, fjtor A=2, xal ao}8=—2, fitot. o= —10.

“Qote § Inrovpévn mpbodog elvan ] —10, —8, —6 kTA.
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'"Aoxnoeis.
405) Ixnuatioate diapdpoug &pIBUNTIKAG mpodboug.

406) Toioc elvar & Abdyog elg 1ag x&TwbL &plBunTikag
npodboug

3. § 1 05 19, 2 e e
100, 89, 78, BT
8.5 D15, At

3a—28B, 4a—58, 5a—8p . . ..

407) Na& ebpeb
& 1505 8pog TAg &p1duntikfig mpoddou 3. 7, 11. ...

& 250¢  » » > » B A5, 2
& 209g » » » » 98, 3
& 430c » » » » BO, -T2, 64, . .
& 400c » » » » Fo —h—=5 . L.
& 190c » » » » > 38 —;—. 0.
53505 » > » gt

4 4

3

&2305 -3 » » » —;—. = oo
& vog » » » » j R W
& vos » » » 7, 3, —1
6 100c  » » » o}, 2a, 3a—Pp. ...
D 200 - » » » 2a—B, 2a, 2a|+P. . ..

408) Na ebpebfj & mpdroc pog &pBunuixfic mpoddou, elg
v édnolav elvar T =51, v=15 xal A =4.

409) TAc d&pBuntikfic mpoddouv 40, 41 —;—. 43, xtA. molav
1&&iv xatéyel & Spog 52;

410) "'ApiBunTtikiijc mpobddouv & 30¢ Bpog elvar —14 xal &
1506 elval 46. Na edpebij ) mpdodog.

411) 'ApBuntixfig tpoddou & 505 Spog elvar 20 xal 6 21°6
elvalr 16. Na e0Opebfj 1} npbobog.
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412) Na ebpebfj ¥ mpbobdog, tij¢ dmolag & 110g Spog elvay
36 xal 6 20%¢ elvar 27.

413) "O 50¢ ¥pog &pBunTIKAC TpobdSouv elvar 13 xal 6 9og
elvat 25. N& eOpedfj & 70¢< 8pog avTfig.

414) "O Ztolog pioBoc OmaAAfAov, Sotic Ato &pxikdg 9000
dpayual, nbE&veto ped’ Exaoctov Etoc kara 600 Spaxu&g. 'Ex
TapaAAfiov ai étholal San&val adtod, al dwoTal noav &pxikodg
7500 dpayual, ndE&vovio ued €xactov €tog xat& 750 Spayudc.
Kata molov 1o al anéval Tou foav loat pé tov Hio8év tou;

162. "ABpolopx @V Spwv GpLOunTikic mpobddou,—
"Eotw, 81 6éAouev va edpwpev 16 &6polopa K tdv &plBudy
3, 5, 7,9, 11, 13, 15, 17, ol énotot, 8mwe PAémopev, &noteloly
dpiBuntikiv mpdodov. 'AAN’ éviadfa Tapatnpobuev, 811

34+17=20, 54}15= 20 «x.o.x.

‘Emopéveg &v ypaywpuev

K= 34 54 74 9411413415417
Ke=174-15-4134114 9+ 74 51 3

Exouev 2K — 20-+-20-20-+20120-1-20+20+-20 — 20.8

kel K =228 — g0,
"Eotw 1jdn, 81t ol &piBpoi «, B, vy, . . . . P, 0, T, TG®V dmolwv

T6 mAfBog elval v, &motedoOv &piBuntixdv mpbobov ui Abyov
A kal Eotw 61 BéAouev va elpwpev 1o GBpotopua K 1ov Spav
aOT@v. "AAN" ) &vetépw mpbodog yphdetat :

oty A, 2R, e PR AT
“Qote Exouey
K=a{{(a+A)H(a+20) 4. . . .- (t—2A)F(x—A)}-T
=11t —A)F+(r—2A)+-. . . .- Ha+22)4(ad+-A)Ha
2K =(at-1H(a+1)-Hat 1)+ . . . +(atDHot1)Hatt)
nrot 2ZK=(a-t1).v kai K=(a—_gt—}'3~ (2)

fitot: T ddgoioua t®v Spwv mdang dotduntixic mpoddov edpl-
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oxcvar, 2ay nmoAdamdaciactfi 10 HuedPooioua Tdv dxgov Sowv
Zxl zov dotPudy tdv Sowv.

'Ex tOv &votépwm B2 ouvayetal xal fj Biétng, kata v
smolav &v mdop dotPuntixii sgoddw o dPgotocua dvo Sowy EE
Yoov dmexdviwy dnd tdy dxpwv elvacr Toov mgdg 10 dbpoioua
DY dxpwv.

Snuelwoig a’. "Eav é&v 1& 10OmQ (2) &VILKQTAOT|OWDUEV
16 T Sia 100 loou Touv a-t(v— 1A, AauB&vouev
[axd-a+(v — DAlv 2av-+viv—NA
K=" 5 = =

fitot K—=avl L(%ﬂ—i.?\ (3)
Ard to0 t0mou (3) edploxopev 10 K, Strav yvepllopev 1Q
o, v kal A.

6. 1) Na&a eOpedfj 16 &Bpolopa Taviwy IOV axepalwv
&p1Budv &md 1od 1 péxpt tob 500. Té1e Exopev a=1, 1= 500
xai v=>500. “Qote elvat

= if’%o"sog — 125250,

2) N& e0pedfj 16 &Bpoiopa 51 Spwv g &plBunTikig TMpood-
Bov 3, 7, 11, 15 xzX.

Kata tov tomov (3) Exopev
K =3.51 4212 4—153 45100

fjrot K — 5253

Snuelwois B. Eni 1fi dvotépe Bidtnrog mepl 100
&Bpolopatog dlo Spwv £§ Toou &MeEXOVI®OV &MO TOV GKPpWYV
KTA. onueloduev, 8T, rav & &piBUsE TOV bpwv elvar mepittdc,
& peocaiog 8pog loodtal pé 16 HuidBpolopa TAV Grpwv. Obtwg
elg v mpdodov

1. 4. 7. 10, 13, 16, 19 elvan 10=22E1

‘Enopéveg, 8tav ol &xpot Spot elvar m.x. 2 xal 340 kai o
&pBudg 16V Spwv elvar 31, 6 160¢ 8pog elvar o

24340 _ 1
- :
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Atyetar 8¢ & 171 doiBunvixdy uboov 1OV GpiBudv 2 kai 340,
Obtwg &piBunuixdy péoov 1oV GpBudv 3 kai 15 elvar &

3415
e

163. MNaxpepPorl] GpLOUNTIKGV HEowVv. — Elg v &va-
Tépw mpbobov 1, 4, 7, 10, 13, 16, 19 Tapatnpoluev, 8t & 8pog 4
elval &piBuntikdy véoov 1@V éxartépwbev adtod Spwv 1 kai 7,
énlong, 81 & 7 elvar Gpbuntikov uéoov 1OV 4 kal 10 xal & 16
elval &pBuntikdv Héoov 1®v 13 kal 19. “Qore duvaueba va
elnouev, 8t petald 1 kal 19 Om&pyxouv 5 &ptBuntixa péoa.
"H&n mapartnpoduev, 811, &av u&c InmnBfj va mapeuPéiopey
petald 1 kal 19 mévre &plBuntikea véoa, fitot 5 8poug, ol &nolot
HETAG T®V 1 kal 19 v& &moteholv &pBuntiknv tpbdodov, B& oxe
POOuev o¢ £Efig: Ol 5 adtol &pol petd t@v 1 kal 19 K&puvouy

5+-2=7 &poug. “Qote elvar 19=11(7—1).1" €€ aOtfic 52 Aau-

B&vouev A = 19;1 =3. "Qote A Lnrovpévn npbobog elvar

1.4.7,10,13,16. 19

levik®g 8¢, éav petald a kal B 8tAwpuev va mapepfaiouev v
GpiBuntika péoa, 16 MAfBog TOV Epwv tfi¢ Tntovpévng mpodbou
elvan v 2.

“Qote elval B=a-+(v+1)r
£€ fic AapPavouev A== e_;_? :

Gpa B Inrovpévn mpbdodoc elval

v41* v4-1
Obtwg, 8tav Intital va mapeuBAnBolv petafd 2 kai 10 tpia
apiBunuika péoa, 0a Exwuev A = -1:3}_;12= 2 xai ) wpbobdog 1) Ln-

tovpévn B8a elval 2, 4, 6, 8, 10.
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"Aoxnoeecs.

415) Na&a eUpebfj 10 GOBpolopa maviewv 1OV &xepalwv &pt-
Budv &md 10D 1 péypt 100 300 kKai yevik®¢ &md 100 1 péxpt
100 V.

416) Na ebpebfj 10 &Bpolopa T@v 100 mepittdv &pBudv
&nd 100 1 xal é¢peffig kata oeipav kal yevik®¢ va edpebfi 1o
&Bpolopa TOV MeEPLTTOV &pibudv &nod 1ol 1 péxpt 100 v.

417) Na e0peBff 10 &Bpoiopua tdv 43 Spwv apBunuxiic
npodbou, 1fic dmolag elval a=42 xal 1=198.

418) Na elpeBf}] 16 &Bpoiogpa 1OV 40 Spwv &pBunukfig
npoddou, tAg édnolag elvar a=21 xal 1=294.

419) Na €0pebfi 10 &Bporoua
1OV 20 npoTov Spwv 1fig &ptB. Mpodbou 1, 4, 7....

27 » » » » » Ll 1) 8 T AT
> 13 » » » » » 1812, 6t
o R AN e » 7,92, Hi....
1 2
» 25 » » » » » 15—3—. 14—3—. 14.. ..

420) Na eOpeBf] 10 &Bpolopa SAwy 1AV MoAlanmiaoclwv 10D
5 1&v nmepieyouéveov petagd 10 1 kal 10D 200.

421) Na e0pebij 10 GBporopa SAwv 1®v moAlaniaolov 100
3 1&v nepieyouéveoyv petaft 20 xal 100.

422) ‘O nmpdtog Spog apBuntikiig mpobdou elvar 3 xai 6
306c elvar 148. Na e0pebfj 10 &Bpoiopa 1@V 30 mMpdbrev Spwv
altfic.

423) ‘QpoAdylov ktund pdvov tag dpag. Na ebpedfj nboa
KTunfuata kauvelr évidg €vog fjuepovuktiou.

424) Xpéog Tt EmAnpden Bia unvialov déogewv évidg £vog
Etoug. ‘H mpdtn pnviala 8éoig fro 500 Bpy., 1) devtépa 550
8px-. 1) Tpltn 600 Bpyx. x.0.x. Elg méoag Bpayudg &viipxeto 1d
xp£og ;
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425) Bthwv TIc V' &voplEn ¢péap, OLVEPOVNOE PETA THV

5

Epyat®v dg £Efic. Aid 16 mpdTov pétpov 100 PB&Boug v& AN

pdon 50 dpx., Bia 10 devtepov 100 kal Bia 1d Tpirov 150 xal

oftw kabekfic, B' Exaotov émbpevov pétpov 50 Bpy. mepioodre-

pov. To GBwp eLpedN elg P&Bog 18 pérpwv. [Néoov Ba TAnpdon;

426) 'vopilopev éx 1fig Ppuoikfg, STl odua 1t Bapld, &pié-
Hevov éAedBepov £§ UOyoug, dlaviel el¢ 10 mMpdTtov Seutepbire-
mrov 4,9 puétpa kal elg Exaorov émduevov 9,8 pérpa meploodte
pov &mod 8,11 Bifjvuoev elg 16 mponyoluevov. Na eOpedfi 1o Gyog,
€€ o0 xaténeoe o®ua Tt elg TRV yhv, Srav & ypbdvog 1fis nTd-
oewg elvat 12”. (‘H é&viloraoig 100 &épog Biv AauBdavetral
on’ Synv).

427) Zopa T aoletar EAevBepov 2E Oyoug 490 upérpov.
Meta mbéoa BevtepbAenta O ¢pB&on elg v yiv:

428) Na& e0pebff 10 &Bpolopa OV 12 mphdrwv Spav
dpBunukfic mpoddou, tfig Smolag & 30 Bpog elvar 18 xal &
So0¢ 48.

429) 'ApiBuntikfig mpoddouv elvar a=7, v=12 kal K=414.
Na& edpebfj 6 T d¢ kal & A.

430) 'ApiBuntikfic mpoddov elval a=5, t=59 kai K=621.
Na eOpebfj 6 v kal & A.

431) *Enlong &ptBunuikfic mpoddov elvar =208, v=—32 kal
A=7. Na edpeBolv tad a kai K.

432) Na edpebolv ol a kal v, 8tav elvar =30, A=3 kai
K—=162,

433) 'Emiong va eOpeBolv ol 1T kal v, tav a=1, A=3 xal
K=145.

434) ‘O 3o0¢ 6pog &pBuntikiic mpoddouv elval 18 kai & Tog
54. Na g0pebfj & a kal & A.

435) To &Bpoiopa TPIdV GplBudv £v &plBuniikfj mpodde
elvat 9 xal 16 1Ov teTpaydvev tev elval 45. Na eOpefodv ol
&p1Buoi oltoL. y

436) To &Bpoiopa 5 &piBudy &noteAodviwv &ptBuntikny
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npbéodov elvar 35, 16 tetpdywvov B8 100 Tpltov Bpov UmepPalivel
10 ywwéuevov 1ol mpdrov &nl tov TEAsvtalov kKata 16. N& e0-
peBolv ol &piBuol obrtol.
437) Al &Euodoelg
T=a-}t(v—1)A kal K=
guvbéouv petaxfd Twv To0Cg Tévie &pBuodg a, A, v, T kal K, &k
16&v dnolwv, ©¢ yvwplfouev, edplokovtat ol dbo, tav ol &Alol
1peic elvatl yvwotol. Avvéueda Aowmdv éni 1®v &piBudv T100-
TV v& mpotelvouev déka diagopa mpoPAfuata. ‘O katwiépw
wivaf Bewkvier 1a mpoPAfjuara adtd, ék 1@V Omolov pepika
£¢66Bnoav mponyouuév®S.

o1V
2

Aedopéva Znrtolusva Aebopéva Zntolpeva
sy v, T, K 5 558 ¢ 69V o, v, K NoT
gov: A, 1. K @, V POV ST A K
gov. A, v, K 2 oW, 5 8ov a, A, K V. X
qav A v, T o IS Sov a, A, T v, K
Bov. . o, T, K A,V 100v  a, A, ¥ TiES

Adoate Spoila mpoPAfjuata pé dpbuntika dedopéva.
438) N& mapeupAinbodv petafd 1 xkal 33 émta &plBunuiké
pEoa.

439) 'Eav perafd dlo diadoxik®v Spwv dapibuntkic mpod-
dov mapeuPAndf 6 adtdg &piBudg GplBunukd®v péocwv, oynuatl-
Letalr vEa mpbdodog ouveyng.

440) Metafd dlo Blaboyxik®v Spwv Tfic Mpoddou

; ol el SNE
va mapeuPAnBodv 3 &piBuntuika pfoa.

B’. HNpécdeor yewpsrpinxi.
164. 'Opropoi. — 'Extég 1OV mponyovuévev ogeipdy Omép-

xouv kal &AAat oeipal &plBudv, m.x. 1} gepa 2, 4, 8, 16 k1A, (1).
Elg adtrijv PAémopev, 81

D i ¥=—8.2 KoK
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Al Toladtal oelpal Aéyovial ngdodor yewuergixal. “Qote : Hodo-
dog yewpueroixny Aéyerar ceipa dotPudv, v Smolwy ‘waotog yi-
verar éx to¥ mponyovuévov zov Sid 0¥ mollamlaciacuod Eni
&va xal rov adidv dorPudv.

Ot &piBuol, ol 6moior &moteAodv mpbdodov, Aéyovral Sgoi
avtfig, 6 8¢ otabepog &piBude, Sotic moAAanAaolalwov Ekaotoy
8pov BldeL 1ov émbuevov, Aéyetar Adyog tfic Mpobdou.

Obte Aéyog 1fic &vw mpoddou elvar & 2. *Ouoiwg A OELpd

1 1 1
P i s e @
elval tpbodog yewuetpiki, 1fic dmolag & Adyog elvar —%—

1
BLéTL —1-:1-—-*u1—. el Ll 3

2 JEar W panes B e B g
‘Opolwg 1fig yeEwpetpikfic mpobddou
1 1 1
1e =5, i —p | ROK (3
Abyog elval & — L. "Emeidn) 8¢ 16 mnAlkov BdVo BiaboyikGy

2
Spwv wag yewpetpixfig mpoddou elvar otrabepdv, Aéyetrar adm

kal mpbobog xara mnlixov.

‘H mpbdodog elval adifovoa, ¢av ol pol abtfic, Aaufavéye:
volL &moA0TwG, TpoPalvouv avfavéuevor, nep ovuPaiver, Srav
6 Ab6yog xat’ &améAuvtov TipRv OmepPalvy THV povada 1 @di-
vovoa 8¢, £éav ol 8pol xat’ &méAvtov TiuRv mpoPalvouv éAar
Tovuevol, 8mep ovpPalivel, tav 6 Abyog elvan pikpdtepog TS
povadog 1 xat’ &méAvtov TipfAv. O8twg /) mpdodoc (1) elvat
abfovoa, al && (2) kai (3) elvatr ¢pBivovoar.

165. Edpeoig 100 Spov 100 KaxTéXOVTOG GOPLOPEVNY TE-
Ev &V yewpeTpik]) mTpoddw.—"Eotw, 81t BEAOUEY V& edpmuey
Tov 70V 8pov Tfig YEwpETpikijc Tpoddou, 1fic dmolag mpdTog
8pog elvar & 2 kal Abdyog 6 3. 'AAA& 161 Oa& elvalr mpdTO
8pog o 2, Betepog & 2.3, tpitogc & 2.3.3=2.3%, Tétaptog o
2.3* kal mpogpavdg EBdopog elval &
2.3° = 2.729 = 1458.
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Fevik®g 8¢, &v a elval & TpdTOGg 8pog YEWUETPLKTG Tpoddouv Kal
A & Abyocg aOtfig, & debtepog Bpog Ba elval ai, 6 1pltog al?,
& tétaprog¢ aA® kal & v®, Tdv Smolov mapiotdvouev Bia
1, 8& elval aA¥—!, ftor T=aA’~!. "Hroi: Elg ndcar yeoucrpL-
xnv mpdodov £€xactog dgos {colitar ué O yivouevoy tol modTov
Spov énl dYvauiy Tot Adyov Eyxovoav Exdérny tov dodudv dVY
moonyovuévomy 6owmY.

1) O0twg Tfig Tpobddou 3, 6, 12, 24 kTA.

& 100¢ 8pocg elvar 3(2)* = 3.512 = 1536,

5 200 » »  3(2)* — 3.524288 — 1572864 xal
6 250¢ > » 3(2)** — 3.16777216 — 50331648,

MNapatnpobuev 8¢ el 16 Map&deypa avtd, 81, £¢° Soov
npoyxwpoluev eig Bpoug ueyalutépag téafewg, énl Toogoltov ol
Spol yivovrar peyalitepol. ‘Emouéveg duvaueba va A&Bopev
8pov ueyaAOTEpOV Mavidg &piBuod, doovbhmote peydiou. "H,
ué ailoug Adyoug, 6 bpog 1afewg v avfdavel dneploplotwg kal
Teivel pog 10 &melpov, Stav kal & v abfavy dpolwg xal Telvy
nmpog 10 &nepov. Kal todto, &iéTL elg v mMpdodov adthv, 1) 6-
mola ypagerar 3, 3.2, 3.2%, 3.2* ktA., al duvapuelg 2, 22, 2%, 2¢ xTA.
elvar 8hat peyaidtepatl 1fig povadog 1 (Emedny 2>1) kal Bal-
vouv ouvex®g abfavéuevar. ‘H ddvauig hotmdv 2Y (8mouv v &xé-
patog Betikog) BdOvaralr va yivn peyaiviépa maviog &plBuod,
doovdfimote pey&iov, Stav 6 v yivy ikavég péyag.

To &votépw &modeikvietal eOkéAweg, 81t &Andelel kal eig
n&aoav abfovoav yewmuetpikiv mpdodov.

2) Awa v yewpetpikiv mpbdodov 16, 8, 4, 2 xtA. edploko-
uev, 811

& 8o $pog elvan 15.(—%—)’—: 161 — 040

218
b 156c ». . % 16.(%)"= 16.—1> = 0,0009765625 Kad
52008 » v B Y e — 0,000030502. . ..
2 524288

MNapanpoOuev b& 1idn elg 10 map&deryua a1, &1, &9’
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8oov mpoxwpoduev elg dpoug ueyalutépag T&Eewg, &ni Too0D- |

tov ol &pol ylvovral pikpdétepor. ‘Emopéveg duvaueBa va A& |

Bouev 8pov pikpéTEpOV Mavidg &piBuod Soovdhmote pikpod. |

"H, p& &AAoug Adyoug, 6 8pog 1&Eewg v telvel mpdg td 0, Stav
6 v abfévy xal telvn mpog 1o &mepov. Kal toOto SudTL elg iy
mpbobov adtiv, 1| Omola ypagpetal

16, 16.5-, (2) 16.(5)
ol Buvapelg (—32-) ( ) (3 ) xe.

elvar 8har pikpoétepal tHig povadog 1 (Emeldn <I) xai Bal-

vouv guvex®cg EAattobpevat. "H d0vapig Aotmodv (—;-—)v dovaral

va ylvy pikpotépa maviog &piBuol, oSocovbrimore pikpod, Stav
6 v ylvy lkavég péyag.

To avotépw amodeikviOetal edkdAwg, STt &AnBetel kal elg
naoav ¢blvovoav yewuetpiknv mpbdodov.

‘Aoxroets.

441) Zynuatioate diapbpoug yewuerpikag mpoddoug.

442) Na& eOpebfj & Adyog elg Td¢ KATWOL YE@UETPLKAC TPO-
6Bovug:

1 1 1
4, ]2, 36, ]OB - .. ],T, _9"‘. —ﬁ‘. .- = =
2 7
1, —3, 9, — 6, —4, 2-5—. —1 9
X s X s X5 X' XY xR
443) Na& eOpebi
6 705 Bpog 1fig yeEwuetpikijg mpoddbou 1, 3, 9. .
4 6o » » » » et 16 o <
1 1 1
890 3. . » » b e
1 1 1
SRR S ’ % ETER R
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8 60c Bpog TTi¢ YEWUEIPLIKTC mpodbou 980, 300, 100.. ..
A 8oc » » » » 54, —18,6....
5100 » » » » L . S
& og » » » » L RN
v S e

444) O 505 $pog yewuetpikfic mpoddov, Tfig dmolag 6 Adyog
elvar 4, elvar 768. N& e0pebfi | mpdodog.
445) 'O 6o¢ 6po<; Ye@uUeTpikfic mpodbou, Tfic dmolag & Abdyog

elvat -;— elvar 4 —-. Na e0pebfj | npdodog.

446) "Ex chpeMou. 10 dmolov mepiéyxel 256 o6xadag olvo-
nvebpatog, dpaipoluev 10 fuiov 100 meptexopévou, Emeita 10
fiutouv 10D OmoAolmou k.o.x. &nil 8 ¢opdag. Ti moodv olvomvedua-
tog Bca pelvn elg 10 BapéAiiov;

166. MNMopeupPoil] YEQUETPIKADV HECWV. — Na mapeuBa-
Aopev perafd Blo doBéviwv &plBudv, a kal B, v yEQUETpk&
péoa, onuaivel va mwapeupfdiopuev petafd 1OV dobBéviwv &pt-
Budv v Spoug, ol dmoloL petrad 1OV doBéviwy v dmotehodv yew-
peTpiknv mpdodov, tfic dmolag & mpdTog Epog va elvar & a kal
TEAEVTalog & B.

"Eav A elvar & &yvwotog Adyog, Exouev, éneldn 10 wAfBog

1&v Spav elvar v+-2, B —aR*t,
v+1
£ Ti¢ Aaupdavousev J\”‘”—— wai A \/—
&pa 1) {nroupévn mpdodog elval
oy B 3 v+1
\/£ 2 (B2
. PR s L o v pes e

Oftwg, &Gv 8¢hwuev va mapepPdropev petafd 1 kal 16
4

pla yeoperpixa pfoa, Ba Exouev A =\ 1§—2 «kal i Znrou-
uévn mpdobog Ba elvar 1, 2, 4, 8, 16.
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447) Na mapeppAinBodv petafd 1 kal 10 EvvEa YEQUETPIKE
péoa.

448) "‘Opoiwg va& mapeuBAnBodv 5 yswpetpikd upéoa pe-
Tafd 54 kai ?272» ®¢ kal petald 21 kal %

449) 'Edv petafd 0o Siadoxik®v Spwv yYe®UeTpIkAS Tpod-
Bou mapeuPANBf 6 aldtog &pilBudg yEwETPIKGOV péowV oxnua-
tlletal vEa mpbodog cuvexrc.

450) Metafd 1OV diadoxik®v Spwv 1fig Tpodbou 1, 4, 16,
64, 256 va mapeuPAndf ava Ev yewustpikdv uéoov.

167. "ABpolopa 1@V Spwv yEwusTpikijg mpoddou. —
"Eotw mpég efpeoiv 16 &Bpolouc
K= a+aifar’tar*+ .. .. +arvL (1)
"Eav {idn moAlaniaciGowuev 1é& loa énl tév Adyov A 1fig
YE@UETPLKTig Tpodbov, edplokouey
KA = aAt+ar’t+ar*+...Fal? , (2)
&oalpolvtrg 88 katd péAn 1a¢ (2) kal (1) edplokopeyv
KhN—K=a\' —a f K.(A—1)=ar’ —aq,
kal, &v 6 A diapépn Tfig povadog 1,

e oy Pk 1)
B o

S .
i &Y ypogopey K =002, K= X 3

fitot : Té dPgotoua tdv Sowv uids yewuergixic nnpodédov sdpioxe-
zat, 8v 6 televialos modlandaciacHij éxi 1ov Adyov xal d=d tob
yivouévov dopaigedfj 6 modros Sgog, 16 82 Vmbloimov diaigedf
ded zod Adyov jAlarrouévov xard movdda.

Znuelwoig a’, ‘O tomoc K= E% XPNotlHomoLelTal

Sia v ebpeoiv 100 K, Stav dldwvrar ol &piBuol a, A kal v.
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I15. 1) N& e0pebfj 10 &Bpoioua
K=3-16-}-12-}24-}-48-}96-+192.
*EviabDBa €youev a=3, T1=192 xal A=2.

19223 _ 384—3

"Qote elvan K= S =381,

2) Na& ebpebf] 10 &Bpolopa AV 10 mpdrev dpwv 1fig YE®-
HETpiKfig Mpodbdbou 1, 2, 4 KTA.

“Exouev K=& =1 — 2w 1=1024—1=1023.

3) Na& ebpeBfj 10 &Bpolopua T&V 8 mpodtwv dpwv 1fig TPobd-
bov 27, 9, 3 xTk.

“Exopev
1 6560
v )= Aae)  wees e
B iR Ay L i ePs h AenE v a)
3 3

4) Tpeig &piBuol elvar év yewuetpikfj mpoddw. Td &Bpot-
opa adtd®v elvar 39 kal f| Siagpopa 100 Mpdrou &nd 1dV TPl
tov elvar 24. Na edpeBolv ol tpeic obtoL &pibuol.

"Eav ol Cnrobuevor &piBuol elvar ol «, ak, ali?, Exouev

a—+aA—+ak?=39 e al(l-+A+A2)=39

alk—a =24 a(A*—1)=24.
AraipoDvieg tag £§lodoelg adtdag katd péAn edplokopev
142422 13
Y R

e adtfic 6 ebploxkouev v EElowalv
5A*— 8A—21=0,

tfic dnolag pllatr elvat A=3 §{ i “Qote elvar a=3 §

5
25. Ol ZnrolGuevol Aotmdy &piBuol elvat ol 3, 9, 27 f 25,— 35, 49,

15
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‘Aonfoeec.

451) Na& e0pebfj 10 &Bpolouc

dv 6 mphtwv Spwv 1fig yeou. mpoddou L .
» 7 » » » » » 2 10 B asa
» 8 » » » » » 3, 10, 108
» T » » » » » 5, 15; 45: 0
» 6 » » » » » 120,660,  30;
:: 1 1
e YL L SO D s e e
3 3
» 5 » » » » » 3. 2 mt T2
1 1 3
» 7 » » » » » Sy oy

452) N& ebpeBolv 1pelc &pilBuol &TOTEAODVTIESG YEWUETPLKY
npbobov, 1fi¢ dmolag & mpdrog Spog elvar 36 kal 1) Biagopd
adtob &amnd 100 Tpitov elval 28.

453) Tpeilg &piBuol elval &v yewpuetpiki] mpoddw. Td &Bpot-
opx ab1dv elvar 35 kal ) Siagopa 100 mMpdrou &nd 100 Tpi-
tou elvat 15. Na& eOpeBolv ol 1peig obtol &piBuol.

454) Na& peplodij & &piBudcg 91 elc 1peic &ptBuodeg, ol dmoiot
va &amoterodv yewueTpikv Tpbodov, & B¢ teAeutalog va Omep-
Balvy tdv mpdToVv katd 80.

455) Tpi&v &plBudv €v YEDUETPIK]] Tpoddw 16 &Bpoloua
T®v dlo mpdtwv elval 10 kal 16 &Bpolopa TAv Blo TeAevtaiwy
15. Na& e0peBolv ol Tpeic oOtoL &piBuol.

456) Tpi&v &plBudv £v yewuetpikij mpodde 16 &Bpoioua
1®v do mpdtwv elvar 20, 16 82 &Bpolopa 100 MpdToU Kal Tod
tpltou elval 68. Na edpeBolv oi &pi1Buol obrot.

457) Tpeig &piBuol elvar év yeopetpikf] mtpodédw. "Exouv &8
&Bpoiopa 21 kal yiwvbuevov 64. Nda edpeBolv ol &piBuol olrtol.

458) 'Eav 1—y, 14+ kal 35—y &moteAolv YEQUETPLKAV
npbobov, va eOpedfj 6 x.
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459) 'Eav x-+2, x—2 xai 8—x &TOTEAODV YEQUETPIKAY
npbdodov, va edpebf O X.

168. "ABpolopx TV Spwv ¢Bivolvong YE@UETPLKTG
npoddou £yxovong &neipoug Spovg.—"Eotw, 81 BéAhouey va
ebpwuev 16 &Bpolopa TV anelpev Spwv Tfig $Bivoleng yewue-
tpikfic mpodbou 16, 8, 4, 2, 1, kTA. AN elg 10 Tapadelypa
toDto, £nedn olte 1dv TEAEvUTalov Bpov duvaueba va yvopl-
Louev, olite 10 mMAfBog TV Spwv, Ba épyacBduev &g EEfc :

- e T
& 1t0mog B
ypapetal kal dg £E&fg :
a—al¥ e s SR O
Ke f L e

Kata 1év 10mov Aowmdv to0tov 10 &Bpolopa

T®v 3 mphtev Spwv elval:

134
16 16(3)
» 4 > » » = — 1
1— > 1—5
11\5
16 ]6(?)
Bt D » » » T 3
1— 5 1— =
16 16(3)"
» 6 » » » o BT s K.O.K.
]—5 3

"H8n mapatnpobpev 611: “Exaogtov 16V dvotipw

&Bpolopdtwy elvar diagopa dvo &pBudv. "AXN" elg 8Aa o

ueltéog elvarl 6 adtog apiBudg 16, , Ev® 6 &oaiperéog elval

e

diagpopog. 'Eneldn 8¢ ai duvauslg (-;—)s, (%—)‘, (—;-)5 KTA. Pal-

vouyv éAattolpeval (§ 165,2), Enetat, 611 kal ol dpaipetéol Palvouy
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éAatTovpevol kal Sdvavrial va yivouv uikpdtepotl mavidg &piOuod
boovdfmote wikpod, tav & &piBudc 1OV Spwv 100¢ dmoloug Aap-
Pavouev elvat dpxeta péyac.I.x., Stav ntpooBéowpuey 1000 8poug,

1\ 1000

16
o &opaipetiog ](2? elval éAéxiotog. ‘Emopévac 16 &Bpot-

YT

oua adt®v EAaxiota Sladépel Tod &pLBuod : 16, . Ba diagépn -

2
B¢ axéun SAydtepov, éav mpooBiowuey meEplocotépoug Spoug.
"Agpod Aoimtdv, é¢° Soov mpoxwpoluey kai mpooBétouev Biap-
K®¢ mMepLtogoTépoug Spoug, O &oaipeTtéog Telvel PSS 1O undév,
Emetal, 811 Td Inroluevov &Bpolopa TElvEL TPdC TAV &piBuodv

]161 . A’ 8 Aéyouev, 811 10 &Bpolopa TOV arelpwv Spwv Tfig
T

dobelone yewpuetpikfic mpoddou elval i Tjtot elvar K =32

[evikde 8¢ 16 &Bpolouc

i aAY
o R (1)
mavioy 1@v Spwv ¢Bivodong YEQUETPIKTC Tpoddou, é£xol-

AdTe, Stav

ong &melpoug Spoug, &moteAel 1dv &piBudyv Til'
A<1, A Bbvauic XY (8mov v &xépaiog Betikac) elvanr uikporépa
tfic povabdog, kal ylvetral ouvex®g uikpotépa, Stav & v yivetai
peyaiitepog, kai Telvel mpdg 16 undév, Stav & v Telvn mpdg 10
Gmelpov, ouyxpévwg B¢ telvel mpdc T8 undév kal & &plBuodg

137\ AY. "Amodeikviovtar &2 talta s0kdAwe. “Qorte, Stav
x

npoobéowpev Tovg ameipoug Spoug, Exopev K= e

[l x. 10 &Bpolopa 1®V &nelpwv Spwv TG YEDUETPLKTG
1 1 1

TtpOéﬁOU 15 =T ot o7 KTA.
1 1
elval & &piBudg K— ] 1_=T=_g_*
LR i

WnoionoBnke amo 1o ivotirouto EkmaibeuTikrg MoAmkrg



-

229

a! GB

1fic ¢ mpodbddouv a?, e T KTA.

elval & &piBuodg e — == -%- a’.

FN

'Aoxnpoets.

460) Na& ei;peeﬁ 10 &Bpolopa TV anelpov Spov ékdotng
IOV YEQUETPLKA®Y Tpoddwv:

5 5 15
R a2 . 6) 2 o o
5 5
2) 10,5, 24 ... 7) 0555... .=—t+—2t-smt. ...
33 12, 4,{_‘;—. 8) 0,5888....
9 o a \3 o \3
4) 4, 3, . 9) T.(B).(T)....(B>a)
1 = 1 food
5) 16,2, —. 10 Va1, \,a—....(\[a =1)

461) *O mpdTog Bpog ¢Bivodong yewueTpikijg Tpodbou elval
12, 16 82 &Bpoioua 1OV &nelpwv Spwv adtig elvar 18. Na &0-
peBY} & Adyog adrfig.

462) Té &Bpolopa TOV aneipwv Spwv ¢bBlvolLong YEWE-
1Tpikfic Mpoddou elvar 9, & B2 deltepog Spog avtfig elvar 2. Na
eOpebij 1) mpdodog.

463) ‘O mpdtoc Bpog yewuerpikiic mWpoddovu elval kata 3
pueyaAitepog 100 Beutépou, 10 6 &Bpolopa TV anelpov Spwv
attfic elval 27. N& e0pebij 1) pbodoc.

464) 'ewuetpikijc mpobddou & mpdrtog Gpog elvar 1o —32-—
100 &Bpolopatog T®v anelpov Bpwv aldtfic, 16 b2 &Bpoloua
T®v 800 Mpdrwv Spwv elval 20. N& edpedij 1§ mpbdodog.

465) Elg d0o6ev tetpaywvov Eyypaouev &AAo TETp&y@VOV
ouVATTOVIEG T& péoa TOV TAsvpdv abToDl, elc Tolto ma&Alv
&AAo k.0.k. elg &mepov. Znreltar a’) 16 &Opolopa TO®V TEPLUE-
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TPRV MAVI®YV T00T®Y TV TETpaydvVeY Kai B’) 16 &Bpoioua 1@y ;
EuBaddV adTdv.

466) N&a AvBfj 10 altd IAtnua, 8tav didetal lodmAsupoy |

Tplywvov. _
467) Elg 806évia xOkAov Eyypagouev tetp&ywvov. Elg |
10010 éyypd&gouev kOkAov, £lg To0tov &AAO TETPAY®VOV K.O.K.
elg &mepov. N& e0pebf] a’) 16 &Bpolopua 1@V ZuPaddv 1OV xi-
KAwv kat B’) 16 &Bpolopa TOV EuPadbOv TO®V TETpaydVeV. ,
468) Na& e0peBf} 16 &Bpolopa 1&V &reipov Spwv Thg oeipds
=tat ottt

Znuelwoeg. ‘H o gelpd altn dvaidetar elg tag mpoddoug

1 1 1 1
—§-+-4—+T—r—6+ = =
e G R B
A g 16+.:
= PUTE A e
LR T A

469) Elc &proev év 1fj duadfxp tou, Tva al 19 &yeldabeg
Tou uolpacBolv elg TOoUG TPElg LicVE Tou ¢ £Efic: ‘O mpwté-
TOKOG va AGPn 1o % adt®dv, 6 ded1epog 1O —}— Kai & Teleu-
talog 10 % avt®v. "AAN" énedny d&v ndOvavio va kdauouv
o0t Ttiv diavounv, katépuyov elg 1OV mpoeotdv TOoD ywplov
TV, dotig Exape 1o &&fjg: INpooéBeoev elc 1ag 19 &ysA&dag
playv ‘lale]V tou. O0tw B¢ éx 1OV 20 &dyeAadwv EAafev & npd-

T0G¢ TO % Atot 10, & Bebtepog 1O %, Arot 5, xal ¢ tplrog 16

—;-. fitot 4. "Empaypatonotifn 62 olrwg R BéAnoic 100 SLabé-
tou kai & mpoeotrdg EAafev omlow TRV &yeAada tou. &g

ouvERn 100710 ;
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AGotig. ‘O mpoeotdg eldev &1t & diabétng dievelue 1&%3—

tfig meplovoiag Tou elg Tovg LIoVG Tov. “Qote, Btav npooEBETEY
4 mpoeotdg ulav &yeldda elg tag 19, ol vulol EArafov & %-g—
16V 20 &yeA&dwv, ftol 19, xal ékeivog dev £Lnuidln. "AAN" &’
evBelac §) Siavoun 8a& yivy dc¢ €€fg: "A¢pol A&pPp & TpdTOg TO —; o
BevtEpOC TO %Kcﬂ & 1plrog 10 —15—. & pelvy axkéun mpdg dia-
vounyv 1o -2% T1®v &yeldbov, 1d Smolov 8 Biaveundf duolwg.
"Hrot & mp&tog B8& Adpn 16—%— 100 _2%‘ 6 BedTEPOC Té% 10D

%KCK[ & tpltog 10—;— 100 510- *AAANG TaAly péver 1o 7]6 tod

710"' fjtot (Tzl;')’ td &molov 6& Biaveundfj duolwg, x.0.x. &m’
&melpov. O& A&Bn émouéveg Ek @V 19 &yeh&dwv

1 Ty e G TR N e Vs
8 mpatos & 44 +5(xm)+{x) =

o , fitot 10 &yeld&dag,

b
o

; LSS sl B _L(L)'.J__L(_l_)’ S

& del1EpPOG T e T e R L AR B . B e
B

=g fiTot 5 d&yeldadbag,

e e e RO e
Kulbtpttoqth—l——f)—-zo—i— 5(55) ! 5(20)—

, fitot 4 &yeh&dag.
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KEDAANAION I

Acyapiuer npeg Baav 10.

10 !
3'2’\/_7.1_.5;;;? Bduvapueda
va 10 elpwuev. "AAN al mp&feic tag Smolagc Ba KA WHEY |
anaitolv xal xpévov kai xémov OXETIK®DG MoAlv. 'EE &Alou,
ToAD BuoxbAwg duvapeda va elpwuev 1& E€aybueva 1OV ma- |

5 7

169. To éEayduevov 1OV Mp&Eewyv

paotrdoewv V 1275 f V28394, ‘Yndapyet 8pwg tpbémog, 1&g pa- |
Kp&g Kal KoM OBELS Tpaelg va EKTEABUEY Tayxltepov kal edxo-
Aotepov. Toév 1pémov 8¢ toltov 84 1dwuev elg 1a& Katwtépw. |

170. "Eotw ¥ 80vauig 10%, v énolav &g MXPACTHOWUEY
Sia ¢, firor Yp=10%.

Ak x=0 elvau p=10°=1
1
» X: » w=}02=v1‘6=3.162 = e @

X
2
1
» xz% b qj=‘-107=\r3,]62=]v177 0 e
3
g

1 1
» ¢=104 =102, 10°=5,622. . . .

» x=

¥ et » $=10 — 10
2

5y » $=10 = 100

» x=—1 » q}=10—!=0.1

» =D 3 =10 —0.01 i,

"Ex 10V mponyouvuévev napabeiyudtov duvaueba va ouvp-
MEpavUEY T £€fig, 1d dmola kal &modeikviovral, 811 SnAadn:

1) “Otav & éxBétng tfic duvapewc 10* elvan Betikog kal
TpayuaTikeg &piBudg, f) BUvauig elval peyaivtépa 1fic povadog
xal BeTikr.

2) AdEavopévou 100 x adE&vetal kal f BOvauie 10%.
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3) “Otav & x elval &pvnuikdg mpayuatikeg &pibubdg, ¥ 80-
vapig 10*¥ elvan pixportépa tfic povadog, kal ylvetal pikpotépa
tp’ Soov 1| awéAutog Tipny 1ol ¥ abfavel.

4) At &0o BSiagdpoug Tipag 10D ¥ Exopev d0o Biapbdpoug
npag tfic duvapewg 10%.

Snuelwots. Ta dvotépo &Andedouv kal Stav 6 x elvat
&otupetpog &plBuédg. Kal &nl té®&v duvbapewv pé &oOUUETPOV
ExBétnv &Anfdstouv SAal al &pyikal BidtnTreg TOV SuvapEWY.

171. "Eav 1idn Exwpev O 8Yav 1d TG MPONyovHEVNS Tapa-
yp&gou, ouvayouev, &1t 1) £flowaig m. ).

s —1 ¢ntaAnBedetar pévov Bia x=0
bl 105 — 100 — 10° » » » Y=2
bl 10% == -% = » » » y=—1I
1
Xo— . 3 shca il
A e — 100 — i » » o 2 KTA.

kal yevik®¢ 1) éElowoig 10 =P (8mov P Betrikdg mpayparti-
k0¢ &plBudg) EmainBedetal dia plav pévov tipfv 1od ¥, §) dmola
dO0vatar va elvatr obppetpog i &oduuerpog &piBuéc. Kal 8a
elvat puév gbuuetpog &piBuédg, &av & P elvar BOvauls tg tod 10,
dméte 1 tiun 100 x elvan & éxBérng Tiig Buvapewg tod 10, elg
fiv petetpéann 6 B. "AAAwg A plla elvar &obupetpog kal edpl-
OKETAQl KOTA TPOgEYYLOLV.

172. "‘Oplopdg 100 dekaxbikol Aoyapibpov.—I'veplfo-
pev, 811 10°=100 xal 10°=1000. Tov éxBétnv 2 Afyouev Aoy&-
ptBuov 100 100 &g mpdg P&owv 10 kal Tov 3 Aoyapibuov 100
1000 &y &g mpdg Baowv 10. Kal yevikdg, g&av B=10%, & £xB¢-
g X Aéyetal AoyépiBuog 100 B &g mpog Baowv 10 kal ypaoe-
tar Aoy, ,B = x fi &mAovotepov Aoyp = x. “Qote : doydeiduog
dotPuod tivoc B dc mpds v Pdoww 10 Aédyerar 6 Exdéing i
Suvducwe, el fiv mpénmel va dywwdf 1 Bdows 10, lva ddapn tov B.
Katd talra, &meldn
10*=10000 elvar Aoy10000=4, 10—?=0,01 elvar Aoy0,01=—2,
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10'==10 elval Aoyl10=1, 10—3=0,001 elvai Aoy0,001—=—3,
; 2 8 )
10°—1 " elvext ?\oy]:/) kal Aoyy 10000=%
47
EmELDY) 103 =V 10000.

Ol AoyapiBuol avtol, éneldn Exouv P&owv 16 10, Aéyovral |
dexadixol f xowvol AdoydgrPuoc. il
'E€ bowv elmopev dvwtépw edkdAwg ovvayetatl, STL :
1) “Exactos moayuatixds dotPuds elvar loydotPuoc Evde xal 1
uévoy Perinot dorPuod.
Mx. 6 5 elvat Aoy&piBuog 100 &piBuod 10° = 10000, & &
o6molog elvar elg pévov kai Betikédg” duolwg & —4 elval Aoys- | '
p1Buog 100 BeTikoD &piBuod 10—4=0,0001. 3
2) “Exactos Petixds doiduds Fxer loydgiPuov Eva xai ué- |
vov mpayuarixdoy doiPudv.
M.x. &6 &piBudc + 100 Exer Aoy&plOuov Tdv 2, & bmoiog o}
elvar elg kal pévov, Biétt 10°=100, & 5& 0,1 Exer Aoy&piBuov &t
v —1, st 10~ 1=0,1. 13
3) Of dovnrixol doiPuol dév ¥xovy AoyagiPuove, Bi6TL TMEoa
d0vaptg 100 10 elval Betikdg &piBudg. :
"Emeldn) 8¢ elvat 10> 1, Enetal, 81 : -
4) Ot upeyalvregor vijs movddog 1 doitPuol Exovv Aoyagi-

Buovs Perixovs xal ol uixgdregor adrijsc Exovv AoyaglPuove dp-

vnTixovs. 2
5) AvEavouévov ro¥ dgiPuot avfdverar xai 6 AdoydotPuoc |
avzol, xal élarrovuévov élarrolrar.
173. "I816t1EQ TOV AoyaxpiBuwv.— 1) "Eotwoav ol Be
Tikol &ptbuol A, B, I, 8" olig Exopev AoyA =1y, AoyB=uy, |
AoyF=¢. "AAAa& xata 16v Sploudv 1dv AoyaplBuwyv Exouey
10X = A; = JO¥=—DB" "worl 10* —TF,
Gpa kal ACB 105 408 T8 —10ctvre:
"E€ altfic 8¢ AapuPfavouev
Moy(A.BIN)=x+¢+¢ H Aoy(A.B.')=AoyA-{royB-{Aoyl. &
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“Qote: ‘O AoydgiPuoc tod yivouévov nodddv deidudy lood-
tai ut 1o dPgoicua tdv AoyaglPuwy tdv dotdudv tolvrwy.
Obre Aoy20=Aoy10-}-Aoy2=1--Aoy2

A0y500=Aoy100-+Aoy5=2-+Aoy5
Aoy 15000=Ao0y1000-+A0oy3-+Aoy5=3-+Aoy3-+Aroy5.

2) "Eotwoav A kai B Betixkol &plBuol xal Eotw AoyA =X
kal AoyB = . "AAA& té1e B& elvar 10X = A xal 10*=B.

uQ -—‘:\—- — 10X — X—¢
ote elval 5 00 10 -

'EE autfig B2 edplokopuev
loy% =x—, firoL hoy% = AoyA — AoyB.
“Qote : ‘O dloydoiBuog tod nnlixov b0 dordudv loobrar ué
v dcapogdy to¥ AoyaglPuov rob Siaigérov dnd roD loyapiBuov
t0U diaigeréov.
Otwg elvar Aoy0.0Z:)\oy%=Koy2—?\oy100=?\oy2—2.
Kal Aoy —%— =—Aoyl—Aoy3=0—Aoy3=—Aoy3.
3) "Eotw® A>0 xal ioyA=x. *AAAG t61e Ba elval
A—10% xai A¥=(10%)* = 10¢%,
oloodAmote kal &v elvat 6 p. "AAA" €k TA¢ TEAELTalag lobétnrog
Exopev Aoy(AH )=ux, fitor Aoy(A¥)=proyA.
“Qorte : ‘O AoydoiPuos mdonc Svvduews looTzatr ué 1dv Aoyd-
otBuov tijc Pdoews moldanlaciacPévia éni zov Exdéznv.
Obtwg elval
Aoy8=Aoy(2!)=3Aoy2 kal Aoy8l=Aoy(3‘)=4roy3.
4) Katd ta &dvotépw Aotmdv, £nedn

v 1 v
VA=A", Exouev AoyV A = —:—)\oyA.

“Qaote: ‘O AoydoiPuoc mdong pilns lcobrar ué zdv Aoydot-
Juov rob droggilov diaigePévra Sid tol delnzov il eléns.
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I.x. loyVﬁmH;—h Role———%

£y

3
xal A0YY 10000 =—-Aoy10‘—=-%-.

‘Aoxrfoeic.

470) Na peraoxnuartiofodv al mapaot&oelq :

Aoy(3aBy) Aoy(xp?) Aoy(ap)’
Aoy(aBy?) Aoy-2EB Aoy-2E
Y Y
—— — 3 e e
royV aB roy(aV B?) roy(7xV ap?)
5/ a* 1
X < = =
o Aoy VB Aoy Vs
ayy?
471) N& peraoynuatioBolv al MaPaOTACELC :
Aoy2-|Aoy5 Aoy5--Aoy3-+Aoyll
Aoyl2—Aoy4 Aoy5-Aoy7—Aoy3
Aoy24—3Aoy?2 3Aoy54—4ioy3
2Aoyx1+3hoyy—Aoyp—Aoyw 4 oyx— *;w loytp
% Aoyx—+Aoy5 — —g—- Aoyys 2hoya— -;— AoyB—3Aovyy

472) Na& delx6f 811
1) Aoy210=Aoy2-{-Aoy3-}-Aoy5--Aoy7
2) Aoy30+4-Aoy36=Aoy24-}-Aoy45
= 3 5
3) Roy~§-+?\oy—5——{—)\oyT=O

25 2 5
4) )Loy—-g- - ?\oygg — AGY 94— — hoy2

5) —;—— Aoyl16- —;— Aoy8 -+ % Aoy32=—4ioy?2

6) MY(x‘H—lov(x’H—.lov(%) == 2Aoyx
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174. Aexadixi) poppf T@®v Aoyapibpwv.—'Ex 100 opt-
ouol 1®v AoyaplBuwv, mod eldouev, Emetal, 8t al Buvéuelg
100 10 Eyouv AoyaplBuoug cuppétpoug &piBuovg kal elvai
obtolL ol éxBitar 1OV duvape®v TOLTWV. Al 8houg T00¢ &AAoug
a&xepalovg &pilBuovg ol AoydpiBuol elvar &obupetpor &pibuol,
&AA" &vt’ adtd®v Aaupavopev gupuétpoug &pibuolg, KaTa MPOo-
éyylolv, Biad 10010 B2 84 yphwuev ndvrore ToOG AoyaplBuoug
Omd dexadixny uogeriv.

'AAN’ Btav 84 mpékeital mepl AoyaplBuwv 1AV UlkpOTE-
pwv Tfig povadog &pBudv, ol dmolot elvar &pvnrikol, ta zpé-
mewpey avrovs elg HAdovg, t@v Snolwy udvov 1o dxépaiov uégos Had
elvar dpvnrindy, 1o 52 Sexadixdy uégos Pemundv. "H tpomny altn
yivetar ©o¢ £Efic: "Eotw & 8Awg &pvnuikdg Aoyap.— 3,15742.

"Exopev —3,15742=—3—0,15742. 'Eav 5¢ mpoobtowuev
el aOtdv +1 kaxlt — 1, 8ep dév 1oV petaBairel, Aappavoueyv
—3—1-+1—0,15742=—4-}-(1—0,15742).

“Qote elva —3,15742—— 4-1-0,84258.

*AAAG 1d &Bpoiopa 1ol &kepalou &pvnrikoDd pépoug —4 Kol

100 BexadikoD BetikoD 0,84258 cvugpwvoluev vda 10 YpaPwUEV

d¢ £Efc: 4,84258. "Opolwg Exouev
—1,37894——1—1-1-—0,37894 —=2,62106.

“Qote : "Iva toéywwpuey AoydgiPuov Sdwg dgvntindy els &Adov,
t00 dmolov udvov o dxépaiov uégog va elvar dovnrixdy, mpoo-
Dérouev el Td dxégatov uépog adrod Iy povdda — 1 xal ypd-
@ouey 10 onueiov — Unegdvw adrod, uerd 62 zadita dpaigobucey
0 dexadixdy uépoc dnd ric movddoc 1.

To dexadikdv uépog &oaipeltal &md tfig povadog 1 edkb-
AwGg, tav &palpedi] 10 teAevtalov onuaviikdv Ynelov &nd tod
10 kal BAa ta &AAa &nd tod 9.

175. XaxpakTnploTikdov 100 loyapiBupou.— Xapakinpt-
otixdv 100 AoyaplBuouv Aéyetal 1o dxépaiov uégog adrof. Td xa-
paxinploTikdv 1ol AoyaplBuou &piBuod Tivog sdploketal edko-
AbTata, ®©¢ ¢alivetal, &k TAv £Efg:

Wnoiomoi)Bnke omod 1o ivotirouto EkmaibeuTikig MoAmkrg



238

a’) "Eotw &pBuég Tig peyalirepog 1fig povadog 1, T.X.
6 458,24. A’ abtov mapatnpoduev, 811
100 <<458,24 <<1000 fitot 10*<<458,24 < 10°.
‘Emopéveg elval kal

Aoy(10*) <<Aoy458,24 < Aoy(10)*
A 2<<Aovy458,24 <3,
fitoL 6 AoydpiBuog 100 BoBévroc &piBuoD mepiéxetat petall 2
xal 3 xal é¢mopéveg 10 xapakinpotikév adted elvar 2, fror ©
10010 &yet tdoas wovddag, Soa elvar d wnela rod dxepalov =
uéogovs tov Hlartwuéva xara 1.

Fevik®g 52 &modewxvietal, 811, v detPuod tivos A ra wiy-
@ia 1o dxegalov ufpovs elvar u, 10 yapaxingiorixdy tod Aoya-
elPuov 100 A elvar p—1, 86t Biad Tdv Bobévia &piBudv A
Exopev 10““] == ‘lOtl &pa xal (p— 1)Aoy10<<AoyA <<uloyl0.

Kal émedn Aoyl0=1,

EYOUEV p—1<<AoyA<p.

"Ago0 Aowmdv 6 AoyA mepiéxeTral petald 1OV Biaboxik®v &xe-
palov p—1 kal y, Emetal, 811 16 Yapaxkinpiotikdv 100 AoyA
elvar u—1.

B’) "Eotw #idn elc¢ &piBudc uikpbdrepog Tfig pHovadog, w.).
& 0,4352. "AAN’ o0tog ypapetar kal dg £Efg:

4,352
1|2

0,4352=—

“Qote elvar
A0y0,4352=12A0y4,352 — Aoy10=2ro0y4,352 —1.
"AMN O Aoy4,352 Exer xapaxkinpiotikov 0. E&av 8& Omo-
TeBh, 811 1d Bexadikdv pépoc avtol elvar 63869, Exouev
A0y0,4352=0,63869 — 1 =—1,63869.
'Eav 8¢ & doBelg apiBuocg fjto & 0,04352, 84 elyouev
4352

0,04352=T=C"kal Aoy0,04352 —Aoy4,352 — Aoy100=2,63869.

"Ex 16v dvotépw Aowmdv ouvayouev, 8ti: Té yagaxingiotixdy
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100 Aoyagiduov Evdc dexadixol xddouazos Exel téoac dovnTixds
povddac, Scac movddas Exer 6 doiduds, 6 dmolog éxppadalel v
tdtiy ToD moddbrov onuaviixod wnelov uezd TNV dmodiactoldiv.
Ofto 10 YapaKInploTikdv Tod x0y0,004 elvai 3 kal 100
A0y0,00053 elvat 4.
176. "Avotépw elbouev, 1t
Aoy0,04352—2,63869
Aoy0,4352—1,63869
‘Opoiwe PAémopev, 81, &av
Aoy2=0,30103,

8a elvan
Aoy20=Aoy2-}+Aroyl0 — 0,30103-+1==1,30103
Aoy200—Aoy2-+-Aoy100 = 0,30103--2=2,30103
Aoy—2— —Aoy2—Aoy1000 = 0,30103—3==3,30103.

1000
Kal yevik®g, £av elvat AoyA=y, 8a elval xai
Aoy(10’. A)=Aoy10"fAoyA=v+x

(v &xépailog BeTikdg) wal
A
10¥

“Qote : "Eav elc dotPudc nollamlaciactii # Siargedfj dia
10”, 1d Sexadixdv uégos 100 AoyagiPuov div uczafdidlerar, 1o
xagaxingtotixdy Suws avrod avidverar § élarvolzal ®OATA ¥ Ho-
vddac.

Aoy =AoyA—Aoyl 0v=-—v+x.

'Aoxnfoetg.

473) Oi k&tw6 8Aw¢ &pvnrikoi AoydpiBuot va tpamody elg
&Ahovg, TOV dmolwv 16 &xépatov pépog va elval apvnukdy, 16
5¢ dexadikdov uépog va elvar Betikdyv :

— 1,47893 —0,37687
— 4,68090 — 5,79939
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474) I'payate 10 XEXPAKINPLOTIKOV 1BV AoyaplBuwyv :

Aoy514 Aoy1527 Aoy15,27
Aoy0,544 Aoy0,053 Aoy30007
Aoy0,0035 Aoy3,0035 Aoy0,00009

475) AoBévtog, 81t Aoy7=0,84510, edpete toUg AoyaplBuoug
T@V &piBudvy 70 700 0,07 0,007.

476) AoBévtog, 811 Aoy6479=3,81151, e0peTe TOUC ?\oycxp{-'

Buovg 1OV &pBUdV 64,79 6479000 0,006479.
477) AoBévtog, 811 Aoy5=0,69897, elpete ToUC AoyaplBuoug

OV &pBuGY 5100 5100 2 =
478) N& eOpeBolv ta E€aybueva :
Aoy375—A0y3,75 Aoyl15,62—Aovyl1,562
Aoy0,45—2Ao0vy4,5 Aoy27—2Aovy0,0027

177. NMepl T@V AoyxplOuikdv MVGK@V.—E{8ouev npon-
yovuévag, 81, mAfv t&®V &piBudv 1, 10, 100 KTA., T&viov 16v

GAlwv &xepalwv ol Aoyé&piBuol elvar dovuuerpot &GpiBuol xai

Exouv Bi& ToDto &melpa Sexabdikd ynola un mepiodixd. Kai
Evexa toltou edplokouev TolC AoyaplBuovg TO®V &p1BudV To00-
TWV Kat& mpooéyylaiv (ouvifwg 0,00001).

Ol Aoy&piBuol 1@V &plBudv &md 1ol 1 ki épelfig, ouv)-
Bwg péxpt tod 10000, edpédBnoav xal éypaonoav elg wivakag
kalovuévoug Adoyagiduixovc. Ol nivakeg 1@®v Aoyaplfuwy, ol
o6molol xpnotpomotolvral ouvvnBéotepov, mepiéxouv Aoyapi-
Buoug petrd 5 Bexadikdv Ynpiov: Omapyovv Suwg kal mivaxeg
HE 4, ué 7 f| kal pé 12 dexabika yYnola.

Ol nivakeg, ol dmolol xpnotpomolodvral ovvnbéorata map’
Autv, elvat ol 100 Dupuis.

‘Q¢ mpdg v Biktafiv 1OV AoyaptBuilk®v mMVAK®VY TGV
GplBudy &vapépouev T £Efi¢ yeEVIkE :

1) Ta xapakinplotikd TOV AoyaplBuwv TOV &plBudv Siv
avayp&govrar elg 1o0g¢ mivakacg, didtt yvwpllouev va ta& edpl-
OKWUEV E0KOADTaTQ.
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B R R m—————m"=9%

N 0 1 2 3 4 5 6 7 8 9
640| 80 618 625 | 632 i 638 | 645 | 652 | 6959 | 665 | 672 | 679
1| 68! 693 | 699 | 706 | 713 | 720 | 726 | 733 | 740 | 747
2 754! 760 | 767 | 774 | 781 || 787 | 794 | 801 | 808 | 814
3 821 828 | 835 | 841 A 848 | 855 862 | 868 | 875 | 882
4 889, 895 | 902 | 909 | 916 | 922 | 929 | 936 | 943 = 949
5 956 963 | 969 | 976 | 983 ! 990 | 996 |*003 | *010 |*017
6/81023 030 037 043 050 | 057 | 064 | 070 | 077 084
7 090! 097 | 104 | 111 | 117 | 124 | 131 {137 | 144 | 151
8 1581 164 | 171 | 178 | 184 || 191 | 198 | 204 | 211 | 218
9 224! 231 | 238 | 245 | 251 | 258 | 265 | 271 | 278 | 285
650 291| 208 | 305 | 311 | 318 || 325 | 331 | 338 | 345 | 351
1 358, 365 | 371 378 L 385 | 391 398 405 A 411 | 418
2 425 431 438 | 445 | 451 || 458 | 465 | 471 | 478 | 485
3 491| 498 | 505 | 511 | 518 || 525 | 531 | 538 | 544 | 551
4 558 564 | 571 | 57§ | 584 || 591 | 598 | 604 | 611 | 617
5 624 631 | 637 @644 651 | 657 | 664 | 671 | 677 | 684
6 690! 697 | 708 | 710 | 717 | 723 | 730 | 737 | 743 | 750
7 757 763 770 | 776 | 783 | 790 A 796 | 803 :| 809 | 816
8 823| 829 | 836 | 842 849 856 | 862 869 | 875 | 882
9 8891 895 | 902 | 908 | 915 | 921 | 928 | 935 | 941 | 948
|
660 954, 961 | 968 | 974 | 981 | 987 | 994 *000 |*007 | *014
1/ 82 020| 027 | 033 | 040 A 046 053 A 060 066 | 073 | 079
2 o086 092 | 099 | 105 | N2 | 119 125 | 132 | 138 | 145
3 1511 158 | 164 | 171 | 178 Il 184 | 191 | 197 | 204 | 210
4 217| 223 | 230 | 236 | 243 || 249 | 256 | 263 | 269 | 276
5 282! 280 | 205 | 302 | 308 | 315 | 321 | 328 | 334 | 341
6 347| 354 | 360 | 367 | 373 | 380 387 | 393 | 400 | 406
7 413} 419 | 426 | 432 | 439 | 445 | 452 | 458 | 465 | 471
8 478% 484 | 491 | 497 @ 504 | 510 | 517 | 523 | 530 | 536
9 543| 549 | 556 | 562 | 569 | 575 | 582 | 588 | 595 | 601
! |
i |
N 0 1 2.1:3 4 5 6 2 b8 k.3
i Lo is
16

WnoionoBnke amod 1o ivotirouto EknmaiSeuTtikig MoAmkrg



242

2) To dexkabikov pépoc 100 AoyaplBuou &vég &ptBuod elvay
Gvegaptnrov 1fig oxetkfic &Elag 1OV Yneplwv 10D GpiBuod 1o0- |
Tou (§ 176). 4

178. AlGTa€lg OV MIVEKWY. — ASTn Paiverdr elc 1oy
napatidéuevov mivaka. Elg v npdg ta &piotepa otfAnv, Enou
0 ypbaupa N, elval ypappévar al dexadeg Td®v GplBudv, al B
Hovadeg abtd®v elval eg TRV &ve dpiloviiav yeauunv. Elg tdg
GAAag omAag elval ypappéva tad Sekabikd uépn TAV Aoya-
plBpwv. Ta dbo yYnola, 1& dmola elg THv devtépav aTfAnv BAE
mouev 8ti €E€xouv, voodvrai EmavalapPavdueva, péxpic of
&AA&GEouv. Kal 10010, B16T1 MOoAAoi Ee€fig AoydapiBuotr Exouv
T& 800 adtd Ynola xowva. “O &piBudbg, & dmolog evplokeral elg
v Slaotalpwoiv 1fig oelp&g el ™myv dmolay elplokovial al
dex&deg 100 &piBuod ué v cepav elg v dmolav ebplokovral
al povadeg tou, elval 16 dekadikdv uépog ToOd AoyaplBuou tod
&piLBuod.

Katd 10v 1tpémov toltov B)\énipev. 51 elvat

Aoy6432 — 3,80835 Aoy6450 — 3,80956
Aoy6458 = 3,81010 Aoy6509 — 3,81351.

Znuelwoes. ‘O &oteplokog, 1dv dmoiov BAEmouev &lg
Toug meviaynelovg mivakag, pavepdvel, 11 Td S0o MpdTa ym-
pla fiAhafav kal mpénel va AauBavevial & &uéowe éntdueva.

179. XpTjolg 1@V AoyxplBIK@®V MIVEK®V. — Ald v& Xpn:
owgomotjowuev 100¢ AoyaplBuovg, mpémer va yvopllousev va
Abwpev 1a £€fic Blo mpofAfjuarta :

1) N& edpebfj & AoyapiBuog doBéviog &piBuod, kai

2) Na e0pebf] 6 &piBuédg, & dmoiog &vriotoixel elg BoBévia
AoydapiBuov.

180. 1ov IMpéPAnpa. — Na edgedf 6 doydoiPuoc Sodévioc
dotduod. Ak v AVolv 100 mpoPAfuatoq UmoBétopev mpdrov,
8t 6 BoBeig &pBudg elval wavrote ypauuévog Omd Bekabdikiv
poponv, kai dedtepov, &1 xpnoipomolodDuey meviaynolovg miva-
kag. Ol nivaxkeg 52 obtoL 8& pag Sdoovy 16 Bekadikov uépog 100
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royaplBuou, BidTL O xapakneiotikdy adtod 8a 1o efpwpev poé-
vot pag. "AAG kata Thv e0peOLY 100 BexadikoD pépoug T0D Ao-
yaplBupou B& kabioT®uev 10V dobévia &p1Budv &xépalov, fitol B&
napaAelmouey v OmodiaotoAfjv. Tolto B&, &g elbopev (§ 176),
B2v uetaPairer 1o Inroduevov dexadikdv uépog. Katémyv tob-
1oV Blakplvouev B0O TMEPIMTOOELS.

1n nspimwotq.—'o doiPuds megiéyerar elg vovs mivaxas.
*Htot & &plOudg dev Exel meploodTEpa TOV Tec0dpV Ynolov.
Téte, &9poD ebpwuev adTdVv Elg todg mlvaxag, eVplokopev &ué-
owg kai 16 dexadikév pépog 100 AoyaplBuouv ToUL.

Obtwc elvalr Aoy6843=3,83525 A0y0,8035=1,90499
Aoy68,43—=1,83525 Aoy0,08035=2,90499,

6 B2 Dexadixdv pépog tod Aoyapifpou ToD &p1Buod 3,52 Ba
16 ebpwpev elg 1oV &plBuodv 3520, oftw B& EYOpEV

Aoy3,52=0,54654.

2a ﬂepi‘n:‘tcootq.-—'o doiPuds div neguéxerar elg Tovs miva-
xac. "Hrol & &piBuog Exet nepiogbdtepa 1OV TECOGpLV YMolwv.
Elc thv mneplmtwolv adtiv edplokopev TpdTOV TO YXIAPAKINPL-
otikéy. Katémy dia tiv ebpeotv 100 BexadikoDd pépoug 1od Ao-
yapifpov B8a& ywplowpev & ttooapa mpdTa ynela B Omobia-
otoAfig kal 8a EpyaocBduev &xoAoVBwg &g EEfG:

*Eotw . x. & &piBuog 24647. To yapakinpiotikdv 100 Ao-
yaplBuou tou elvat 4. Katémiy yp&gouev abtdv o¢ EEfg: 2464,7.
*AAN" & &plBudg 2464,7 mepléxetal uetafd 1OV &pBuUdV 2464
xai 2465. Zuvéayouev Aotmdv, Bt xal & AoydapiBuog altod
nepléyetal pETafd TV AoyaplOpwy TdV drepalwv TO0T@V.

AN Aoy2464=3,39164
A0Yy2465=3,39182.
‘H diapopda 1V Aoyapibpwv T00TOV elvat 18 povadeg tfig
méuntng dexadikfig t&Eeweg. "Emeldh ¢ dexdueba, 411 1 adifnoig

&y AoyaplPuwy elvar dvdloyos s avEfoews 1@y dordudy (xal
10010 B16TL W.X. 1) Dlagopd THYV AoyaplBuwv BVo Biaboxik®v
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dkepalwv yeitovik®y TPog ToUg &ve &plBuodic elval &ALy 18),

Afyouev
tav & 2464 avEndfi kata 1, & Aoy. abtod adfaveral kata 18 (&.x.)
» » 2464 » » .7 3 » » » 18.0,7=

=12,6, fjtoL. kata 13 (¢kaxTovTrakic yiAioot&). "Exouev Aoimdy
Aoy2464,7=3,39164--0,00013—3,39177
Kal katd ouvémelay
Aoy24647—4,39177.

"Eotw mpooéti & &piBudc 0,587984. Ta XIPaKINPLOTIKAY TOD
AoyaplBuouv Tou elvar 1. "Hbdn, 8ia v& efpwpev 16 Sexadixdy LE-
pog 100 AoyaplBuou, ypapouev mpBTov adTdy &¢ &&fijg - 5879,84
kal Eneita edplokouev

Aoy5879=—3,76930.

‘H diagopa tdv AoyaplBuwv 1OV &piBudv 5879 xal 5880
elval 8 (ixatovrtdxig XtAlootd). “Qorte, i va edpwuev 1dv
Aoy5879,84, npémnel elc Tdv 3,76930 va mpooBéowuev 8.0,84=6,72,
fitol 7 ékatovréxig xihiootd. “Qote elvan

Aoy5879,84=3,76937 kal Aoy0,587984=—1,76937.

181. 20v MpépAnpax.— Na evgedy 6 doiduds, 6 dmoiog
dviioroiyei elc SoPévra AdoydoiBuov. lpdc 10010 B4 &oxohn-
8Ouev mpdTov pE 13 Bekadixkdv Hépog 1ol AoyaplBuou, &id va
ebpouev 1&¢ yYnola, did 16v émolwy Kata oeipav ypdaoetar &
&pLBuéde. "Eneita 852 84 &GoxoAnO®uev pé 1o XAPAKINPLOTIKOV
aldTtol, dia va mpoodloplowuev v &&lav ék&otou ynolov. Ka-
témv to0twV Biakplvouev o TMEPLMTOOELG.

In Mepintwoig.— To Sexadixdy uégos tob Adoyagi{Puov ev-
eloxezac els rovc mivaxac. Todte eOplokouev &uéocwe &mévavr
Ta téogapa ynola 100 &plBuod 100 &viiotoixoOvtog elg 1 Be-
kadikdv To0t0 pépocg. Znroduev 8¢ to0to m&VTOTE HETQED TOV
AoyaplBuwv 1@v tetpaynelov &plBudv.

“Eotw m.x. & Aoy&piBuog 2,59095. Té BSexabixdy uépog
avTod edploketar elg T00¢ mivakae. Elval 52 tod &p1Buod 3899.
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*Eneldn) & & dobeig Aoy&piBuog ExEL xapakinplotikov 2, Enetal,
Bt & Inrobuevog &pBudg mpémer va Exn 3 &xépaia ynola.

Elvair Aowtmdv obtog & 389,9. “Opolwe edploxopev, &t Eelg
1dv Aoy&piBuov 5,58095 &vtiotoixel & &piBudg 389900, elg Be
10v AoydapiBuov 2,18808 &vtiotoixel & &pibudg 0,01542.

2x Mepintwoig.— To Sexadixdy uéoos rod Aoyagl{Buov d&v
dadoxet elc tovg smivaxag., 'AANA& 1é1e B& MEpPLEXETAL 10010 pE-
tafd 1OV dexabik®v pepdv TdV AoyaplBuwv dlo Biadoxik®v
axepalov.

*Eotw m.x. & Aoy4,55575. To Bexadikdv pépog 55575 mept-
Exetal pETafd TO®V dexadik®v pepdv 55570 xal 55582 t@®v Ao-
vaplBuwv 1®&v &pBudv 3595 kal 3596. "AAA& mapatnpoluey,
811 ol Aoyd&piOpotl TOV &plBudyv TodTwY dlapépouy xata 12 (Exa-
Tovtaxic XitAootd), 6 B2 Aoy&piBuog 10D 3595 &md 100 BoBEV-
tog Siagépel katd& 5 (Ekatoviakig xiAtoota). 'Emeldd 82 xal
thpa dexbueda, 81l f alfnoig T®v AoyaplBuwv elval &vélro-
yog mpdg v alfnowv t1®v &piBudv, Afyouev: "Eav 16 dexabdi-
xov pépog 10D AoyapiBuov adfndfi xata 12, & &piBpdg abfavel
kata 1. "Eav 16 dexadixkdv uépog 100 AoyaplBuouv adfnbij xata

5, & &piBpog avfavel KGT¢%=O.416=0.42.

“Qote & &p1Buédg, 100 dmolov & AoydpiBuog Exel dexadikov
uépog 1o 55575, elvar 6

3595 - 0,42 = 3595,42.

AAN" émeldny & BoBelg Aoyd&plBuog ExEL Xapaktnpiotikdv 4, 6
Inrovuevog &piBudg elvar & 35954,2.

‘Opolwg edplokopev, &1t & &piBudg, dotig &vriotolyel Elg
tdv Aoy&piBuov 1,95094, elvar & 0,89318.

Znueiwots. 'Eav 500ff] AoyapiBuog 8Awg dpvnuixkdog, Tpé-

mopev avtov elg &AAov, ToD dmolov pbévov 18 YUPAKINPLOTIKSY
va elval &pvnuikbdv.
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'Aoxnjoeic.

479) N& ebpe®olv ol hoy&piBuol 1&v &GpLl@udv

52 407 31,50 4,568
47245 37,898 0,46579 0,040008
2,64751 483,743 0,467375 0,0684555

480) Na& e0peBodv ol &piBuol, ol dmoiot &vTiotoixoDv elg
To0¢ AoyaplBuoug

3,76571 2,93034 5,03941 1,97007
3,94722 4,47239 2.95416 3,02050

Nxpxdeiypxta Aoyioped Six tov AcyxpiBpav.

1) NMpbéoBeoic.— Na edpedf 16 &Bpoloua T®V AoyaplBuwy
4,78345 xal 5,86592.
4,78345
5,86592
2,64937
Bd dpxlowuev v npboBeaiv &k Bef1dV xal, &¢ol ¢pbdow-
uev elg 1& déxkata, 8& edpwuev 16 Sékara, ftor 1 Benixiv &xe-
palav pyovada xal 6 dékara. Katémyv 52 8& efpwuev
14+5=6 xai 6-}fd4=2. i
“Qote 10 &Bpolopa elvar 2,64937.
_2) 'A@aipeoig. — N& ylvn f &palpeoic 1,57345—2,63459 —
== 4,93886.

1,57345

2,63459

4,93886
“Orav 8a ¢B&owpev elg THV &gaipecty TOvV Sex&twv O&
elnwpey 6 and 15=9, 1 16 kpatoduevov kal 2=—3. A& va& &oai-
peowuev fdn 1d 3 &md 10 — 1 mpooBétouev el 1& — 1 16 — 3
kal edplokouev — 4 date 1) Inrovuévn diagopa elvar 4,93886.
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‘Opoloc Bi& Thv dlagopdy 2,48593—4,53284=>5,95309.

2,48593
4,53284
5,95309
“Otav 8& ¢8&owuev elg Td déxata, 8a elnwuev 5 &mwod 14=9,
1 1d xpatobpevov xal 4=—3. "Hén 10—3 &opaipobuevov yl-

vetat—+3 xal 2=>5" dHote f Inrovuévn diagopa elval 5,95309.
3) MoAhanAaotxopds. — "Eotw, 8t B&Aouev va moAAia-
nAaoi&omuey 1dv Aoy&piBuov 3,81257 éml 4.
3,81257
4

9,25028.

“Otav 84 ¢B8&owpuev elg 1a dékarta, 8 elnwyuev 8 éni 4=32.
[p&ouev 2 xai xpatoduev 3. "Emeuta fa elmouev —3 Eml
4=—=—12, —12 kal +3=-—9. “Qote 16 {nroduevov yLvOUEVOV
elvar 9,25028.

4) Awxipeotg.—"Eotw, &1L BEAopev va Blaipéowuey 1év Ao-
y&api8uov 1,53128 61a 4. INpag 10010 mpooBétopev—3 elg 1 xa-
paxinplotikdv dia va ylvp diaipetév da 4. "AAAa Bua va un
&AAGER A &Ela 10D Bobéviog Aoyapibpov mpooBétopev elg 1o
Sexadikdv pépog adtod + 3, ypagouev dniadn toév dobévix
AoyéapiBuov dog £E€fg 4-13,53128 xai Biaipoluev Ekaotov 1dV
pep®v TOL XWpLOoTa Bia 4, edploxouev 8¢ mnAlkov '1,88282.

*Opolwg, Bia va diatpéowuev 1oV AoyapiBuov 4,15703 Bia 3,
ypaopouev adtdv &g £€fg: 6-1-2,15703 xal Eneita Biaipoluev
Exaotov TOV uepOdV Ywptotad dia 3. Elploxopev 8¢ mnAlxov
2,71901.

5) N& eOpebfj td yiwvéuevov 35,32.0,7508.

*Eotw x T Inrovuevov ywvduevov, ¢papudlovieg Suwg tiv
npdInV Biétnra T@v Aoyaplfuwy EXouEy :

Aoyx = Aoy35,32 |- Aoy0,7508 Aoy35,32 = 1,54802
Aoy0,7508 = 1,87552

Aoyy = 1,42354
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"Emeldn) 82 & mpac tov AoyapiBuov 1,42354 &VTLOTOLY By
&pBudg elvar 26,518, Enerar, &1 X = 26,518 kata mpooéyyioy
0,001.

6) N& e0pebfj 18 mnAlkov $=853,54: 195,817.

"Exouev loyw=loy853.54——7\oy195,817 Aoy853,54—2,93122
Aoy195,817=2,29185

Aoyy==0,63937

xal y==4,3588 (mpoa. 0,0001)

7) Na& e0peBf] A dOvauig x=(1,05).

"Exouev Aoyx =20 Aoy1,05
Aoy1,05=0,02119
Emil 20

Aoyx —0,42380

"Eneidn 62 6 aandnc AoydapiBuog tod 1,05 dOvaral va dia-
¢épn &md TV Omépyovra év 1® mivaxki kartd Huloeiav povada
¢ redevtalag t&éewe, Enetal, St & e0peBelg AoydpiBuog tod
(1,05)* dovatar va Siagpépy 100 &AnBodc kata 10 povadag tfig
autfic 1afews. ‘Emopévoc & &Anbig AoyapiBuog 1ol (1,057
nepilauBaveral petafd tod 0,42370 xai 100 0,42390, Gpa, O
palvetal ék 1OV mvakaoy, 1) Enrovuévn BOvauig mepthAauBdaverat
Herafd 100 2,652 kal 100 2,654. "Ex To0tou Emetal, 81t § Inrou-
uévn dovauig elvar x =2,653 (mtpoo. 0,001). L

3 &

8) N& e0pedfi & &piBusg y—\ 120", 3
"Exouev Aoy = 2 Aoy120 Aoy120 = 2,07918
: 2 4
émi —_—
3 3
Aoyy=—1,38612 ;
xai ¢ =24,329

5
9) Na e0pebfi & &p1Bpodc ¢ =\ 0,854.

3
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AauBé&vouev Aoyy— = Aoy0,854 Aoy0,854=1, 93146
gmi —;-
Aoyy=1,98629

5

kal y=V 0,854=0,968925.

10) Na e0pebf} /| mapaotaoig

5
_(Br.ys
T TS
'EE adtfic Aaupdavouev

Aoyx= —3>-Aoy28--—Aoy53—Aoy8993.

Airatalig 1®v nmp&lewv:
Aoy28—1,44716 > Aoy28=2,17074
Aoy53=—1,72428 1 Aoy53=0,34486

&Bporopa 2,51560
Aoy8993=—3,95930 aoaipeitar3,95390

OndAoLtov 5,56170
kal x=0,03645.

Znuelworsg. Ta dvotépe tapadelypata &pxolv did va
del€ouv TV dPpéreiav 100 AoyiopoD Bid TGV AoyaplBuwyv, BidTt
Siax TOV Blothtev 1AV AoyaplBuwy xatopbbdvouev va avayw-
uev tag mpaéeic £mi 1OV &pBudv elg &AAag &mAovotépag, fjtot
1dv moAlamwAaoctaoudv slg mpdobeotv, v Bialpeoiv elg &pal-
peowv, v Syworv elg duvéuelg elg ToAAamAaoiaoudv kal TRV
tEayoynvy 1@v pllov elg dixipeoiv, xpnoipomololvieg Tpog
10010 TOUg mivakag 1®v AoyapiBuwv. Oltw B abtdv éxte-
AoDvrar mp&elg, al dmolat, &g elmopev xal mponyoupévodg
(§ 169), 8a floav pakpdraratl xal émmovoratatl.
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“Otav al napaotaoeic elva &Bpolopa povwvouwv f bia-
Popd&, ol AoydpiBuol ¢papubdlovral petd duokoAlac: n.x. lg iy
Tapdotaoty 36a’—49B°. AldTL elg adThv TpémEL V& OmoAoyloa-
HEV Tp&TOV Xwplota 1a povdvuua 36a’ kal 49p° xal Eneita
8Anv v map&otaociv. O8tw B¢ Exouev mepiocotépac npaéeg
va& kauwpev. "Extég 82 todtov kal 16 E€aybduevov Bev elva
ToAD dxpiféc. Ak tolto, £€av elval Buvatdyv, petaoyxnuatile-
uev v dedopévny map&otaoly elg povdvuuov, T dwolov elva
Aoyiotdv Bia 1@v hoyaplBuwv. Ofte v &ve map&oraoy
Heraoxnuatifouev elg v (6a+7B8X6a—7B). 'Eneidn 62 ta a
xai B OmotiBevrair dedouéva, sdplokouev Tolg mapdayovrac
6a+ 7B xal 6a — 7B kal Enelta é¢apudblouev TOOG Aoya-

2 it e

plBuoug. E
H

'Aoxfoecs. .

481) N& Omoloyiobodv &iad 1®v AoyaplBuwv ol mapa- 4;
OT&OoELg : __3
47,3.0,845 9,814.0,0625 898,9.0,05377 i

50,4 0,8948 0,7469 3

85,43 T35 06743 ;

482) *Opolwg va VmoloyioBodv al mapaxoTATELS : 1

5 12¢ (0.25) (1,04)°
(0,034)* (0,1678)* (0,073 (0,07291) :

:

(=) =L = =]

483) ‘Opolwg al napaoT&oEelg :

S0 daraidnne o

3 5 7
V719 \V 14 V' 1000 \ 100
| il s it i el 5
V7.9 \V 0,374 \ 0,00478 \' 0,064
. B 2 ¥,
Vi1 ET-D 19° -
3
45 ]/ 135 V 3 1/_7__
58 43 425 2,144

:
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484) N& OmoloyioBolv duoilmg ai TxpaOTAOELS:

153.0,5424 69 (32,5)*
5 o 031
B
20./ 15 9,7.(0,06)¢
0,04 0,09
23 1/035 VZB. V5
2 Y 0,15 142
485) Na Omoloylobf] dia 1®v Aoyaplfpwv 1 Va'—B?, 8tav
elval 1) a—3045 p=—17,48,
xal 2) o—0,649, p==0,046.
486) "Ouolwg va OmoAoyiobfj j napaotaoig w(p*—p™), Stav
elvan w=—13,141, p=8,75 xal p'=3,49.
487) ‘Oupuoiwg va OmoAoyioBi] 1) Tapdotacig f—-;—*rtp'. Stav
elvat —o 1Al Kol p—1 5
488) “Ouolwg va OmoloyioBij | TapaoTaoig %np’u. Stav
elvat a=3,141, p=—25,8 Kal v=—39,06.
489) “Ouolwg va sVpeBfj & 2log 8pog TG YEWUETPLKAG
mpoddou 25 15, 75, S 1Y . R
490) ‘Ouolwg va& edpedff & 250¢ dpog Tiig Mpobddou
1 2 o 2 i
: 5 5 S5 v

491) N& e0pebf 18 £uBadodv tprydvovu, ol al tpelg wAevpal
elvar a=18,20, B=22,50, y=—36,24 (E=Y t(x—a)t—B)1—Y)
dmov T elvar ) AHuinepluetrpog 100 TPLY@VOUL.

TAvVaTOXIGHES.

182. Elg tAv &piBunuiknv £idopev ti Afyetal t6k0g, Tl Emi-
t6xiov xal Tl kep&iaiov. Eldopev 8¢ éniong, 81, Stav 10 ke-
¢d&Aaiov pévy 16 ad1d kad’ SAnv TMv Bidpkeiav 1ol davelov,
& téxog Afyerar dmdods.

AAMAG TOAAGKIC & TOKOG EKAOTNG XPoVikiig povadog, T.X-
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évog Etoug, kal elc 1o Télog altfig, MpootiBetar eic 1o KEPG-
Aalov xal &moteAeital ofitw véov KEpaAaioy, 1o dmwolov Toki-
Cetal katd& v émopévnv xpovikdv povada.

‘H mpboBeoig 100 tékoUL ele 1o Kep&Aaiov, fjtol 7| xepa-
Aaiomolnoig 100 tékou, Aéyetral dvaroxiomds, & B2 tékog, &
dmolog AauPaverar &mnd todv Gvatokioudv, Afyetal ovrderoc.

183. MpéPAnua. — Kepdlaiory a doayxudy, dvazroxildusvor
xat’ ¥rog, ndoov Va yivy uerda » Fxn, €dv 6 téxog THc meds
doayuiis el Bv &zoc elvas z;

"A¢poD & téxog 1fig 1 Spayufic el Ev Eroc elval T, & TOKOg
OV a dpaxudv elg v maAwv Erog elval at. “Qote 1o &pYLKEY
Kep&Aaiov a elg 16 TéAog ToD mp®dTou Etoug Ba yivy at-at §
a(1-+-1), fitor 10 kep&Aaiov, 16 dmoiov tok(letal katd 1o Selte-
pov Etog, elval a(l+41). “Qote al o(1-+1) bpaxual 8& ¢pépouv &lg
gv Etog tékOV afl-l-1)r. ‘Emopéveg 16 kepdAaiov elc 1d téhog
100 Bevtépou Etoug B& yivp

a(l+t+a(l4+t § a(l+t)(14+1) = a(l-+1).
"Ex 10V &votépw BAémouev Aotmév, S1i 9 dfia olovdijsrore
xepadalov uera 8v Froc svploxerzar, &av nodlanlaciacPi rodro

énl (1-}-3).
Kata tadta elg 10 téAog 10D Tpltov E€touc TO Kep&Aaiov
8a yivy a(l+1).(1+1) = a(14-1)

Kal yevik®g elg 16 téAog 100 vuootod Etouc Ba yivn a(l4-1)¥. &
"Eav Aowmdv mapaothowuev dia K myv &E€lav 10D davelou, &lg
16 tédog 1OV v Bd Exwpev v EElowoly
K=a(l+1)’ (1)

Davepov €, 1t ) adth mpoxvTTel é€lowolg Kai Stav & &va-
ToKLOpaG ovuPalivy odxl kat’ £trog, &AAa kat’ Toa ypovikd dix-
otuata oladfmote, m.x. katd &§&unva, Tpiunva KTA., &pkel va
mapaxotabfj did 100 1 6 téxog Tfic Bpaxufic el Ev TOV Siaotn- .
H&TWV T00TOV kal Sid 1ol v 16 MARBog T@V é€aunivoy, PP}
V@OV KTA. .

‘H &€lowaoig (1) PAénopev, 81L mepiéxer téooapa mood&, Td

T L
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- K a, 1 xal v’ 8tav 52 ék 1OV 1e00dGpwV alTd®V Moodv yvopl-
- lopevta tpla, edplokouev 18 tétaptov Avovreg v éElowoy (1).
lNvetal 5¢ toDro edOkdAwG Bia 1OV AoyaplBuwv, BiéTL Aapupa-
vovieg ToU¢ AoyapiBuovg &ugotépwv 1&v lowv ebplokouev
AoyK=Aoya-}vioy(1+T) (1.
184. MNMpopAfjpaTx GvaToKlopol.— lov) "Eddveicé tig xe-
gdlaioy 30000 Sgaxudy én’ dvatoxioud xaz &rog mpods 8°/.
Héooy ¥a yivy uera 12 &n;
"Exopev v=12, a=30000, 1=0,08.
“0O8ev & t0Omog (17) yiverat
AoyK =2Aoy30000-}+ 12Aoy(1,08)
Aoy30000=4,47712
Aoy(1,08)=0,03342 12hoy(1 08)—0 40104

koyK —4,87816
s xal K=—75536.7.

3 2ov) Iéoac dpaxudc mpémer va Savelop wig &x” dvaroxioud
. @mpog 6°/,, iva Adfp umera 15 ¥ 60000 ;

"Exopev K=—60000; T=0,06, v=15.
*Ofev £netal éx toD TOTOUL (17)
Aoya=Aoy60000 — 15Ao0y(1,06)
Aoy60000=—4,77815

Aoy(1,06)=0,02531 157\0'}1(] 06)——0 37965
loycx——li 39850
a=25032,4.

3ov) IIgdc moiov Zmizdxiovr 40000 dgx. dvaroxilduevar
&ni 20 &n Eywvav 87632;

"Exopev v=20, K=87632, a=—40000.
| “O8ev
| " Aoy(l+1)= ?10— (Aoy87632 — Aoy40000)

;
'i
:
r
:
]
|
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Aoy87632=—4,94256
Aoy40000=—=4,60206

Blapopd —0,34U60
—210—1:ﬁc dtagpopi&g fj TO00 Aoy(1-+1)=0,01703
(1-4-1)=1,04
6Bev 1—=0,04
kai 10 émtdékiov 100t elvar 4 9/,.
4ov) Meza méoa &ty mepdiaroy 40000 Sox. dvaroxildue
vov xat £ros mweods 4,5°/, yiverar 67841,6;

‘O tOmog (17) dideL
loy&?Bd_} B— ?\o__ydOCOG

v Aoy1,045
"Exouev Aoy67841,6=—4,83150
Aoy40000 = 4,60206
Slapopc —0,22944
Aoy1,045—=0,01912
e R B e,

50v) Meta nnéoa &tn 12589 Jdpayual dvaroxilducsvar mpos
5°/, yivoviar 45818 ;

‘O tomocg (1°) bldeL

e NOVORAE NG PEEHD

Aoy1,05
"Exousev Aoy45818 — 4,66104
Aoy12589 — 4,09999
Siapopd - —0,56105
Aoy1,05 = 0,02119
Kail V= gggll?g = 526]]]%5 =26 Etn kai Tt TAfov.

Awa va elpwpev 1idn 16 uépog 100 270U Etoug, Ba elpwpEV
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np&rov Tl ylvovrar ai 12589 dpayuai &l 10 Té€Aog 10D 26ov
Eroug. Evploxouev 8&, 8t 12589.(1,05)° = 44764.

“Qote al 44764 dpayuci did tov OMéAoLTOV XPOVOV PEpouV
&niolv tékov 45818 — 44764 — 1054 dpayudg. Katémyv todtov
ebplokouev 1dv Ypbdvov did 100 yvwotoD tOMoOUu TOD &mhoD

1054.3600

TOKOUL

Snuelwois. Ev 1fj npafel npdg edxkoAlav yivetar ouvi-
Bwg 10 2Efic. '"H &voe ch:[paolq%%]-]%—spﬂd v ebpeolv 1ol mn-
Alkou 26 5i(der OméAoimov 1011. Aaupavouev ¢ &g 1oV Lnrod-
uevov xpdvov 26 E1n KGI—%
elg pfivag xal fuépag. Edplokopev 8¢ 5 ufivag kal 22 meplmov
fuépag, fitot 172 fuépag. Elg &Ahag mepintdoeig 10 efaydue-
vov, 10 dmolov edplokopev Katad tdv Tpémov TolTOV, Bladépel
100 &xptBolg moAL dAlyov.

6ov) Kepdlatoy 4000 Sgaxudv dvaroxilerar xad’ éEdun-

vov. T( yiverat uesra 15 ¥rn, Stav 10 émizdxiov elvar 4°/,;

100 Etoug, td Omolov TPEMOUEV

Elg 10 mpéPAnua tolto elval

w——35 3 ——80 joctl - ¥ =%=0,02.

“"Exopev Aoimov K = 4000.(1,02)*°.
Evplokouev 6¢ dia 1&v AoyapiBuwmv, d11
K = 7245,50 dpayual.
185. Ol tOmoL 100 &vatokiopod épapudlovial xal elg In-

uata mAnBuouod. . x. ‘0O wAndvouds uids nélews elvar a,
avEdver 82 ovrog xaza 3°[, éxnolws. Héoos Ha elvar uerd v & ;

"Eav guARoyloBduev &g elg 16 mpéPAnua 1fic Tapayp&ouv
183, evplokopev, 81t K =a(1,03)".

186. MpoéPANux.— Eic ulav mwddiv, 1 xar’ Erog aiifno
z09 mAnPvouod elvar 8°,,. Merd néoa &n 6 nidndvouds av-
tiic Pa SimAaciactf ;

Wnoiono|Bnke amé 1o ivotirouto EkmaiSeuTikig MoAmkrg



256

"Eav 6 mAnBuoudg elvar a, 8a Exwuev K =2a. Elvai 8
kali Tt =0,008. "Exopev Aoimov

2a =«(1,008) # 2= (1,008)".

“Qote Aoy2 = vAovy1,008
g R O »e -
rkal V= 3oy1,008 — 000348 * lTo v=2387 Emn.

IHHogofAfjuatra mpds doxnoiy.

492) El¢ molov moodv B8a &véABouv Td k&TwBL KEpaAaia
Gvatokiléueva kat' Etog:

1) 25000 Spayxudv npog 4°/, énl 20 En;

2) 10000 » . Wi o Fie SR ) g
3) 36000  » R T AR e
4) 7300 » » 65> 15 »
5) 6450  » N L e
6) 1080  » v g s
7) 100 Aip&v » 42> 18 »

493) Kata v fluépav tfig yevviioewg 1ol TEKVOUL TOU Ka-
1€0e0€ T1¢ elg 10 Tapilevtrpiov 12500 dpayuag tag dmolag &
kev avatokilopévag kat' &tog mpog 4°/, &ui 21 &wn. [Néoag
Spayxudg 8a A&Bn elc 16 1éAog TAV &TdV TOOT®YV;

494) KepdaAalov 1000 AMp&v &vatokiletal xkat’ €tog &ni 10
Etn. "AMN" elc pév ta mMpdta 5 Etn &vartok(leralr mpdg 59/, Elg
B¢ ta émbpueva E€tn mpog 6°/,. [Néoov B& yivp elg 10 TéAhog TOY
10 é&xdv;

495) Mila méAig Exer mAnBuouodv 20000 xatolkwv. AdvEdavel
5¢ & mAnBuouog avrtfic karta 7°%/,, kat® £rog. [NTéoog Ba vyivy
uet& 25 E1n;

496) Kep&Aatov 50000 Spayudv avatoxilerar xad’ &Eaun-
vov. lNéoov 6& ylvn petd 10 Etn, tod émroxiov Svrog 6°/,;
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497) KepdAaiov 30000 dpayxudv &vatokiletar katd tplun-
vov. éoov B& yivny ueta 5 €, 1ol émroklov Gvroc 8L

498) INoia xepdlaia mpénel va katabéon Tig gml &vaTtoxt-
ou® xat’ €tog, Tva Ad&Py:

1) 6500 Bpay. peta 10 £1n, 10D émroxiov &viog 6°/,:

)60 - > » 9 . » » » R L 0
3) 47000 » S § I » » » B b o)
4) 25000 » » 6 » » » » 4,58,
5) 37675 » » 15 » » » » 4 D/Q :

499) MNpag molov émtdkiov TPETEL va GvaTtoklobf kat' €tog
xepdaAaiov 24850 dpaxudv, (va peta 12 £ yivy 50000 dpayual ;

500) TNpdg molov émrtéxiov mpénel va &vatokiodfj kat’ £1og
kepaAaiov 30000 Spaxudv, (va peta 15 € yivy 88770 dpayual ;

501) lNpog molov émidkiov KeP&Aaidv Tt &vatoki{éuevov
ka1’ Etog BimAaot&letat peta 15 £n;

502) Meta méoa E1n 7000 dpaypal &vatoxiléueval kat’ £10g
npog 5°/, ylvovtar 9850 dpaypal;

503) Meta méoov xpbvov 35000 dpayxual dvatokilépeval

1
2

504) Meta mwéoov xpbdvov kep&Aaidv T &vatokilépevov
kat’ Erog mpodg 4°/, (R 4,50°/, A 5°/.) dimAaoialerat kal pETa
néoov xpbévov &vartokiléuevov xat' €rog mpog 69/, TPIMA-
al&letal ;

505) Elc moiov moodv Ba &véAOn xepdiaiov 42000 dpa-
Xpov dvatoxiléuevoy kad’ E€aunvov énl 18 Etn mpog 8%/, Kal elg
Ttotov, &&v ol Tékol Tou &vakspaiaiomoloDvial &va Tpiunvov

506) Kep&Aaiov 15000 Spaxudv &vatokiletar xat' E£tog
npodc 5°/,. Elc molov moocdv Ba& &véllp, &av & xpbévog elvat
6 Etn xal 9 ufjveg;

507) Abvatal Ti¢ va davelon kepdhaiov 60000 Bpaypdv
Sia 10 E1n, el1e &w’ &vatoxiou® kat’ €rog mpog 5°%;, elte pe
&mAoDv TéKxov Tpdg 7 °%/,. [Nolog tpémog davelov £E abtd@v elval
TMAEOVEKTIKOTEPOC ;

xat’ £rog mpdg 6 °/, yivovrar 60000 Spaypal;

) 74
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508) Aaveilel Tic & 6 €tn én’ &vatokioud kat’ £€tog 10
KepaAatov TV 28400 dpaxudv. Aid moiov XpPOvov Empene va

Bavelon 16 avTd Kep&Aalov kal Tpdg 1O adTd EmMTéKiov T

&mA® 16kQ, Iva Mpaypartomolion TAV adtiv alfnoiv 100 kepa-
Aalouv ToOU;

509) Aavellet Tig kep&Aailov 18500 Spaxudv &ni &vartox-
ou®d kat’ €1og mpog 5°/, énl 8 Etrn. NMoTov kep&Aaiov B Empene

va bavelon pé &mAodv 1ékov kat’ Etoc mpdg 6°/,, Tva perd

10V alToVv ¥pbvov Exn 10 adTd moodv Spaxudv ;

510) Kep&raibv 11 &vatokiféuevov kat’ £toc ylverat UETG
3 & 5625 bpayual, petd &AAa & 2 &xkoun yivetrar 6084 dpa-
xual. TNolov elval 16 émitékiov ;

511) 'Eav 6 mAnBuoudc témou Tivec abfavetal kat' Eroc
Katd& 5%, abtol xai elval ofuepov 2000000, méoog B& yivy
petra 100 €1n;

512) Eig¢ plav mwéAiv kaf’ £kactov £tog ol YEVVNOELG OTED-
Baivouv 1o0¢ Bavatoug katk 15°/,, éni ToD TtAnBuouob. Meta

néoax €t & MANBLOUSG TAG MéAswc abtfic B8a elvar BimAdotog

100 onueptvod ;

513) Eig¢ plav mdAwv ai yevvioelg avépyoviat kat' Erog &lg
44°/,, énl 100 mAnBuouod, ol & B&vartol eic 19°/,,- Meta wéoa
€tn 6 TAnBuoudg 1figc MéAews Ba& elvarl NoEnuévoc katak 1o futou
to0 mAnBuouod tfig ofjuEpoYV ;

187. lNpoPAMjpatx lowv KaxTtaxBéoswy.
éxdotov Erovs xazaldéry vic eic rodnelav 16 adrd moody a doa-
xudv én’ dvatoxioud, néoa Ba Expy va AdBp uera v Ern, Svav 6
Téx05 Thig pids deayuis eic Ev &ros elvac t ;

‘H mpdtn katé&beoic 1®dv o dpayudv B yivn peta v Em
a(l-+1)*. 'H devtépa xat&beoig 1) yevouévn elg v &pxnv tol
Seutépou Etoug Ba yivny a(l-4T)¥~1, diétt émwi (v—1) £€tn 8& &va-
toxio8f. “H tpltn katdBeoig 8a yivy a(l+-1)*—2 k.0.x. Térog, A
tedevtala kat&Beoig 64 ToxkicOf &mi 1 Etoc kal B& yivy a(1-+1).
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“Qote, £&v Bix 100 I MapxoTAOWHEV TO Toodv, Smep B&
A&Bn elc 1O TEAOG TAOV v TV, 8& elval

T =a(l +1)ta(l -1yt +1)p+.... f+al(l +1),

0+t —alitv_ a+0l0+0" —1]

141—1 T

“Iva OmoAoylowuev v map&otaoty TadInv dia 1dV Aoya-
plBpwv, Tpénel va OToAoylowuev mpdrtov TV dovvauy (14 1)
kal v& EAaTTdowmuey Emelta aOTiV Katd povéada' 1o Be Omé-
Aotmtov va Béowuev elg v map&otaoiv &vil 1ol mapayoviog
{(1--1) — 1 xai va épapubowpuev én’ adtfic Tovg AoyapiBuoug.

Snueiwoic a’. Tag Bduvéaueig (1 -+ 1) & t=003...
t=—0,06 kal dta v=—1,2... 50 Exouv ol O®d 100 Dupuis éxdo-
8évtec mivaxksc el osi. 134. “Qote duvaueba va Aaupavopev
abTdag éxel.

Snuelwos B. 'Eav al katabéosig 100 &ve mpoPifjua-
tog yiveovral elc 16 téhog Ek&aotou Etoug, Ba elpwuev 16 {NTob-
uevov avtod Kat& Tov (Blov tpémov. ‘H dagopa elvat, 81l éxa-
otn kat&beoig 8& &vatokiletal t1dpa £ni Ev Etog SAlydTEpOV.
Obtwg f) mMpdIn Katdbeoig 8& &vatoxkiodfj émi v—1 £tn, 7 dev-
tépa &ni v—2 &tn xTtA. ‘H 82 tehevtala xar&beoig Ba uelvy a.
“Av AoLTToV MTapaoTfowuev dia X’ 16 {nroduevov, 8& Exwuev

fiTot zZ—ua.

s a(}ai:)“_—l_a A s gla +I)" =1
Mop&deltypa lov.— Kazadézer tisc els zodnelav sl v
doxnv éndorov &Frovs 1000 doayxudc én’ dvatoxioud mpds 6 °/,.
IHéoca Pa Exp va AdBn uera 20 &n;
“Exouev a=1000 1=0,06 kai v==20.

“Qote elval
__ 1000.1,06.[(1,06)*° — 1] )

= 0,06
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"Emeidn) 8¢ elvar (Dupuis gei. 134) (1,06)*° — 3,20713, Ere-
Talr 811

AoyZ = Aoy1000 -+ Aoy(1,06) -+ Aoy(2,20713) — Aoy(0,06).
Aoy1000 = 3
Aoy(1,06) = 0,02531
Aoy(2,20713) = 0,34383
&Bpolopua = 3,36914
Aoy(0,06) = 2,77815

oméAotmov =—=AoyZ = 4,59099
kai = = 38993,6

Znuelwois. TRy mapaoraoty (1) duvaueda TMponyouué-
V@G V& KataoTlowuev &niovotépav. B Exwuev 8¢ olitw

3 = 10273 o1 AoyE—Aoy106000-+roy(2,20713)—Aoy6.

Aoy106000 = 5,02531
Aoy(2,20713) — 0,34383
&6polopa — 5,36914
Aoy6 — 0,77815

AoyZ — 4,59099 xTA.

Mapaderypo 20v.— Ti moodv ngéner va xaradéry zic én’
dvazoxioud eic z0 rélog €xdorov &rovs mpds 5°/,, iva ucsta 15
&n &xp 100000 dgaxudc;

"Eyouev X'=—100000, 1=—0,05 kot v=15

af(1,05)15 — 1]
0,05

___0,05.100000
=05

dote elval 100000 —

ftot

"Ente1dn elg todg mivakag Dupuis eOpiokouev
(1,05 — 2,0789
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kai Aoya=—Aoy5000—Aoy1,0789.

éXOpEV [0 W
Aoy5000=3,69897
Aoy1,0789=—0,03298

Aoya==3,66599
Kai a=—4634,3

Xpewhvoia.

188. SuvABwg T& OYETIKGC pey&ia davela, T@V dmolwv A
Siapkeia elvar p&AXov pakpa, £€oproldviar Bl lowv dooewy,
al émoTal MAnpdvovial kat’ loa xpovik& daotiuara, T.X. £T1-
owx, €aunva, Tpiunva KIA.

Té moocdv, Td dmoiov TAnpdvetat elg 16 TéNOg EKAOTOU
xpovikoD Biaotiuatog, AEyeETal xeewdivoiov.

189. MpoépAnux.— "Eorw, e édavelodn wig Ev mtocov a dpa-
xudv 2’ dvaroxicud, td dnotovy Pa Etopliop dia v Eznoiov
8éoewy. Hoiov civac 10 ypoewlddoiov, Stav 6 téxog éxdoins depa-
xufic elc v &roc elvar 3;

"Eav 16 Toody TGV a dpayudv EMpOKELTO V& TANP@OT) LETE
T®v 16k®V ToL Bila uiag elg T TéAog TAOV v ET®V, B& EXpEL&-
Zovio dpaypal a(l-4T)’. "AAN’ éneldl) 8& £EopAndf Xpe@AvTL-
k&g, elvar pavepbdv, 811 16 &Bpolopa EAwv TGOV xpexAvolwv yeta
TAV ouVBETY TOKWY TV TMPETEL va &moteAéon moodtnia lony
pg a(l--1)V. "AAN &av Bid X TapaOTNOWUEV TO ETIN0LOV XPE®-
AUolov, Td dmolov, d¢ elmopev mponyovuéveg, MAnpodvetal elg
16 TéAoc £x&otou Etoug, Ba Exwusv &Bpolopa TAV V XPEDAUL-
olov petd 1OV ouvBiteV TOKWV TV, Kata tnv onuelooly B’
100 mpoPAfjuatog 187, loov ué

¢ ) L1 §
T
‘Qg¢ 8¢ elmouev mponyouvpévag, Ba elval

a(l-+1)¥ = ..X[“,i?,‘,’ =} (1)
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"Ex tfig é€lodoewc tading duvaueba va npoc&oplcmpa'{;

Ev 1OV Moo®v ¥, «, T, v, dtav ta &AAa tpia elval yvoord, £nol

Héveg kal 16 . Abovrteg Aowmdv v £€lowoiy (1) mpocg x edpis
OKOUEV

at(l 4 ¥

S gei (2)

Napadeiypata.—1) "Edaveiodn zic 8O000 dgaxudc mpds
7°[, nal Héle. va EEopdijony T xgfoc tobro Bi¢” Ernoiwy Sbcewv
elg 12 &mm. Iéoov Pa elvar ©d xpewivoiov ; :

"Exouev a=—380000, T—0,07 v=—12.

Kata mp&tov OmoAoyilopev v dOvauv (1,07)'*

Aoy(1,07)=0,02938 12Ao0y(1,07)=0,35256"
66ev (1.07)*—2.9519
Kal xata v &€lowolv (2) Exouev
- BODOOEZSINO.07
1,2519

Aoy80000=—=4,90309

A0y2,2519—0,35256

Aoy(0,07)=2,84510

&Bpoloua :4,‘!70707775
Aoy(1,2519)=0,09657
OmbéAotmov=  Aoyx=—4,00418

Kal x==10093.

2) Héoov elvar 16 xpéog, Sneg éEopleizar eic 25 &n dia
xeewlvoiov 8900 dpaxudv, tot Zmizoxiov Svrog 6 °/, ;

'EviadBa Exouev
¥=8900, =—=0,086, v=—>2b
kal ) é€lowoig (1) yiveral

(1,06)*5—1
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"Eneldn 82 elval (Dupuis ogsA. 134) (1,06) = 4,29187, Enetat
Aoyox=—=Aoy8900-+ Aoy(3,29187) —Aoy(0,06) —Aoy(4,29187)

Aoy0,06 — 2,77815 Aoy8900 = 3,94939
Aoy4,29187 — 0,63264 Aoy3,29187 — 0,51744
~ 1,41079 4,46683

4,46683

1,41079

Aoya — 5,05604

Kol o — LIS

3) Eic nwéoa &n 2Eopleizar Sdvewov 1200000 dgaxudv,
Srayv 10 Zrrjoiov yoewlvoioy slvar 150000 Soaxual nal 1o Eme-
woxtovy 8°/,;

’Ex tfic é€iodoewg (1) AauBavopev

X141 —x=—=ax(l )
X1+ 1) —ar(l+1) =x
A+ TP (x —ar)=x

kol (1 -—E—’[)V — _.._X_..._
X—oT

"Ex 1tfic teAsutalag 8¢ avtig é§lodboewg EXONEY
vAoy(1l -+ t)= Aoyy — Aoy(x — at)

Aoyx—Aoylx—at)
Aovy(1+41)

Kal 3 T

“H&n 5& mapatnpolusv, 811, did va elvar 10 mpéPANua
to0to duvatdv, mpémel & &ptBudc (x —at) va elvar Betikég,
dnAadn mpéner va elvat x> at, §j ué &GAAovg Adyoug TpEMEL TO
XpeEwADolov va OmepPalvny 1ov £1fjolov 1éKOV TOD &p)YLKOD KE-

paiaiov, 8nep elvar kal &9’ fautod ¢avepdv. Elg 10 HobBev
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mpéPANua elval «a=1200000 kai t==0,08. “Qote a1t — 96000 |
kal émopéveg

X — at = 150000 — 96000 — 54000

Aoy(1,08) = 10,0342 Aoy 150000 = 5,17609
Aoy54000 — 4,73239
diagopa =—=0,44370

L0 i s :
V= 003342 — 3342 — |3 £t xai 1 mAfov.

“Qote ut 13 8éoeig dev elvat Buvatdv va £EopAndf] éviedde |
TO Xp€og' mpEmEL va TMANPWOT &xbdun &v moodv, 1o Sdmoilov elval
pavepdv, 611 Ba elval pikpdtepov 10D YpewAuoiov. At va eb-
pwuev dt todto, &pkel va elpwuev moécov yiverar Td Saveiwov
elg 10 1€hog TAOV 14 1@V, Enetta Tl yivovrialr al 13 Bdoeig eic
T T€A0g 1OV alTOYV £1AV, kal E€neita va& &paipéowusy 10 Beld-
TEpov mogov &mod ToD mpdtou. Obtwg edpiokouev, Tl mWpEmEl
va mAnpwBodv dxbun 42520 Spaypal.

Znueliwoeg a'. MNpépAnua, elg 16 dwolov va Inrijtal 10 1,
dév duvaueba va Avowuev. OOte kal &v 1ff mp&&el mapovoia-
Cetal f) dvaykn totodTtou mMpoPAnuatog, didTtL 1& dmitdkia kabo-
pllovial €k 1@V mMpoTépwv kKal elval yvwotda. "Ev todtolg Suwe
Omapyouv mivakeg Bia daveia 100 dpayudv, tfj Pondeic: TGV
omolwv 8 &mAovotatwy mp&fewv dSuvaueBa va mpoodiopliow-
HEV TO T.

Znuelwoeg B'. Ta davela, 1& dmola KauveLr 10 Kpdatog
xai mepl dv ylverar Adyog elg v &piBuntikiv (oei. 263), £€o-
pAolvratl ovvBweg &g £&fc: "Exaotov Etog §j Exaoctov &Eaun-
vov £fopleltan el dpiouévog &plBpdg Sporoyidv kal mpag
to0t0 ylvetal kAfpwolg. Al B¢ duodoyial, ai dmolal EkAnpddn-
cav, TAnpdvovial glg 1¢ &ptiov, fjtol el v Tipfv, v dnolav
avaypagouv. To moodv, 10 émolov Siati@etal elg ék&otnv me-
plodov dia v EE6pAnoLy TV KANpovuévov duoioyld®v kal diak
TV TANpeUNY T@V TéKwY T@®V dpoloyitdyv, al dmolal &mouévouy,
elval otabepdv kal &moteAel 16 XpewAvoiov. Oftw B uera
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v ndpodov TOV KaBWPLOUEV®Y gtV 1o davelov EfopAeital.
AAN’ Om&pyouvv davela, elg ta Smolx elg dpropévog GpLBuog
dSporoyt®v £EopAeital kat’ Etog § ka8’ E€&unvov elg Tiunv uUE-
vyaAivtépav 100 &ptiov. Ta daveia adta elval Ta& Aaxelopbpa.
Té 8¢ xpewAlbolov adt®v &moTteAeltal &md 1OV 16koVv, &md TO
noodv, 16 oOmolov dlatiBetrar dia v £E69Anolv TV duolo-
vi®v, al 6molat kAnpodvral elg 1o &ptiov, kKai &mwd 1O Togdv,
& dmolov Blatiferal Bid TRV TANP@UNY TOV Aayvev.

HoofAilnjuata mEos GOKRNOLY.

514) MNathp Tic &mékTnoe TExvov Kal &mod Tfig YEVVINOEWG
attol xai x&plv autod katabétel xat’ £tog Ent’ &vaToKlou®
Tpoég 5°/, 16 mooov t@®v 2000 dpayxudyv. [Méca B8a Exnm elc o
TE€Aog 100 180vu Etoug ;

515) Mathp Tic &méxktnoe tékvov kal BEAeL va Katabéty
£v mogdv Bl adTd kat £tog, dote Ta Mood avtd &vartokilo-
peva kat’ Etog mpdg 4 °/, va ylvouv peta 20 £t 150000 Spaypal.
[Méowv dpaxudyv mpénel va elval )| émola xaté&Beolg ;

516) Katabétel ti¢ xat’ £tog &m &vaTtokiou® Tmpog A0 R
nocdv T®v 1000 dpy. Meta wéoa Ern 8& Exn 50000 dpayuag :

517) KataBétel 1i¢ kat' Etog pé obvBetov 10KOV Kal , émi
10 £t 16 mooov t®v 3500 Spayxudv mPog 3,5%,. Met& B2 1jv
n&podov Tfig dekaetiag EMaLOE Vva kataBétn, &AN &ofike TO
oxnuatioBiv kepdAaiov £m &VATOKIOUR xat’ £tog Tpog 4 °f,.
MNéoa 6& AdGPn el 16 téAog TV 24 €1dV MO TS TP®OING
KataBégewd ;

518) Afjuocg Tig £daveioBn 3000000 dpayuag mpog 5o/ e
v ocvugwviav, va td moocdv altd £EOPATOT] XPEW@ALTLKEG
81" lowv étnolov déoewv &vidg 30 érdv. MNdoov elval 16 xpew-
Adolov ;

519) 'O ®fuoc 16V "ABnveV Edaveiodn 90000 Alpag "Ay-
vAlag dia v éxtéAeotv 10D &moxetreuTikod &ywyod. Toé mogov
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100710 Ba £€09ANBT xpewAuTikGe &’ Towv étnoiov dbéoewv Tpdg

6°/, évtdg 40 &xdv. lNolov elvar 16 xpewAlGolov :

520) lNolov xpéog ¢€dgAnoev elg, & dnoloc EmANpovey ETh-
ooV xpewAvotov 5000 dpaxudc mpdc 4 °/, Enl 20 £y ;

521) "Edavelo8n tig¢ 250000 dpayudc £n’ AVaTOKIOU® Kot
£tog mpodg 6 °/, ué TV ovpgwviav, Iva £€EogpAnion 16 xpéoc Tou
XPEDALTIKAC B1” Towv Etnoleov 86cewv &k 40000 Spaxudv. Mera
néoa Etn B8a £€ogAfon 1O Ypéocg Tou :

522) 'Ebaveio®n ¢ 150000 Spaypdc én’ &vatokiopd kot
grog mpog 3,5 %/, ut v cvudwviayv, Tva é€ogpAfion 16 xpfoc Tou
XpE@AUTIKGG Bl Towv é&mnolwv déoewv £x 10000 Spayudv.
Meta méoa E1n Ba £EopAfion 18 xpéog Tou ;

523) Afjuog Tig £Bavelodn 16 Woodv T@v 3000000 dpayudv
Sia v &véyepolv didaktnplwv, 16 dnolov B& £€opAnion xpew-
AuTik®c dia 12 Towv €mtnolov déoewv Gpxouévav 3 Etn usra
™y obvayiy 100 daveiou. Motov elvar 186 ypewAtaoiov, Btav 16
émrtékioy elvan 5 9, ;

Aiapogor doxnoeis xal mpofifjuara.

524) 'O tOmog a=13,6ypap.ve Bidet THV &TUOOPaIpKTV
nieowv el ypappdpia Omd Bapouerpikfic otfAneg, Tfic dmolag 1é
Ogog v maploTd éxkatootbuetpa, £ni Emoaveiag £ el TETpayw-
vika ékatootéuetpa. Na edpebij 7 &Tpoopatpikr] wieoig €mi Sia-
Pépov Empaveldv OMé othAng SPoug 0,76u., 0,754u. xTA.

525) "O t0mog tfic ypapuikfic diaotoAfic elva
p=p([1+4-o(x"—1)],

émov u xai p’ elvar 16 pfjkog wag p&Pbdou elg 8epuoxkpa-
oiag T kal T’ xal o & ouvieAeotng Tfig yYpauuikfic SiaotoAfig
¢ p&Pdouv. Elpere 10 upfikoc p&Bdou oibnp&e 100°, Srav 1o
ufikog ad1tfig elg 10° elvar 1 pyétpou. ‘O uéoog CUVTEAEOTNC TfiC
ypapuikfic diaotoAfic Tol obnpou elvar 0,0000122.
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526) ‘H dOvaulg x &voPdoemg £€vog depootatou OmoO Oep-
poxkpaoiav 0° kai &rtuoogaipiknv mieowv 0,76 5idetaL OO 10D
tomouv x—1,293xAoyp. (1—8)o—pB, Bmouv B elvar 10 elbikov
B&pog 100 d&epiou (v oyxEoel pé oV &épa), 16 dmolov TANPOT TO
&epdotatov, o elval & Bykog 100 &EPOOTATOVL elc xuPika uétpa
kai B 1® B&pog 10D mepifAfjuarog xal TOV EEaptnuaTtwv Eelg
xtAdypauua. Na edpedi] ) d0vaulg adtn, dtav elval 5=0,0693,
0=—1000 xal p=500.

527) Al xowvevikai dopaAloelg Tapéyovy elgc ToUg épydTag
cOvrtafily &vaibdywe 1OV Huepoutobiwy, Ta dTMola Empayuato-
noinoav ka8’ 8Anv 1iv neplodov Tfig Epyaoiag Twv, Kail Tfig yt-
oBoroyikfic TV xA&oews. ‘H unviala 8¢ ogovialig adTtdv ddva-
Tal va e0pebfj Bia tod TOMOUL Z= 3@0—%—-%_3-5. dmouv o elval &
dAikdg &pBudg TGV mpayuatomoindéviev fuepoulobiov Kal K
& ouvvteheotic TAc uloBoroyikfic kAdoewg. MNa ebpedf 1o 5
8tav elg épyatnc elpy&odn éni 30 Ewn pz 300 fuepopulobia kat’
Etoc kal 8tav & ouvieheotng Tfig KA&GOE®S elvar 0,90, 1,45,
2,10, 2,85, 3,70, 4,80.

528) Na& e0pebfj 1) Tun 11g TXPACTETEDS
(x—wP-+GBx—2¢y—(5—yp+x)* da x=8 xal P=—2.
529) ‘Opoiwg va edpedfj | Twun 1fig TAPAOTATEDS
(S5x—4-3) —(5¢p+3w)P+Ow—x) & x= 4 $=— 15, =35
530) N& &miomoinfolv al TapaxoTaoElg
(x—a)H(x+a)y—2x—a)lx—2)
2(x+3a)+3(x—2a)—5(x*+6a?)
(4—12¢—+-9¢?).(2—3¢)+(21+-3¢).(9y*-+12¢—+4)
531) N& &vaiuvBodv el yivéueva mapaydviwv al mtapa-

OT&OELC (x+P)y.(x—)—(X—¥r-(x+¥)
(2a—B)*—(a—28)* (2p—5)—4
16x*—49a’p? (Ba—2;—(3p—2)
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532) 'Eav (a+-BXa—vy)+(a—PBXaty)=0, v& DexBn 8T
a*=PBy
533) 'Eav g=ayx® kai o=ag?, va& detxOn 811
Y—ac

S e 8 G
534) N& &miomoinBodv ai mapaocté&oeig

20l 20 1 2x+y¢ xx*+92)
RSt e o X—¢ X— tv’+ > g’
Bx—y)P—w? _X(o*—9)--9—a?)
Bxtw)—ys (B+ax)—(x+3x)»

535) N& AvBodv al é€iodoslc :
T TR A P 1
EME N P
2(x+5Xx+2)=(2x+7)x+3)
(24417 —8=(2¢—1)*

29-10p __ 5436y T e A
9—5p =~ 189 °* x—1 | x3=2

(a—Blx=2a—(a+PB)x
a(B—x)+Bly—x)=Bla—x)+yx

=5

ofa—y) o BB
B e s
68 o T
Y| b g .
536) Na& Avbf | &€lowoig Cp;m — ¢_32m =2w, 8tav elvau

1) ©o=4 xail 2) o——4.

537) 'Eav ¢=5x—8 xal ¢=3y--7, va& eOpebf N TN 100 @
1) dta x=7 kal 2) da y=—2.

538) "Eav 3x+4¢=13 xal x—3y=13, va& eOpebf N Tun
100 ¢, Stav 3x{|-8y—6p=23.

539) 'Eav 2x+-3¢=9 xal 3x+-2¢=16, va edpnre TAV TRV
108 3x-—24.
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540) N& AvBoldv ta& ovothHuata :
13 5 o LR

1 x+20+3 = Sx—apt7 3x+11 S
¥ S n MR S 9x+29 __ 13
6x—5y+4 —  2x+3p+H1 5x+3y 7
3) X—2¢—w+4=0 4) X .% — 2=
e T o o
5x—+6yp—30-+18—0 e
3y @ ot
7P s
541) Na Avubf 16 gvotnua
ax—+By=y
< x+B'p=y’

kal katd TRV Abolv adt1od va £EetaoBodv al MEPIMTOOES KaTX
tag dmolag elvat

1) ap’—a’B=0 xai yp'—y'B=0 (f ay —a'y=0)
Kal todAdyiotov B550 (f§ a=£0).

2) ap’— a’B=—0 kai yB'—yB+0 (§ ay —a'y=+#0) kal
B0 (§ a=<0).

3) afp"—a’'p~0.

4) a—a'=B=p" =0 xai y==0 (f§ y'50).

5) a—a'=—p=p =0 kai y=0 (fj y'=0).

542) Kata tfv Alolv 10D ouOoTAUQTOC Tfig TPoTnyoupévng

&oxfoewg, Eav o£0 kai ap’—a’B=0, ay —a'y=0, va& &fera-
obfj 1 oxémq'r‘; petald 1dv Adyov Lc%’ —g— —3—

543) 'AepontAdvov Exov &vrtiBetov 1oV &vepov dujvuoe 690
xtAtéuetpa elg 3 Hpag. Karémv Buwg, &nedn £dimiaciaodn 1
TaxbIng 100 &vépov, niEnoe v dlav Tov TayvInTa katd 40 xi-
Abperpa TV Opav kai difjvuoev &AAa 470 ythbuerpa Eelg 2
Spag. Na edpebfj 1) dla TaxdTng 100 &epomAdvou kal 100 &vé-

HoL KaTd Tag 3 MpdTag dpag.
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544) Kpaua poAiBdou kai xaogoitépou ZuyiZet 130 XtALé-
ypauua, £viog 5¢ 100 Udatog Luyiler 115 XtAbypapua. Na&
£0pebfj 10 B&pog éx&otouv TAOV ueTdAAA®Y TOOTW@Y, yvwotol
6vrog, 611 16 eldikdv Bapog ToD poAUBdou elvar 11,4 xal tod
Kagaoltépou 7,3.

545) Tepaxiov poAUBdov Bapoug 10 xiAloyp&upwy TpdKer-
TalL va ouvbedf] ué @eAAdvV oltwg, Hote 16 Shov odua Evrae
00 J8atog va Luyilp 2 xilbdypapua. MNMNéoog peArdg B& xpeia-

o8fj mpog tolto, Brav yvwpilwuev, 8t 186 eldixov PB&pog tol |

poAOBdav elvat 11,35 kal 100 ¢eAAol 0,24 ;
546) Kpapa 800 perdArwv Zuyilet o xiAbypappa. Né

e0pebfj 10 P&pog £k&otou TOV UETAAA®V TOD Kpduatog, Stay |

6 pev SAov kp&upa xavy €vidg 100 Gdatog Luylbduevov u yi-
Méypappa kal Stav B xiAibypapua 100 £vdg € abT®V x&vouy
£v1og 100 OBatog v x1Abypapua, €v® y xyildypaupa 100 &AAou
x&vouv £vtog tod OGBatog A xiAbypauuc.

547) "HAextpikdv pedua 10 BoAt Exel dOvauly 5 &umnép. Awa
moiag &vTOTGoEwg A Bovaulg altn xatépyetal elg 2 &umnép;

548) "Otav & &pBudg 1@v ovroixeiwv yaABavikfic cuortor
Xlag abfaverar &nd 3 elg 5, f§ BOvauig 10D peduaroc &vépyetar
ano 1,5 elg 1,8 Gumnép, évd ouvyxpbdvwg adfaver 1 &vriictaotic
katda 1,4 8u. INéon elvar /) AAexktpixsy dOvauilc &xaortou oTor-
xelov xal mdon fTo N dpyikn &vilotaxolic:

549) Pebpa 3 &umép diaxAadolrar elg do x&Akiva oclp-
uata, &k T@v dmolwv 16 pév Exel pfjkog 1 pérpouv kai didue-
tpov tfic Kabétou Toufic 2 xtAtootouétpwv, Td B2 Exer ufikog
2 yétpwv kal diduerpov 1fic kaBérou toufic 1 xtAtootouétpou.
MNég¢ katavépetrar 7 fHAextpikn doOvaulg el Exaotov TGV cup-
HETQV ;

550) Na eUpebf] ) Suapkeia 100 ouvodikod unvog €k 1ol
&otpikod unvog kai 100 &otpikod Eroug.

551) Meta 0 tfig dMootdoewg a £veg avrikelpévou, Tfig &no-
otdoewg P 100 ElddAou TOU &ATMO GupikUpTOUL paxol fotix-
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®xfi¢ &MOOT&GOEWG € UMAPYEL 1) OXEOLg 7}— = —é— = —:— .Na& ebpebj
lov) 10 @ &k T®v P xai g, 20v) 10 B €k 1OV a kal € kal 3ov)
10 £ €&k T®V a kal B.

552) Na& ebUpeBodv al &képatat Tipai 100 ¥, dia tdg dmolag
ZnaAnBedouv augpdtepal al &viodinrteg

1) 6xtax>4ax+7 wat X2 coy29

2) 15y —2>3x++ > x—4<AETE
3) me—5>--15’3i2—_—13 » 2(2x—3)>5x~—-g—

553) N’ anodeix®fi, 81, éav
X+x1T=a 0aclvar kai Y+ x 2=a'—2

554) Na eOpebf] N Ty tfic TxpaoTdoE®S

X}'_X - latav X=64

3 Er g

ey,

555) Na AuvBobv al é€lodoElg

5x*—42x+18 __ 1 3x*—8x+15 __ 2
3x*+ 16x—59 = 2 IX*—15x+27 5
Mea ek 5 — 1 s al 2
o R CEER S SEeeT L
Xx—6V x+5=0 x—7Y x+10=0

W x-—9—15 G-V —aG+ ¥y

556) Na 6pL08ﬁ A Tun 1ol y, bia v dmolav al pllat tfig
ZEioboewg x*—8y -~y =0 duagpépouvv kKatd 4.

557) N& 6pLoBfj f) tiun 1o B, dia v omolav év 17] £§LodoEl
X*—Bx +36 =0 va& elvar ai pifot 1) loor kai 2) &viiBetot.

558) N& ebpebi, tav al napxotdoelg x*+ 2x — 15 kal x*—9
£xouv kowvdv Tiva Tapdyovia kKal molov.
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559) N& &amiomoinBodv al mapaoctdoseig

2y*+5y—3 i 3x—3 PR G ) o o il N o oy T A,
2¢*+9%—5 2 —SHa e 2x*+8
£60) N& AvBolv 1a cuoThHuaTa
1) X*— Sxyp—14¢*=10
X— 7gp=—1
2)  (x--2¢)—5(x+2¢)—28=—0
X—2¢p=5
3) Gxyr—Gy4xr—24
b
4) 2x—x¢+2p—4 5 x-+¢=—58
X+ xy+2¢p=6 Vx+Vy=10
6) X We=1
2y — 3yp=—0

561) lNolov &ptBuov mpémer va mpooBéocwuev elc Exaotov
tdv &plbudv 6, 8, 10, 13, Tva ta& &bBpolopata ocuvviotrobv &va-
Aoylav;

562) lNolov &pitBudv mpémer va dpalpéowpev &mo Exaotov
&V &pibudv 8, 10, 13, 17, va al diagpopai ocuvviotoDv &vaio-
viav;

563) Zopa wimtel pg &pyixnv TaxvinTa 0 el pptap B&-
Boug 87 pérpov. Metda méoov yxpdvov B8a TBwusev 160 odua ¢O&-
vov elg 1ov mMuBuéva 100 Ppéatog: Kal pera mdbdoov xpbévov
8’ &xobowuev, ebplokbuevol €lg 10 Gvw otéupiov 1ol Ppéatoc,
Tov kpbTOoV, O OmMolog Ba mapayxbil, Stav 16 odua 100tT0 PpB&om
elc tov muBuéva;

564) Zopa wintel el ppéap kal 6 kpdtog, STtav ToDTO BPB&OY
elg tov muBuéva 10D Ppfatog, droVetal elg 10 ordulov adtold
ueta 4 devrepdienta ano 1fic Evéaplewg Tfig MTdoswe. [Ndocwy
pétpwyv elval 16 P&Bog 100 Pppéatog;

565) Béhoc E€axovriletal katakoplP®WE TPOC TG Gvw Kal
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¢B4veL el Oyog 70 pérpwv. Metda nmboov xpbvov ¢Baver elg
1 Ggog 100TO; Metd mdoov xpbdvov Ba méon maAlv Emi TG
yhic: [llolax Ato W &pyxik) TaxvIng TOUL;

566) DAoldg oxfjuatog opaipag Kai mayxoug 1 éxatootod 100
uétpou Pubiletal éviog 100 Udatog elg Pabog 0,13 1ol pétpou.
MMoTov 16 ufikoc TdvV &xrivov tAc Eowtepikis kail 1fig E€wTept-
kfic Empavelag tng, Stav 16 eldikov Bapog tfjg GANG, ¢k tfjg dmolag
dmoteAeltal, elvar 2,75 ;

567) 'Ex 80o éxxkpeudv, tOV dmoiwv T& pnxn SiagpEpouv
kata 0,45 pu., Stav 16 Bpaydiepov k&uvy 5 alwpnoelg, 16 pikpod-
tepov kGauvel 4. Na eOpebfj 16 ufikog éx&aotou Exkkpepols.

568) Elg¢ xolAov x&tomtpov EoTiakfi¢ dnootdoewg 0,40 p. 1o
&vrikelpevov xal 10 eldwAdv Tou &méyxouv &an’ &AAHAwv 0,65 p.
N& eOpedfi f} &nbotaocic EékGotou TOUTWV &Nd 10D KATOMTIPOUL.

569) Na eOpeBfj td yivépevov a.a’.a’.a‘..a’.
s

570) Na ebpebij 10 ywvbuevov Rl

Boug mapaydvrwyv.

571) Ta ynola tpwnelov &piBuod elvatr év  &piBunuiki
mpobédw. 'Eav & &piBudg obtog Biaipedfi dia 100 &bBpolopatog
TGV Ynelov, diber mniikov 26. "Eav 62 1) 14€ic 16V yYnplov &v-
Tiotpadf], TpokOTTEL &pLBudg peyaidrepog kata 198. Na &0-
pedf} & &pBudc obtog.

572) 'ApiBuntixfic mpobdbou, 1fig dmolag & p&TOg Spog elval
1, 10 &Bpoiopa T®v 10 npdrewv Spwv adtiig elval 1eTpani&oiov
To0 &Bpolopyatog T®vV 5 pdrwv Spwv tne. Na e0pedfj 6 Adyog
Tfi¢ mMpoddov.

573) Elg piav yewuerpikfiv mpbodov & Adyog 100 &Bpoi-
ouarog TV TpLdV TpdIwV Spwv altijg mpog 16 &dpoicua TOV
anelpwv 8pwv tng lcobrar pg 7:8. Na e0pedii & Adyog 1fig
mpoddou TavIng.

574) Na &amiomomnBij 1) map&otaoig

Aoy0,06-+Aoy(0,6)"—hoyd4—Aoy54.

amelpou mAN-

18
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575) Na &modeixdfj, 61t
44 21 75 84
SELLE S e e
Aoy 39 Roy25 } Aoylal )*07143_0

576) 'Eav Aoy2=a «kai Aoy3=B, v& &mobexBf, 81t
1) Aoy240=3a-p-+1 Kai 2) Aoy50=—2—a

577) Na& de1xBfj, 81t ol Aoy&piBuol 1OV BpwV YEQUETPLKAG :

mpoddou a, aA, ai? aA’ ... &moteAolv dpiBuntiknv mpbodov
(x ki A>0).

578) Ol fopaiicuévor épydtar "ABnvedv—Ileipaidc—Beo-
ogaAovikng elg 10 “Idpvpa Kowvovik®dv 'Acpaiicewv &vijABoy
katda 16 1939 el¢ 300000, GmeAoyioBn B, 81t adfavouv oliol
kat' Erog kata 7,5°/,, &nl 1®v fopaiiopéveoy 10D Tponyouud

vou Eroug. Na e0pedfi déoot 8& elval ol fopaiiopévol épydral

elg v ‘EAA&GSa uera 5, 10, 15 &1n.

579) Elg &xaotov 1tV &uéowe RooaAicuévev 1ol ‘ISpl-
patog Kowvoviké®v 'Acgalicewv &vriotoiyodv 1,2 Zupéowg

nopaAiouévor (fitor péin tfic olkoyevelac tol £py&tou). Na =& Hi

pedfj, P&oel 100 mponyovpévou mpoPAfjuatog, 16 cOvoAov TAY
&uéowg kal éppéong fopaiiouéveyv petd 20 En.

580) N& ypagolv tpeig¢ mepigpépeial pE kévipa TAG TPEIS 7 ;

KOpLGAC Tplydvou kal va EpamTovial EEWTEPIKEG.

581) 'Eav (a{-B)—(a—y)=a(a|2B12y), va deix6fj, &1t a,
B, v elval 1& ufxn 1®v mAsvpdv dpBoywviov Tprydvou.

582) ‘O &piBpdg 8 1OV daywviwv MoAvydvou pé v TAEU-
pac didetal UM TOD TOMOUL 8=-%(v-——3).

N& ebpebij 1ov) molov moAuydvou & &piBudg tHvV diayw:
viov elval kata 2 uikpdtepog 100 &pilBuod 1OV MAeLp®V, Kal
2o0v) molouv mMoAuydvou & &piBudc 1OV dlaywviev elval kata 12
peyaAOTEpOC TOD &plBuod TdV MAsLp&V. -

583) 'Ex onueiov A 1fijg Omoteivobong BI' loookeAoig épbo-
yoviou tpitydvou ¢pépopev trv AE k&Betov éml v Al xal v
AZ xéBetov émi v AB. Na ebpebfj 10 pfjkog tfic AE, Stav 1§
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AB elvar 7 pétpa kai 10 £uBabdv 100 épBoywviov AEAZ elvai
12 tetpay@vika pETpa.

584) N& e0Ope@olv 1& ufkn 1AV TAELPLV loookeAolg TpL-
y&vou, oD &molou 1) mepluetpog elvar 32 u. kal fj dndoTaolg

Tfi¢ KopLPfic &md Tfig &viogov WAELPES 4 .
585) Na& eOpeBodv al diaotdoelg Spboywviov Eyovtog £u-

Babov u® kal Spotov mpdg SpBoydviov, 100 &molov al diaota-

oelg elval a kai P.
586) Na &yypaofi elg doBévia xOkAov &xtivog p bpBoy -

viov, 10 &nolov Exel BoBeloav meplpuetpov 2ZA.

T B 02
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TTINA=Z TQN TTEPIEXOMENQN

BIBAION A’. H AATEBPA KAl Al AATEBPIKAI MNMPAZEIZ

1
‘Optondg tic GAyéBoac. Zvotnua TOV detindv nal TOV
dovnTLR@V GoLudv .
11

Ipdteic éri TOV Petndv xal TOV dovnTk®dv dordudv.
[péobeotc . i
*Agalpeotg . . .
Hoidamlxstacpds
Awxipestg

111
Avvapeic »al aoyizal idioTnTEs avTdv .
v
IMepoi avicoThT®V
\J
*AlyvePorrai wapaotdoeig xal diagopa eidn avtdv
Vi

Iodteig émi t@dv dhyePond@v wagaoctacewv. A'. lgdabesig
B’. "Agaipeatc ;
I, Hollamhacraopsds
A°. Arxipearg S R e
*Avdivciz moivwydpou sic yivbpeyoy Tapaysviwy .
*AdyeBpixa rhdopata
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BIBAION B’. EZIZQZXZEIZ TOY IMNPQTOY BASMOY

"EElooelg Tot wowtov Badpod ue &va dyvworov

Ievinal id6tnTeg @V EElodoe®y i

Avoig tdv £EEowcewv TOD TTEMWTOU Bm‘)umj ne Eva
AYyvVWwoTov )

MMooBAuara )mouevu. 6L sgtcmoamv a’ Ba.ﬂu.ov we
aAyvwaoTov .

va

m

11

Zvomnuatae £ELo@oewv TOD Ee®Tov Padtpov pera wok-
AdV dyvoorov. A’ Adsic 2Zioncewy o0 lov Babpod pi Sbo
&yvihotoue . S T i
B’. Abaig ouothpatoc dowvdhmote Efrawigswv o« Babipet pd
loxpiBpovg &yviatoug .
Hgofinpata
Aboig avicotiTwy

BIBAION I''. EZIZQZXZEIZ TOY AEYTEPOY BAOMOY

*Acvppergor aprdpoi
Ilepl gildv .
Pilot v &xepmw; &pt Hp.u)a

il
Davraoctinol #al pryddeg dortpoi
Il

Avvdpelg €xovoar nhaocuatizov éxteérnv .
Hoddarmdxctxapds xal Swxipesic @y gtimy
Tetpaywyiny) pila thy povevdpwy
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112

125
130
146

151
153
155

160
163
172




Iv

'‘EEiodoele tod devréoov PBaduod. A’ “ISidmrec oy &
SWTEWY
B’. Pevixy) poppy) 2Eiodoews Ssutépoy Babpol pé Eva Zyvwotoy.
Yytoetc p.a:x;ﬁ: TY CUVIEAESTOV '
gewg ay?+6x—+v=0
"Avzivagtg lklf..;.; Tptwvdpov Beutépou |
mapxysyTwy wewtou Babied -
Zvotipatx EEtowoewy tob Ssutépou F}ruu ]
HpoBAifpata 2Eiomoewy xxl custypdtwy Seutépou Paxbped

v

‘EEiowoerg

BIBAION A’. MEPI MNMPOOAQN

i
A’. Tlp6odor dporBuntiai
B’. IIg6odor yewuerpixal
11
Aoydpruor wpog Baowy 10
"Avatoxtopds :
Hpctdnpata fowy xa'mﬂ:aer.w
Xpewivoic .

Wav tijg Elow-

vayouevar eig devregofaltpiovg. Attetpiyw-

183

188
190
194

204
208

232
261
258
261

: 'VAvd')o,(oq Extundosme xal BiBAiodetAosws : «"EARnvixy) *ExBotikd *Exaipelar A.E.

*Epyocot&oioy Mpagixdv Texvdv —'ABfval, 48dg Manadiouavionodiov, 44
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