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10 : N. Zaxeldlapion

ThuaTog, TaploTdvel TOV oTov &piBuov T THy UtV TTogdTnTa.
Kora ouvnBeaiay, 1) dmola &mekpdrnos, Yproipomololvral T& TpdTa
pikp& ypappara ToU (‘EAAnviolU f Eévou) AeapriTov, T& a, B, Y,
5..., Bix v TapdoTaoly yvwoTdv &pifudv 1 'noc'o-rfrrcou T 8¢
TE?\EU'Tcxloc ¥, ¥, @, @... B1a THy TTapdoTaoiv dyvwoTwv T {nToupivov
moooThTwv. TT.x. Aéyouev: &v o dkddec EUTTOPEUHATOC TIVOC TILGVTX
B Bpoayuds, kot Intolpey ThHy Tiwny y Ok&dwv ToU alrol EuTropel-
ueorrog, TraploTavopsy Tov [nToUpevov &piBudv Ty, uE X kad Ga Excouey
én Y= E -y Spx.

’EvioTe ypnoipotroloUpsy glg Ty "AAyeBpav SicBoyika ypaupa-
Ta Bi&k THy TrapdoTaoty ioapibuwy Spoaddv apifudv fi TToocoTHTWY.
Tl.x. Aéyouev: "Av Trocdv A Spayudy uepiodi] eic TEooapa wpdowTa
&vodbyws Teoodpwy Siagdpwy &piBudv, Y. TOV K, A, ¥, v, kai
{nTolvTan T& pepibix olrdv, Wup!o—rcwouev T& [nToUpeva pepiBia
X HE X, ¥, 7, @ Kai 8& Eycpev:

Ax A A.p Av

o KAty Gl e T ST W D L Hiv

"EvioTe yproipomroloUuey v uovoy ypapua BE SeikTag pKpoUs dke-
paious &piBuove 1, 2, 3... (f} ué éva, Buo, 'rp}eiq TOvous) Bi& TTV TTaXpd-
oTAOIV dplﬁuc"bv fi mocomTwv. Tl.y. &v Toklon Tic Tpia Sikeopa
TOoX UE c:v-rlc'rotxcx Sidpopa EmiTokia, kol 8éhopey va elpeopev ooQ
Almpcru'ros TS 'A?\eﬁcrvfipmcxs 70 Selrtepov Auiou Tijs TpiTrs fkatovTaemplSos p.X., o
bmrolos Eyxpnoipomoines onuavTixiy cuvtoplov els paBnuamikds fxppdosnis els Ep-
yov Tou mepl "AlyéPpas, BewpeiTan & olTos kad SepeAiedThS aUTHS.

*H tpitn meploBos Tiis 'AlyéPpas xapaxtpileton bs cvpfolixd. Mpdtor ol
*Apyaior AlyUmrriol apousti&lovtan XpnotuoTroiolvTes pepikols ovuBoliouols els
Tds padnuarikds ikepdoeis, of dmoic TopeAnginoav kai Emeferdnoay Pafiundo,
utrd v lvBdov.

Koard Té& péoa ToU 150u aldvos u.X. paiveTar mAfov EmkpaToUoa 1) oUpPoAIKT
ypaon Tis AAyéBpas kal Tév MafnuoTikédy &v yével. OUtw 1o 1494 ypnoiuo-
TrotolvTal ds oUuPora Umd Tol ‘ltarot LUCA PACIOLI ypdupoara ToU &A-
paPriTov, T& émola BpabliTepov dvTikareoTdbnocy Umo ToU I, WIDMANN pe
T& + kol — ‘H yevikeoTépa kol eUputépa Suws Xpnoiuomoingis ToU cupBoAiopcd
SpeideTan els Tov [&AAov F. VIETE (1591), 1) émola ouvewAnpdfn kard Thy &mo-
¥hv BUo Swonpwv pebnpomik@y, ToU [epuavol LEIBNITZ xoi ol *Ayyhou
NEWTON. Olror ouveréAeoav omoulaiws &y povov el Ty peydAny mpoay-
yhv Tév pabnuomkdy &v yéve, &AA& kal els Ty SisbvoTroinoiv Teov, pé THY Xpn-
eipomoinoy oupPéiwy Sievols poppfis.
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XpiuaTa 8& AdPn #v SAw (&md KepdAaiar Ko TOKOUG) HeTd Tr.y. dv
€TOG, TTAPIoTAVOUEY T Toki{opEva KepdAaia 1 " L e S s £
ToKIX Y. I TRV T, T, T, Kai TO {nToUpevov Toody Si& Tol Y.
OUrw 8& Exwpey  y—«, (I+ liob) +a, (1+1%6) +a, (l—l— IB‘U)
Eic Thv "AAy=Ppav xpnotuomorotusy T YV@oTd oUpBoda ik Tiic
"ApBunTikiic, TS + (o) Six Thv Tpdobeotv &pifpdv fi TocoTATwY,
TO — (AN @ peiov) ik THv Geaipeov, 1O X f . (Eml) Sik Tdv
TOAASTTAQTIAOHOY, TO @ (B1& f) Tpde) Sidk THv Siadpeov, émrione 1o \f
(p1ldv) Bix THv Eaywyhy Tiig (reTporyeovikiic) pilng x.A.r., kafdx
kal &AAa oUpPola, Trepl TV Strolwy 8k yivn Adyoc eig T& Emdpeva.
"Orav v {fmua &xtifetan pt Tty Xpnotgotroingiv Tév ouuBdiwy
Kol TQV Ekppdoewy TV XpnoiuoToovpévey Umrd T1ic 'ANyéPpas, TOTE
AEyopev ouvrifoxe &T1 TO Cmnua éxtifeton pé Ty yAdosar tic *Adyé-
Beas f| ué *Alyefonny vidGoosay T ked &rAddc xtiferon dAyeBoixde.

‘Aoxfoetrg

1. "Av 10 &xddes tutropelpaTos Tiudvror 10000 Bparyuds, méoav TIPGVTA
120 &xades alrrol; AvUoae T TPSPANMa kai dxohoUfics va TO yevikeUoeTE Ypnoiue-
mwoloUvTEs ysvikoUs &pifipous (reouporra) kad va Aboere 1o YEVikeULEvoy TTpoBAnua.
2. AiBovto ol &piBuol 5, Ve 13,5. Tleior elvat ol GvrioTpogof Tev; levikel-

ooTE TO TPSPANH, XPTOILGTTOIOUVTES yYpdupaTa ki AlUoarte - alTd.
3. Tpd&ware Tpeis dpiBuovs yevikous kol elpete 1& SBimddmd Tov, T& TpI-
TAQTIE TV, TX VITTAGSIE Twv.
P AT i ] ) ¢ oo
4. AfSeran els dpiopds . X- 6 a. TIés mapioTdvovTan T —8~: T -f’i auTol ;

5. EnuercdoaTe T8 &Bpoioia 5Uo &piBpdy o kai B, Thv Siagopdv ToU Seutépou
3o TOV TpdTOY, TO Ywopevdy Twv, TS Trhikov Tol TrodTou Si&k ol Seutépou,

6. Ipéopare pé i loolran 1 kepdhaiov K 8px-, TO omoiov Toxi{épevov i X
gt mpods E 7/, BiBa tékov T kal elpete modoov elvan 1o K, &tav &vti Tév X, E, T
8égere dpioptvous dpibuols.

@ETIKOI KAl APNHTIKO!I APIOMOI *

§ 3. Kafidg yvepilopev ik Tiig "ApiBunTikfs, uézenois vdc TToool
7| peyoug Aéyetar 1) oUykpioic adrrol, ut &AAo Spoe1é; Tou, TO dTroiov

* ‘0 “EAAnv poBnuoTikes AidpovTos (s *AhefavBpelas) Expnoipetaingey
&pvnTikoUs &pifuous.
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12 . Zaxellapiov

BecopeiTon ¢ UOVAG METPTIOEWC. To t€crydpevov TiiG WETPMOEWC Evog
TroooU ) ueyéfouc elvan &piBude Tig, & &oiog Aéyousv, 811 TOPIOTA-
vet Thy Tiufy ToU perpnBévros i olTO T5 peTpnPev.

“Egreo elfeia Tic (£) ¢l Tijc dmoiag Sioxpivopey dUo popas (ox. 1)
ploy THY &md 10U onuelov avriic Ty O Tpode TO onpeiov TG A,

TET o i T el
xarOABI[

Thy émoicy kahoUpey Peruxiy gopdv, kol &AMy & Tol O Tpog TO
onueiov g [, Ty omolav kaholuev dovnzixnv popav.

KohoUpey derexov piv Tufjua Thc (6) mav pépog obriig, &v Beco-
pfiTcn Sicypagopevoy UTrd KvnTod koTd TNV BeTIKNV @opd&v, dovn-
Tuxdy B, &v kard THY &ovnTikny. OUrew éri Tfic elBeiag () Siaxpivo-
uev TufAuaTa aUTig BeTika dg ta OA, OB, AB kal &punTikG, G¢ TG
OF, OA, [A. T& pév ferika Tpfpora Tiic eUeiag peTpodneva U TG
povddoc peTproswe (fiTol Umd &vog TufuaTos feTikol, TO &moiov Opi-
lopev orroPolAce) EoTtw Tol OA, mapiotavtar UWo  &piBpddy,
toUc &mrolouc kahoUuey dezuotis, T& 8t apvnTIKA Umod &p1Budy, Toug
Strolouc KahoUpev dewnzuxovg. Tlpdc mop&oTaciv TRV TGV Tro-
oy f) peyeddy, T& dmoia Biakpivopey elg feTikd Kol &pUNTIKE, pE-
Taryeiptlopela Toug kohouutvoue dezixovs Kal dovnrixovg Sp18uoUs
kol Beyouefo OTi: elg Exaorov Serindy dordudy, magiordvovia
v runy mocod § ueyédovg wog Perinod, dviioroiyel elc do-
ynonds Gorduds, mopLoTAYEY TNV Tuny dovnrixod srocoD 7 ue-
yédove dvuioroiyxov tot Perirod. Kal dvtiotpdews : el £xactor
dovnuindy Goudupov magtordvovia deINTIROV mocov # wéyedhog,
dvriotoiyel elg Peminds, &v rd moad 7 peyédn dmdéywvrar dv-
ideaLy.

Oi Tolotiror &vTioToixor Tpds GAATAouc GpiBpol Aéyopsv ST
Exowv Thy IBi16TnTa, STI EXOUV To oUTd  piv TrATBog povdadowv, AN
ExaoTos YapaxkTnpileran d¢ dvrideros ToU &N\hou. TT.x. Eotw Ot Elg
oV &piBudy 6 Bpy. BiSouev TO yvodpioua, &Ti clvon képdog Evoc cw-
Bpdmou, Exouev Bt kai &ANov GpiIBpoV 6 Bpy., © omolog TEPIOTGVE
{nuiav ToU atrrol dvlpetou. Ol SUo oirtol dpifucl 6 Spy. kEpdos
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"AlyeBeoa ("Exdoowg A, 1950) 13

ki 6 Bpyx. Cnuia ToU &vlpdomou airrol fewpoiivran dc dvrideror
dotPuol.

“Ouocidv 11 oupBaiver kad gic &Mag mepirrddoeic. Ty, &v Siavon
Tic &m elbsiag 680U, &md v dpicuévov onusiov aUTfic, Eva dp1Budy
HETPoov T.X. 200 p. wpdg THY BeTikv gopdv THg elfeiac (EoTw pde
Popp&v) kai Emerta TOV crtov &pifpdv 200 w. wpoc THY dvrifeTov
Popav (EoTw Tpog véTov) &md TO onueiov sic TS dmolov EpBaoe
TCPOTyOoUlEvas Kal &l Tiig avTiic elfeiag, TéTe of &piBuot adrrol 200
B. pds BeTiknv gopav xad 200 p. wpd &punTikAY gopdy TG eUleiag
AfyovTtau dvziteror dotduoi.

MevikcoTepov Beydueha 6T eic éxaoTov & TGV péypl ToUdE yvew-
orv apifuddv Thc ‘ApiBunTikiic (dxepaiwv, KAaouoTiK&Y, doup-
HETpoov) dvmioToixel elg dAAog dvTifetor adrrol ked Bid v éxppdo-
Hev oupBorikde ThHy &utifeoy SUo TooUrtwv &piBudy, ypdeousy
TPO TOU £vog &x ToUTWV, ToU péxpr ToUde yvwoTol, 10 oUuBoiov
+ (oUv), Tpd &t ToU &AAou TO oUpBodov — (TMARY). TO oUpBolov
-+ TiBéuevov Tpo ToU &pifuol (&pioTepd Tou) AéyeTan Perindv mod-
onuov (T efjua), TO 8¢ — dovnuxdy modanuov (| ofua). Olrw
ol &vrifetor &pibuoi, EkaoTog TGV droiwv Exel 6 povddas ypdgovTan
+6 xai —6, dmaryyéAhovTan 88 &g E6fic: oUv EE kad TARY EE. Suvrifeac
TrapoeieTal TO + &g THY &pxnv ToU &pifucl. ‘Emopévec 6Tav elc
ap1Bpos Tiic “ApifunTikfic Sev Exn mpd alTol cUuPolov, UmoTiBeTon
&1 ExEl TO .

Koar& taUta ol &urifetor &pifpol +6 ki — 6 ypdpovtar kal
oUteo 6 kai —6. ‘Opoleg uriferor elvan of &pifyoi :

23 ol —23, of -g b Sl T s A B

5
ol —3,6 ki 3,6 KA.T.
"Av elc &piBuds TapioTarar Y. pE o, & &vTifeTéc Tou Trapi-
oToTOl PE — .

§ 4. Avo ) mepiocdTepor &piBuol AéyovTan dudanuor, &v Exouv
TO 0TSV TTpdonuo (iTe TO - eite T —). O¥rw dudonuor Aéyovta ol
&pibuoi 3, +12, émiong of +5- 23,5: 15° 17- 3 kabax kal of —7,
3 1
— 5 —250—6
Ave &piBuol Afyovtan ézegdonuoer, v 6 pév eic Eyn wpdan-
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14 N. Zazelhapiov

pov -+ ) oUbtv ToloUTov, © Bt &AAo¢ TO —. OUtw of &piBuci +8
kai —3 Aéyovtan Erepdonuor. ‘Opoicwg Erepdonuol Afyovtan of —15
Kal - ; sol 2,15 kel —6 i 1ol 7 xei —12,

Oi pév &pifuol ol dtroiol Exouv TO alrrd Trpdonuov + (i oUbév
ToloUTov) AfyovTon derixol doruoi, ol & Exovreg TO — AéyovTal
dgvnrixol doudhuol, xai UmoTifeTen 871, &v ol Gemikol TapioTAVOUV
mood | peyeln BeTixd, ol &pvnTikol 8& TapioTavouv &pvnTikd TOI-
aUra, &v T& TapioTopsva ook fmdéywvral dvtifeow. Of fstixol
xal &pvnTikol dpifpol xad 10 0 (undév) Aéyovran pé év Svoua dd-
yeBounol dotfuol T oxeminol (Trpds Sidkpiov &TO TOUS KATWTEPW
koAoupévoug dmoAUTous &pifipols).

Kota tabra: Kalotuey demnoy dorduov ofovdijmore dgt-
Pudv (i "Aptduntiniic) didpogov zot undevéc O, Exovia o
mpdonuov + H o0&y torotizov. Kalobuev dovnrixdy doiFudy
olovdrimore dordudy (vijc "Aprdunwiniig), Stdpopov ot O, oD
dmoiov TO mpdonuov elvar d —.

“Orav Aéywuev, Ectw dotPudc a, 6 rotodiros dotPuods dvvasar
va elvar Fenunds i dovnrixds § nal undév.

§ 5. KohoUpev andlviov dorduodv | dndlvrov zeuny 7 xai
uézgov Evoc BerikolU pév &piBuol fi ToU 0 aUrov Tov &piBudv, Evdg
&pvnTikoU 8¢ Tov &utifetév Tou (Bemikdv). OUrw oi &mdéAuTor dpi-

Buoi TGV &pbudv +3, L5, + "}?4, 4+ 0.45 elveniel 3, 5, %, 0,45

Tv &t —1, —4 i— —8,5 elvan ol 1, 4, %, 8,5 Tou 0 &mwdAuTtog
glven To 0. :

Tév oyetikdv &pibudv —6, +2, —3,5, —35 dvricToixol
gméhuTor elva of 6,2, 3,5 35

THv &wdAuTov TRy f) TO pérpov évdg &pibuol T.x. ToU —>5 on-

HEIGVOpEY TUPPOAIKGS oUTw: |—5|, fitor Té oUpBolov TapaoTa-
oewe TTc &moAlTou Tiufic elvan BUo pikpal eUfeicn | perafy Tav
dmoiwv ypdpetan & &piBude. Mpdpopsy Aoimdv |—5|==5.
: I, 1
‘Ouoicog Eyopev  |+6/=6, |— —2—-:7? KA.

Ev yéver Thy &méAuTov TNV &pifpol a TaploTAVOUEY olUTw
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jaf xai & ptv 6 a elven BeTikde fy 0, TOTe jol—ct, 2w B elvan 6 «
&pVNTIKOG, TOTE o= —at.

Avo oyeTikoi dpiBuoci Aéyovtar dmoddrews icor T dmodvrwe
leodvvauor, &v ol &méAuTtol Tipad aUTd@v elvan oo A loodUvauot ko-

B .. ol 5 kai —5 kad oupPoAilopev TolTto ot 5/=—5|. *Exri-
4 . I 3 “ < ' : s
ong oi 3% Kol —— 7:-1 glvan &mmoAUTwe icodlvapol, 516 3—4—_::&— -1;

Koara taUra: Of dvrideror doiduoi sivar drolvtews toot.

To ouPorov Tiic uf lodtnTog (kad Tig uh icoduvapiac) Svo apt-
Budv elvon TO = kai &mayyéAAetan Sidpopov. *Hrol, &v & oyeri-
koG dp1fude o Bév elvan foog (oUre loodivapos) Tpds dAAov B oupfo-
Aifopev aUmd oUTw: @ 5= P kai dnayyéllousy a didpogov tov f.

Mevikdds, &v 8Uo oxeTikol &piBuoi, T.x. « xad B, elvan dmoAUTwe
lool, ypdgousv |o|=|Bi.

§ 6. "Ioo: f) igodvvauor Aéyovton BUo &pifuoi, &v elvan dudon-
pot kai €youv Toog 7| icoBuvduouc &moAUTwe Tipds, Kafdc ™Y, o 3
L = A 12 7 5 ; =y 2 R ar L)
xal - ol —4 kol — 3 8161 Eyouv TO aUTd Trpdonov ol & &
AN e - i s : S
AuTol Tipad aUT@v elven foan, . TéY 3 kad Ex kafog kal TGV
2 ? 12 y . . o p 5 ;
— 4 kad — 3 Omusivousy 8t ToUTOo Pt 1O guuPorov —(ioov) TiBépe-
RFUR e - 6§ 2o 12
VoV peTalU oit@v, fjTol ypdoousy 3 = - fwiong —4=— 5 Inueico-
Teov ST1 Bid v& Tphpwpsy ETepwvipouc kAaoUaTIKoUS dpifuolc eic
avTioToiyous igoSuvauouc QUTEV OHWVUHOUS, GPKET v TREWWUEY &lg
SUWYULOUC TAC &TTOAUTOUS TV TIUdC Ko v dicTnpricwpey TG RS-
2y = Vs ] 3 1 ; it
onua aUT@v. Ofrw .. &vTl TV - — == Buvapeba va Ey -
el ’ - 6 1
Hev Toug iocoduvduoug Twv e N

‘Aoxnmnoete

7. EUpere moo& Embeydueva dvTibeov kal &piBpols dvTiBiTous, TOPICTAVOVTAS
ToaUta (fepuoTns xad Wiyos, dvepynTikdv kad maBnTIKGY EmiyEiprioEcss, KEpBog Kai
Inuiav, meplovoiav kai ypéos, LEAAGY Ypdvos kal TapeAdiw Ypdvos KAT).

8. Toio elvan ol dvrifetor TéV dpBudv 5, 12, —3, — 8, 3 ’ 5; £ 2

7 Sl R
6,15- 7,45- 0,12- —34,85'.
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16 N. Zaxehlagion

9. MpéwerTe Tpels Sioedpous duoofiyous &piBuols kol Tpeis u GuooTiHous.
Mpéypoare Slo dvnbéTous dpifipols kel Tés &ToAUTOUS TIPGS TGOV

10 Mo dlvarof SreATpt Tl 1w S s te, coh e e 13%. 67 %,
I 2 — 4218 —~—g—' —2 ; cupPorioaTe olUrds.

11. ZnueidoaTe Tas d&moAUTous Tiuds TV GAyefpikév &pifudv: «, —a
_ﬁ' ‘L'E’-

12. EGpeTe &Uo foous f) loobuvépous Trpos Tov — %, TOV ~]§, Tov 2, Tov 6 xal
TOV —3.

13. AiSovTan ol &pifuci 6 —2,5* — 6,15+ —3 ; . EdpeTe 8¢ ExacTov aUTdv
#va looblvapdy Tou.

14. *Emri Twvos elfelas AcpuPdvousy &mo Tives onpeiov alriis O T& BeTika TUN-
porré tns, OA, OB, OF ... xal TrapioTauopsy cUra pé Tous BeTiKOUS &piBpois 1, 2, 3,
4,.. &v T& AB, Bl elvan Tox pt & OA. TMéds 8& mapacTafolv T OA’, OB', OI,...
ioa dmohlmes ptv Tpos T& Tponyouneva, &AA' ExovTa popav &l Tfis edslas &uTi-
feTov Ths OA;

15. Edpete T& peytbn el Tiis almijs dos Gvw ebbelers, T& &Troia B& TTapioTavouy
§ Tl |
R

ol &pifuol , 0,45 xofidos xai ol dvriferon Tolrwv.

TPAGIKH MAPAITALIZ TQN IXETIKOQON API@MON

§ 7. *Eorw efei& mic X' x. Em olriic AauPdvopev &v onueiov
forw 1o O, TO Omroiov éptlopey & THOY TrpoTépwy VA TrapIOTEYY) TO
undtv (0). “Opilopev G BeTixnv pdv gopdv &’ UThg T.X. THV &K
ToU O Tpdg 1O ¥, b6 &pyvnTiknyv 58 THY & Tol O mpds To X

"Av AdPowuey 1O elBUypappov Tufjua OO dg povada peTpioEwg
kol T pijkoc ool ioov Tpdg 1 p. Tr.x., TOTE TO pév Tufjpa OO 6& A&
ywuev 871 TapioTéveTan Umrd Tol &piBuol 4- 1, 6 B8 &piBuoe olrog 8
Afyoopey 671 TTAPIOTAVETAL UTTO TOU TufuaTos 0O (oy. 2).

8=

EATB
XS LS5 L3 -

R e
N I T e i e
Zx. 2

n

"Ac UmoBéowpev &Ti SBoimdpog BiaTpéxer BUo péTpa &l ThC
Oy &md 16 0. O& TapioTdvwyey TOV Spdpoy alrov uE 1O Tufua OA,
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TO OTolov Exel ufikos SUo povddawv Tig =U%iog ¥ Y. 'Avdloya Tro-
portnpoUpey &v kai dAAog 6Boirdpos Siarrpeén Suo péTpa &md Tol O
emi T Oy'. “O 8pdpog alrrog B mapioTaveTal U Tol TurjuaTog
OA'. Olrw Trpoywpolvtes Suvapela va TaploTavopey Tous dhye-
BpikoUc &piBuolUs pE TunuoTa T eUleiag X X, TNV omoiav kohoUuev
evPetay tdv doutudy T dEova T xal svdelav tdv tetunuévar,
ToU MNKOUG oUTGV UETPOULEVOU &TTO GpITUEVOU oTjUeiou TalTng Y.
&mwo toU O, 1O omolov KoAsiTon dpx7 # dpsrnpia dmi 100 dEovog.
To pfikog TufjuoTOg TOPICTAVOVTOG plopevoy apiBudy, slvar ioov pe
TOoOG Povadac pnkouc 6oac Exel © Sofeic apifiucs: Kora tolma, &v
feAwpey v TTopaoTiowPEY Ev YpoVIKOV SiGoTnua, TLY. WeTd SUo
&1 (2 Ern), AcuPBdvopsy &k ToU onpeiou O &l g dv Aoy w elifelac
év Tufjpax OA, &yov ufikog 8o povddwv kai T Tufjua abrd OA Aéyo-
pev, 611 maploTavel TO SidoTnua 42 &rdv. ‘Ouoiwg ypovikov di&-
oTnua wpo 3 &Tdv (—3 £tn) maploTavetal Ud ToU Tunpatog OB,
TTic eUBeiag, Exovtog (&moAuTov) pfikog 3 povadwv,

’Eav &Uo OBoimopol dvaywpeoly amd T6 aUTd onpeiov eufeiag
ot 1O O kod Bievbivaovton & olThic dumifeTwg, 6 pév el pé Ta-
XUTHTO Tr.X- D YAR. TTpods Thy BeTiknv gopav, 6 B& Tpog TV &pynTi-
KNV gopdw pé TaxutnTa 4 XAW., fi pév TayUtne ToU mpdTou 8& Tro-
ploTaveTal UM ToU TprpoTos . Y. OA, foou pé 5 povddag prkoug
kol Keipévou &l ToU BeTixkoU pépoug TTg sUfeiog TRV TETuMMEVWY, 1)
B¢ ToyUTtng ToU BeuTépou Umo Tou TunupaTos O, dvtibétou gopdg
ToU TTPaOTOU Kai £xovTog piikog (dmaduTws AapPavopevov) ioov Tpog
4 povédag UfKoug.

*Avddoya TrapaTnpoUpsy 51 THY Tap&oTaciv Gpidudv Tiig fep-
pokpagiagc &vw T K&Tw ToU undevoc eic To BeppopeTpov KATT.

Avvéusfa va TopooTriowusy Toug dAyePprkous dapifuols kad
pE onuela TG =UBsias OV dpuddy. TpdyporTi, &v opicwpsy TO oT-
peiov m.¥. ©, dxpov ToU TunuaTos authc OO, Exovrog ufikog -1
&11 TapioTtavel Ty 1, eUpiokopey 6Tt T onpsia A, B, I,... mapi-
oTdvouv ToUs &pifipouc -2, +3, +4..., éav & A, B, I elven T4 drpa
TGV TunudaTwv OA, OB, Or,... T@v omoiwv T& pnkn elval &vrioToi-
xog foa pe 42, +3, +4,..

’Eav & ToU O kai mpog T dutibetov gopdv Tfig mwponyou-
pévnc v &k Tou O Tpog ¥, AdPwyey opoicg TO Tfjua OO’ pé pijkog
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(&moAlTwe AcuPovousvov) mds povdBos, TO O 8& mapioTévn TS

—1. Kat® dvédoyov Tpomov elpiokopsv T& onusia A’, B, T'.., T&
émola TapioTdvouy Toug &apifuotc-—2, —3, —4... (ox! 2).

‘Opoiwc elpiokopey 10 onueiov, 1O dTrolov TTapioTdyel Evar KA

: e 3 1 3 > - ' paty >

opaTikov apifuov m.x. Tov -+ Tipdc Tolro AcuPdvouey &mi Tiig e0-

Belog TGV dpifpdov Tpfjpa olrrfis pe pfikos foov Tpdc Tov SobtvTa

&p18ucv, . x. ioov pE - THC povédog pPMKoUg Kol PSS TNV opdv

1]

€

Oy pev &mwd 10 O, v & Sofeic &piBudg slvan Betikdg, Trpds THY Ox’
8¢, dv elvan dpvnmikde. To pépog Oy T elfeiog xy' Afyeton Perixdr
pépos tijc eteias Ty dpPudy (A Hpmeudeia Ox) 7 ToU &ovoc f
Ths =Ubeiag T&V zerunuévov xal En° oUTtol keivran TrdvTa T& on)-
pelar, Ta Omola TTAPICTAVOUY TOUg SeTixouc dpiSuouc xai TO undév.
To Oy’ 7fic ebfeiag xx' Aéyeton downmuxdy udpos () Hmeubeia Ox’)
kal &' aUroU kelvTon WEVTA T& onped, TG STola TTPITTEVOUV
TOUG &pynTikoUs &pifuoUs kad TO LnBév. “H gopd & ToU O mweds 1o
X Aeyeran femikr), 1) 8¢ &x ToU O mpos 16 X' dpvnTiky, fxdoTn onel-
oUten pt &v Béhog, Tapakeipevoy sic THv dvTtioToryov fiuteubeiow kafdic

elc 70 oy. 1.

IXHMATIZIMOL TON APIOGMON EK THI @ETIKHI MONAAOX

§ 8. Aeyopela 6mi: Has dndlvrog # Peunds dotPudc tic
"Apituntidjc Sdvazar va yivy éx tijc movddog # 2E Evdc Vv ue-
0@ avis, dia Tijg dmavalijwews adtijc d¢ npocPeriov.

P ¢ - 3 . feg o= 0 T |

ﬂ)( (o] 3=1-,—1~7-1 (@] 2-521—1———5- : ?+--S*-

Ko’ duotov Tpdtrov deydueda 611 : IHas dovnrixde dotPuoc 8u-
vazar va yivy éx wic dovnrinis novadoc # EE Evoc TV ucody av-
Tijc 0ud vijc émavalijywews adriic Mg moocPezéov.

Obre dexdpeba m.x. 6Tt 6 —3 yiveron & Tfic —1, &&v THv &ma-

: = Fadi E ; ; S e =
vaAaPowpey Tpeic popés. ‘O — 5 T-X- Yiverou & 10U — Tiic —1, &&v
EmavoAaBoopey aUTd TREIC Popds.

“EoTeo dpymTixée Tic dpifuds .y, 6 — 4, SoTig rapioTével &pvn-
Tikdv T1 péyebog, .y 16 OF &mi Tiic eWelag ¥y, ueTpnOiv Umd Tiic
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povaBoc usTpriotwe, fotw Thc 060. To fayduevov Tiig HETPTIOEWE
Toutns o0 O Umo 1ol OO, TrapioTdvopsy pg gr@ —4 (oy. 3).
"AMG 16 O yiveron & 1ol 00 (EnAadh & ToU OQ dgol v-
TikaraoTal?) Umo ToU 0B") kabBdc kai & &piduce —4 & Tiic &pvn-
6 )

XTh -3 21 0 6 A B

4
e

Zx. 3

TIKfic povadog —1, Bix Tig Emavalfyews aUTiic Téooopag Popds.
"Ex ToUTou 6Bnyouuevor Bexopsla Swi: Idc dovnrinds dot-
Yuodg Sdvarar va yivy dnd thv Peuniy uovdda, fdv dAldEwuey
10 medéonuoy alvis, xai ravIny # uégog ravine émavaldfwucy
s mgocTeréov.
Olrw Bexouela 611 & —7 yivetan & g 41, &, mpdTov Ad-

gv Thv avTiferov aitiic —1 kol v EmaveA&Pwusy ETTS @o-
1

p&c ¢ mpocletéov. ‘O — o yiveran &md THY +1, & TpdToy Ad-
Popev Thy &vrifietov alrrfic —1 xal 16 SySoov Taimng EmavedBe-

pev Tpic ¢ TrpoobeTéov.

'‘Aonnfoerg

16. Ti&s oxnuariletan &kaoTos TV GpBp&v —5, — 6, —10, —20, —50 &
THS SPVNTIKTS povados kal wds £k Ths BeTixis;
= -~ ‘> - - i 2 e e
17. Tless oxnuatiletan &aoTos Tév dpiBudy — T RO
= Lo -

&punTiKis Kal wads &k THs BeTixfs uovdbog;
18. TIds oxnuaTiletar & Tiis ferixfis povdSos ExaoTos Tév dpbpdy 0,4 045
0,385 1,25 xai 7ds f&xaotos TGy &vrioTolywy dvmibirwv alTdy;

MPAZEIL ME IXETIKOYI APIOMOYI

§ 9. "Eorw &1 &l Eumopog éxépBioev &md Ty Emiyelpnoiv Tou
evTos W& fipepas 15000 Spyx. kad &MAnv Auépov képBioe 40000 Spy.
Tpopavdys éxépdioev v SAw 55000 &px. "Av TopacTriowuey
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Toug Bobévtag &piBuols dAyePpixdic pé 15000 Bpy. o
- 40000 Bpy. 9& woholusy &poiopa avrév To (15000 - 40000)
Spy.=55.000 Sp. “Av Eywpsv BlUo &AAouc Spoonuous &pibpols Tr.x.
-35 kad —15 8& kahoUuev &Bpolopa ToUTov Tov ap1Bpov —(35+-15),
fitor Tov —50.

’Ex ToUTov OBmyyoupevorl Bidopsv Tov EETic Opiopdv:

Kalobuer ddootoua o dupocrjuwy oxetindv dotPudv, o
ddgoloua @y dmoddrwy Tiudy Twy pd mpéonuov TO ITTEOONUOY
@y GotFudv.

"EoTw o1 éumropog piav Njpgpav  Elnpicdn c’rrri; piav  TTANCiv
50000 &py. xkai évTog TTiC QUTHG TjHEPO
Anotv 15000 > TAC QUo aUTaS TTWAT|OEIC © EUTropog
elnwdn (50000 ) 8px. "Hroi &nuwdn 35000 Spy. "Av Tapa-
oTnowuey Tous doftvTag apifuouc &dAyePpikdx, fitor pe —50000 Bpx.,
v (nuiov kol pe

¢ Exepdicey &Tro piav &AAnV

1 TO képdog, B& xkoAoUpev &bpoiopa
Tewv Tov apifipcy —(50000—15000) Spy.—-—35000 Spx. “Opoiwg B
Afyopev OT1 TO &lpoio 0 xai —30 slvon 6 +(40—30)=+10.

"Hto1: Kalouey ddooicua 6v0 Ereposiiuwy oxyerixdv dpi-

Sudv tig drapogay (Tijc pwxoorépag améd vy ueyalviéoav) zod¥
droddrwy tiudv ué modonuov 1o ot dotrduol ol Eyxyowzog Thw
ueyalvtéoav dndAvroy Tiurjv.

“Ay 8vo docduol elvar dviiteror, 10 dPpoioud Twv elvar zd

undév

TT.y. 10 &Bporopa TGy — 40 xad' -+ 40 elvan 16 0.

EU‘TQJ &1 Eyouev Toug &pifpolc Ty. +24 xai 0. ‘Emaidn 1
&rréAvTtog Tiun Tou O elven 0, Emeran &1 TO &fporoua +244+-0—1-24,
o i 5= 518 —6, T &fpoiopa T@v 0 xai —25 icoUton pg —25 KA.

"Htor: To doorcuna 8vo dotdudv, éx wdv omoiwy 6 elg
elvar undéy, loovrar ud tov dldov éx t@v 6vo dotPudv.

‘H mpakic u& Thv Omolav ebpiokopey 1O &Bpotopa SUo i Kai Tre-
picooTépwy &AYePpikidy &piBudv Afystan mpdoiteois, ouuPoAileran
B¢ OTrwe Kal elg TNV Api:unﬂ'«‘nv péE 76 +(oUv f| ki) TiOépevov pe-
Tafl TGV dpBuddv, ol &molol AéyovTal meosderéor.

A& v& &mogelysTon T gUyyvoic petalu ToU oupPoiou + ThS
TpocBioews Kal ToU "TC“\CT‘»I“IL"OU - f} — TGV TrpocfeTéwv &pidudv, ou-
viiBeos TifeTon & dpiBude pé TO Tpdonpoy Tou &v TTapevBioel, oUTw &&
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engavileron EkaoTog &pifuce pé Td Tpdonudy Tou g &v Shov. Kord
T GQUWTEPGY EYOUEV !

(— 8)+0=(—8)=—38,
H8)+ =)=, FNH0=(+T)=+T1=],
0+(—9)=(9)= —9.

Ex t@v dvwtépw Emetean &1, dv a xal B mapiordvovy ddo
cxeTinovs dotPuovg, 8 Eyousy oHP=Pp-+a.

Aot eig Tolg dvwTépw Opropous oudelc Treplopiopog TibeTan
Troiog &k TGV dUo mpocfeTécov B TeBf) TpddTog, TO 8 dfpoicua Ay N
Blagopa TGV GroAUT@Y TINGV Twv Btv tfapTdTon &wo TV oepav
o ThHv SEow TV &piBuddv.

Kora Tarra, 0 va mpooTeli) apifuog .. P eic Tov o, bnAadn
v& sUpedf TO okB, sivanr TO alrtd pE TO va TrpooTedi) © a elg Tov B,
fiTor pE 1O v& eUpebi] TO &bporoua B-Ha.

§ 10. Adodéviwv mepiocoréowy @Y Vo creTndy dortudy,
’_,.. w.x. Ty a, B, y, 6 xAw. nalovuev dPgoicua roviwy xal magi-
crdvouey pu: a--f-Lty 48 wov dotdudv, wdv dmoiov evgionoucy,
&y elpwucsy 10 dPgotoua tdv a xal B, sic 70 éEayduevov moocé-
cwusy o y, elg 10 véov éfayducevoy mpooécwuey Tov & xlm.
Znueicovopsy pé (a+P) 1O elpiokdusvor &Bpoioua TéY o xai B,
fiTol Betopsy o-t-P=(a+p)—=a+PB. Ofrw éxopsv at+P+y=(c+p)+r-
Mapiotdvopsy pE (ox-HB+y) 1O eUpioxopevov &fpoiopa TGV
o,By:  firto1r Bétopsy aot+P+y = (atpt+y) fi wxad (ot-P+Y) = |
a+P+y kol Exopev ot-B+y+8 = (e+-B)+y+8 = [(aP)+y +8=
(a-+B+y)+8.
OUrw Aovmov gyopev a+B+y = (a+B)-+y = (o+B+Y),
Pty +8=(a+P)+r+8= [(&+B)+r]4+8 = (a+P+y)+8.
o-B+y+8 = (a+P+Y)+8 = («+P+y+D).
a+P+y+b+e= (a+P+y+8)+e
Kara T& &uwrtépw Exouev kal (a-p)+y =atP+y KA.
TLx. 3N+ (H+5)=+2=2,
(—3)+ (5T = (2+H(HT) = +9=9,
&pox kel (—3)+H(+5)F (DD = (F9)+(+1) —10.

MaepaThpnois "Orav ol 8ix Thv wpoofesv opilouevor &pi-
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kai eUpeTs, &v NUENST | HAxTTOIN TeAS 1 &pyixn Tou Beppokpacia kal Téoov.

24 "Epmopos Exei €ls Td Tapeiov Tou 250000 Bpy. *OgsiAe piv els Siapdpous
174500 Bpy., 136000 Bpy. ki 19450 8py., ToU dgeihowv 8¢ 34000 Bpy., 14500
Bpx. 29000 Bpy. Mpéyere tols Bobévras &pifuols &hyePpikds wal elpere T
&Bpoioud Twov. Ti Toodv 8& ToU peivn, &v elowpdEn kei TANpdon T& dpeAdpeva ;

25. "Epumopos elyev 180000 Spy. xoi EmAfipewoev 120000, elotmpate 74000
Spy., EmAnpwae 14800 ral elodmpate 39400 Spy. MpéwaTe Tols Sobévras d&pifuols
GAyePpineds kol eUpeTe T6 &poiopnd Twov. Ti moodv Tol Eucivev 4| woany Inuloav Exet;

26. Kivntov cvexdpnoevy &mo Ev onusiov O dpiouévns elfelas kai Sifjvuoey
tw auths Sidornpa +58,4 g, EmaiTa dmo v Béow oy —19,3 . &l TR e0-
Belas, &’ &xet 23,7 ., kod wéAiv dard THy TedeuTaiay Béow —95,8 . TwévToTe Emi
Ths eUris evleias. Tloia slvan ) &mwdoTaos Ths TeAsuTalas Béoews Tou &mo 76 O

IAIOTHTEL THI nNPOIGQELEQL

§ 11. Te d&dootoua dlyeBoixndy dotPuidy d&v uctafdllerar,
dv dddaxPf 1 Péoic 1dv moooHeréwv.

"EoTw TO afpoicuax TV SAyePpik@y dpiBudv o, B, v, 5.

"Exouev: a+p+y+8 = (a-+p)+y+8 = (at+p+y)45

AAXN elven a+-P =P+, &pa ki (ai-B) = (B-+a) =p |a.

‘Emopévedg a-+B+y+8 = (-l B)Ly+b= (PLa)ty-L&

= (B-+o+y)+8=p+aty+8.

‘Ouoiwe Exousy

Bty +8 = (Bt y) -8 — 5+ (Braty) = B+ Py-a

Ek 1OV dvwoTépw EmETal OTI:

FEic dPpotoua exetindy dordudv dvvdueda va dviuxoractj-
agwpey tvac £ avtdy ué to Edgolopd Ty nal dviLoTedpmS.

AioTi, &v BéAwpey Y. V& EXwWUEY

at+P+y+8+e= (aty+e)+P+38
mwapornpolusey 611 duvapeda va Béowusv
oa+PB+y-+8-+e =at+y-t+etp+S5=(aty-+e)+p-+8.

‘Qote: To dfoolona tdv oxerindy douidtudy xel tas avag
i6iéTnrac ud 1o Edooroua tdv dordudy wic “Aotduntiic, Fvot
loxter 6 véuoc tic Glhayiic 1@y Pécewv 1dv mpooPeréwy xal i
GVTIHOTACTACEWS UEQLHDY £E avT®V ué 1o ddporoud Twv.

’Ex TV mrponyovpevwy EmeTon £miong 6Ti: Adwa va mgoodé-
GWUEY TTEQLOCOTEQOVS TMY 0V0 W duocruous dovuods, duvdusda
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TEQMETPIKH AMEIKONIIIE A©POIIMATOI

§ 12. Auvépefa v& &mreikoviowyey YewRETPIKEC THY Tpoafectv
TRV SAyePpikdv dp1fudv & ToU &ovog TGV TETHMREveV. Md v
TapaoTHowpey .. T &bpoiopa —8 1 (43), &vaywpolpey &md
TO onueiov foTw A, T dTroiov TrapioTdvel Tov — 8 Emmt ToU &ovog kad
TPOYwPoUuEY Tpog Ta defidk oalrol xord -3 povddog phkoue. To
oUtw eUpiokdusvov omusiov foTtw B moploTtédvel O &Bpoioua

—8+(43)=—5 (ox. 4.

A B +3=-5 -4+8=4
X8 Bl D2 s BRI
Zx. 4

Awx v& eUpcopev T onusiov, 70 omoiov TapioTdve Ty, TO
&bpoiopax — 4-4-(-8) dvaywpoluey &wd TO onuelov Tol &fovog, T
omoiov mapioTavel Tov —4, foTtw TO [, kal Tpoywpoluey Tpds T
Be€icx orol kaTa OkTw povddag urkous, OTe elpiokopey To onpeiov
goTw A Tapiotavov 10 —4 4 8=+4.

Aoxnoseig
27. EUpete T& korwTipm Eaydpeva kaTd TOV GuvToudTEpOY TpéTov Kol

&meikovicaTs olta:
@’y —345—B—T-—<-11 —15464+0—3

B5. 16L58147-5 6 % "'_;f-n

3 ii + ;;f = % i S O

B) 13,5417, 185, 6-78-15

&) —% 3 11?_-5 %_25,4_2.
A@AIPETIT

§ 13. "Eocrwoav m.y. 8bo &dAyePpixol dpifpol +7 kai —5. Zxnua-
Tifopev TO &fpoicua (+7)-+(+3), 76 dmoiov eUpiokeTal, Gv &g TO
(+7) mrpogbéowper Tov (-H5), dvrierov Tel (—5). "Av &g 1o &bpoi-
opa aUto (+7) +(+45) mpoolicwpey Tov BeUtepov k TV SobévTaov
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apifudv tov —5, 6& elpwpey (7)) (45)+(—5)=(+7), fitor TOV
TpdTov &pifuov Bk TV SobtvTwv.

'Ev yévei: Aodéviwy 8¥0 oxerix@v dorPudy, tmdoxet elg
10i106 oxetixds dpuiPudg, 6 dSmotog, mpoctiFéusvos eig Tov Eva
T@v dotévicwy, 8ider tov dAAow.

Mpcrypott, &v a, P elval Sbo Sobévteg oyeTikol apifuol kol H&-
Aopev va eUpwpev -Gpifudy, 6 émolog TpooTifiucvoc eig TO P . X.
V& qu &lpoiopa TOV &, oynuaTilopev To &bpoiopa: o+t (—p) amo
TOV Tp&ToV Kad Tov &uTifeTov ToU Seutépou B, TOV —P.

'Ta;:m"]pouusv Twpx 611 auTog & &piBpde o+ (—P) elvan & In-
ToUpevos. A1oTt, &v altog TrpooTedi) eig Tov B 8& Exwuev PHat(—P)
=0 (—B)+(+P)=c, émardn elvan (+-p)+(—pP)=0.

ToparnpnTéov, 6zt dodévrog olovdrimore dAyefoixot dotFuod,
Yadoyel elg xai udvov dotPudg, 6 dmologc mpocritPémevog elg TOY
dodévra Sider dPporoua vov idtov. ‘O dordPudc avros elvar o O.

Mp&ypart, Exopev .x. at+0=c, B+0=H xAm.

A& ToUro Afyousv OTi: 0 undév elvar 6 dotPudg, 6 moiog
mpootiPéusvoc eic olovdijmore dAAov dider &Pgoioua zov didov.

§ 14. Kaldovuev Sicpogav dAyefoixot doiPuot f dxd &A-
Aov a, tov dptPudv, 6 omoioc mpooctiPéucvoc eic tov B didet
dPgoioua tov a.
‘O dpfpog oUTdg, kot T dvwTipw, slvan 6 at(—P)—a—P.
"Qote: 7 Bicgopd ToU P &md Tov a elvar o—P° mwaparnpol-
uev, &T1 7 dtapopa a uciov B evoioxerar, v sic TO¥ a mpooPécw-
uev 1ov dvrideroy rov B. ‘H wpd€ic ut Thv Smoiav eUpiokopey THY
Siaxgopav dAyePpikol &pifuol B drd &AAov a koAelTal dgaipeois” ©
a xaAsiTal ueiwzéos, © P dparperéos, TO Bt oupPorov TG Geoi-
péoeas elvan To — (TANY), TiBépevov peTtall TV o xai P, fTOl Yp&-
pouev a—p.

Mapadeiyuata: (+8)—(+5)=(+8)+(—>)=(+3)=3
(—5)—(—6)=(—5)+(+6)=(+1)=1, (—3)—0=(3)+0=(3)—-3

2 3 1 2 1 il s SN
o 1 G ot o s ) B G 9 3

0—(—T)=0+ (+1) = (+ ) —=+7—T
0—(45) = 04(—5) = (—5) = —5.
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§ 15. MMapaTipnoic. “H Biagopx &piBpol Twog m.¥. «
e 10 0 looUran pt 0—a— —a, fiTor p¢ TovV dvrifeTov Tol a.
“Apa: "Eve eis v "AocPuntuay 1 dpaiosois dotduod rivoc
diapdoov 0B O, m.x. 10T 3 dmd 6 O elvar dddvarog, ud v
| xonmoiuomoinoLy @y dovnuixdy doPudv 1 deaigesic avry xal
wdoa duoia slvar duvari.
Ty, 0—(+3)=0+(—3)——3, 0—(+1)=0+(—-1)=-—1,
0—4——4  0—-(4+3,25)=0+(—3,25)=—3,25

§ 16. Ai iBioTnTes Tig &oaupéosws &pifudy Tic "ApiBunTikic
GAndeUouv kai Six THy &eaipeotv dAyePpixddv &pibudy, dmodeikvioy-
Tan 58 eUkOAS.

'Aoxnoeltg nal mpofAfqurata

‘Op&s wpaoTn. 28. Nér elpebolv ol Siagopad :

o) 8—(—4) p') —=18—-(419) Y') —14—(-7) - &) 0,9—(—-9.13)
P = - 5 1 ; 1 1
i ! 9= A ahh s r Qe Lifnea
&) 2,25(—1,65) o) 22 ( )3) L) 9+ ( :3)
n') Asifare 6T ehvan 1 a—P—=(at+y)—B-+Y).
‘Oud&s Sevtépa 29. Elpere & iaydpeva Tév kdrewdi palewy :

y : > T T 271N 1
o) 120419 (—18) B) —17—(—)+(+8) ¥) S5 +(-65)=(—%)
89 Asifare éT1 svai: a—B—(a—y)—(B—Y).

30. Elpere & &faydpeva Tov k&Twh mpdbecov:
a’) 2—7 p) 8-10 y) 1,5—22 &) 15—230 e) 1,25-9,65
ot’) Asffare dm dvon: a—(B+y)=(c—B)—y-

‘Opas Ttpitn. 31 Alfdve Tis TO dvepynTikdy Tou kal EAaTdvel T& Tro-
fnmikév Tou kot 1564,20 Spy. Tiva petaPorfv wabBaiver | Teplovoia Tou ;

32. "Eharrover Tis 1O dvepynTikdy Tou katd 15484,3 Bpy. kal alfdver 1o
TainTIkov Tou katd 162384,70 Spy. Tloiov peraBoAfv mafaiver 1) meprovoia Tou;

33. "Avoyewpel TiIs Ex Tivos dplopivou onueiov A. Babiler & elfelas 050l
238 pErpa mpds T& Bebix kol @f4ver els TO omusiov B. TTdoa pétpa mpbme v
PaBion & ToU B wpos T& dploTepd Emi Tiis alriis elbeias, Six v& gfdon els 1O
onueiov I, domméxov &wd Tol A 4846 pérpe;

34. Xaval mig 15016,3 Spy. Tooa mpéme va xepdion Bia va Eyn 8958,65 Spy.
TEPIOTOTEPSS TV Gowv elyey dpyIKas;

AATEBPIKA AGPOIIMATA

§ 17. "Eorw 10 (45)—(+3)—(—4).
A v sUpopev alrtd dpkel &md 1O (+5) v dpoupéowyey TO
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(+3), &te ebpioxopey (4-2). ’Amd T ESoyduevov ToUto (+2) va
&oouptocuey TO (— 4) kai ebpioropey (++2)—(— 4)=(-+2)+(+4)=+"6.

‘H dvwrépw Bppaoic kal AR Trapdpoion AeyovTai ddyeforxa
ddpolouaza.

"Hror: “Adyefoindy ddgoiona Aéyerar pla dxolovdia mpoodé-
ey xai dpalpbocwy, ali dmoiar onueidvoviar fmi Glysfoixdv
agLtudv.

§ 18. *Eorw 1O &AyePpixdv &bpoicpa a—(-PB)4-(—y)—(—5).

\

O Seifwpev T ToUTo looUron pt ot (—P)+ (—y)+(+58).

Aro T
Mg Thy eUpecty ToU Aid Thv eUpeciv ToU
a—(+8)+(—y)—(5) ot (B (=Y )+ (+5).
1) ’Amd 16 o 8& &ooupé- 1) Eic 70 o 8& TrpocBécwiev
ogwyev 10 (+P). 70 (—B) &A\A& ToUTo slvan TO oo

pt TO v doaipEcwuey o TO &
T0 (4-B) (koré TOV Spiopov TG
AQOIPETEWS ).

2) Eig 16 é&Earyodpevov, TO 2) Eic 7o #Eaydpevov, TO
Srroiov B& elpedf], O TpooBéow-  Omoiov B elpedf, 8& TrpooBiow-
pev 1o (—y). pev 1O (—Y),

3) *Amo 16 veov EEarycuevoy 3) Ei¢ 16 véov &EarySpevov Ba
8& dpaiptowpey TO (—B). Trpocbécwiey TO(4-5),5AAa ToUTo

elvan T oo pE TO V& &Qaipéow-
pev o 16 Eforydusvov TO (—B).

“Emoptvess elvan : a—(+P)H-(—y)—(—8)=a+(—B)+(—r)+(+5)-

"Hrol, & dAyePpikdv &Bpoicua SUvaTan va Tpari) ei¢ &AAo igov
Tou &Bporoua GAyePpikdY &piBu@Y Kol GVTICTPOPGG: Tr.X.

o (—B)+ (+Y) (=B —a—(F+B)+ (Y )—(+8).

*Ek ToUTwv TraparnpoUuey 611, Szav eis dlyefoundy ddgotoua
dptdude g ¥xp moed avrod o -+, réze 6 dotPuos adrdg mpooTi-
Perar, dvé Stav Exn mod avrod 16 —, TéTE 7 dpaigeirar 6 doi-
Pudc adrdc i mpocriderar 6 dvviderdg Tov.

*Ex 16V dvawTépw 68nyoupevor Seydueba 611, &v o elvon &pi-
Budc Tic (Sikpopos ToU 0), TO + o TaploTdvel TOV @, EVE TO —«
TapicTdvel TOv &uTiBeTov ToU .
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OUrw Exopev +(45)= -5, —(+7)=—T7
+(3)=-3, —(—6)= 6
‘H dveoTtépeo cuvlnkn Stvoron v exopachi] kai g EEfg :
Avo Seadoyixa cvufola eic dlyefoixdy ddpoioua Ex tdv +
xai — dbvaviar v’ dvuxazacradodv ud £v udvov, 1o + uév, &v
Ta 8¥o Stadoyixd cvufola elvar 1d add, ut w0 — 64, dv ra Sia-
doyind cVufola div civar 76 avrd.
"Hror: 1) "Av & Siaboyixd oUpPora (el S&hyePpikdy &Bpoioua)
elvon pé Thv celpav -+ -+, 8& dvmikeraotadoiiv ez
2) "Av T BaBoyikd oUuPoia (elo dysBpikov &fpoiopa) v
BE TNV oeip&v — —, 8& dvTikaraoTafoly pé -
3) "Av 1& BaBoxixd oUuBoAa (eic dAyePpikdy &fpolopa) elvar
pt THY cepav + —, 8& dvTikarraoTabolv pE — kal
4) "Av T& BiaBoyik& oUpPora (elc dAyeBpikdv &Bpoiopa) elvat
BE THV oelpdv — +, B& dvTikaTooTaboly P —.
Ofres Exouer  (+3)—(—6)+(~8)—(+7)—(~1)—
—(+3)+ (H6)+(~8) + (D) +(+1)=
=3-+6—8—7-+1=10—15=—5.

§ 19. KoAouuev Foovs dhyePpikol dBpoiouaroc Toue ap1fuous,
ol dmolor TO dmoTedolv, ExaoTog TGV dmoiwv el TO Tpdonudy
ToUu + f| —.

Ofrw elc 10 dAyePpicdv &Bpoicua a—P-y—8—¢ of Gpor Tou
elvat o, —P, y, —8, —=.

Koara tabra : Hav dlyefouxov ddgoicua elvar édpoiona v
dpwv Tov.

My. 0 (+5)—(— 4)+(-§— )—(—-8) givon &Bporopa T@Y (-5),

—(—4), +(—§A)~ —(—8) fjtot T&dv +5, 14, %ﬂ +8 kol Eyopev
2 b 2 3
15— (= 4)+(§)_(f8):5~f4 = +8=17- =16 7.

Supgwvwe pE Tag 1816t Tag Bid Toug TpooBeTéous wdc Tpocté-
oG GAYERPIKGOY ApiBuddy, Eyousv OTL:

Eig aldyefoindr dFpoioua Svvdueda va dlidEousy iy Hé-
gy Tdv Spwv rov. TLy. elvan a—P-fy—B8+e—n=e—P+y—n-+o—38.

Eic dlyeBouxdv dPooropa SvvduePha va dvurarastiocmuery
uepixovs fgovs tov ué 1o ddpotopa Twv kKal AvTIoTPOQWS: duvd-
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uedo slc ddyefoindy ddpoicua ve dvuxaracrijowuev Eva Sgov
ut o ddooioua EAdwv, 1@y dmoiwy adzds elvar ddporoua.

"Hroi: “Toxver xal 6° dAysBoixdv dibgoiocua 6 vduos s ai-
Adayiic tijic Péoewc tdv mpooPetéwv wal i dvrzxaraarddcmg
mpoodetéwy dud rol diffpolcuazdéc rov.

M. =5+ (=T)—(+ 4)=5—-T—4=(—T)—4=—2—49— 6

10— (+D+(3)=(T+3)—(+1)+ (—3)=7-+3—7—3=10—10=0.

"Apoll dAyePpikdy &8poioua SuvaTar v& Tper el Ao foov
Tou &Bpoiopa dAyePpikdv apiBudiy kai dvTioTpdguag, EmeTon OT1 :

Awa va nmpooPéowusy diyeBoindy ddgoicpa el dAyeBfoixdy
dorPudy, doxnei va moooPéowuey eic 1ov dlyeBoixov dordudv vovs
dpove toi ddgoicuaros, Exactov dmws slvar els ©o. dPgoroua.

My. at+(P—y+d—e)=at-p—y-+b—=.

Aud va mpooPécwuey dodévra dlyefoina ddooiocuaza, doxrel
va oynpaticouey v dlyefoudv ddpotcua ud Spovs Tovc v do-
Pévior ddgoioudroy xal Exacrov dnwe elvar eis to dodév ddgor-
oua, el 10 dmoiov Vadoyet.

T (efp—y o) hEsehi<nl=uth -y o—etCen.

§ 20. “Orav eic Sodev dlysfowxdv ddpoioua dAddEwucy td
mpdonua Ty Sowy tov, meoxnvmrer dAyeBoixndy ddgotoua dvzide-
tov 10¥ doévrog (Hrow 1o SEayduecvéy rov Pa elvar dorduds dv-
titetog Tot dEayouévov dotPuod £x tov dodévzog adpoicuarog).

Aiémi B vér elpwuey TO EEoryduevov ToU Sobévtoc &AyePpikol
&Bpolouaros, B elpwuey 16 &poioua TéY SeTik®dv Spawv Tov, EoTw
8’ 1) &mwéAutos Tiwn TouTou A. “Emerta fa eUpopev T6 &bpoiopa
T&Y &pynTIKGY Gpwv Tou Kal £0Tw 1) &mréAuToc Tipf Toutou B. TAv
uév glvon A peyoAUTepov ToU B, 16 Sofev &bpotopa icoUTal et +(A—B).
"Av B¢ elven 16 A wikpdTepov ToU B, To Solitv dBpoiopa icoUTal pé
—(B—A).

"Av glvar A=B, TéTe TO Sobtv &Bpoiopa elvar foov pe 0.

“Orav &AAGEwpey TO ofjua EkdoTou Spou ToU Sobtvrog cAye-
Ppiol &fpoioparros, of BeTikol Spoi 8 yivouv &pvnTikol ko ol ap-
vnTikol 8& yivouv Betixoi. Eic & véov crrd d@@poiopa TO &GBpolopx
T8V BeTikd®Y Spov Tou & Exn &mwdAuTov Tiphy B, TO BE TéV &pvr-
TiKGY Spwov aUToU B £xn &moAuToV TIUAY A.
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"Av Roirov elven & A peyadirepoc ToU B, T é€orydpevoy Tol
(véou &Bpoloparroc) 8& loolran ud —(A—B), &v &8¢ 16 A elvan pikpd-
Tepov ToU B, 16 &v Adyw &Bpoiopa loolrar ud +(B-A), &v &2 elvan

=B, 16 &Bpoiopa icotran pé 0.

Mapatnpoluey Aormrdv, 811 kod Kot TaG SUo TEPITTTAGEIS TO
e€aryduevov Tol &1° d\Aaryfic ToU TIPOOTIHOY TGV SpwV TPOKUTITOVTOS
&fpoiopaTos slven &vtifetov Tol 8cryopévou ToU Sobévtos dpoiopua-
Tog, Stav 82 A=B, Exopev fcrydpevov 0, T6 dmoiov Exel avifetov o 0.

§ 21. dia va dpaipéomuey dlyefaidv ddpoioua dmd dlye-
Bowxdv douPudv, dowei va wgooPéowusy eic tdv doidudy rove
deovs ot ddgoicuaros xai xadéva ud pAlayuivov 1o RO G UOV.

Tl.X. Exouev —oa—(B—y+8) — —a—B+y—3.

ATt (kara TOV Spioudv TR dpaupéoecs) Gprel va Tpoafé-
OWUEY EiC TOV — o 1OV &vriferov ToU P —y-+8, T& dmoiov elvan, x
Qv TEpw eidopev, TO — Py —38.

§ 22. *EvioTe mapodeimopev wapévBeoiv dvtoe Tic dmolog Umép-
X& &Bpoicuc &pifuddy, kal &v pév mpd olrriic Utrdpyn 16 +, ypd-
Pouev Toug Spouc Tol &bpoicuaroc EaoTov pé TO Tpd avTol ofiua,
Gv 8¢ Tpd aTic Uttdpyn TO —, TéTE Ypdoouey Touc Spouc Tol &bpoi-
ouarog, GAA” EkaoTov ué dvtiBetov ToU pd alrrol Tpoctipov.
TL.x. &ouev: +(3—54+6—7)—3—5+6-7, |
(—o—Pp+ry—8)=—a—B+y=S5, |
—(3—5+4+6—7)—=—34+5—6}+7
—(—o—p-+y—B)=a+B—y+5. |
‘AvTioTp e *Eviote elc dAyeBpixdy &bpolopa YPEPOUEY |
Toug Spous Tou Evtde rapevbicews () dywiAng [ 1) kal &v piv Tpo
aUThic Bécwpey T6 -, EkaoTos Spog dvtde alrTiic B EX1) TO TTPOTTHOV, |
TO OTTolov Exel Kad eic TO Sobiv afipoiopa, &v 8¢ Bfcwpsy PO aUTiig 1
TO —, EKaoTog TEV #ToC avrTiic Speov B ExXn TO avtifetov Ekelvov, |
TO omolov Exer elc O Sobiv &Bpoiouc.
Tl.X. &ouev —3+5—7—8+415—6=-—345 7+ (—8+15-6)
—3+5—7—8415—6—=-—34+5—-7—(8—15+6)
a+P—y+8—e=af-p+(—y+b—¢),
APy +B—t =B (y—bte).
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AOAAANAAZIATZMOZ

§ 24. HoAdlanldaciacuds oyetixod dorPuod a Zxt &ldov B
Aéyszar 1) mwodkig, ué inv dmoiav cynuaziferail éx ToU a rpitog
doiPudsg, dnws 6 B dvvarar va oxnuarioPf éx tijc terinis povd-
dog »al @y uegdv avrig.

O1 BofévTec &pi1fpol AéyovTan magdyorvrsg (6 « mollamlacia-
otéog ki © P’ moddamdaciacwis). ‘O mpoxkUmrwy &pibudg &k ToU
ToAAGTTAGCIaouoU AfysTal yrvdéuevoy, TO 88 cUpPolov T Tp&-
Eecxc elvon T . f| 1O X (&mri), Tilfusvov peTabU Téw TrapaydvTow.
OUtw 6 ToAAamAaoiaopds T&V o kai B ovpPohrilerar ué axp f| a.B,
TO 8¢ yropevov aUt@y pE af. "Otav & clg @y Trapaydvrov eval
0, 76 ywodpsvov Opiletan foov pé 0. "Hrot . x. ax0=0, 0.a=0,
(—3).0=0, 0(—7)=0.0.0=0.

a') s moAhanAaoidlopev dpBpdv émi dAAov Betindv.

Kara t& dquwtépw, TO yivopevov T.y. ToU (+4) émi &\Aov
. %. 10 (+3), dvéryeran el THv elpeciv TpiTou dpifucl, & omoiog
oynuorileron &k 10U wpowTov (F-4), omwe 6 BelTepog (+3) Suva-
Tor v& oxnperiodl &mwo Thv F1. Emeidn 1o (43)=I1+1+1, 8&
Eousv (+4) (3)=(+DH+ G+ HDH=+12.

‘Opolag (—8).(+3)=(B)+-(8)+(—8)—=—24.

TR o (—9).%o-nuo:ivsl v& elpwpey 16 TéTapTtov Tou —9 kal

ToUTO V& TroAACTTAco1XawieY &l 3.
*Hrol &xopev (——9)-—3- —_— :; 3= (u ‘4*) =6
‘Etropéveog : To yuvduevov oxstinod douiduod éxl dAdoy Here-
xov Exer dndlvrov udv wuny td pwvduevov v dmoidrwy TLUGY
Tdv magaydévrwy, mpdonuoy 8¢ 10 1ol modlamdaciactéov.
B’') Hbg morrandacialopev dpiBuov émi dAdov dpvrTindv.
*Eotw &mi {mreitan 1O ywopevov (+8).(—3).
To (—3) dlvarar va yivy & Thic +1, é&v AdBwpsy v &uTife-
Tov TG —1 kad ToTnV EmavoA&Puwpev g mpoofetiov Tpic. "Apa
S1&x vix eUpowpev 1O yivopevovy (+8).(—3) 0& A&dPowpsv TOV GwTife-
Tov ToU (+8) &nAadn Tov (—8) kai ToUrov O& Emavar&Puwuey Tpig
¢ TrpooleTéov. “Hror 8& elvan :
+8).(3)=(—8).(+D=(3B)+(-8B)+(-B)=—24.
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Al Ty oUrtov Adyov Aéyouev OTl (—8).(—3)=(+8).3=24.
*Apa: T yevdusvov oxetinod dotPuot émi dAdov dovnTixdy
EyeL amdlvzov pdv TLURY TO YPLVOUEVOV TV GmodVTwy TLUBY TBY
TapayeVTWY, OGOV 82 10 dvriderov 1ol molldamlaciactiov.

M.x. el (\—@—9}(4%’):—%;, (—5)-(—6)=30.

*Ex TV TrpOTYoUlévey auvdyopey Tov &&Tic YEVIKOV Kavova:

§ 25. Adwava rollamiactdowmuey 8o oxerirnovs dotduods 7104~
lamhacidtouey Tag droddzoves TLuds TwY xal 76 yevouevoy Aaufd-
youev ué 10 -+ pév, 4v ol mapdyovieg elvar dudonuot, uE 1o —

8¢, v elvar ézegbonuot.

§ 26. 'Ex tév dvertépw EmeTan OT1 ap—pa. ABTL KoTA THY €U-
pECIV TOU YIVOUEVOU TGV GTOAUTOY Tiudy TdV U0 TapxySdvTev
a, B elvon &Si1&popov Tolog &k TGV TapaydvTwy AcuPdveTal KaTa
oeipdv TpddTog fi BedTepoc. ‘Etropévec, 6 véuog tijs dvuiueradécews
@y magaydvrev (8¢ detduovs Tis * ApiPuntiniic) loxver »al did
dv0 oyerinoVs maApdyoyras.

§ 27. Mvopevov TOAAGY Trapaydvrwv Spifopev kafdg kal elg
Thv ApiIBunTIKNV.

.. 3.(—=5).(-—4)=[3.(—5)]-(— 4)—(—15).(—4)=560,

’Ev yéver Exouev apy=(ap).y

oBy5—(aB)yS—(oPy) 5=(apy5)

M. Exouev o) (—3).(+5)-(—2)-(—1).(=5)=(-15).(—2).(-1).
(f5)='-'(+30).(-1).(—5)==(-f30).(—5): -+150.

8) (=3).(—2).(=1).(+5)=(+6).(~1).(+5)=(—6).(+5)=—30.

Mopatnpoluey 0TI 70 yevdusvoy noldidy mapaydoviwy Exet
drnéluroy ey TLUNY TO YIVOUEVOY TOV GrmodvTwy TLUBY TOV TTA-
payéviwv, medonuoy 8 1o + uév, dv 10 mAijPoc Td@v dovnTixdY
nagayéviwv elvar doriog dgrttuds # 0, 10 — 86, v 10 mAfdog
1OV AoV TIROY TAaYOVTWY elvar dorPuds meptrrdc.

Elva: pavegdy &t td yevéusvoy xai noAAdDy GAyeBoindy ma-
gayéyrov §iv ucrafdliecar, &v GAday®j 1) Héoig @Y maQAYIVTOY.

*Av €lc TGV TraparyOvTeY YiIvopivou TOM@Y  TapdyovTLY elvan
0,76 ywouevov slvea 0.

My (+5).(—=3).0(+6)=(—15).0.(+6)=0.(+ 6)—0.
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MOAAANAAEIAIMOL APIOMOY ENl -+1 "H EMl —1

§ 28. TlapornpoUpey 811, TroAAamAaciaopos dAyeBpikolU &pi-
Buol émi +1 pév onuadver clrrov Tov &piBudy, &mi —1 58 Tov dutife-
T6v Tou. OUtw Eyouev a.(1)=q, o.(—1)=—a.(+1)=—q,

L(+e)=(+0).(+1)=+e,
(—1). ()= (). (—1)—(—).(+1)=—,
(1) (—o)—(—0).(—D—(+a).(+ D+,
Ty elvan (—4).1=1.(—4)=(1).()=—4
CH5)I=1(45)=5, -~ + (=5).(—L—(=1)(=5)=45,
ST MY EE L S

Al 1816TnTeg ToU ywouévou &pibudv Tfic ’ApiBunTikfic dAnbevouy
kai oTav ol wapdyovres elvan oyetikoi &pifuoi, 1) dwodagic Bt elvan
EUKOAOG.

OUrw m.x. av elvan a=P, B4 elvan kad pa=pP, 6mou o, B, p
elven oio18ryroTe &pifpol.

‘AoxnfoelLg

‘Opds wpwTn. 38. Né elpefolv Ta ywopeva:

) (-8 B) (+18).(—4) Y) &D.(H15)
SR G ) TR ) (8:4).(—56.5) ot’) (—9,8).(8,5).(— 4.3).(2.3), |
. U’) Aelfare 511 a.p.y.b=y.a.B.5, Stov o, B, ¥, & slvan oyxeTikol &pifpol. ’
{ ‘Opéas desuTtépa 39, "‘Ouolws elpete Ta Efaydueva TAV karwh wpatewy: I
G') (_319)'(_7-6) B') (9,46)(—3,5)
" . e 1
¥ €% (D). (—3) 5) (f.4?).(_3€).(_ 6,8).
40. ‘Opoiws T&:
2 3
) (16y14(—5)(—35) BY) (—3,1).(+6)(+8).(=7) |
¥ (+7)(—4).(+8).(-+5). 5°) (0,6)[(+9,74)—0,9.(+6,5)].0,3 |

41. EUpere 7a &fayopeva :
a’) (—3).(—41).(—2)+8.(=24).(5)
B) (—51).(—3.2).(—1)—12:(—3,2).(— 9 .(—7)—20.

42. EUpete T&: a') %(—%)(H%)(Z 5—8)

B’) (_32).(_—% 4 _;_--0,4)—-2- 0,01+0,01(=5.4)

43. EUpete 16 0,53.(—1,2).(—3—4)+19(—0,45).
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44. Elpete Td:

el 3 : 1 3
&) (—5).(—8) gy (=55 )1 ") (“33)'(“3“5“)
5y (—3).(—5):4.0 £) (—3).6.0(—7) f
or') Aeifare 11 elven ap.y.B.e—=(a.e) B.y.5, dmov a,P.y.5,¢e elval oyeTikol
&p1fpiof.

[") Aef§ore oM (aPy). (5el)—0a.P.y-5.e.f, Smwou ol Taphyovtes o,B,y, kal
ol B[ elven oyeTixol &pibuoi.

NEATPEELYE

§ 29. "QcyvwoTov dvTioTpopog Gpifuol .. ToU 5 (Tiic 'AptBun-

Tikfic) kaAdTar TO < & dmoioc ToAAamAcoialdpeves &l Tov 5 Bi-
1

.I ) > 1 14 ~
Bel yvouevov »5—\,«:5: 1. "Eorw oyeTixog &pifuog o Sidgopog ToU pn-

Sevée. ThHv Exopaocty dedgogos B TaPIOTAVWHEY pE TO oupPoliov
=, B& ypboowpev 8¢ a0 ka 8& dmayyé\wpev o Siagopov TOU

undevde. Koholusv dvrlozgogov ToU (=£0) Tov apibuodv, 6 omoiog

Eyel &moAUTOV TIPNY &vTloTpopov TG &woAUTOU TIURGC ToU o xoi
i = x g g s
TPOONHOY TO o pt TO TOU o, T|TOL TOV == M.x. avricTpopog ToU
1 : PR e R Oy L R S

— 5 elval & —8, ToU —6 O — e ToU 3,46 sx— 5 v

ToU +1 & +1 xai ToU —1 6 —1.
To yivépevov oxeTikol &piBuol (+£0) &mi Tov &vtioTpopov Tou

8

fooUran ¢ 1. TI. . TO ywopevov 8%—: 5 =L, ToU —u-é— (—8) =

— +§— =41 kA
AoBévrwov 0o oxetxdy dordudy a xal f (Bvd elvar fs~a)
Drdoyel volroc oyetinds dotduds, 6 dmoios modlaswdacialduevog
&nl rov B 8ider yuvéuevov wov a.
MpdrypoT, & TAPACTHTWUEY UE Y TOV {nToUuevov &piBudv, Trpé-
el v& Eyoopev y.p=o. TloAAamAaoi&lopsy Toug Tgoug oitoug dpi-
1

Buovg émi %., &1e AauPavopey y.[’:.% ST

A Y(Bé") ;‘O"%' g YEG-TIB- —

Vo om »n : . = s o a
Ked 16 8vti, & TOAAGTTAGOIGTWMHEY TOV Y T] TOV 100V TOU —

B

¢l B, Exopev “E"-B—:CI"‘:— L

Wneiomotr|Onke amé 1o lvotirouto EknmaibeuTikrg MoAmikrig




"AihyeBoa ("Exdooic A, 1950) 37

§ 30. Avaigeois oyeninod dotduoi a 8¢° dAlov B (5=0) Aéye-
Tai 1) sedfic ut v démoiav edgloxeral toltoc oyetixds doududs
¥, 6 dmotos mwoldamdacialduscvoc énl tov B, didetl yuvdusvov tov a.
‘Ex 1@V Sobévtwv dpiBudv & o Aéyetan duarperéos, O P’ Srai-
gézng, kol & InToUuevos y' swndixov, T 5t oluBolov THig Sraupéoecag
elvan 10 : (dea ) meds) Kal ypdperan peTafl TéV o kad B. To TrnAikov

ToU c:B oupPoAilopey kai pé = AfyeTal 8 1) TapAOTAOIS oUTT) KAQ-

cuaTikn ) ddyefotxdv xddoua Pt docduntiv TOV a Kal magovoua-

arny TOV P, Kkad elvan % = é 3

"Eorw O [nreitan 1O waAdkov . X (+8):(4-2). Taparn-
polUpev, 611 & (nTolusvog apifpog B& Eym wpdonuov . AdTi TS
ywouevov ol {nroupévou &piBuol émi Tov Siaiptrny (+-2) mpéme
va elvan 9eTixdv, ool & Sioipetiog (4-8) elvan OeTixde. Emaidn 88 1
caréAuTog TiuT ToU TTnAikou TToAAamAaoialopéun émi 2 wpémel va 8ibn
ywouevov 8, 8 elvon ion ué 8:2—=4. "Hro &opev (4-8):(+2)=+4.

“Eorw o1t [nreiten (4-8):(—2). ‘O Inrovpevos &pifpdg O Eyn
TO mWpoonuov —. AT 1O ywdpevov atrol el Tov Sicpérny (—2),
mwpémer va elvea Gemikdy, emwaidn 6 Siaipetios (4-8) elven Berikde.

"Apa Eyopev (+8):(—2)=(—4).

*Etriong eOpimS(ouEv, c}-:s-rrréusvcl duoicog, 611 elvan (—8):(—2)=
=—|—4, (—-5)122 —?'-i: "—2?-

*Apa: Té mmlAixov tijs Saipéoews dvo dodéviwr oxeTin®dy
dotPudv Exer dmwédvrov Tiuny 10 andixov 1@y dmoddrwy TLUDY
toU dratpetéov did tol Siaipérov, xal modonuov Ferxov uév, v
of doPéviec dotPuol elvar Sudonuor, dovnrixdv 8¢, &v elvar
£zegdonuot.

HapabeiypaTa: (—5):(—5—6):¥%

1 5 et 15 6 3
(_—2_') ; ('6_):—'5 T TR T B b,
AL p0 oy A

‘H Siaipeoic &piuot di1& ToU 0 elver ddvvaros. Aot &v mw.y.
Exowpev v Bixipeow  (—6):0, InTeiton &piBudg, 6 omoiog ToAAa-
TAcocialopsvog £l 0, 8ier ywopevov 16 —6, TolTo Suwg elvar &BU-
vaTov, 816T1 wag apiBuos TroAAamAaoialousvoe &mi 0 8i8el yivousvov 0.
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N. Zaxsllapiov

giBoc &p1Buddv elvan Bu-
vaTdy, GoTe V& KaTaoThowuey Siaipeoy Si1c ToU 0 Suvariv. Aot
&v T.y. Umfipye véog ToloUTog &pifuds, EoTwe & «, & Srolog B elven
mnAikev ToU —6:0, 8& Exwpevy —6=0.a. TloAAaTACC1&{OVTES TOUG
ioouc ToUroug &mi TOV adrdv &pifudv, EoTw TOV, 5, TTPOKUTI TOUV
ioor fitot —6.5=0.0.5. ’AMAdooovtes ThHv Béov TGV BUo TEAEU-
Taiwy  TapoyovTwy, eUpiokopey S.a=0.cc (Emadh eva
0.5==0). ’ANA& 10 pev —6.5—--30, a=—6 (2£ Utrobéoews)
apa fa Exywpey. —30=—6, TO oTolov elvan &BUvVaTOV.

‘H Siadpeoic ToU 0 &i& Twog &piBpot (#£0) Sider wnAikov 0.
Oftw . ¥. 0:(—7)=0. Aot elven 0.(—7)=0.

Al i81dTnTeg TG Srapioceg &pt ?1 &v TTc TAq
kol GTav o &piBuoi elvan dhyeBpixoi.

AN 008t vd BnuIoUpYTIOWHEY VEOV

(

‘Aoxnfoerg

47. “Opolws Ta:

a’) (—34):(_9—8}, By (—18):9—(—4):2 (—25): (—5): (—5):(—5)
48. N& epsffi & &yvwoTos ¥, QOTE V& Elval:
&) (—40).x=160 B') (—6)x—24 y') 12x—48
; : = e eI 7
8) (3)x=(-15) ) (31,4)x——1884 o) (=5 )Xj'i"z"
49. a') N& ouxv; o7
o) ap==(c:p): (B:p), BBa o, B, p elvan oyeTiKOl Gpidpol p7#0).
B ey Y) &:(By)—(x=B):y-

g T& KAGouoTa HE ‘\po‘.;: T oMol

NTOC TRV KAGCUXTWV

*iTlp&1os & *AreEavBpeias) £6cokev

cuToTEAT] onuaciay &
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uE Spous ap1fpouc Tiic "AptBunTikie, dmoBaxkviovTtal & olrrad elkd-
Acg Kai S1ct ToUTo Qvary pEQOoHEy KaTWTEP® TG KUPIwTEpas € anlrrdiv.
1. TlapoanpoUpey 611 swds ddyeBoixdc dotduds a mn.x. Svva-

P 3 = a
0¥ va Yewondi dc xddopa wué magovouactyv 1, Sidzt - =a.
"Eav eic wldoua 6 magovouactijc rov civar loog ué tov dou-
r b 4 - 3 2 r o
Gunwijv rov, 1o xldoua icodracr ué 1, fjzor Exouey m.x. = =l

2. Avvdusda va mollanlacidowusy i) va Sioigéowuey todg
6gove xddouazas éati tov avzov dpitucy (£0) ywelc va wpera-
BAndi 1 dEla ot xAdocuarog.

OUrw Exopsv .. g— o = , Y=40.

<|a

—
~< |
e

3. Avvdueta va dAldEwuey 16 mpbonue tdv bvo Spwv xld-
opatog, ywels va uerafidndi 7 dEia rov. MidTI ANy TGOV on-
péTwv TV Slo Spwv ToU KAdouaTeg elval TO aito pd TOV ToAAa-
TACCIXOpHOV EkdoTou Gpov émi (—1).

OUtw &xopev 1.

4 4

1. 1 S ol ke o LR s B

Bt S avenh! o U RS
T

4. dvvdueda vé dnlomotrjomuey Ev wAdoua did Siaigfocwe
Ty Gowy tov u ov addv dottuov(5-0), 8v Srargotiviar dxolfds.

6 6:2 3 K5 45\ 2
Olrew Exopev m.y. ——L e e e R LS
4 L 4 L _5\ 2 __5 yV 2\ 2
SENEE 28 «py By 4op_ 4B
—10 o b O aby by

5. doBéviwy rlacudrwy (neptocotégwy 1ol évdg) ué Sagd-
govs sagovouaoctde, duvdueta va stowuey lodpotdua adrdv xal
dviicroiywe Yoo stpog aved, £xovra 1OV aviov magovoudativ, dv
nodlastlacidowuey tovg Opovg éxdotov t@dv dodéviwy ué vd -
VOUEVOY T@Y magovouacty Ty dllwv.

TT.x. &xopey Bix T& KAGOUOTS % gf-- F; |

} Fi 2 1

« c:ﬁ o aiPP. a. @ PPy s ARy . |
b R G o o AE elval 88 Ta eUpebévTa dumevupa. |
B~ PP.P. P PiBB: B BuPB ; P e |
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40 N. Zaxekdlapion

6. Elvan pavepdv 811 Suvdpeba va Tpéwwiey SobévTa ETepdvupa
\&opoTa gle Spdvupa Sid THg YpnotuoTroioews ToY EAayicTou koi-
voU Trohhamhaciou Té&v TapovouaoT@y Tou (Gv elven ToUTo oKO-
oY),

7. To yuvéusvoy 8o xlacudrwv civar xAdopa ué dotduntny
70 yLvduevoy TV GQLPUNTOV Hel TALOVOULCTNY 0 TV TTAQOVO-
woot@y @y dodéviwr.

» oy ay o a

T1.x. Exopev T Y B y— B :

8. A va Siaipbowucy S xAdouazos, doxel va mollamla-
cidowuey émi 10 dviictpogoy xAdoua ToD Sotévrog. OUtw Exouey

(

o
r o 2 (3 (3)= B 5 B8
P

];.E:.—. == — _ e = e R e
B @ a” P Y =4 Y. Y
() r)
‘AonnfoELG
50. EGpete T& Eforydpeva TGV :
—25 =8 —121 5 s g e
e 48 —4.11 SR — 25 5 =120

51. TpéypaTe els Spwvupa T& ETdueva KAGGPOTX pE T EAdyioTOV KOOV TroA-
AcAdoiov TEV THEOVOUOTT@Y TWv:

2 —5 1 =3 4 2 1

il g ciligy Tt B me N hasgb g
=3 —4 1 3 —3 4 —2 —5 i
4 = iR = s g e e RS ST .
) =4 Bis 0 %5 e e A
el SR 2oy D Siea i o]
L e AN S el g

MEPI AYNAMEON ME EKOETAI AKEPAIOYL ©ETIKOYI APIOMOYL

§ 32. KafBoog (el Ty "ApibunTixiiv) 16 yivouevov TPy OVTLIV
fowv ut &va &pibudy, .. 3.3.3.3, xohoUley retdoTnv S¥vauty ToU
3 kol TaPICTAVOUEY ot pt 1o 3¢, oUTw Kal TO y1vdpevov iowv Ta-
paydvtav mX. TO (—5).(—5) xaReiTan devzépa Svvapis ToU (—5)
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kai TapioTaveTan pé Td (—5)7. “‘Opofws 16 (—3).(—3) Adyeta BeUTEpT
Suvapig Tol (—3) kad mapioTdveTan pé T (—3)%. TS (+9).(+9).( £9)
TopioTaveTran pé (+9)° kai Aéysten tpitn Svwvamg ToU (+9). To
—D-—D.(—D)=(-T7)° xai Aéyetar Tpitn SUvauic Tol 7).

Ev yéver xalotuev dvvaury Evdg oxerinod dotPuod, 7o ywvs-
uevoy magaysviwy lowy ud adzév tov dorPudy.

"0 pév &p1Buds, 6 Strolog txepdler T TATifog TV fowy Tapa-
YOVT®@V TOU YIVOREVoU, KaAeTTal éxdéeng wifs Suvdusws, & &' &piBuds
ToU &trofou Exouev Ty SUvapiv Adyetan fdotg tijc Suvdusws. “H Seu-
Tépar BUvaic €vos &piBuol Aéyston kol zetedywyor ToU &piBuod, 1
8¢ TpiTn SUvauig xai xvBog ToU &pibpol. Kord Tara Exouev, &Ti

CD—CDED, CHENEIEN=H)
3 1 1 1 1
(=D

*Ev yével, 70 at=a.a.c............ [0

U TTOp&yOoVTES
6mou 16 a pavepovel dAyePpikdy dpibudv, TO 88 u dxépaiov Kkal Be-
Tikdv. To a¥ koAeltan piooTr (p1) Svowc ToU o.
Kata Talta Eqopev
=1 1)1 o e i o=l
OTou TO v TraptoTavel &pifuov dxépaiov BeTikOv.
"Htor: Héaoca Svvauis tijc —1 ué &xdérny doriov dorduoy,
lootitar put 1, pé éxdéinv 8% mepirrdv ioodrar ué (—I1).
‘Emopfveog elvon (—1)'=*1 «kal elven -+1 pév, &v v &priog,
—1 8, av v TmepiTTd.
Aocxnoerg
5la. Edpere 1& ifaydueva TV KaTwl Buvduewy:
R e e B S e R S R I (5 ) g e W S T e 1 R D D

52. Acifarte B1&x TTapaderypdTwy, 6Tt whoa SUvas &pynTikod &piBuoy, Exovca
&t Spriov kal Betikdy, elvon &piBuds BeTikds, TreprTTov 5E ExBETV Erouoa elvan

GPUTI TIKOS.

MEPI TON IYMBOAON o' KAl o QY AYNAMEQN

§ 33. Kara tov opiopov Tiic Suvapewg dpibuol Eyouev 6T1 TT.Y.
Q= OL OO O o'=—a.x.o.a of—=a. oL af==0.a
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"Ex Tolrwv Sioxplvopsy, 6Tt dtav & &kEETNE mSs Buvaens ToU o
EAorrrolrol KaTdr povdda, T yiwdpevoy, T Sdmroiov 6piler ThHy Svauwv
ToUTny, SranpeiTon 81’ Evog TGV Towv TapyOVTLY arRel. "Av Bex -
pev &1 ToUTo loyler kal 81’ &BErag (&xepaiouc) pikooTépouc ToU 2
B& Eyompey 6T o '=(a.x):a.

AMG TO a1 looUTon pE of 1O & (co):a=pE a. “Apx elval
o'=a. Tolro 68nyel elg Tov Efic Spiaudv ToU o

‘H moddty ddvaucs tvog dhyeBoixot douPuod IooTrat ué av-
zov TOY doriudv.

a-

Ko’ dvadoyiav mpdg T &vwTepce, Eyoopev 6T ot l=cua=1 |

MG & o=, "Apa elven o'=1, dTav sver 10 a=£0. ;
OUrw Eyopev TOV &Efic Opiopdy Tol o. |
To a’, Smov 7o a elvar GoePuds vic %0, icoltar ué v povada. |
Korér ToUror £xouey OTL:

| (—3y—1, 47— e
‘ (—2y=—2, (
| 13 IAIOTHTEL - TQ AYNAMEQ

§ 34. Tvopilopev (8 Tfic "ApiBunTikiic), &T1:
| a') Té yivduevoy dvc dvvduewy Evdg dorPuot eivar dvvauig
adtod Exovoa Exdérny 16 ddootoua @y Enderdy T@Y TOQAYSVI® V.

‘H i516Tng ol foylel kal & 1) P&oig slven oxeTIKOG &p1Bpde,
ol Bt ixBtTon BeTivol ko dxépanol. TTpdoypomt Edw Eywpey TO YIVOUEVOV

my. .o 8& elvon oP=a.ox
oP—a.

kal #mopfvee TO of.a=0.%.0.Q.O—=X

“Opoioc evplokouey, 8Tt T.y. elvan Y. x*=x" kol év yEvel TO Yivo-
pevoy ¥, o Smou p Kai v elvan dxépaiot K Berikol &pifpoi, TO 88
oXETIKOC TIG dpiBucg, looUTal pE iy,

* “H 4n Blvous dpiBpol kedelten Ud Tol AlogévTou els TO Epyov Tou «*Api-
BunTikdv PifAfoy VI, kafds kol Umd ToU “Hpwovos, dvvaunodivaues, 1 5n Slvas

kaAeital dvvapdxufog, 7 6n xvféxvfos, TO — AsyeTal dorPuoaTov. TS —, v~
X

1
vapoordy, 10 —, »vfooror kal 10 —, xufoxvfesTav.
X %
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AidTi Exopev 61 —a.coLa....a o =oAL O
K TrapdoyovTs v wc:pnfryc\.f'res
Emopévaoc slvan oo’ —a o B s, s oo ¢i{o gl'o CHRENNE ==Y

M TTaporyovTES W T.'cp:}'yo'."rsg (LI T U!'ﬁC(Pd'YD\)TES

‘Ouolwg damodeixvieTon 611 7O YIVOUEVOY a, o . aPf ... O =
aitvtet.+A Smou TO o elva OXETIKOG TiG ApiBude, T& BE H,v,p,.A
Grépaiol Kai BeTikol.

> Rl s ; = - ; ¥ 2

Ex T7@®v dvwTépw Emeton 11 T yivouevoy ocwvdijmore Su-
vaucwv Evés oxeuxot doiPuod elvar SUvauic 1od adrod dgi-
Puod, Exovoa éxdény 16 &Footoua Ty dxderdy TGV TagaysvIwy.

‘Aoxnoetig

52a. EUpete Tat taydpsva ThV kéTwhi Suvdpecov
a’) (—2)%.(—2)* P 33.3)  ¥) (=5)*(-5) &§) (1,5)%(1,5)"
1y: 1 1

(—5) (=) (—%) o) (5, 1).(=5,1) ) 0,540,505

§ 35. "Eotw 6T (ntolpev 10 [(—5) ]
(=20 O r=(S5y+=(-5)

"EcTtewo 6711 88hopev v elpowousv 16 (20). ToUto onuaiver v
oxnHaTiowpey TO yivduevov SUo TrapaydvTwy fowy pé o 28, HTol
TO 20-29=2s+3—2s2 “Opolcoc eUpiokopev 71 elvan (o )—=ar* ki &v
yever 6T (o )Y =aF* ¥, &mou o uév elvon oYETIKGC TiC &pifuog, p
kali v 88 dxépaior kad BeTikol &pifuoi.

"Ex ToUtwv Emeron 6mi: "Awv Sdvauic tic dorduod ddyefoixod
vywdf el dYvaury, moowVmrer SUvauis vod adrod dpirduod

ToUrto i{oolron pid

Eyovoa ExBérny 1o yivduevoy tdv Svo ixderdv.
‘Aocxnoetic

53. EGpere T& Efarydpsva TdHV:

o) [(—2)1]° BY [(3)) Y) [y

8 [(—1)*] 9 [(—%) | ot') [[(—10)43]s
54. EUpete & Eaydpsva TOV:

) [(0.2)°]" B)[(04)] ¥) [(L5)*P

510 P e(—35) o nesrr e f(—2)T
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§ 36. EixdéAwe &modawvietan 6T1: dud va dydow@uey yive ue-
vov oyenix®v magaybviwv elg SUvauty dexel vd VYDOWUEY Exa-
oroy 1oV magaydéviwy rou yivoufvou £lg TNV Svvctuty aviny xal
v wollamdacidowusy ta éEaydueva ravza.

Tlpdyuom Exouev, &1 (&v o v elvan dréponog ko BeTiKOS &p1Buog)

(2.3)>=(2:3).(2.3)=2.3.2.3=2.2.3.3=22.3"
[(—5):(—3) FF=(=5)-(=3).(—5).(=3).(-5)-(—3)—=
=(—5).(—5).(=5).(—3)-(-3).(3)=(-5).(3»

kal yevikddg, 0Tl (a.p y) —(a.Boy)- (. Py )ece e (. Py )=
v ncpéxyov*fes
L O, s aﬁﬁﬁﬁyyy ey P o

v TaP&yOVTEs v TTap&yovTes Vv TTCIPC'(‘;’O‘JTEg

§ 37. 'Emriong &rodeikvUeTal eUKOAwe 6Tt : Kldowa, to® dstoiov
ol Gpou elvar axetinol dotuol, Dywolzar eig dvvaury, dav xactog
1@y Sowy tov Dwwdf els iy SVvauy raviny.
OUtw Exouev, OT1 (E )-;M, 16T TO
| TraplryovTes | TTOPEry OV TES
[ LY o dils (RS ¢ (=4 "__CI‘G.C(.....
(% ) PP EF bhEL

i TTaperyOvVTES

| &trou TO U pavepwvel dpifuoy dxépaiov kal GeTikdv, T B¢ o kal P
&pi8uolc &AyePpikouc.

' 'AcrfhoELe
55. Edpete T& EEaydueva TGOV kETwil Suvapev:
o) [(—2).(—3)]° Y [(2)H7T YO LD
55 T DD T Y [23.¢- D o) [ —2)-L3H41.05)
. SN 2P i BN e

plencaanr . =35 e )

‘ Prbaia B 1 \|z SRR U £
) i(:S)'—'.(—-G)‘.(——S--’)‘ ) 577._9.7.(f76_)1 $) | 255 (0D

1\,;"; 3—30,4E ) | ). =y (_,_)“'

ac]
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§ 38. "Eorw 671 BfAouev va elpwuey TO TrnAikov Tg Suvdpecg
25 B1a g 2°. Tvespilopev (Ex Tiic "ApiBunTikfic) &11 6 nAlkov ToUTo
25:03=05—3-_D38

"Htor é11: To mmldirxov 8vo Suvduewv éEvds dorduod elvai
dUvauis Tot avrod dotPuod, Exovoa Exdérnv v Siapogdv tdv
éntterdv 10T OSraigeréov ueiov rod diatpérov.

‘H 18167176 alrn loyler kai otav 7| Paoic T@v duvduewy elvan
OXETIKOG TIg &p1Buds, ol ék8éTan dxépatol kai SeTikoi, &k ToUTwY &8¢ 6
ToU SicpeTeov peyoAUtepog 1) foog pé Tov ToU Sioupetou. Olrtw TO
TMAikov

- R e £ s 4
e D)
duolese 76 (—3y:(—3y— AL
e seh G e BN E

W TPy OVTES

o OO vains wana o

*Ev yéver 78 TTnAfkoy ol —— = o B ey
o 12 pLo o3 GEIERET |

vV TPy OVTES

&mwou a TrapioTavel GAyePpikov Tva dpifpov kad p, v Betikols kad dxe-
paioug, & &8 p elven peyaAUTepos f) igog pe ToOV v.

MapaTtpnoic: “H el v § 34 onuaoia Téy o kai o Tpo-
kUTTTEL Kol &v Utrofécwpey 671 foyxiea 1) Sepehicddng iBi6Tng ToU yi-
vouévou Suvdpswy ToU avtou dpifipol, Bewpovuétvey TGV o Kal o dg
Buvépewy ToU a. TlpdypaT: Exouev TéTe, of.o=c+i=a*. ’Eqv 8¢
Sinipbowpey T foa oo kol o Bix ToU o, eUplokouev 611 elvan
=1

‘Opoicg Eyopey of.at=—=a'ti—at .a kai dixipolvTes T& oo ToUTa
Bi1& ToU at Eyouev o'=a.

‘Acxznoerc

56. Né& elpefolv Ta ywopeva :
) xR 0l R TR R G e i b B B s ISR Ga e e
L a o G ar) Y S N S =N, DA T e iRty
57. ‘Opoiws T&:

@) GaBy B) (W 7) G 8 xwe)r ) (= 2xy)
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46 ERsl : el ) N. Zn?.sk).ag{ﬁgg
: g ey g F i »
) (= 5 %) D (—5%) M (gx)
o) (3 xw) (4P Gy
58. Na& elpete T&:

«) 2.2 B (—2)%(—2)* YD) (—T(=1"
5 (=3)%(—3): o (=2): (=) oT') (=5,3)%(—53)" 5
[ [(=3).5.71:(=3.5.7)" 1) [(=1).(=3).5.7: [(—=1)(—3).5.7F

AYNAMEIZ ME EKQETAL AKEPAIOYZI APNHTIKOYZ

§ 39. *Eoto 811 BEhopev v& eUpoopey Ti TaploTAvEL TO gupPoiov
1, &mou T a elvan oyeTikdg Tig &pifpog = 0.

"Av Sexfouey éTi ) Beuehicdng 1816Tng ToU ywvopévou dUo Bu- ;
véewov ToU ool &piBuot loylel kal dtav O elg &k TV ExBeTdv elvai

a—

&pynTikoS &piBude Y. & —1, B& Exwuey oo =o' i=at=1. |
AicapolvTes T& péAn Thc lodtnTos o«t.a—'=1 ik ToU o', elpi- |
OKOMEV & |
Kok & 3 ; 2 ol _s 1 3 A ‘
of’ Suoov TpoTOV EXOHEV Q= QT == Kl YEVIKGX
'x*i dmrou TO v TaptoTavel dképaiov kad BeTikdv &piBudv, TO Bk

a &hyeBpikdv =40, *Ex ToUTou 68nyocluevol Bibopev Tov EEfic Opiouov
Tfic onuacicas Suvdpews ut axépaiov ApUNTIKOV exBeTnv.

Avvapic tic dotduod (£0) ué énwdérmv dodévia dxégaiov
dovnrixndy dordudy, magiotdver xAdoua, Exov derduntiy udv v
wovdda, nagovouastny 8¢ v Svvaucy 1ol avtol dotduod, Exovoa
Exdérny tov dvriterov 10D doPévros.

1 1 1 i

Keord Taira elvan Smi= era e 5"-'_—--5; =
1)\ 1 1 1y 1 1
Byt (D) =
ks )l i
lMevikdde a1V =- 1_—‘ v oYETIKOC Sxépaiog &piBucs.

§ 40. Ai idiomnTes TGV Suvduewv ut kBérag BeTikoug kol AxE-
padoug dpiBupols dAndslouv Kol &TrodeikvUovTal EUKOAWS kol 6tav ol
#kBéTan elvan oieiBrtroTe dxépaiol gyeTixol &piBpoi.
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- X i 23 | 1
OUreo .y, Eyopey o =o' — ===
1 1
Q- = — ==( -
as o 0
. = [vl 1 1 1 \ vl | e vy
a o= Me —— 1 — — — oVl =aVl.oc Mi=ai¥I— W=a
(o ¢33 vy ot
1 ]

"Emriong Eyxopsv 61 (a.p)— M= BN — aviBTl &1Tou v . TTapi-

oT&VEL OXETIKOV &piBuov dxrépatov.

HapaTthpnoic. Merd Thv mapadoxnv ToV SUVGHEWY P&
&xfiTac GpvnTikole dkepaioug, 1) i816Tng ToU mnAikou Suo Suvauewy
ToU oot &pifuol pé Exbérag dxepaloug ioyUer wavToTe, &veu
oubsudic tEaupéoecwe (SnAadn kod otav O Exbirng ToU SixipeTeou
elven pikpdTepog &ard Tov ToU BroupéTou). OUTw Y. EXOUEV

L = [ & & = e
O —— — 0 —"
ar’ (= &
< i XS b 1 i R
QOpoiwe a o= ke o

‘Acgxnoslg

59. Né& elpeBolv & &aydueva T&Y kaTwb Buvdpewv:

T o e O I o T
1 1 1

. 1 I —a = 22 Iyt e s -

60. “Opoiws " TV : (—1) (—0,01) 5= o e

61. BtoaTe kaTwTipe Sou X=—=1,—2,—3 xai eUpeTe pt Ti loolvran T& E6x-

y » - v ; g [Ny = i 1\
yopsva TéV : ) 5X—t1-TX -3x—1 B9 (-37) -+ ( 2) —(--4—) :
62. Né& sUpebfi pé i loolvron Té: 27.2.20.2—2, 4-5-45, (_%)". (011)‘
63. ‘Ouolws TéV:
@) o ha—*.of.of () 28,9004 2 <5 O FR T ot i 5 5) (2ap)-*
€)X XY DX or) 554 1) Ga-2.p.y—ty—9—*(—202p)"
64. Elpere t&: ') 5.25-}-7.299.25.113.2% 11.2-3
B) 4.6°—5.(—6)*47(—6)*19.(—6)*}13.6* y") 5.2¢3.2°_7.25182"1112"
8 0,75.a0*—0,5a*—0,9a31-0,7a*-}-0,8a%—1,2a, Gtev o=5. :

65. Edpere 7&:

' ts g n 220 o T e T
a) 3243 p) 8L3 M gm0 o S8
s R T e
5 it L2 AN i i v
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MEPI ANIEOTHTQN METAZY IXETIKQN API@MON

§ 41. Tvepilopev (B Tiic 'Ap1BunTikiic), 611, &v Buo &pifuoi elvan
&vigol, T.X. of 5 kal 8 onuevouEy THY OXECIV TWV artiv pé 10 5(8
fj 8)5, 1| dmola ket dvigbng, TO 8¢ oUuPohov Tiic AVICOTTTOS
glvan 16 ( ) ). Tveopilouev &rriong, 61, &v elg &vicoug (BeTiKOUG) G-
Buoug TpocBicwyey iooug, 1) dviodTng SiaTnpeiTan. AexOHEVOl &1 7 1816-
Tne atrrhy foyel kai &rav & TpooTiBtuevog dp1Bpos elvan oXETIKOS, EXO-
uev, TTpooHETOVTES TOV ~ 5 ). elg Toug dlo dvigoug &piBuoug 5 kad 8,
81151 (—5)(84+(—5) A 0¢3. ’Edw elg Toug erroug &vicoug &pruboug
5 ko 8 TrpocBécwpey TOV —8, B Exwuev 54 (—8)(8+(—8) A —3(0.

*Ex TolUrrewv 68nyounevol opilopey, 611t To O elvar puixpdregoy
udy mavedg Peuxod dorduol, ueyaliregov 8¢ mavidg dpvnTixoU.

Kord TatTar, &v & oxeTikog &p1dudg o elvat BeTikds B cupPolri-
[oouev ToUTo pé )0, &v 8¢ To o elvan &pvnTikdg &piBude B cupPoli-
{eopev ToUTo pt o{0. Kora Todra efvon wavToTe | Y0,—1al{0.

§ 42. *Eoreo &1 Exouev v dwigdTnTa 5)0. *Edwv elg Toug avi-
couc 5 xal 0 wpoobéowuey T© (—7) T.X. eupiokouev 54+(—T7) )0+
(—7) i —2) —7. Ex Tolrou kal &AAwv Trapadery paTov &5myoupevol
Spilopev &7

‘Ex 860 doynuxdv dotdudy ueyalivregos elvar 6 dmodvTtwg
wingdrepos, Evd elvar yvwordv e, éx dvo Perindv upeyalvregog
elvar 6 dmoldrwe ueyalirepos.

§ 43. *Eorw OT1 ExouEv TV GvIoOTNTA 8)0. *E&w el ToUg &vi-
couc 8 kal 0 TpooBéccopey X, TOv —3, eUpiorouev
8+ (—3))0+(=3) A 5-3.
‘Opilopev Aoimov OTi mdlg Dewixds dotPudc elvar usyalivze-
eoc mavtdg dovnuixod Y. 5y —13, +0,3) —25.

§ 44. Neyouev OTi, oxerixds Tig dotPudg elvar peyalvtegos
udv dAdov, &v 1) Siapogd ToT devréoov dmd ToU FTE@W@TOV elvar Pe-
T}, uixpdtegos 08, v elvar dovnTix.

Karrd Toira, &v 8Uo oyeTikol &pifiuol a kal B elvan &vioot, kal ©
o peycAUTEpOS TOU P, OTUEIVOUEV THY OXETIV TNV OULPOAIKEK
ut a)p A P(x, 1) Omoix KoAeITan dviodTng kod ToTE 1) Siagopd a—P

Wneiomoir|Onke amé o lvotirouto ExnmaibeuTikng MoAmikig
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elvan BeTikdg &pdudg. Of &pibpoi akai Aéyovtan uédn hs dviooTn-
rog. MaparnpnTéov 8Tt &v a)P, 6 P elval uikpdTepog ToU @, ATol elvaa
Ba. A6t a—P=BeTikég, TO (B—a) = dpPVNTIKGG &pifpde. A TolTa
ol &vicdTnTee o)f kal B{a Aéyovran loodvvauor.

Korrd T° &veoTépw, SobévTtov dhyePpikdy apifudv Suvaueda va To-
TToleTowWHEY QUTOUS KT oEIp&Y, (aTE vé Paivouy &rd Tol pixpoTépoy
pde TOV peycAUTepdy Twv. Ty, &v Exoouev TOUS OYETIKOUS dp1Buolg
45, 3—3» 46, —T, —15, 4-%: 0, —1, —6, Eyouev TNV KATWTEPW TO-
oBtrnov arTév, TapaTnpolvTes 8Tt O WKpSTEPOS elvan & —15 kai &

seyohirepos Shaw & +6. —15(—T(—6(—1(— 2 (O0(+ 7 (+5(+6.
IAIOTHTEZ TON ANIZOTHTON

§ 45. “Eortwoav of dvicdtnres o(p rai y)5, Ote 8& Exoouev
koTd T& &ueoTépw a—P—BeTikdg &pibudc kol y—5=BeTikde &pBpde.

Maparnpoluey &T1, &pol a—P elvan Betikde dpiBucs, kol y—3
Spoiws BeTikdg, TO a—P-+y—38 & elven Beikdg, fiTol TO

(at+y)—(B+8)=0erikde. ‘Emopéveg elvon kol a+y)pP+-3.

Ex toUtwv émeton &11: " Edy el dvicovg dotduotc mpootéomwuey
dvicove, oUtwe date 6 ueyaldzegos va mooate?y eis Tov ueyalize-
ooy xal 6 mixgdregos el TOV wixpdTeQOY, 1) GVLGOTIG dearnoeival.

O%rw .x. &v Exwpev T —5) —12 kal —3) —10, mwpooBeTovTec
TOUC PEYOAUTEPOUG Kal TOUC UIKPOTEPOUS XWPITTY, eupiokopey :

—5—3—12—-10 f —8)—22

§ 46. "Eotw 611 Exouev oP, &te B elvon a—P=BeTixde. "Emeid
elven (aty)—(P+y)=N0eTixds, EmeTan 71, at+y)B+Yy.

*Hror: "Aw elc dvicovg cxetxovs dotduovs mpootéowuev tov
attoy oxetixdv dotPudv 1 dvicdrng draznoeivac.

E&v elvan o), y(8, 8x elvan a—y)P—5. Aot Exopev a—P—0eT1-
ko &p1fudg, 5—y=0eTikds &pifuce. AN elvan (o—P)+(8—y)=
BeTikdg GpiBudc=a—P+8—y=(a—y)—(P—58)=0eTkog &pifuds, Gpa
a—yp—8 mx. +5)-2, —9(—4 xal 4549214 § +1H+2

*Av 5o8olv duvicdTnTeg oXeTIKOY &pibfpdv .y, a)p, ¥)5, €,
)0 6& elven kai oaty+e+n)p+8-+1+6.

AéT elvon a—B=—=BeTixog Gpibudg, y—8—="0eTikog &pif., e—{—0e-

4
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50 N. Saznehrapionv

Tikdg &pifuds, N—8—0eTikde &mbude. *Apa (a—PB)-+ (y—3)+ (e—0)+
4 (n—0)=Betikds &p1Bude T o—Py—8-e—(—n—B=08eTixdc 7
a+y+etn—p—8—{—8=0etikde A} (ot-y+e+n)—(B-+8+{-+08)=6emr-
kéc, SnAadh otytetn)P+8+0+6. TLy. elvar 4550, +6)—15,
—8)—20, &pa +5-4+6+(—8)0+(—15)+(—20) #i +3)—35.

§ 47. "Eotw &Ti Eyopev o), Ote elvan o—P—BeTixde &pifuds.
*Av M0 kai ToARaTAaoidowiey T BUo ToUTa fox £l A, 8 Exeuey
(0—P) A=BeTikOg X BeT —=BeTikdg &piBude, ) oA—PA—=0eTikdg &p1Bude.
‘Etropéveas elvan aA)PBA.

*EoTe Towpa 611 elvat A{0. "Av T ioa a—P-—=6eTikde &pibuds, weA-
AorAaoidowpey £l TOV dpunTikdy A, B& eUpcopev (o—PB)A=0eTikdg X
dpv.=&pvnTiKdg ap18ude. ‘Emouévaag elvan ch—PA==&pv., fiTol a.A{P.A.

*Hroi: *Edav ta uély dvicétnros moAlanlacidowuey éxl dete-
oy ptv dordudv, B dvicdzng Suaznoecizar, &xl dovnrixov 42 dvri-
CTQEPETAL.

O¥rw & Thg dvicdrtnTtog —5)—8 €youev —5.43>—8.4, fiTol
—20)—32, &vdd & Tijc 6¢10 elpioxopev pé ToAAamAaciaouov e, —2
v 6.(—=2))10.(—2) f| —12)—20. "Av «(B, elvan o .[—A[]HB[—IAl]

Ex Thg &vewTép 1816TnTOS Exouey, 6T1: "Eav ta uédn dvicdrn-
roc mollanmdacidowuey dnl — 1, 1} @vicdzns dviioroépeTal.

.. & Tfic 3¢5 &youev 3.(—1))3)—=1) f} —3)—>.

§ 48. 'Edw elvon o) B& elvan kad )P, &v of arxad P elvea Getixol
&p1Buoi, T Bt u &képaiog BeTikds. TTpog Tolro TTaparTnpoUpey TTp&dTOov
&1, &v Exwpev app kad y)5, elven 8¢ of o, B, v, 5, BeTikol, B& elven kal
a.y)P.5. AdTi &pol elvar a)P kal y)B, G Exwopev 611 ¢

o—P=—0etT. &p1B. T o=P-+0eT. &p1O.
y—8=0¢eT. &p1B. fH y=0-Lfer. Gpib.

MoMamAaci&lovTee Tée TeheuTtadag lodmTag kara péAn, ebpi-
oKopev oy—P8+P.GeTikov+8.0eT.-+-BeT. < BeTikdv. AnAadr :

ay—P&—PeTixdc &pibuds. “Emropéveog elvan oy )PS.

Kard Tatra, &meidn elvan o)B, & Exopey KoTd T& GVWTEP &
x.c)B.p fi )P, ‘Opolwe elpiokopev )P kad yevikéde at)pr, (1)0)

E&v elvon o)P, O elven a—(P—¢, &v akal P elven Betikol &pr-
Buol, To B¢ p dxépouog BeTiKoG.
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"AlyeBeoa ("Exdooig AT 9 ik 4

AiéTi &got elvon ayP, &v TTOAATTACTIGTOHEY T& PEAT TaUTNG £

1 e o B oo __i L 5 e oy 4 ? iy
T eUpiowopev -5 >6-B i =2 Yo T {p—!. “Opolcwg eUpickopev
%P2, kai yevik®de o #(PY, (a)0).

OUrw Exouev, &v [a|)|Bl, 8 elvea |oflviH|B[lH! ke al=lei|B|= el
'Aoxmnoetrg

66. Acifare 871, 8&v T pEAn dvioénTos elvan dpiBpoi fetikol kad & Yydow-
pev els THY olrriyv Suvepy pé &GiTny &pvnTikdy, 1 &VicoTns &vmoTptpeTar. Tl oup-
Bafver, &v of &pifuol elvan &pvnmixof;

67. o') Asl€ore 671, 2&v elvan o], B elven kad au(l, &v 70 (0.

B") "Edw elven 0¢a(1, & elvan ak)l, &v 76 w(0,

v") "Edw stvar a1, 8& sfvea o =3 {a—(a—(a?{a{a*(a".
68. Ac{€arre BT, &v elven a)0 dAAE o1, 8& elvan kad a—H)a—*)a—!Haypat)al.
69. Né& stpefotv T& TnAlke kad Trola &visdTns cuvdiel alTd, T& TTPOKUTITOVTA

ik Sicnpéoews THY peAdv Tis —8)—23 81 2, - 5’ —0, 58.

70. N& elpsbf) 81 Tivas Tipds tob ¥ loybouwv ol
—5%%30, 3x¢39, (-3).(—2).x)—4, 8.(-22).
71. Né& edpedy Tivas Tiuds Trpémel va £xn 1o ¥, fva loxin f dvigdrns

= 2. 06 a2 a3 <1°04v( ?'rom (= 2. (0,4).(~0,2
v e X{—32, —0,8(—3)-x(120. = (—=) .0, .-x\(—g(.-)-(f 2)

Mepilnprg steorexonévoy Kegalaliov I.

‘Ogiouds tiis ~AdyéBoas Zdufola
kai oUvTouoc foTopikn &miokd-  + (ouv ) xal) TpooBéoecg
moic oUtiic (Sidkpioic TPV  — (TAM|V) GQAIPECTEWS
TEPIdBwY GvaTTTUEEWS TTiG AN- -} ofjua T wpoonuov BeTik. dpifiuol
yiPpac: TrepioBog vyrootxi), ovy-  — ofjpa T) Tpoonuov &pv. &piBuol
xexonévy, ovpfolix)). lal &mrdAuTog Tt dAy. dpifuol a.
Aiépavros “EAAny padn- | —feTiKOG &p1Buog
patixds (4dov aidva n. X.), 6 —ja —GpunTIKOG &p1Buds
deusiicotns tic “Alyéfoac. — foov, # Bixgopov
BeTikol kal dpvnTikol Gpt- + =4, ——=+4, +—=-—

Buoi, lal BeTikde, —|al dpvnTikde. e B T e
‘Opiouog SAyePpixdv foxe- +At =+, —— =+, f—=—

TIKGV Gp1Bpdv (TO oUvolov TGV — ek =—

Berik®dv, Gpvnmik@dy kal 16 0). ‘4=, ——=4, fi—=—
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52 N. Zaxellapiov

“Opioude adpoiouaros dlyefoindv dotdtudv. ‘Idiétnres g
mpootécews.

1) at-p—pta, 2); actPry o Rt SEe =
3) a+-P+y+8=(3+p)+y+o=.. 4) at+(B+y)+d=atp+r+b5.
‘O doroude tiic dpaipéoewe dAyefoixnot dovPPuod B dmo &A-
lov @, iTol B, O—0=—a.
*Axolovdia dvo ovufdleory - | — : & evar T& alTa = +,

&v dvrifera = —.

‘Opiopds dAyePpikol &bpofoparog o—(+B)—(+y)—(—8)=
=a—P—y-+5.

ToUro TpémeTen el &Bpoioua AyePpik@dy &pifpév a—p—y 0=
=+ B HCED )

AV SAyePpikdv &Bpoioua foxUouv al i8i1éTnTes THic TTpoohécew.
Znpooia TapsvBioswe f dykUAng pE TpooBetéous fvTog T

o (B—y+8)—c—p-+y—B—a-+(—P+y—B).

Hollandaciacuds ddo dlyeBoindy dpidudv. To ywvduevow
dto duooiuwy eivar Ferinov. To yivéuevov dvo éregoorucmy elvar
dovnrindy. ‘I8i6tntec 10D yrvouévov dldyefoixdv dgtPudv.

1) a. B=P.a (vdpoc Tiic dNAayfic Tiig Béoewg TGV TapayovTwy)

2) (oc+-p+y)p=—cp+Ppt+yp (fmuepioTinog vopog).

3) aBy.8=(aP).y&=(xy)PS. 4) o.(Py).5—apys.

a.0=0.0—0, a.l=a, a(—1)=—o.
Avaigeoig dAyefoinot doituod a 8¢ dAdov B (=)= p= %

To mndixov duocriuwy dlycfoindy dordPudv elvar Perxdv,
10 nmAixov Erepooriuwy elvar dovnTixor.
Awaipeoic dua tot O givar édvvaroc.
‘Opiouds dvvduewc alyefoirnot dotPuod.
adbl=a.a....x, || TopayovTag
o—lel— &-3—;'. ot .af = aftY, W, v dAyePpikol dxépaiol c'xplguoi
=1 (os£0), ‘o= (=1 =1I1, - (—=1l)y+r——_1,
(—1) =*1 (+&v v &pTiog, —&v v MEPITTOS)
o :af =atY, u, v &AyePpikol dxépaiol.
*Avigétnrec uerakd dlyefoixdv dordudv.
)0, = —|ai(0, &v «—P)0, WP, &v a)B, ¥) TOTE axtY)P+S,
&v )P, TOTE —a{—P, v )P, cADBAl, & a)B, c.(—ADLR.(—IA]D.
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MEPI AATEBPIKON MAPAXTAIEQN

§ 49. *AdyeBoinn nagdotacis xedeizat td ovvolov dorPudy
5 yoauudrwy (xenciuomotovuévay Hmo T *AAyéfoag mpds ma-
pdotacity dotPudy # mocomjrwy) i detPudy xal yoauudriwy ovy-
dcouévowy ud dlyefoixa cvufola rdv medEewy.

*E&v Sofolv of &AyePpikol (yevikol) &piuol m.x. @, B, ¥, kol
TrpooTeBolv of o xad B, eic 58 T &fpoiopa TouTwy TpooTed oy, Ba
Exousy (g yvewoTdv) Eforydpsvov (oi-B)+y, TO omolov Afyetan
ki ddyeBoixds rvmos.

E&v &mo 1O &Bpoicua TéV o xai P &popedf) 6 v, 8& Exwpev
(c+B)—y, TO Omoiov &miong koAeiTon dAyePpikdg TUTOS.

To a—(B—y) Aéyetan ddyeBoixds thmos, pavepwver Bt STl &rd
Tov &pifudv o B &ponpedf) 7 Siaxgopd P—y.

.. T &bpoiopa o+ TaPICTAVOLEV TUVTONWG e TOV &A-

yePpikoy TUTrOV 3a. ‘Ouoiwe ypdgouev émiong oto.....fo=la
p TpoafeTéon
¥ e gtk a x a a 5
1668 (—a) (—a) (—)....(—) =V, TO—5—F5—5—3 3= 3°

v TrpoofeTiol

T& Sidgopa cUuPoia, T& Strola peTayeipi{opeda eic Ty "Alye-
Poav Si& v& TTapacTHCwWUEY TO Trpdonuov évog dpibuoy, 10 owv (+)
A T TARY (—), T ywdpsvov (.), TO TmAikov (i), TO &Bpoioua (+)i
v Siapopdy (—), Thv TeTpaywvikiy pilav (V) &pifudv, 10 foov
(=), 16 Bidgopov (7#), TO peycAUTEpOV ()) x.A.r. koAoUuev ddye-
Bowxa cvufola.

Orew dAyePpixai TapaoTéos elvan ai : (), 6a+p—8y,
g2 S Bt o+-B—(y+5), (—5—3):6-+13—20, 6o —a

Ex ToUTwv ) oc+-P eavepdvel Tov &piBudv, 6 oTroiog TPOKUTITEL,
Ev gic TOV « TrpooTedd & P. “H a+-P—(y+8) pavepcvel TOV &pibudy, &
&trolog TrpokUTrTE! £ elg TOV & TrpooTed] 6 P kol &o T6 &fporoua a+-p
&oaipedi] T y+38. *H TapdoTacic o TapioTaver Tov ApIBudY o, KATE.
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54 N. Zaxellapiov

§ 50. Alo dAyePBpikal TopacTdosg AfyovTal {codvvauot, t&v
TpokUTrT 1) pia &md THy &AAnY Sid Thg Epapuoynic Tév iBioTiTov
Ty mwpafewv. OUtw Ty, al a*+af kai a(o+PB) slvanr ioodlvapor.
Aiém, &v eic THy Seutépav EkTeAtowpey TOV TTOAAGTAGTIACPOY ToU o
gl 16 (a+Pp), evplokopsy Ty TpdTv o'+aoff, drlong al atP xai
P+a elvan looBbvapol. Thv lodtnta SlUo icobuvapwy &hyePpikédv
TAPAOTAOEWY KaAOUUEY Tavidinra Kol onueicovopey oUThv vioTe
kol pE TO oUpPorov = miféuevov petafl T&V lcoduvapwy TapacTé-
cewv T.X. +ap=a(ai-p), «+P=Pp-ta, dmwayytAAopev & olrw, o
ouv aff igoBuvapov ToU o &ml a ouv B, 16 o oUv B icodlvapov ToU
B ov a. ;

EIAH AATEBPIKQN TMAPAITAIEQN

§ 51. *AAyePpixn) TapdoTacig Aéyetan pnE*, fav Emwl oUbsvdg
TGV ypauudTwy TN gval onueiwpévn pila Tic. Kabdg ot :

= L2 D X 1
a' e _,q ] T T T .
3ay 3, ¥ p 3Vi3 o
MapaoTaocic dhyePpikn AéyeTan &penros®, fav Bev elvan pnTh.
Mx. o a—%\rg, a—\ o.B, 6\ x+y slven TapacTaoeig dppnTol.
‘ANyeBpikny TrapdoTacic AEyeETon dxsgaia, £&v Bév mepiéyn Siai-
peotv 81° &vdg N Kal TTEPICTOTEPWV TAV YPXUUATWY TNG, T.X. ol Tra-
PACTAOEIS o+, Bo'— —z—or’ﬁm:y, %uf AfyovTon dxEpanat.
Klaopuarinn AMyetan pia pnTh Tapdotaois GAYeBpIkT], &v Tepl-
éxn Sixipeow ToUAdyioTov 81' vog TRV ypaupdTwv TNG, . Y. of
B T @ 12a*—B 32, P? a} - ot
aTwTEpR: 5o e i . =
Ayovton xdacuatinal # dlysfoixa xddouaza, EMEIdT) 1| TpWTN
TepiEyel Biadpeciv Bik ToU P, 7) BeuTépa ik ToU o-P, 7 TpiTn ik
TOU & K.O.K.

‘AocnfoetLg

72. Tives & TV kdrwhi TapacTacewy elvan prTal; GppnTol; Sxépoiat; KAX-
ouaTikal;  Alari;

o) 9op—ap’ B) V28ap ¥") BY x9—9c 5) § + b

* Elg Tov BedBopov tov Kupnvalov desidovtar al dvopaoion pnprs, depnros.
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73. Al mapoxoTdosis o) Ver B V(aFP)? ¥') 7,_}’ elvar prad §
v &
&ppnTot ; Aari; &) Elpere mapaoTtdoeis, of dmoicn gaivopevikdis elven &pprytol.
74. Al xarwTépw Tapactdoss elvan dxépaton T xAacuamikal; Awori;
9ap 8 16a(c—p)* ¥) GY—)L“-’-'- 8 s
S5« («—PB) SyX-¥* ap

MNEPI MONQNYMON

§ 52. Movavvuov Aéyerar dAysBoixn magdotacis, &lg v
drcolay otite modoPeoic ofite dpalipecic cVPloOXETAL TNUELOUEYVT).

M.x. ol wapaoTdoeg: «, —6xY?, ;cx*ﬁ.}/.& _58)?[;
AfyovUTOn HOVEOVULCL.

*Axépatov AéyeTan Ev UOVOVULOVY, EQV HOVOV TTOAACTTAQCIOCHOV
¢ TV ypaupdTwy Tou Tepiéxn. "Edv 8¢ mepigxn kai Siaipeoiv ToU-
AdyioTov B’ Evds T@®V YPaMMATOV TOU, AfyeTal xdacuarixndy HOVe-
yupov. O0ro £k TV QuwTipw Hovovldmy Ta pev Tpia TpdTa evat
&xépouc, TO 8& TeAeuTaiov KAQTUCTIKOV.

Prnzdv AéyeTan Ev povdovupov &v bév Exn pilav &g év ToUAGy1oTOV

3a2p

TV ypoapudTowv Tou. OUTtw Ta 5 \ 5P elvan pnTdt povdvupa.
¥ Aponrov Afyetcn v povovupov, &v Btv elvaa pnTow.
*Edv eic 16 povavupov Umdpyn &pi@unTIKOG TIC Tapdywy, Ypa-
geTan oUTog TpdTos Kal Aéyetan (decdunsixdg) ovviedsorrs 10U po-

veoviuou. OUTe eic T& dvwTépe HovOVUNX O CUVTEAESTOL KXTX OFl-

N 5 3 8
pav elven oi: s T

To &AAo pépog ToU povevUpou dUvaTton va AEyeTal xvigLov Jro-
gov aUroU, elvan 8% olrd elg T& dvwTiped UOVGVUPG KOTA OElpAv
(s

oy Xus, Payls; ‘72.

Eic t& povovupa, 7a (@ouvopeviki®dg) pn Exovta (&pifunTikdv)

ouvTEAESTTYY, Evvooupev TotoUTtov Tov +1 1} —1. Tly. ol a (&pifun-

TikdS) ouvteAsoTig elvan +1, 81611 6  dlvaran va ypaef) l.a, &
Tot — o elvan & —1, &maidn yphoeTtan —l.a.

“Av  Umrdpyouv TepioooTepol ToU &vdg apidunTikol TrapdryovTeg

glc &v povavupov, &vTIKGBIOTEUEY QUTOUC UE TO YIVOUEVeV TV, TO
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&molov ypdoetan dog Tp@ToC TTapdnywy auTou Kai elvan & &piBunTikog

ovuvTeheaThg ToU povewvipou. OUtw &v Exwuey —op % ¥, Yypdapouev
(—1). g— By | — % Py* xad 6 — ; glvan 6dp16;m'm<6c OUVTEAE-
oTNC TOU HOVGVULOU TOUTOU.

KeoAoUpev cuvteAsoThv £v0g ypduuaTos (1) ToU yIvopévou Trepio-
OOTEPLY TEPAYOVTWY HOVWYUNOU) TO YivOuevov TEV SAAWY Trapa-
yovTwy aUrol m.y. €g TO ofy?, ouvTeAeoTi|c ToU X* €lvan © of, €ig
T6 —3a’PXy ouvTeAsoTig ToU Yy slvanr 16 —3aP.

Avo povevupa AéyovTal dyviideta, &v Sicpépouv HOVOV KOTa TO
ofjue TGV (&p1BunTIKGY) ouvTEAscTGY alT®v, ¢ Ta 25af kod —25ar.

Batuoc dregaiov pwovwviuov g meog Ev yoduua tov xalei-
tat 6 &xPétng, tov drolov ExeL 10 yodupua toito £ic TO HOVO YV UOV.

T.y.ToU 7a*B & Pabudg g wpog 6 o elvan 3, dog wpos 10 B o 1,
TOU %cx’[é‘-‘y S Pafude dog Tpdg 16 « elven 3, dg Tpos TO B 6 2, kad g
Tpos 1O Y 6 L.

Eawv &v povcovupov Btv TrepiEXT. yYpduuo Ti, B& Afycouev oT1 6
Babuds Tou dxg Tpde TO ypdupa avto eivan 0. TLy. 76 povevupov 3a?
elvan 0 Pabuol dog Trpde 16 P. Adm Suvdpela va ypdapwuey avti ToU
30 16 3P, Emerdn) elvan Pr=1. Kad 16 évm, elven 3o?pr=—=3c.1=3cc.

Batuodc dregaiov povoviuov g meds wegtocotega tol Evoc
yoduuatd tov Aéyerar 1o &Pporocua TdV Exderdv, TOVs Omoiovs
Eyovv 1a yoduuata avid elc T0 HOVAOVVUOYV.

T.x. TO povevupov %u?ﬁ".y elvon TépTrTou PaBuol  dog TTpog

T& ypéppaTa a Kai B, TetdpTou Pabuol d¢ poc Ta P kai 'y, TpiTou
¢ TpoE T& a Kol y Kal EKTou ¢ TR T @, B, Y-

'Aocnnoeie

75. EUpete ToV ouvTeAsoTHY Kol TO kUpIlov TTOgoV iK&oTOU TGV kaTw povio-

VTNV

«) 3aapr B) — Saps y)—a 8) —3xw*
g 4 ; 8 : :

g) 2x2 cr‘l')--'g}(J Q)—-%— n) 0.Lx?

8) —4,56yx* 1) — % a? ') — -g— a5p. (—8)p?
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76. ‘Opoiws Tov (GpiBunTixdy) ouvTeAeoTHv TV k&Twd, Kabds kol TOV ouv-
TeEAeoTNV TOU &, ToU X3, Tou PB2:
SR : X : 21 = ; Tk,
a’) — —_ = —_ X i £') —ap?
77. "Oupoiws Thv kaTwd!, Tov (dp1BunTikOV) cuvTeEAsoTnV Kal TOV cuvTEA:-
g1V ToU a, Tou ¥, ToU P, ToU W, Tol x*:

«) 24y P)—25x6p ¥) - ; WDy 8) i:ﬁf
, 4)( : 5” e 2 ; 3 I 2
=2 e oT’) — \: §)— —Sx-.(_ ?3')“? “)ix'(“é)-(:"ﬂx)

78. Tivos PabuoU slven kafiv Ty kdmwd poveovinwy of Tpds & s Tpog P,
G5 TTPoS Y, WS TPos @ kai B, s Tpos a, B, ¥;

a') 15a?By* B") 121cepzy ¥') —24apiyt &) —13aBryt

79. ‘Opioate Tola &k TOV &vwTipw povwvipwy TV Gokfoswv 17, elvan
&xépana kal Oploare Tivos Badpol elvan kadév: a’) s tpods o, B') dos Tpos B, ¥') s
Tpds X, O') s Tpos y, €') cos Tpos akal B, oT’) dos wpds X xal Y.

OMOIA MONQONYMA

§ 53. AYo 7} megtoodrega uovidvvua Aéyoviar Suota, dav Exovy

3 avrd xVotov mocdv, diapégovy 02 xard zovs (dordunrixovs)
- p : : 2
cvviedectds Ty (Av diapépovy). OUTw Ta povevupa 6(1,-_7(1,—23&
elvan Suoia, dog BropepovTa povov kora Toug (GpifunTikoUs) ouvTeAs-
. e . 39 g T -

oT1ég Twv. 'ETriong t&t — 5'7'5' 6B, —17B, elven Spoia, Bix TOV Q-
Tov Adyov, kaBog kal Tax 12aB, —15aB, 23aP, —aP, g ExovTa TO
a’TO KUplov Trooov o,

Movavvua Aéyovrar Suota s meos Ev 1 megioodtega yodu-
pata avrdy, v Exovy Td yoduuara tavta ué rovs avtovg ntézas.

OUrw T& povewvupa SaBy,—6apd?, 18apd elvon Spoia dog Tpag
T& ypdupoTa oUTOY o Kai B.

APOZOEZIE MONONYMON

§ 54. KohoUpev ddgocoua Bobéivrwv povevipmy (i kal &Aye-
Bpikdv TTopacTAcEwy) TV GAYePpIxnv TapacTacty, f| émoia mpo-
KUTrTEl, OTaV Ypdywpey T& doftvta povavupa (f) Tag Sobeioas Tapa-
oT&oEg) TO Ev Trapd To GAAo, kab) v ué TO Tpd acUTol ofjua.
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Olrreo 1) Tpocheoic TGV Uovwvupwy 4o, —15p2,

Bpoiopa 1O 4ar—15p* - :?»

; 8i8e1 g &-

<o

‘H 1rp&fic p& Thv dmolav elpioxopey To dlpoiopax TV &v Adyw
povewvuwy () dAyePpkdY TTapaoTaoewy) AéyeTan gdodeots cUTAV.

§ 55. To ddgoioua SoPéviwv duoiwy pwoveviuwy elvatr uo-
véovupoy Gupotov mpdg avrd, Exov cvvredAecTny 10 dAysfoixdy
ddpoLopa @Y cvvrelestdy t@v Sotévicw.

*Eotes m.x. 611 {nrolpev 10 &fpotopa T&W OUOIWY HOVGVUHY
3a kal 4a. TMapornpolpey 611 ToUto elvar 16 3at4a, TO Smolov—
e f3--1-—4)c: AT, &v ékTeEMfowpsy TOV TOAAXTTAQOIGOUOV ToUTOoV

£

{(xarrcr ToV cmucplc'm-cou vopov), eupiokousy (3+4-4)a=3a+4a. "Etiong

o—130=(—3+4+ E———13)cx. Kad, émre1dn elvan

Laf ko
LV

Eyopev .Y, —3a+f-4a--

(1<

34442 13——12+

— — =% EmeTon OTI EYOuEV TO

a.

W
Wl

gEaryopevoy TO —-

e % 5 .
To &fpoiopa T.X. TRV — Fa* ot 4o, ~To* elven
3 5 : p G e 1Y \ o
— F s o = = T ———2 At x = =
TS dot-—iat—{— 5 3 Jor={—= ) S

‘Opoiwg Exopev TO &lpolopa Tr.X. ;

= ey=45X Y-

Ko Suotov Tpdmrov eUpioxopev &mi TO dfpoicpa T@v duoicw
poveowipey  +20p,  —6cp,  +13ap, —op  elven:
2a?p — 6P+ 13aPp—a’p— (2—6 L13—1)o2p — 8P
‘H dveoTépw TpaEIc peTafU TGV SUOIWY POVWVUHMWY, WE TTiv oTreiaw
dvrikaBioTovtar oUTa pE &v ToloUtov, icov pE TO &lpoloud Twv,
KOAEITOl dvaywyn Suolwy Uovovvuwy.

‘Aoxmnoetrg

80. N& ebpefotv T& EEerydpeva Tow kdTwh wpaewy:
N

o) 9 T‘f'i‘ B —10u-+(—6u) y') --4u-t-6u &) Sp4-(—9%)
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£) Batat9a o1) p—Tp-(6p—3p) T) TxA4-(=8x)4-6x-+x

n’) 9ai(—6a+ta) S = ek [ - ox L0y
81. EUpere Td £oryduevov woov:
a’) 3—5x*-8y" 3" BY) door*—A4Py*—Syx*
Y") 3Py’ —2a* By —6a’Py 87) dxwi—Sx w3y — 10y 'y

L v )
€) 5 X3ax — 5 a2 toxt oo

82. ExteAéoaTe THY dvaywynv petafl Tév duciwv povewipwmy &k T&v k&Twb
kal eUpete 70 &Bpoloud Twv:

3 3 3 5
o HEsia N TSR 9. g? T — S = = 250°
o G g 1 g P 1,75%, —8 g ¥ 5 13 X 1, 125y, —0,25x"y, 0,625¢°,

83) Na yivn 7| dvaywyr) perafl Tdv éuoiwy povevupmy &k TV kdmwii:
a’) 3«B, —8xw!, 3a’B, 32xy®, 0,35«7B, —0,25xy*, —0,5B,
B) 30wy, —24a*Psy, l6yw?, —123apdy, —0,75«By,
y') —6u0*Py, 12a2By, —ToBy, —3,6a'Py, 0,3aBy, 7,5aPy.

APIOMHTIKH TIMH AATEBPIKHE MAPAITAILEQL

§ 56. KoAoUusv dotduntxny wuny SGAYEBpIKIG TapaoTdoEwg
& Earydpevor TO TrpokUTITOY, &V TA i TNV TapaoTaoy UTapyovTa
yp&upoTa AVTIKOTOOTIowUEY pE dpifpolc dpiouévous kal EkTeEAETw-
pev Tag Trpagelg, ol omolanl onusiobvTan elg alTv.

(“YmoTiferen 11 ol Twad T&V ypapudTwy 8& elvor TodTan,
@oTeE & PEV TTOPOVOPAOTIG Tig TTXPUCTACEWS, £V EYn ToloUTov, va
pf AcuPdun THy Tignv undév, f| 8¢ Umo TV TeTpaywvikny pilav
ToooTnS v& Acupdvn Tiuny GeTikny).

Otrrew, 2av slvan o=3, 1 TapacTaocic 4a eyel Ty Ty 4.3=12,

‘H mapdoTaoic o =a.a.a.a., 6Tav a=3, £yl Thv Ty 3.3.3.3=81.

*Edqw elven a=5,p=6,y=1, 1} TopdoTaoig %G.@.Y EYEL TNV TIURY
9
i 5.6.7=135:

*Eqv elvan o= —2, B=I1, y=5, 1) mopacTaols 3of-2y—5pB Exel
v nipny 3(—2)*+2.5—5.1=124+10—-5=17.

*Edw elven x=2, y=3, w=4, 1) TapdoTacic !%(ww Eyel THy TPV
g9 3.
3444 T 97
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Avo &AyePpixed TapaoTéoels Igoddvauor BiSouv Tooug &p1-
Buovc, 8TV T& ypdupoTd Twy AvTiKaTaoTatoUv pd Tag oUTag, GAAS
STTOIC BT TTOTE TIHAS. é

.. al a+p kol P+a elvan igodUvapol TapACTATEIS xai SiSowv
Toouc &piBuols &v Tebf T.x. a=4 B—=—5, &Te at-p—=1-5=—4—=—5+1.

'Aonwnoerg

84. Né& supefolv T& EEorydueva TV kérabi pagecov kod ol Tipad Si1& Tas on-
LEIOUHEVES TINGS TGV YPOHPETWV:

o) —6x+ Ty (3%, &row elvan =3, W =4

B) —9x+(—Tw)+(—39)4-(—6x), STav elvan ¥=3, y=—=—4

85) N& elpebij &p1IBRNTIKT TIPT TGV TTOPACTACEWV:

o) a?—6a?Pp-p2, Stav elven a=2, P=H6.

B (0*22532}376)1 &taw elvat o=2, P=>1.

86. N& eUpedfj 1| &pifpnTik) T TAV TOPATTATEV:

a’) (B[ e®—(B*—b6ay) ], &rav even o— —5, p=2, y=—=—3
B") V od —2p—4y—2\ 4+ P.(aty), STav elven a=9, B—=—4, y=3

87. *Eav Tebfj o(X)==3% , v& Beryfi &1 eivan 9(2).9(2)=0(6)

88. ’Edv 1ed o () )—=4>-L4x—3 ko w(x)==9(x-+8), Beifarre T e(5)=y(3)

89. 'E&v o(% W Z)=(x+wtz)(X+v—2) (X—y—z), Beifave &T1:
(0, 1, 2)1¢(0, —1-2)=0.

MEPI MOAYQNYMON

§ 57. KaloDuev molvidvvuov o ddyefoixov d¥gotoua povw-
viuwy (ta dnoia 82v elvar ndvra Suoia).

Tlx. T 3?{—5 -i—SU:u-—E’;-'; 115 elven roAucovupov ki elven &Bpor-
gpa TGV POVOVUHGY 3‘%}3, 50:‘—6;;: 15

"Ev TroAucbvupov AéyeTon gnedy, &dv ExaoTov TV TrpoceTewv
Tou povewpwy slvar prTov.

* Axéoaioy AéyeTcn &v TroAu@vUpo, tav GAol of TTpoofeTEol Tou
elvan dxépaia povéovupa. “Agentov AgyeTon & TToAUVUHOY, &V Tou-
AdyioTov glg TéY Trpoctetéwv Tou elvar povavupov &ppnTov, kod
Tého¢ xAacuarixdoy Adyetan, v ToUAdyioTov el T®V TpoodeTiwv
Tou elvan KAQOUOTIKOY HOVVUNOU.
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Olrw 10 3a’+-5afy—13y* Aéyeran dxépaiov ToAudvupoy, elval
8¢ &bpoiopa TGV povawvupwy @ 3, Safy, —13y%.

R RAR TS I e SO0 ; : :
To TXvt+ 3 =i 3W-T6 AEYETOL PTTOV TTOAUWVULOV.
3
To V x+4x—6\ x—7 Aéystan &ppnrov ToAUbwLOV.
. . 3 3 B , : ;
Quolwe 6 — T g e il \x? —T AeyeTa KAQOPQTIKOV TTOAU-

vupov.

“ExaoTov povévupov ToAuwwipou Aéyetal Kol fgog avTol, 8U-
varan 8¢ elg dpog va elvan dp1Bude Tic dAyePpikds.

Elg ToloUrog Spog Slvaral va Umotehf] 611 Exel ypdupora koi
kaftv pe &x@Erny pndév ) va BecwpnBf ¢ povavupov Bobuol 0 dg
wpdg olabnmoTe ypduuoTa.

“Opoc TroAuwvUpou Aéyston ouvhBowg BeTikdg pév, éav Eym &pi-
BunTikov cuvteAsoTnv BeTikdy, KpunTikdg B€, EQv EXT) GPVNTIKOV &pt-
Sunmixdv ocuvTeEAsoTrv.

TToAucovupoy dképaiov Afyeton duddvupoy Lév, éav £y Blo Gpoug,
kafdg T& a+P, o-+P?, X-+6, rotdvvpov B, Eav & Tpel Gpoug,
koBodg T X +AX—8, a+p—y, oa*+2ap+Pp.

§ 58. AobBévrog drepaiou TTOAUWVUHOU, KoAoUVTOL Suotor dgou
TG OUOIX HOVWVULS oUTOU.

AofBévTog dxepaiou TToAvwvUpoy pé dupoioug Spoug, Suvduela v’
dvTIKaTOXOTHOWUEY aUToUc pE TO dAyePpixdv &lpolopd Twv. OUrte
.. &lg TO dxépaiov ToAumvupov 6oyt % oyt —2a* y—y' —Toy® +

- B : e . .
a’y* of dpol 6oy?, 5O, —Tony*  elven dporor kai Exouv dAyePpikdv
- T8 2 s > :
abpoloua (6—;— 5 —7)Crkp’==— = oy’ "AvtikaBioTduey Aormov elg
. Sl SECTre .. o 2
TO Softv TroAudvupoy ToUg Tpeig Spoious Spouc Tou uE TO — < oy
~ : ety ; 2 '
ko Exopev &vtl ToU SofévTog TO dxépatov TrOAULVULOY — = oy —2a'y

—pf+2ay? TO Omrolov AfyeTan dvnyuévor TroAuvULOY ToU SobévToc
kol elvon {goBuvapov alrol.

Trv looduvapiav cupPolilopev dvioTe kal pé 76 = (oUpBolov
Tiic TauTdTNnTog) fiTol BfToUEV:
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e :
Bony-|- 5 o —Tonpt—yi—T oy - 20t yi=— % o — 2o y—yt 200y
‘Opofoog Eyouev .X- SXIW- X — 3P 23 S P Y2 Y=

(142)x'+ 3+ 1Y+ (5= W=3x" I3 v—TXV

§ 59. Badudc dregaiov molvwviuov dg mods Ev yoduua Tov
Aéyerar 6 uéyicroc t@v Exderd®dv, Tovg dmolovs ExEL 7O yoduuo
rodito elc rovg Sgove tod molvwyduov. 'Edv & &Berng oUTtog elvan
1, 2, 3 16 TohuGVULCY AEYETOL tpdiTov, 6eUTéQon, TRLTOV. .. PaPuov
ée Tpde T ypdupa Tolrre. Ofrw 16 3ot—SaBy—12y° elvan BeuTe-
pou BaBuol dx Tpds & xal TpiTou dg TROS Y, TRWTOU 5t dog Trpog B.

Badudc dxepaiov molvwivuov dg meds Ovo, zoia... yodi-
pazo avtod xaldeiral 6 uéyisros TV BaPudv 1@y povwviuwy Tov
¢ mpdc T yodpuata TavTa.

OFrw T 3y —2xy-+2x—7 elven Beutépou Pabiuou &¢ TPOg T
X kai y. T Sae—3apy-13By elvan TeTdpTou Paduol ¢ PG «,
B, y xal TpiTou dog TrpoE B, Y-

"Eore TO &xépatov ToAudvupov 8x-4x+-16. “Eav Y Ay mouEy
airrd, doe ol xbéTan ToU ypdupaTos X vé& Paivouy aifavopevor &rd
8pou el Bpov EnAadi) & EETS 16-+-8y-+x*, Aéyouev 6Tt TO TTOAUVUOV
rotrto elvan Starerayuévov xaza tag dviovoag dvvdusis To¥ yod -
uazog x. ‘Opolwg v yplyowpev aUTé, doTe of &kbiron Tol ¥ va
Baivouv EAaTTOUMEVOL &md Gpov elc Spov, SnAadr obTw: X +8x-+16,
Aéyopev, éT1 TOUTO elvon drarerayuévov nazé tds xattoveag Ou-
véuectg ToU YyoAUUOTOS X-

*Ev yéver év TroAucvupoy divaral va Siorak87), ©¢ TO dvwTEpw,
ket T GvioUoas A kariouoog Suvdpeg vde yp&upaTos aUTol.

‘AocxnMOELG

90. Té xéroabt ToAudvupe Tivos Pabpol elvan éx Tpds o, 6 TPoOs X; &8
Trpos a kal x; AwaTafaTe atrré kord Tés dviovoas Buvapels ToU o kai TAS KATIOU-
gos ToU ¥ METG TGS SuvaTds avay ey ds.

o)  Boeyi—Goyt—2Bay 427y —54ady -9t y?
By 33—« {-7(:",(_"—‘;—27&')(—}0,7&)(‘——O,?c('fx‘u oty
2

1
v 16t} '5*»1):"'-%—150(":4 +To0 —Te—Torty - ety ' —11latye

’ 5 9 { 5 _]_3 B 5 2apd_L 6 3
&) ~20'X-7_5X_"TIBH‘X‘ c‘-z—cx)\ —+6ot.
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MPAZEIL ERl TON MOAYQNYMON

NMPOIGEIIX NMOAYOQONYMQON

§ 60. Kalotuey dgoroua Sodéviwy molvoviuwy 0 mo-
Avdvvuov zé Exov dc Spovg tovc Spove rdv dodéviwy mal Exa-

CTOY UE TO CGTjuC TOU.

To &Bpoioua .y, TGV 32ay+p*+6-4of ki —B*—8+2a'+2ay,

TO oTrolov TraploTdvopey kol g &g
(Box+p*+6-+4ot) - (—p*—8+2or +-2a7y)
elvanr 10 moAudvupoy 3atyP-6--a—Pi—8-+ 2ok 420y,

"Ere1&n 8¢ Uirapyouv Suoiol Spot elg TO E€aryduevov TolTo, kTe-
AoUvTeg TNV Gverywyfiv atidy, suplokopev E§aryduevoy T6 Say 3o —2.

‘H mwpatic pt v dmoiav epiokopey TO &poiopa Sobévrwy TToAu-
wvipwy Afyetal modotecis cUTOV.

‘Ouoiwg sUpiokopsy TO &bpolopa kol TEplogoTEpwy TRV Blo
ToAVaVUpwY (T& omola Trpdg eUkoAiav Umobéropev dvnypéva) ex-

TeEAoUpsy 8¢ duaywynv TV opoiwy épwv elg TO EEayodpevov, é&v
Utrdpyouv TotoUTol.

Zuvnifeg, Stav TrpdreiTon va slpwuer TO dpoiopa (Gumypévoov)
TTOAVWVUHWY, &ydvtov petall Twvy ouoiovs Gpoug, ypdQousy T &v
k&Twblev ToU &AAov, GoTe of uolot dpot vd eUplokwvTan elg THy olThy
onAny (kb Socv ToUro elven SuvaTov) Sid va elKOAUVETAI 1) Gvery Y
TouTwv. OUta Y. &&v (nTolpey TO &fpoicua TGV TOAUWWINWY:

Sai—4aP?+-8x'B—TaP y*+ 2 Bry--y?
2cBry -6 —1 20 B+ 20 Br—aP iy —3y*
—2ai— 6P 9 Bry—12a B+ aPty™—Ty
Yp&oopsy TrpddTov oTa ¢ EEAC:
S5+ 8a'B— 4aiPr+2aBty—Tapiy*+ v
6o’—12a'B+ 200p-L2aPiy— oty —3y°
—2c— 6a'B—12cf*-9a Byt aPty*—Ty?

*Axololfog xauvouey THv auaywy v ouoiwy Spwv, TOV Keluévwv

elc Tdc aUrdc oTnAag xai eUpiokopsy ESarydpevov
9 —10c'B—14a’P -+ 13 Pry—Topty*—9y*
‘Ouoicog g dvwrepw Opifopey TNV TpooHeoiv dAyePpikéy Ta-

PACTACEOV.
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'AocnnoetLg

91. N& pootedolv Té k&bl ToAvdvuue: B
a') 2a—5p1-2y 2a+3B+y —3a—2y
B 2 —2xy3ye —2x - Oxy 4y X2—2xy—6y*
y') 2ap--3ay-6aPy —5ap--2py—5aBy 3ap—2py
. le 1 i 1 '] 2 ZX‘P J_ 2 33—“ —_— — —?
T o e Tl s S e e -2y R e ¥ o
L o 1 : S
e o Ty S S gt 7 X

ADAIPEIIL AATEBPIKON MAPAITALEQON

§ 61. KohoUuev dpaigecty SAYEBpRIKAG TTapoOTEOEWX, fotw B
&md &AAng A, Thv edpeov Tpitng T, 1) étrola, pooTiBeuévn elc THY
B, 5iSe1 &Bpoioua Thy A. To Earydpevov [T Tiic doaiptoews AEyETal
Siagopd TV A xai B.

Aia va dpatgfomuey wovdvvudy T 4o doPeiocay mapdora-
ouv, doxel va mpocécwuey eic tavIny 0 avriderov ToT do-
Févros.

b, tdw Tr.x. BEAwpey v elpcouey THY Slagop&y TOU —a &mo
TOU oty Kol TOPQCTTOWHEY oty pt 8, B elvan S—=cty—(—).

*ANA ko TOV Spioudv THC danpioews B Excouev

5+ (—at)=a’y

TMpoobtTovTeg gig T& foa 1O o eUpioxouey 5+ (—ao)toe=cty+a?
xad peTd T dvaywyhy TV —o Kai of, Exouev  S==ay-a.

‘Opolwe evpioxopev 611 1j Siapop .. TOU P &mwd ToU 3a’B+-
6ap:—P* elvan 3o P 6apr—Pr—oP—2c¢p+6ap—P*.

*Eav [nTijten Tr.Y. &MWO TO TroAUdVUpoY aiy—aty-a® v dgai-
peBolv TEpIoodTEPX TOU fvdc povovupa, EoTw T& &Y, —3Y, —a
2oy’ i dgaupolpey &Trd TO Sobév TTOAUGVULOY TO TTP@TOV HOVGVUHOV,
& T Eorydpevov TO BeuTepov Kard AxohouBwe &md TO véov EEayd-
pevoy TO TpiTov Kkad oUTw kafe€fic 1) (cuUVTORWTEPOY) TrpocHEToUEY
glc T Sofiv ToAUGVUHOY TO &Bpoloua TRV Trpds &eadpeciv BobévTwov
HOVEWLWY EKOOTOV UE &vTiferov omnueiov. "Hrol Exopev KOTQ TOUTX:

Oy — ot —ary - Boryt e — 2oy
dwa v’ dpaigéowusy Gd SdoPeions mapacrdosws dodéy mo-
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Avdrvuov, yodpouey nardmiv adric rovg Sgovs 100 deaigeréov
xatéva ud to dvriPerov medonudv tov.

‘H &modafic yiveran ko Spotov Tpémov, ko kai dvwtépw
Ofrw 7 Siagop& ToU 3arx—9y*—6a’y® &md  ToU 9ay-|-18ary
—a’yx?, ThHv Otolav onueaidvousy dg £E7c :

(Do + 8oy —ary®) — By —9a ) —6ay?)
K glvon Yo+ 18ary i —ary—3acy Doty -+boey”
Kal HETS THY dvarywynv TV duoiwov dpwy
Berx+-2Ta 90y .

"Ecw Exeopev v7 doaipéowpey &mod Sofiv moAuwvupov &Aoo Tol-
otrov, &v wpwTolg 81’ EkaoTov eUpiokopey TO ioodUvauov clroll dun-
yuévov, éav B¢ Exouv ustafl Twv duoloug Spoug, auviifics Biordooopey
TQUTE KaTd T&G Suvapels TeU autol ypapuaTos kol ypapousy Tov
cpoapeTéov UTTO TOV ucsiwTiov, Kb Kat elc Ty wpdobeow, &AL pt
nAACyHEva T TTpdonua TV Spwy Tou.

e Ofro mw.x. &&v {nroluev ThHv Swgopav ToU
= Yo' —Ba*PL-5ap*—7p* &md ToU Tot+2cP+9afr—11p"— 4y,
Ypa@opsv T4 200B-9aP—11p*— 4y?
—9a*+ B*p—HaPr+ TP
xai ExTEAOUVTES dverywy v TGV Suoiwy Gpwv elpiorouey T Siapopdy:
—20¢ 4 10a*Bt-4af— 485— 4y .

‘Aoxnfoerg

92. a') Na eipebiy f| Siapopa 100 4-1-3xyp+3y2 amd o yi—yyi-2y¢
B) Na& Geonpedij dmo 10 ad-3a'f130p2+Pp 70 o' —3a’P-3af’ P’
2 Y') 'Amo 1o oty -Hdoyyp—3ePy 10 4aPyr—Sayy-2a2
§') *Amd 16 10ar —15B% —ya 58 75 —Jow 2BV —yp — 581
&) "ATO 1O Ay AywH4y—3y14 10 i 2yy—dy-2y

* L P 7 ;
$O3. Né& &ponpedij dard 70 2,5x3 -+ 3ax— 5 * 70 2y*—o—0,5a"

Bk “Hid st o o R e K R B
494, N& aporpedij &md 6 i 6)(,151‘0 -+ g T35

MEPI MAPENOEIEQN KAI ATKYAQN
62. To &bpeioua | THv Sixgopay SUo TToOAUWVUINWY TTAPIoTE-
P pop P

vouey, ¢ eifousy, xAciovTe fxacTov alrdv fvtods wopsvbéoswe (R

o
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dykUATG) kol oUVBEOVTEC ToUTas pE TO -+ fj — Tic Twp&Eew o6, TT.y. 10
&bpotopa Tév 2o +3aP—P* kad —a*—aP-y TOPICTAVOUEV
ut (200 3aP—Pr)(—a—apty) "
koi looUrton ToUte ut 2+ 3ap—Pr—at—aP+y
‘H Siagopd TGV aUT@OY TOPXOTACEWY TIAPICT r&veTan UE
(2cr—3aP—p?)—(—ce—aB+Y)
vl looUran pi 20¢—3op—p+ot+ap—y.

<

*Ex ToUTov EmeTon OTL:

‘Edav utv mpd mapeviPécews 7 dyxvidne, évrdg tijc Omoiacg
Eyouev Opovg, Vmdexn O +, dvvduePa va TNy mapalelypwucey,
ywolc va uerafdlouey 16 npdonua THY dv1oc avtiic oy, éav O
Smdoyn T —, THv magalslmouey, d@ol mgony rovuévws dlldEw-
uev 1o modonuoy wxadevos T@V évroc atTijc fowv.

Ol Eyousy, o—(P—y+9)=—a—

MAdTt TO — TO PO THG WA pz vBtoewos onuaivel, v' dpoipedl TO

et
|
Cﬁ

B—y+8 &mo TO o, Ko KOTX T GV TEPW, XPKET VX *.“.;ac‘i‘é-:r ED €

@ TOUG OpoVS TG TTXpeVIETEWS , KaBEva ue
‘Opoleg EXOUEV:

o [— (B H(a—P)—y -+ T=act (B-+Y)—(a—B)+y—a—
—a+py—oatpt+y—o=——a+2p+2y.

'AvtioTpdews duvapeda va BeTwouev Spoug &BpoicuaTog VTS
Trapeviiaee %] Q’v\‘n\u,m kol &v piv BéTcopev TO ofjux + PO aUTg,
ExaoToc Spog SiarTnpel TO ofjjia Tov v TCX 3 :
yp&ovTal EKaoTOg HE ﬁ;\}c)/;tsvov 7O ofjpx T
Tr.X. EXOMEV: o }3 y—a-+(—P—Yy)=¢

'Agrfioete »nali meofAnunata TpOC AVOLYV
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Y) ——I(=011—-[—(—y)] Srav y=y—=—1
&) —[H- I+ ==+ -1 Stav y=2

€) —[—[—B+ry—a] ]+ [—[—(P+1)i] dtov a=l, p=0;, y——I
97. AiSovton T& TToAvdvuu:
o i b G e o o e e Sl i e e s G S
Ne& elpebi] o) 10 &Bpoicua alrrdyv, P) T6 &fpoiopa TéY SYo TpdTwv Ko
Sxodolfws 1 Sixpopd ToUrou dmd ToU Tpitou. y') v TpooTedf 1 Siapopd Tol
Seutépou &mrd ToU mpdiTou els TS TpiTow.
‘Opé&s vpitn 98. lpéwore kaToAAjAws TS KATWTEPL TAPAOTATEL,

@oTe ol Spor Twov &mrd ToU Beutépou kal EEfs va elven els waptviow f dyxiAny,

EXougav Tpd aUTiis o) TO ofjux -, B) TO ofjpo — :

X +-Tx*—3x—>5, —5x*—(3x*—8x*) —6x-+9, 13x—16)"+ 19 —14at-5y.
99. N& sUpsfolv T4:

«) XtTY+wi9, B x—w—o+to Y) y—(X+w—p), &rav b

X==3a"—2af-5B2, y=To"—8ap-}5p°, w=9«—5af1-3p% ¢=I1la’—3cB—4p".

Ouas TerépTn. 100. Els ™y wpdmy t&Siv oyoreiou Tivds poitolv o
podnTad, els Thy Beutépav B SAiyddTepor, els 82 Ty Tpitny 2P dArywTepol TéV el
THY pwTny. Tidocous poafnTds Exouv &v O ai Tpeis Téfeis; Tldoous Eyouv Tre-
piogoTépous_ai 8¥o TrpidTon TaEes THs TpiTns;

101. *Ex duo dvfpoomreov A kad B & A Exer ¥ Spy. kai ol 8Uo opol u Spy. "Av
6 A Bwor) eis Tov B 3 8px. wooas 6& Exn ExcoTos;

102. “O B &xar TprmAaoias Spy. §1 & A, & T SirAacias ToU B, 652 A &ye p
&py. Tldoas Exouv xal of Tpsis;

FINOMENON AKEPAION MONOQNYMON

§ 63. KodolUpey yvdusvov Sofaotv &hyePpikédy Tapaotdoewy
TV TTapaoTacty, f) oOmofa Exet Tapdyovtas T&¢ Sobeioas mapaoTtdosic.

‘H mp&fic pe v omrolav ebpioxopey 1O yivopevov &AyePpikdv
TapaoT&oewy Afyetan smoddamdasiacuds oUTédv.

"Eotew 611 Behopsy va eUpwHEV TO YIVOHEVOV TGV HOVGVULGY
5By ki 3By?. Kord Tov Oplopoy TO yIvopevov Twv, TO OTroiov oT)-
ueicovopev oUtew: (SaBry).(3Py?), iootren pé SaPry.3py?. "ANAG ToU-
To elvaa yvopevoy T@v AYePpIkdy TapaydvTay THV Hovevipmy Kol
gav dAAGEwpev THy Béov aUTdy B Excopev:

5ccpry 3By *=5.3.00.p.B.y.y=15cPy".

"Ex TotTou kai dAAwv Spoiwy TapadelypdTwy 68nyoupevor Aé-
Yyouev ot

Awé va etipwuev to yivouevov dxsgaiwy povwviuwy, molla-
smAacidlousy tove dorPuntinovs cuvvisleords twv xal defid oD
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Yivouévoy Ty y2GEOUEY wodéva yoduua, dmdoyov eic va dodévia
uovdvvpa pt Exdérny o &dpotouc tdv ExPer®v, TOoUs Smolovg
Eyer zovro gl e Sodévza. .

Elvan govepdy, 6T & Paluds ToU yivouévou LovevULicy dg PO
&y §) TeplooéTepa ypdupaTd Tou, iooUTon pé TO &Bpoicua TV Po-
Budv THY TrapoyévTwv Tou g Trpde T& ypdupoTta avta. TLx. TO
(5aPy).(—2aPy*8)=—10c3p*y*d elvar Pabuct <og Twpds o, B, ¥, &
41711 &mou 4 eiven 6 Badpds Tol TrpwTov TapdyovTog kad 7 6 Tol
SeuTtépou g PSS Ta o, B, ¥, O

‘Aocnhostice

‘ 103. Né& ebpefioliv té ywoueva:
L) XY B) (—x'xetaio® YY) GR(BEr  8) xePiyivy
) Y= o) G (==2c0 %=1} ) (—xw.o). (W)
1) (=Txye) (3.
104. Efpere & ') (—2,5a°Bx)? B (—0.3aBy2)* ¥ —Z2aPr®).
105. Evpete To:
&) aX(—a%=1) B (vt (=) ") Tidss Owolpev pove-
vupoy els T& Tetpdycovoy fi ls Tov kiPov § els Blvapiv ik dxéponov BbETnv; WX

2
ut Tl looUren & (6aB?)?, TO (% x"xy} , T (25apy);
INOMENON MOAYGNYMOY EMl MONQNYMON

§ 64. "Eorw &1 GEhopev v eUpwEy TO YIvOUsvou:
(c*—3aPp-+p?).2a.

*Emre1bty O TroAucvupoy tlven &Bpoicpa T&Y Spwv Tov, B Exco-
UEV (—30P+p?) . 20= [+ (—3aP)+p*] .2x

EmeiSt)  £xoMev  TTOAACTTACITIGOHOV &fpolopaTtog dAyePpixddv
dp1Buddy &ml &AAov &pifudy, elpiokopsy 6T1 TO &VWTEPW YIVOHEVOV
lootren p¢ o 2a+(—3aP ). 20+ P2 20=2a—6a’ P+ 2ap’.

‘Opoiwg elpiokopsy, 6T

mx. (5etp—3apr+7B%).(—3aP)= —15cp*+Sax*p*—21Per’.

"Qore: dia ve mollanmdacidowuey molvdvvuov, 8Bmi movad-
vuuov, morramlocidlouer madéva dv Spwy wod molvewviuov
drcl ©d wmovédvvuov xal mpocPéroucy ta EEayducva.

"Edw Eywpey vd TreAAamAacidowiey povevupov &l ToAuvy-

WnepromoirBnke amé 1o lvatirouto Exmraibeutikng MoArmikng



“AAlveBoa ("Exdoocig A’, 1950) i 60

Hov, Buvaueba va tvaAd&Eausy T Bow TGy Tapay vty (fswpoiv-
TEC TO TTOAUGOVILOY ¢ Eva SAyeRpikdy &piBudv, émeidd elvoa &Bpoiopa
TV Spwv altel) kai olrw 8& Eywey v& ToNaTAacidowmey TTo-
Aucvupov &l dxéponov povcovupov. Ty, TO ywdusvoy

a (B y—a)=(P+y—a).a xal Tolro =oP-tay-—or.

‘Aczfosis nal mooPfrdueta

Opas wpoTn. 106. N&elpefoly Ta kaTwh yivépeva kot of mipal Teov
kat TGV Eayopivay Sia Tag SiSopévas TiLds TOV ypouudTay,

a') 3ay(ce—dox—+-x*) oty x=—I, a= 2
ﬂ’j Ga+78)a—(9p—5a)p P e I T
LY') (Bo?—-7p?)op—(9x*—8R2)ap » a=-—1, p=-2

i 5')}(30:‘-'[31—}-75‘-’).3:1913‘-‘—-(9&“&'-—8;3‘-').2&15«' »  o=-—1, p=—2

Oués devtépa 107. Aboate & iEfis TpoPAriuaTa:

“Ex Tivos ToTou dvaywpolv ouyypdvms BUo Tayxubpduol TpoxwpolvTes it
evBefas Tpds duTiBétous popds. ‘O o' Sroer kaf’ fupay oy YA kad & P’ 2
XAl SAhryoTepa ToU o', TTégov 8& dméyouy perd T Mp.;

108. T& &fpolopa TéGv wneiwy Siynelou Tivds dpiBuct elvar a. T ymolov
Ty povabeov Tov elven . Mooov §”° alEndy & apiluds, v EvaAAdEwper Ty Béow
T@Y ynelov Tou:

109. "Ex Tivos Témou dwaoryewpsl Taxupduocs Siaviwy 30 yAu. Auepnaics:
K Tipépos BpadiTepov dvayopsl ik ToU alrol Témou GAAos Biawlev y YA fe-
proicxs kal Sieublvercn Tpds Tov a’.  TTéoov §° GTréYouV HETG T fipépas &md TS
Guaywpricews ToU o;

FINOMENON TOAYQNYMON

§ 65. Kalotiuey ywvduevov dvo nolveviumy 1o modudvvuoy
10 mgoxtrzov &x to¥ moilandaciacuod adrdv, fror 7o Exov ma-
odyoviac ta dvo molvdvvua.

"Emreid1) Exaorov roAudvupov elvan &Bpoiopa TéY Spwv Tov, Ere-
Ta1 6T 1 Sea va elipwuey T yivdusvov Svo nolvwviuwy, doxel
va moddamdacidowuey nodéva Soov tot moAlamlaciactéov Eni
wdvrag ro¥ mallasmdaciactod xaivd ngoodéawuey 16 ikayducva.

Ak va elpoouev 10 yiwvdusvor Slo drepaicov TroAUWINGY, oU-
viifleog Srardooopey clrd KaTd TC KoTioloas 1] GuioUcag SuvApEic
ToU avrroU ypduuaTes Twv Kol dxoAoUfeg fxTeAcUper TOV ToAAG-
TAcolaoudy, TTpog eUkoAlav eig Thv Guarywyfy TV opoiwy Spwv,
w¢ pafvetar eic T& Emdusva TapadelypoTa.
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‘AoxfNoere

110. Edpete v& kérreoft yiwdpeva kol Té Eaydpeva Tév SoBirtov d ked T
£Eoryouiveov Bik Tas SiSopbvas Tiuds TEY YpappdTwy:

L) OCH4x+3)0—x2) av Teff} Smou y=——
B) OCF2¢x+2)(x*—5x+3) > ¥ x=-1
Y2 Or—2%2-8)(x*—2x—2) » » = 3
5') (BGa*2al5x—1)(c—3—4c) » » » o— 3
1¥1. "Ouofcs :

o) (darv+iLbav+iL9a2) (2av+4i—3ar)

P O X' X -y ()

y') (ot —Buatt iyt y.cu—2 xE) (x ~ut-Bai—x—y.au )
5') [X=(3—1LyBla—") ] [xolp—I—yfla—i)]

&) XD =D OHD D
o1') (2o-B—3y)(2at-p3y)(B—3y—2q),
GeToves efs A Smou a=I, B=2, XU =

s
_ASHOTHMEIQTO! MOAAAMAAZIAIMOI

§ 68. TMapaoTdoeig Tiic popefig:

(a+B), (a—B), (at+P)(@—PB), (+P):, (oa—B):...
TapovoialovTar guyvd kad elvan xeAdy v yvepiloey &mmd pvrung
Ta oy opeva T elpiokdpeva, Edv sic fkdoTny €€ alrrddv fpappdowpey
TOV Kavova ToU TroAAammAaciasuol. Ofrw EYOUEV:

1. (e+B)—=(otB) (ot B)—ct+-af-+af+B—ar-20B+p.

2. (a—B)—(a—B) (a—P)—ar—aP—oP+P'—cr— JuBtB"

“Hroi: Té zevodywvov tot aBpoicuazoc # z7js dtapopds dvo
dlyefotndy dotdudv lootrar ué o rerpdywvoy 1o e TOV doi-
Buod, ovv f wAny 16 Simddorov ywvdusvoy v aotdudv, oy 1o
TETRAYDOVE TOT devrégov docuod.

"Emrionc eUpioxousy: (a+PB) (c—B)=*+ap—ap+p—=a’—p.

AnAadny: To ddgoicua dvo dodudv &ni v duapoody Tav
looTrar ué nv diapogdv ol rerpaywvov To¥ mediov, mANy 110]
tetpayove tol dsurégov.

"Eariong eUkdAwe elipiokopsy &1
(eH£)'=(a+B)*- (et B)=(o"+20B+P*) (04 P)=cc +-3arP-+-3pax+-p?

Eqv el¢ v Ttedeutaiav lodtnTa ypdyweousy —pB dvtl Tol +B
mpokUTTTE:  (0—P?)—at+ 30 (—B)+3a(—BY - (—B)

(c—B)—=o*—3a’B+-3ap—Pp".
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EvxdAwe sUpiokopey B1° EKTENEOEGIC T&v wpdEewv dxoun OTi:
6) (x+)(X+B)=x"+ (a+PIx+oP- :
7) (O G+HB) XY=+ (e BHY)X + (P +By HyoxH) By
8) (a+B*) e+ )—(ox+By) (¥ —Px)"
| 9) (a+-PrHy? )X+ (o +PY Y=
| —(ey—Px) +(BL—yw)'+{rx—ab)’
| Al BUo dvwTipw iooTnTec 8) xad 9) AfyovTa TouTdTTTES TOU
Lagrange.

'AgRTOELD

112. Aef€orre &T1 eivan:
(a'--B*) (y?4-5")—=(oy+-P8) - (aB—Py) = (ay—PB) (aB+4-Py)-
113. *Edv Te8fj x=2y 3w, BelfaTe T elvan }—8y*—27w?—1Byyw=0.
114, *Eév Tedf a—+y=—=2B, delfarte &11 elvan (e—P)*4-2p* - (B—y) =+
115. *Edv Tebf XFy==1, Seifare &mi elvan x* (W D=y (x+1)—x+yp=0
116. *Ed&v 10y x=o—p, O elven (x—c:)-’-'[—(X—a)(Zﬁﬁy)Aﬂy—{—ﬁ::O.
117. *Edv 787 @) )=3x—x,+ 1, Beifarre &ém elvan:
‘?(X!'}'1)‘¢‘(X1)’2¢(0)=:6X1-
118. *Edv 7687 o(X)=3+7X ki WOO)=6x%-+10, Beifare 31 elvea:
&) ex+H1D—000=v00:  B) v&+1)—v0O=6-
119. 'Edv o B-y=—=27, Beierrs ST
«) (r—e) 4 (—B)+- (r—y)i=ap+yr—T°
B (r—0)' (r—B) 4Gy 3Py ="
) 2(—a)(7—B) (r—y)F-a(r- B)G—Y)+B(r—) —y)+y (—B) (—a)=cPY-
120. Asifote o7 a‘—i—ﬁ'—{~(a+{5)h;-:?cx-[j—+2(a-:+ B (a+P)=.
121, o) e i (ot+B) (e 4-p)—c P2 (a+-B)
B (y—e)+ (x—9) 43— W) (X — ) (-~ 0)=0—)*.
122, (a—P)*+- (2op)*=(a"1-P*)
123. “Opoiws: X*(y—) ¥ (@—x)+0" (x—) + (=) (@) (x—¥)=0-

AlAIPEZIIZ AKEPAJQN MONONYMQORN

§ 69. Aéyoupev 6T dacépaidy T1 povdovunov elvan Seatgerdy B G-
Aov, &v Suveren va sUpeli) TpiTov ToloUToV, TO OTMoIoV TTOAACTTACTIC-
{Spevov &l TO p' 5ider ywopevov 16 . To oUTw sUPIOKOUEVOV UO-
véavupoy KodeiTal smdixor TS Si1oupéoewg TV SUo SobtvTwv, TO
&moia Afyovral Siatgeréog kel dratpbrys.

*Eoreo éT1 {nrolpev 1O TmAikov Tol 24’ Hix ToU 8a’, TO
&rroiov onpeidvopey oUTw 24ar:8Bac.
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Ahaslea Cibadone AL H0) - 0 . .. @
Ecv mopacTtiowmpey T Trmikov pi T, 8& EXWHEY KOTA TOV 6-

propdy TT.8a=24c’. Aicapolvres T& foa Talra S1& Tol 8, slpioropey
M.or=24cc:8 ff T.o'=30’. McipolvTec kai T& foo ard Sik ToU o,
EYOUEV M=3c:0=3c =3 fiTor TT=3c*

‘Opoiwg elplokopey .y, 871 200B": (—4of® )= —5«p.

"Ex ToUTwv Tapatnpolusy 8T1:  “Iva pivduevéy v dlysBoisiv
mapaydévrwv elvar Suarperdy O dAdov, doxel va meotéyy tovc
magdyovras avtod xal xadéva ud &edéeny loov § weyalivrepor.

TpooeTt &71: dea va efowuey 10 nniixov vijc rotavins draioé-
cewe 0V0 dxegaiwv uoveviuwy, Statgobuey 1o {dotFunrinov) ovy-
tedeotnv to¥ diatgeréov Sia od (derduntixod) suvvielestod toi
dratgérov, xat Sekid 10U mamAinov vodrov yodpouev Td yoduuata
107 Siatpetéov nativ uéd Sxlény Voov ud v Siapogdy tdGv &de-
@V, roUs dmolovs Eyxee el 1év dearperdoy xal Siatpéryv.

§ 70. Ecv & Bicupetéoc Stv Sicapfitan (dxpiBdx) 51 ToU Siau-
PETOV, TIOPCAEITIONEY TOUS KOIVOUC TTap&yovTas Twv, &y Ymdpyouy,
Kol oxnuoTilopsy kKAGoua Exov &pifunThy Tov pévovTa dc SixipeTeov
kai TTapovopacThy TOV pévovTta &g Siapétny. Eig v TepitrTociv
aUThv Aéyopey, 611 TO TmAilkov T&Y SoféivTwv povwwipwy elval xla-
GuaTixov 1) TapaoToolc xAacmanixg. Olrw &Sk My Siaipsoiv
20’y :—S5aPty’ apaheiTropey ToUg Kotvols TapdryovTtas 5, a, B2, Y

4o 4o

Tou SiaipéTou Kai Siaipetéou kad B Eywpey do—PByi= gy

‘Aczfoetg

123. Né& ebpeSolv T& nAika T@v kdTwdh Sicipioewy :
a’) Suiys:—3utys? B) 12Dyl ly2ys Y') 0.5ys:—0,2xy
5% 0,45ap*y:0,9py" € ) —12utvs:16uty ot’) 4opt:0,25ap5y 5"

; (o . Tt
{) — 5 a'Piy:0,8a0pe.
AIAIPEZIZ TTOAYONYMOY AIA MONQNYMOY

§ 71. KahoUpev dialgeoty Bofévroc moAuwvipou (Bicipetéou)
S1& povwviuou (BicapéTou) ThHY Tpd€w pt v dmolav elplowopey
(&v Umapyxn) moAudvupov (mmAikov), To émwolov ToMAamAacialé-
uevov &l TOV Sicapétny 8idel ywdpevor Tov Sianpetéov.
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ATAIPEZIZ® [IOAYONYMOY AlA NMOAYONYMOY

§ 72. KoAoUuev duaipeawy (dxepaiou) moAucovipou (SrxipeTiou)
Si& (éxepaiou) WoAvwwpou (BicupéTou) ThHY TpdEEv pé Ty émofav
eUpioxouev, &v UtrdpyT, TpiTov ToAUdULoY (TrmAlkov), T6 dmoiov ToA-
AcmAaoialépevor &l Tov Sixpérny Bida ywduevov Tov BixipeTioy.

"Eorow &11 8éAopey v Sicnpéocopey 16 of 3ot 3at-1 81 Tol at-1.

Maparpotuey 671, émadn T& moludvupa elvan Siartetorypéva
KaTx T&C KaTiovoag Suvéueic Tol a, & mpddToc Spog ToU TrnAikou
(ue TOV peycUrepov &kBéTny ToU o), Tov dmoiov {nTolpev, ToAAa-
TAaoialSusvos &ml Tov mpdTov Spov « ToU SicupéTou, Tpbmel v
8i6n Tov mpddTov Spov ToU Sicxipetéou of. ‘Emropdveoc & Tp&TOG
Spog ToU TnAikov 8 elvan of:a—a?. CAANAG TO o Siv dlveron vé
glvor SAGKAnpov TO mmAikov. Awdm v Exrehéowpey TNV Soxiutv
Th¢ Bioapéoews avrtiic evpiokopey o (at-1)=—of 4.

ToUto deatpolpevoy &md Tov Sicupetéov Gider

(cf+3ec+-3a+ 1) —(a+o?) =23+ 1.

Tpétret Aormrov elg Tov elpebévta TpdsTov Spov ToU TmAlkou v
wpooTeli] TapdoTacic Tic dxdpn, 17 Smola ToMaTAcoialopévn
gmi a1, va 8idn 2a+3a+1. *Hrol mpéme v Blalpeoopey &réun
10 2a’+3a+1 Bid ToU a+1. *Exopsv méAiv v Siupeccopey  SUo
TmoAuvupc. *AAA’ 1| Siaipeoic ol elvan damAouoTépa Tiic Sobeiong,
SioTt & Bicnperéog TawTne elvan Tpogavdds drAovoTepos. ‘Etravea-
Aoppdvouey THv oty Topsiav xal Sik Thv Siaipestv almiv kad eUpi-
oxopev 811 & Tp&TOg Spog ToU TrMAIKou alTiic elvan 20%:a=2a. *Edv
TO ywdpevov Tol 2a Emi Tov Sicupétny ob1, SnAadh T 2 (a+-1)=
20’2 apaupéowpsy dmd TOV Sicpetiov 2a0-t-3ak1, gUplokopuey
UTTOAOITIOV (2 3o+ 1) —(20° L 20 )=cx-- 1.

Haparnpoluey 611 8év eUpén SASKAnpov T& Trnikov, &AN &T1
TpEmEel v& Siapéowpey dxdun 1O a--1 ik To¥ at-1.

AN 16 TAiKov TG véag aUThic Sianpéoews elvan 1, 1o 8 Tré-
Aorrrov 0. "Qore 10 TnAikov ¢ Sobeiong Sicipéoecac elven o’2a-t-1,
1o 8¢ UtrdAcrmov 0.

Zuvnbog ExTeAoUpey THv Sixipeow g drolovbc:

* 'H Biaipeors moRuwwinou v mrapoucidodn mpd TolU 16ou aldves.
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Tpdgouey TOV BloupeTéay, Se€1x aUToU TOV BicapéTny, w&roobev
TouTou TO TrAKoY kel UTrd TOU BiapeTEoy T& yivdpsva ExdoTou Spoy
ToU TrAikou, gL TOV BIcipéTnV pe &vTifeTov Tpdonuov Kol TTpoofé-

—opsv. Elc Thy olrrfiy oTHANY YRPOPOUEY ki Ta Ek&oToTE UTTOAOITIX

(BrcapeTECS) 31 3a+-1 a-+1 (Brenpsrns)
il 1 G a? L 2a-t-1
: (TrnAixov)
TTpdTOV UEPIKSY UTOAOITIOV 231 (1)
—2a*—2cx
BeUrepoy pepikdy UTrdAoITov at1 {2
—o—1
TeEA KOV UTroAolTTov 0 (3)

Al TrapaoTaosis (1), (2) AsyovTa pepiKd UTTOAOITIG TGV UEPIKDV
Sicpéoscoy, TO 8E TEAEUTXIOV Tehikdy UmoAortov THg OAng Sicapé-
TEWG.

§ 73. ’Ev yéver dix v Siaipeciv 800 dxepaicov TTOAVWVUHWY,
&y elvon SuvaTh | Siadpeoic, &rodeikwieTon OTL:

«) ‘Eav 6 Siarpetéoc xat 6 OLalpEris clvat StoreTayuévor
watd Tad narevoes (4 tas dviovioag) duvducis 10U avrod yodu-
pazés twv, Oud va eliowpsy oy modzov Spov oD mmidixov, Sea-
retayuévoy ouoime, aoxel va Siatpéomucy TOV FTEMDTOV 60OV TOY
Siarpetéov did 0T TEWDTOV Soov ToD Srargérov.

AT foTe ALAGATH.. TO Gfpoloua TGV Spwv ToU Bial-

pETEQU gl 555 TGV TOU BraipéTou BIXTETOY PEVWOV TT.X.-
KoT& TAC KOTIOUCOS BUVALEIS ToU cUTOU YRAUUTOS TWV. TTapioTa-
vopey pE TIHHTTTT"+-... 16 &fpoiopa Tév Spwv ToU TrMAikou Biare-

Tory HEVOU Suolesg g TPOS TO oarto ypéupa. Kora Tov Oplopdy TG
Biroupéaews gyousy, STI AL A LAY =58 ) O )

*AMA& TO yivouevov O.IT Tou Seutépou uéhoug THg looTnTog
TalrTNC TAPIOT&VEL TOV Opov, & &Trolog E(El TOV MEYAUTEPOV exle-

£ ‘H Si&rafis TTOAVWVURGY KeeTér Toe &viouzas 1) KamioUsas SuvauErs Ypai-
portds Twv Bk THY Siadpeciv aUTév guvavTaTal 5 mwadTov el TO Epyov ToU
NEWTON ¢Arithmetica Universalis» (1707). Té 1760 mrapoucialeral TO B
peATIcopévoy &md BiBakTIKTS TTAsUPES.
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TNV ToU ypduuaros, ¢f Tpdc TO oOmolov UmeTéfnoav BioTeToypéva
Ta ToAUmdvUN, Emopéveis B& ioolTon wE Tov TTpddToY Spov A ToU
TpWTOU péAous. “Hror Eyousy &11: 8.1T=A xai M=A:8, fitor T
TT elver TnAikov ToU A Si1&x toU 5.

“Apa: o) did va efipcopev tov a” feov ot mndinov vic Siai-
oéoews V0 (drcgaiwy) molvwviuwy diaterayuévor xatd tdc xa-
Teovoas dvvduers Evds yodpuuarde 1wy, doxel va deatgéaopey tov
a’ Sgov wo¥ Siargeréov Sid 108 o Sgov oD Siarpérov.

©& ouppfl To altd, &v T& Tpia MoAUbVUpa (ToU BiroapeTéoy,
BicapéTou kad TnAikov) elvon SiareTayuéva kord Te dviolioae Suvd-
pels Tol aUrol ypdupards Twv. Elc 1y TMEPITTROIY oty of Tp@Tol
kaT& oelpdy Spoi Twv 8 elvon of ToU kaTwTéTou Pafuol Kl & Spos
ToU katwTdTou Pabuol ToU Sicaperéou 8% loolten wé 16 ywdpevoy
Tol Spov karwTdTou Pabuol Tol Sicupétou &mi v Tol KerreyTdToU
Pabuol Tol TrnAikou.

B) "Edv Exwusv &va # megisoorépovs ward ociody éx tiv
HEDTWY Sgwy oD mnAizov xai o wvduevoy cdzdv Eml Tov Siai-
eérnv dpatgéowusy dmo Tov Siacgetéor, eldoloxoucy Stapogdy, 7
dnola nalelrar pegindv Hmdloimov wis Starpéoswe. “Av rovzou,
deazerayuévov dpoioc, diatpedsi 6 modros Spos Oid 10D medrov
doov 0T draipérov, Ha Sdon tov Emduevov Spov 10U mmdixov.

Ao, Gv mapacThowusy pE TT piv oV Tp&dToY Opov ToU
mnAlkou (f 1O &fpoioa TEY YVwoT®Y Kotk oeipdy & TGV TpdTwY
Spowv aUTtol) pt P 1o &bpoioua TV Aoy dpwv ToUTtou, ut A Tov
SiaipeTiov kai pg A’ Tov Biapérny (SiomeTorypéveov Ghoov ouofcwe)
B Excopev A=A"(TT+P)=ATI+A'P. *ApaipotivTes 16 A'TT &md & foq,
gupioxopev A—ATI=A'P, (16 émrolov koolipey pepikdy UmdAoimov Tiic
yevopévng Bicipéoews). "AMN &k TR lodTnTos oalTiic Emeton &mi
(A—-ATT):A'=P. AnAcBf 14 P, fjto1 of Aormol &por Toli nAikou 6
eUpefolv, &v Siocnpéowpey 16 A-A'TT 8ik Tol Srapetou A’ Kot
THY Tponyoupévny TrpéTacty, &v Sicpéowpey TOV TpéTov Spov TEY
A—ATI ik Tol mpdyTou dpou Tol A', 8& elpwpey Tov wpéiTov Spov
ToU P, fitor 1OV duéows Emdusvoy wera To I1 Spov TolU Tnhikou.

§ 74. KodoUuev mpdzov uepixdov Imdéloimov Tic BlonpeTewg

BUo TroAuwvipwy, TO slpiokduevov Edv dpopéowisy &me ToV Slal-
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peTEOV TO Y1vdpEVOY TOU B1onpeTou ¢l oV TrpddTov Spov ToU TrmAikou.

Astregoy upepundy vmbéAotstov TG tv Aoyw Dicipécewg Afye-
To TO eUpioxduevoy, Eav &md TO TTPdTOV PEQIKOY UrdAcirov deoipé-
Gwpev TO Yywdpevov Tou SiaipéTou &l tov Sslrrepov Spov ToU M-
Alkou. Kot &udhoyov Tpétov &pilopev zpizow uegLxdy vélotsrov
1o &molov evplokeTan, &v doapéowpey TO ywouevov ToU SixipETou
i Tov TeAeuTaiov Spov ToU TmAfKou &Trd TO TTPOTEAEUTAIOV UTréAol-
Tov Kol oUtw kad’ EEfiC.

"Av T& TeEAsuTodov Umdhorrov Sicupéoews elvon 0, 1) Siaxipeoic
Aéyetan zedela, GAAWG AbyeTan aredijc.

§ 75. Ev yévei, fotw 6T TrpokerTal va Sicupéowpey &v (e
patov) TroAuwvupov A Bix ToU A', SrareTaypévev KaTd TG KaTiou-
gac Suvdpelc ToU ooy YPARHOTOS TWV, wod &T1 6 Bioupetéog BEV elven
Babuol korwTépou Tol SiapeToy d Tpds T ypduua ToUto. Kai
&rav Stv yvopilousy, &v f Bixipeoic oty glvon TeAsia, dpyilopev
Thy #Ttéheolv aUTHG KaT& TOV &VWTEPW TpoTov kKol 8& eUpwuey
plav geipdy Speov ToU TrmAikou kaBcac kol plov oeipdy TTOAUWVULWY,
T& &Trola 84 slvan mp@Tov, Setizegoy KAT. BEPIKE UTTOAOITIX Thg Sia-
péoecac. ‘O Pabudg Tév UroloiTeov, ©g TTpds TO v Adyw ypduua, B
Badvn EharrToUpevos. AT peTa THY glUpegiv ToU TTpWTOU Spou ToU
mnAikou kol ToU TpdTou Utroloitrou .. BEv O Urdpyn eig oo o
TrpédTog Spog ToU Bicupetéou. "Ema1dn O mwpddTog Spog ToU TmAikou
oM armAacialouevos &l Tov wpddTov Spov Tou BicnpeTou Bider ywo-
uevoy ioov ué Tov Tp&Tov dpov ToU BicipeTEoU, OTAY &PoIpETWUEY TO
ywbdpevov Tol TpdTou Spou TolU TmAikou &l TOV SixipéTny &ard TOV
SixipeTéov, of dpor ToU dvwTépou Paduol Bev B Umr&pyouv i THY
Siagopdv, fTol TO TPAOTOV UrdAorTov 8& elvan Pobuocl kaTwTEPOU
ToU SicupeTéou. ‘Opoiwe Td ywduevov ToU Seutépou Spou ToU TrnAl-
kou &ml Tov SiciptTny &gaupovpevov &mrd TO TE@TOV UTTOACITOV
5i5e1 To Beurepov UmrdAoiTrov, Pabuol KaTwTépoU ToU TTPWTOV uTre-
Aofrou, ToU &molou & TrpddTos Spog BicnpoUpevos Bk ToU TPWTOU
&pou ToU BiaupéTou Bider Tov SeUTepov Spov ToU TrnAiKou.

*Opolodc TTPOY LPOUVTEG, TrapaTTPOUUEY OTI 6 PBabucg ékaoTov
Utrooimou elven  pikpdTEPOS TOU Trpomyyounévou TOU TOUAKKIOTOV
KaTa pioy povada.
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‘Cuofwg wopaTnpoluey &1, &eol eUpwpey Spous Tvag ToU TIm-
Alkou, &v BfAcwusy va ouveyicwpev Thv Tp&fiv, Tpemel kai dpkel 6
Tp&dTog Spog ToU &vTioToiyou UtohoiTou v eiven Sicipetos Sik Tol
TwpddToU Spou ToU SianpéTou. TTpde ToUTto Tpémer & Tp&TOS Spog ToU
UtroAoitrou ToUTou v& pr) elven Paducl kaTwTépou Tol Patuol Tou
Siaipétou. 'Emreidn ol Pabuci Tdv SiaBoykéy Umoloimwy Paivouy
E\aTToUpsvol B karoriEwpey peta Twvag TpdEels, fi g UmoAorToy
undév, 1) eic UmoAorrov Pabuol koTwTépou TeU BiaipETou.

‘Emopéucoc: AcBévtwy Slo dxepaicv TTOAVWVUNGY GG TTPOS X, T.X.
TV A kai A’, pE Babudv toU A &y kaTwTepov ToU Paduol Tol A’ dog
TEPSC TO T Ypduua Twv X, Udpy el &v ToAucavupov éotw I ToieUToy,
@oTe vi elvon 6 A—A".TT TroAudvupoy dxépaiov g Tpos X kai Pa-
BuolU korwTipou Tou A’ Té T eUpioketal, &v EkTehéowuev ThHY
mp&Eiv Thc Sixipoewg Tol A Six ToU A’ d¢ dvwTipw efeTiln.

“Av Teff] A—'ATI=Y, 6& elvan A=A"TI+Y. Ta olrw elpi-
oxdpsva TT kad Y kodoUvtal smdixov kal vadloimov TTS wy ze-
Adeiac | dredodic TaUtne Sicipéosws. "Edv 16 Y=0 Exouev TrepitTeo-
o TeAsiog Bioipéoewd.

Ex Tév dveoTéped TrapornpoUpey OT1, elc pev Thv TeAsiov Siad-
pecv Exopsv OTI:

‘0 diatperéog icobrar ué tov diatpgérny Eml 1o mmdixow,
gl 8¢ TNV &TeEAT) o711,

‘C diarpsréoc (coDrar ué wov Srarpény Emi 10 mmdixov civ
1@ vmoloimom.

*EoTtw T.y. 6Tt BfAousv v Sicpéowpev TO

X'—2x*—Tx'—198—8 &i1x ToU X' —4x—2

Kord T dvcotépo éxteAoUvres Tiiv Siaipeotv Exopev:

(SrenpeTeos) X —2y*—Tx*—19%—8 | x*—4y—2 (Brenpérns)
e S Mo X*F2x-3 (TAikow)
TpdToV pepikdy UréAoiTov 2 —5y*—19%—8 |
P o e G ok
SelTepov pepikov TiréAoirov his "——3-)(:—:15;(:—8
— e FI2 6
TeAikOv UTroAorrov R dime mh_;?)(__zg
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Emteidh 16 Umohormov  —3%—2 glvan PoBuol pikpoTépou ToU
BoBpol Tol BionpETou yi—4y—2, Emeron 6T BEv UTrapyEL AKEpCioV
LoVEVULOY | TTOAUGVUHOY, T5 &Troiov ToAAcTTACT I {OHEVOY ETi TOV
Sroapérny X*— 4x—2 vé 8idq ywopevoy & —3¥—2. Ak ToUTO TpE-
el v Braxdweopey THY Biaipsov Tourny Kad 6 —3y—2 elven 1O
YrréhoiToy Tic dreholc TaUTng Sicnpéoews, To BE ¥x*+2x%-+3 TmAl-

KoV oUThG.

§ 76. MapaTnphoeis. TMoAudvuudy T Btv elvar SioapeTov
5 &ou kol TéV Buo Siarreraryuéveov Suolwg g Tpds TO Ev ypdu-
pO TGV

o) “OTov & o &pog ToU Bieupetéou fi &vog &k TGV EUPLOKOUEVGIV
uepikédy UmrohoiTroov Bty elval SionpeTdoc Bid ToU o Spou TOU 51-
o1pETOU.

) “Otav & TeAeuTaiog Spog ToU SicupsTéou BEv elvan BicapeTdd
Bik Tot TeAeuTadou ToU SiaipETou.

y') “Otav elven Sicupetds pév & « Spog ko & TeAsuTaiog TOU
Sioupetéou Bik Toll o' wad TOU TeAsuTaiou ToU SixipETou SvTIoTOlY WS,
A& kord Thy Bxréhsow T TpdEecs Biv eUpioxopev UmréAorrov 0.

‘Aonfoetg »al wooPAipata

‘Opds mpwTn. 126, N& yivouv al éEfjs Bipécels peTd TGV SoKIUGY TwWV:

&) (@ —T—Tx+4): 2x—1) B (6 -2 11x-1-10): Bx—2)
y) G411 §) (—6x2 4 12x—8): (¢ —4x+9
€y (10x'—21x'—10%*—40x): (5x*~3x+-8) o7) (I4aitai?): (et fai-1)

) (at-p): (o ~2ap+-B) 1) (=6 +x%): (1—2x+-X*

&) (x—41x—120): (C+4x+5).
‘Quds SeuTépa 127. Na yivouv al xarwd Sionpéoes:
[, o) O3y -3yv—™ ) O0—4D,
8') (9af-3at¥f14a4-2): (-5 4-1),
')"‘) (Xi\-_uf'h;): (X"'"“X“‘-}’-::‘IL‘X‘\'-"P-*‘-P"' )'
P8 (otutdotux?vH16%v): (@Put-2auy +-4%%Y),
£) (i Fogr— by gt 2Ty vty f A2y —g):
(xu-3xu— T yr—BYE—"pV).
‘Op&s tpirn. 128, Aclare dm & PoBuds ToU wrnAixou Blo dxepaicov
(Swmypéveov) TroAuawipoy loolran ¢ v Siagopdv ToU Pabucl Tol SionpeTéou
wARY Tov ToU BiapéTou. "EEnyfocTe ToUTo pe Tpia Bidgopa TTapadsiypsTa.
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YTIOAOITION AIAIPEZEQE MOAYQONYMOY MEPIEXONTOL TONW

AlA TOY y+a "H AIA TOY ox*B

§ 77. "Eotw m.}. 671 Géhopev va elpmpsy TO UmrdAertrov Tiig
Sixiptoecoc (' —3x*+3x+2): (x—1).

'Ev pt p mapaoTiicwuey TO TnAikov Kail pé o U TO UmdAoitov
T7s Tp&gewe, 8& E&ywusv (3w 3x+2)=p(x—1)+v (1)

To Urohormmov v Bev mepifyel TOV ¥ elg Thy Bixdpecv oy,
Bio7i 6 SicapeTne elvan TpTou Pabuct dog Tpds X (1o 8¢ UmdAoitoy
efvan Pabuol xorwTépou ToU SiipéTou).

‘H oxéoig (1) foybe 81& mloav Tipnv ToU X, dpa kai ik Thv
y==1. ©frovTec eic alrrnjv ¥=1 elpioxopev

1*—3.1°-3.14-2—=v, fjro1 u=3.

To éEarydpsvov ToUTto Suvdusba vé émodnBelowpey Kal eGv EKTe-
Afowpey Thv Siadpsaiv.

*Ev yével, fote 6T TI(Y) mapioTaver T Sicupetéoy, TO Omoiov
UmroTiBeTan 6T elven TroAudovupoy Trepiéoy TOV X, TO p(X) TO T-
Afkov xad 16 v 1O UtrdAoimrov Tfig Sicnpécewg S ToU (¥—a), TO
émolov &tv 6& Trepigyn TOV Y.

O& Seifwpev 6T TO U elvai Toov pe TT(a), SnAab vt 16 &Earydpe-
vov, TO TrpokUmToV, £&v eic TO ToAudvupov ToU Sipetiou, ypd-
weopev &yl Tol ¥ TO «, fiTot Ty TRy, Six ThHv émolav TO ¥—a
Acupdver tThv Tipny 0.

Mpdoypartt &gouev &1t TIG)=p(X). (X—a)+v.

’E&v B2ocwpey &Trou ¥ TO o, AauBdvopsy

M(a)=p(c)(c—a)+v i M{a)=p(x).0+uv=u.

*Eotw 1) Sixipeotg (—o): (x+a).

To UmdAoimov elplokeron, ¢av elc Tov Srcupetéov Bécwpev v
Tol ¥ Td (—a), fiTo1 THy TwAy Tol X, Bi& v Soiav 16 X+, Aap-
Baver thv Tipnv 0. AwdTi 10 x+o=x—(—a). “QoTe dvrl Tfic Sobelong
Sicnpéoeds Exoper Ty (X'—o?): [x—(—a)]. ’Edw ké&powopev Thv dvrika-
TdoTaotv X=—(—) el¢ Tov Sicaperiov, elplokopsy éT1 10 UrdAoITTOV
elven (—x)' —ar=—ar—a=—0.

"Ex ToUtwv Emeten &mi: did va efgwouev 1o dmédowmov ijg
drarpéoews molvwviuov mepiéyovros o yx, Sud tol yta, doxei

: f
=
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va Péowuey Smov x 10 a §) Td —a eis 10 nodvdvvuoy xai va eU-
pwuey THY TLuRy TovTow, fror va Héocwusv Y Tiunv ol yx, did
v dmolav undeviferar ©d yta. .

Ovred 1o UmrdAorrov T dicapécews (o) (X+a) elvea 10

(—o)+o'=—c'+ot=2c

‘Opoicc SekvieTon, 671 TO UmdAormov Tijg Bicupégewg ToU Tro-
Aucowipou T1(x) 81 oy-LB eUpiokeTren, &v TeBf) eig Tov Bicupetéov fy
TIpm )(--=—-E—: Six Thv Smolav pndevileton TO ax+PB. AwdT, &v
M(x) TopioTéve Tov Sicipetéov, p(y) TO TmAikov xod v TO Umo-
Aoimrov Tiig Sicxipéoswg olrrfic, Ba  Exwpev  TT()=—p(x)(ox+B)-+v.
OéTovTEg Y= — % gic THv iootnTa oV, eUpiokopev

M(—£)p(—L)(—p+B)tu—y, Fra T(—L)—u.

§ 78. ’Ex Té&v Trponyouptvwy ouviyousy STt modvdvvudy Ti
. : N gl B o :

II(y) eival Suaiperdv S 1% ay+p, &v=d II(— ) elvac toov ué O.

Ev ytvet 1o Y¢ —o elvan SionpeTtdv Sid ToU ¥—a, Bi1om TO
{rréhoitrov THg Sicupéoewg TaUTng elvan ot —a =0, (a=£0).

To xt +at 8tv Bionpeiton 81k ToU ¥—c, 81671 TO UmrdAorrov TG
Sicipéoews TaUTng slvan of fat =2at 0.

To x* —at Bioapsiton pév Sk ToU X+a, dtav TO B &pTIOS Gpi-
Bude, &AAG Stv Biaipeiton 81° alrrol, &tav 1O U elven TIEPITTOG.

AéTi sl pdv THY TrplTnv mepimTwolv TO UmoAoirov elvoa

(—o)t —at =t —at =0,
gl 8¢ Thv Bevrépav elvan (—a)¥ —a¥ = —2at =£0.
To ¢ +at Sicapeitor pév Sik ToU X-+a, étav TO | elven TEpIT-
T8¢, 1611 TO UrdAoimov elven (—a)t ot = — at +at =0, &GN’ o1

Sétav TO W elven &pTiog, B1dTL ToOTE TO UtrdAoiTrov elvean
(—a)¥ + o =¥ ot =2 5£0.

‘Aonfioerg

‘Opds mpoTn. 128, Elpere T& UmrdAoima Té&v ké&rwb Sicipéoewv ywpls

va Exteheotn) 1) Sixipkols :
o) (2 -x—ix—2) B
5

oe+6x+7):(x+2)
Y') (-F1x—88x—33): (x—0,5) (

)
) @Tx1):3xx1)
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‘Opas Sevtépa. 1290 Edpere Ta Umohorma Tdv k&Twh Siipioev
xwpls v& ExrehecBolv ol dianpéoers :

o) (Blx*—256):(3x—4) B)  (BotP*):(2atp)
¥ (32x>-+343):(2x+-3) 5)  (64oi—1):(2x-+3)
&) (1-4+x*):(1-+x) o1') (apreYi{ac-{p?)
&) (@ —P'):(a@—p*) n) OCERyER e TR)
8 - Qs Oy 1) X))

‘Oués vpitn 130. Elpere 7& Umdlorma TV kamwb Saipéoecv xewpis
v& ExTeAecBolv ol Siopéoers :
a) (pev—1):(wr —1) B) (uf—v'2): (u—v*) Y') (e +u-pivtu):(af-p)
8) (yr—wi):(y'+w) &) =L G 1

MHAIKA TON AJAIPEIEON (x¢ fav): (X a)

§ 79. "Eotw &11 Exouev Thv Siaipeotv Tol x¢ —at fj Tol x* +at
dix ToU y—«, émov pH0 xad dxépatog. *Eav éxtedéowpev THY Tp&Ev
gUpiokopey TrMAikov TO Y4~ !-Loyt—*Holy i -tadyt i fat ! kal
UmdAorrov 0 Sia v Tp Ty TEpiTTwoty, 2ot §e Six T SeuTépav.
‘Ouoiwg eUpioxopev Bi1x Ty Biadpeow (X"'—a™):(x+a) o

mnAikov ¥ —'—ay® L. —a® ' kad UmohoiTov 0.

A Tnv Siadpeoy ()Y - ) (x+o) elploxopev TnAikov
¥ —ox® = Fa™ kad UmrdAormov 0.

FaNTo 'TT]V 81mpemv G+ —a ‘)'(x—ch) eUpiokopey  TrnAikev

Ko—on ™ .o kai UmoAortov —2a’Y
Kcrrc‘x TolTa EXOUEY :
X' —): (X—e)=x o a'x -+
0" =) IO &) = —on et atyt oy -f oty
O )i (X —o)=x"+ax+o* Kai Umohorrov 2a?
O +-a): (X o) =x"—ox -+

§ 80. Afyopsv 611 TroAucovupoy Ti elvon Spoyeves Baduol Tivog
@6 TTPOS MPITHEVA YPAaUPaTS Toy, tav TTavTeg ol 6pol Tou elvan Tol av-
ToU BaBpol d¢ Trpds T& ypdpuaTa TauTa. Y. 76 x* 5o —120% 4o
elvan dpoyevis ¥’ BoBiuol dog Tpog T& o kal x. To Sxw—8y -+4y” elvai
Suoyeves P’ PabBuol dog Tpog Ta X Kal .

“Opoyevic yoauuixdy AEYETOl TTOAUGVUNOVY Tl 4§ TTPOS WPICHEVT
ypapuaTa oUToU, £av eivon duoyeves o Bobpol dog Tpog aUTd, LY.
16 3ay—5Py-8yw g Tpog T& o, B, ¥ 1) 0 TPoS TA X, Y, @
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Ofrw & dveotéped wnAiga T@v Sioapéoewv (Y- to )G te)
elvar woAudvupa Spoysvf] kai PaBuol p—1 &g Tpdg N o

Tl.X. 70 mnAixov Tfic Sionpéosws (X'—o')i(xia) elvea o
X*+ex’ o’y o Suoyeves moAuwvupov y' BaBuol e Trpde ¥ Kai a.

‘Aocxfioeic

131. EOpete 7& wnAika kol & UmréAoitra &Y kéreob Bicipéoswv &rd HvnpnS:
) (@+B%): (ot B) B (—B*): (c—B) Y') (& —P*): (+B)

132, o) (at3a2B-3aPe+Pt): (> +2aB+P2)

B") ("—3a?B+3aP?—p3): (ce—2aB+-p2)

133. EUpete &md pvnjuns T& TnAlka xai UméAcima Tév Siaipéoecov:

o) (XD Y) P (X*—y"):(x—¥ Y) OC+):(X+w)
8) (X+w): (x+w) e) 0+ 1n Gkl ot} (X +o): (x— )

134. EUpete Tivoov Sroapéoswv Tis popofis(xs +oi ): (x+o) slven TéAsia T™m-
Alkar T& G :

o) xMrex+o? - BY A+l YY) Wbetbxl B) tiaBiopiyp
£ X & —col oty oyl o

135. Edpete 10 TmAlkov Tijs Sicupéosws (afv —Bo )i(av —Bv ), yopis v ik-
TehioeTE THY Tp&Elv (1O v UmoTibeTan dxépaics H0).

136. “Ouolexs Tijs Bionpéoscas (7p +1):8, &v T p elvon Bemikds &piBuds xai
TepITTSS. MopamnpenoaTe 611 70 8=7+1. Elpere kai &\Ax Totolra TTapabei-
YHaT TeAsiwv Siaipécewv.

137. Aeffore 811 1O (@FP-Hy)e —av —Pe —yu Bicapeiton Sid @V a+p,
a4y, By, &tov 16 u elvan epiTTos kal BeTikds &piBuds.

138. Aelare &1 v dxépatov TroAudvupow s Tpds X Sipfitan Sik Tol
(X—) (X—PB) (x—Y)s (x#B#y), Trpémer kai &pkel va Siipfitan Bi1& x—a 51& 1ol
¥—P xal Sia Tl y—y.

ANAAYLIIZ AKEPAIAL AATEBPIKHI TMAPAITAIZEQI
EIZ TINOMENON TAPATONTON

§ 81. "Eorw povavupov &képaiov T.x. TO 24cPiy.

Edv tov dpiBudy 24 &valowysy sic ToUc TpdTouc Tou Tapa-
yovtog, 8a eUpwpey 8T elven 24=2¢.3. "Apa 16 24a*Pry =27.3a.By.
Moparnpoliuey §T1 of Tapdyovtes ToU dvwTépw povwvipou elval of
2, 3, o, B, y- ‘H dvdiuoic Aormov dxepaicu Tivdg poveoviuoy, £XovTOog
(&piBunTikdv) ouvTehsoTnv drépaiov  &pifudv, yiveran  sUkdAcwc,
d10m1 wpog Tolmo diprel va dvaUowusy TOv (EpifunTikoy) cuvTeAs-
OTNV TOU Eif TPWTOUS TrapdyouTas.
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Todwavriov f| Tpomf ToAuwyUHoU Tivods elg yivouevov Trapory Ov-
TV KaTa TpOTTov paAAoy &mAolv elvan Buvarh eig dpiopévac Tivag
TEPITITCOOEIS KXl 8K TOUTwWV QUa@EpCUEV TIVAG KATWTEPW.

In wepimTwoig ’Edv wavTes of dpor ToU moAuwvipou elva
YIWopEva, T& STroia Exouv KOOV TIva TTapdyovTd, TRETETAL TOUTO
EUKOAWS €l yIvouUevoy TTXporyOvTv.

O¥te 16 ap+Pu—yu—u.(a+B—y)-

‘Opoiwg 16 pat-p=p(a+1)

’Emrione 0 2% +0xw=2x(x-+3y).

Eic v mepimrwow Toltnv Aéyouev &T1 BéTopev TOV KOOV

mapdyovTa £kTog Trapeviigews.
'Aownnoetrg

139. Tphayare els ywopeva Tés kaTwd TapaoTdosis:

') BoB—6ac | dap BY)  doy—82y —dyy

y') 8apryr AdaPiys - 2aifrys 8) 15a7%—10c%y-5a*w

g) ctyys -2yl —atyy! o) = SEiys 2y eyt

I XyWrol—x'yret -y yio n') epty'—2aBry +3a*Piy?
8') 6a*—12e0 1) 3% —7x! 1) Byt b lexwen —24y g’

20 mepimTwoic: ’Eqv evar Suvarov va Siarayfolv ol
dpo1 TroAvwvlpou ko’ duddag, GoTe &g &kdoTny ToUTWY V& UTT&pXT
& aUtdg Trapdywy, ToTE TpémeTar TOUTO Ei¢ ywouEvov Traporydv-
Ty, TLy. TO ToAudvupov oy-ad+By-+ps, elvar ioov pe

(cy-+-08)-+(By +B8)—i(y+8)-+B(y+8)—(a+-B) (y+8).

\( 'Aoxznoetg
140.Y N& Tpamotv els yivdpeva mapaydvtwy of kérwit mapacTtdaoss:
) ax*tetxHaty P X—Xio—xy +yiw
y') aBx—aPy+ydx—rdy &)= oyipysLa—p
£ ety tBIB LR FaRD oT’) ofysay*tabytpy”
R o s e A, Lo 1 4 n) 6 —10xy —15p*+ Oy
8") 2} (x—y)—6ox 6oy DR e
\/“") ax+Bx—yx oy iBy—yy  AP) +2(@+1)+1
3n wepimTTwOolc E&v TPIVUNSY T1 iooUTon pe TEASIOV Te-
Tpaywvov Biwviuov, TpEMETa £ig ywouevov Trapayovtey. Olrw o
X2y = Y)=Hy)"
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‘Ouoicog Exouev 160 —24af+9p*=(da—3p)"—=(4a—3p) (4o—3B).
"Emiong Exopev X' —2%'WHY'=0C—W) == (X'—¥) (X"—¥)-

.

‘Acxnoerg

141. Né& tpoamolv els yivopeva TapoydvTomv ol kérwd TapaoTaoes:
@) VG H6dat B @PYE2aBY YY) Xo34yi4-289
8') (X)) —de (1Y) {-4w? €) (e—B)—6(a—P)y*+9v*
ot) (p+w?)'|-8p-+8w.

4n mepimTwoig ’Edv Budvupdy T elvan Siapopdk Buo
TeTparyoveoy TpémeTan elg ywopevov ToU dfpolouaTog Eml THY Sic-
popav TG TeETparywvikiic pilne T&®v SobévTtwv TeTporyveoy.

Olrw Eyopev &T1: 16y *—9y'=(dx+3w) (4x—3y).

‘Opoiwg 10 25—16c°=(5+4a)(5—4a).

‘AonfioeErLe

142. N& tpamolv els ywdpeva of k&Twl TapxoTaoes:
a’) a'ft—1 P') 4o—49p° y') 121la*—36p* &') 49—y €) 8latpr—y
&07) 4a?y—9%y* ') 20cpe—5cf- n’) 3a—12cy? 9') 1400y .
g} IR L al) Ot—ctt ) 1GNP

51 mepimTwoi1c ’Eviote Suvdpeba va SiardEwpey Tolg &-
poug ToU Sobévtoc TroAuwvipou ko’ Spddog, oUtwe doTe al duddeg
aUTon v SlvavTar va ypagolv g Siagopd TETpay vy BlUo Trapa-
oréoewv. Oltw émavepydueba el THv Trponyouuévny Teplmrwa.
TT.x. Exopev 611 o' —2aB-LP*—Oy*=(x®—2aB-+ P ) -y =(a—B )"~y "=

={(a—p+3y) (a—L—3y):

‘Ouolog 120f+9%*—4o*— 9P =% "—(4’—12ap - 9P )=

' —(2a—3B)*=(3x—2x-+3B) (3X - -2a—3B).

‘Aoxnaere

143, N& Tpatrolv els yivoueva Tapaydvtwv al kaTwh TapasTdoeis:

a) Pr—x’tdox—4a’ PY). et —yt—2yp
y") «4-B2-2ap—16ap? V59 4y 9crt 6ol
B il B NOT) 20—yt fat gyt
LE') alv +Qa-‘v g —y%v _._BJ n) XV '*2)(" v _}_W'_-‘. — 4y
N#) @piy’—5"420p—2y5 b)) oty 2(aP—3xw)+-P—Oy?
) e?—Pryt| 822 (ab—Py) ) 4(aB4-Py)—(a—p*—y"+87)*
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6n wepimTwaoic: ‘E&v 1) Sobeloa mapacTaois elvar Tig
popofic a'+a’P’pP* Taparnpoluev &T1
oo B+ 2B BB — (o0 +B) o
(o BB (e -+ +-aB). . x. 7
ot S G 2 i S iy D e ol © i 2 350 D6, g O

m wmepimTwaoic Edv 1) Sofcioa mapdoraois elvan  Tiig
poppfic X *--Bx+y kol 1o pév B elvan 16 dAyePpikdv &Bpoiopa Blo
&p1Buddy EoTw TOV p Kal p’, TO &8 ¥ TO ywopevov TGV autdv dpi-
Buddv, B& Eycwuev: oT1 B=p+p’, Y=pp'.

Apx XX HY=xX+ (PP )X tPe=XtPXtp X tPP=

= +Px )+ (P X TPP )=X X PP (X )=+ (X 1P

Tl.yx. &&v Exwpev 1O Tprwvupoy Y'+8y+15 mapoarnpolpey 811
elvan 8=5-+3 kad 15=3.5.

L& ToUTo Eyopev ¥ +8x-+15=(x-+3)(x+53)-

81 mepimTwaoig Eav 1) Sobeica mapdoTaci elvan TG
popefic ox-FPx+y duvapeba va Tpépwuev oUThy Eic ywdpevov,
PépovTeg TPGTOV aUThv el THY Tponyouuévny popeny, fiTor ypd-

QOVTEG oUTHV OUTw or( 24 2— X+ ; ) OTe &pKel v Tparrd) elg ywd-
5; Rty
"AMNAG duvdpefa va EpycoBduey kad g EETiG :
: 1 : Yon e o , ;
Mpagouev oo *+Px-+y= (cex+oPy+oy). Ofropey ay=—w,

o) e arar . : N5 A
&1e Exouev, avtl Tig Sofelong TropacTaoewg, THY - (@’ +-Bw-tay).

MEVOV TQporyOvTwy TO X'+

ZnTolusy Twpa v TpEyowuey TO w’-Pw-tay g ywoupsvov.
*Eorw Aormmodv &1 eUptdn @i Po-toay—=(w—p, )(w—p,). OfTouev
w=—oy kol eUploxopsy (ax—p,)(ox—p,), Gpa 1) Bobeloa TapdoTa-

P 3 ek
oIg TpémeTon elg THY — (ox—p, ) (oX—p.)-

*Eotw T.x. 1| mapdoTacic 3y —x—2.

Fp&gopey oy dg &fic 5(3.3x°—3x—3.2).

’Eqv ypdwopev auti 3) TO w, BnAadn &v Btowpev 3yx=—c,

eUploxopey 3y —x—2—= —; (w*—w—06).
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"Avaitopey 16 w'—-w—6 elg TO (w—73) (cw+2) xald olrre 8& Exew-
pev  3xt—x—2= +(0—3)(@42).
I_pdqaouew c’w;ri ToU w 1O foov adToU 3x kai éxc‘:uav
3 x—3)Cx+2)= __(X,, DOGx+2)=x—1)Bx+2)
"HTC-I 3y —x—2=(x—1)(Bx+2).

O mepimTwoig: 'Eqv 7} Bobeloa mapdoTaois slvan &Bpoi-
opa 1} Bixgopd BUo kUBwv, &voAUeton eig yivopevov Emi T Pdo=
Th¢ Sianpeoews TToAvwwUpou 81 ToU X+o f) ToU y—a. OUrw mw.y. 10
o’ —P* Broapeiton Bix ToU o—P xai Bider nAikov ot +aP-+pe.

‘Emropévesg elvan ad—B*=(a—PB)(a*-+aP+p2).

‘Opoieg 10 o®+P?* Siaipeitan S1x ToU a-+-P wal Bider TrmAikov
o'—af+p. "Apx slven c:"—‘—B‘——(cx—"—ﬁ)(cx"—dﬁ—‘--[i:)

Kot talra 10 X'+ =0+ ) (X=X ")

To (x—¥)r+w'=—y+0) [—¥)—X—¥)wtw' ]=

A DIOC T ZXW"‘XW"‘?‘PQ'E w?).

'Acxmnoerg

‘Opdas mpaTn. 144, N& tpairoUv eis ywdpesva al k&rwd mapaoTéoes:

o) 9at4-26a2fr-25p¢ oT') otPpt ') 16 —17a?-}-1
B Apr—2hyeyr-Lopt D) -oflotgt Ly 1p7) 16At|ys
YD) ANfA4-1 n) 2531y 16w' 1y') e*-17a—390
§) 4a'—13a74-1 8) at4ps 18' ) a—Tap-4-108
€) 43T w9yt 1) 9a'—15ai-4-1
‘Op&s devTEpa 145 ’Emions v Tpomolv eis ywopsva al wdroth wa-
POOTACES :
CHE e ) 5) x't6d §') 8atips
B 6y*+17x+-12 g) 343+ys ) 216pt+v

y') 1lla*—230f+2B* ot1') oip3+343
‘Opds tpiTn. 146. N& dvoiuBolv els ywopsva al karwTipew mopaoTa-
ggls, dit ouvbuaouol TV dvwTépw KTedelo@V TEPITITWOEWY :

o) GHyr—l—wixyi-1) B) o —Ppid-2ap(x*—B2)

S E (= Ay 5 aty:{Py—aty—B

) X200y (@ty)y=— o1’} PP —api—alp
§1)lidy-fdoar )yt Aot i< M)t dydtdapa-—dyspr-L Ay
) w3y 33— 1) ap(xX*+-1)+-x(="+4-B%)

o) (i D v
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"AlvyeBpa (“Exdoowg A’, 1950) 89

METIITOZ KOINOI AIAIPETHI KAl EAAXIZITON KOINON MOAAAMAATIION
AKEPAION AATEBPIKQN TAPAITAIEQN

§ 82. Kaldoluev uéyisrov xowwdv drapérny (u.x.0.) Sodévrwoy
dxcpaiwy povwviuwy ué douduntixovs cvvredecrdg dxegaiovg,
OV w.2.6. TGV »vgiwy TOoodY TWY, ud cuvredeoTny OV w.x.0. TV
cvvielectdy Twr.

‘O kowoov TG sUpeoews ToU W.K.B. dxepaiwv &pibpdv (tiic ’Api-
Sunmikiic) 81’ dvaloewe cliTddv elg TpdTous TrapdyovTag, loyler Kai
Six v eUpecv ToU pKk.8 dxepoicv SAyePpikddv &pifpdv 1) Tapa-
OTGOEWV, HE CUVTEAECTAOC dKepaioug, &Tov aUran TpémwvTal € yi-
vopeva, Kai 1) amodeific yiveton Spoicog. OUteo & px.b. tév
BetEi=—78 8 Onipi—icsp ] 6eBE—DkedPs *clucn il iR

‘O pkd. v a—ap=(c—P)a, o—2B+tap=a(a—Pp)* kai
a*—PBt—(o—P) (e} aPp+p?) elven T a—P.

§ 83. Kalobuev #Adyiorov xowdv nollanlddoroy (d.x.0.) dxe-
paiewy povoviuwy ué dorPuntixodc cvvieleords dxegalovs, To
g, @Y nvgiwv moodv aVrTdy ué cvvielesTny 10 E.x.m. TAV
ovvredecTdY TWV.

‘O xovoov TG elpéoewg Tol E.K.Tr. dxepaiwy &pibuddv (Tiic "Api-
BunTikfic) 81’ &vodlosweg elg TpwTOU; TTapdyovTas, ioxUel kol Sk
v elpeotv ToU &.x.1r. diepaiwy dAyeBpixdy apiBudv fj kol dxrepaicov
GAYERPIK@Y TropaoTaoewy (Ué oUVTEAEOTES dxepaious), 6Tav avuTtal
TpemoovTan €l yivopeva, 1) 8 amrodeific yivetan Spoiwg. Olrw To
Ex.Tr. TGOV 18eap—0 S £, Yape=3* gp1, 12ap=2°3cp
glval 10 ywoupsvov 22.3'c’Bi=36ap*.

Aoxnoetrg

147. N& elpebi] & 8. Ty mopooTdoewy:
o) 121a®, 168aip”
B 36wex, - 28y
Y ) oOe1RGe )Y - O b 3
5 35 0+vy,  (iw)d 200 v)n(a—vT), Oyt v)ip—v)y
G B G £ e PR S G
R T R 1 o LR e
AR G il e S e i s
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90 N. Zaxehhapiov

148. N& elpedfj 10 Lk TGOV TTOpaoTATEWY:
o) 18x(a+2p):,  Oxw(at+2B)*(a—2B),  18x°w(c—2P)*

B 3x+3x 5x°—5%, 10x2+10x
y) Mot (—p2),  2la*B*(a—P)?, 6P (oc—PB)(>—P*)
3") wplv—pvt, e pu—2v2, pi—py—2y?

€y X—@EHDXHTE, i (1 2@+ DT

MEPI AATEBPIKQN PHTON KAAIMATON

§ 84, KaBcxg 16 TrnAikov Tfic Sicipéoews dUo ShyePpixddv &pi-
BuGV TTapIOTGUETAL ME KAGOPC, Exov &pifunThv ToOV BioupeTéov kal
TrapovopaoThy Tov SicnpéTny, olrw kad TO TmAikov SUo dAyePpikddy
TrapacTéoewy, T.X. TV dxepaicov ToloUTtwy —Sa4-p* kai 8y*+-9«
*50"‘73"

8y" 4 9%«

Tolro, dc Tév KA&ou, ToU &troiou ol Spor elvan &v yéver cxé-

paia TToAuovupa, AéyeTcn enrdv dAyefouxdy xddoua.

ToploTaveTan pE TO SAyePpikov KAdoUX

IAIOTHTEZ PHTON AATEBPIKON KAAEIMATON

§ 85. Emeaidn olcudfmote kad &v elven ai dxépancn dAyePpixai
TapaoTdoes, of &moTeAoUoc TOV S&pifunTHV Kal TTEPOVOHCTHY
pnTol dAyePpikol KAdouaTog, of Spor aiToU TapioTavouv cAyeppi-
koug Gpifpovc (Bix Tag TGS TGOV YpouudTwy Twv, Sik Tag omolag
5tv pndevileton & TTapovopaoThs Twv) EmeTan OT1 Kad T& KAGoUOTX
TaUTa EYouv T&S 1Bi1oTnTag T@Y &AyEPpiKdY KAQOUXTWV.

Otfitw 2av tovg Spovec dAyeBownod wwvoc mddouarog molia-
whacidomuey § Stalpfowuey ué tov avrov dovduov (=£0), 1 dkia
tov 8&v uerafdallevar.

DTalEys &0t BByl e _3a
38aBiyt | 2.19a Py 2B'y"

Impilduevor el T dvwTipw iBi1oTTa Buvdueba EvioTe va
Tpbywpey Sofiv dAyePpikov pnTov KAGopa &g &AAo loodlvouov e
oUre kai Exov Spoug &mAouoTépous ToU Bobévrog. Tlpdg elxoAiaw
¥pnopotoloUpey, &v elven BuvaTov, TOV pK.B. TGOV Spwv Tav, TpE-
TrovVTEC QUTOUC el yivdueva, &v elvon duvaTov.

Kora Tolra Exopev T.X.

§ 86. “Andomoinois &AyePpikoU Tivog pnToU KA&oUaTOg Afye-
Tat 7 eUpeoig GAAou KAGopaTos icoduvduou Tou Kai EXOVTOg Spoug

Wneiomotr|Onke amé 1o lvotirouto EknmaibeuTikng MoAmikrig



"AAyvyeBoa (“"Exdooig o 1950 ) 91

&rAovoTépous. ‘H amAomroinois xal T@v pnTév kKAaoudrwy &vdyetal
gic Ty dvrtioToixov dmAomoinoiv T@v &AyeBpikév ToloUTeov,
"Hto1: Aewa va dalomoujowusv ontov dlyefoudv xldoua,
deatgotiusy Tovg bpovs Tov did tvog x0wvod dcaoétov Twy, Toé-
sovzeg ToVTovs elc ywvdueva, &v elvar dvvardr.
OUrw Exopsy m.¥. di1&k TO KAdoux
a*+8a+15 a?48a+15  (ai5)(a+3) ot5

ST e e T et
ToUto ebpeln, GooU TpddTov of dpol Tol Sobévtog ETpdmnoay €ig
ywopsva kai dxoAoUfiwg ol dpor 1ol mpokiyavTos icobuvduou KAG-
guaTo; Binpéinoav Six ToU kowol Sixipétou TGV Spwv Tou, TjTol

ut 1o o-t3.

§ 87. "Avdywyov AéysTal Ev KAdouq, ToU Omolou of Spol Bév
Exyouv kowov Tap&yovta Kal E&mopéves Stv darAomoisitan. ‘O ka-
veoy, kaf® Ov TpemeTon dAYePpikdv xAdoua elc dwdywyov loyle
kal S1x T& SAysBpikd pnT& xAdopoaTa Kol TTpoc eUkoAicv ypnoi-
poTrolelTal © p.K.8. TGOV Spwv Tov, EKEOTOU TOUTWVY TPETTOUEVOU Eig
yivdpevov Trapoyovtwy (Gv elvar Buvorrc'nv) OUrew Exopey T.Y.

4o, 2
e ; )T -2 32 ;)Y 372 (b.x.B. elvan & 2P%y).
’Evriong sUpioxopev 671 :
21 i 1 ] :
—:_._-& == (iu(czhf.;)_‘_)x G—u-- (6 ux.8. elvar 16 a—1).
‘Emriong eUpioxopsv :
OEEo =Pt 0ot B)(x-baf)  “ 3o B (K8, & Xtatp).

HBY =~ xFo+P).(FP—)  xFPa

AoxfoeLg

149. N& Tpoamrolv els dvdywya T7& kKhdopaTa:

o~ 16c2f? N - il ok i . 46y qJ ; ' 98yy—24yr
*) Teape P “samy Y 3950 ) Ay—3%xy
o e SUR il y X!z 6561 , oy +-9By—5y*

9y Vi D 5SS Y amreete
gy X+t +Py-ow+-Px ) ap e Py i Y
o+ 2PX+2ax By (r—=)y—B) ' (@=PXe—r) ' (B—r)(P—=)

oy X(O—B) 4B B(p) gy XDl
a(oc—P) 2B +P(a+-P) X33 +1

Wneiomoir|Onke amé 1o votirouto Eknmaibeutikng MoAmikrig




92 N. Zanehldlapionv

§ 88, Ak va Tpéywpev el (looblivap& Twv) Sudvupa dAye-
Bpikd pnT& KAdopaTa Epyaldpeda Sreog kal ik T& &piBunTiK KA&-

ouaTa.
1 1

4cp’ 18P

To ¢.x.1. TéV TapovopcoTdy elvan TO 32.2°. PR,

Atcipolvteg oo 81° EK&OTOU TGV TOPOVOUXTTGV eUpioKopEY
kaTd oelpdy 6apt, 4a’P?, 9B, 2.

Ed&v TroMoTAcoidawisy Toug Spoug ékdoTou TV BobévTwv
KAaopdTwv kaTd oelpay &l Ta TnAika ToUTe, suploxkopsy (looblvapa
Tév Softvtv) T OSpdvupa KAGoPOTO

» \ ; p o
Eotwoav m.x. T& KAGoUaT = 5"

6Pt - 4B $ op* A 2
36a7p* 36c2p* 36cp® 36c7p
"EcTtwoov T& KAJoPSTS
1 5 S

i@ 3wp i3 1Py BT 2PFPNe—P)  N@—20B+P)
Tpéopey ToUG TOPOVOLQOTES TOUTwWY €Eig yivépeva kod  Exopev
&vtl TéV SobivTwv KAaopdTwy T& €T iooBlvapd Twv &vTioToixwg
1 5 9

(atp)y 8P (c—B) 5(c—B)* 2

To tx.r. ToUrtwv elvar 8.5(a+P)*(a—P)*. Ta mnmAika ToUTOU

51 ixdoTou TRV TapovopaoTédy elven kord oeipdv  2.5(a—P)

5(a+B)(a—B), 8(a+p)®. TToMamAaci&lovTes Tous Spoug TAY &veo-

Tépw KAaopdTwv (2) & T& TnAika aiTdv &uTioTolX W, sUpioKopev
T& loodlvapax TéV SofévTwy KAQCoP&TWY,

25(—p)* | 55.(«iP)(e—P) 9.8(a—+P)°
85(c 1Py (c—B) B5@tPY (c—P)° 58(aip) (—P)"

'AocrnoeLg

150. N& Tparrolv &ls Spdvupa T x&Twdi KAGopoTS pE KOOV TTOPOVOHa-
oTHY TO LK. TV TrapovopaoT®y TG BoftvTwv:

c(') =5 1—--1 ..1_.1 ,,], = 1 ] ﬁ') e e Y ] WP___, —6 =
S L T o ey S
o o 3
F—HOD' G D) D XA
5 Mt kA & -

Pt pl@—ow) pr@—u)’
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MEPI TON MAPAITAIEQN -g- KAl =
§ 89. Kobox eidouev e & mponyolusva, &v Tixn vé Eoopey
Siaipegiv ToU 0:0 16 mnAikov elvar &dpiorov, Snhadh T& TnAlkov
SUvaran v elvon olooBrmoTe &AyeBpixds &pifude, forw o, BidTi
a.0==0. A ToUTo, STav kal o 3o Epot prTol KA&opaTOS ActuBcvouy
Thy Ty 0 &1 dpiopévac TIRGG TGV YpaupaTeV Ty, N Tun ToU
KAdopaTog Si& Tag Tipde TaUTag Becopeitan 8Tt efven ddgiozos.

~ s . e " S o
Eotw .. 76 KA&opa S Av Bsowuey el oo y=a elpi-
oa—a?

» S i v ToUTo 1) TrapdoTagic L5
IO e 0 ha X—a

Otov ¥==xt Ta-

povoi&leTan dg &dproTog Sik ThHY TR o Tol X.
TMoparnpoluey duwe &t1, &v elvan 16 x=k«, Exopev
e y?
e =¥+ kal &v elg ToUTto Tedf) =, Eyopsv EEaydusvov 2« Kai

==X

Sy % ‘H ebpefeioa oty T 2a even kad 1) (&Andhg) Tud Tol

KAdopaTos 22 Erav ¥=a. A& TaUra, Stav oupPaivy prTdy v

yéver dAyeBpikdv KA&opa va yivero % Bi& Tiva Soleioav Tipfy ypdu-

parog Tov, fva elpcopsy TV dAndd ruusfy tov, dvTikaBioTduey T
TIuNY ToU ypduparos elg TO Trpokirov &k ToU Sofivtog petd THY
dmAotroinoiv TV Spwv Tou. *Edv kad el TO TpokUTTTOV KAdONQ Trot-
pouagialeTon apduolov patvépevov, épyaldusia kal &’ alrol duolwc.
- \ \ o o —3at4 a1
Av 88Acopev TNV Tipnv  T.X. 51k TO e GTav o=1,
mapatnpoUpey, &T1 of Spor ToUTou Stav o=1 AcauPdvouv EkaoTog
v TNy 0. AAAG kai & ToUTou Siakpivopey, 611 of &v Adyw Spot
Siaipotivtan Bi1x ToU a—1 (&eoU &rav a=1 pnSevilovran).
Arcapolpey Aormdv ExacTov TV Spwv Tou MéE o—l kai elpi-
: . = , “—2a-1-1
okousv 16 fgodUvauov kKAdopa Tol SobévTtoc ?ﬁ—flz Mopartn-
T
polUusy &T1 xad ToUTou of Spoi &ouv Tv Tipfv 0 &kooTog, STov
a=—=1. Kai ToUtou ol &pol Sicipolvron Si1& ToU o—1 kai &xTeAolv-
Tes Tac Bicupéoeig el ExaoTov TGV Spav, eUpioxaper Td looSlvauov

K?xéc‘uc( q“—ﬁé .
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94 N. Zaxehdlapion

; s o 0 o
Ottouev &ig ToUTo a==1 xal eUpiowopev - = 0. Al elven

kai ) (&Andhc) Tiuh ToU BobivTog KAdopaTos, OTov a‘=1.

"Orav #pyaldueda g g T& Tponyolueva TapadeiypaTa wad
gUpiokopev &vti TOU SoBévToc KA&opaTeg igodlvaudy Tou, Bid To
éTrolov Btv eUpioKoOUEV B1& T&C Becopoupivac TINGG TGV ypauudTav,
&bpIoTOV TIUNY TOUTOV, TéTe Afyouev OTI algouey Thy dopgiotiay
ToU SofévTog KAQOUOTOS.

"Av Sobtv dAyeRpikdy KA&opx B&v elvan pnTév, TOTE Siv Exousv
Gpioptvov dmholv kavéva Sid v &poopey THY dopioTiav Tou. AN
ouvhiBeg Emdicokopey (& elvor Buvartov) va elpowpsy icodlUvauov
KA&oua ToU Sobévtoc pé prTOV TrapovoucoThy Kol v ETITUXUEV
duoiwe ThHy &moPoAny Tijc doploTias. TMx. \&—3__1—5 = &mou a=5,
Acupéver Ty &épraTov. TToAamAasi&{ovTes Aormov Toug Gpoug Tou
KAGoueToe &l \ a—1-+2, &te AapBdvouey ThHy icoBlvauov Trapa-
oTanw Tou SoftvTog (ams)(u\_asﬂu‘ﬂz) —\oe—14-2. " Alrm, Orav
=5, AapPdver THy Ty 4,11 omoia evar kai (GANEHC) T Kai
ot BoBtvToc KA&opaTog, &Tav oa=5.

§ 90. ‘H wap&oTaoig \ oa—1+42 Aéyeton swlvysc TiS Vea-1—2.

"Ev yével, BUo TrapaoTéces f| SUo woodTnTES THG HOPPTIS A-+-B
ko A—B Atyovton guluyeis, &v 1| uix elvon &Bpotopa kad 1] GAAN
elven Siagopd SUo dpiopbvev TapaoToswy. Ty, o —B+V P —day
xad —p—\ P'— 4oy elvan ouluysis.

§ 91. "Eorw om {nTeiTan 7| Tipn Tol KA&GopoTog 79}{_—? oTov

—92. "Av &UTIKOTOOTHoWHEY €lg alTd TO X ME TO 2, ebpiokopev
e
T S § Ve 1 e
*Ex ToUTou TrapaTnpoUuey &1, évioTe ) Tiuh &AyePpikoU pnToU
KAdouaTog Sid Tva Sofeloav TIUAV Yp&uuaTds Tivog, Aaupaver pop-
@fv KAdopoTog pév, &AM’ ExovTog TwapovopaoThy TO 0 xad &pi@pnThy
DpITUEVOY Tiva &pifpov = 0.

*Ev yéver EoTe 6T 1) Tip KAGopaTog TIveg glvan ) % oTou o
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TapioTavel &piBudv Tva dpioutvov (5£0). Eig Thv mepimTeoty TV

Afyousv, 871 7 mapdoracic % ovdeulav Exer Evvorav, # 6w, 1 T

P 5 o = P
To0 & elvar dnodvrws ueyaivréoa mavidc dotduot Penxov (6-
covdijmore ueydiov). Kol 16 pdv 611 1o % Stv Eyel kappiov Evvoiay,

paiveTan & ToU &1, oUBels dpiBude Utrdpyel, SoTIC ToAMamAccialOpe-
vog émi 0, BUvaran v 8don ywdpevov T q, &oU 1o 0 &mi olovdn-
moTe Gp1dudy ToAdamAactalduevoy 58t Efarydpevoy 0.

'EE &\Aou Suwc, &v o TTapovopaoTg Evog KAdopaog, ExovTog
GpiBunTny Opiopévov a0 EAaTTolral, TOTE TO KAdOUX avuEdveTal

&moAlrraxs. OUrw Y. TO 0—% — 1000q;, &vés 16 Ole‘:‘m — 10000« €l-

van 82 16 SeUrepov TolUTo peycAlTepov Tol Trponyouutvou Tou, Evé
6 TrapovouxoT g ToUTou elvat pikpdTepos Tol Tponyountvou Tou.

O¥rw Soov & mapovopaoTig EharTdoveran kai TAno1&lel vé yivy
0, Téoov 7| Tun ToU KAdopaToc yivetral &mOAUTLG peyodutépa Kal
Telvel v& UrepPi] vt BeTikdv &pibudv. "Av oupBaivn Totro Bik TS
(o4
5
Tikov &melpov, ko’ Soov elven 16 o)0 A T (0. TS ferixdv A &pvnTI-
KOV &Telpov TapioTavopsy pé TS oUpBorov + o (Berikdv f &pvnTi-
KOV &Teipov).

Aix TolUro mévroTe el wdcay dialoeoty Drodérousy tdv Siar-

TOTE Afyopsv &1 TO % Teiver el TO GeTixdv &mreipov f ¢l 1O &pvn-

0€tnv didpopov tou O.
‘Aonnfoeig

151. Na& ebpeBolv of Tiuai T&V ké&Twd KAaopdTev Bid Tas cnpeioupévas Ti-
pas TV ypappdrtwy:

o L e oy X=% . :
— L& S1ov v—0 —— OTaV Y—a A - OTOV ¥—Q

a’) = X BY) brvzares . Y) X—ot X
5% g'—g_ Son 0B €) _(Xi:a‘?‘fx,x_‘:"ﬁ)ﬁigi) Srav y—a
ST L el B gt e
oT') ” dtav x=a {) ot lo'rc:v Nl m) 5w a—=1

3

e s ol ke PN B
V&' —p o (a—B) :
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MPOIOEIIZ KAl AGAIPEIIL AATEBPIKON KAAEMATON

§ 92. ‘O xovow TS —rpocr€£cremc kol Gooupicewg GpiBunTmikédv
SAysPpikdy KhaopdTwy loyUe kol S1x THv Tpdcteow kol doaipectv
priTEY dNyePpiKGY KAGOUETOV.

“Av T& Softvta pnTa v yéver AdopaTa elvan ETEpOVUNG, TPE-
Topey ot elg dpvupe, pé TO EKT. TGV Trcxpovoucxo—rmv (&ooU
1péyopey ToUToug elg yivopeva) kol dxoAoUBwe EKTEACUUEY THY TIpOo-
Beoiv, &Treg Kol glg Toug KACOUOTIKOUC cxpleuouc

“EoTo .. 671 {nTolpev TO GOpoIoud 5— —gg 2:_3;; - 2(;?;:;3 )

T KT, TOV TapovouaaT®dY elvan TO 4ot—9p* 4(23—3—3[,3)(20:—33)
Té& TAika ToUtou 81’ ExdoTou TGV TapovopasT&Y slvea KOT& OElpaY
20-+3B, 2a—3B, 1. ToAAermAaoi&{ouey ToUs Spous EXaoToU KAGoUC-
Tog #ml T& TAlKa aUTd dvTioTeixwe kal eUpiokopev

(2 13p): | (20—3B)" 2(4<= +9B) (20+3p)* +(2x—3B)* + 2(4" - 9B°)

G opT | depr | 4c—9pT Zo—9B°

'AgxmnoeLg

152. N& eipefoln T& farybusva TGV xarwdl Tpafewy kad al mipol ciTdv,
kafidos kel Tév Biboptveoy Si1& Tag onusioupivas TILES TOV YPapBP&TW:

SR 4 2(5%-L12) 3
) s T HET T &Gk ok o
; ap Br % =
e - e =GP e e
> 1=2x e 1% FRTE oy e
Y) 3o T 24D 6(x+1) o B
5') -U"—i—&‘}' LaAs - —Y 5 A__,#A, e _3
y—y* dY+2mf Ty | y—« oty
o XXy Sy
) Ny T w Xy
ek Al =0 panek
Goiyy—Ay* T (X299 ' xtw
R s e e e
9 XWX Wy
Syl BRDC L. Bl
[ L 2 e BF o—p

153. 'Edv Bfotopey - o()=x+2. TOO=x +2x+4 ‘r(X):X*" xal
Koy . . w{x) ‘--4)( -r 16
() =y'—2y+1-4, Gelfoe om eV T(0-e(x) X B
T e00e00—TOV0) 1€

WnipiomoiriOnke and 1o lvotirouto Ekmaideutikrig Mohmikrig




m

"AlyeBoa ("Exdooig A’, 1950) SR

MOAAANAAIIAIMOI KAl AIAIPEIIL AATEBPIKON KAAIMATQON

§ 93. "O xavov ToU ToAAoTAaoiacpoU dhyeBpik@v KAaoudTwy

EXOUEV

loxUer kai Sidx T& pnTa dAyePpika kA&opoTa. Olrw m.y. &y

12>y ldw?o

Twp* 3xy* P.3XY
IapammpnTéov &1, eig yivépevov kKhaopdTwv

YO

woloUpey Tov apifunTny Evog TV Trapay

uvapebo va arAo-

- .

TOV TTAPOVOUGT TV

*Eriong

‘O xavov Sicpéoews &pifuol i KAaouaTikoU &pifuol ioyue
al 81 ThHv Siaipeciv d\yeBpikiic TrapaocTdoewe 817 dhyePpixoU

(041

TOU KAGouoTog év yéver. OUtw .. TO

B\ ¢
5K Spy. “Ex
- ToU &py kol mogou.lTéoa Tod Eucivay

Wneiomotr|Onke amé 1o lvotirouto EknmaibeuTtikng MoAmikrig




98 N. Zaxelkapiov

156. "Exet mis P—1 Spoaypds kai tEobelel 10 TérapTov otV Kal -;— ToU

UroAoiTou. IMéoa ToU Epsivow;

157. *Exa Tis o Spoyxpds kai ¢EoBeer wpdTov 90 YA, Spoyy. kol EmwerTa
B R

T 5 Tou UtroAoimrov. Tléoon Bpy. ToU pévouv;

158. "Exel Tis y Spoyuds kal x&vet TpidTov Ta SUo iPBopa artddv, ETEITA TX
BUo TrépTrTa ToU UtroAciTrou kal 1 y1iAidSperyuov, TTooat Spayual TolU Epsivav;

159. *Ad piav Pplony Tpéxouv 7 ok. UBatos sis 58 . Ao &AAnv 9 ok. els
45 | Tlooo 6ké&des B& Tpéfouv xai &k TV BUo, fav 1y pév TrpddoTn Tpéxn &l 8 , /| &
&AAn dvoixf7 2° PpaduTepov, kAelgouv B ouyypovews;

‘Opds TpiTn. 160. N& elpebolv T& E§axydpeva 1o k&rwd wpdEewv kai al
Tiped aUT@v, xafds kel TGOV SiBoptvov. Bik Tas omnpsicupivas TIRGS TGOV Ypap-
UET@Y TV,

12992 8x*w 1208 ASapt

(.I‘) -I'Cfi'ﬁ- 25“9 ﬁ) EB ¥ ]‘W‘ oTav X=‘——\§J==],c‘-"2, ﬁ'-—}’r3
R e w2y 12 B 5 '
D) a»;(a E) &) BB ( L 4pe y) STay a=—P=—y=——3
' & g e D lry R BN roace S e
9w (F P ) e '(x‘*'f2x-'v~==~v')
) e+ W. XY . @ —axay—xy Srtonk sEid); A

of—oy - XY G-‘—dx—mp—xw

i (igi 42 x—l ) (x 1 x-‘il )

A A N

~ | X—o ] 1 1 ; 1

1 :) ! - S \ 5 - L e e AR ‘
- | (X+<=)* (x—c)-‘, :(x+c=)-‘ x-‘—~cx T —a)?]

1 —
i (0( 2{3 cx—"B a f4|'3

‘Opas teTdpTn. 161. “Exs1 mis o dpaypds. To woodv ToUto aubdver
kaTd TO TéuTTov avuTou. 'Efodelar Ta 0,25 TdHv dowv oltw Exer kol aufaver Sox
ToU pévouv kara T& 0,5 alrdv. Tdoa Exer els 76 TéAos;

162. "Exwv Tis o Spaynds, Tés avfdvel kard v& 0,25 alrdv. "E§odeln EmaiTa
5000 Bpoxudas kai TO UtroAeipbiv aufdvel kara & 0,25 alrroU, tEodelel B8 A
5000 Bpayuds. Mocas Bpayuas Exet els TO TéAOS;

163. Xwpikds Tis £pepev els Ty dyopdv 16a-+-30 alryd, wpds oAnow. "Ev
TpoTols ErdAnoer 1o 0,5 TV Sowv Epepe kal Ev avydv &l TwAfow: EmerTa ék ToU
UrroAoiTou T& 0,5 kal dxéun &v alydv. ‘Ouoiws ErdAnoe kad Tpitnv kol TeTdpTnV
gop&v. TMéoa alyd ToU Epeivav els T TéAos;

Wneiomotr|Onke amé To lvotirouto EknmaibeuTikng MoAmikrig
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IYNOETA KAAIMATA

§ 94. Aofiv xKAdopa Aéyeran givderoy, v ToUA&yloTOV Elg TGV
Spwv Tou Bév slven dxépaiog dpiBude 7 dxepaia dAyePpikn TapdoTa-
o15. ‘AtmAoUv AéysTon v kKAGopa &tav &év elvar olvBetov.

- s A > % TRt .

Ofrw 10 KAGouax K}.’l— elvan oUvBetov, 81611 6 TrapovouaoTNg

T4y '
oaUToU elvan KAQOHPATIKT] TTap&oTAgIS.

*Etreibny wav kAdopa elven mrmAikov Tiic Sicupéoews ToU dpibun-
ToU 81 ToU TrapovopaoToU 'rou, EmETON OT1 EXOUEV

: S 3 2y dp | 2yy
Ax—1 \P 17 dx—1
T4y

*Ev yéver : “Iva xddoua svvderov xatactijowuey drdoiiv, doxei
va dtaigéowmuey 1o0v dorduntiiy tov dia to¥ mapavouactod rov.

ZUVTOMMTEPOS TPOTOG S1& V& KaTaoTHowWUEY ouvBeTov T1 KAG-
opa &Aolv, elvan 6 &6fg: EUpiokopev To &.k.Tr. TGV TapovopacTaY
TV KAaopdTwy ToU &p1BunTol xail ToU TapovopaoToU Tou SofévTog
KAdouaTog kal £’ almd ToAAaTmAaci&lopey Toug 8o Spoug ToU So-

Bévrog xA&ouaTog.
x

x
“EoTow ). TO KAdopa ——_—)S_—H—_f_x~_
e

e SN S
a-tx elvat TO ywopevov aitdy (a—y) (a+x). MoAAamaiai&lovteg Tolg
8poug ToU SobévTtog kAdouaTog £mi TO ywépevov ToUTo, eUpiokopey

a(at0—(e—x) _ «*fay—aitax _ 2ax_ 1
X(e+0+x(e—x) ~ ex+xtox—x' 2ox

To &k TGV a—y ka

‘AoxnoeLg

{ S

% ‘I§4 N& Tpamolv els &mA& T& kéTwh KAdopara kol v sipeBolv of Tipad
-rwv &ic TAS ONUEIOUNEVaS TINAS TGV YPaupETwY :

e B 2p+-v a+-p ¥l
N, v 6y _HEV S5k oy E=P 75 5y X
\H @ H a—p Lk
‘U i 1+ I-"f‘-\’ (X+ﬁ+l X X
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¥

: X+ X
£) I ; x—w-—— x+~v—
b e ey g ma 1) ( : )( x—i—w)
L2 Eg OeH—o _H,
éTav  X—2, w=—1.
\JI'GS. N& éardotroinfoly Ta XAdoperro
e M L o1 Gup ) e R e R o
AL, _ Py ab pj/ P o X W e
\ ap—1_ P—y—1 (Yo—=1)"—x*y* o ab S
a—B B—y (xy—eow)*—1 i v @

166. ’Edqv Tebi)

PO0—2(¥) =
[1+200+2M) +200-9(4)]1:2

9, S e 0 L L :
o(X)= e e W)= TP, W e

Mepiimpre epleyoucvov zegaloiov II.

“‘Ogtouds; diyefoixijc maga- Zbufola: \y  pilixdv, = TaU-
ordoews (Gxepaia, xAacpoTiky, ToTNTOG fi IocoBuvapicg dAyePpi-
pnTT, GppNTOC TAP&OTACIS). KV TTOPACTACEWV.

"loodlvapor wapaoTdoes. ‘OpIopos TAQUTOTNTOS TMOPACTETEWY
a-+p=P+c,
o 20p+Br==(a+P)’

(i TalrrdTNTES dAnBeUouy Bt olaodTroTe TINAS TGV Y POUUETWY TWV).

"ApiBunTikf) Tiun dAyEBpikfic TapaoTaoEwS.

‘Opiopds - povevupoy, Siwvipoy, TToAvwwilou (dxképatov, KAo-
oHaTIKOY, pNTOV, &PPTTOV HOVVULOV T TTOAUMUUMOV).

*Ap1BunTikdg OUVTEAEOTNG HOV@VUUOU, OUVTEAEGTNG UOVGVUHOU
¢ TTPOS Yp&PUa TOU T} G TTPOG YIVOUEVOV TTapayOVTwWY TOU.

“Opoia povavupe (&vrifeta poviovupa). "Avarywyt) Ouoiwv po-
veovUpcov. Al 4 Trp&€eig & povaivupa.

Bofpog dxepadou roAuwvipou Tpog &v | TeploadTepa YpaUpaTd
Tou. ‘Opoyevic ducépaiov TTOAUMVUHOY ¢ TTPOS Y PAUPATE: TOU.

‘Opoyevic ypoupikdv., AlaTeTorypévov dképaiov  TTOAUMVUHOV
ko Tag dvioUoag 7 kaTioUoag SUVGHES YPaUPAToY Tou. “Avnype-
vov (&xépalov) TTOAUGUULOV.

Al 4 wpd€eic p2 (dxépona) TTOAUGVUMA Kal povedvupa i pé ToAu-
WV,
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Ai mp&eic omnpilovron Eml 1@V mpd€ewv xal iSioTiTwov TEY
dAyePpikidv &BpoioudToov.

Aixipeoig  (&repaiou) ToAuwviuou 81 &Ahou SiareTarypiveov
Spofeg. EUpioxouey Tov o’ Spov ToU Tnhikou & Tiic Sixipéoec ToU o
Spou TolU BixipeTéou 81k ToU o' Spou Tol Sicnpérou. Elpeoic Tév Ao
TV Spwv ToU TmAlkov peTd Tov o Spov.

2xeéolc SwxipeTiou, Sicupéroy, mnAfkou kad Umodoimou. Tyéoig
Umroloitrou kai SiaipéTou g Trpdc ToV Padiudy Towv.

"AEioonpsiwror tavidTnres.

D) (e£p)'—o1-20p+p*

2) (c+PBy—or+3cp+3ap'+p’

3) X+ X+B)=x "+ (+B)x+ap

4) (XF)XHB) (X Fy)=x+ (o+P+y)x*+ (aP+oy+Py)x+oBy

3) () (e P )—(ox+By)* —=(ay—Bx)*

6) OCHW o) (@ By )—(ox+Py+yw) =
=(ay—PBx)*+(Bo—yw) '+ (yX—aw)’.

Al 8Uo TeAeuTtaicn Aéyovren TaUTéTnTEG ToU Lagrange.

YwoAorrov v Sixipéoews moAuwvipou TT(x): (x+a) sven

v=T1(£)

YméAorrov v Sianpéoeas woAvwvipou TI(Y): (ax+p) slven

Hks)
IMnAixov (1) Sicapéoscog
(Ot —at ) (x—a )=y 'Fox¥—Faype—t ... +oi—t
TnAikov (1) Siaipéoscog
X+ i) (X )Yy

Tpo) dxepadag dAyeBpikfic TapaoTdosws elg ywdpevov Tapa-
yovtwv (Sidepiois dvvéa TEQITITOOEWY).

‘Opiouds pnrol dhyePpikol KA&ouoTos (UE Spous GAYEPpIKAG
TIOPATTATEIS).

MNMapaoTdoel 16y omroiwy 1) Tip wapousi&leTan o ddproToc >

"Apoic Tiic dopioTiag. Zuluyelc mopaotdosic A+B xai A—B,
A+\V B ki A—\VB.
‘Opiouoe ouvbttou xAdouarog, amrAoTroincic alroU.

¥ WnepromoirBnke amd 1o lvonirouto Exmraideutikng MoArmikng
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\ESIIQIEIE MPQTOY BAOGMOY ME ENA AINQITON
OPIEMOI KAl 1AIOTHTELZ TON ESIIOIEON

§ 95. “Eorw &1 Exopev THv ioétnTa 3x=15. TlopaTnpolpev
&n, &tav 1o X yivn 5, 1) lodrng émaAndetetan. Tlpdrypartt dTav X 5
glvan 3.5=15, firor 15=15. A& w&oav SAANV Tipfiv ToU X 1) &v ASyw
{odtnc Stv 8iBar &pifuouc foous, fiTor Bév dAndevs. “Ouoicg TrapaT-
poupev &1 f) 3x=12 &Anelel Six pévnv THY TNV X=4. *Ece £€

&ovu el T lodmnTa a--p=P+ o dvTikoTaoTRoOWHEY TO o kai B
51’ olcovbhTroTe &p1fuddv Tr.x. Mt a=—1 xai B=3 | pé a=>5 kai Pp=—17,

maparnpolusy  &Ti TpokUTrTouy  &piBuoi ioor &vTioToixws, fjTol
4—4 gc thv mepimraow (a=1, p=3) kad —2——2 elg v BeuTe-
pav Tepimrwow. “Ex TolTwv cuvdyopev OTi

0t

&AyePpikév TapacTéoewy, of dtrolc érainfelovTan pévov Stav TO
Ypaupa fi GpIoREva YR EHPaTX TwV AdPouv dpuodiog Tipag wkai GA-
Aan, oi émoicn &Anfslour ik TTAOUG TAC TIRAG TRV ypauudTWY TwW.
Téc TpeoTag kohoUpey E5uadasis TG &' GAAaG Tavrdrnioas.

"Qoe: 'EEfiocwois Aéyerar 1 icding, 1 dmoia dAntever udvov,
drav &v yoduua 3 doicuéva yoduuata adris Adfovy douodiag tiuds.

KeoUpev dyvddorovg E61000EmC TG yp&upoTd Tng, T omoix
mpémel va AdPouv dpioptvas TiRdg, i va dAndeun o).

O~

§ 96. Tiual TV &yvwoTwy AéyovTal ol &piBpoi (7] ai oot
TNTEG), ol omolol dvTikaBioTVTES ToUg &yveoToug eTTaAnfelouy Thv
tfiowo, Ayovton 8 aUtan ked géfar oUThc. Zuvnifwg TraploTa-
VOUEV TOUG &yvedoToug £§10toews UE TEAUTOIX ypapHOTX TOU OA-
paPnTou X, Y, w KA.

§ 97. Avoug EiowoEws

* ‘H ypfiois EEiocooew

A

mipédTov els T PifAiov Tol Alyurri
‘H &moTnpovikn Swapdpewo

@avrov kai Tov “Hpwva (lov
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"AlveBea (“Exdooi A’, 1950) 103

§ 98. ‘looBivauor Aéyovtan SUo Eicdorig, & Exouv TG alrrdc
pilas: fitol, dav mdsa gila tic o BEiodoewe elvar oila xal ¢
B8 xail mdca zic B’ elvar nal tic a'.

Al &xarépabey ToU onpeiou THic lodTnTos TapacTasEg AéyovTan
ufdn oiric (TpddTov kal SeUTepov). “ExacTov wéhog tfiowoee elva
tv yévar &Opoicua mpoofeTéwy, EkacTog TGV Smolwv AéysTon dgog
TNc &iowoswc.

§ 99. ’E&iowoic Tic AéyeTan &piBunTikn pév, E&v oUBsic TGV Spaov
TNG TEPIEXT) YPSMUGTX &KTOS T&V &yvdoTwv, éyyodunazog B¢, tw
Sév oupBaivy ToUto. OUTw 1) 8x+12x—=3— 4y elvar &piBunTike, &véd
1 3x—5a=8p+4-2 slven &y ypdupcrros.

§ 100. Mix e€iowoig Aéyetan dxegaia, &v oi dpor Tne evan Ta-
POOTATEIS GKéporial )G TTPOC ToUg &yvwoTtoug Tng, xobdc T X
a\ a—B x*—2Px—Y-

Klaocpatixy Aeyetan pia éfiowalc, &v TOUAGY 10ToV €lg Tév Spaov
™G slvan KhaouaTikn TapdoTagis, ¢ Tpde Toug &y VIOTOUS TNG TT.X.

Sapal p
X1 1 T40

Przy pev Adyetan pia &€iocwoig, &v oUbeic Téwv Spwv Tng &xn pi-

fav &ml T&V &yvaoTwv Trs. “Agontos &, &v Btv elva pNT, TX. )

Vx*+2=6 elvan &pprTos.

§ 101. ©° &modeifwpev Ty EEfic iBi1dTHTa TGV gE1ooecov.
"Eav eic ta Svo uédn SEisdoewc mgooPécwuey (# dpavoé-
cwuev) Ty adiny nocdinra, mooxvaver Elcwoic leodvvauoc.
IMpdypaT €otw m.x. ) Eiowoic 8y—32 (1)
‘E&v elc Ta pédn oUTiic mpoobiowuey .. TéV 6, TpokUTrTEl
N 8x+6=32+6 (2), /) émolx elven iooblvapos g iy (1). Adm bl
(1) Exer ThHv pilav 4, &medn slvan 8.4=32 (1')."AAN’ &v el Tolc Toouc
ToUTouC &p1Buolc TpooBéowpey TdV 6, TrpokimrTouy &pifpoi fool
8.4+4-6-=3216 (2'). Ofropev eic TV (2) =4 kol eUplokopey &k piv
ToU @' pfAous 8.4-16, & 8¢ ToU B’ 32--6. *AAAG T& tEaydpeva alrd
elvan foa, dxg eiSopev (2). "Apa 1 pila 4 Tiic (1) elvan kai T (2). Kad
dvTioTpoews. ‘H (2) &xar v pilav 4, 16T &rav Teb X=4 eic autnv
gUpioxopev 8.4-+-6--32+6 (2'). "Av B¢ &md Touc Toouc alrTovc &p1-
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Buolc &oauptowpey TOV 6, Exouey 8.4==32 (17). OfTousv gle v (1)
v pilav g (2) =4 ot eUploropev & pev 100 o psAoue TNg 8.4,
# B¢ ToU P 32. *ANN alrol of &piBuoi elvai ool (l)‘ *Hror fy pila
Tfic oot (2) elvan pila ked THg (1). “Ouoicg SrrodekvUETen T
1816Tne Ked B oo Elowo, ¢ xoi dTav TpooTifeTon TTOpPG-
OTOOIG TEPIEYOUTT TOV Gy VWO TOV.

§ 102. Metagoga Sgov dud o #v uéhog tifc EEicwoemws elg
7o ddho.

"Eotw 1 &lowoig x—pP=c.

Eqv elc t& péAn aUrfic Tpoobiocopey Tov P, Acppévousv Vv
ioodUvapov Eiowo T Bobelone X—P-+P=o+B A x=0o-+p. To
arrd EEoryduevoy TPOKUTITEL Kai Eaw el T Soleioow tCiowotv peTa-
pépwpey TO —P ik ToU o pédous elg TO P uE 16 &vTifeTéy Tou TIPO-
onuov. ‘Opolce & Tiig E§10W0EWS X—+P=a Acupévopsy —a—P, &v
peTapépoopsy TO P elc TO P’ péhog uE &vTifeTov aToU Tpoonuov. “Apa:

§ 103. Eic mécav éSicwawy Suvdueda va uetaplowuey 6gov
Tuvd éx ToT Evde uéhovc el dAdo ud HAdayuévov td mgdonudy Tov.

*Ex TouTtou Eeton 611 : “dv Sgog tic Ymdoxn eis ta 8vo uidn
2EiedboEwe ut Td avTo TEdonuoY, Svvducdha va tov mapalsiypwucy,
§te 1 mpontmrovea dsicwos elvar ioodlvauog spdc TNy dolheioay.

*Eote 1) ilowoig y—y=—a—P- 3)

*E&v petapépopey Kabéva Spov crtiic eic 7O &AAo ufAog TNG ME
&vTifeTov Tpdonuov elpiokouey : B—a==x—Yy T X—Yy=—p—« 4)

‘H (4) wpoximrea & Thg (3) wod &aw GAANGEUEY TO TTPOCTIHOV
kaBevoe TéY Spwv aUTiic. ‘QoTe:

§ 104. "Eav dAldEowpusy ta orjuata maviwy ToV 6oy &Ecdd-
cewe mpoxdmzel dEicwoi icodvvapos.

Mpopavés, Exouev 6T 1) EGiowolg A-=B, émou & A,B mapioTa-
vouv T& Blo péAn adrriic, elvon fooBUvauog ue THV A—B=—B—B 17 us
v A—B=—0. ;

§ 105. *Ex TGV Trponyouuévay Erreron 611 : Aodeions éEtoosws
Svvdueda va efigouey loodlraudy s s wog@is A=0, & p=-
Topipwpey karoAAfAws SAoug Toue Spous s Sobeions glg 7O a pé-
Ao¢ TN Kal TopaeTHOWEEY aUTd uE A.
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§ 106. O« arrodeifwysy Tdhpa Ty iEfic B1dThTa oY ECICOOEWVY;
‘Edav ta dvo péin #isdosewc moddandasidowuey # Siaigé-
cwuey £nl iy ey (yroworny) smoodznta (#0) mpondmrer (-

cwois (sodvvauoc.,
X

"EoTew m.x. 1) &iowoig Tx==35 (1). Aéyopsv &mi r‘]-—3—=% (2)
stvont fooBUvapog ut thy (1). A 4 pila Tiic (1) elvan 1) x=5, émwaidn)
B1ax ¥=5 Exopev 7.5=35. Oétouev x=5 sic T (2) xai ebpioxopey &

S g e i = S S L T A A
pHEV TO o pEAog TNg —- &wd 8¢ TO B’ TO o Ol &piBuoi atrol elven
ool 81071 mpokUTrTeuy &md Toug iooue 7.5 kai 35, &polU Sicipedolv
Bic ToU 3. ‘Emopéveg 4 piler x=5 Tiic (1) even pifa kad Tiic (2).
"AvTioTpdews TapaTnpolipey, 8T 1 (2) Exel THY pilau 5, 5161 &v T=61]

e oy X==5, etpiokouer 2 — 2. *ANA of 7.5 xal 35 elvea foon

‘816»1'1 TPOKUTTTOUY &Trd TOEJC, 1ooUg 7—55— Kad }33 &v ToAdarrAacicoboly
eni 3. OUrw xai 7 (1) &xa v pifav x=5. 'Ev yéva &oTw 7 &iocw-
g1c Tis popeiic A=B fi f) looSUvapos alrfic A—B=—0.

"Av ToAAomrAcoidowusy Ta pEAn e &mi A(540), AauBéuouey
™My A(A—B)=0, 1} omoix elvan ioodlvaues Tiic Sobeiong. Aidm
maoax pifa Ths A—B=0 &moaAnfeler admiv, &GAN’ émcAnbelel kai
ThHv A(A—B)=0, 81611 A£0 xai A—B—=0. *AMA& xai Trdoe pila Tiig
A (A—B)=0, elven kal Tfic A—B=0, dgol A=£0, o f pila ol
elvon ki pila Tfic A=B.

MMapatnenTéov 611, Emaidn STav ToAAamAaoidowuey T& PEAT]
glowoews émi ¥, mpokUmtar 0=0, f &t Sipecic Sie Tou 0 elvea
&duvarog, EmeTan ST 1) dvewTépw i8i1dTng Bév oy el dTav & &piBuog i
TOv otrolov TroAAcmAcotdlousy ) Sianpotiuey T péAn Eicdoece slvot
f| yivercn. 0. Ak Tolro, &v 6 moAAamAaoiaome 7y 6 Srapetng elven
TApACTATIC Trsplé;(ov.)cm YpduuaTa Sidgopa T&GY &yvaoTwy Tig So-
8eiong E8iccooewg, ) TpokUTrTouca éffowoic elven loo8Uvapos ué THy
Bofeigav pdvov Bid Tdg Tinas oUTEY TAY ypauudTwy, of dmoic Stv
undevifouv THv TrapdoTaciv, w.x. & & ToMamAaciaaTiS §| 6 Sioupé-
™G elvor o—PB, mpémel v& elvon a—P-£0  (onusidvouey olrrd kol

oltw a=£P). Awdm, & elvar o—B—-0 Eravepydueda sic Y Tpo-
nyovuévny efetaobeioav TepiTTwo.
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*Av & TroAMaTAaoIaoThe 7| & SicapéTng slven TTapAoTao1S EXOUT

fva 7 TepioooTépous dryvadoTous Tiig Bobeiong gCiodboswg, 1 Trpo-
k{mrTovoa Eficwoig Btv elven TévToTe ioobUvauog L..C v Sofsicav,
my. 7 tflowoic 3x=4 kol fi TpokUTTTOUCH &K TEUTTS ME TTOAACTTAC-
glaopdy TéY peEAGY Tne gm (x—2), fitor f) 3x(X—2)4(=x—2) Btv
elvan looSuvapor. Awdti f) B’ Exer kol Ty pilov 2 (koddeg aiveral
&v Btowpey vl ToU ¥ T6 2 sl clrriv, Evd 1) o Bév ThH ExEL

(x D)(y»f-l-) ={) ke

'EE &AAov, &v Eycopev T.X. THV £Ciowolv
Sicnpéocopev T& PEAT TG Bix X+, € piokopev, v x—4=—0, 1 omoia

g

Q
3

el

5tv Exer THv pilav x=—>5 T Sob

§ 107. KoAoUuev dmaloipny t@v nagovouactdy EEI0WOEWS
Thy elpeaiv looBuvduou Tpds alThy &VEU TTOXPOVOUSTTV.

E&v T& SUo Toa TToAAGTTACCIaTWUEY £ TO
pooTtédy 3 kad 11, dnAadn &mi 33, xal dwAomon
v 11x—3x+3=33x—297. 'H &icwoic alrn

TTOPOVOUCITTWV kol ioedUvapog pé ThHv Sofsloav.

Ev ytvei, éav dodeica dticwois elvar xlacuatixs (onwij), dv-
vaueda va elpwusy lcodVvaudy tne dxeoalav, éév nodlanlacid-
cowuey 1o pédn avtic &l 1O E.x.0T. TOV TOLOVOUATTEY T8 ol
dmlomoujowuey todg 6pous TAOY HAATUATOV.

TMpéypart, &v Umobécwpey ST TO B’ wédoc mag ToioUtng €€1-

odoewe eivan TO undty, Suvdpsbo va Bfowupsy TO « pEAog TR
S SR X A e e ; e 3
UTo ThHY Wopeny -, &vTi B¢ TR Botelong EC1coEwg va Exwpsy TNV
3
=0, (1), Barorr- A, B

dryveooTous. "Av 817 oudspicy

¥povwe 10 A kai 16 B,
A=0 (2), &te oi (1) xad (2) glvan icodUvauocr. "Av Guwg Urrap-
) (<) {
youv Tipai TV dyvdoTwy, 81” k&oTny T@V dmoiwy undevifeTan TC
A kai 16 B, Té67Te of Twal adral EmaAnfsiouv Thy (2), dAAG BuvaTov
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v& uf &raAnbelouv THY (1). A &i&x Tée Tipde ol Té-%
Tapovoialerar, & et Tiufv &dpioTov Kal 1 &Anbic Tiun Tou &U-
varal va pn elven undév.

"Eote m.x. 1) é€lowoic : g—;—:Z:i:;—)XT__—g (2)

TS &k, T&V TapovouacTdy evat (X—3)(x—6) (x—8) (x—9).

MoAAamAaci&lovtes T& péAn Ti¢ €100 &l TO k. kal &mrAo-
TTO10UVTES eUpickousy,
X X—6) (x—8) (X—9)— (Xx—5)" (X—8) (X=9)—(X—T) (x—5) (x6).
X—D+X—8)*(Xx—5)(x—6)=0, 1 &moix elvan drepaia kal 1008U-
vapoe pE Thv Sofslcov, 16T Siv Umtdpyer Tipn ol X Emadn-
Belousa alrrfv kad TV (x—5) (X—6) (x—8) (x—9)=0.

Mpds ouvrouiav, &1k THv GTOACIPNY TGV  TAPOVORAOTEV
&pKel v TToAAamAcot&lwusy kobéva Gp1Bun TV TOV Spwv THic Efioc-
o€ws i TO TnAiKoV ToU &.x.7r. 81& ToU TapovouxaTol Tol Spou Tou-
ToU Kad v& TrapadeiTwpsy ToUS TrapovopaoTdc. IT.x. &1 Ty &€icwov
i‘;—(--k Z-X; : +—I=—§- TapaTNpoUpEY, 8T EK.TT. TGV TApOVOUdTTEY
e elvan 16 60, ki & 15, 12, 60, 20 dven & gvrioToya TAike ToU

60 81a xafevoc THV TTapovopaoTv 4, 5, 1, 3. ’Eni T& TAIKa
oUta 8& ToAAcrmAcoidowysy Toug duTioTofxouc dpiBunTac TV
Spav, xwpls v& AdBwpsy U’ Sy Aéov ToUs TTapavouaoTde. MeTd
TV  ExTéAEOIV TGV ToAAGTTACTIaOUGY eUpiokopey v Eiowot
45x—24%+12—60—40.

§ 108. Kodolpsy Badudv €1owoews Thc popefic A—=0, THig
omofag Td Trpd&Tov pfroc elven (&xepaiov &vnyuévov) TOAUMIULOY,
TEpIEXoV Eva 7] TrepioocoTépoug &yvwoTous, Tov Pabiudy Tol TroAvc-
VULoU ToUTou ¢ Trpdc Tolc &yvdioToug, X 1) 3" —6x-+2=0 elven
B’ PaBuoU d mpds x., 7 IXY—4y*+2x—1=0 elvan y* Pabpod dx
Tpos X kol W, N 2%x—3=0 elvar o Baduol g mpog y.

AYIIEZ EZIZOTEQY A’ BAGMOY ME ENA ATNQITON
§ 109. “Eorew &m1 B8Aopsv v& AUgcouey v £Eiowaiy

3x—7—=14—4y.
E&v Tov Spov — 4y petapépopey KaTaAAnAwg elg 1O o péhog
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AIEPEYNHIIZ THI ESIIQIEQT ay-B—0

§ 111. "Ecw &md Sobsicav dkepaioy fi KAcopoTikivy (onTiv)
Eiowary dxg pde TOV EyvwoTov X peTd THY &aAoptiv TV Tapo-
VOUOOT@Y, THV ueETagopav T&vTwv Tév dpcov gl 1o TPOTOV HEACC
kal Ty dvaywyny Té@v opofwv Spwy, TpoKUTrTY Eficwaolg mpdiTou
PafuoU ¢ mpdc TV &yvwoTov ¥, altn G« E&n TH Hop@nv
ox+pP=0, émwou 1& a,p elvan &piBuol yveaooi 7 TIPACTACELS YVwoTal.

‘Otav Aéywpev 8& diegevvijomusy iy éfiamawy ay+B—0, &-
vooUpev ST B& {nTiicwpev va dravtiowuey el Tac EERC épooThioEic:

1) *H &giowois alrn Exer piav pilav | Svera v EXT) kai Tre-
pIoCOTEPOC;

2) Ti wpémer v& elvan & @ xad B, Sidr v £Xn uviav pilov xed Tt
S1x v& ExT TEpiogoTépac 1) kapuiow:

‘Ex Thic ax+P=0 elpioxouev v ioodlvoudy e o= —p.

1) "Av eivan a=£0, 8& Eycopev X—=— —2 fiTer §) Tiun Tol X slvan
copiopgvn, kol Aéyopev 8Tt 1) Sofsiow Eficwoic Eyer wiov uévny oilay
7 wiav udvnv Avouwr.

2) 'E&v elvan o—=0 kad P=£0, & Eycopev Ox=—P # 0=—pB, 1
Smolov glvan &BUvarov, £medh Umretéfn P=£0. Ele v meplmrwoy

aUtnv Aéyousv &Ti 1) Sobsica éfiowoic elvan ddvvarog 1) &t Bt Eyel
Kapuiav Adov. ‘

“EoTteo m.x. 1) élowoig 3 —3— )3( — e é - —; "AVT oG
eUpiokopev THv foodlvapdy g 3X—18—2x=6+%x—2 f v 0.x=22
fi 0=22, 7 omrola elven &BUvaros, &pa kad 1) Sobeioa elvan &8Uvertoc.

3) ’Ecw elven o=0 xai P=0, 8& &copev 6mi Ox=0 1| 0=0 xai
Tpogavise TO X SUvaTtar v& AGBn oiavdhmoTe Tipry, Afyopev &€, 6T
M Sofeloa ¢ &§iowoic elvar ravrdzre fi 611 Exer &meipoug pilag, 8n-
Aab1) mdvTag Touc dp18uolc.

§112. MapaThpnoic “Otav 1 aclvar BeTikdy kod EAarrroUpe-
vov mAnoialn Sinvekdc mpds 1o 0, TéTe Afyopev &1 & ouvTeNeoTHC
ToU X Teiver eic 76 0, oupPoAifopev § alrd olrw a—» 0. "AME TéTe,

&v 710 B elvan dpiopévos &piBude 540, To % Simvexdoc oi§dveTon drro-

AUreoc kad Aéyouev 81 Telver elc 16 -+ oo pév, & slvan B0, gic 10 — 0

Wnepromoir@nke amd 1o lvotirouto Exmraideutikn MoArmikng




&
0

N. Eaxeliapiov

v
ETIKO

113. Tlodg euxoAiay TapaféTopey TOV KOTWTEPL TTivaKa TV
Trdoev THC AUctwe The £6100oEwe ToU TIRWTOV BaBuoU

ay+B=0.

<

1) "Av elvan a=£0, P oloodnmoTe 50, Urépyel pia pila ) x——

Q|

2) "Av elvea a=0, P=£0 Bév UrapxEl pila.
“Ortov elvon P40 kai dpiopévov, SAAG T
f pila Teivel TPoC TO -+ oo, .V BY0, 1 &g
3) "Av glvon a=0, p=0 Umapyouv XTrelpol

2
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‘Cucas TpiTn. 180. Avoore xai EroinfelooTs Tas ¢§1ochasis:
) (a-BIx+ (e—BIx=—=2a" B) («*+P*)42afy—a’—ps
YD) 21— 2v(v—)=(u+v)*—(p—v)

8L XF1I—aG200=0c—2a)45 ) X 4 X —_24qp
G B b, 06 T A8 fhe ry OCHPxty _ axtp
2«p ' 3p 6B (a—B) 5 S FBXLY: - GxiD.
Bpialia - 8B U e
18, G+ T ooy Gr—ayr — (ot

EQAPMOrH TON ESIZQIEQN EIX THN AYIIN MPOBAHMATON

§ 114. Ioéfinua Aéyetan Tpdtaoic eic THY Smoiav InTeiten
va eUpedi) Ev T TreploodTepa &yvwoTa, EfapTidpsva &md AAA YVWOTX
) deBopéva. Ta S18dpueve kal T& EnTolpeva ToU TpoPAnuaToc elvar v
yéver SAyePpikoi dpiBuoi, T 8¢ mepieydpeva elc alrd Tood, PETPOU-
MEva pé TNV povdda aUtol EkaoTov, TrapioTévovTan é &pifuoc.

§ 115. Adowg tvds TpoPAniuaTog Aéyetan 1y elpeoic TV {nTou-
HEVoOY &yvedoTwv aUTol, T& dtroia TapioTévousy cuvnfog pi Ypdu-
HaTX X, Y, @,... Tx 8¢ yvwoT& pé dpifuous f pé ypduuoTta a, B, v,...

Ak v& Aubf) &v TpoPAnua Tpérel T& {nToUpeva alrrol v TAN-
polv dpiouévac TIvag &aiThoEls, TAC OTolac KaAoUpey Spoug ToU
TpoPAnuaTos. “Exeivoug éx T&v Spwv, ol dmoior dpilouv T OXETEIG
TaG Omoiag TpéTrel v Exouv T [nToupeva PG Ta Sedopéva, kKoAoUpsy
émuzayuata.

T& egmréypara yivovtal yvword xord v SlarUmwoly Tou
TpoPAfiuaTog, T.X. ¢ TO TPSPANuUa :

Na edpedij 6 dorPudg, toi Smoiov 1o dumddoiov va wov
YmegPaivy mara G TO EmiTtoryua elvan &Ti: 10 Suwddoiov elvar
ueyalivrspoov avrod xara 6.

‘Emroptveog, &v & Inroluevos dpifiude mapooTodi pé x, TO 5i-
TAGolov cvtoU B elvan 2y. Emeidh 8¢ 1o 2y 8& UmepPaivn To X
kata 6, Tpemel of &Uo TapaoTdoeis 2y kai ¥+-6 v slvan Toct. OfTes
Exouev THy &iocwow 2x=x+6, & Tic Smolag evpioxopey y—6.

"EvioTe & {nToUuevos &piBuos TrapioTdvel THY Tipfy TTogoU Tivog,
TO omolov Evexa TG @UoEws ToU TpoPAfjuaros UTrdkerTan elc Spoug
Twée, Toug dtroious Tpétel va TTAnpol. Tols ToloUToug Spous KaAolUuey

Wneiomotr|Onke amé 1o lvotirouto Eknmaibeutikng MoAmikrig



112 N. ZaxelAagioun

neptoplopots. TI.y. &v 8ix Tiic AUgewg TpoPAnuaTes Twog InTih-
Ta1 6 TARBoc dvlpomwy, duvausba &k TV TTPOTEPWV V& EITTWHEY,
&1 & [nTolpevog &piBudg Tpémel v& elve dxépaiog ko BeTikds.

*Ev yéver S1a i AUov TTpOPATHaTOS TIVOG Epyofoueba dog £EfC :
1) Ebpioxopev Thv Eloworv fi &g EG1o0oElS ToU TrpoPATNuaTOg KXl Toug
Trepropiopols ciTol, &k Tdv émoiwv ol TpddTal gxpp&louv Tag oxé-
oeig, TaC ouvdeoUoag Ta [nToUpeva uE TX SeBoptva atou. 2) Avodev
T Elowor A Tég Eiothoeic kad oTTw eUpiokouev Tives elvan oi &pt-
Buol, of &moiol SlvavTta v AUgouv TO TpdPAnua. 3) "Eferalopev
&v ol & Tic AUoewe elpeBévTes &p1Bpoi TANpolv kad Tolg TrEPIOPITHOUG
TOU TrpoPAfuaToS.

MPOBAHMATA TON OMOION O ANNQITOX AEN EXEl MEPIOPIZMON

§ 116. 1) T rerpaniddoiov douduod tvog eivar Yoov uié tov
doidudy avinPévra xava 60. Hoiog clvar 6 dotPude ;

*Eorw, &T1 X elven & {nToUpevog &piBude. To TeTpamAdoioy -
ToU 8& elvan 4y, TO 8t x+60 TapioTavel ToV &piBuoy, nuEnuévov
ket 60. Kot Thv Siomimreoy ToU TpoPAfjuatos 8 elvan 4x—x+4-60
# 3x=60. AUovtec Ty &lowoiv cdriv ebpioxopev ¥=20 kai ) AVoig
elvan ey,

2) To ddgowsua dvo dotdudv slvar 25, ©d 62 £EamAdoioy
rol weyaiviépov élarrwidév mazd 70 terpantddoLoy TOoU uUiLxQO-
zépov 8ider 50. ITotor sivar of dorduol ;

Eqv gt ¥ TopaoTRowUEY TOV peycAUTepov T@V &pibuddv, o pi-
kpoTEpos B elven 25—y, TO EEamAdoioy ToU peycAuTEpou 6, TO
8¢ TeTpomAdoiov ToU wikpotépou 4(25—x). ‘Emeidn xor& Thy Sa-
TUTeoty ToU TrpoPAtiuaTos | Siagopd 6x—4(25—y) elven fon pe 30,
B Eycopey T E€icwo 6y— 4(25—x)=50 #i 6x-+ 4x—100=50, EK
THic omolac eupioopey x=15. "Apc oi &piBuot elven 15 kai 25—15-=10.

3) Na edgedyj 6 dorPuds, 6 dmolog mpoctiéuevos elg Tovg

: G SR ey 1

dpovg 1o ~7 *duver avro loov ué =
“Av TapaoThowpEy pE ¥ TOv [nroluevov d&piBudv, Ba Excouev :
a4 = SRR L e =
i & TTic AUoEWC TTI OTToIaG EUPIOKOMEY X== 5—3—

n 8¢ Avoic elvan Bexrr.
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\/(goﬁkﬁ,uata wpog Alouv

181. Né& sipedf) & &piBuds, ToU dmolou 16 SimAdoiov aufnfev kata 5 icou-
Tal pé TO TpimAdoiov cUtoU peiov 19.

182. EUpete &p1@udv TtoloUrtov, OOTE TO TETPATMAGTIOV aUTOU EATTOUNEVOY
kaTa 2 va loouTon pE 1O TEITTA&oIdY Tou olv 16.

183. N& elpstf] &piBuds, & Smoios pooTiBépeves els Tous Spous Tou 26 Béxa-
Ta EfBopa, TO képve Toov pi v TpiTov.

184. N& elpedij &pifuds, & omrolos pooTiBépevos els Tous —5, 6, 8 Giber
apifipols &k TOV dmofwv of SYo TpdTol Exouv Adyov foov mpds Tov Adyov Tol
TpiTou Tpds Tov [nTolpevou.

185. Né& sipedi &pdpds, & Strolos EAarToUpevos KaTd TO TpiTov Tou Kal
wxaTd 4 yiveron Toos pé & TrévTe ExTa alUrou peiov 8.

186. Tloiov dpiBudy Trpémel vé doaipégwiey &d Tous Gpous Tol elkooievvi
TeooapaxooTa SevUTepa, Si&k v yivy foov pE 0,5 ;

187. Tloics slvanr & &pibuds, ToU dmolou T& SUo TpiTa kad T& Tpia TETapTa

k&pvouv 170 ;

FIPOBAHMATA TON ONOION O ATNQITOI [PETIEI NA EINAI @ETIKOZ

§ 117. 1) O ’Iwavvne ¥xet terpamddoie uijla # 7 Mogia,
xai of dvo 8¢ uall &youv 45. Iéoca Exer Enaoctog;

Mepiropiopdc. Tlpopavécg oi InToupevor dpibuoct Tpemel va
elven Betikol.

“Av p ¥ TTapaoTniowpey T piAa THs Mapiag, Ta Tol lwdvvou
8¢ TapacTafoly ut 10 4y xal 1@V &lo pé TO 4y xol B elvon
4y --y==45, & Tic dTroiag eUpiowouev ¥=9. “Hto1 1) Mapia elysv 9
kai 6 ’leodvvng 4.9=36 ufjAax kol 1) AUoig elvon Bextr).

2) 'Opfoywviov wwvos 1 uév fdoig elvar 4 u. peyalvréga
¢ mAsvodc rerpaydvoy, icodvvduov meds avzd, to 88 dwog S u.
uingdrepoy. Na edpedotv af Stactdoeis adrod.

Mepiopiopds O Inrolusvor &piBuol wpémer va elvan
BeTiKoi.

’Edv pé ¥ TTOPOOTTOWUEY TNV TAEUPAV TETPXY®WVOU, TG Euba-
Sov alrroU B& elvan y.x=x*. ‘H B&oig ToU oploywviou §& mapa-
otaBf] TOTE pE x+4, T Uyoc Tou pE ¥x—3 kai TO euPadov Tou elvan

(X+D(X—3). O& Exowpsv olmw Tt (X+4H)X—3)=x" A
¥*+4x—3x—12==x". "Ex Tijc Aloecoc Torirtng supiowopev x=12.
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"Qoe, 1| ubv Péoic ToU épfoywoviou Exer pijkog 12-4-4—16 u.,
16 8t Uyog 12—3=9 u. ke 1) AVoig elven Sexrr.

3) 0 A ixzedet Ev Eoyov els 7 fjuépac. O B.2xredel adzd
el 5 Wuégac. "Eav oyacPoiy mal of dvo uall, el néoag MNué-
pac Pa éxrelécovv o Eoyow ;

E&v ¢ x moapaoTiowpey Tov InToUusvov dpiBudy (6 oTroiog
Tpétrel va elvan BeTikdc kad MIKpGTEpOG TOU 5), Taxparrnpolysy &1y,
&@oU elg x fpépag ExTeAoUv kel of SUo pall épyalousvor T Epyov, elg
piow fiuepav Ga dkTeAoUv T6 ix TOU Epyou. "Agol & A el 7 fjuépag
éxTehel TO Epyov, elc 1 Auépav O& ExTeAd) T %,— ‘O B &xreAsi &ig ]
Nuépav T ; TolU Epyou. Kai ol 8Uo pall eic 1 Huépav ixTeAolv 16
1

1 S : , : T 1 1
= + 5 ToU Epyou. ‘Emouéve Exouev Thv Eiowoiv oy e

| =

5x+7x=35, & Tfic émolag eUpioxopey x-——=2¥;.

"Qoe, xkai of 8Uo pali épyaldusvor 8& xteAéoouv TO Epyov

. e = e .
gl Z—Q-- Nuepag kai 1) AUoig elvan Sextn).

MooBAfuata wedg Adorw
188. "Exe1 Tis 100 oxd&Bas oivou T&v 1950 Bpx. kot Okdv. Tldoov olvou
TG 2900 Bpy. xaT &k&v TpEmE! v& dvauifn Bik va kooTiln %) ok& ToU piyparos
2150 &py.;

189. Alo kwnTa &vaywpelv &k BUo Todmwy OUYXpovws, KivoUpeva opo-
Ads xal dvmBéTews, DoTe va cuvavTnlolv. TS pév Sicvier 5 Xu. THY Opav, TO
&¢ 5,5 yp. Els Tiva &mdoroowv &md ToOV TrpddTov TéTov B ouvavtnfouv, av 7
amdoTaols Ty ToTrwv elver 60 yAp.;

190. 40 o6xdébes cApvpol GBaros mepiéyouv 3,4 k. &Aaros. Tldoov kaba-
pov UbBwp Trpémel va plywpey els alrd, Tve 30 &k. ToU viou piyuerros mwepifyouv
2 ox. dAaros;

191. Mécov kooriler &v kTfipe, &v T& Tpia TéuTTTa THs &Eios alroU ouv
250000 8py. dmoteAolv T& Tpia TéTapTa avris ueiov 200000 Spy. ;

192, *Arpduafa Sraviouoo 48 yAu. THy dpov dvexmpnoey 20° Bpabltepov
&AAns (& ToU alrroU Ttédmou) koi, SreuBuvouévn dpoics, ouvrnuThdn i alThv peta
2 &pag kai 207 perd THY Gvaydpnoiv Tns. Mola even TaxUTtns Ths GAATS ;

193. Kpouvos mwAnpol Seopeviiv els 12 dpas. "AMAos TTAnpol avmyv eis 10
dpos kai Tpitos WAnpol clrmy els 30 dpas. “Av kai ol Tpeis &voiyxfoliv ouyyxpd-
veds, els moéoov xpdvov B& TAnpweR 7 Sefapevt; ;
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194. “Yrrnpérns Acppdver &rfijotov mcBév 6000000 Spy. xai piow &vBupa-
clov. "TAv 8Sia 8 pijvas EAaPe 5000000 &py., woéooviETinGTo ) dvBupcoia;

MPOBAHMATA TON OfICION O ATNQITOI EiNAI AKEPAIOL GETIKOX

§ 118. 1) 10 drona, dvdpes wai yuvvaixes;, énlfjpwoarv dp.
B50000. "Av &xactog t@v dvdpdv Endijgwoey 6O00 dg. xal fxdory
Ty yvvarxdy 4000 Sp. ndéoor fjoav oi dvdoes wai méoar al yu-
VOATHES ;

IMepiopiopds. Tlaparnpntéov o1t of InToluevor &pifuol
wpeTel va& elvar dxépaior kai BeTixol, dAAwg 1) Auoic Bév BlvaTon v
elvar Sextn).

"Av pE X TTapaoTTiowpey Tov apifuoy Tév yuvaik@v, & Tédv -
Sp&dv 6 elvan 10—y. "OAor of avdpes EmAfipwoav 6000 (10—y) dpy.,
SAan 88 ai yuvaikeg 4000y Spy.

"Qore B elven 6000(10—x)+4000x=50000, & Tijs émoiag wpo-
KUTTTEl ¥=—D2 YyUvaikes Kad avBpec 5, 1) 8 Aloig slvan Sexr).

2) "Ané 80 dvdoas, yvvaizac xai mawdid, al udv yvvaixec
Hoav va 0,8 wdv dvdedv, ra ¢ matdia 1a fnrd méunta v dv-
dodv. Hdoor fjoav of dvdpeg, yvvaines xal macdid ;

“Av ¥ TrapioTdvn Tov &pifudv T@v dvdpddv, & ThY Yuvaik@y 6&
givar 0,8y kol & Tév Taudidov -g—x. "Apa 8& Exopev v fiowat

x+0,8y- % =80, é&x Tfic omoiag eUpiokopey x=25.

"QoTe ol Gudpes floav 25, ai yuvaikeg 0,8.25—=20 kai T& Trandid
;-25 —35, 1} 8¢ Avoic elvan Sexti).

HooBrhparta mpog AdorLy

195. Eis piov &xhoyfiv petafy Svo tnmoymeiwv éyreioav 12400 ékhoyeis kal
£EAcBev & ExAsyeis 5153 wrjgous meplogoTipas Tol &moTuyovTos, eUpéfnoav 5t Kkal
147 Aeuxai whiger. TMéoas yrigous EAaBev éxaoos;

196. "Ecw Srds Tis eiyev 1O EBSouov TV peAdy Tou SAiydTepov TGV gwy
Exel, Ba eixev 120 péAn. TMéoo péAn Exer;

197. To TpimA&oiov ToU méumTou dxepaiou Tivds &pifiuol, nufnuévoy kard
7, 816e1 Tov 34. Tlolos sivar & &p1Buds;

198. Tis elvan & drépoos Gpibpds, ToU Gmoiou 1o TpiTov, avfnbiv xara 2,
5i8e1 1O 23;
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199, N& elipebij cdcéponos &piBuds, & émroles Simpodpeves Six 7 f Six O &oi-
velr UtrdAortrov 3, Té 8t rnAika Biagépouy ket 4;

200. Eixe 115 moproxdhia kal EmdAnoe T& Tpia mépTTe <UTéw: Ny opagev
émaita 33 moproxdhix kel elyev oltw 9 mwepwodTepa T@Y Sowv sixer L€ GpyTs.
MMéoa elye;

NPOBAHMATA TON OMNCION O AMMNQITOZ [MEPIEXETAI META=Y OPION

§ 119. 1) “H rnlweia &vds mazpos elvar roumlacia tijc Tob
vioD tov. Ilpd 8 éxdv 7 Hluxia z0T matpdc fro terpasdacia zic
zo¥ vio® zov. IHotar ai HAucial Towv ;

"Av pE ¥ mapacTad) ) fHAia ToU viold, fj ToU TraTpog 8 elven
3x, wpémer 8¢ oi &pifuoi ¥ kad 3y va elvan SeTixol ki v& pry UmepPai-
vouv TNy duvaTtnv avlpwTivny fHAkicv.

TTpd 8 &rdov 1) fidikia ToU pév viol fito x—8, ToU &8¢ oarrpde 3x—8
kai B& Exwuey 3x—8=4(x—8), & T Aoewg Tiic éTrofag eUpiokopew
¥=24. "Apx | NAikia ToU pév vicU elvanr 24, ToU 8¢ Trarpde 24.3=—=72
&t Kol ) Aoig elvan Bextr).

2) *Ex Y0 avlodnwy 6 uiv Exer 180000 Spx. =al damard
5000 édpx. na?” éxdorny 1uéfoay, 6 8¢ Exer 100000 dpy. xai
dammavd 3000 dox. Hueponciws. Mera ndoac Hufpac Ba Fxyouvy
{oa mead ;

"Av 6 [nToluevog &piBuds TTapaoTali pé ¥, © piv & Bamwavnom
5000 ¥ 8py. xai 8 ToU peivouv (180000—5000y%) Bpyx. & 6& 3000y
kal 6& ToU peivouv (100.000—3000x) Spy. "Apa 8& Excopsv

180000—5000x==100000—3000y,
&k TTic Omolag eUpiokopey ¥=—40. AAA’ 1} Aoig alrtn &moppitrreTal,
S1om peTd 40 fpépag xad o dvo &vlpwor div 8& Exouv TimoTe.

HoofAinparta meog Aoy

201. O "EMMnv podnupoTikss, ouyypageUus Tiis "AAyiPpas, Mogavros E{nos
TO ExTov THs [wiis Tou ds wondiov, 76 SwdikaTov olTfis s veavias, TO EPSopov
aUTHs PETG TOV yGpov Tou xad Trévie £Tn &xopn, 61e &mwéxrtnosy uldv, & Smolos
Elnoe 10 fimov f) doov & TaThp Towr Elnos &5: & Aidpovros &xdun 4 ETn perd
Tov BdvaTov ToU vioU Tou. TMéom Ern Elnosv & AicpavTos ;

202. "Exa s HAkiav TtoimAcoiav TR koépns Touw aif fjAikicn xai Tow SGo
dvan 28 Ern SArywTepov Tou BimAcoiov THs fAikics ToU TroTpds. Mdonv HA-
kiav Exer ExaoTos ;

WnepromoirBnke amd 1o lvonirouto Exmraideutikng MoArmikng



L R e R R B e L R s N T s

“AkvyeBoa ( "Exdoaig A’, 1950) 117

203. Tpeis &BeApol £xouv duol fHAiay 24 Edv, fvd Exaoros elvar kaTd
8do #mm prycAlrepos ToU &picws Emopfvou tou Tlolm even af HAxdcn Tewv ;

204. Elven Tis 40 &1y xal Exet Suyaréipa 16 &rdw mére § fAikia Tis Suya-
Tpos B elven f fiTo 16 TpiTov THs fHAkias ToU TaTpds ;

205. Tpeis &pifpoi Exouv &Bpotopx 70. ‘O Selrepos Sicupolpevos Sik Tol
TpdTow 8iBet mnAixov 2 kai UmwdAciov 1. ‘O Tpitos Sicipolpsvos i Tol SeuTé-
pou 8i8a1 mnAikov 3 xai UmdAoirov 3. MMofot siven ol &pibuoi ;

206.116 Epydra txreholv Té BUo T bvds tpyou, tpyaldpevor 9 pé-
pas &ml 4 dpaos kol ikdomy. TTéoos dpas wpémer v Epydlwvren 15 tpydra
ko fjpé S1& v TeAsiwwoouv TO Epyov els Tpeis fpépas ;

207y TTerrrip 715 elven 58 &vdov kad &y vidv 28 &véddv. Merd wéoa E1n & Tra-
Thp 8 Eyn HAkicw SirAaciav Tiis Tou vloU Tov.

208. Awneiou dkepaiou &pBuol To ymefov Tév povddwv elvan SrmAde
cloy ToU Tav SexdBwv. ‘Edv fvadA&Seouer v Géov T@V yneiwv Tou, trpoxUTrTEl
ap1Buds ueyoAUTepos ToU TpdTow kard 36. TMoios elve & dpduds ;

209. To &bporoux Tév ywnefwv Swynpiou &pifuol sven 12. 'Edw & &pi-
Buds fAaTTbl kard 18, mpoximTal 6 B’ voAAoyfs TGV wnoeiwy Tou eUploxd-
pevos ap1Buds. Tlotos elvan & &pi1Buds ;

AMPOBAHMATA FTENIKA

§ 120. '1")_“ e tic elvar a 2xdv, 6 8¢ vide avrod B v, éxe
7 HAixia o8 mbzpds Pa zivac # 7ro zowmldacia tic vob vliod ;

“Eorw ¥ & glh'rot',tusvoc Gp18poc. *H nAixal ToU pév maTpds peta
¥ £t 8& elvon afx, ToU 8¢ viol By kai 6& Exwpsy a-tx=3(B-+x)
N X—3x=3B—«. ’Ex Toimgs eUpioxopev 2y=—a—3B xai x::‘f-';)%@.
Eav piv elvan «—3p)0, 10 InToUpevov 8& ouuPij sic 16 péAhov. *Edv
8¢ elvon o3P0, Eyrev eig TO TropeAddy, &v 8 a—3p=0, 16 x=0.
“Hror 1| onuepivny HAkia ToU maTpds elvar TpimAaoia Thg ToU viol.

MapaTfpnoig Eic 10 wpéPAnua Tolto Td Sedopéva Tropi-
oTdvovTal U ypdupoTa kai Siaxowlovran péxpr TEAOUS TG AUoEwe,
elc Trjv OTroiav sUpiokovTat pe onueicopsvag Tpdéelg £ altédv. Tolvav-
Tiov €lg T& TpoPAnuaTa, TV Omoiwv Ta Sedoptva elvan &piBuol, oUsty
ixvog év yéver Siamnpeitan elg THy Tipnv Tol &yveoTou Tept TGV Ye-
vopevwv TTpdlewv koTa THY AUcIV.

T& TrpoPAnuara, TéV omoiwv Ta Sedopéva TaploTavovTal UE
YpduuaTa, AfyovTol yevika kal €youv Thv iBidtnta, émt ) Avoig
aUTéy, g mepifyovox T& Bebopéva Ev yével, elvan dlyePpikog TUTTOS,

Wneiomoir|Onke amé o lvotirouto Eknmaibeutikng MoAmikrg



118 N. Zaxehdlapiov

6 omolog Six Siopdpous TIHAG TRV ypappdTwy oUtoU 7 kai Si1d Sio-
odpouc UtroBéceig Trepl alUTdv Bider Siagdpous AUcelg ToU TrpoPAT-
porrog, ol omolon A&yovTal ueoixal wEQLAITMOELS TTIG YEVIKTG.

‘H &Eéraoig TGV Sia@opwy TOUTWV TEPITTTUOOEWY AfyeTan See-
eevvnois ToU TpoPAnuaTog, ¢ EyéveTo T.X. Eli TO dvwTépw TTRS-
PAnpc.

2) "Av 7 jAucia tot Hérgov elvatr a xal rot Haviov B &y,
uera wéoa &xn 13 vot Iérgov Ha elvar % fro windacia zic toD
Hadlov ;

‘YmroTifetan 611 a, B ki p elven GeTik&. "Av TapacTicwuEy TOV
{nToupevov &pifuov pE ¥, Ba Exouev atyx=p(P-+x), & Thc omolag
euplokopey (U—1)x—o—pP kai &v p—1=£0 = CL:”F.

Al fkica ToU TTérpou kai TTabAou 6 elvar peta ¥ &11,

xhe=nSls yp—=h &
ai omolcn Trpémer v elve Betikal kad 540, &pox mTpéTrel va sivan a=4p,
va pry UmepPadvouv 88 T Spiax TG Gvlpeotriviie HAKias.

Arepetvnoic. ‘Edv elvan p=1 kai oa—pps£0 8& elvan
0.x=a—pp=40 ki 16 TPSPANUa elven &SUvatov. 'Edw elvanr p=—=1 kad
a—pP=0 f|) a=P, B elve O.x=0 kai Afyopev 611 TO TpdPAnua &l-
vai aopioTov. 'Eav elvan p)l ked ce==pP, 16 InTolUpsvov cupPaiver
el TO Topov, émadn elvon x=0. "Av &t a—pp)0 6& elvan x)0 xkai B
ouppi] lc 1O péAAoy, Evdd Bid a—uPp{0 ouvéPn el TO TrapeABdv, Umro-
Tifepévou ToU a)P éveka Té@v (1). "Av slvan p(l, 8& ocupPaivouv T&
tvovTia, av a—pPH0 1) (0 kai 16 oP.

3) "Amd 1é6mov A mvelzal cnuciov Tt dualdc ué rayxvinra
T uétpwv xard 196 mpog v (e PVygauuor) pogav A . ad Boadv-
TEQOV xiveltal Amd tOv témov B xeiuevov, u uérea dmictev tov

A, dAho onuciov Spaldc ué tayvrnra v xara 19 srpdg iy avTny
@opav ué 1o mp®rov (Exmi tijg avziic evdeiag). HHore Ha cvvaviyn-
Podv ta dVo xvnTd ;

"Ag Utrofécwpey 611 Ta KivnTa 8& ouvavTnlolv peTe ¥ SeuTepd-
AemrTar &mod TG Gpxfic THG Kivfjoews ToU TrpdTou KivnTou. Elvat pa-
vepov 6T1 TO Belrepov kivnTov B KIwfTal Y—a SeUTEpOAeTTTa LEXPL
TG ouvavTnoews. 16 Sidomua 10 &troiov 8& S1ovubi) Urd Tol Trpdd-
Tou B elvan T.x., TO 88 Umrd Tol Seutépou T (x—<a). OUrw 6& Eyw-
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vev T ((—o)=—=Tx+u, ¢&wadn 1O Sovubiv BidoTnua T T (Y—a)
Umd ToU Beutépou elvan foov pE T T.x, SlawuBiy UTo ToU TrpeyTov,
nuUEnuévoy kot p, kad’ & fro dicw TO SeUTepov, &eol ToUTo Epba-
ot TO Trp&dTov. AvovTeg TNV dvwTépw t§iowaiv ebpiokouey
xm%ﬁ UmoTifepévou 611 TO T —T140.

ArepeUvnoic "Av elvar T—1)0 | T)T, 1| owdvtnoig B4
yivn eic 1S péAdov. "Av elve T'—1(0 f| T'(T, ©) cuvdvTnoIg Ey1vE €ig TO
TrapeABév, AN’ 1) Aloig &mroppitrteTan, dooU TO BelTepov dveyc-
pnoe psTa 1o TpdTov (UmoTifeTton 611, T& T, T/, X Kai p elvan BeTikoi
&pibuot). "Av T'—7=0, 1| ocuvavTnoig &év 8& yivn Toté, S0 1) TIUN
ToU ¥ elvan KA&ouw, gxov &pibunTnv dpifudv Tiva dpiopévov Kai Tra-
povopaoTny 0, fiTol 1 TIun ToU ¥ &roAUTws Bewpoupévn slvan peya-
AuTépa TTavTog &pifoU BeTikoU (GoovBniroTe ueydiou).

IHooBANuatae meodg AVorLy

‘Opas wpdTn. (Mevikd). 210. Epydrns TeAsicover Epyov Tt els o fuépas,
Gelrepos els P Nuépas. Els mooas fjuépas TeAsicdvouy To épyov kai ol 8Uo pall Zp-
yalouevor;

211, O1 piv tpmpdofior Tpoxol audadns Exouv Tepipépeiav prKous a péTpwy,
ol &t &miofior B pérpwv. Tlofav &mdoTaoiv 8& Siavion A &uafa, &v ol fumwpd-
ofiol KaQpouv v TEPIOTPOQAs TEpIoTOTEpaS TV OTioBiwy;

212. Acrava Tis T4 vieoTov ToU eloodfpaTds Tou ik Tpoory, TO = alrrol

£ : Sk kot L . < :
S1& xaToikiav, 1O B &1 dvoixkiov, T0 — 81" &AAx E§oBa kal ToU Treplogelouv U
Y

Spaxpai. Tlolov slvar 16 eloddnua Tov; (uepikf mepimrwots v=3, a=4, B==6,
y=—38, p==300000).

213. TogaBibtns BéAe va Bicwiom o xiAiduetpa els i Hufpas. Merd Taei-
Siov B Nuepddv AapPdver fvToAnv va EmoTpéyn y fuépas Evwpitepov. TTéogoy Bi&-
oTTux SgefAst v& Sawin xa®’ fHufpav; (Mepikn TepitTwots a—300, n=—=18, p—7
ol ey

214. Tloodv T1 a Sieveunn peralU tav A,B,IN els Tpémrov, dote T pépos Tol
A TTpos TO pépos ToU B Eyer Adyov igov ué v, 76 5 ToU B mpds 16 ToU [ foov
uE p:A. Twa 7& Tpia pépn;

215. Avo kegpdAaic étokicBnoav T6 pitv TTpds e, TO B¢ Trpds £ 0, kad BiSouv
éTriciov Tokov T. Tiva Td kepdAaia, &v 16 &3poloud Twv elvan K;

216. *Epydns TeAawcovel Ev Epyov els 2 fuépas, &AAos eis v fpépas xai TpiTog
els u Nuépas oUv v Selrepa Tis Nuépas. Eis mwdoos fuépas B TeAsihoouv 1O Epyov
epyaldusvor ki ol Tpeis nall;
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217. KegdAarov 1, mposfogholpevoy Bi& v fjpépas pé EfwTepikny Ugaipesty
mpds 2 9/, UploTaTal ExTTwolv a Spaypdv SAirydTepov f) Gv TpostwpAsiTo P
towTepikny Upaipectv. Tlolov elven 16 kepdhaiov :

‘Opds SevTépa 218. Xawpikhy fmddAnces 10 figioy T@y auydv T dmoia
elxe kai fistou adyodv, xwpis va Bpolion kavéy. "EmmdAnce A 1O fjuiou TV Umo-
Aoimrwv kai fipou alrydv xwels va Spodon xavév. Telmpe xal TerdpTnv gopow
émwAnoev duoiws. Tlooa eixev 2§ &pyxs, &v els 75 téhos Ths Epsivey 1 clrydv ;

219. Xwpw) foxdmeve v& TwAfion Soa alyd exe pods 500 Spy. ExcoTov.
'Emeidi) fomaoav 3, &meAnoe T& (mrdhoiTra Tpds 600 -Bpy. xai Siv E{nuiden. Tdoa
eixev &6 Opxfs;

220. Bpuois wAnpol SeEapeviy els Tpeis dpas: &AAR THY TAnpol els 4 Gpos
xai Tpitn ey 6 dpas. Els mooas dpas Ty wAnpolv. &v péouv xod of Tpels ouy-
XPOVOS ;

‘Opas rvpiTn. (Kwhoews). 221. “Ex Tivos Tomou dvexopnos Telos,
Biarpéyeov 60 yAu. ko® fuépav. Mera 4 fuépos dvoaywpel &k Tol alrrol Témou
G&AAos p& Ty EvToAny va ofidon Tov TpdTov el 8 fuépas. Tldox yiAidusTpa
TpEmel va Siowlony altds ka® fApépav ;

222, ’Ex &lUo Toémwv, drmexbvtav 575 yiAp., dvaywpolv Slc Toayubpduot,
BievBuvdpevor Tpds ouvdvTnofy Twv. "Edv & piv es Srovim 50 yAp., & B¢ &Aos 55
SAp. ko fuépav, ToTe 8 cuvovTnloly ;

223. 'Awo anpeiov A xivelton elBuypdupcs obpd T1, Sicvlov 32 p. =ls 48
xal SievBlveron pds T6 B. Metd 35 dvorywpsl £k ToU A &Ado odux Trpds THY popdv
AB xwotpsvov kai Siavilov 60 péTpa el 58. TTéTe kel ol B& cuvavTnon 70 TpéTov
o ;

224. Awo ToTov A &ueriwopel GuafooToixia kai SieubveTran Trpos Tov B, Sia-
vwiovoa 30 YAu. ko’ dpav. Miav dpav Ppabitepov dvaywpel &k ToU A BieubBuvopsivn
Trpos Tov B &uafooToiyia, Siaviouosa 50 yAp. ko' dpav. Merd wdoas dpas kai &ig
Tolav &mooTaoiv &wo Tov A 8& ¢8&on 1) SeuTépa THY TpwTHV ;

225. TloBnAdrns Gvoywpel &md Tivos Tomou, Siavicov 12 xAp. Thvy Opav.
Tpeis dpas PpadUTepov dvaywpel &md ToU auTtol Tdmou &AAos Sy 16 yAu.
Ty Gpav. a) TléTe 8& wponyfitar & TpddTos ToU Seutépou 12 yAau.; B°) TloTe 8
TponyfiTan & BeUTEpos ToU TpdTov 50 xiAidpeTpa ;

226. Trv 10nv mpwiviyy dpav dvaywpsl TodnAdTns &mwd Témou A, Sicovlcow
12 yAu. kab’ dpav. Tlolav dpav mpémal v' dvayweion Seltepos &k toU A, &oe,
Srowicov 16 yAu. xab® dpav vé gdon Tév TpdsTov els rpels dpes.

227.’Awo onusiov Tepigepeics KUKAoU dvaywpoly dUo xivmTa kal Siaviouv
avtigToiyws a® kai B (a)P) els 18. Tlote Sa cuvavnloly, &v SievBlivevrar ) dv-
TIBETws: B7) Tpos THv alrrnv eopdw ;

228. ’Amd omueiov Tmpigepeias Guaywpolv BUo xivnTa SioviovTa TorTnv
els xpovous T, kai T. (T,)T.). TéTe 6& ouvavtniclv &i& 1Inv, 2av, ... THY @o-
pav, &v xwolvTal Tpos Thy alThy fj v &vriBstov gopéy ;

229. Meta oony @pav &wo TTs peonpPpias cupTritrour of SfikTon TGV -
p&v kai TGOV TPOTWY AeTT@Y GpoAoyiou ;
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230. Move peva peonuPpiov of avrol Beixtan (Tol mponyoupévou TpoBAf-
HaTos) oxnuarilouv dpfhy yewviay Six 1nv, 2av, 3nv... vijv popdv;

231. TMéTe perax peonuPpicv ol Beiktar Tol Tpomyoupévou TrpofAfucTos
oxnpaTifouy ywviav of, Si& Inv, 2av, 3nv... vijv gopdv ;

232. TIoTe pera peonpPpiav & Befxtns Ty SeurepoAémTaw SiyoTousl THY Y-
vicy 7év &lo &AAwv Six Inv popdv ;

233. Koowv Siwbdxear &Admexa, 1) dtrola dwéye Tol xuvds 60 Tbruara avris.
“Orav ofmn x&uvy 9 mndiuara, & wdov xépve 6. "AANAG Tpia TnBfipaTa avTol
looBuvapoly ué 7 ixeivns. Meta oo Tnd@nuara alrol 8& Ty gfdon & kv ;

FEPI IYNAPTHEEQN

H ENNOIA THI IYNAPTHIEQX

§ 121. ') Takbevowv tic Aaufdver ual?v rov 350000 boy.
xai 2Eodever na®’ Hufpav 8OO0 boy.

‘Eav Tafaidebon &mi SUo fuépog S& &oSelory 8000.2 Bpy.,
&qv &l Tpsig, Téoowpas fiuépog, G& £€odevony 8000.3 Bpy., 8000.4
Bpx., kai &mi } Auépag, 6 £6oBevon 8000.x Spy., O& Tol peivouv &
ki 350000—8000y &px.

Kaficog PAéropev, € elpeopevy méoan Bpoypad 8& Tod pelvouv,
&v yvwpilwpey wooos fiépas Bifjpkece O TagelSiov. Eav rapaoTi-
gwpev pE @ Tov apifudv Tédv Spaypdy, of &moicn 8& ToU peivouv
peTa ¥ flugpas, 6& Exwusv ST w—350000—8000 Spy. kai av elvan
TO X=5, TO Y—350000—-8000.5-=350000—40000=-310000 5py.

B) Eic modnlains Sujyvvee 21 xAu. dia va @ddoy sis éva
worouévoy tomov. Amo roUrov EEnxolovdnce tdv dpduov Tov xal
Seipvvce 17 xAu. xad’ doar.

Meta x dpag Sifjvugs 17y xAu. &mo tov Témov, &’ dpxfic ¢
&v OAw 21+ 17y xAp. 'Eqv mapoaoTriowpey pi W tov Sicwubivra Bpo-
pov, O Exwpev &1 w=21-+17y. (1)

"Eav yvapicwey réoag @pag E§nkoAouinoe Tov Spduov Tou &md
TOV dpiocpévoy ToTov, SnAcadn &v yvwpilwpey TV Tiwhy Tol X,
Suvapeba va elpopey v TNV ToU ¢ & Th¢ iodtnToc (1).

Ty, &v 16 x=—2, 8 Exwpusv w=21+17.2—21-4-34-—55.

"Av elvon x==3, TéTe Ww=21-+17.3=21451—-72.

Al TocdTnTES X Kai Wy, «i dmolcn AauBdvouy S1x@opoUs TINAG
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el koftv TV dvwTépw TpoPAnuaTwy Aéyovton wetafinzai. ‘Evdd
ol TroocdTnTEG ad dTrolon Eyouv piav kal THv odrrijv Tipdfv el &v wpo-
PAnua Afyovtan cradegai. T1.¥. TO Toody TGV XpndToy, TO &TToiov
EAaPe 6 dvwTipew TagediwTng pali Tou kai f) dmooTaoig THv OToiay
Sijyuoe 6 woBnAG&TNG KaT dpxXds, Sk va ofdor sig TOV doproptvov
ToTIOV, Elve oTafepai TTOoOTNTES.

Eic xofitv 16V cvwTépw TpoPAnudTwv 1) peTaPATTh TTOCOTNG
W ouvbéeTon pE TNV X, oUTwg ®oTe, OTav SOowpey eig THY X TRV
TIVQ GPICHEVTY, eUpiokopey kad THv Tipmv ToU w. ‘H ustaPAnTh X,
el v Omrolav Sibopev alBaipéTwag THV Twmy THy Omoiav GfAouev,
xoAelTan dvekdprnros perafdnzii. 1) B¢ W, Tiig Omolag 1| Tipn Eap-
T&Ton &K TTiG TIufc THig X, KOAsiTal ovvdoernois THS X-

Ev yéver: “Eav 8Yo uerafiintal x xai w cvvééwviar ustakd
Twv xatd toobrov tgbmov, dote eic nateuiav Sodeicav Tiuny
To¥ x va epioxwuey dvrictolyovs Tiuds tis yw, tote 13 w Pa Aé-
yETAL CUVAQINGLS TTISC X, 7] Of x¥ dwvefdornroc ustafinti.

Kord tabra, fi émedveix TtoU xikhou elvar cuvdptnois Tiijc &-
kTivog avrol. Aot &v pE X TUpaOTACWUEY TNV AKTIVG ToU KUKAOU
Kol pe W T EpPadov Tov, B& Exwpev 61 elvan w=Try* kai TO piv T lven
Sp1Bucg copiopévog (ioog pe 3,141 pé wpootyyiow), 16 & W eUpiokeTan,
Stav 508i) €ig TO X cpiopévn Tig Tipn. ‘Opoiwg 1o Zupadov ToU Tpi-
Yycvou, Tol éxovtog Paciv apiopévny «, elve ouvdpTnols ToU Uyoug

S s = 1 e : 3 =
oo, A16T1 Exopev 6T1 W= 5 O, &V TO ¥ TapioTavn TO Uyog ToU

Tprywvou Kal W TO épPadov cadtol.
‘AcxnNoetLg

234. Elpete mopadeiypoara EapTtricews SUo Troody, T dwola TTapousia-
{ovTaa els TV xowov Blov kal &k T&dv drrotwy, T6 Ev v& elvan cuvdpTnois ToU GAAou
(xpovos, tpyacia xai &poifn, &Sia éumopevpaTos Kai Papos KA.TT.).-

235. EUpete mapadeiypara cuvapTtroewy &k Tiis Quoixfls (1o Siavudpevov
SidoTnpa kai ) ToxuTns €is TO kevdy, TS BidoTnua kol §) TaxUTNs KAT.). "Opoiws
&k 175 MecopeTpias.

ITivat riudv cvvapthosme

§ 122. "Eorw pia ouvaptnolg W, 1} Omwola elvar fon pé 13-4+5x%.
"Htol foTtw OT1 Exousv w=13-+5y. (€8]
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"Eav eic Thv dueldpTnTov peraPAnThy X Schowpev korrd oEIpAVY
Ta&g Tipeac 0,1,2,3,... Suvdpsfa v& eUpwpEY TAG QUTICTOIYOUS TINAS TG
Y, &v Béowpev eic Tv (1) &vri ToU ¥ Téc Tipde Tov. Ofrw Exopev &T1
otow elvar yx= 0, T6 y=1345.0=13,
orav elvon x= 1, Td y=1315.1-—18,

otav elvan y=——2, 16 w=13+5.(—2)=3.
‘Opoicog Six v ouvdptnow  y=144—6y Eyousv 471
6tav elvar x= O, —144—6.0—=144,

Stav elvonr y=—1, w—144-1-6.1=150.

"Ev yéver, Eaw 806 pia ouvépTnoig, mx. )y, wds dvefapTiitou
peTaPAnTiic, foTw THg ¥, kol S1&x Sofeloac Tipde ToU X YPOWwEY
TaG GVTIOTOIXOUS TIAS THC W, Kabdx &g T dveoTépw TapadelyuaTa,
Afyousv 611 oxmpartifopsy Trivaxa TEY TIUGY TOUTWY TG oUVapTH-
OEWG TAUTNG.

'Acxnoerg

236. Zymporrfoare S vos Tipds =1, 2, 3, 4, 5, —1, y=——2, —3, Y
TOV Tivaka TV TIpGY TGV k&Twd ouvapTioswv
a’) w=3x+6, P') w=8x-25, ¥)y=x, &) y=—x.
237. ‘Ouoiws TGV k&Twh a') y=— -gﬁ Xx—62, B°) \p:)% — 3x—T7.
3 13

: i . a
238. ) =5 X"+ 5 X+9 B) y=600— ¥+ 15 %

AMEIKONIZIZ TON TIMON IYNAPTHIEQYL

§ 123. Kaficoc Toug &AyePpixous &pibuols TaploTdvopey ué or-
pela Thg eUfeiag TGV apibudv 1) Tol &fovog TéV TeTunUéveoy, ol
duvapefa v TapioTdveopey pE onueix T& (elyn TEY TIREY T &
veEapTiToU peTaPANTiic Kai ouvapThoewe Tate. “Eotw 6T Exopey
TNV ouvdpTnoty yw=—2.x-+-1. (D

"E&v Swowpev elg THv ¥ TV Tipmy 1 Exopey w—2.14+1=3.

Acppavopev Tov &fova T&GV TeTunuévwv XX Kol &’ alrrol evpi-
oxouev T onueiov © (éov OO=—1), 16 drroiov TrapioTdvel THY TPV
x=1. THv mpnv 100 ¢ 8& mapioTdvwpey kot &védAoyov Tpdmov pé
&v onueiov midg &AANC elfeioc W'y, THv Strolav AcpBdvouey ouvniBeog
k&BeTov &mi Thv XX s TO onuelov O. Tetne T pév Oy elvar T
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Tufjpa TV GeTikdv TIR@Y ToU W, 7O 88 Oy’ 10 TV dpvnTikdyv (ox. 6).
Ofrew 1| mipn Thc Yw=3 6& mapioraverar Umo ToU onusiou P

1fic Oy, &vd elven (OP)==3. 'Ecwv &k ToU
x g_--__ﬁ”(z‘g) © gépwusy oapdAAnAov Trpog ThHY Oy
kad &k ToU P mpog thv Oy, ai elBeim
aUTal TEQvovTal EiC Ev onueiov, EoTw TO
M. ©& Aeyowpev 611 TO onueiov M ma-

piotavel 1O (elyog T@V TiuGv Tol x==1

= 4l ) 91(!'0) L”?("-ofr kol w=3 THc ouvapTroewe Ww=2y-1.
Kafi® Spoiov Tpdmrov elUpickopev TO on-
pelov, TO TrapioTavov TO (elyog TV Ti-
pdv =2 kai w=2.2-11=5, 7| omoia
¥ guplokeron & Tfic (1), &v Bfcowpev Gmov
56 .10 2.7 ToUto mopioTaveTar Umd TOU

onueiou M’, TS émoiov elvan 1) Toun TG

eUBeiag TT,M’, TrapadAfidou podc Thy Oy & ToU onueiou T, ThHs XX,
TapioTdvovtog TOV &pifudv x=2 kad Ths ZM’, TapcAAnAou Tpog
v Oy & ToU onueiov Z, ToU TapioTdvovTog THY Tiufy w=5. Ak
THY Ty x=—2 Exopev & Ti¢ (1) yv=2.(—2)+1=-—4+1=-3.

EUpioxopev 8¢ 1o onueiov T, &l Tiic X%, 7O P’ &mi Tic W'y kad
70 M” Touf) Tiig & ToU TT', TapadAfidou Trpds TO Wy kai TG &
ToU P’ rapadAndou Trpde ThHY XX, TO Otolov TrapicTdvel 1O {eUyog
TV TGV ¥=—2, y=—3 ToU X kai THig ouvapTnoews (1).

Ev yéver kaBiv [elyog Tév dvTioTolyouody Tiudv Tig dvefap-
TATOoU peTaPAnTiic kol Thic ouvapThosws 8 maploTdveTon pé &v on-
peiov, T& dmoiov elvon Toph SUo-eUBelddv TapcAANAWY TTPOG TAS eU-
Beicxg ¥’} ki Wiy, ’Ex voUTww fj ptv Top&AANAog TpoS THY Wiy
éyeton ik ToU onueiou ToU WOPIOTVTOC THv TiuMy ToU X &mi Tiig
eUbelag y'y, 1) 88 Tpog THv ¥X'X éx ToU onpsiou ToU TrapicEr&vTog
THv Tiuny ToU W &mi Tiig elbeiog Wy.

Auvépelo TayUTepov va elpwpsy TO &v Adyw oTuelov g £E67g:

Ex 10U onpeiou Tfic ¥'x (A Ths W'¢) ToU TapioTdvTog TV
Ty ToU ¥ (R ToU W) gépwuey Tufjua eileiag rapdAAnAov Tpdg THY
eUbeiav W'y (| ™v x'x) Kal ioov pé Téoag povdBac unxoug, don slvan
1} Tipn ToU W (f} ToU ¥) mpde Ta &vew pév (A Se€ix) &v 1) Tipn 1ol W
(f ol x) elven emixn, wpog Ta kéTw &8 (i dpioTepd),&v elvan &pvnyTik.

B(03)+-~-~M13)

]

1

:
L1ty
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"Edw &xoouev v ouvdptnow y—2y—3, &rav ¥=1 8} elven
w=2.1—3=—1. E&pioxouev & onpsi-

SR i o

ov, T dmoiov TrapioTéve T Lelyog

TGOV TGV 1 xad —1 Tig ¥ xad W, &&v-

4 3 5 : i : 21)
&wd TS onueiov T TapioT&VOY ™mv @1

TiwAv —1 ToU W &mi Tol Oy, pépo-

uev Tufjua e0feiog TapdAAniov Tiig  x & T B =
Ox xai foov pt 1. Té onueiov ToUTo

onueiwvopsvue (1,—1) eic 16 oy. 7. o (1-1)

‘Ouoicog &tov Xx=2 elvan
y=2.2—3=41. Té onueiov (2,1) 7
TapioTaver TS (elyos TGV Tiuddv t
PR s e o 2, 8l

THv eUfeiav X'y xcAolusv ouviBoc dEova t®v y. T TGV reTun-
udvev, ™y 8t elfelav W'y dova 1@y w § @y TeTayuévor, Touc
8Uo 8¢ &fovac pé &v Svoua dEovac t@v ocUvIETAyuévemy y xai .
ZuvnBog AauPévopsy TV &fova THY X SpifévTiov, TOV 8 TGV W
k&BeTov émi TV mpddTov. THY Ty Tol X kai @ koAoUpev dvri-
OToiXwWS TETUNUEVYY KX Terayuévny ToU onusiou, Tol TapIoTd-
vovTtog T {elyoc Tév 8Uo ToUTtwv Tiudy, xai Tac SUo Bi HE &v Svopc
kKohoUuev ovvretayudvas tod onueiov.

'Aoxnoerg
239. TlapaoTrioaTe pt onpeic T& Cedryn Tév Tudv Tiis ¥ xal W T kérad
ouvapTioewy 81k Tds onusiovpfvas Tiuds Tol X-

: : 1 : 3
a) y=x+2, P) e 1 e il ke W= 7X—2. 8rav x=0, 1, 2, —1, -2.

240. ‘+’==%X% '?52‘)("- STav elven =0, 1, 2, 3, 4.
24]. a')y— %x’ﬁx‘ B we=— %x'-‘—f—S, Stav glvar =0 —1*—2- 2,1- 5,2,

§ 124. MapaTthpnoic Tov QVWTEPE TPOTIOV THG TapaoTE-
g€cog [edryous TiudY petaryelpilovTal ouyvd Sik va ouykpivouv pera-
€U Twv mAfifoc moparnphoewy. *Eorw T.X. 6Tt yvewpilopey v
8epuokpaoiav, THv étrofav Ssixvier TO BepudpeTpov Thv 8nv Tpw-
vilv dpav ko’ fuépav, Emi Eva ufjva.  AcpPdvouey &v dpiopévoy
Tufjua ¢ povada prxouc, 1 Strola G& TapioTévn TV plav fuépav
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¢m ToU &fovoc TEVEY, foTtw foovTue 0,01 p. *Emriong &va &AAo &mi
ToU &Eovog TV W, foTw TO 0,02 y, TO_6moiov 8& TaploTaun TOV
fva PoBudv (R TeprogoTépouc)gToU BepriouTpou. *AgoU elpwpsy T&
onuela T& émoia TaploTdvouy T& felyn TGV Tiuddv (TV fuepdv
ToU pnvde kal Tév dvtioToixwv Pabudv_ToU Beppopétpou) ouvbeopey
T& SiaBoy k& onueix &TO ToU TrpToU kol £Efg pé TunuaTa elberddv.
‘H ypapuf Thv omroiav oltw eupioxopey Bibe1 piav eikdva TéV peTtaPo-

. RN oL : A&V Tijg Bepuokpaocicg
2 t Ty (A R SR lL = KaTa TOV Becopovpevoy
e EESEES .
MEERMEZAVERC D
SRR i \IK o5 Yoy ¥7s ,?989.'#0-
: 4 ' —AF E ; b xgac"ua; ToU év Adyw
o g1 ‘a/;; L d _F;_{B% ynvog. Kaf® Suociov
: o el / L i I i | ! g:n 'T[.:)éT\‘OV &rreikovi{opev
N AL B b mveETaPehnvTiicOep-
o8t g ; A “"__—“ *J“ iy “_“;'*T "4 Hokpaoiog ToU owpo-
: 75 o 12 5 e B % 7 e TOS &vdg dobevoly, Trar-
e _!F_' E‘ﬁ";t’ia:' —— poarTn poUVTES COUTRV T
it AR R 57 DO et | X 8igTiig fuépag, (Thy
5 [A; ‘ ‘ 1 I L | Trpce:icxv Ko ‘éo"rrépo:v
¥ ; ! ! bk ouvnfwg) kol AapPé-

S 8 VOVTEG TOV pEoOV Spov
Tv B1& v& EXWOUEV THV
uéonv Bepuokpaciav THg fuépac. THv ypouuhy THY oTroiav oUtw B8
eUpcopey kohoUpey ouvhiBwe yeauuny 100 mweerod TOU &ofsvouc.
Toirag karraokeudlousy ouviifuwg €Tl TETPOY VICUEVOU X&PTOU
tvioTe 8t TapaeiTovTan of &foves g elg TO dvaTEpW oxiiua. Ty &v
7 Bepuokpacia &vog TéTTOU koaT& Tiva Tjuépov Sidetan dg EEfiS:

opax T se @pa - 13 S
» 8 15,50 » 14 6"
» 9 1o » 15 58
B 10 239 » 16 40
b 40 » 574 38
v A2 5b » 18 2,4°

dreovileTan ol ypagkéde UTO TOU GVeoTEp  OXTMMOTOS 8.
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‘AvTioTdpog EvioTe & TTi¢ dmewovicews THG peTaPoAfic wdc
HeETaBANTHS &vvooluey TV Topeiav TGV &piBunTikGy TV Tig
LETaPANTHS, KabBdg T.X. & THic Tapaxeipévnc sixdvog TS HeTaPoATg
T Sepuokpaciac &ofevolc Tivoc.

'Aoxnfoerg

242 °H péon pnviaic Scpuokpaoia mds woAews elvan Sik Tous pfjvas fvds Etous
KT osipay 40, 230, +3.3% -+6,5°, +13°, 16,6°, -}17,8°, 4-19,5°,
+13,9¢, 190, 1310 _260

A&Bete o5 povéda piv HETPTOEWS ToU unvos &l Tol &Eovos Tav x 16 0,01y,
s povdBa 5 HETPTioEws £vds BaBuol &l Tou &Eovos T&v y &mions T 0,014, Edpete
THY Ypapuny Tis Beppoxpacieas Tijs wéAsws.

243. *H «UEnors Tou TANSucuol was woAsws xaTd To 1890 fTo 54 yiAid-
8es, kal xaTd Ta dwdpeve Ern kard otipv péixpr o 1903 fto 56, 46, 38, 32,
35, 3%, 48, 52, 87, 79, 69, 90, 97 xiM&Bes. AdPere s povdba UTKOUS TTpos Trax-
paoTaow ToU Etous mi ToU &Eovos TéV ¥ xai Tiis XAié&Bos émi toU &fovos Taw
Y 76 0,05u. *AfraikovioaTs Ty Topsiav Tis aUffoews Tol TATBUTOT THs TOAEWS.

TPAGIKH MAPAXTAZIZ THE IYNAPTHSEQT b=—ax-}-p

§ 125. "H cwuvdornouc w=ay+h, 6nov 0 a elvar oradeod
tig m0a6t7s 0 xai f=0, naoiordver svdeiav yoapuiv, Oiep-
xoucvny dia tijs doyijc t@v dEdvewy O.

Ao EoToo TpdTOV TO o, Y. a=1, &Te 1] cuvdpTnoic elva
w=x. 'E&v elc Tv ¥ Bdowpey kaTd osipav T&e Tipag 0, 1, 2,
3,4, (1) 1 ¢ AapBdver T&c Tipde D1 S Al Y

"E&v onueicoowpey &mi ToU &fovoc Tév X (ox. 9) T& onusia &
TOPIOTAVOVTX TAS TINdG ( 1) 100 x xkal T& onueia &mi Tol &Eovog
TOV Y, T& TApIoTAVOVTS TG TIMAC (2) 1ol y, Taparnpolpsy &1,
TX onusix T& TrapioTdvovTa T CeUyn T&v Ty (0,0), (1,1), (2
KelvTon &mi mide elfsiac Ypaupic éoTw THg OF.

Adén EoTtw 6T M, (1,1) elvan & onueiov g OUVTETOY HEVOG
(1,1) ki M, 16 onpsiov pe ouvTeTaypevas (2,2). SuvBéopey T O pd
Ta M, ki M, pE edBUypoppa TuRpaTa OM,, OM,. Maparnpoiipey,
6T elven ywv xoM,—ywy xoM,, &pa Tt& onusia, O, M,, M,, keiv-
Tar el eUfeiag, SnAadn 1 OM,M, elven edfeice ypapud. *Edv elc ToV
X Swowuey T&s Tipde — 1, —2, —3..., ebpiokopev é11 T ¥ AauBavea
TG TIHde —1, —2, —3..., T& 8 onusic T& SToix TaPoTAVOUY T&
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letyn (—1, —1,), (—2, —2)... xelvTan Emi Tiic elfeiag OF', 1 Omroix
elven TrpotkTacic THg OF. ‘Emoutveds fj ouvapTnoig W=x TTXPIOTAVE]
v eUfeiav [T (oxfua 9). 2
*Eoroo &11 elvan 10 o(0. Ty, a=—=—2, &7e Eyouev y= —2x. EUpi-
okouev ko Spoiov TpdTrov BUo f TMEPIOCOTERT OTUEIS, Kol OfTovTeg
r

B

1 H}d,’
: N HE s,
TS e AT
Lo o )
S B e
x ITP‘ A /@1\‘ m m x
7 A
N
4,/ L=
e .
A \u‘ \f."
3x. 9 sy. 10
m.x. =0, Emara ¥=I1, X —1..., oUrw B¢ mopornpoUusv OTL
ouvdpTNOIG Y= —2) TTOPICTAVEL eifeiav [T, Siepyouévnv Si1& ToU
onueiou O.

‘Oupolwg tpyalopeda, v 1O o EXn SAANV olawdfTroTE TIUNY
BeTikiiv 7| GPVITIKNV Kai TapoTnpoUusy &TL 1 CUVEPTNIOIE Y—a¥
TrapioTave eubeiav ypauuny, Siepyxoutvny 81& ToU O.

§ 126. THv ouvdpTnow Y= —ay P (&v elvon o,p+0) Suvauela
v& &reikovicwpey ypa@ikds, &dv Eig THv TETypEvnV EKaOTOU oTnueiou
THe eufelag, TV Omoiow TopIoTAVEL 1] W=—ay, TTPOoUEowWUEY TV
TogdTrTa B. JAAAG ToUTO onuaiver va petagépoousy ThHy eUlelay
p=cry TTapaAATAWC Tpds EaUTny, Gua fi K&TW, ko’ Soov 1O P elvan
&piBuds GeTiog 1) &pvnTikde. ‘Etropéveog f) ouvdpTnoig Y- —ary 1B
TrapioTavel eufeiav ypauuny (oX- 10).

Ak v& slpwpey Ti TrapioTdvel T Eficwaic w= -8, TTapXTT|POUHEY
&11, olavbfmoTe TV kad &v Exn TO X, Elvan 76 Ww=P. “HTor ) £Ei-
owolc Y==P ToapioTdvel T& OMUElX, T ExovTa TeToryuévny P. Tlpogpa-
véc ToUTa keivron & elBelag TrxpoAAtiAou Tpds ToOv &fova TV X
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koi &mrexouone &méoraow P &’ alrol. "Apg, dtav evan 16 o=0,
i ouvépTnoic w—P TaploTdvel edfelav ypaupny, TapdAAnAoy TTpog
Tov GEova TV X.

‘Oupoics supioxopey &T1 ) X—a TapioTdvel eUfeiav TapcAAnAov
Trpos TOV &Gfova TAV Y kal &réyoucav &TOoTATIY o GO XUTOV.

‘H ¢—0, Trapiordvel Tov &Eova T&V X, 1) 88 X=0, Tov &fova TGV
. *H tlowoic w—y mapioTével Thv eUbelay, 1) doic S1XoTopel TNV Y-
viav xOw, 1 8¢ w——x Thv BixoTopoloav Ty ywviav xX'yO (o). o,

'Aocxnoelyg

Edpere Tas eUbelas Tas dtroias mwaploTdvouv al kaTwbi CUVOPTI|OEIS:
244. o) y—3x B) w—x-3 ¥ w=—0,5x

: el Noaas SR o
245. o) y=x—3 Psp— 5 X Y)W e
5 ; 3 ; ; (—1
246, o) y—— 5 P) y=5-2x v) v—3=%5

TPADIKH AYIIZ THE ESIZQIEQE MPQTOY BAOMOY

§ 127. *Eotw pia &€icwoig ToU o PabBuol r.x. 1 3x—15==0 (1).
’Edv TO Trp@TOV MEAOG aUTTG TTapo-
CTHoWUEY U \p, EXOUEV TNV OUVAPTT)- ¥y
ow w=3x—15. Oftopev w.X. x=0,
&te eUpioxopev y=—15. OéTopev X=1,
&te eupioxopsvy y=3.1—15—=—12.

OUtw Exopev TG oTHEl (0, —15)
kod (1, —12) Tfic ebbeiag. "Apa, Bu-
v&pusfa v KOTAOKEUGOWUEY OUTHY
(ox. 11). EUpiokopev TO ompeiov &ig
TO &Trolov 1) eUBeia aUTT) TEUVEL TOV
&fova TV X, TjTol TNV TETUMHEVTV
ToU onusiov adrol. OUtw sUpickopey
811 TO &v Adyw oTusiov EXEl TETUTUE-
vnv 5, fiTol 1) pila Tijc Sobeiong 6iow-
oewg elvon ©§ 5. ToUto émonBeUopey
kal pE THv AUocty Thg Sofeiong éiow- % .1
gewc. Ex TouTtou kal &AAcwv opoiwv

mapadelypdToov aguvéyouey OTi: duad va efgwuey 0 onuelov 7o
,
o

X 9 X
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nagiotdvoy v gifav éEodoews a’ Baduot ax+p=0, dexel va
xaracxevdcwuey v evdelav Ty éoiay TAQLGTAVEL 1) GUVAQTNTLS
w—ay-+pB xai v elgwuey tiv Touny tavrns Ral rod dEovos T@V X.

AEPI ANIZOTHTION MPOQTOY BAGMOY ME ENA AMNGITON

§ 128. "Eotw w.x. | dwioome 3x)15. Tipogavdsg &AnBele
oUTn povov, &Tav TO X Ad&Pn Tipfy peycAuTepav ToU 5, & 1
o’ +P?)2aP &AnBeler 51 olaoBfTroTe TiNag TV a kai B. TT.x.&v elvaa
a—=2 wxai Pp=1 &xopev 2:+1)2.2:.1, § 5)4.

“Omec Tac lodtnTag, of omolon Exouv ypaupaTa, Sioxpivopey
gic TaUToTNTOC Kad €ig E§iomoEig, oUTw Kol Tag &viodTnTag @i ool
Eyouv YpAPPOTS, SloKpivouey gic BUo €157, “Excivag sx TtoUTwv, ol
&molcn &AnBedouv &' clacdnmoTe TINGC TV YpaupdTwy Twy, kKo
telvac, of &moicn dAnBeliouy pévov dTav GOPICHEVA YPSUUSTE TWV
AapuPévouv koraAAfidous Tipgg. Tag TTPWTAS KXAOUUEY TavzdznTag
dvicotrzer | Myousv 6T oUral &vTioToixoUv el TovToTnTag ioo-
ThHTwv, dvéd of dNhan dvristoryody eic éEiocwozts (tédv lcoThiTwy)
kad foylouv Umod ouvBnkag.

KohoUuev dyvddoroug &vicdTnTos T& YpdppaTta oUThs, T
&moia Trpémel v& AdPouv korraAATAcug Tiuds Six v& &Anfeun aUTT).

Adoic dvicdTnTog AéyeTan 1) eUPECIC TAOV TIMGY TV Gy vooTWY
odrTiic, Sk Tag otolag dAnbelel aiTn.

AUo &uicdtnTec Adyovtan lcodvvauot, £&v dAndelouv Sik TAG
aUrTde TIpde TGV yvdoTwy aUTdy, fiTol &v oilabnroTe Tt dyve-
gTou EmoAnfelouca Thy piov &k T@V SUo emaAndelet kad THV SAATV.

Al iBi16TnTec TOV Eficdoewy foyUouv kai 817 dvicoTnTaG ME
dyvaoTous, &TrodeikviovTal 5’ eUkdAwg pE Tnv Ponbeicv TV i810-
TATOV TGV GVICOTATWY, W& THY TapaTnpenov OTL: "Av dAlatw-
pev T4 mEocnua WAVIWY TOVY Gpwv pids dviodéTnrog, 7 v yével,
dv mollamdacidowuey o wédn avriic &ni dorduov devnTixdy,
mpoxUmrel Gviobrns loodUvauos uév tijs dodelanc, ail’ Eyovoa
zd cvufolov tijs dvicdinrog dvriderov 10T il doPeions.

T.x. f) 3x—5)6y elvan iooBUvauog ue THY —3x-+5(—6Y, 1 omoia
TTPOKUTITEL &S THY Sofsioay, &v T& wéAn Tne TroAAamAaciactoly &l
—1. Ak ToUTo EMIBIMKOUEV KOTX THV AMOACIPNV TGV TTAPOVOUA-
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oTédy duicdTnTog, va ToAammAcoidlwusy T& péAn aUThc Emi GeTi-
kv TrocdTnTa, T.X. &ml TO kaTdAAnAov TETp&ywWVOV TOTOTNTOG.

Katd TaUTa, Suvdueda &uti Sofsiong dviodTnTog pé &yvedoToug
v& Becopolpey icoSUvapdy T Tic Hopefic AY0, dmou A elvan dxépaiov
TTOAUGVULOY €3¢ Tipdg ToUg &yVwWaTouS Thg &VITOTT)TOG.

Baduds dvicdrnTog TiiG 6Troiag TO pév Ev uéAocg elval dképoiov
TToAuGVULoY ¢ Tpde Tove dyvdoTous avrtiis, TO 88 &AAo eiven O,
Abyetar & Podude ToU TToAumuUuoy (¢ TTROE TOUg &Y VWoToug, T.X.
f &viodtne 3x*—5x+1¢0 elvea B’ Babuol g mpos X.

A& ThHy AUov &vicdtnTog ToU o« Bafuol épyafoueda kaT ava-
Aoyiav Tpoc THY AUow E§ioccews TpwTou Poaduoy.

*Eote T.X. Tpdg AUoiv 7 dwigdtng  2X+3—(X+1))5. "Exopev
hv foodUvaudv Tng 2x+3—x—1)5. 'Ex TaiTng pet& ThHY HETaQOPAVY
T&v 3 ki —1 &lg T Selrepov péhoc kal THY dvaywyny, EXOMEV
Thv loobUvapov Tiic Sobeione x)3. "Apx wavTes of &pifuoi o omoior
elven peycAUTepol Tou 3 émonfelouv Thyv Sobsicav dvigoTnTa.

*EoTwo Tpos AUoIV Kal 1) &viooTng X+ %) 35(— — 4. ’Amosipopey
ToUc TrapovopaoTds, ToAAamAaoi&lovTes T& &uioa PéAn i 4.5=20,
ked AapPdvopev THv iooBUvapov THc Sofeiong 20+ 5y y4x— 80. ’Ex
TaUTnc eUpiokopev Thv icoSUvauov aUrfic 25x—4x) —80 A Tiic
* 21y)— 80, & i dmolac evplowomey x)— oo+ Ex TauTng ouvdyo-

. ; T g : = 80 : >
pev, &T1 TavTeg oi dpifpoi ol peycAUTepol ToU R elvan AUosig Thic

88eiong &viodTnTos.

Ev yével f dvicdtng pé Eva &yvwotov o Poabucl HETE TTV
&aAoIpTV TEV TTOPOVORCOTEY, THY WETagopav SAwY TGV Spwv TG
glc TO TpddTOoV WEAOG Kal TNV EKTEAECIV TGV OT|LEIOUPEVY TTPAEE@Y
&uéryeton eic THv popenv ax+p)0, émou a, P UmoTifevTan yvwaoTal
mwoodTnTes. AUTH elven foodUvauog pé THv oax) — P. ’Eqv pév even
«)0, eUpiokopev TTv igodlvaudy TG X) — %, gov 8¢ elvan a0, Exo-
pev TNV X{— g- "Av elvan a=0, f) Bofeloa &viodtng ax+H)0 yivetan

BY0, &raAnfevopévn Bix r&oav Tipny Tol ¥, v elven 7o BY0- SnAadin
| Sofeioa &uigdTng elval TéTE TaUTOTNG &VICOTNTOS. "Av 8uwe elval
B(O, f§ &vicdTng elven &BUvaTo.
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‘Aoxnoels

‘Qudas mpodTTn. 247. N& AvBolv of k&rwd cviodTnTes.
«') LSX)%- B —4X—9)0. ¥) 0,5X-+-530. 8') —9X—18(0.
e') 9X-+T7)0. ot’) —7X—48)0. ') 0,6X—5)0,25(X—1).
: ; ) : P
N —9%=F32)0. 8 0,55—1)0,7x—1. - 1%) ))-:_—4)0 ) (X412 (x*+3x—>5.
248. EUpete ToUs dxepaious dpifpous, Tous éwcx?kn&a’:ov"rcxs Tas &viooTRTAS
2x-4-3(4 xai x—5>—8.
249. Ao onueic A kal B &méxouv &méoTaoiy (AB)=—2y. Tpitov ompsiov
Exel Séow ToriTnv GoTe vé elven (AM) -+ (BM)=—2a, &mou oyy. Tlés peraPaiiov-
Ta1 o &mootdoss (AM) xai (BM), & T M xwvijton &mi 7oU émiméSou ABM;
250. Avo kivnTé dvaywpolv cuyxpdves &k Ty onueiwy A xai B, Sieudivov-
Ton Bt Twpos ouvdvtnofy Twv. TAv | TayUTns Twv petafdiAsTan peTafl TV T,
kal T', ToU &vds kad T, Kai T, ToU &AAou, peTafl Tivev xpoévwv 8& yivn f ouvdw-
Tnois kad el Tive drdoTaoiv &wo ToU A, &v eivan (AB)=c.
251. ‘Opés SeuTtépa &) 'Edv &mwd T& péAn lodtnTos &paipicwpey T
pEAn dvicdTnTos TYPOKUTITEL &ViooTNs, &V‘rfrrrpoqrog TTis Sobeiomns.

B") ’Edw elven ap)0, Belforte &1 eiven % aL 74>2

252, ’Edv Té& péAn lodTnros, T& oToia elven SeTikG, Sicipéocwiey pE TX pEAN
dvigéTnTos, TpokUTTTEl dviodTns &vTioTpogos Tis Bobeions.
253. Avoore Thy kéTwb dvicdTnTa pE &yvwoTov TOV X,
Y NG s % S o KX ?~
e i e
kv elven (o—P*) (Pu4-ax){0, § )0,
254. o) Asifore T elvan avToTE of P y? YaP+-ay+-Py.
B’) "Av a, B, ¥, elven T& prikn TEV TAEUPDY Tprydvoy, 8 elvan :

at-pr+y*(2(ap oy -By)-

Mepiinpre meotexouévoy xepahaiov III.

“Opiond; EEiodocws, &dyvooTwy efiomoewg, pil®dv efiowoEw.
‘Opioude AUoews mds eiowoews. 'EmadnBeuois ediowoews. "Efiowoig
&pdunTikn, &y ypapuoTog, pnTr, &ppnTog, Gkepaic, KAaoupoTikh (6
TpOg TOUG Ay VWOTOUG aUTTiG).-

’lgoduvauol tfiomoeg (&v Taoa pila fk&oTng TGV E§10MOEWY
elvan pifa xad TV EAAwv). “I810TNTEG TGV EQ1owdOoEWY

1) ai éEiocoeig A=B, A-+A=B-4A elvan icoduvauol,

2) of tEiodoeic A=B, Ap—=Bp (p=£0) elvan ioodlvauol.
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“Opiopds dmalowpiic mapavouactdy EEiodoems. Avaywyt
tEiooemg eig THY popeny A=0. ‘Opiouoc Pabuol £81omoewg (&g pdg
Toug &yveoTouc Theg). Nloig Eiicdioswg TrpwTou Pabucl ax+B=0,

— —Brax (&v a=£0), &blvaros &v a=0 p=£A0, &opioTeg &v a=0, p=0.

‘Opiouds mgoflriuareg, EmiTdypartos, meplopiopcl. Aidkpioig
yevikoU TrpoPAniuaTos o &pifunTikel. ‘Opilouds Siepeuvnioews Tpo-
BAnuarTos.

‘Ooioudc cradepdc »al usrafintic moodérnros: “Ogiouds ovy-
aprijcews To¥ x (TmoapadeiyuoTa & Tic "ApiBunTixiic, The lewpe-
Tpiag, Tiic Puoikiig).

TMivag Tiudv ocuvapTioewe Kal duefapTriTou UeTaPANTHG.

*ATTEIKOVICIC TIN®VY CUVAPTTOEWE. [eTUnuévn, TeTayusvn (ouv-
TeTorypevon omueiou). “Afovec ocuvTeTarypévwy (Spfoycvior).

Tpagixn wapdoracic tijc §Etodoews w=ay (eUbela Biepyoutvn
i1 THg Gpxfic Tév &dvwv).

Toagixy) mapdoracic tiis #Ewodoemg w=ayx+f (elfeiaxx Té-
pvouoa TOV &Eova TV W el TO onpsiov (O,p) kal Tov &fova T&V
X &ic 10 onusiov (—P:x,0).

Toaginrn magdotactis tis y=a (eUfeia TapdAAnAos Tol &Eo-
VoG TV W).

TIoag@uxy magdoracis tiic w=f (edfeia TapdAAnios ToU &fo-
vog T@v ¥). ‘H =0 mapiordve tév cova TV W, 1) y=—=0 Tév &fova
TV ¥, 1| X= Thv dixoTduov elfeiav Tiic yowvias X0y Ttév &Edvav,
1| w=Y, THv SixoTduov Tig ywvicag X 'Oy.

Ioapixny Avoic éEioddoems modtov Baduod.
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KEDAAATON IWEER
IYITHMATA ESIZQIEQN MPQTOY BAGMOY

§ 129. "Ectwoav BUo Eflowoec TPWTOY Bobuol, &kaoTn TOV
dtroiwy Exel dUo &yvaoTous X kol  kal EkaoTov gic TpdTov Pabudv,
al v+y=10, X—y=2.

AUrcn dAnbevouv S1& THY aUThY TRy EK&oTOU TGV &y Voo TwY
¥=6 kal y=4" Aeyopev T&7e &T1 &roTEAOUV oloTnua BUO E§10WTEDY
¢ Blo &yvwoTous.

’Ev yéver : KadoDuev ovornua é5iomoewy 70 gvvoldov 8¥o ) me-
oloootéguy éEtodoEwy, TS é6moloc EmaAlndevovy al avizal Tepol
1Oy GYyYwoTeY avTdv.

E&w of E1000EIC CUOTAUOTOS TEPIEXOUV TOUS dryvidoToug eig
TrpédTov PaBudv, AéyeTan TOUTO oUSTNUX TpwToPaBuicwy E§iowoEwy
¢ Trpodg Toug dryvedoTous auTol.

KohoUpev Adowy cUoTHUXTOS Tivog EE10GOEWY ThHv eUpectv TQOV
TIpGY TEY &yvdoTwy aUTtdy, ai oTroic groAnfelouy TaG ES10WOoEIS
TolU CoUCTTHATOS.

Avo # negroodrega cvotjuata EElowoewy Aéyovrar lcodvvaua,
Zav EmainPedwviar dia Tag a¥Tds TLUAS TAOV GyvooTwy, fror v
néoar af Adoeic Exdotov dx T®Y cVoTHUATOY aDIDY elvar Avoeeg
xnal Ghov 1y dAlwv.

Elven pavepdy &T1, &&v el oUoTnpa SvTIKoTao THoWEY plav f)
TreplocoTépag TéY Eglotoewy aUTol B {coBuvdumwy Twv, TTRPOKUTTTE
ovoTnua icodUvapov. Katd Tabta TO TUYOV oUTTTUS

A=B, A=—B.. A=—B,
&ou T& A, B,..., TopioTévouy T& ugAn TéGv dvTioToiywy Efiowoeny,
elvar iooSUvapov pé TO CUCTNHX
A—B =0, A—B.=0, A, —B,=0.

Néyopev 61 Elowaig Tig elvon AsAupévn dog Tpde Eva TGV &y ved-
oTwv UG, T.X. TpdS Tov X, &v elvan THc popefic Xx=A, émou TO A
Biv TeplEXEl TOV yVWOTOV X.
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IAIOTHTEZ TQN IYITHMATON

§ 130. ') © &modeifwpev Thy EEfic 1B16TNTa TGOV OUCTNUGTWVY:
"Eav elc cvotnua EElodoewy mnpocPéocwuev 6¥0 # mepiooo-
tépac avrdv xnarda ufdn xal dviixaracrijcwuey ulav @V TQOOTE-
deiedy ud thHy mgoxdmrovcay, edoloxousy cvornua lcodlvauoy
ué o dodév.
| 2x—3y=1,
X+ y=3.

"Av TrpooBéowpev Tag (1) koard péAn kal GVTIKOTAOTNOWUEY
T plav, foTtw THY TpWTNHY, &K TOV TPooTelElody PE TNV TTPOKU-
mrovocav 2x-Fx—3w+y—=I1+3, elploxopsv T6 oloTnua
) | 2%+ x3y+y=14+3

| x+y=3
TO omolov Aéyouey 611 elvan iooduvauoy pé o (1). AdT TaparnpoU-
pev o1t ai Tipad X—2 kal w=1 ¢&maAnfetouv 1o (1) kol TiBépevan
eig alrro 8iSouv fEaydpeva TolUc iooug &pifuolg
a1 { 2.2-3.1=1,

2+ 1=3.

"Av Tdc lodTnTag alTtde TéV &pifudy Tpoodiowpey KoTa LEAT,
gUpioxopey (2) 2.2-4+2—3.141=1+43.

‘AvTikabioToOuey Twpx Kai gig 7O ovoTnua (2) Td ¥ Kod Y pE TO
2 wai 1, eUpioxopsv &mo T& TrpdTa péEAn TV Eiowoswy aUTol
2.2+2-3.1+1 kai 2--1."AAN ol &pifpol atrol elvan ool &vtioToiywg
pé 1-+3 xai 3, do¢ gaiveTan eig Thv (2') kal ThHy Seutépav Tév (1°).
‘Etropévaos ol Tipai Tt@v ¥ kal Wy, ai éwraAnfetouocon 1o (1), Emodn-
Gedouv kad TO (2). ‘Opoicwg darodeikvieTon 6T1 ai Tipal ToU ¥ xal W,
ai émaAnbelovoan 16 (2) émaAnfelouv kai 1o (1). "Apa & (1) kal
(2) eivan icoBUvapa.

Kof’ Suoiov TpdTrov dirodeikvieTar 1) i816TNG kai dix wav &AAo

"EoTw T.x. TO oUoTnua (1)

ovoTnuo.

B') © &modeifwpev kai TNy £€fig i8ioTTa: “Edv el ovornua
SEiodoewy pia £E avidv elvar Aelvuévy dc mpds Eva 1@V dyvodr-
CTWV XAl GVILXUTACTICWUEY avTovY ué Tnv Tiufy tov eic Tdg
dAlac (# els tvac udvoy), edolonouey cornua loodvvauov medg

70 Sodév.

Wneptomoir|Onke amé To lvotirouto Eknmaibeutikng MoAmikrg






"AkyeBoa ("Exdoogc A’, 1950) 137

TapATAUpwS kAot TV EEicoswy Tov &piBudy, & Tdv dmoiov
ToAAaTmAcoi&lopsy Ta pEAn oUTiig, ¢ KATWTERW
2y +3y=— 8 i 3

% Iytdp=11 | —2
o e e (e @

Tpopavédc T& cuotnuaTa (1) kai (2) elvan ioodlvapa. TTpoobt-
Topev Twpx Tag £§1owoelg ToU (2) xard pgAn kol eUpioxopesy w=2.
‘H tCiowoigc alrn pé piav 1@V TrpocTebaiocdy ToU (2) fi pé piov TolU
(1), forew v TpdTHY, &dmoTEAsl oUoTnua icodUvauov Tpog TO (2)
xed & (1). AnAcd? 1o ovornua (3) }[ 2X7"3$j§ elvon  icoBivapov

l —
TpSc TO Bobév. *Apkel Aorov v Aulf) 10 (3) kai ol Tipad TV ¥ kad W,
ai &roicn Ba epeBoiv, & eraAndedouy kai o (1).

CAAN’ Eme1dn) Exopsv THv Tnv Tou w—2, duTtikafioTdvTeg €ig
v &icwow 2y +3y=—=8 10 y u¢ 10 2, ebpiokopev 2x-+3.2=8, &
Tfic omrolag ebpiokopey y=1. "Qoe ai Tipai 1@V ¥ kai Y elvan ai y=1,
w—2. Tlp&yucri, &v Béowpev.eic 10 (1) qvti ToU ¥=1 kai w=2,
TapaTnpoupey, 6T1 ai éCiowozeic EmoAndalovTal.

‘O &vwTépw Tpomos TG AUCEws oucsThiuaTos AfyeTal uédodog
drtalolpiic Oid v dvitiérwy cvvredestdvy § dud tiic mooaPécews.

AdTi &Y odlrriig EmMITUY XaVopEY o) v& HETAOoYNUOTIowHEY TG
é€iochoeic sl iooBuvduous Tewv doTe, ol ouvTeAsoTal Evdg TGV dyve-
oTeVv oUT@V va elven dvTifetol, kai P7) Sk Tiic Tpoobécews Tou-
TV KOTA PEAN va TpokUtrTy pia &Elowotg i Eva pdvov dyvwoTov,
NiTol dmwaldsipousy TOV &AAov &yvwoTov.

A& v peTacynuoTiowpsy Tag 8Uo é€icworic SoBévTog ouoTn-

poTog eic TpOTTOV oTE ol cuvTEAsoTal ToU £vdg TV &yvadoTwy va
elvaan cvriferol, dpkel va moAAcorAcolidowpey dvTIoTOIXWS Ta PéAN
TGOV E§iowoswy &l Ta TNAKa ToU £k, TEV EmoAUTWY TIHGY TGV
ouUVTEASO TGV TOU Ev Adyw &yvidoTou &1 ékdoTou £ alurddv, AcuPa-
VOPEVmY KaTAAANAGWE TOV TPooTiumy alTdv.
T S [ 12x+t5¢— 17 %
T.x. &v &xoousv TO oloTnua ST (1
TO £x.Tr. TGV 12 kai 8 eivon 1O 24. TToAAammAaci&lopev THY TrpcoTnV
TéV E§rocdoewy emi 24:12—=2, xai THv Sevtépav &mi 24:8=3
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138 N. Tarzxelhapiov

2 | 12y+4-5w=— 17
3 | —8y+Ty=—1
xod AapPdvopey TO koTwTépw ousTnua (27) looBUyapov Tpodg TO
sobtv (1) { _gi’;:_;?‘q‘j! 5 @
A& TrpooBioewg TGV Eflocoewy ToU (2'") koTd pEAT TTPOKU-
e f) lowoig 3ly==31, & Tfic dmolag eUpiokouey == =1, kol dxo-
AoUBeag Epyalduevor dx dvwTépw, eUpiokouev x—=1.

'AonnNoerg

‘Opdgs TpdTn. 255. N& Avlolv T& tmépsva ouoThMaTa Kal va yivn 6
trrainfeugis peT& THY elpegy TEV TIMGVY TV SyveoToY

i AR > ks O
N e e B 6 4 S 13 ;i
*) | 4x+ y=9 7); e )g_ o ,1,7 £ 6x—10y—8=—=0
one [ 2x+3w=5\ 3+ 2 Sy { 7,2x--3,6p—54
| IR DIV D=2 2,3%4-5,99—22
09)(-”074#—!——737 0.2
i { X5 T — (1) (p—9)=12 13x—15w—17 ik
¥ 2% -110—(By-+1)=0 1,2x—0,294-6,9 —03
13)(#15&;1——1?
+Py—o 420 BB e AR S
20. | Brchayemot 2P 201} o b e S
x+3 8—y  3(x+w [ 6)51 ":i =~ ol
262. { e e 263. l BT _ILS_
3
‘Opdas SeuTépa N& Aubolv kol traAnfevfolv T enoueva CUTTNHOTA.
264 { “X+5‘{»’_ﬂ +QGB'—E’ 265 { (G-"E')X-—(G—ﬁ)‘{r'i—ﬂ ‘_B
" | Bxhoy—at P 1 @BIx+ (o Py’ —B°
a(x—)+-Px+9)=4ap 2 iy | oC-PI=2Pw
266 { far oy pyey 67 ) | b Py
) { (P —op=—o
Px—(=—P)y=P"

ME@OAOL AMAAOIOHI Al' ANTIKATAZITAZEQL

L sty R [ 2x+3y=8
§ 132. "EoTow K. PG AUCIV TO OUOTNUX GL) | 3ytdg=11.
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Ald v& Adowpey almd, Suvapela va épyocoBdusy kol g EEfG:
"ATropovedovopsy TOV Eva TGV &yvloTwy, . X. Tov X, foTw elg
THY TTpWTNY TV £§1owoewy. "Hrot Abopey adthv g Tpds X, Becwopolv-
y . . P L 83—y
TEG TOV Y ¢ yvwoTév. OUrw AcuPdavopey ¥=— g
AUt pe v dAAnv TV ESicwoswy ToU (1) &moTeholv T ka-
TwTEpw cUoTnua (2) icodlvauov Tpog o Sobev (1)

S
| 3xtdp—11.

Thv munv ToU ¥ T TpwTne TV tflodoswy ToUTwy &vTiKa-
toTdpev elg v Beutépav TéY ESiowaoewy ToU (1) fj ToU (2) kad -
ploxopey 38+_2—?ﬂ1 +4p=11, 1} Omoia peTc Tijg TpPONYoULEVTg &TTOTE-
Agl oUoTnua icodUvapov pog 1o (2) kal 16 (1).

Avopev Thv TeAsuTaiav TarTnv 6og Tpds TO W Kol eUpiokousy w=2.

Al v& eUpowpey Ty Tipny ToU X dvTikabioT@pey TO W pt 1 2

= Ll sk Ry 83y ., BEAL 8—6
elc plav T@GY Sobeiodv A el TH X=— ~—5 » OTe eUplokouey X—= —5— =l.

Tov dvewTépw TpdTrov TTi AUcews ouoTrpaTos koAoUuey ouvrifag
péfodov &mraAoipTic B1a TS AVTIKATAOTATEWS.

'Aoxfoetg |

268. AUoaTte T& k&Twh ouoThipaTa kal EraAnfeloate alrd ;

T : X
F R A
| 0.75x+2p—15 NEpme— x—Py=—p*
X
X

i W X—=4a—y E

L R P
5% e x=—=2p l < 2 2%+3p=5

MEGOAOL AMAAOIOHI AlA THI ZIYIKPIZEQL

§ 133. "Eotw 671 Exopev Trpdg AUow TO oUoThHo
{ 2y +3y=8
3x+4y—11
Aix v Aowpey autd duvduela va épyacépev kal dg £Efg.
"ATropovedvopey TOV Eva TGOV &yvdoTwy, T.X. TOV X &g THy mpdTnv

(1
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140 N. Zazellapiov

xod gic Thy Sevtépav E§icwotv ToU ouoThiuaTos. *Hro1 Aopev k&Be piav
TéV EE10CO0EWV TOUTWV &S TrpoC TOV Y, BecopolvTes TOV W G yvwoTo,

St D SR Ay ) 8—3 g s 5 114w
Ko eUpiokopey & P&V T TTRPWTNS X:T\‘P & Bt Tiic BevTEpaC X—=——5 -

Emaidf of BUo oUrad Tiped ToU ¥ TpEmel v elvea foat, Exouey

e 8— 11— Pk . Wi 2 = e e

Ty &Elcwoiv ._;,‘ff_-g,Bﬂ, 1} 6Troia pE plav &k TV dobeaigddv &iro-
TeAoUy ouoTnua ioodUvapov Tpdc TO Bobév. Avopev ThHv Egicwaoiv
TaUTny Ko ebpiokopey we=2. Ak va elpoopev THy Tfv ToU X, ¢p-
yaldueba ko kai gig T& TpOnyoULEVa TapadeiypaTa, kol eUpi-
oxopsy ¥=1.

Tov TpdTrov ToUToV T3 AUTEWSC CUTTNUETWY KOAOUPEY TuvnBwg
uédoSov darohoigiic Bia TS cuyxolisews.

MapaTthpnoic Kabog Siakpivopey &K TGV dvwTépw, OTav
Atyowpev 6T petagl Buo Efichoewy EvOC CUOTHUCTOS ATTCAEIPOUEY
oV Eva &yvwoTov, fvvooluey pE aUTo 871 tkppalouey 1O 6T1 ai dUo
gEiomoeic dhndelouy Bix Tée aUTAC TIPGS ToU &V Adyw &y vwoTou.

'Aoxnoerg

‘Op&s wpodTn. 270. Na Audolv T& k&Twh cuoThuaTa kai va yivg f
bromiBevots alTiov

X4 5 20 l = ‘?;7 =l [ B (c—B)
o | 3% 59=20 S oy [ X—Pe=ylo—
O { et - PR g D
= &
SRS SN :
5y | TP L a—P oyl it e bR s 106 Rl
Sk D G ) L Px—+op=—20p U Qeat)+-(g:pt)= —P.
2af @B

‘Opés devTtépa. 271, N&AuBolv Ta xdrwd CUSTNHOTa 1 ThS KXTOA-
AnAoTipas peddbou kol v& yivn 1} EraAnSeuos Ty ¢
o« [ 20x+2y)=3(2x—3y)+10 8 (Sx-+Tw): Bx+11)=13:7

| 2@x—y)=8Cy—x)+3 { A 1x+27): (Tx-+-6y)=19:11

3. REC ,__.“P_. ="2c
3 { (o+BYx+ (a—PB)w—=20B L A e i

(g+y)x+(u—y)q}3-2uy R - 'Xikp-—
2ap i pe

S SRS Gt

TR ok Fasia e
X e bo—By—=P"
SR -
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il SR
gy | oxHBe—y 'y 4 XF243 Tay—Ty+6
| Ax —py—5 3 3 Brec s
6x—>5y+4  3xf2y+1
‘Opas TpiTn. 272. N& Aufolv kal va EraAneuBolv T& cuoThuaTa:
Tl s ()
) { 20 H4p)=3(6 516 o, | ot l=ax LBy . KoL Ay
2(6x—y)—=8(Gy—x) +13 l By+-l=ay+Px S e e 1D
Iy Ay 12y
[ A e e
5-)! (P2 I+ (== —P*)y—2ap? ey P o= B0
| (@+y* )t (o —y? y=r2ay? I Rier Nt il
a—P " afp  ofp
= | ox—+1=—cy-+-Px ry ! 3ixf-4ry—10:xy
| Pyt-1—ay{-Bx | 5:3x+-3:49=—49:12xy

e 13,1 3,5
Sy e B yxey—a(B+1)+y (1)
796 ' Ay Op12 : : P+1)+
n’) x+3\§ : X BWQ‘ %) { s a(B—yy)-+y(2ep—y)
Gt e DAy 10 ay
AIEPEYNHEIZ TOY IYITHMATOI THE MOPoHs | % TR¥=Y (1)
I aX-+HB w—=r:

§ 134. ’Eqv moMomAaciGowpey T& PEAT) TG TpWING TGV |
dvwTépw ECiowoewv Emi P, xai Thig devtipag Emi —P (UmoTiBeuévou
o611 elvan Tt B, P,=40) mpocbiowuey. 88 Ta Ecrydusva KaTd pEAT),
eUpioxopey (aB,—a,B)X=yP.—V.B- @)

‘Opoiwg eUpiokopey, v Ta péAn Thig pév mpwtng Téy (1) ToAAa-
TAcoIdowpPeY &l —o,, Ths devTépag émi a, (o, o, 550) xad Trpocté-
owpev Ta EEayopeva, (off,—a ply—ay,—a,y. (3)

Té cUornua (1) clvan ico8bvapov pi 16 TGV Eiowoswy (2) kal
(3): ‘Emropéveog ol Tipad TéV ¥ kad W, af émoAndevovoan Tag (2) kol
(3), &maAnfelouv kai Tag (1).

1) Moparnpolusy Twpa &T1, & 6 KOWOC CUVTEAECTNG TV
¥ kai w ee Tae (2) kal (3) &&v even 0, SnAadn &v eivan
ap,—a,Ps£0, | af,#o,p A xa —g!—?é% (16 &molov TPOKUTITEL,
&v Toug &vicgoug &pibuols af, kol «,P Sicipéowpev ik ToU ool
&p16pol «,B,, UmoTiBeptvou =£0), ToTE Buvapsla va Siaipéowpey TX
fox v (2) kai (3) Six ToU af,—a,p xai ebpiokopey g Tiuag TGV

YnepromoirBnke ané o lvatirouto Exmaibeutikng MoArmikng



142 N. Eaxeldapiov

B i

Y Kal @ Tag X= BT s P

op, — a.p Y= op—a,p (4
ol &moicn elven EvTeAdde dpiouévan. Elg Thy TmepimTwoiv obTiv, we
TapaTNEOUNEY, TO CUSTNHA Tt (2) xad (3), Gpa ko To Sobtv, Exa
nicw pévny AUow, thy (4).

2) *Edw elven o, —x,p=0, xad 10 v TV YB—Y.B oy —xY
£ Tou 0, TéTe ki TO &AMo & TOUTWV G glvan =& Tou 0. AT

&v elvan .X. YB,—Y.PF0, 8& Exwpev %5&% *ANA’ ETre1dny UtroTife-
)

: e . . e
T of,—,p=0, EmeTan 6T —=——5-- Etropéverg elvon xai —;aé;’:*
i 1 1

| ﬁ'l
#ror ay,—a,y=<0. "Av Aormov elvan o, —a,p—=0 kol ToUA&y1oTOV EV
6y Seutépwov pEAGY TAV (2) xai (3) Sikpopov ToU 0, 8& slvaa
yB,—Y,P#0 kai ay,—a,y+0, olrw O& Excopev
0.x=0=py.—7.B 0.y=0=cxy,—2,Y,

6 &rmolov dvTiPadver el¢ Ty Umobesw. Elg THv TEpiTTTWoIV aUThV
1o Sobtv ouoTnua (1) Biv Emdéxeran kaupiav AVow uE Tipcc TV
&yvioTwv dpiopévous &pibuodc. AidTi BEv Umdpyxouv Tigol TIVEG
&Y ¥ kad g, ai émoicn ToMamAaoialousval gri 0 v& 8iSouv TO
vy, —Y.P ki 1O ay,—ay Tév (4) 0.

AN Kai EE aitdy TéV Tiudv (4) Tév X kal W Taparnpoluey
611 xofepia TédV Sicupioewy, Tag OTToiag TaPICTAVOUV T KAQOUOTS
(4) elven &dUvaTog, &pol & BiroaupeTng elvan 0, & 82 Bicapetéog TOTO-
¢ Gpiopévn kal 0. "Emadn ol Tipal TV KAaoudTev (4) abf&vov-
Ton &TOAUT®S Kai Becopolpevan UmrepPaivouy TavTa &pifudv geTiKOV,
S1x ToUTo & Aéywpev &1, dTav elvan

oBap—0, xal yB,—y.p=£0, oy, — Y0,

16 ovornua (1) elven &Bbvarrov, i 611 EmiSéyeTon pév piav Aoy, AN
ai &réAuTo! Tipal T@V dyvdoTwv UrepPaivouy TTavTa BeTikdv ap1dpov.

3) ’Edv elven of,—a,p—=0 xai ToUA&yioTOV gv TGV deuTépwv
peAGY TéY (2) xai (3), Eotw TO yP,—Y,p=0, TO ovoTnux EmDEyE-
Ton Grreipov TATBog AUcewv.

AdTi & piv THg of,—a,B=0 Exousv -g— Ehg 2k B¢ TTC
yB,—r.p=0 AcupBavousy %— == —:— ko oUyKpivovTES TG 8o TavTac
1 1
% ; 5 a p Y
dvohoyioc EYOUEY —— — — =— —°
Y1aG EXOM & B, Y
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"Av ToUg Tooug ToUTous Adyous mapacTriowpey pé p, O elven
2 =L —p(0).

“Apa Eyopev Kol o—o,p, P=PB.,p, Y=Y.p

T Tipag alrag TéVY o, B, Y, Bttopsv eig Thv &lcwaov oy --py=y
ToU ouoTtriuaTog (1), &t mpokdtrTet o, pX-+B py=Y.p.

ArcxipoUvtec T péAn TauTtng dik ToU p, Exousv o X-By—=y.

A vax Alocopey TaTnv, Sidopev elg TOV Eva TGV SUc dyvaoToV,
fotw elc TOV W, plav olavdrmoTe TipAy, T.X. TNV Ww=I, &Te Exopev

ax-+P,—=y,. 'Ex TtoUtng eipiokopev (&v UtmoTeli) o ,=£0), )(=--Y‘;B’.
’Eqv el Tov Wy Swowpev &AAag Tipdg, X 0,2,..... KA. 8 Exoo-
pev Bi1& TOV X TAC TINAG X=— ,;L'_, Z‘;—z-ﬁ—': ------ K. AT
1 1

Ex ToUTtwov mapatnpolusy 611 Suvapeba v& Swowyey &TEIpov
AT Bos Ty sic ToOv W, kal dkoAoubwg sUplokopsy kol &melpov TAT-
Boc &vTioTOoIXOUTHDY TIu@Y ToU YX. Aidk ToUto Afyopsv OTI TO Bobev
ovoTnua (1), kard ThHy TepiTTTwoty TalTny, EMBEXETA GTEIpOV TTAT-
Boc Aloewv, ki O& TO koAoUpsy ddpiotov.

MMapaTnpe® oeic Edvelvan a—a,—=p=H =0, ta & y kal v,
fi &v & ToUTwv elvar =40, 6 Sobév cUotnua (1) elvar &BuvaTov. Ate-
T1 TG pEv TpddTa pEAn TV €Eiocoewy (1) yivovtan 0, Ta &8 Sele-
pa f) TO &v €€ avrrddv, B& elvar 0.

TéAog, &&v elvan kad T& y ki y, =0, ai tiowoeig (1) svar TautédTn-
Teg, B10T1 TrpoPavads EmaAnBevovTan 51° olaodiroTe TINAS TGV X Kai W.

[ ox +Py =y

AYZEIL' TOY IYETHMATOZ { % Vo'
1 3 R

§ 135. ’Avcxxeqao:lmoﬁmq T QuooTépw Eyopev Tov EETig Trivaka :

1) "Av glven — ~,& —— TO ovoTnua Exe plav povny Alcw, Th
il Yﬁ’l 113 x e oY i iy
W= Qﬁfﬁal.ﬂ 555 Eﬁ.—ﬁ ﬁ
2) "Av elvai %— =—E—-,é Y, 15 oUornua elvan &Slverov. "Av
v o B, o, B0, i ¥ 7 y‘:?éO, TO oUoTnua sival &duvaTov.
3) "Av elvaa —Z—-z—g— - -;L TO cUoTnpa slval &opioTov.

Wnepromoir@nke amd 1o lvatirouto Exkmraideutikng MoArmikng
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“Av elvan &, B, ¥, «,, B, Y,=0, 10 oloTnux elvon dopioTov.
; el Wiy A FHw—2

Epapuo . YEorw 10 ocvoTnpa [

papuoy n I anecan
&mou 16 A Umotiferon &Ti slvan ToodTng yvwotn.' "Exousv

of,—a, p=A—1.
‘Etropévec, &av 1o A elvan =41, 76 oUoTnua Exet ulav AUowv, THV
2(1—n 2(A—1
T Gl B8 S =200 o+ D).

R==] !
Eqv elvon T A=1, Eyopev ap,—a,p=0, kai TO oUoTnua Y-
veTaol, &v Béowpev dwti A TO | i XL{“V’:Z
| x-+w=2

*Hrol 7o oUoTnua Exel piav udvny Eicwow kad evaa &opioTov

NapaThpnoig lMoootne Tig, T.X. A A, f| dmoia SUvarTon v&
Aappdun Siapdpous Tiwac eig piowv f TrepiocOTEPaG  EEITMOEIC, Ave-
EapThTOUs TGV TIHGY TRV &y vddoTwy, KOAEITAl TAQEUETROS.

'Aoxfoerg

‘Opé&s wpdTn. 273. N& AvBolv T& k&Twhl ouoTnuoaTa Kol va Bieupeu-
vnboiv Bid Tés Siaxpopous Tipds ToU A

S Axy=2 B | Ax—2y=A v | X+ CGA—1y=0
| x+Ap=2A-+1 | A—Dx—y=1 | Ag—Ax=—r—4
&5 p=A-+2x ey | X+Hw=A P gl L s 5 =
| 3y—A=x+3 | Axty=1 ) 2y—y=—2A—1
| 274, Tiva Tév k&b cuoTnudTwy Eyouv uiowy Auow, glvon &oproTa 7
| abvaTa
) [ 3x—oy=2 8 [ 2x+ Ty— 4=0 ¥ I )2£ g %}- B
1. —3x-F-5p==7 | 5x4-2ly— 12—0 I Tt it
’ .;S;E.::_d 2ax—Py=—3 ! i___\;_f_:i
A ol by, eSO
] X4 s b e | Bxtoy—ap
‘Opas devTépa 275. Aloare kal BiepeuvfioaTe T KOTWTEPEW TUTTNHOTX :
&5 2y—3y=5p—« 8 | a(X—w)+B (x+y)=—=4aBx
| 3x—2y=c+5p l (c—P)x—Py=ov
e Sy—y=2(a+-p)" 5 | a(x—p+p)-HB =Py
| 3y—x=2(c—P)" | a(y—o—P)+Px=BY
o 2By (o*—2a’B+-3y)
2 { ey T s | = ey

ox+-By=—2p a(x—a)+-B(y-+B?)—aB(a+-B)+-(a—P)°

Wneiomoir|Onke amé 1o lvotirouto EknmaibeuTikng MoAmikrig
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"Arvefeoa ("Exbeoic A%, 1950) = eI 2 s

TPA®IKH AYZIIX ZIYITHMATOL
AYO TMPOTOBAGMION EZIZOQIEON ME AYO AMNQLTOYL
[ 3x—2y=6 )y
| x—2y=

: Ul Eaal 3 . 3 s 5
AbovTec aUto sUpioxopev =1, W= — . To onuelov, T6 droiov

<

§ 136. "Eotw TO ovUoTnux

'r‘l'clrplcr'rtxvsl2 TO (elyog TGV Ti- ; o
uc’bv(l,—?) KelTan £l EXG-
onc TV eUfaidv E, kai E,, .
Tog Omoiag TaploTavouy  ai £
é€locdoelg ToU OUOTIHOTOS.
‘ETropéveog ol ouvTETaypEVal
ToU onusiou Tic Topfic M
Tdv eUfaddv E, kad E, &rain-
Beouv TO oUoTnua (1).

“Apa, Si1ix va AUCwUEV £
v ovotnua o PobBuou dvo
gClocoswy peTa SUo dyve- A
oTwWV y;?arptkc"éc, dpxe'i va Eﬁ: Ty 12
PLOLEY TAG CUVTETOYHEVOG TOU
onueiov ThHe Topufic M Tév elfeady, TOV TapioTavouEvwy UTIO TGV
Eiocooewy ToU cuoThuaTos (ox. 12).

’Eoappoyai 1) Tnmeds dvayxwpeet v Onv mowuwy
dgav éx toD témov A dua va peraff eic tov B. "‘Huiceiav doav
Boadvtepov dvaywoei £x to¥ B modnlding dievduvduevos mpog
oy A Sia tot avrod Spduov g 6 Inmevs. Holav doav xal eig
molay dndoracty amo tod A Pa cvvavindoby, &v 6 udv Immevgs
deavin 10 yAu. tiv doav, 6 .62 nodnyldins 14 yAu. xal B dmnd-
otacig AB egivar 35 yAu.

TMapioTdvopey Téae dpag ué onueia Tou &Gfoveg TV ¥ kal Tag
&mooTdosic pé onueia ToU &fovos TV v (Tdv aovwy Teuvopévwv
tvraUBa eic T A). Aexducba 611 Ekdon Umodiaipeoig i ToU &fovog
TV X B& TrapioTdvn Xpovov, SiagépovTa korrd 1 dpav Tg Trapokel-
pévnc TNe kai &x&oTn &l ToU W kaTd 5 xAn. OUte petd 1 dpav &ro

10

7 z.0).

. 2 1’;.5) X
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N. Zaxelkagiov

TTig AvarKwpnoens Tou & imrmele B& eUpioksTon eic Séow TapioTavo-

8 [ |

|

g -
SEn L
15 = - i, i
o] I
<o et
S | \
N = 4
|
A ]

‘@ p au
23

Umrd ToU onuelou P (7,75 dp., 17,5 xAu.).

pévnv Umo ToU M, ExovTog Te-
Tunpévny 7 ©p. kal TeTorypfuny
10 xAu., &véd f TI'OPEiQ TOU Trapi-
oTdveTtal UMd T eUlBeicg AM.
‘H 8écic ToU TrodnAdrou kaTd
TV QVarX@pNoiv Tou TaploTa-
veTan UTrd ToU onusiou A(6,5:35)
ko 1] €ig TO TéAog 1 dOp. peT’ o~
Thv Ummo toU N, pe Tetorypévnv
35—14=21 xAp. ‘H mropeia ToU-
TOU TraploTaveTon UTMo Thg €0-
Beiog AN. T onueiov Tiig cuvov-
THioews TV BUo kivnTov &l
ToU Spdpov AB TrapioTdveTon
“Apa 1) cuvdavtnols O

yivn elg Tag 7 @p. 75 kai gl &mdoTaciv 17,5 &wd toU A (oyx. 13).
2) Hodnddins dvayweet v Snv mewwwnv doav Ex témouv

P, dievPvvduevog soog
wov M, Sraviwr 16 xlu.
v dpav xai cratFustiwy
mdvrote émt 304 uera
mopeiav 1 dpag.

ZnTeiTa: ) moi-
av chpav B& Eyn Sioviom 48
YAy, &mé ToU P- B) moloaw
dpav kai elg Tolow d&mmo-
oTaotv &mwo Tol P 8 cuv-
avTnBf pé adTokivnTov, &-
vaxwpficov &k ToUu P Thv
7 &p. 30 wpeowny, TO
omoiov KivelTal TPoOg THv
oty Sievbuvoty, Siaviov
40 yAp. Thv Opav.

Epyalouevor  kaBoog

M

48 ﬁ—z
a ¥ N
Q

by S 14

w X

B /
0

e /
'ﬁm_ /
o A o

10

3] S R A

"wpat
>x. 14

kai elc TO TwpomyoUuevoy TTPSPANUG, TapaTnpoUpey &T1 & Spduog
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ToU TodnAdrou &mo ThHg Sng dpas péxpr Tiic 6N Gpag TaploTa-
vetan UTrd ToU eUfuypduUoU TUTUGTOS PA (oy. 14), émou T6°P Tra-
pioTéver Ty &pxAv TV &Eéveov. ‘O 8pduoc &Iro ThG 6,5mc Opag
uéxpl 7,51c Spog mapioTéveTan Umd ToU BIN kal &mod Tic 8ng péxpet
Tfic 9nc Gpag Umd ToU AE. T& elfUypoupa Tpfuora AB, EA, EZ
(TrapdAAnAax ToU &fovog TV ¥) &vTioTorolv Tpdg Toug Xpdvous
6V oTadusUcewv. OUrw f) 6An Tropeia peTd oTodueloewy ToU TodN-
AdTou TraploTaveTal UTro Thg TebAaopévng ypaupic PABIAEZ. °*H &ro-
oTaois 48 yAp. &vTioToixel &ig TO onpeiov E, &xov TeTunuévnyv 9 &p.
*Apa ThHv 9nv Dpav 8& dméxn & TodnAdTng 48 yAp. &mwd ToU P.

‘H Tropeiac ToU orokiviiTou Sideton Umd Tiic ebbelag HN, &v®
Exopev H (7,50), xai Teuver 1) HN Thv TefAaouévny ypauunv e 10
onueiov N, &xov TeTpnuévnv 8,5 dpag kad TeTorypévny 40 yAu. ‘Etro-
uveoc A ouvdvTnoic B& yivny Tac 8 dpag 30" el dméoTaoty 40 xAu.
&mwd ToU ToTTOU P

MHeooBArAiuate Yyou@LE@AY ZATACKEVAV

276. TapaoThoaTe ypogikés &mi ToU olimoU oxmparos Tas Tropeias o)
fvds olrrokiviTou ki wds dpafooToryias. B) mas BeuTipas GuatooToryics kal was
Tpitns. T& piv Slo mpdTa KivnTE dvaywpoliv i« ToU alrtou TéTou P, T& 8¢ Blo
&AAa 2k Toll M. Td auroxivrtov dvaywpes Thy 13nv dp. 5* kai pidver el 76 M Ty
15nv @p. 572 pt orabpeboeis Sh 4%, 3x, 2X, 1A eis ExaoTov T6W dvdiautowy aTalpdy
A, B, I, A, E. ‘H & ToU P &uafooToiyia, dvaywpoloa Thv 15nv dpav 25\ @b&-
vet gl 6 M &veu oraBpetcecs THv 16mv dp. 55-H &k Tol M &vorywpotoa Thy 13nv
Gp. 20X ofdvar s Tov P tHv 15nv dp. 454 petd orabueloews 24 3%, 4%, 52 el Tos
tvdiaptoous oTabpous A, I, B, A. “H 7pitn ducfocToryia, &vorywpaoloa &k ToU
M Ty 14nv dpav, ¢Bdver eic tov P ThHy 15nv dp. 558 petd ordluevcty 3 els ToV
A. ‘H &méoTaois PM elvan 131 yAp. 1| 8¢ tév dvbiapéowy orabudy &rd Tou P slven
51 xAu., 66 xAu. 80 xAu., 95 xAu., 122 yAu. kai al Kivfoels UmroTifevTtan opoad.

ElpeTe ypoqik@ds TOU cUVEVTOVTOL T& KITTa Gva Buo kad v yivouv al Twpé-
TToucal EmaAnfeUcEis.

277. 'Ex 8Uo Trpoocdmwv TO Ev Exer 6500000 Bpyx. To &Ao 12500000
Spy. Kar® £ros ToU wiv o' avfdvercn TO Togdy katx 800000 dpy. ToU 5t B EAaT-
ToUTan kard 250000 Spy. Metak méox Etn al mepiovgicn Twv 94 even fow; N&
AUBT ypagikds kol va éranBeudi] 81° UmoAoyiouol;

278. AlUo mobnAdTan A xaoiTB dvorwpolv 6 pév & Tol Témou M Thy 8nv
Gpav, & Bt ik ToU N Thv Inv dpov 48° xail-SweuBlvovTan Tpds GuvdvTnaW & &g
ol &EA\ou. ‘O A cuvevtd Tov B Thy 11lnyv dpav xal gfdver ds Tov N Ty 13nv
Spav. “Av 1) &réoTass MN elvar 60 yAu., va elpedq & ypdvos xal® dv 6 B eficve
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gls v M kad f TaxiTtns &kdoTou modnAdoou. ‘H AMiois va yivny ypoapikéds kol
va tmaAnBevlf] Si& ToU UmoAoyiopod.

279. Mix TpoyioSpouikn ypauun AB ufkous 8 yAp. SiarpéxeTron kKaTa Suo
dvmiBéTous gopds UTrod dpakddy, al dmolan &verwpolv &ud 10 A Siaviouoan 12 yAu
Y dpav mepthauPavopévey kal TV oTaBusloswy. ‘H mpltn &vaydenois éx
1@V A kol B ylveton ouyypdvws Ty 6ny dpav. Tlelomdpos &vaywpel &k ToU A THY
8nv dpav 15A, GievbBuvdpevos pos T B pE TaylnTta 4 yAp. Thv dpav. Nd sUpedi)
a') wéoas Guifas 8& ouvavTrion épyouivas fx ToU B. B') modoo &uafen Epydusvan
&x ToU A 6& TOv ouvavTioow. ‘H Alois va yivy ypagikds kai 1) EwoAnifeuois Aoyit-
OTIK®S.

280. Elpete 10 omnueiov Tfjs Topfis Tdv elBadv :

') 4y—5y=l, Kol x2¢—2.
EPAY VI5X—9y+5==0, » X—3p===0-
¥) 0 76%x—0,6259—0,5—0, »  X+9%y—T==0.

£E.
5 ) 1 =) _[_4_., » X—24=0.
€) X;\P D ?;K;,‘];im, > x—TqD.
T 2 2
oT') — — — = —1 )R
)X T T DTS G e

IYITHMATA EZSIIQIEQN MNPOQTOY BA@MOY
ME NEPILZOTEPOYI TON AYO ANNQITOYX

§ 137. ’Eqv €xwuev &v cUotnua Tpiddv ooy mpwToPa-

Buicov ue Tpels &yvddoTous, Y. TO

X+2¢9+3w=—=14

2%+ Wt w= 7 €Y

3x+29-+-20—13
Suvdpeba va Miowpey altd pé piov &mod Tdc peBdBouc, Tac dtrolac
gyvopioauev. OUtw pé Ty pébodov d&modoipiic dia T@v &vTibiTcov
ouvTeAeoTGY, A&moeipopey Y. TOV ¥ peTtafl TOv Blo TpdiTwov
e§rowoecov 1@V (1) kai Exouev

2 | x+2¢+3w—14

. Byt 5e—21

’Eav dvTixaTaoTnompey piav Tév dUo TrpwTwy Egiodoewy ToU
BobévTog cuoTnuaTos (1), fortw THy Seutépav, ut THY oUtw eUpebei-

Wneiomotr|Onke amé To lvotirouto EknmaibeuTikng MoAmikrig
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oav 3y-+5w—21, TmpokUmTel cUoTnua icodlvayov Tpds 1O Bobév, T
j X+2y+3w=14
4 3y+5w==21 (2)
3x-+2¢+20=13
*Atrosipopsy Twpa TOV ¥ petafy Tiig TpeTNG Kai Tpitng TV
(2) xai Eyopev

—1 | 3x+2y+2w—13
] 4-+-Tw=29

Auvvépsba va dvtikaTaoTiiomuEy THY TP@TNV 1| THv TpiTnv &Ei-
gwow Tou (2) pé THy TpokUwaooy 4y--Tw—29. "Ag dvTikaTaoT-
owpey TNV TpiTHv Kol Exopsy T6 koTwTépw ovotnua (3) iooblvapov
wpog 1o (2) kai 1 (1)

l X2y +3c—=14
- Sy+5w=21 3)
! dy-+Tw=29

Metafl T®v Blo TeAeutaicv tfiodoewy ToU (3) &madsigousy
Tov Y kad sUpiokopev w=3. *AvTikcfioTduev THv piav &k TV 8Uo
TeEAsuTaiwv E€1ocdoswv ToU (3), Eotw elc v TpiThv pE THY w=3
Kal EXOHEV TO KaTwTEpw ouotnua (4)

{ x+2¢-+30=14
3y-+5w=21 4

G5
TO Omolov elven iooSuvapov Trpds T& Trponyovueva. "AvTikaioTéusy
TO @ P& TNV TIuNV Tou eig THv Seutépav TGV E§iodioswy (4) xad eU-
piokopev TNV Tipnv ToU w=—=2. TéAcg, &&v Ta¢ TP Tol w Kal W &u-
TIKGTQOTNowWPeY eic Ty TrpewTny Tob (1) f| ToU (4), elpioxopev
EUKOAWS kai THv TIpfiv ToU x—1. "Apx ai Tipad 1@V dyvdoTwy slvat
=1, y=2 rai w=3.

To &vwTépw ovotnua (1) Avopev kai 81° daraholefic pE &vTi-
KoaraoTaoty o6 £67jc. Avopev Thv pioav Tol (1), EoTw THY TPWTNY, GG
TPOG TOV éva TGOV QyveoTwV, T.YX. W¢ TPoc ¥, Bewpolvreg Toug &A-
Aoug SUo dag yvwoTols. OUtw elpiokouey Thv Eficwotv

¥=14—2y—3e. Z)

AUy pé Tag 8lo dMAag hiowoeg ToU (1) droTeholv oloTnux

foodUvapov Trpog alrd. Trv Tipfv Ttadtny Bétopev elg Tdg &AAog

I 3 l ¥--2y-+3w=—=14

Wneiomotr|Onke amé 1o lvotirouto EknmaibeuTikng MoAmikrig
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SUo tfiocoeic ToU (1) kol oltw sUpiokopev Tag x&Twd Buo 8-
J 2(14—2y—3w)+ Y+ w= 7
| 3(14—2¢—30w)+2y+2c0—13
f 3y+5w=21 :
| 4y+Tw0=29

Alron pt THv (2') &moTehoUv oUoTtnua icoblvapov Tpdg TO
Softv. ’Ex T&v BUo TeAsutadwy &vwTépw E€locwoewv eUplokopey,
KoT& T& yvwoTd, Tag Tipde T&V W kol w, fjTor Yy=—2 kal w=3. A-
kohoUfme Tac Tiude ToUTtwy dvTikathoTdpey g Thv (2") wkal Upi-
OKOUEV TNV TIUNV ToUu Y=I.

To Bobiv oUornua (1) Suvdueda va AUowpev sUkoAcog kod &Y
&raholpfic &yvaTwy, petaxeipt{duevor Ty péodov Tiig ouyxpioewc.

owoelc pE Slo dyvaoToug

kol peTd THY koarddAniov SicTagiv

"Aoxmnorc

281. Aloate T dvwTéwm cUotnua (1) &1k Tis pedBdbou &matoipiis Bik
ovykplosos.

4y—5w+2¢— 0
§ 138. "Eotw mpods AUgv TS oUCTNHX 3x+2w-+79—28 (1)

Xx— o+2¢= 5
At v ANowpey TO oUoTnua oUtd Suvduela va épyactdpey
doc £Efic. TloAhamAaoi&lopey T& péAn Thic pev TpwTng £iocoewg i
K,, Thc Bt Seutépag &l k, kad TrpocBéTopey T E€arydueva KaTa WEAT),
pt T& péAn &vmioTolywe ThHe TpiTng £iooswe, 6Te AappPavopsy v
(4, -+ 3%,+ 1 x—(5k,—2x,+ 1 Yoo+ (2, + Tk, +2)9—28k,+-5. (2)
AUThH 1 Tag SUo TrpwdTag Tr.X. ToU SoBévTog cUSTHUOTOS KITOTE-
Aolv cuotnua loodlvapov alrol.”Av Bécwpev ioov pé 0 éxaoTov TV
TUVUTEAEOTRY TEV @ kol @ ThHg dveTépw tliowosws (2), eUpiokopsy

5k, —2k,+1=0
2y 3)
I 2K1—w7K_»|_2:=”0
&k TV dmroiwy, AUovTes TO oUoTNRa aTd &G TTPE K, Kal K,, eUpiokopey
SR
AgR =
Eiodyouev Tag Tipds alrde elc Tv dvwtépw &icwow (2) kai
e 4 24 \ 224 ’
eUploKOpEV (— 3935 T I x=—=5 +3 kai X= X

"Av Btowyev TOUS cuvTEAEoTaG TGV ¥ ki ¢ Tiic dvewTip £1-
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4k, +3x,+ 1=
odoecc (2) Toov pé 0 ExaoTov, 8& Exwuey { il il éﬁg @)
’Ex TTjc AUcews ToU ouoThpaTos (4) eﬁpimccp;ev
1 3
Klsz_—'-z—z‘ K__?”'-—--l—l“

>AvTikaD1oTOVTES TS TGS aUTag eig Thv (2), euplokopev
B 84 E
(—rﬁfﬁf l)c.o mﬁ——S xal w=2.
‘Opoicog épyaldpefa ik THv eUpeoiv Tiic Tiufis ToU @ kai eUpioko-
uev, &v Blowpev ioov pi 0 EkaoTtov Tol ouvteAeaTol Tol X Kal w Tiig (2),

{ 4K—'—3K"+I:0 (5)
5x,—2x,+1=0

. S ) ; e 5 1 ok

& TG AUoEWwS B¢ TOUTOU EUPIoKOPEY K= — 77 K, = — 53 Kl TeAOG —3.

‘H pBodoc oilrrs), 1) Omola eivan yevikwTépa Tijs Webddou dara-
Aociofic dyvdoTou Si1d TV &vTiBéTwv ouvteAeoT®dY, BuvaTan va Epap-
pocBij Bik ThHv AUCIY CUCTHPGTOG Kad pE TIEPICCOTEPOUS TGV TPIGV
&yvwaoTous (koAeltan B¢ péBoSoc ToU Bézout).

§ 139. ’Ev yéver 8id v& AUowuey oUoTnuax p E§10woewy Tpw-
ToPaBuicov pE u yvedoTous drradeipopey peTaly Tiig TPWTNS TOV So-
Beicv kol &kdoTne Tav p—1 &Awy Elcwoswy Eva Kal TOV oUTOV
&yvwoTov. OUTw TrpoxUmrowy p—I1 vé &fiowoeig pé u—1 &yveo-
oTouc. Alran pé THY Tp@TNY TGOV Sofeiodv &roTeAoly ovuoTnua igo-
SUvapov Tpds TO Sobév. Eic To oUomnpa ToUTto épyaldpeba Suoiwc,
Aaupdvovtes TG véag p—l EE1ocooEc aUToU &md Tijc deuTépag Kai
£€fic. OUrw TrpoxUTTouV p—2 #iodoeg pé p—2 &yvaoTtous. AlUtal
ué Tée BUo TpwTog tficwoeg ToU SeuTépou ouoThuoTog &ToTeATY
oUoTnua icodUvapov Tpog T6 Sobév. OUTw TrpoxwpeolvTes Ba elpopey
oUoTnua icoblvapov Tpdg TO Bobiv pe p éGiodoelc. 'Ex T&V e€iow-
ocewv ToUTwy 1| TeAeutala 8& Exn &va &yvwoTov, 1] Tpd TEAsuTaia
8Uo, 1) Tpd alThic Tpeis kol oUrtw kabelfic, N 8¢ mpwTn 8& EXn W
&yvwoTous. AUovTes THv TeAeutaiav eUpiokopsy THY TIpfY ToU £vog
&yvedoTou. Eiodyopey THv Tiufv TouTou &g Ty wponyovusvny tCioco-
gv kod AUopev oy ¢ TTpOg TOV GAAOV SyvewoTov: TTPOXIPOUMEY
dpoiwe glc THv duéowc Tponyouuévny &icwolv kal olrw kabekfic, He-
xpt THic TwpdTne, &Te eUpiokopey TAG TGS SAWV TGV Sy voTwWY.

Wnepiomoiinke amné to lvotirouto Exnmaibeutikig MoAmiag
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'Aozrnoetrg

‘Opas wpwTn, 282. Na Avfolv chi traAnBeubolv Ta kaTWH cuoTHpaTA X
X2y 7 {

1 = X“?W173m7~3cp— =8
[ 2y +T¥—11w—10 Sy—6w 9 : W, AT L
a’) I S5x—10y+3w=—=—15 B ]3_‘1"_'_?‘4@ 8 ¥)3

I 4 L —— w—2¢4+3y—4y=——8
| Zoxc 29— 2 5 | e s 2

3x-+6y—20-}-99=—6

X—co=—=T [ 0,5%-40,3¥ =0,65
&) f o oy i SRy i o) I 0,4x—0,2c0 —2,22
Bies 1 200—3y+-8y—3p=— \ 0,3w-+0,4c0—0,57
99+ 10wt 3w—ax=—7
; @ ;
0 |t H=vt 5=t =10
‘Opds Sevtépa. 283 Na ?\ueocv "-rc‘:r ké&Twb cuoThuaTa:
oy y-e=—a’ ax—+y=—=(c+-Pp) (c+-1)
a’) oy w==3a* B) § y—w—y
S X+-(a+-B)eo=(a+-B)(a+p+1)

ax+Py-+ye=3apy it
piPytoay

TV By

o
R T R T 1
X—a (Y—-oo)=x X4y Aeo—a
{ Y+Po-x)=A { Y-Kw-Ax=p
@y (X+y)=H WK A=y
[ ¥ wtco=0 [ ¥t+wtw—I1
EHYIx+Htoyt(etPo=0 n) ¢ ex-+Pytye—x
1 Pyx+oryt+opa=l 1 i T e

52

AYZIIZ IYITHMATON AlA TEXNAIMATON

§ 140. *EvioTs rpdc Ao CUCTNUXTOS TIVOS, TIPO TTS épapuo-
yiic TV yvwoTddv pebddwv, peTaxeipi{opeba TExvaOoUaT TIva, OTn-
p1ldpeva gl TV Bepshicodidv vopwy kal TGV iSioThTwv TV Tpa-
Eecov. To &lboc T@V TexvaopdTwv cUTdv Stv elve dpiouivoy Kal a-
vepdy Bi&x kabiv oUoTnua, AN ESopTaTal &k Tig ocuvnleiag xai TG
Be€16tnTog ToU voU Trepl ThHv AUciv.

X+ 6w+7w=30

Qlrew T.Y. Tpog AUcIv ToU oUCTHUaTOSg Feama (1)
yp&oouey Tag Beutépag ESiowoElg g EETg %—;—g m—c,;.l, ote 0o
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X 6 Teo  heytTw 30 2 ' oy
elvon T e gy e e e Ex ToUTwv eUpiokopsy
T I 12 6y 2. S ade d6 i e
g 5 S e g~ 5 L3 g o URSRE

T clrrd dvwTépw gUoTnua Suvduela va Aowpey kai dg £ETg:

©¢Touev % == \g = —%’— =T. 'Ex ToUTwv elplokopev X=6T, y=8T,

w=—3T. Tag Tipag TGV ¥, Y, w Bttopev eg TNV pwTnv Tév Sobeiodv
tflowoswy kai  eUplokopev  6T-+6.874-7.31=30, 7 757=30,

e “3{_(5} = ES-: OUTcw Exopev —— 6 — = 1—52’ W—8i— % = %6’
2 6
@W=3TF3.x — &
Xefgps= 3
\pAFm = 8
"Eote trpoc AVoiv 1o olUoTnua wtp=— 9 2)
¢ +7==11
Tx= 9

MpooBéTopey Tag £6iowoels kaTa AN kal eUpiokopsy
2% +2w+ 2w 20 +-21—42, Gpa X+Y+wtotT=21.

TMpocBéTopey Kard PEAT) TTV TPWTNY Kol TpiTny TGy é§iowotwy
Tév (2) kai eUpiokopsv X+wtHw-te—14. Ta péAn Tolrng &pai-
poUupsv &rd TG TG TrponyouMEVnc Tng kai eupioxopsy T—=21—14
| T=7. Oftouev eig TV TET&PTNV T=—7 Kai cUpiokopev @-+7=11,
&po p=—4. Oftopev eic THv TeEAevTaiov T—7 kai sUpiokopev 7-x=9,
&px y—2. ©Ofrouev eic TNV TpwTny X=—2 kal eUpiokouev w=3. O¢-
Topev eig TNV SevTépav w—3 kal E‘:n'plCl‘KCuEV G|

] X+Hy+ow=15
"Eotw &xdun mpdc AUciv TO cUoTnua i:zi ::12 3)
Wyt =30
Tlpboﬁé'rousv Kor pEAT) Tag e€lowoelg ToU SofevTog ouoThuaTog
kal eUpioxopev 3(+w+w+T1)=79 &px Y+Ytow-+T= 3 (4)
‘Apaipolpey T pEAn T TpeeTng TV Sofeicdv tfiooswy
FCin X . — ey ¥9 79-45 34
&md T& pEAn TRC (4) kal elpioxopey T = —15= et
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*Apanpolpey T& pEAN TG Beutépag TV Sofeiciv &md T& TG

(2) xai eUpioxopev = %?—16— (b 348 — %1
’Agoupolpey T ué?\n Tfic Tpltng T&V Bobeicidv SLITO ot 56
79— 54 231 1
(2) xai ebpioxouev \y_— s 3 S
Téhog dpaipolpey &md T& BEAT) THG (2) T& Tiig TeAeuTaiag TGV
508 __E 30— 79—90____11
oBelotv xai eUpioKopey X= 3 — = e

‘AcnfoeLg
‘OQpéas TpoTn. 284 Na AuBolv T& xaTwdh cuoThiRoTA:

e b B P SGIE el
R e e e Syt Bl e OB
Sebdype—id X +d = ax+-Py-Hyo-+Be—=7g
el e ; [ e e
G P X W i)
EE TR TR S g P Y e e e
CTRSE o S | ox-+-py+ryw—>
R R b ipy it
PR g e
yo yw- xy=I12xye ] E_;__i + 21 = =_15_2‘
oT) { yo—dx - Sxy=—15xyw 8 S SR SR e :
Ao Iy -+ 2yyp=—=13xyc e Ak
weo— 32y p=—=13xyow l R Ll e -~

LW g
SX+-4y
weo 5 [ 3x+Ty =23xy

x+Py+platpi—0 1)

xt-ep-Hao--at =0
6 ==l ) : 3By =3By w

3y-+5
XHyy+yte+y'=0 WQ‘)XC—O { Sy—6w— 2y
2w0-+3x =
‘Opds TmpwTn. 285. Atoore T& kT ouoTHuoTa:
(p+m)x—(p—u)yp=—2vp (- x)p—(e—x)v =2y
«) 1 (btv)y—(p—v)e=2up B) 1 (XFH¥Iv—(X—yIp —2xw
(v-plo—(v—p)x=2mv (y+w)p —(y—wlu=2xy
42 9 sl 1
S T R R
; 3‘4"”‘—2XW—X%*X‘+’W 287, X28 i Xls 1
286. { 30pw—+12yy —18yw=—=13xyw o T e

18yy-+24ww — 42y w—>Syyw / 5

“Ix—3w  Sy—4w
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‘Opds deuTépao 288. Efnyrioate Thv diepedvnow ToU guoTHHaTOS
[ xX+Bx=r
l alX"}’E!W*‘;Yl
YPAPIKES, jTo1 Ti onuaivel YEWUETPIKGS TO &T1 TO olotnua fmbéyeTon piov AUaw,
armeipov TATBos Avoswv 7| o1t elvan &BUvaTov.
289. Ti onuaiver yewpetpikdds 10 511 Tpels EEiodozs pé Slo &yvaoTous ¥
kai y &roAnBedovTar 51& Tas aUTAs TIPGS TAV GyvaoTwY aUuTv;

MPOBAHMATA TMPQTOBOAMION ZYITHMATON

§ 141. Aéyopsv &1 TpSPANUG T1 slvar TrpwToPabuiov cuoTn-
poTog ¢ Trpoc SUo 1| mEpIoToTEpoUG &yvwaToug, &v 1) AUgig clTou
Gudyeran elg THy Abcv ovoThuaToc TpwToPobpiony Eflomorwmy uE
8Uo | TreprocoTipous &yvdoTous. At Ty AUcty ToloUTou TpoBAn-
poTos oxnuaTilopey Tag 2§10woElc oUTol émi TY) Pdoel TAV EmiTa-
yudTwy, AUopev TO oUoTnua Uty Kai égetalopey, &v 1 AUoig TAN-
pol Toug Treplopiopovs ToU TrpoPAnuartos, va oltn elvan Sext.

MPOBAHMATA ME AYO AITNQZTOYZ

1) "Av 6 A ddop 10000 ébgy. eis tov B, Fa &xn odrog toi-
mAdoia tot A. "Eav 6 B daey 20000 doy. eic tov A, $a &xn o
A dunddora ot B. IIéoac Sgx. Exet 6 natteis;

Mepiop1opdg O InTovpevor &pifuol Tpémer va elvan BeTikol.

"Eqw pt ¥ TrapaocTrowpey TAG Spy. ToU A kai W Tag ToU B, Swo)
B¢ 10000 8px. © A eig Tov B, T& pév daropévovTa xpruoTa &g Tov A
8& elven (x—10000) Spy. T& 8¢ ToU B 8& efven (w-+10000) Spy. kad
6& Eycopev 3(x—10000)—w--10000.

’Eav 6 B &wom 20000 Spy. €ic rov A, 8& elvan

¥+20000=2 (y—20000).
: 2 S 3(x—10000)=10000+-

Qote EYopev TO CUOTTHX { XE{)—(ZOOOO;‘:;(LP-—ZO()OO\';,
éx TTic AUoews ToU &mroiov elpiokopev x=28000 &py., w—44000 &py.
kai 7| AUoig elvan Sexrr.

2) Na evoedfj dvprjgpros dotduds, tod Smoiov 1o dipoioua
tov wneiwy elvar 10, gav & évalrldfowusy ta wneia tov va moo-
xUsTy TO TotmmAdoiov ToD dotduodv.

Mepiopiopdc "Av pt Y TrapaoTiowpey TO yngiov TGV Be-
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hE 2 ot 3y ey N. Zaxehhapiou

k&Bwv Kai pt X TO TEV povddwv Tol dpifuoy, & &piBude B elvan
10y+y, T& 8¢ ¥ kad y Tpémeal vax elvan dxképaiol povoyngiot 0.
Kot Ta émitdypora 8& Exwpey 7O oUoTNUS

[ X+y=10

| 10w+x=3(10x+¥),
) = ’ = § o 1 17
i Tfic Mioewg ToU Smolou sipiokopsy w—=8 g’ A==} T
péveog 1) Aoic &rroppitrTeTan, fiTol TO TpéPAnua elvan &dGvaTov.

*Etto-

3) AYo xivnra dvayweoly cUyxeovws x ToU a?Tov onueiov xai
Sa dméyovy 16 Ev tob &ldov 12 uérga uév, Zav xivndoby éxi 1 238
nodc THY adtiv popdv, 204 uétoa 8¢, éav mpods dvridérovs @o-
odc. Héon elvar 1 tayvins xadevds (nwvovuévwy dualds);

"Eorw ¥ pétpa f) Taxums ToU o kai @ w 1) ToU B, Meta 12°
6 o B Bicrrpéfn 12y w. kad 1O B’ 12y p., 1) 8t &mdoTaoig aUTdv b
glven (12x—12@) w., &&v Exouv THv aUThv gopdav kai (12x+12y) p.,
¢&v Thv dvTifetov. Katd Ta dmitaypara Ba Exwuev To oUC TN

£ b i e s e TR 3 [ y—yp= 1
i 12;((_:_12&'??__204 i TO iogodUvapov :(-m\:a---l?
| ! !

’Ex Tiic Aoews ToUTou ebploxopev X=9 p., w—=8 u. xai ©} Adoig
elvon SexTn.

4) “Exei 15 olvoy dvo mocotijzwv T uév a’ 7N béxa Teuda-
rat a dox., g 62 B’ B dgx. IHéoas éxddac moémer va Adfy €&
fxdotne moldrnroc dote va cynuation xpdua u Sxddwy TLuw-
uevoy y 8px. xat oxdv (ywpls #égdog ¥ Lnuiav);

*Eote 6Tt 8% AdPn ¥ Oxk&Bac &k TG TTPMTNG TOoISTNTOS Kai

dSe : s i =1 S
éx TNc SeuTépac. O EYwpPEY TTPOPAVEGS TO CUCTTIUX | o+ Bw—yu
(B—rdu, Gr—u

Ex Tfic AUoewe ToUToU eUpicKopey X=—

f—o ¥~ 5=
ArepeUvnoig. “lva Umépxn wia pévn Avoig, Trpémel p—a=£0
i P=£a. Kad &v elven B)o, mpémel B>y, Y>> ®oTe of Tiwal TV X
ki W va glven Bemikad fi 0. "Av elven P(a, Trpemrel kad BSY, YS @ Six
Tov aUrtov Adyov. TAv evar P=a, TO mpoPAnux slvan &SUvatov,
tcrde v elvan xad P=y, 6TE KoTaQUTY &OpIoTOV.
"Ev yéver S1& v& &mdéyeton AUow TO TpoPAnue, Teémer va elvoa

Py At By{e
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Moofifuara wede Ailorv (ué 8o ayvdorovg)

290. TToaSiov Aéyer &is &Aho : « Edv pob Swons TO MoV TAV UnAwy cov, Bk
Exw 40 pfjdce. TO &AAo doravT&: «Ads pou oU T fuiou THY IBIKGY cou, S1& v
Exw 35». Tldoa ufida eixe kabév ;

29]. N& ebpefiolv 8Uo &pibuoi, &k Tov dmoiwy & o svan TPITAKO10§ ToU
B’ xai 10 BiwAdolov ToU « peiov TO TpimAdoiov ToU B’ v& looUren pt 42,

292. N& slroeBolv &Uo &pifuoi ToloUTol, GoTe T0 SimrAdoiov Tol TPATOU LEioV
TO TpimAdotov ToU Beutépou va looUran pt 5, xad T6 SirmrAdeiov Tol TpdTou psiov
25 v& looUTan ué 1O BexomevTomALTIOV TOU BeuTépou.

293. ‘O ‘lépwv TV Zupoxouody EBwKE v& TOU KATAOoKEUGTOUY oTépavoy &Trd
Xpugov Papous 7465 ypan. “lva elpn & Apxinbng, fpwTnbels, uimes & ypuooydos
GuTIKaTEoTTIoE Xpucov 817 &pyUpou, EBUtios Tov otépavov el USwp kai Eycoey
olros 467 ypau. ToU Bapous Tou. MuwaTol dvrtos 611 & Ypuods yavel sls 16 GBwp
T& 0,052 kai & &pyupes 0,095 ol Papous Tou, Tooos HTO & XPUSdSs ToU OTEQGVOU
kal méoos & &pyupos; .

294. Afder © A sls Tov B 1. Spy. xai Exet 6 B wimAdoix To¥ A. AiSer & B el
Tov A p. Bpx. xai Exer & A wimA&otx ToU B. TTéoa slyev Exaoros E€ apxTis;

295. Ao xwwnTa drméyovTa o pitpa peTafU TGV KivoUvTal SHoAds xal quTi-
Sévws, dvaywpnoavTa guyypdvws. "Otav peta b BeutepdAsTrta cuvnuThinoay, To
&v elxe Starpéfer P pérpa TepioTdTeEpa Tol &AAou. Tofas ToyirnTas elyov;

296. "Ex dUo ToTrwv, dmexdvTwov o péTpa, dvaywpolv ouyypdves SUo KivnTd,
KWOUHEVT OucAGS. ~Av pév kivolvton &umiBETws, ouvavTOvTa HeTa A, dpas, &v 5¢
TTPOS THY aUTHY @opdw, oUVaVT@AYTal PeT A, dpas. Meias TayimTas syov;

297. & &udpes wal yuvaixes &mAtipewoav &v 8Aw B Spy. 'Ex Tédv dvBpdv Exo-
oTos ETANPwWoE y Bpy. Kai &k TV yuvaikiv & bpy. Moot floaw ol &vdpes kol Téoal
ol yuvaixes; Mepikf mepimToois a—7, B=—260000, y=—50000, 5=—30000.

NMPOBAHMATA ME TMEPIZZOTEPOYZ TON AYO AINQITOYX

'§ 142. 1) Na edpedf torwrigios dordude, tot dmolov 1o d&-
Pgooua 1o yneimv elvac 21 xal 16 ddpoiopa tdv dxpwy wny-
@lowv ditddocoy tob ueoaiov” éav dvalldEwuey ta ynpia 16y fxa-
toviddwy xali dexnddwv tov, 6 dotPudc Elarrdverar xata 90.

'Edv X TrapooTriowuey TO ynelov Tév ExarovtdSewv, pi W
TO BexdBaov Kail U @ TO TGV povddwy (Bud Ty, W, ® Tpéme va elve
dképaiol GeTikol povowneiol), & &pifude TapioTdveTan Pt

100x + 10w+ xai 8& Exwpev TO gloTnua
X+y+w—=21
X+w=2y
100x~+10y+w—90=100y+ 10y +-w,
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& THc Aoewg ToU &troiou elpiokopev x=8, y=7, w==6. "Apa & {n-
ToUuevog &piBuog elvan & 876.

2) ‘O A xai 6 B pali éoyaldusvor tedetcsvovy Ev Epyow eig
5 fuéoag, 6 A nal 6 I eis 6 rfuégac, 6 82 B xai I' eig 5,5
Huéoas. Elg méoag nufeog xadeic uévoc rov A, B, I' dvvaral
va éxvedéop 1o Eoyov;

Mepiropropdc. O nroUpsvor &piduoi wpémer v glven 0.

AVcic. ‘Eotwoav ¥, ¥, w oi {nToUpevol &piBpoi. ‘O A Eig
piav fuépav b& ékTEAEon TO 1? ToU Epyov, & B 1O TI?— kai & [N 1O —cl:)
*Apa ci A kai B eig piav fuépav gxTeEAOUV TO —)1(—+T1P— kol oo

% sl . Yooy oy 5 = T 3
elvan foov pe = - Aiém &ooU elc 5 fiuépag EkTeEAOUV TO EpYOV, ElC 1

1 1

L 5 = (Sl o - - y
fuépay EKTEAOUV TO & ToU Zpyou. "QoTe Exopev -:(f R

‘QOpoiwg épyalopevol eUpiokouev TO oUoTNH:

LIBNE
Yoo i AL ]
1 1 1
i €D)
e e !
S0 LD

TTpooSéTovTes TG GV Téped EEITCOEIS KaTG PEAT Kol S1x1poUVTES
il et s e AR
T& taydpeva B 2 elpioxopey — + — = g0 ”

X W @ 660
*Agoapolvtes &’ olriic TV TpLTNV TGV (1), supioxopev
b 4By 660

23

g, A el
‘Ouoiwg eUpiokopev q}-—=9£1~ el L
71 X 81"

MooBrAfuacta wEog AloLy

‘Opés TpdTn 298. Tpes &upotor sixov Tocdy T1 ¥pnUaTwy EKaoTos

Kail oUVEQOYTOOY KaTa CElpdy v& SirAagidon kafeis T& YphuoaTa TV 5Uo &AAwV.
Els 1o Téhos eUpidn ExaoTos pt 160000 Spy. Ti wooov elyev ExagTos KT GPXOS ;
\ D99. Tpeis &vipcomol, fydpaoaw KT &uTi 64000000 Bpyx. ‘O mpdTos

& fBuvoTo v& TANpooT SAékAnpov TO TGOV, &v & Belrrepos ToU EB1Be T4 TrEVTE
&yboa T@v Sowv eiyev. ‘O Belrepos 8& HBUvaTo v& TANPWoT TO TOoOY, &v & Tpi-
Tog ToU EB18e T& SxTd EvaTa T&V (8K Tow. ‘O TpiTos Bi&x v& TAnpooT, ToU EA-
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AsiTe TO fjuiou T®Y Sowv elyev & TpdTos kal T& Tpia dtxaTa EkTa T@Y Sowy elyev
6 Betrrepos. Mléoa elyey Exaoros; = L + 1 = )

N 300. Tpels yuvaixes wwhoty oy "Eqv ) pdon E818e 16 EPSouov kal 1) Tplty
Tc‘)'gémrrov TplTov Tév IBikév Tns els THY Seutépay, B efyov kol al Tpels TdY alTov
Sp18pdy olnyddv. "Edv kal ol Tpeis eiyov £ &oxfis 360 alyd, wooa eixev dkdoTm ;

TT301. Né& eUpebii Tpwhigios dpiBuds, Tou émolou T &Bporopa TV wneiwy
glven 17, 76 ynelov T6v Exorovtddewv elven SimAdoioy Tol ynelou TGV povadov,
kai STow &poupedi) & alTolU & 396, slploxopsy Tov &p1Budv Tov TpokUTrTovTa 81’
tvadAayfis TV yneiwy Tou. Tlolos elvar & ap18pds;

302. Né& sbpelolv Tpeis &piBuoi Tololrol, dGoTe & TP&TOS Kai TO fdBpoloua
TV Svo EAAwY va slvan 120, & BeUrTepos kad TO SékarTov TrEUTITOV Tiis S1apopds Tol
TpiTou &md Tolb mpdTou v& lootton pt 62, To B Giipolopa TGV TpIGY va lgoUTa
pe 190.

Ou&s Seutépa (Aidpopa). 303. "Exer Tis kepddaiov 5400000 Spy. xai
&Ado 6500000 Bpy., AcuPdver && kot £tos Toxov 384000 Bpx. xai ¢k T@V Slo.
‘Eav 10 mpdTov &rokileto Tpods T Amitdkiov ToU SeuTépou Kol GuTioTpdpws, B
gEAGuBave 5500 Bpy. TeplaceTipas s Téxkov 7 Trpiv. TToix T& EmiTékia ;

304. Tlooov 8100000 Bpy. v& poipacdij els Tpic TpéowTia, MOoTE T& pepldia
TGV piv &’ kad B vé elvan dos 2:3 tév B’ xai y' s 3:4. TMola & pepidia;

305. "Ayopaler Tis 8lo £ibn UpdopoTa, i v ToU TpdToy 5. & 68 Tol Beu-
Tépou 6u., dwTi 122000 8py. *Emeidn & fumopos &viAAate T& SUo £ion, élnuicobn 6
&yopaoTis 2000 8pyx. MMéoov érp&To 76 pétpov kaBevos eibous;

306. Avo Buvdpers, evepyoUoan &m 1ol alrtol onueiou OpoppdTTs uév Exouv
owvicTapéviv 16 Kg., dvtippémes 8t 2 Kg. TTéomn elvan 1} EvTaois kafeuids ToUTwv;

307. O A Aéye &ls Tov B: 8és pou 10 & Tév pnAwy gou kai B8& éxw 1,5 Tév
[8ixéov gou. ‘O B &mavTd: 865 pou 10 & Tdv 1B1kév gov, Bid v& EX TETpaTALTIX
T@OV iSikév cou. Tldoo elye kabeis;

Opas Tpitn (Kwhosws). 308. ’Ex 8Yo onpsicv, amexovrev 1500 p,
Gvaywpelv ouyxpdvws SUo xivnTd, Spadds kai duTifBéTas kivoUpsve., “Orav ou-
vivrfnoay 10 mpdTov eixe SicTpéfar 300 p. TepioodTeEpov ToU &AAou. Tloics
elvan & Adyos TGV TayuTHTwY TV ;

309. "Amo SUo Tomwy, dTreXSvTwv B 1., duaywpoly Slo KIVITA Kol cuvayTév.
Tat pera £, 5-"Edw pév niaveTto 1) TaUrns ToU TpddTouw KaTX A ¢, 1) 8¢ ToU Beutipou
NAcTTOVETe KaTa A" ,, 8& cuvnvTévTo ueTd t,5- Toien elven af Tyl Tes adriv;
N& yivn Sispelivnois.

310. Ao Tév axpwv TéEou Koy 45" KivolvTan & alrrol Svo KIVT TS G-
TiBeTeos kai ouvavTdvTar peta 35 Edv xivolvron Trpds Thv oty @opdv ouvav-
TGOVTOr peT& 59- Tlooov poipdv ToEov Siavler kabiv kivnTov els 15 ;

‘Ou&s retaprn. 311. N& elpedi Siypnipios &pibuds, Tol dmoiov TO wi-
oiov T@®y BexaBwy sivar Slo Tpita ToU TEv povdBwv. “Av Ypogolv T ynoia
ool katT' dvricTpogov T&Ew, TpokUTrTel &pifuds kaTk 18 HEYTAUTERGS TOV.

312. Na& ebpebi) tpynigios &piBuds, mepiedpevos peTafy 400 kol 500, Gore
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1d &Bporoua Tav ynelev Tou vi gvan 9. "Av dvmioTpaed f T&Eis TEV wnelwy Tou,
TrpoxirTEl &piBuds Toos ué TpidkovTa EE TECOTpAKOVTX #BBona ToU &p1Buol.

313. N eUpedi] Tppmgios &pibuds, Tou dmelou T6 pév yneiov TGV xaTovTa-
Bwv elven & TplTtov ToU &BpoicpoaTes T SUo &M\Awv, TO BE TV Bexdbwov elval
T5 fimou ToU &dpoicyuaTos TV SUo dAAwv. "AV ypoagouv F& yneia Tou xaT &v-
TioTpogov T&gv, TTPoKUTITEL piBpds kaTa 198 peyaduTepos alrrol.

314. *Ed&v mrapeupéAopey petall Tol wneiov T&Y povdBomv kai Bexabowov B1-
wngiou &piBuol T 4, To &Bpoigua TEY BUo &piBpdy sivan 604. 'Eav Sicxipéowpsy
Tov BeUtepov dpiBpdy Bi& Tol wphToy, sUpioxousy TnAikov 9 xal UmoAoirov 34.
Né& ebpedf} & &piBucs.

Meoihmpre mepiexouévev zegalaiov IV.

‘Oguouds cvorjuatos éEtodoewy (oUvoiov BUo i TrEpIoTOTEPLOV
1ocdoewy, Tas dmroiag gmaAnfelouy oi albral Tiual T&Y yvioTwv ).

“Optouds tiis Avoewg OUCTHUTOS gE1owoEwY.

“‘Ogiouds loodvvduwy cvernudroy (&v Taox ai AUoeic olou- -
BfymroTe ¢€ arddv elvan AUoElc ki TV SAAcv ouoTnudTwy).

*I8iéTntec TOY CUGTNUATDOY.

1) T& ovoThucTa .. Azg' i'

glvan loobuvapa.
2) T& ouoThuaTa T.X.
ALY @)=B(X.y.@)
X=X (¥,@), TGy 0)=B(X,¥,@)
A(‘P(\P«'w)vwvm)j‘B(cP(Wlw):W:m)a
x=0(,),T (@(y,0) W, ) =A(e(¥,®) \y,)
elvanr loobuvapo.
‘Ogiouds Paduod cvorduaroc Efiocdsswy (WO TTpdg TOUC
dryvedoTOUG TOU).
AUcic ocuoTiuaTos dUo Eictotwy pE Buo &yveooTous « BaBuold
(uéboBoc &mohoipiic Six TV dvmiBETwov CUVTEAECTOV &yVWoTOoV,
B’ AUTIKOTAOTXOEWS, BI& CUyKpioews).

R s Py ey

Aiepsivnolg Tol OUCTIUHOTOS B B
"Av of,—a,BsA0 pix Ao x==(yB.—Y.P): (P, —=.B),
Y= (GY.‘—QIY): (GBI_GIB)
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"Av o, —P:B oAy:y, TO oUomnua clven &Slvarov, &
&, Ba,, P=0 xad y fij ¥,50 elven &ddvarov. "Av aa—=piB=Y3Y, T
oUoTnux slven &dpioTov.
Té gvvoobusy drav Aéywusy «dnaleipousy Eva dyvwoTov m.x.
peratd Yo éEiocdoscovn.
‘Optoudc tijc magauérgov utds Ec@oews, XpnotuoToinoic
olrrijc Bix THY Biepedvnow EEl0woEws 1) OUOTHUETOS E1ocoEwy.
Ioapexn Avoic cvorjuaros dv0 mewrofoduioy dEtoddoewy
ud 890 dyvdosrovs (KQTOOKEUT TV TrapioTavoutvwy eulady kol
; TOUT) QUTEV).
‘Opiouds dveadrnros ué dAyvOSIOUS. ‘Opiopos Aoews &vi-
oOTT)TOS.
" *Avicértnrec icodvvauor (&v oladfmoTe TIuf dyvwoTOU ETTaAT)-
Beviouca piav &k TGV 8Uo, EroAndela kol THv GAANY dvicoTnTa)-
[516 T TEe &VICGTRTOS BE &y VGOTOUG. BaBuoc &vicdTnTog é
&y vioToUS. ;
: Sl dvad e S0, o By 0
&v o=0, B)0 &mcAnBeleTon ik Ta&oav TV TOU X, &v a=0, P(O,

w(— £ v a0,

slvan &dUveaTog.
Aboic cvorfiraros mowrofaduioy icdoewy ué meQLoTOTE

povg TV OVC AYVMCTOVS.
Avoic svoriuaroc ué iy utdodov 108 Sezoul.
Avoic cvoriuaros u Ei5@oE@Y AEOTOV Baduot ut p dyva- |
arovs. NUoic cuotnuéTwy o Pabuocl pt TexvaouoTa (tédv Towv Ao- j
ywv, TG GVTIKOTACTACEWDS TapaoTdoewy B’ EAAwv KaTaAATIA®Y, :
S1&x Trpooficews Eiowosewy ToU ouUGTAUCTOC Korrdr pEAn Rad Geapt-

oewc SAANG &€ -alrdv).

11
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MEPI TON PIZON AATEBPIKOQON APIOMQON

'§ 143. KohoUpev devrégav, toitnv,...., utoctiv (| mioctiic td-
fewe) pilov Bobévroc dpiBuol Tov &piBudv, & émroloc Uwoupevoc elg
TV Seutépav, TpiTtny,...... , viooTnv SUvopiv 8i8er Tov SobivTa.

Trv Seutépaw *, Tpitny,....., mocThv pilov &pibuod, T.X. TOU a,
= v
oupBoAilopey pe Vo Va,...... . Va kol elvar kardr oV Spioudv

3 v

Va)' =a (o) =a, .. Va)' =«
Té oUpBodov \/ Aéyetan guluxdy, 7 UM aUrd TmoodTne mdbe-
otfog mogbing, & B¢ &piBpodc 6 dmoiog Bewviel THY T&EW Tiig pilng
TTic Umoppifou TroodTtnTog AdysTan deixine tijc oéEng. OUtew sic THy

map&otacty \ a Umdppilog ToodTne elvar Té o kai Sefktne & v. Eic
TNV TeTparywvikiy piloav évvositon Seixtng & 2.
Pifa Tic AéyeTton deorias 7 megurtiic tdfewe, &v & SelkTng c-

3 >

Tfic elvon &piBuog &pTiog i TepiTTSG. OUTw of pilan V&, V& elvan Té&-
6 8
€ewe mepiTTiic, of 82 Vo, Vi, V& elvon Té€ecoc &priac.

IAIOTHTEE TQN PIZON

§ 144. 'AmoBeikviopev Tp&dTov THv £Efic PondnTiktv TpdTacwv.

"Av ai wioorai dvvduewc dVo Suocruwy dotdudv elvar foac,
oi dotuoi eivar Yoor.

Ai1oT1 Gv oy, elven af =¥, mou p elvan dicépaiog kai BeTikde
#0, kal ol o, B opdonuol, f& Exwopey ab : BE=1, -7 (,_;_)“_,,.1’
apa a=P.

* ‘O Rafaello Bombelli T6 1572 els 76 BifAiov: Tou «Algebra» Exaps ypii-

ok e e
ow Twv '\ —a, —\ —a.
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1§ 145. HHac Perixde GotPuoc Eyer 0vo udv gilac doriac rd-
§ews dvuudérovs, uiav 82 mepirriic tdewmc (Pezisjv).

A6 &’ tvog pév, BeTikdg T &punTikde &piBuds UyoUpevos Eig
Gptiav SUvoquv 8ide1 EEayduevov BeTikdv &p1fpov, Evd &g’ Etépov,
Hovov BeTikdg &pifude tnpoupevoe eic mepiTTiy SUvap 8ider EEayd-
pevov BeTixov cxplﬂuov O¥rew . ¥%. i ﬁ~+4 BléTl 4:——16 xai

(—4)=le. To\, 27—3*, Erreidn) elvan 3°—3.3.3—=27. To\ 322, &rrer-
&1 elven 25—-2.2.2.2 239

B) IIas dovnrixds dotdudc Exyet udvov uiav pitav meoirtic
zdkews, dovnrixjy, ovdsuiav & dotiac tdfecs.

AdTi pévov &pvnTikde &piBude Uyoupevog gl mepiTThiy SUvauy
8iber €foryouevov dpunTikdv Gp1Budy, &vdd oUbsic £k TGOV YVWoT®DY
ap1buddy (BeTikdc f) &pvnTikdg) Uwouusvos el SUvauv &ptiov 5ide

5

e€aryduevov dpvnTikov &piBudv. OUtw myx. f Y —32— —2, émeidn
elven (—2)°=(—2) (—2)(—2)(—2)(—2)=-32.

*Eoreo m.x. 1 V—8. AUt slven —2, 8161 elven
C2P=02)-2) (2= -8
3

TMapornpoluey Sucoc 811 elvon \’r_8_=2, SioT1 elvon 22=2.2.2—8.
3

*Eropéveog Exopsv \ —8——\/ 8
"Ex ToUTou kai EAAwv Suoiwv TopadearyudTov ouvdyousy &TI:
‘H gila meoirtiic tdEcwe dovnrinod douduod, icodrar ud thv
dvzidevov pifav vijc adtiic tdkews rob dvuidérov tov douduod.
* *H eUpeois Tijs xuPixiis pilns &piBuol ESnuioupynifn katd T& péoa TS
5ns &kaTovrastnpiSos . X. kupicos &mwe Thv dvalnTnow Tis AUoews TolU TpoPAt-
uaros 1ol diwdactacuot tot xtfow, TO dmoiov kadeital «AfjAlov TRSPANHCY,
3

BnAcdn s edpéoews Tol ¥, thoTe v elvan yI=—2a® i x—a/ 2 kol 1ol TpoPAfuc-
TOS THS TPLyoTouroEms wids oiacdfmore ywwvias. Ta TpoPAfuaTa alTd,
kafos kal TO Tob rerpaywwiouod Tod xvxlov, drnoydAnoav &Y1 pévev Tols
pofnuoTikovs Tfis TToAods Emwoxds, SAAE kad ToUs TéTE pop@pévous KUKACUS,
£mwi wAfov B kal Siaorjuows podnuaTixous SAwv TV TPOTYHEVOV Ywpdv.  ATre-
Sefyxfn 6T T& MpoPAfjuaTa altd Siv elvan SuvaTdy va AuBolv i pafnuemikhy dkpi-
Berov xai udAioTa uévov pE T XproiuoToinoiy Tév Kupiws yewueTpix@v dpydvavy,
ToU kowovos ko ToU BiaPriTou.
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164 h N. Tazelhapiov

'AocnoELG

315. Aelferre 871 &oa pila THs 1 elven +1 f —1. Awecri ; Tlaox pila Tol 0
elven 0. Aiaxd ;

316. EUpere T& Efaydusva TV V9, V36 Vréd.\ £125.

317. Edpere 7& 3— F, oty B, otV B

318. 'H iodtns \‘ a'—a elvon TANPNS kol TeAsicos SxpiPis ;. Avorri ;
[

319. Tlére 1 looTns \_(]:‘::55_":,\, sivan T=\Elwg cxxplﬂ'qs xai STl ;

320, ) Edpere 75 tEaydusvoy V 4+ ey 27—y 52,
| 3 4 3 5 3
“Ouolws vk B‘) VI B V16, v) VZI—\=32. 8) V (=P)%
- 5

£) \w. o) VSV TS, 1) VIB—VE 1) GV DGV D) v ay

§ 146. Karwréow éx tdv Svo olldv Exdornc dotiag tdEewms
dpiduod Perixod Ba Pewpobuey ubvov iy Perudjy, meds Sudxgl-
ow 82 yonoiuomoeitar td cOuforov \ | ué tév xarddinloy deixtny
viic oitne, Hy 82 Dmbopilov mocéinta a Pa dnodérwuey Ferixtjv.

“Iva gita Hwwdi elc Svvauwy, doxel va Dywwdf i Jmbger-
Log moodine eic Ty dvva‘uw taunrv.

Afyopev BnAadn 6T elvan (\ e ¥F u—\ 3 (1)

Aidmi, &v TEC TTOPUOTACES QUTOS Owccwusy sic Ty g Sdvauw,
eUpiokopev Eforydpsva foa, dpa kal of dpiBuol avrtol (g dudonpot)
elvaa 10'01 ITpcryucm elveat

fi ip S
(ol = Vo =lva ! — xi (V& )—a
MopaThpnoic H dvwripw iootne (1) Btv 8& fro TOAT-
pnc | Teheicog dxkpiPric, &v Efecopolipsv kol Tég Vo pilac fkdong
dpriag T&Eees (BeTikoU &pifuol). Awbm TéTe, &V T& p Kal p elvad
&pmior (Uroiferon a)0), TS piv TpdTov péhog Ths (1) B& elvca BeTi-
kév, TO &t SeUrtepov 6& elye 8Uo Tiude dvTifeTous.

e

Y § 147. “Av sig tdv deixznv tiic 0ilne xai Tov Exdéiny L2 il
Suvduewe droppilov mosérnros (Derwniic) Dmdoxn »owwds wapd-

yeov, dvvdueta va tov nagale{wm,usv
3.2

My. elven oo H\ ot. Abti Uyolvteg T& péAn TG {odTnTog
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*AlveBea ( "Exdooic A, 1950) 165

alriic elc ThHv 3.2 &Yvapiv, sipiokopsv fou EEaydueve, (&pa kai of
dp1Buol adlrrol dog dpdonuor elvan foot). TlpdyuaT: Exouev

3.2 3
(\!r&?l)f"’=a;..: Kdi (\.ra.;).":z(as);‘:cs-;"

u @
‘Quoiwc Eyopsv Veare—(V oP )¥'=cr . ;
‘AvtioTpdgoc. Auvdueda va modlanldacidowuey 1oy deixtny
tiic oitnc mal tdov ZxPéryv tijc Dmopeilov mocdrnrog (Derexiic)
&nl oy adrdy dorPudy. ToUto SewieTon oSpoiws.

: § 148. "Av eis v Undoeilov napdoraciy dadpyy wapdywy
wé BxPérmy Statgstov Sia tot deimrov wijs gilns, Svvatar va .
EayP®fi oviroc éxtdc to¥ oulinol dpob 6 Enxdéinc Siauge?i] did

to¥ deixtou.

Thy. efven Vot . B—a.\ P. AibTi Exouev
\-‘r— ij'__— u F n u 1

(V&P —.p wkai  (@VB) —a (VB —a.p.

Kai dvtioTpdpws : Hapdywy tic éxtds tot pilliwot dvvarar va
cloayPi Evidg abrod, v Dwwdf els v dVvauwy v dpulousvny
Vo ToU Seixrov rijc oilns.

M.x. eveu 3.V 2=\32=V18, a.\'-ﬁ = \c_tT{_B ked 1) &méBafic
yiveron Suolox, dg dveTEp.

"Aan 1’1-0 ELG

320,. ‘AmAoTmroficaTe TaS K&TWE TOPACTACES:

3 P 5___, WS e, _%_____
o) - \fas, \faf, Vo5, Volv, {f5, 4
2 2v4-1

11 W

BY V9%, VEE, yau, JavE
3 9 5

¥ V6dE, \125%, 325

8) V(&@—2oBFB), V(& +4aB+4B7),, \ (4" -20aP}25p7)".
3

&) V@I, VG iab Ry,

o) TNT, :\IL avVa (@kpPyVelp, (@—1)yo-1.

§ 149. Aio va ZEaydywusv iy oilav dAAnc pilng mocdintds
1tvoc, doxet va mollamlacidowusy 10Vs Seinrag tdv oldGv xal
v dericwusy d¢ Dadggilov mocdinra Y alvTijy.
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166 N. Ernxellugiou_

T.x. elven \/\[ e \ fal, A!Oﬂ &v ai dYo albral TrapacTdcsig

Uwwbolv eic Ty 4.3 Slvapiv, 8idouv ioa e€aydpeva, dpa kal ol Tapa-
oTaoel; avtal (b TapioTdvouson apiBuolc Spootfipous) elvan iowi.
IMpéypaTt Eyousv

VERLS R e b=

/ § 150. Pifag ué diagigovs deixzag Svvdusda va Toéwwuey
el dAdag Toas 71205 avtag ué tov adTov deixinv.
3 4
“Eotwoqv .. ai pilon Vo, VB, V y. ’Emadn 16 &xar. v
BeikTdV 2, 3, 4 1V pildv sivon 6 12, &v Tolc éxBéTac T@Y Umroppi-
lwv kai Tolg SelkTas T@V pi1{@y TTOAACTTACCIATGHEY KOTE OEIpOV
gmi 6, 4, 3, avri TGV SobévTwv AauBdvopevy T& ioa Twv dvTioToixwe
{2 12 12
Vo, VB, Vit
Ev yével, | Tpomn pilikédy ele &AAa Exovra TOV aUTtov SesikTtnv,
yiveTan kafog kai 1] TPOTI TGV ETEPLOVULGLV KAQCUX TV EI¢ OEMVULS.
L,I \l L\Ir' v
B g (e o a kad Y [5 TpémovTan eic T& V @ rad \ ﬁ
BEoRE. 1 Saph Bvp uvp uvp:. o
o\ Bl y, TpémovTtan eic T& \ &, \V B, V¥ k.o

48 151. To ywiduevov # 0 mamlirov gildv ué ov avrov dsi-
xtny lcobrar ué pilav 1ol ywoyévov 3 tod aandixov v Vmoppi-
Lowv mocorijrwy xai ué Seixtnv tdv @V Tapaydvrwv.

H B % ‘:"_‘_ o e
Ty VaVB.Yy=V oPy. Aidm &v o (Sudonuor) avral mapo-
otdoel; Uyowlelv €ic THv p  SUvoquv, Sidovv Eferydpsva oo,

el o) IR R Cpsd S ROl Sl T i 3
Medypatt Eopev (VaV BN y) '=(V ) “.(\V B) -(\FY)' =G-[3-Y Kol

A e
(Vapy)'=ap.y. ‘Opoiwec &xopev \V a:\ p— X

137
7| 8¢ &mwddeific yivetan Spoiws. Kora Tolrore ‘é)(ouev

V2LY3LW5L=y 301, \32Ly 2=y 32:21=\ 16!—4.
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’f}§ 152. &) "Ed&v 8fcopev v elipopey 1o ywdpevoy 7l T® TnAikov
piLIKGY ExdvTewv Siagdpouc Seixrac, TpeTopey clré elg AAa fox Teov,
EXOVTX TOV artdv Seiktny kad  droAolboe épapudlopev THv dvwTépo
Bisra. OUTw 8& Excopev . .

4 -3 s ot 12 3 5 5 6
V 5.V 2=V 5.V 2\ 5528, 201\ 5=V 20°:\ 57—\ 5075,

‘H &oryeoyn Thc pilne xkA&opaToc Gvdyetan &ic ThHY Eorywyny
THE pilng Sxepaias TapacTdoewe v Yéver, &v ToUg Spouc ToU kA&
opaTog MoAAaTTAQoI&owUey &7l KaTdAAnAov &pifudv, dote & mo-
povouaoTic v& Exn Umrdppifov ToodTnTa Stvauuy Lé ExBéTny TOV Bei-

e i 4 a 4

el 5 , e A e R L T

kTnv_Tiic pilng. OUrew Eyopsv . x. A e AR
V( 23 \_f’?

Mevikddg, &v & TTAPOVOUXTTTS KAQGUATIKTC TAPACTATEWS EXT)
pilikov, moAAamAcoi&lovTes Touc Spouc avrfic &ml kaTdAAnAov Tra-

paoTaoy, duvdusBa vi peTaTpéwoouey TN Sobeicav eic GAATV pé Tro-
povopaoThv &veu pilikol. Ty, &v EXWHEV TNV TrapdoTaoty +)\}-F_5
(s ¢

kai ToOAASTTAGCI&TwUEY ToUC Spoug alUTfic i LTV ovlvys mapd-
gzacw Tiic o\ B, fitor &mi THY a—\ B, (vé Uroiferon a—\ B=£0),
Y e—VPB). . yla=\P)

= ~ it‘:ﬁ_af_-__

EU io‘K UEV T g = ——
Al etV p  (afVPIe=VE)

‘Aozfioerg ’ |

32]. N& amiorromBotv ol kérwdi TP TACEIS:

) V54 4 3y28 — \§! B) V5o 1\ 124a — /32057
: [11:5 F192.50% 112.13%
fA12.5 o 2 e AT ES
¥ 25 \/7i.13' 75

322. Eis Tas kdreoh THPaoTEoEs & Tpd ToU piliked Tapdywy va eloayBi
KaTOAANALS &UTOS alrroi.
gt A [ 53 i i
R B AT v ek B sy A6 TR ST
S 2 49
323. Né& tpogrotv o xéreof pilen eis iooBuvduous avrréy, Exolaas EAdryioTov

KOWOV SeikTmv. 2
3 6 s 6 12 3

P Vs Ve w BV aEL (BT v VE B T

6
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168 ¢ N. Taxellapgiov

324. N& 'Yl\?‘l] &rhoToingis &y prlév:
2y
i v64‘ B ﬁ YD \r64 5) Ver'

(325! N& elpeolv T& ywopevea:
J 3 4 5

) VFWBT B VENZ ) VSN 8 VeV
3 4 3 3
) \fx\y \/._- o-r‘) V2V 5aB.W3B - T V542
@, N& gipsBouv T TrmAixa:

3 3 8 Saia, 3r_-_ B
') \"24':\."2' B9 \7000 \,’775 v VXtV X 8) y&c':y?c.
327. N& eupedy 16 o) (v at+VB—NVY)
B (2\x+3\1x)\x ¥ (\ﬂ“-\a—\’ )\;G

'3284 T& kérwh KAdopaTa va Tpatrouv &ls loodlvapua abTiv pE pryTous Ta-

pOVOHaOTAS.
) 3 S EEysh : a e LV ) W x=\He=1!
R e R R e T
VZi V3 i 13 Vx-1
VE V3 LB S

AYNAMEIZ ME EKGETAEZ KAAIMATIKOYX

1
§ 153. "Eorw, 6T Eouev TO o2, &mou TO o TAPICTAVE! &pI-
'i
Budv Tiva. ‘Opilopev 611 TO a? TOPIoTAVEL -rnv \ «, #iTor BETousv

t .
oz =\g, ot (Va)’=a, é&pc (q )’-c:.

Kord ToUTa

i i 1 3

T Feag 9T 93, T (-9F)F A=

i

"Av 80611 TO @¥, V@ EIvm v)0 xoi  dxépouog, Spilopev  OT1
g

\ o, &Te Eyopsv (a ) Gf&)v —a, &pa (GT )Y a8

"Av Eywpev TO oY, V@ elvea p kad v dxépaiol Kal BeTikol, BéTouev

i El _';._4_‘ v vr___ o4 ,——) v
av =V av, &Te Exousv (cr" (\ o ) —a, fjTor \ =
’EE &AAou vapd‘rnpouusu 811 T
el 1 ! Lok DUtEE T N8
G\'ﬂc( v,,uv'- l] Cl\ : (0. )v: ,av> ,ﬁTOlC(v :l\‘fag.l... \ o4
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‘H Tedeutaia fodtng ioyis &veu meplopicpol, émedn Gecopolipev
£x TCOV SUo pildov fxaoTrg &pTiac Tagswe povov tnv GeTiknv.
3

'Ex Tév dvwTipw O8myouusvol didousv Tov e€fic dpiopov Tiig
Suvdpews dAyePpikoU &piBuoU ué &xGétny BeTikov KAGoua.

Abvauic dotPuot pue éxdérnv xldoua, Exov dgovs dregaiove
nal Perixods, mapiordver # v eilav, tny Exoveay deixznyy oV
magovouactny tol xddouaros xal vadpotiov tov dordudy ué éx-
Pény oy dotPuntnyy tod xddouazog, i v Svvauy ud Pdow
v gifav ot dotPuod, wnv Eyovcav delxtnyv Tov magovouacTnv
totU nddcuazoc xal ud éxdérny tov dorduntny avrod.

[0 e

§ 154. "Av Tov BTNV THC a¥  ypdwwuey olTw « P, Tol p

TapioTavovTog &pifudy dxképarov kai feTikdy, Ba Exeusv

i o u v v o
6 L2 By 33 = ol
o T VPR GANCVElved o —Niad — (\- o

2P Y LT N Do P
kod .o ¥e —\/ oc“°=( \ P ) , Gpa \ a¥=\/ gt

u vp u
radl (\r&) :(\‘-c;-“_) fitort 7| ididtne Thc § 147.
Kaf® Spoiov Tpdmov Buvdpueba va Beifcopev kai &AAog i816Tn-
Tag T@Y piriddv, kabhdg kai va Tpewwuey pilas el &AAag, ExoUoag TOV
ocUTov BElKTTV.
1
§ 155. o') “Eorw 871 GfAouey va Splowusv 1O a 2. Aexd-
pevol ToUto g dUvauv ToU o xai UmobBétovTes 671, 1) 1816Tng TOU Y1-
vopsvou TV Buvduewv ToU altoU &pifpol ioyler kal étov ol #xBé-
Tai elvar kai Bemikei 7 kai &pvnTikol KAaopaTikoi &pifuoi, Exopsv
i 1 L 1
a';_ 2 2=q 2 2 =g'=l.
1 1
Arcxipolivreg T& foa péAn Tic fodtnTos a2 . 2—1 &ix ToU
1 1 1

vy - « v I3 ? 1 1 % =N I
a?, elpiokopsva 2—=_——-_"  fitola 2—_——.
- = Noa Vi
a2
: zell 1
Oupoiws elpiokopey o ¥ —=— = — (&mou 76 v elvon BeTikdg
P ]
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170 N. Zaxekhiapiovw

-+ 1 1
kai dxépoiog apifuce). Kal yevikdde o ¥ = —— = — (&Gv Ty ki

= Yot
v elvan BeTikol kai dxépaiot Gpifipol Sidgopor Tolu 0).

"Htoi: Advaurs dorduod (5£0) ué éxdérny odiv dovnrixdy
xddoua magioraver ®ldoua Exyov aorunTyy udv v movdda ma-
govouaostny 02 SUvaury 100 adrol douvduoid, Eyxovsav Exdétnv
zov aviideroy roD dodévroc.

OUtw m.¥. Exopev

>

&Pl

1
ST N s T At B i T

i = g s
SE LN 4

ot
T
‘AocxnoetLg

1 I 3 1
;. SR Hracs P e k=
329, T omadveried) sec = 250 PR e 2 S Lty ool BB AU

i w

N

330. Edpere t&: o) (3_2W;—)-(3_2"T}‘) 1) (a—:—{sué_)'(a—ﬂ'_}f)
2 (2']7+3‘3_)'(2”;"—3'1‘_) ) (2"'"5‘7'- 3“15“+1)2
e) LPalta"e a1’) x%:x_% £ x_%x% n’) u‘é:u_o’s
8) o hhal? 1) 8%.4_%.

1 1 2 3 5 4 3
331. ‘Ouofeos 7&: a)( 1)7 B (a?)("‘?)w ( ) i
gls g igly gl gedes Ll FEo kil
625 216 8 F) M09 T a0 LA T E Ay T
1 1 1
2 v Cpatm ot adf P e e qpE TR gl
£ : 7 T R
Boa Lot F 4% 6 o

332. N& Tpamoiv al x&rTwb wapactaoss els looSuvduous Twy pE prTols
TTOpOVONaOTES:

g XV oo VBBVE . LX¥ o Jafp4yap
= e P 7)o Vorp —Vap
AL A0 V=2 el asie &
! ) N 3 ; ) ok T ) ——&
—3—\[1_ ‘ —5\’ —5 ’+\ —2 a2 e

YnepromoirBnke ané o lvamirouto Exmaibeutikng MoArmikng



3

“AlveBoa ( "Ex8ooic A’, 1950) 171

MEPI THE PIZHI MONONYMON

§ 156. INveopilopsy 611, ik v& Uyebfj ywouevov maporydvreov
glc SUvapiv Tve, dpxel v Uyaobi] &aoToe TGV TapaydvTwy ee Ty
SUvauy Taltny, kol vk TroAAGTAQCINOBRoT T efayoueva. Kot
TaUTa, EMEdN TO TeTpdyvov poveowiuou TIvog eUplokeTal, &v 8-
TAGCI&OWEY Toug kféTac Tév Tapory vty altol, EmeTon 6T

ded va efigwusy v Terpaywvikny ollav dxegaiov tivde wo-
vovouov, doxel va Starpéowuey rodg Exdérac TV Tagaydvrwy

atzo¥ dia Tov 2.
1 1 1

1

OCrer Exousy  V25aBys =257 («)?.(B?)7.(y*)T = 5By

“Quoicoc \'-16cx‘~'[3' = 4ape.

Rab” Suotov tpdmov E€&yeron kai 1] TeTporywvikn pila KAacpa-
TIKOU povevipou, g&v ay 7 7 pi {a éxdoTou Tév Spwv alral. Ofrw

= ,’P}T?_; 3By '
X ERRER \f 165—'5}: 3"%‘

"Eav mopdyovtéc Tvog Siv &€dyeTon 1) TeTparywvikd pila dxpi-
Bdg (BnAadh, &v & &xBeTne Tou Siv Sicupfitan S 2), &pfjvopev &’
oUToU onusiopévny Ty TTp&Ev, 1, &aw elvan Suvartdy, dvailopey olrrdy
gic Tap&yovTag, doTe va €€dryeTon 1 pila TouAdy1oToV fVdC ik ToUTeoy.

‘Aoxnoerg

333. N& elpebifj ) Terporycovikn pila T@v éEfjs povevipwy:

. : 3 4 ~  PEy38e o D20y
Bda iy B = oIp y ’ et
<) Sdaiy'pr, ) s Py A g XY Sars
AT lle N . g 3PN
) ey, oT') Gl £Y Nsew
334. N& elpebii 7 wupicy pila Té@v £Efs povaviucwy:
d rre T : iy i BBy ; 8a* 6
o) Baprys, et L w) DL sy

MEPI OPION

§ 157. Opiopdc a) Méyefoc fi TmoooTne Adyetar uerafin-
7} pev, &v AouPdvn Sapdpouc Tipde, oradepa Of, & uévr duetd-
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172 . Zaxeklapien

PAnyTOG, EVEd AN, peTe Tédy oTolwy cuvdieTal, peTaxPaihovTal. Tl
# dxTic fvdc kUKAoU, TO &Bpolona TGV Ywviidy Tprywvou Tivog elval
oTaffepai TTOCOTTTES, EVED T6 pfikog ToEoU KUKACU fi 1 &Eiax &vog Eu-
TropeUpaTog ESapTaTXL &vTioTOIX WS &TO wa drTive ToU KUKAOU T
&td THY TNV WSS Hovadog oaUTou.

B) Aéyousv &rv mocdrig TLg uezafiny Aaufévovoa (dmet-
ooy mAfdoc tiudv) Exer Sorov 7 Teivel glc moodTnTa TLva orade-
odv 2av ai tual tijs uerafinriic dmd Tvog xal £Efjc dmodvrwg
dewgolusvar, Siapéper ExdoTn TS cradepdc mard ;OCOTNIA
Soov Pélouey pixpdv.

*Eav oupPaivyy ToUto, 1) oTabep& aUTn TooOTNG AéyeTal SgLov
1is uerafinriis.

MopadeiypaTa: L. “Yrro8éTopevy &Ti Ev KivnTov M, Kwou-
pevov Emil THc eUbeiag AB dvaywpel & ToU A, SieuBuvdusvoy TTPOS
7o B, xad Siorypdper €ig 12 16 Amou Tic AB, ¢Bdver 5¢ el¢ 6 om-
uefov M’, kelpevov elg 1o péoov Tiigc AB.

A B
"1 ’.',lf Mrr Mm
>3 ¥ 2 b

Kivoupevoy Spoicc obdver petd 17 dwoun elg 1O M"’, pEoov TG
M'B, pet& 17 dxoun ¢fdver glg TO pégov M'™ TTic M"B kai Trpoy-
pei Opoiwe. Elven gavepov, &11 TO KIvnTOV, Trpoywpolv oUTw TPog
6 B, TAnoialer alrd Bimvexddg, AN’ oUdémoTe pB&vel gle TO B. ‘H
&ToéoTACIC TOU omueiou A &md TO KivoUupsvoy onueiov slval TrogoTns
peTaPAnTh, ThHe Omolac 1 TipR) cUEdveTon BIMVEKEdS, Kai TTANno1&EL
Thy oTadepaw &irdoTactv AB: Exel SnAcdt dpiov THy AB. ToUvavTiov,
f| &méoTaoic ToU onueiov B &rd To xivouusvov omueiov glven giong
peTaPANTH TOCOTNC, &N ol Tipad Tng EAaTToUvTan KaTd THV Kivi-
ow, kod TAnoi&louv Binvexds To 0, fitor Exer Spov To O.

2 *Eotw & Sexadikoe &pifuds 0,3333..., & omolog SUvorTon vax
ypagf kal olTw 13‘0-{——]%—}—103#.0—{-

‘H Tipf &K&oToU TGV KAGOUET®Y TOUTWV HETX T TrpddTov slvat

ek = . : . . z & L .
T0, g TOU TTPOTYQUHEVOU TOU. Etropéveog, 6Tov Bswpoluey T KAG-
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opoTa TaUuTa Suvdpsfa ITpoxcpoUVTEG GPKOUVTWG VA EUPWUEV Ev
KAdouo, TO &molov slval doov BfAopsy uikpov. “Hror ol Tiuad T&V
SiaBoyik@y ToUTtwy xAaopdrwyv EfAaTTolvTan Kol &youv Oplov TO
undey (Bswpoupsval ¢ Ev ameipov TATBog TIHGY).

To &bpolopa KAcoudTwV TGV €K TOUTwV Elval, 6 YVwoTov

((x Thc "ApiBunTikic), wikpdTEPOY TOU —g- = ;», Kol GO0V TEPIOTOTE-
pouc Gpoug mpoofétopev TOoov TAnci&lousy TEOC TO %

Aix va Seifeopev 611 TroooTne Tic peTaPAnTh ¥ (AcuPavouca
&meipov TATIBog TIpdY) Exar Spiov TooOTNTE Tiva oTalepay o, dpkel
va Seifcopev 611 1) Siagopd peTafU TGV TIUGV TS peTaPAnTRC Kad
TTic oTaBepd&c &wd Twog aUTdv kai £6fig:

1. Advarar va yivy drmoddrwc uwrpotéea olovdrmore dpt-
Puot Ferexod.

2. “H dragopga adryy dev dvvarar va yivy (droldrwg) oy
ué 1o pndév.

2upBoAilopey TO &1 Sprov THG Y elvanr TO a g Effic:

opyY=a T X

IAIOTHTEEZ TON OFION |

§ 158 o') "Ear zo piov usrafinris rwvos yx elvar 70 O, o
oo(lx) 6Emov A elvar mocdine oradepa (A=£0), elvar loov ud O.

AoTi, deoU ai Tipal ToU ¥ BUvavtanr va yivouv &md Twog kal
£€Tig, dmoAUTws Bewpolpsvan, ScovdnmoTe pikpal kol T yiwdpeva
aUTéov emi A 8& Eyouv Ty alriv iBi6TnTA

B') Té Sgtov zot dPooiocuaros menmegacuévov dorduod uera- i
BAntdv mocorijreov yx, yw, @, ... lcolitar ué zd difpoioua TV e
dolwy TdY mposPeréwy.

“EoTtw 671, T& Spia T&V ¥, W, w,... elvar &vTioToixee a, B, V... ¥

Téte BaixkvieTon, 811 T6 Oplov (X +Hy—+w-+-...)=opy-Fopy-+opw-t...= A
=a-+P+y+..., &v T& ¥, W, ©,... elval memEpaopiva 1o TATBeg. b
Y) ‘Eav Socov ueraflnrijs tevoc y elvar a, vd Sorov tob Ay,
iy

Smov A elvar oradegd tig (£0), slvar ioov ué Aa.
MidTi, &poU opy—a, ©& clvon op(y—a)=0, tmopévws T&
opA(x—a)=0, fitor op(Ay—Aa)==0, &nAadn cp(Ax)=ha.
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8") *Eav 16 Sotov uerafintiic tivoc x icobrar ui a, td Sotov
70D —f‘—, dnov A elvar mogéinc cratepa (5£0), icofirar ué -;-

Aiom eglven i X Kad op—?( r.:op—lf oy — —!—.c(: g

A A A A A A

e) T'6 Sptov ywvouévov 8vo % megicooréowy (memepacuévor
10 mAfjPog) uerafintidv mocorrjrwy loodtar ué TO YIVOUEVOV THV
Soiwv Twy.

"Eotw 611 X kad W elvan petaPAnTal moodTnTES Kad o, P T4 Spix
Tewv dvTioTolyws. Ok elvan TéTe op (X.Y.)—o0py.-opy=—ct.p.

‘H idiotne loylel kai dik TeplocoTépous TapdyovTtas, GAAX
TETEPAOMEVOUS TO  TTATIHoG.

ot’) To Sotov zilc v Suvduews mosdrnroc uerafintic,
looUTar ué Tnv A 8Uvaury 100 bpiov tijc ustafinzrijc.

AidTi &v elvan opx=q, 8& Eyoopsv

op (X’ y=0p (X X:---X)=0p¥X.0pX-...—(0pX ) —a.c....o—=a"+
fitor op(X")—(opx) —a’

{") To dowov tijg v¢ pilns uerafinrijc tivos mocbénros icob-
zar ud v v1¥ oifay 109 éolov tijc ueraflnziic

n') "Eav 8vo ueraflnral mocdérnres Aaufdvovy ¥Yoag zTiudc
dvrioroiyovs xal éxdoty Exp Setov, ta Soid Towv sivar foa.

"Eote 61 oi petaPAnTal ¥, W AapPavouv iocag Tipac &vTioToi-
Xoug kKai opx=a, opy=0[, TéTe elvan a=Pp, fjTol opY=—0pY.

8') "Eav al dvrictoiyor tipai uetafintdv mocorijzwv Exyouw
gradepov Aéyov, éxdorny 8¢ rovrwy Eypy Sorov (-£0), 6 Adyoc ov-
t0g icoUtraL ué T0v Adyov tdv dolwy Twv.

*Eotwoav ¥, ¢ dVo psraPAnTtal mroocdtnTes kad opx—a(5£0),
opw=R(5£0). "Av civen :— =p oTtafepov, TOTE elvan —%—:—-p, fiTol

a _ opx
=% o’

MEPI ALIYMMETPON APIOMON

§ 159. "Eorw &M InTeltan | TeTpaywvikh pila ToU 2. AlTn
S5tv elvar dfpaide Tig dpifpog. Adm 1°=1 kol 2:=4. AAA’ oUte
Uttapyer GAAog TIG Gp1Bpde &k TV peXpl TOUBE YVvwo TV, Tou oTrofou
10 TeTpdywvov foolrton pé 2. Awdmi, Gv Umobéowpev 611 Umrdpyel
ToloUtos dp1fuds Sexkabikog kowvdg | Treptodikdg, alrog SUvaTar v
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TapaoTab) pé kKAdopa &véywyov, fotw 8¢ ToUTo TO E Tote 8
elvoa —3:‘—:2, TS omoiov slvan &SUvatov, &meidy, &ool 16 % efvan
Qvaywyov kai T i— elvan dvdrywyov kad 8tv SUvertan vé footran pé 2.

T& oUra raporrnpoluey kad 81 v \ 5, v V' 7 KAm.

"AvalnTtolvres v \ 2 oxnuorTifopey Toug dpifpoue 1+ 1,1+ 1,2
FBas a1 B ol O O o oxnuaTifopsy droAoUBuwe T& TeTpdywva
ToUTowv. 1° 1,21- 1,44 1,69 1,96 2,25... TMapartnpolpey 611 oUbiy
ek TV TETparywvmy oUTédv icolTtan pé Tov 2 ked 811 & 2 TEPIEYE-
Tot perafy - Tdv 1,96 kad 2,25, TETpaywvwy Ty 1,4 xal 1,5 Svo
SiaBoyikédv Ek TGV GvwTipw &p1Buddv. "Hror elven 1o P e

SxnuaTifopsy Tdpa Touc Gpibuotc 1,4 1,41- 1,42 143 . ..
1,49- 1,5. ’Emeibn 6 2 8&v SUvaran vér loolran pé TO TETp&ycovov
&vOg &k ToUTwvy, TrepiéxeTan METAfU THV TeTpoaydvey SUo Siado-
XK@V &k TGV &piBudsy oirdv. Tlpdypar, &v OXNUATIoWUEY T Te-
Tp&ywva TV &p1fudy ToUTwvy, eUpioxopev ot sivon 1,419(2(1,42:.
‘Emopéveos ) V' 2 mepiéyercn petalU 1,41 kad 1,42, ‘Opoiac Trpo-
XowpoUpev kol eUpiokopey &1 1 \V 2 TeplExeTan  petall Tév 1,414
kai 1,415, &vé of &piBuol adroi Siagépouv ko &v XtAlooTév. "Av
TPOX wpTjowpey &roun, eUpiokopey &1 i \ 2 mepiéyeTon peTabl Slo
&pibudv, ol Smoiol Siapépouv kaTd & Sékarov X1AlooTol, Ev éka-
TooTov Y1AlooToU kal ofrtw kobefiic.

‘Ev yéver Aormév, &v mpoywpricwuey dpofwe, & eUpwpey 811 1)
V2 TepiEeTCn peTalU SUo &piBuddv, oftivec Siagépouy &TToAUTGC
KaTa piov Sekadikfv povdBa T TeAeuTaiac T&Eews, TNV Smoiav
TEpIEXOUY, Kal émopéveg ) Siapopd altn Suvaren v yivy doov Bé-
Aopev uikp& (&v EEcroAoudtoopey &proUvTwg). "Apa, EaoTog Tév lo
ToUTWV &p1Buddv, Kard peilova Adyov, 8 Siopépny dmoAlTwe &md
ToV &piBudv 1oV TrapioTdvovta THY V 2 kord ToooTn T ooV Kol &v
BéAoopey pikpdy. Ak Tolro Aéyouev 8711\ 2 =pt Spiov fvdc TGV doc
dnw eUpioKoutvoy Sp18uddv, fiTor Becopolipey dc V 2 Tov fva &k TV
@6 dvawTépw sUplokopivev &p18ucdy, Exer 8 alrdg Amelpar Sekarbixd
Yneix pn TrepioBikd, 81671 &GAAwe 6 pifude oUToc B NbuvaTo v&
TapaoTall) pé kKA&opa, T Stroiov slvar &SUvarov.
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Tov &pifudv ordv, & omoieg TQPICTAVEL THV \ 2 koholpev
ACVUUSTOOoV.

TowoUtouc &pifuouc eUpicKoUEY ked gic Thv Tewpstpiav KOTS TNV
pETPTOW TGV  KOAOUHEWGOV dovpufrowv ueyed@v TPOS THV HoO-
v&Bar peETpToEws aUTEV.

*Ev yéver mxalotuev dovpuizgovg udv Gorduovg Exeivovs,
otzivee Exovy dmergoy sdipdog Senadindy wnplov uiy negtodixdv.

Kai elven BeTikol 7 &pvmTixoi, &v Exouv Teo oUTéV TO ofjpa -+
(f) oUdtv mpéonuov) i 15 —, cuvuuétgovs Bt xoAoUuev TOUG pEXPL
ToUSE yvwoTous &piBuous (Sxepaiouc fi KhcopaTikoUg v yével).

Kordr ToUtar 1) \rf glvon &piBpde &oUppETPOS, & 1,4142]1 xord
TpoctyYloWw  EVOS ExoTovTéKic  Y1AtooTol, ‘Quofwe ol &piduci
2,14159... xai 2,71828... elvan &oUpueTpol (ExovTeg &meipa SexaBika
wneia pf TEPIODIKA.

Koo yvepilopev &k Tiic "ApiBpnTikig, Bexoueba ouvnifug &1
ol cUuperpor &pifpol Buvavtan va yivouv &mwd Thv povdda Kkai
&mrd Té péprn avrriic 0,1 0,01 0,001 ... &ix Tfic EmavaAnYews TV
¢ TpocBeTécov, TpdS B &Ti UTTGpyXouV KAdoperTa, & dmoia elval fox
u¢ &pibuols, EyovTag pev GaTEIPOV TAfBoc BexaBik@dv yneiwy, T&
STrola Suwe Eravaiappdvovtal &ITO TVOS kol £Efic dpolwg Kol KoT&
Thy oty T&€w. Of ToioUtor &pibuoi Abyopev ST oxnuorilovral
Bi& Thic EmaVOAYEWS @G TpoofeTéwy TV (&meipwv TO TATBOG)
SekaGikdy povédov 0,1 0,01- 0,001 «ATr.

Kot éuédoyov TpoTov Bexoueba &ti: Svvolov sAidovs €x
1@y avrdy drelowy dexaduedy uovddwy, E§ &xdorng @y Omol@V
82y elvar mepiocbregar tdv Evvéa Vewgolvral d¢c dotPuoi doa-
drjmote xal v elvar Td ynpla Sia 1>y émolwy yodpoviar 0DTOL.

Kod perd thy mopadoxhy T&v dovupéTpov &pibucv Beyopedax
71 SrornpoltvTan of dpiouol TéY Tp&Eewv i ooy, dog Kad &l TEW
ouppéTpwy, BeikvUeTod § &1 elvan Suvorh | Trpdobecis, /| deaipe-
oic, & oM aTmAaoiaopds (kal | Tywoic &g SUvapy) kol 7 Sicdpecis
SUo olwvdfmoTe &piBudv a:p (B=0). "Emiong SaivieTan, 811 ioyouv
kad B oty of BepehidBeig IB1dTnTee TGV Tpdecov.

Eic Toc wpdei T@dY douppéTpoov &pidudv TrapoeiTropey Ta Be-
kadike Ynolo aUrrédv &mwd TIog Kad g§€fic. OUTw EYOHEV OCUHUETPOUS
&p1Buous, ol &roiol elval podvov KaTd TIPOGEY YISV igot ut Tolcg doup-

i
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pérpouc. "Emi Tév ouppsTpowov 5t ToUTwv exkTEACUUEY TAS TPaEaIC KaTd
TOUC YVMWOTOUS KAVOVaC.

> Ap1Budc Tig feTikOg CUPMETEOS (¥ paupévog we Sexadikog) AfyeTal
ueyadvzegoc &GAAou ToloUToy, & Omolog AfyeTal pixpdTEQOS TOU TR~
Tou, &v Trepityn TO cUvolov T&V uovdSwy E&oTNng SexaBikTic TaEews
ToU Seutépou kal &AAag &rdum, kabdg 6 2,5349 elvan peyoaUTEpCS
ToU 2,53438956. ;

§ 160. AUo &piBuci Getikol oUpHETPOL Atyovtan foor, &v TaS
&p18ude dxépaiog f| KAaouoTikdg, & omolog elvan uikpdTEPOS TOU £Vog
& ToUToov, elval pikpdTepos Kai ToU &AAou. OUtw of dpifuoi 1 kai
0,999... elvan foor AéTi, Eotw &piBude TIC PIKPOTEPOS anctl TRy o
147

—— AUToc elvon pikpdTEPOG Ko TOU e emeldn) O pév i S1opEpEl
148 Pt 1000 1000

ot 5 5 1 . . 147 iy d 3 ; 4
&mo thv 1 xora 600" © 5e Tag’ XOTX a0 fiTol TrEplocoTEPOY. ETro-
: WU mptemene N ; e .
HEVGG O jao0 & OTrolog elvat uikpoTepog Tol 0, 099, elvon AKOUT HIKPO-

Tepog kait Tou 0,9999... ‘Ouoiwe deimvieTal ke TO &vTicTpogov Tou-
Tou dcadnTroTe 5t ynoeia ToU 0,99999... kol &v AdBwuey, TTPOKUTITEL
&p1Buoe IKpOTEpOS THiG MoVadog &pa elvon 1=G&prov 0,9999... kai
8étousy 1==0,999... Ko’ Suociov Tpdmov sUpiokouev &t elvon 0,1=
0p0,09999... xai Bétopsv 1=0,999... kai 0,01==0,009999... kAm.

Korrér ToUra SUo &pifuoi Betikol olppeTpol, ypapuévor g Be-
xaSixol, 8& elven igoi: 1) "Av mdvTa T& Sexodikd ynola Twv THE owv-
g T&Eewg elvan T& aUta Ay 2) &v Twd pév ymeia Tov &1rd ToU Tp-
Tou kad £E7jc efvan kaTd oElpdy T& aUTd, Kol TO GUECTWS ETOUEVOV Y-
giov TouTwy Tol fvdg &p1Buol Siapepel &TTo T6 &vtioTorydy Tou (TTig
alrtfic TaEswog) ToU GAAoU KoTa povad, T& 58 Emdusva wneia Tol pév
ExovTog TO MIKpOTEpOV €K T&V dviowv ynelwy slven évta 9, ToU Bt
&AAou TrévTa elvan 0 (Té drroia kad TapadeiTovTan). "Av Sev oupPaivn
Toifro, of &p18uot elven &wigor. OUTw T.X. ol &pifiol 31559999 & kol
3,154 fewpolvran &1 elvan oo, kabag kad of 0,54327 xaod 0,54326999
tvéd ol 3, 1452... xai 3,1478... elven &viool Kai 3,1478...)3,1452...

MapaTnphoeic. ME Thy Porbacy Tév Tponyovutvey du-
vapeha v& Opioopey Thy iooTnTa kal dvicdTnTa Ko pé GOURPETPOUG
&pibuole. TLy. &k TGOV GOURUETPWV 3,14159... xad 3,141298... 6 o
elvan peycirrepog Tou B '

15
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"Acnnoetrg

333. Asi€ore 671, doU Biv Udpyer &piBuds &xepaios, ToU &molov 1) Tpith
Buvauis loolre w7, Biv Umdpysr ToloUTos ofte KAQOpaTIKGS kai &T1 Uirapyet
SoUupeTpos. Elipete Tol dp1buol ool (kard T& dvwTipw) Tovképaiov pipos Kol
T& Tpla TpGTa Sekadixd wnola.

336. Aci€ore xor” dvodoyiov 8T, &v &piBuds dxépaios BeTikds Siv &xn o5
viooThy pilov (v diéponos kod BeTikds) dxépaiov, Biv Exer olfte KAcouoTIKGY, GAA’
Exs1 dolppetpov &pifudv.

337. Aci€are 811 elvan 0p3,567999...=—3,568.

TTofos #x Tév 18,1557... kal 18,145291. .. elva ueyaAlUrepos ked Siorri ;

338. Edpete 10 &fipoiopa tév 3,14124..., 0,68456... 1,72354... wai 12,53652...
BE Tpootyyioty Bexdwis XIAIOCTOU.

339. Edpete 70 VI9+V 3 i wpooéyyiow xikioorod.

340. Elpere v Sicpopdw 3,542754...—6,37245... & TPOCEY Y101V Bexdxis
X1AiogTol.

341. Elpete Thyv Siapopdv Y 53—V 2 xad i \ 2—\ 7 pE mpootyyiow
¥ 1AiocoToU.,

[MEPI DANTALTIKON KAI MIFTAAON APIOMON

§ 161. Koboxs eibopev, of &pvnTikoi &pifuoi &év Exouv pilav
dpTiag T&Eews. "Av BéAwuey v& Exouv kad of &pvnTikol &pifuol TeTpa-
ywvikiy pilav, Tapadexdusba véov elSoc &piBudv, ol &troiot v yi-
veovTon &mo véaw povdda, Tiic émolac TO Terpdywvov Spilouev ioov
pe —1. ToUc véoug ToUTouc &pifpolc ‘6& xaAoluev pavractixods,
ToUg BE uéypl ToUBE yvwoToUs Tpde Sidkpioty & kaAoUusy oayua-
uxods. Ty TeTpaywvikiy pilav THic &punTikfic povédoc xoAoUuey
pavracTtixnyy povdda Kal TNV TraploTdvopsy pé 1o oUpPBoiov * i,
Ty 8¢ &vTierév Tne pt —i. OUrtw &v Exwpey x*——1, dpilousy 16
X=—1=i" kot y=V —1=+i, elven 5& xar& OElpaV 1'=—1, i*=i’.ij—
=—li=—i. 'Ex Tfic i f| uépous airrfic Bexdusda ST oxnuorifov-
T Bix T Emavayews g TpoofeTéou of gavTaoTixol cp1fpof.

3 5 B AORG Sl el e Laie o el
TL.x. &ouev 6Tt 2i—iti, 3i=i-ti-Li, Fl=git 5it gi+ i
Koar® &dvéhoyov Tpdmov Bexdusda 811 oxnuoaTifovtanr kol of ya-

* 0 gupBohopds i=\ —1 xpnoisomomdn o TpdTov Umd ToU lNepucvol
ModnuamikeU F. Gauss, &AA’ & Euler (1777) elofjyayer dpioTikdds THY Topd-
oTag aUTnv.
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paxTnpildpsvol &g dpvnTikol avtacTikol &pifuct & Tiic —i, &mwc
kai of &pvnTikol TparypaTikol & THc —1, 7 & THc +1, &v dAA&Ewpey
T ofjpa Tne. Ty, slvan — 4i=(—i)-+(—i)+ (—i)+(—i).

Obrw i) TeTpaywviky pila &punTikoU &pifuol SUvoran v Tra-
pooTali] pé gavracTkdy &piBudv . . 1) \ =25 ypdeetan :

V—25=V (—1).25 =V i*.25—+i\ 25—+i.5—15i.
Mevikéds elvan V —af =\ (=1 ) =\ i*.o —amoe
Otreo V —8=V —1.8—=V12.8—+i.2 \ 2—+2i \ 2.

§ 162. Kai dia 10 véov roiiro clornua tédv dordudv deyo-
ueta 1 loxvovy of Feuedidddeic véuolr tdv modEewy' ol 6
véuos tijs éAdayiic tiic Péoews 1y mpooPeréwov H TV Tagayov-
Ty 6 vouos tilc dviixaractdoeds tivey S altidy ud 1o Edgor-
Cud Ty xai GviioTEbEms” xal 6 émiuspiaTinds véuoc.

TS &AyePpikdv &Bporopa TrpoypaTikol kol pavtacTikoU &pi-
BuoU koAeiTon peyadixds dotduds 7| &TAGS wiypds.

OUtw of 7-+61, 3—5i, —8-+5i, —9—7i"elven uryadixoi &pifuot.

§ 163. ‘H yevikn poper ToU uryodikoU &pifuol evon ot-Bi
| oupPohikéc (&,B), fitor Umotiferar &m elven (of)=—a+Pi. "Av
glvel a=0, téte (0,B)=Pi, fitor pavraoTikde &piBude. "Av elvan
p=0, Té1e (,0)=qa, fitor WparypaTikds &pibudc. ‘O ¢0.0)—=0.

§ 16%. Avo myddes, &aocTtoc TV Srmrolwv AfyeTon evioTe Kai
&TAGCS avTaoTIKGS, AéyovTal ovluyels, dv Siapépouv KaTd TO Tpd-
onuov ToU @ovTaoTikoU ufpous aUrddw. Ty, of 7431 kol 7—3i Aé-
yovtanr ouluyels (uryddec), ko kal of —5i kad 5i, kal &v yéver of
(e,B) xai (x,—P) elven ouluysic povtacTikol &piBpoi, Smou o ko
P elvan mpocyuaTikoi &pifuol oioidfmoTe.

MPAZEIT EMI QANTAZTIKON KAl MITAAQN AFIGMON

§ 165. "H mpdobeoic kal 1) doaipeois T&V avtaoTik@Y kal
myddwv &piBudv yivetan kafws kal TOV TpaypoTikGY ki 5i5e
&Bpolopa TpaypaTikdéy fi pavTacTikdy fi piyaBikdv &piBudv A pndév.

M.y. e€lvea: 81-+5i=13i,

(0,)+(0,8)=0+Bi+0+8i=0-+(B-+8)i—(B+5)i.
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‘Opoieoe  —17i—6i—=—23i, 54=3i4-6—3i=11, 18i—5i==13i,
&védy 151—15i=0, (0,p)—(0,B)=pi—Bi=0.

‘O TOAAGTTAQCIGGUOS QOVTOOTIKGV Gpifpddv BiSer yivdusvov
TpaypaTikdy &piBudy, Edv TO TATBoc TRV PaVTAOTIKGY TTEporyOv-
Twv elven apTiov. OUtw Exopey OTL,

010, D)=1—"==-1, (O 1)—Cay—"——_1,
A (0,—1)=(—).(—i)=i"=—1, (0, 1)p=*=i*i——1.1=—1,
0,1y =i*="1=(—1).(—1)=+1. ‘

Eeptreor: elvetr (0, (a0 Sple & chii——f eyl

(0'1).1-.:4_-2:54\ "'3=i4".i2:1-(-1)='—1,
(0, 1)ty —1 [ —1)——— .
‘H Siadpeoic kad TGV pavTaoTIKGY &pifudv Gewpsital, g euvT-
fwe, &vTioTpopog Tp&EI ToU ToAAarAaoiaopol, elvan B¢
% - o a
(O,G).(O,B)———GI.BI::‘ B —7.——5!
(@0): (0.p)—cxPi= o — r— g —— - .

§ 166. ‘H Zpappoytn Ty Teoodpwy Tpabewy &l piyddwv dpl-

Buddv Bidel EEcrydpeva fv yével mryaBag apifuous. ObTeo Exopsv &1
(cB)+(v.8)—(a-+-Pi)+-(y +8i )—acty + (B-LB)i—(a+y,P+5),
(@,B)—(7,8)—(c-+-Bi)—(y+ 81 )——y-+(B—5)i —(c—y,p—5),

(@B).(y,8) =(a--Bi) (y+8i)—cry -+ Pyi+obi+BBi*—
=ay—P&+ (Py+obd)i—={(cy—p8,By+ad).
(Y- (7, B)—(&-+Bi): (y +-81)—
_ atbBi (afPid(y—Bi)  ay-{PBS-H{Py—eBli (w/—’.—ﬁﬁ_ ﬁY—GB)_

T YHhT (yHSD(r—51) v L& Y& yi o

IANIOTHTEL - @ANTAZTIKON KAl MITAAON APIGMON

§ 167. To ddgowspa Vo cvivydv wyddwv dotdudv elvar
GorPude moayuartxds.
Ol 16 &fpoloua

(@) (o —P)=(a+Bi) -+ (a—Pi)—a-+Pi +a—Pi=2a—(2,0).

§ 168. 'Eav InthTo 1 ywopevov tév culuydv («,p), (x,—B)
fitol TV a+pPi kad o—Pi, Exousv

(ocHPi): (a—Bi ) —(Bi Y m e’ 4 (4P, 0)-
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*Htor: Td ywéusvoy dvo svivydv utyddov dpirdudy sivat
.ﬂ:gaypr.auubg dgaﬂyog, xal looDrat ué o dHdPpoioua TAV TETOO-
FOVWY TOY TOCYUATLHDY dgr.!?',uwv 700 évdc TOUTWV.

ch?uouu_v uézrgoy pry&dog f q)dVT{XO'TIKCU &p1fpol, EoTw TOU
(e B)ﬁot-[in Ty (BeTikiv) TeTpoywvikhy pilav ToU ylvopevou TOoU
SofvTog, kai ToU culuyols alroU (o, —P)=—a—Bi. Kard Talra 16 pE-
Tpov ToU (o,p)—a}Ppi xai ToU (o, —P)=o—Pi elven 6 \ 't P2, TolU
(0,B)=Pi ko ToU (0,—p)=—Pi elvan 70 \ p=p)0. TL.x. TO uérpov
(4,—3)—4—3i elvan 16 V2 +3"=\25'=5, ToU (0+3)=+3i=043i
7o \V 3=3. :

§ 169. *E&v 8Uo mryddec dpibuoi (o, B)=a+Ppi kal (Y, 5)=y-}8i
glvan peTabl Tov Tool, & Exoopev af-Pi=y-+5i.

EX "rnq iodTnTeg Tatng TrpokUTTTEl (a—y)+(B—58)i=0.

H (ee—y)y=—(p-—B)i=(—P)i.

“YyoUvTteg elc 10 TeTpdywvov T SUo fox a—y kai (B—B)i, &U-
ploxouey (a—y ) —(6—B)"i*—(E—B)".(—~1)=—(—F)"

AAN 1) iodTne oUTh dAnfeler udvoy, étav elvan a=y kal B=35,
SmrédTe kal T& BUo péAn slven Toa pe 0, &vd eig Taoow EAANY TepiTrTeo-
ow 6& Exopev 8T GeTikdg Tig &pifpdg looUTan pe &pvnTIKOY, TO
oOTroiov elvar &buvaTov.

’Ex FoUTtwy ouvdyopey o11: “Eav dvo uiyddes dgrduol elvar
Yoot uetatV rwy, Yo elvar ywgesra loa tad TEAYUATIXG KOl TQ
paviacTwea uégn avidv: kol &1 pia iodTng peTa€U Buo urydduv

. GpiBpddy &oyer eig BUo looTnTag LE Trpary HaTIKOUS &pifuodc.

THMEIA OPIZOMENA ME MITAAAL APIGMOYZ

§ 170. Kabog ol TpayuaTikol. &pifuot, &v BéAwpey, Opilouv
onusia kad TapioTdvovTod U aUTédy, oUTw kol ol gavTaoTikol
ke of pryddec &piduoi BuvavTar vé dpilouv onusia kad TaploTavoVTa!
O adréddv, g EETc.

Acpupdvopey Toug &Eovag TéV ouvTeTaypévev kol Opiloupev Tl
70 &xpov Tufuarog Tol &fovog TV Y pAKOUS &S HovaSog TraploTa-
ver THy govTaoTikiy povdda i. Kot’ duddoyov Tpdtrov opilopsy Ta
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onusia, Ta Smolax TapioTédvouy Toluc &pifuoUs 2i, 3i... Pi... (B>0),
&v AdPwpev &md ToU 0 Tufjua foov ut 2,3... B,.. povdSac pTKoUG TTpog
T gopav Oy, T& dmroia Aéyouev &1 dpilovron TTd TV POV TOOTI-

K@V ToUTwV &piBuddv. *Edv A&Pow-

tid - HeV TG dvTioTorya onueia PSS THY

1a F{a‘»ér) gopav Oy, 6& Aéywusv 611 otk

é’[‘ _____ ""I Spifovran Umd TV &piBuddv —i,
‘ﬂ,ﬁ?_'i‘——ﬁ i 2i,—3i...,—Pi... kal TrapioTdVoUV
: : Toug &pifpols ToUToug (oy. 15«).
1 : Aix v eUpoopev T omusiov,
: l\ TS Spilopevor UTrd mrydSoc Tivée
. Al_z ) R &p1Bpal, Tr.x. UTrd Tou (3,4)—3-1-4i,
i eUpiokouey TO onueiov A, &m THig

-2,;1 X' X, TO TapioTdvov Tov &pifudv

3, T B,, mapiot&vov TdV 4i &mi

y' The Wy, kol dxohoUBowe oymnuc-

Sy 15« Tifopev TO opBoywviov OABT,

ToUTOU 8¢ 7| TETdpTn Kopuen I
elvor TO [nToUpevov omnuelov, TO Smolov TrapioTdvel ToV &pifuov
(3. 4)=3-+41. Kabdg PAémropev, TO onueiov I &yer TeTpnuévny 3 xed
TeTayuevnv 4. 'Ev yével, 8& Aéycopev 81, & pryds &piBudc (o,B)—a-LPi
TopIoTaveTal Ure ToU onueiou, 7| 871 Spilet T onueiov, T& Stroiov
Exer TeTpnuévny @ kai TeToypévny B dg wpds &fovag XX kel Wiy

z2nueiwoic KoAolpev Sotoua tol myddos .. (3,4) =3-+4i
TV yowviav, Thv &molav oynuaTiler 7 eufeic Ox wE 70 sueuypcm-
Hov Tpfjua OF, T& &molov ouvdéar ThHv dpyny TGV &Edvwv kai T
onueiov TO TapioT&vov Tov &piBuov  (3,4)=3+4i. Kot dvdAoyov
TpOTTOV TO Spiopa ToU (o,P)=a-+PBi elven ) yoovia, THv STroiav
oxnuarile 1) Ox pé 16 eBypaupov Tpfua OM, & 76 M TOPITTAVT
Tov (o,pB)=—ca+Pi.

"Aontfosig

342. TopaoThoaTe pt onusia ToUs pryddas:
&) 20, P) 5131,  ¥) 63 B —0,75-0,62i, ) CAI—21 4.

ot’) 3.—4), ') (2,—0,64), 1) (5.2), D Goa=.

343. Elpete T7& d&Bpolopora, Sxpopds, ywépeva, wrhika Tdv duwTépo
auTy dpifudy dud Slo.
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344. No& eUpefolv T& Efaydpsva 1oV kdrwh mpdewv ki vd TapaoTa-
8olUv avra Six onusiov:
) G53).(13), B RDL  Y) @-D.O~2, - ) G167
345. “Opoiws TV K&Twb!L.
a’) (11,8).(11,-8). g') (14, ){"" 15)
YD) G-LiV 2. 64=31\ 2. 5') (8—TiV3): (5--4iV3).

IMeoilmpie sreotexoudvoy wegalaiov V.

V1 2UpPolov BeTikijc TeETpaywvikils pilng

‘Ogtouds urooctiic gifnc dlyefoixod doiduod.

IBidtnTee TV pirlddv 1) TAv of=p¢, p &xépaioc kod BeTikdg
kad ap)0, ToTe a—P. 2) Tlag apiBude laf Exer SUo pifag &prias TaEews
(Gvmfétouc): 3) Tld&g &piBuog —la] éxer piav pilav meprrTfic Ta-
Eewg, oUdt piov & dGpTiac.

"Ex T®V pildv é&pTiag Ta€ewe apifuol BeTikoU Becwopolpey pdvov
THY Beriknv v 8¢ Umodppilov moodTTa ).

Avvdueba va ToAlamAacidowpey Tov delktnv Thg pilng kad Tov
exBéTny Thc Umoppilou TmoodTnTéE TNG pE TOV avuTov dpifpdy, 'Efa-
Y@yn pilne &AAng pilng moodTnTdg Twvog. Tpomty pildv ué Bicpd-
poug BeixTag el &AAag Toag pE TOV arov Beiktnv. Mudpsvor 7| TrnAl-
kov pildv:

‘Ogtouds dvvduswe ué xAacuaridv éxdérny.
3N | \
= — =& 1
R S
vi \ Ci.“

TTéte Asyopev op.x=—=0, f| op.x—a(£0).
‘18107t TEG TAVY Opiov: &v opy=0, TOTE op(Ax)=0, A—=ocTabepdy,
&v opyx=—a, ToOTE op(Ay)=Ac.
op(X+y+w-...+@)=—opxfopytopwt...+0pg.
op(X-w)=—=opx-opy. Sprov (X: e SRt (Gv opy=£0).

op (X )=(cpx)" (op\ X)= i opX:-
“Ogtoude dovuuérpov doiduod (TrapioTavopévou TS pop@hv
SexadikoU pe &mrelpa 1O TATBog Sekadikd wneio pf) Tepiodixd).
“Ootouds paviaczixod dprduod. +i—\ —1, e

13

g ey
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‘Opiopudc uiyaduod dotduot. o+Pi—(a,p), v B=—0 Exopev
TpaypoTikoy  &pifpcy. ]

‘Ogiapdc avlvydr paviactndy dodudy (o,B) kol (o—PF).

Mpé€ac pé pmryddag apiBuolc

1) (ap)+(.8)=(a+Y,p+8) - : x
2) (oup)—(y,8)=(a—Y,p—5)

3) (4B)-(y,8) —(oy—PB,By+ab).

1) )8 =(Z5 B=%):

’I1B16TNTEG pryddoov apiudov.

1) &v (a,p)=0, Téte o=0, B—0.

2) (oB)-(o—P)=o+-P*

‘Ogiouds pérpov wyddog. Métpov Tou (o,B) elval 7o VP
ewopeTpIK) TrapdoTaoic uryddoc (o,B) Bi1& onusiou rolb &miirédou
TEV GEOVWV YOW Ui CUVTETOXYMEVAC o,P.

“‘Opiouds dpicuaroc uiyddos doivPuod.
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§ 171. *H yevixn popon T io0doswe Seutépov Paduol uk Eva
&yvwoTov Tov X glvan fi a*+Bx+y==0 (1), dmov rx oP,y Tap-
orévouv  &plfuoUc TRXYUTIKOUS T TApXOTACELS YVWOTHS, KahoUv-
T Bt guvzedsgzai, TO Ot y kai oradepos dpog Tig (1) # TolU Tpiw
vopou ox*-+Pyx+y. Ymotiferon 6T elvan a-~0, 8o &v a=0, ToTE
A (1) 8& fito o' Pobuol.

‘H (1) Aéyercn mdifons, &av ol «, B, v, tlvon Bidgopor ToU un-
Bevdg (oupPorilousy 8 Tolro oUrtw: (o B, ¥)F4(0, 0, 0)). Av elva
B=0 # (1) 8& &n Tv wopety ox’+y=0 & y=0, yivetx
oy +Px=0, dv & elven B, y=0, f (1) 8¢& slven THC popefic ax™= 0.

‘Exdorn TV dvwTipr TPIGY TeEAeuTaicov popedv Aéyeton 6i-
cwoic B’ PaBucl un widjons.

Al pilon EEiocoewe AbyovTan oUpueTpol T doUpuetpol, & olTa
elvon &piBpol oUpueTpor 7 &ovppetpol. Al pilon t€iowoewg Aeyov-
Tol TpXypaTikal povTaoTikal (R pryaBikai), &v elvar &pifpoi
mpayuaTikol fi gavtacTikol (i wryddec).

IAIOTHTEEX TON EZIZIQIEQN

§ 172. Eav Eioddoss Dydowusy ta uédn els 10 terpdyw-
vov, mpoxvUatet éElowoig, £xovaa tag pllac tijc dodeiong »al Tig

mpoxvmrodons éx tic dodeians, dv alddEwuev T onuetov 70T '
Evoc tdY 0Vo ueddv avrijc.

*Ectoo 1) éficwoic A=B (1), oémou 1a A xai B mapiotavour 1a
o pEAn olriic. 'Edv Taltng UWEOoWHEY TA PEAT) EiG TO TeTpaywvoY,
mpokUmrret ‘1 Eicwoic A'=B? (2)

O& Seifwpey, 611 adrrn Exel Tag pilac Tig A=B kai Thg A——B.

* Tég tEiodootis Seutépou Pabuoy pe fva &yvowoTod duimtule TO TpdToV &
“"EXAnV pafnpaTikes AdgavTos.
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Mpdyuam, wéoo of pilaa T (1) elven pilon xed THc (2).
AT &v elg Ty (1) Bocopey dvtl 1@V &yvdoTwv Tée pilac alTiig,
8& Exoopev, 6T ) oUrw TpokUTTousa Tipf ToU A elvan Ton pi v
6poicxg TpokiTTTovsaw Tiufy ToU B. *Apa kai (| Tipfy ToU A)*=(pe
v Tiwnv 100 B)?. Tapamnpolusy Tdpa &1t f (2) elvan Trpogavédc
icoBUvapog pe Ty A*—B*=0, 1} émoia ypdeetaa kal olrw (A—B)
(A+B)=0. ‘lva olrn emadnbelere, Trpémel kol &pkel el TGV TTo-
payovtwv A—B 1) A4B va elvan Tooc. ¢ 0. Edv pev elvon A—B—0,
tmaAnfeleron 1) (1), &v & elvon A+B=0, ¢maAnfeleron 7y A=——B.
“Apa 1) A*=B*® g&xer T&g pilac THic A=B kai Tfic A——B.

AYZIIZ THZI EZIZQYEQT ay’-ty=0

§ 173. "Eotw mpdg AUcwv 1} eficwoig Sy —48=2x2 (1).

‘Ex Taltng  eUpioxopev elkoAwg Thy ioodlUvaudv Tng 3x—48,
i Ty x*=16. AUrn TpokUTrTel &k THg X=4, &v Wwdowpey T& péAn
NG &l TO TeTpdrywovov. "Apa ) x*=16 Exea1 T&¢ pilag THs x—4 kai Tiic
¥=—4. AnAad"n ol pilea Tfic (1) elvon ai 4 kod — 4.

"Ev yéval, pdg Aow T E§icwoewg oy -Hy=0 (2véd elvon a=£0)

Exopev THv {ooBUvapdv Tne oy’=—y, f THY YX'—— %. *Emaidn
[ 1
olrrn TpokUTTEl &S THY X=\ /| — _Z— » &V T& REAT TG VWO wWHEY g

TO TeTpdywvov, ai pifan TaUtng, &pa kad THE ax®+y=0, evai o
i (a4
’E&v elven — —2:;-)0, al pifea fa elven rporypemikad, véd v — —2(0.

8a elvan gavtacTikal culuysic.
AnAadfy &v TrapaoTiowmuey B p.p,, T&e pilac B8& svon

‘ ‘ et \ ’ p 2 \ \ ;
.p;f\/’— o p._.:‘\; — ;—-‘ el THy o mepimTwoty, sic 88  THV B,
{

e i\f— 72;7: -+ \, Ry _g_* g \/ i.’)é;‘-

ﬁTOl PI T:l \/" —-Z- l' p:_'"_ _iNl; ’g‘:.
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"Eoteo m.x. 1) ficcwoic 5x°+25—0. Elvan a=5, y=25 ka
X=+ V5=tV (—1).5—+ V"5 xed x=+iV 5.
MapaTtfApnoic. ‘H éicwaoic ax’=0 &mou a0, Tpopavésg
éxer pifav Ty x=0.
'AocxnfoeLe

346. N& AuBobv kol ErodnfevBolv ol Eiodiotis:

a’) 4){-‘—3-:)(‘-'—!—.6 P‘) O*—0,2—3y?-1-15 Y 44 (x—9)ix=l.
M7 @y XSE_XoF L B (xHD(x—1—32

¥ 7(2x+5) (2x—5)—44 5')8(3x+%)(3xu %);,946 ey x-‘;lz_z\f“lizo.
2 F 2
348 ) (F) = (F) =111 B TH0E—0+FT—0EH1—T6

w0 1 1—x*

LA = = e

_ AYII THE ESITQIEQS eaxi--Py—0

§ 174. "Eore Tpods Mow ) &iowoic 3x*+5x=—0 (1)

Fp&gopev cdlrriiv oUtew @ ¥ (3x-+5)=0.

TS ywoduevov x(3x-+5) yiverou 0, dtav & ele Té&v TPy OVTwWV
avToU elven foog pé 0. Aniadny, Stav evan =0, kal Stav 3x+5=0.

"Ex Tolrmc eUpiokopev Xt_‘%- ‘Emropéveos ol pifan Tfic (1)
elvar 0 xad %

‘Ev yéve, fotw 1) uf mdpne iowoic ay’tPx=0 (&v& elvaa

a=£0). INpdgopev alrriv orw X (ay+P)=—0, & Tfic &molac TTPOKUTTTEL,
o1 ai pifon Tiic Sofeione elvon of 0 kot — g

"AoxNoeLg

349. N& ABolv kai imainfsutolv ol iEiodoss:

7 2 2

o) 6x°—8x+-Tx=12x—8x, B 2 i $-% I X _XEX j;‘"
o1 e R D e ) (o0 =0—P) ot P
&—f " atf  ap’ G —(x—B)_ F—p'

350. «') 1,6x°—0,8x41,7x"=1,2y—8x, B 2,2%*—Tx=1,4%,
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AYIIE THT ESIZQIEQE ox?4-Px-+y=0

§ 175. Mk v&k Avowuey Ty EElowotv ax*+Bx+y=0 1)
(a=£0), Gewwpolpev THv loodlvaiidv Tng ax*+Px=—Y-

Mpoomafolpey Tdpx V& XaTaoThowuey TEAEIOV TETPAY VOV
16 TpéyTov WEAog ToUTtng. TToAAamAcoi&loney T péAn Tne Emi 4o
kad TrpooftTopey elg ot T B2, 8T eUploropey TH 4oy +-4aPx +Pi—
—p—4ay, f Omoia ypheeroan kai olrw: (2ox+P)=P"— doy.

AUtn slven ioodlvaupos pé Thv (1), TpokUTrTel 5¢ &mo v
20()(—’;—[.3=\"B'-'m day!, &v bydowpey T& pEAR TG elc TO TETPAy VOV
&pa, Exer 1&g pilag TéV 2o+ p—+\ p—4oyl.

Ex ToUTv eUpiokouey, X=— —BEVE ey

2a
“Hrol, &v kodbowiuey p, xad p, Ta&¢ pilas T (1), 8& Exwpev
_ VP Aay | —P\P Ay
d 2ax R T 4o ;

*Eqapuélovtes Toug TUTrouc ToUToug EUpioKopEy TAG pilag ol-
aobroTe Lopfic E§iowoews ToU B’ Babuol. ‘
“Eoto .. 7 3 —Sx+2=0.

Elvan 16 o=3, 10 P=—5 kai 70 y=2. ‘Emouévwg sUpickopEy
1\[25_24 _A[95_24}
oSV | SNET iy o ol pe

*EoTe Tpds AUawv 1| Elowaoig 4 +25=0.
*Exopev a=4, p=0, y==25. "Emropéve eupiokopev
\V—4.4.25 LY e . 6 L A By

P

S
U BSE TR T B O o D R o

'Aoxnoerg
‘Opas wpaoTn 351. Aloore kai Emadnfeloare Tas 6100z :
o) 3x'—3x=8, B 3x'— %X=25. ¥ x— %x?———Sx—i—l, ') W —x—2=—0.
352, o) x—r—12x—i427=0, B) Ox—'—2Ix—'412—=0,

¥ (=D x—2)=0. §) x=V 3 (2N 3 ) &) (V3 +(VIDx+V 5=0,
o1') (x—1)"—Bx4-8Y—=(2x+-5)", 1) (6x—1)"+Bx+4)"—(5x—2) Gx+2)=533.

0 () H Do) ) 0. K2 ()

") x5 =204V5).
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‘Opdas devTépa. 353 AlooTs kal Ewmodnbeloate Tds Eficwors:

a') *+9%ax—10a*=0 PB') x*'—2ay—3a’=0 y") x=5a(10a-tx)

8") x(a+x)=a*B(B—1) € ) X' —2(o+-8)x+32c=0 o) x'—2(c-+-BIx+4ap=0
i 1 b o) (oY, 1 ) 19
0) xb =okpl m) SERL 9) (B) == (20— )0

o . o B o
C—oy+%  a'—1

X HPiX+y. =0 Eyouw piov pilov xowny wpemer (kai Gpkei) va Eyopev
(@B P (B By )=0ra, v @) CAv p, f xonm pilo;, elpete T& pi,p, i TGV
opl+Bp+r==0, opi+P.o:+y =0 xal &v elpebf pl=—w, p,==A, Btoore A'—x).
‘Opa&s tpiTn. 354, a) ’Eqv & owvteAeoths ToU x° Tiis iEiodioenss P’ Pu-
Brol elven TéAeiov TeTpdywvov &kepaiou, pootiTopsy el T pEAN alfis TO TeTpd-
ywvov TeU TnAikov Tol ouvteAsoToU Tl ¥ 81 1ol SimAaciou Tiis TeTparycovikis
pilns ToU ouvTeAsoTou ToU x* kA, Alosare oUtw Thy Efiocwon 4y —23y— —30.
B') "Ecv & ouvteAeoTis ToU ¥* B&v elval TéAeiov TeTpdywrov, ToAAGTTACTIN-
{opev T& péAn Tis d6iocoes ¢l kardAAndov &pifudy, GoTe & ouvTeAsoTHs Tol
X® v& ylvn TeAeiov TeTpaywvov kAm. Aloate obtwm Thy £ficwow —3y?-FSy==2.

') Aef€are &n, fva ol ox’-+Py--y==0,

§ . 176. "Eviote AUopev v t€icwoiv B’ Pabuot &1’ duéoou dva-
AUcews ToU Tpiwvipou aUTihic eig ywdpevov mepoydvtwy, &v ToUTo
elvon duvarrov va yivn elkdAws. "Eore .y, &1 Eyonsy thv éElocwo
X' +Tx—60=0. Tpémwovres 10 wpdTov péhec aUrfic sic ywdpsvov ma-
payovTwv Exousv TV (X-+H12)(—5)=0. "AAN’ fva 16 yiwdpevov Tol
TpwTou pElouc igoUtcn pe 0, dpkel yx+12=0 A x—5=0, & Tdv
otrofcov eUpiokopsy y=—12, x=5.

Mé Trv Trponyouptvnu Tropeiav Suvdpeta dvioTe vé elpwusy TaC
pilas ki e€iowoewy dvwTépou Tol Seutépou Pabduot. M.y, &v Exwpey
Thv &€lowoy ¥ —x*—6x=0 ypdpopev othy oltw Y(x'—x—6)=0 7

“EoTtw 1) é€icwoig ¥*—8=0. ‘Avt olrrfic £xopsv T icoSuvaudy
™ X*—2°=0, f| Tv ((—2)(X*+2x-+4)=0 kai 8& Eywpev Tag pilac
&v Aowpev 16 E§iowoels X—2=0, ¥*+2x+4=0. ’Ex Tfjc mpotng Exo-
pev x==2, & 8¢ Tiic Seutépag x——1+i\ 3.

'‘Aocxfoerg

N& AuBoliv ol kéTwdi Eiochaeis Bid Tpomfis Tol wpdTou péhous doTns el
YIWOUEVOY TraparyQvTav:
355. a) X —x*—2x=0, B") 4x'—4x*—x+1=0, ¥") x4 +27x+27=0.
356. o) x*+ox’fax--1=0, B) XM 1+-2A—@A+1)=0,
YD) X-H843(x*—4)=0.
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357 &) Xax’Hox+a=0, B") X' +4x*+4x:+x=0,
yY) (a0t ~aix'=0.
358. o) ¥Wi—x'—x+41=0, B) x'—12y*}+-48y°—64=—0,

¥ ) Ix*tox+ (at1)=0.
ESIZQIEIE AYOMENAI ME BOHOHTIKOYI ArNQITOYE

§ 177. EvioTe t€iowozic Tivic P’ PoBuol ) ki &veoTépou v
yovTai ig Thv AUotv &mAovuoTépwy Eiowoewy B’ Pabuol pe THv xen-
cpomroinow BonbnTik@v &yvwoTwy. ‘EoTtw ). 1) £Elocwaoig

G- =801 84=0.

D& TV Ao olrtic BfTouey ¥ *—5x—w, 6Te eUpiokouey w*—8w—84-—=0.
*Ek T1j¢ AUoswe TauTng eUplokopey w=4-+10,fTo1 w,=14, w.,——6.
AvTikodioTdpey TaC TIHaS ToU w eic Thv eSicwov ¥ —5x—w

kad Exopev Tag tSiowoeic X —Sx =14, x*—5x=—6. ’Ex Tfic AUcewg

EkdoTn¢ ToUTwy ebplokopey ¥=7 kal ¥=—2 & Thc o kai X=3, X=2

éx Thc P'. *Apa ai pilan THic Bobelons é6ioddoews elven —2, 2, 3, 7.

‘AonMfoereg

N& Avbolv al xaTwh ficwmaes:
359. (6y—1)"—11(6x—1)+-28=0, 360. 2(x—T7)*+4(x—71)—2==0.

361. (x4-1)° _f_zw —+4-0,5—8,75, 362. (2y—a)*—B(@x—)—2p*=0.
363. (3x—2a1p)* +243(3x—2a+[3)=uf—ﬁ*,

364, (x°-L3)"—7 (x*--3)—60—0. 365, (CTX)"—60r-Tx)—61=—0,
366.% (x*—N0*—13(x*—Tx+-18)-270=0.
3 3
1 S S e L —35=—0.
367. (2)(-,—4— ) (2x = 2) 35—0
P o '-'_ =1
8. (35) 2y 13/

MEPI TOY EIAQYZI TON PIZON THEX ox*+Bx+r==0

§ 178. ’Edv TrapaoTriowuey Bt p, Ko p, T pilag Tiig €§1000Ewg
oy +2Px+y=0, 8& Exewuev, wg eidopev
e i e 0 L e
o EfE 2a
Maparnpoluev 11, v elvar 16 B*—4ay)0, ai pila slven mwpa-
yuoTikad kai &vicol. 'Etri mAfov, &v T B*— 4oy elvan TéAsiov TETPG-
yewvov, ai pifan elvan oUupeTpol, GAAWS GoUNUETPOL.
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"E&v 76 B*—4ory —0, of pilat elven TpoyuaTiKal Kol ool pé _2—5

"Edw elven 16 B4y, oi piloa elven wiyades v yével, Emeidn &d
TO P4y ypdostar kai ol —(doy—PB)=i*(4oy—B*), EmeTon &
elg TV TepiTTwo aliv o pifon elvan ouluyeic pavraoTikal, frot

_ PV B —piViey
LR PRy 2a

*Ex Tdov SvwTépw cuvdyopsy Tov £€Tic Trivoxa:

1) "Eav sivas B'—4ay)0 ai o, 0, elvar noayuarinai xai
Grvicoe (cbuusroor uév, Gv 1o B°—4ay elvar télecoy TeT0dy VoY,
&AA e doduuctpor).

2) *Eav elvar B*—4ay=0 ai g, o,

B

toac yé = 2—.

3) *Eav elvar B —4ay{0, ai o, o, slvar uiyddec (H pavia-
otixal) cvlvyeic.

“Eotw .. 1 tiowoic X*—5x+-6—=0.

‘Elven a=1, p=—5, y=6, p— doy—=25—24—1.

“‘Etrouéveog o pilan airriic elven TpXypaTIKal &vicot kal oUppeTpor.

‘Eotw ) 3x'—12x412—0. Elvat a—3, P=—12, y=—12,
p— =144—144—0.

"Apa ai pilcn adrriic efven TPy UaTikal Kol ioal.

Ak Ty &Sicwow 2x°—3y+4—0 elva a=2, B=-3, y=—4,
P*— dory—9—32— 23, *Apa ai pilan Tairng elvon pryddec ouluysic.

elvar moayuarinal xal

"Aoxnfoetig ;

Ounds wpdTn 369 N& TpocBiopioti] 1o eldos TEY pildEY TEHY KéTwd

tEiochoewv yowpls vér AuBoly:
a’) x*—15x+16=0, B) x*+4x+-17=0, Y )X 0=T=0,
&) x*—3x—21=0, g) x=1—-Ty, oT') 2x+3=x2
370. Aci€are 611 o pilat T@v k&Twd Eiodoswy dvan TparyparTikal, &v
al &pifuci «, B, v, & clvan TPy HaTIKO! ;
D oot =l B e Byx— (B oy,
¥) X=mt2m), -+ B Y

PR AR TN NI AT e e

Sgarsiagh RN ET
371. Asi€oare &1, 2éw of pilea Tis ay?L-2Byt|y=—0 slven TpaypaTikad, T
alirtd B oupPaivy xad Sk Thy )('~}-—2(&%L|6+y)x+2ﬁ(a+y)ﬁ-3cryf0.

372. "Eaw | ax*-L 9By Ly—0 Exn pifos mpoypcTixds, Seffore 51 kai 1
ficwars Py —ay (x—1) +oy—1=0 &xer pilas mparyuamixds.
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373. Acifore dm ol plloen Téw ket EEiodoswy elvan pryTal, £9” Saov xai ol
apfpct o, B, ¥, & elvea pnToi:
o) yi—Sax+4at=0, P') x(x-+2B)—24p*=0, v') apyx— (B +r*)x+apPy=0
374. o) (a+BEy)X—2(+Bx+(e+p—r)=0
B) (dar—Sy 8" )x A (ory+PB")x+(oy* +-B5*)*=0.
375. Aclfore 611 al kT EGiodhaEls ExouUV CUURETPOUS "pi{,cxs, £’ Sdoov kaj
ot &pifuoi a, B, ¥, B, x elvaa &p1Bpol oUppeTPOT: ;
o) Y=ot @—x) B 20+t x+2r=0. ¥) 2yx —ap (x—28)—4y5X,
') 2x" (6a—10K)x—30ax—=0.
376. Asifare 61t ) Elowois YTy x=0 Exe1 ouppETpOUS pilas, &Tow:
g AN
=) ) moat 3
377. Aslfare &1 ol pilen TV kéreof EEiohoeny given povTaoTIKad, &V &, B, Y
elven rpacyparikol apiBpofl
o) o pyi—208x+-28=0, B
cy) x—2V ePx+-17ap=0, 5)
378. Acifare 6T 7 Efiewois (ox1B
kés, v op,—a,B==0.
379, ’Edv ol pilan s £§10caoecos oy 2px+y=0 clvan povTaoTikal, Bei-
€oe &M kai al TS ax-’—}—Z(u+§3)x-;-2B—‘;—y+w0 elvan Erions @ovrabTikal.
380, Acifarre 6T, tow ol pile THs E€iocooEeds By (2x—1)+p*=0 slvar gav-
rooTikad, kal al Tiis 4oty (dx+-1)=0 & elvan wpaypaTikal xai &vnigol.
‘Ouas devTépa 38l Ax Tivas Twds Tol U ol korrwTépw EEITMOES
Eyouv pilos TIPOYBOTIKSS ki loos; :
«) 2uxi-(Su2)x+4u+1=0, B") 0,5ux’—(2u—1)x=3u—2,
y) Ie+3@—Dxt+u—1=0 5') u—3)+wux+u—1=0.

X 2oy P -y'=0,
-2y at 4B 2By-Hy'=0.
Y4 (ayX+P, )'==0 &xe pilas povTaOTI-

=

TXELT IYNTEAEITON KAl PIZON THE o*+4Bx+r=>0

§ 179. Ex ToU T¥mou TGV pri@v Thc 1o oEws crx’+fsx+y=0

- =, 'r : " I‘ = 7:- s -

EXOUEV Pi= J{t\zﬁa____; ? = j-_—\j;za;——’— : @9)
Edw pév Tag 106TnTas aUmag TPOooTicwuEy KoTa pEAn, eUpioxo-

pEV P, 4P, :;2"_2.—_-_7 g,, tav B& Tdc TOAASTTAGOIACWUEY KOTX HEAT

(PP —ay) (B P —Aay)
= PiE=ar 4&: S e

Eic Tov dpifunThv ToU KAGOUATOS Exopey v TTOAASTTAQG 1T -

pev T&e ouluyEic TOgOTHTOS _——ﬁ#{‘\’r {5’——_4;‘, —B—\ p'— E—y", fiTol

16 &Bpoloua i THY Siagopav TAV 8 kai \ p— 4oy, Emmopévag T0

Ywopevov artd lvan Br— (4" dory) == dary. "Apx EXOHEV PP~ :ZY———- l—’ .
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T.x. Tiic tEiowoews 3y —5x+6=0 16 piv &bpoiopa 1@V pilév elva
_‘;_, TO 8¢ ywdusvov %—:2.

§ 180. AoPévroc rob d¥goloparos =al ol yvouévou dvo
dotPudv, dvvdueda va epwuey adtovc dia wis Aboews EEiccd-
oews B Baduod.

Tpdypar, &v B elvon 76 &fpoiopa kai y TO Yyivouevow TGV
&p1Budv, ol pilan Tiic E§i1ooews Y*—Px+Yy=—0 B elvan of {nToUue-
volr &pifpoi. Awdmi, &v x TapioTdyn Tov Eva &pifudy, & &AAog B
elven P—x. OUrw 8& Exopsy X(B—x)=y 1 X*—Px+r==0. @8

‘O elg Tév 8o &piBuddv slvan pio @V pridv Tiig éiowaewg (1).
‘O &Ahoc &pifude B& elven kor’ dwdoyknv 1) GAAn pila THs (1),
Bi1ém 16 &Bpoicua TV Blo pildv oirtiic slvar B, doov xal 16 &fpor-
oua T&v BUo &piBudv. Tl.x. &v Td &poioux Tév &pibudy evan —4
kad TO yivdpevov — 45, of &pifuoi 6& elvan pilen Tig x*-+4x—45=0,
fitor i 5 kai —9.

§ 18t. MMapaThpnois. To &poopa TdY pifédv Tiig

tEiowoews o FPx+y=0 looUranr ué % &v T o Teivy €ig
10 0, &\A& P40, fy &iloworg &véyetan eig THy Px+y=0, Tfic omolag
pile elvenr — % ‘H &\An pila THic Bofelong éfioworwe B& Telvy eig

p

T + co. Mpdrynam émadh 70 — - Teiver elg 76 (1) &mepov, 1) B¢ pla

pila Tiic Siowoews Teiver elg T —% 7| 6AAR B& Telvy elg 16 + 0.

‘Aoxznoerg

‘Opas wpoTn 382, N& ebpefi] 10 &Ghporopa kai TO ywduevov TGV pi-
{®v Tév x&Twb Eiodoswy, Xwpis va AuBoiy:

o) 2y'—4x—3=0 B') 3x*+-8y—12=0 ¥') X'—Tx-+10=0.
L 383. ‘Ouoiws Tdv:
a') x'4-2ax=3a" P') w—doy=— —3c".

384. Elpere THv &Anv pilov TV fiowoewy:
a) —5¢-L6=0, &v 1 pla elvar 2

B Tiis x'— %gx—?lz-o, &v 1 pia elven ;—
Y Tis ¥’ —(@+B)x+ap=0, &v 1 pix elvan a.

)
:
E 13
i
i
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‘Oucs Seutépa 385 a) “Av p,, p. var pilon Tis o?+-Px-+r=—0
eUpeTE T p,—p, O TEW &, B, ¥-

B') N& eipebij To p,*-lp,* 76v pil@v p,, p. Ths ox’+Px+-y="0 xai &xo-
AolBows 1o p,"+p.* Bix TV owvTeAsoT@V TS EfrodoEcs.

386. EGpete 10 &fpoopa TO yiwdpevov, THv Siagopdy, 7o &dpoicha TRV Te-
Tpaydvey kol Té@v xUBwv Tév pilidv Tis X2-Hx—w=0, xowpis v& AvEH olm.

387. Edpeve Td &Bpoiopa Tév TeTpaycve TGV pilév TéY kérwh Eicwoewy
Yopis va AuBolv aliten

«) X=9x+10=0, B x45x—7=0, ¥ 3x+Tx—6=0. ,

388. Tpoobiopioare T& A, GoTe TO &Gipoicha TV TETpXyvwy TV piricv
Ths twodoens X+ A—2)x— (A-}3)=0 va& eiven p.

389. Tlola oyéois Tpémel v& UmdpyT peTefy Tév P wad y, va o pilor 71
tEiomoews X +HPx+y=0 &ouv Aoyev A.

390. EUpete oyéow perafl T&v a, B, y, Wwa ol pilen ThHs tEiocoews
ay2+Px—+y=0 elvar &véhoyor TGV p Kkai v.

391. TlpocBiopioaTe T& P kal y, doTe 7} Siagopx Tév pildv TTs efiowoews
X 4-Px—+y=0 va& elven 4, T&v 88 xUPwv Twv 208.

392. TpoodiopicaTe 0 v, Gote al pila Tfs &Gioddoews
(a—B)-+2(a?—P*)x+v=0 va elvas Toca f v Exouv ywodpevor L.

393. Tlolav Ty mpémal v &€n 10 y, ot ol pila Ths Ehodoeas
3x'—10x+y=0 v& elve pryadixal; N& Eyouv ywopevov —0,75;

394. TlpooSiopioate 10 v, doTe al pilm TS thiodoews X' —8Bx+ry=0 va
TAnpolv T&s EEfis axéorls. o) p=—=p., B’) p=3p. Y') eip.—=L,

395. Td ourd B1d Tés oyfoeis: o) 3p=—4p,+3, PB’) pi+p. =40

AEPI TOY MPOIHMOY TON PIZON THI oyx-Px--y—0

§ 182. AoBeiong Thi¢ §iowoewg oy *+Py-+y =0, duvapsda va
Siokpiveopev, Trolov elvan TO Trpdomuov ExdoTng TGV pildv aUTig,
& slvon mparyuamikad, Xwpls vé AUowpev Ty e§icwoiv. TIpog TolUro

TapaTnpoUpey: 11, &@ou elval p,pur—--zxi kad p,—i-p_zﬁ—%, EmeTan
611 Eyopev Tov &N Tivoka

Igéonua v olldv tic éEwodoews ax'+Px+y—0 édv
B*—4ay)0.

1) "4y eivas %)O, ai pifat elvar dudonuor” Perinai uév, dv
elvar xai — é)O, dovnrixal 6, &v elvatr to — %(O

2) "Av elvau :”(O, al pifar elvar éregéonuor dnmoivrw: ue-
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yaidviéoa 1} Ferxy pév, dv elvar xal —%)O, 7 Gpvnuxs OF, v
0 — %(O

3) TAv elva: 5: O, % uia pita elvar Yoy ué O 17 8¢ dAdy

? B

e

*Eorew ). 1) Elowoig x*-+8x+12=0.

“Exopsv B*—4ay—64—48—16-—06eTixog.

“Apa oi pilen p, ki p, elvan wpoyporikad. Emedh 8 p,p,—=12

Kai p+p——8, 8& elvan &pvnTiKai.

Ay ;
Aoxnoetrg

396. Edpete 10 ofjuc Tov prlov TGy k&Twd ifioworwy, Xwpls va Auboly alrel

‘o) X*—8x412=0 B 6x°—15%—50=0 y') Ty —1ldy—1=0.
397. ‘Ouoiws THV o
') T —Sy—1=1 B x'—3y—4=0 Y) 3 — 4
8') x'—3x+9=0 £) X 3y+9=0 ot) Syx*—I15x—1=0
_%Pom—t TPIONYMOY ax'-+Bx+y &

rs

EIZ TINOMENON MPOQTOBAGMION TAPATONTON QI [POL X

§ 183. "Eorw &71 [nreitan w&x Tpari) TO Tpivuloy o +PyY-Y
gic ywouevov Trapaydvrov. "TAv p,, p, elvan ai pifal THc oy’ +Bx+y=0,
od &moicu Aéyovtan kai pilar ToU Bobévroc Tpiwwvipov, & elven

+p,———or (1) pp—L. @

ovTes TO a=£0, ypdoopsy TO Tpivupov G EEfic:
‘:ﬁ al oxHBXHY=a+ £ x+ 1.

(_/ ’Avffkcrelo-rwwec dvti ToU % TO igov aUtoU —(p,+p,) €K TH

e

(1) T 58 - pé T p,p, & TiC (2), eUpiokopev STi:

cfx’~f$3x+*/-cx De—(p: P )% +PiP: = [X*—P X—P.X+P:P: =
= [(X—p IO —P:) = (—p. ) (X—P.)-
“Hrot 10 ax*+Px+ry=a(X—p. ) (X—p.)-
Qioxpivopsy Twpa TG é§ﬁq TrEPITITCITELS ;

* " ~ 4 ] & L
N =TIy - ) 3
; \f \ * :
) o k=Y X :

l"
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196 N. Tazehlapiov

1) "Av ai gifar o, ®al o, elvar mwgayuatixal xai dvicor, Pa
Exwpev ax*+Bxt+y=a(x—o Nx—e.)-

2) "Av elvac ¢, =9, P& Eywuev ax’+Bxt+v=alx—e.)’-

3) "Av elvar o,=1-+8i, p,=A—8i (uryddeg aqu-yei’g), Pa Eyow-
uev  yx—o,=(x—Aa)—8i, x—e.=(x—A)+9i, xal alx—e. Nx—e.)=
=af(x—A)—di][(x—A)+di]=a[(x—A)y+8°].

“Apa : ay*+Bx+y=af(x—Ai)p+62].

*Hroi: T6 totdvvuor ayx*+Bx+y roémerar eic yuvduevoy udy
ol a dni 8vo mpwrofaPuiovs mapdyovrac g eds x, dv al gilac
viic 8Eowoews ay’+Px+y=0 elvar mpayuarixai xal dvicor, el
yivdéuevoy 8¢ rot a émi &y téletov rerpdywvoy, H Exl vd ddgoioua
d¥0 retpaydvwr, &y al pilar tijc éElooews elvar Yoatr, H peyddeg
{(ovluyeis).

Tl.x. B 10 2y*—3yx—2, ToU Omoiou ai pilon elven 2 kod —0,5

Eyouev, 2y*—3y—2=2(x—2)(x+0,5).
Mi& 16 2y*—12x-+18, ToU Smrolfov ai pilon elvon foen pt 3,
Eyopev, 2y2—12y%+18=2(x—3)*.

EYPEZIZ TPIQNYMQOY B BAGMOY EK TON PIZON AYTOY

§ 184. "Otoav Sofiolv ai pilar p,, p, Evoc Tpiwwipou B° Pabuou
dog Tpdg X, ToUTto 8 looUran pe (X—p,) (X—P.)=X"—(P.+P:.)X+P.Ps:
ToAAaTACCIGoUEVOY TO TIoAU &l TrapdyovTa Tiva otafepov.

"Hrol, Suvapsla va elpwpey TO Tpicovupov ToUTto (Trapodeiro-
uévou ToU orabepol TrapdyovTog) &k TGV pilédv aUTol.

: ; e ; = yok Sl \
TT.x. T Tpredvudoy, TO Exov pilac Tag 3 xad - Kai 8¢ elvan Toov ue

1 2x—1 2y —Tx+3
x—3)(x— =)= =32 ) = ,EAz)(i
T 8¢ 3 kai % B elvan pilon ThHg EEiowoewg 2y —Tx-+3=0.
'Aocnnoetig

‘Oupds mpwTn. 398. N& tpoamolv els ywopsva T& Tpiowvupa:

o) x'—9x+18 B) x*+-4x43, 8) 2x'4-3x—2
3) 2x°+12x+18 £) ¥ —4x—>5. oT’) X'— 5x+6.
399. N& &mAomoinfolv T& k&Twbd kAdopoTa:
oy XXt oy XHBcH o XH10x+21
! iy 10 X' —&x—>5 Y o FT2x+18

Wnepiomoir|Onke amé 1o lvotirouto Eknaibeutikng MoAmikrig
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‘Opéas BevTépa 400, Elpere tlowow B’ BabBuol pt ouvrsAeords duce-
paious, Exouvocav pilas:
a) 3xal 0,5 ) 3+ 2 y) 4+\V5 8) +iV2
€) «ip o) at\VE ) atiV'P ") «tVa.
401. ExnuarioaTe Tas EGiodoris, Tas Exovoas pilas 1o &dpoiopx kel TS yi-
voyusvov TV pr{dv Thv k&rwd todoswy.

o 2X%—5 8 : = r
@) S =3 B) x=V3(2—V7)
%) = 2B (x—aP)-
X‘ﬁuaﬁ‘{corre v tEicwaw, T Exovoav pilas T& TeTpdrywve TRV pi-
I&v FRs-LE10doews (V33 V TTx+\V 5 )=0.
. 403 /ZynuaTicaTe Tas Siodoets, Tds xoloas pilas Tols kUPovs 1@V pridv
&y Brodoswy: o) 2K (x—)—cr’, B") x*--ax—cB(R-+1).

404. TynuamigaTe v SeuTePd&Buiov Eficwoiv, yvwoTol Svros T & ouvTe-
AeT TS -roi'; BeuTepoPafufou Spou g elvon 7, ToU rpwToPabuiov —14 xal 1 pix
oV —5.

405. }Eérv X1r Xe €lven ol pilon s ESicdosws

o +Bx+r=0 A s ¢’ +T")\Tl<‘“0
oxnucrricm—re Tas £€iodaoes Tas Exoloas Tas k&Twd pif

fu') Xt Xa® BY) =% %" AAYD XX XuXe® 7 3') Xat+2x%ar 2%, +Xe
MED Xa—2Xar Xo—2: B S S 2 (T o o O 0) o B XatYXa"
. P L Xk Xe - Xt Xa
— B Xy e 8’ ;
BxaXa—HoXy n) ey ) ng O

406. ’E&v ¥,, X, elvat ai pn;cx: 1’1]5 thiodosws oy -+-Px—+y=0, UmoAoyloaTe
TPy TRV TTapaoTaoswy Xwpis va Aulf 1 tiowaos:

a) (ex: B+ (ex.+B) B BxE+r)Bx"+7)

HHTES ’.". L6 b € s o e o €9, € e 5 i
‘; 2y 7. "E&v ¥, X tlvan ol pilon s 2E10dozws Sy —12x-}+1=0, UmoAoyioaTe
o ity s TepaTTEERS X, '—X, X XXX Xpls V& AVGT) § Klowars.
3 408. *Edv ¥, X, elvar of pigm s EE1odosws ¥ —2y—+36=0, UmoloyioaTe THY
ﬁv TS mpco"racsmsx‘ . w—. xwpls v& AuBd} 1) Elowos.

/J‘ X1 Xa

MPOIHMA TOY TPIONYMOY ox*+Bx-Ly AIA MPATMATIKAT TIMAZ TOY X

~ § 185. "Eotw T6 Tpioovupov oy-HPy+y xat 611 TO X AauPa-
ROy LoTikGG Tipde. TAv al pifon oUTolU p,, p, glven mpoypoTikai
(forewo Bt 611 elven p, {p,), Ba Eyxoouev
% ax*+PX+r=a(X—pP ) (X—p:)-
=Ac Umrobéocopey ST o Tipad TolU ¥ elver pixkpoTepan Tod

Wntplanotr’]ﬂr]xe amnd 1o lvotirouto Exmaideutiknig MoMmikig
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N. Taxellagionv

p,, tropéveog kad Tol p,, &pt ¥{p,{p,- TOTE T& X—p,, X—p, elven &p-
vnTIKE, TO 88 (Xx—p, ) (x—p.), (€3¢ yivdusvoy GpynTIKGV TPy OVTWY)
elvon BeTikdy, kad 16 o (—p.) (x—p.) 0% Exn 7o ofjuc 0T .

B) "Eotw 811 o mipal ToU y elvon peyoAdTegon ToU p,, TiTO!
p.{¥, Emoptvee kad ToU p,. &pa p,{p.{X-

Tée T& ¥—p, ked X—p, slvan Betikad, &riong kad 0 (x—p,) (x—p.)
glven Bemikdv, TO 88 oa(¥—p ) (X—p.) fa £xn TO Tpdonuov ToU a.

y') "Ag Umobicwpey 61 o Tipal Tol ¥ elvon peyocAlTepal ToU p,,
SAAG pikpoTepon ToU p,, SnAcdn STl aUtol kelvior peTall TV pi-
6v p,y P fiTor  p(X{P.:

Téte 10 pev ¥—p, elven Getikdv, T6 Y—p. GpvnTiKGY, TO B
(X—p, ) (X—p.) elvon &pvnTikdy (dog yrvouevov Suo ETepochuGV TTapC-
yovTww), dpa 16 a(X—p,)(X—p.) &xst Tpdonuov &vTifieTov ToU .

8') "Av o pilon p, kai p, elvon foon A yrydbeg Gpifuoci &v yevel,
B1a ooy TIPNV ToU X TPy ucTiKNY kad Sikpopov Ty pi{dv TO TpI-
wvupoy Exel TO mpdonuov Tol o.

Ao, & v flvan p, —p,, TO o Py =a(}x—p,)*- "Hrar &xer *
T6 ofjua ToU a. "Av & ol pilon siven piyddec &v yéver, 10 oxX*-+Bx+Y
TpéTeTon £l ywopsvov ToU o £mi 1O &Gfpoicux SUo TeETporydveY,
tropéveg Exel TO Tpoonuov ToU o

Ex TV dveoTépw ouvdyopsy OTi:

"Otav 16 X AAPn TNV TPoayUSTIKNY Keipévny EKTOC T&OV pli-
{&v ToU Tpovipou ax --Px+Yy, TO Tpuhvupov Exel TO Tpdonuov
ToU o, tvéd di1&x Tipn ToU ¥ kepévny petall Tdv pi{év Exer wpbon-
pov &vrifetov ToU a.

‘Aogxnfoerg

409. A mrofas TrpayHaTIKGS TIMGS TOU ¥ T& K&TwE Tpiedvuux 8& Exyouy Tipds

BeTicds; apynTikds; :
_% 2 —l6x1+24 B') —2x*16x—24 ¥y 2x*—16yx—-32

0T5x—bx+l &) xibx—l or) 2¢—6x—3  E) x—Tx-L.
410. &) —2y*—16x—32, B 2y —16yx+40, ¥ —2yx*+16x—40,~
Y W2,

OEIIL APIOMOY- (NMPATMATIKOY)Y QO TNPOXI TAL PIZAL TPIONYMOY

§ 186. AofBévtoc ToU Tpiwviou oy’ +Px+y kol &pifuoU Tpa-
yuomikol foTew A, [nToUpey vé elpoopey ThHy fiow alrol & TTpode Ka-

WnepromoirBnke amd 1o lvotirouto Exmraideutikng MoArmiknig
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Gepicy TV (Drondeudvor soayuatindy) pildv Tic Eiowoewc
oxX*+BX+ry=0, Xwpic v& Aulij adm.

Moparnpoluey &11, drav Tebj x=A elc & Tpibvupoy, &w T
oA*+PA+y Exn mpdonuov dvtifetov Tol Tpoofiuou ToU «, TTE
ai pifea elven TpoyuaTiked, 6 82 A mepiéyeTan peTafl ToUTéov.

'Eav Suwe 16 o' +PA+y, Em TO mpdonuov Tol o, TéTE & A
KelTal &ToC TV pildv ToU Tpiwvipoy, foTw p,,p, (Bvé Umorifercn
pi{p.)- Méver v& elpwuev éTe & A elvan uikpdrepoc Tiig HIKpOTEPOG
e, n ueycAdrepog Tiic pueycAutepag pilng p..

“Av elvaa A(p,, 8 slven A(-z- o B, crpor kod kara pellove Adyov
<

P: 2 ;. 1 i 2 ﬂ » 3 ¥
e e QT A ?\(P—Tﬁ == 5= "Av elvai A)p,, 6& elvan kad
A) . S p_,,, dpoa kot peifova Adyov )Op,—;—p » fiTol ?\)—--—
AVth'rpocpcoc BekwueTan 671, &v TO oA +-PA-Ly elvar dpdonuov

B

ToU o kol A{— 5 TOTE elvan A¢p,. AdT &v fiTo A)p,, EﬁpETrs v elva
7\)—%. Kad &v elvor A) — 2%’ f& elvon kai A)p,, 8i16m &v fiTo Alp,,
& eiyopsv ?\(ﬁ E

"Ex ToUTwv oplgsﬂ'm bl Gecnc ToU A &g Tpos Tag pilac.

Hapadeiypara lov. "Eorw &m 8idetan 16 Tpicovupov
X' +3x—2 kai {nTolusv va sUpwpsy Ty Séowv ToU —1 Y. GG Trpodg
T&g pifac ToU Tpicovipoy, xwpic vé sipebolv alrron.

Ebpioxopev mpdTov 10 onusiov Tol (—1)*+3(—1)—2. Totro
Bibe1 &Eorydpsvov 1—2—3-— — 4 8nAodh dvribetov ToU ouvteheoToU
1 ToU x* el 76 Bobév woAucvupov. "Apa & —1 mepiéyeTan peTafy
T&V pif@dv Tol Sobivrog Tprwviou. Mpdypatt of pilan Tiic Eiodoewe

317 —34VI7 . —3-4,12..

X320 elvai pe=—"Fr—r p=""TY"" § p="
=2 356.., p— ot & 056... eluen 883,56, (~1(0,56...

“Eorew 611 81& 16 a¥rd Tpicovupov {nTolpey THY Giowv .. ToU
&p1Buoct 1 e wpde Tag pilac Tou, xwpic var eYpeBolv adral. *Emreidn
glvon 1743, 1—2—2 BnAadt Spdonuov Tol ouvteAsoTol 1 Tol ¥* kai

ETra151) 1)——— -_mg, o 1 62 elvan peyodirepos Tig HeycAuTépas
pignc. TTpcryucht 15056
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2ov. “E0T@ TO TPIGOVULOV -—3)(“+2x—}—1 xal &1t Qn'roﬁusv v
Bt Tou 0 dog Tpds T pilag Tou, Xwpis va eUpebolv abren.
Okrouev x=0 elg TC TpIOVULOY kad eplokopev —3.0°+-2.0-4 1——v

Ator éEarydpevov Etepdonuov ToU a=——3, cuvTeEAeoTOU TOU ¥ elg O
Softv Tpidvupov. “Apa TO 0 TrepiéxeTon petafy Tév pirlédv ToU Tpi-
wwipou. Tlpdyuam, Avovtes Thy ESicwow —3y*+2x-+1=0 ebpioxo-
1 1 5 \ e .
HEV p,=— 3 p.=1 kad ETVOleli—’-ﬁ?((){p_,: . Ak 1O oUTd TRIGVU-
pov, &v InToluev Thv Héow ToU &piBuol 2, &youev —3.2°—3.2+41=
— 1216+ 1=—5, fiTo1 Spdonpov ToU o= —3. "Apax TO 2 kelTon EKTOG
6V prldv ToU Tpiwvipou. Efven — 2% == —»2(—3#3) = % Ko 2)%- &pa
10 2 elvan peyaAUrepov Tiig peyouTépag pilng ToU Tpiwviuov. Tipa-
yuomt elven p=—1(2.

'AonnoELg

411. Tis 1) Béong T@dv 1,7, 5,—5—1 dos rpds Tas pilas 1@ Eficcoewy :
o) X340, B 2x*+Tx—1=0, Y X¥*—4x+3=0.
412. EGpere THv Btow ToU dpifpol ') % gy —I1, ¥ 0,5 8&)—025

s Twpds T&s pllas EkdoTou TGY TpI@VUINV:

o) 2x—6x+1, PRy, S L S
8") A——§—. €) 3x*-+6x—4 oT )i,
& ";—%—1. n) 4x—Tx+1, ) 0,5x*+0,6x—1.

EYPEZZ TON MPATMATIKON PIZON THI EZIIQFEQY o*+Px—+r=0
KATA MPOZEMTIZIN

§ 187. ’Edv, &tav x=A, xai Xx==A, (&mwouv oi A, A, slven &pi-
Buol TparypaTiKol Kai Bidgopot pETAEY Twv), TO ax+PBx—+y Acupdvn
Tipdg ETepootiuous, TéTe psTall T@V A, kal A, TepiExeTan pic TV pi-
{&v Tiig EGiowoEmg ax’+PX+Y= -0 (&yovomng pilag TporypaTikas Ko
dvicoug, § 186), &po mpaymarixr. LidTi Exopev oX’PY Y=

—=a(X—p, ) (X—p.), &v p, kad p, elvan ai pifan ToU TprcovUpoU oy '~ —[3)( Y-

‘Otav X=—=A,, TO TPIGVUHOV ToUTo yiveTal

oA H-BA, +y=—a(A,—p ) (A —pa)-

Wneptomoir|Onke amé 1o lvotitouto Eknmaibeutikng MoAmikrg
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“Orav x=A, yiveton aAl+-PA,+y—a(A.—p, YA, —p.). "Av Aoimév
(AI_PT)(AI_pUQ
Aa—p) (A
elvan &pvn‘rmc'w, “Av elvan 6 Tapdrywy 5 7\—‘:9‘ (O el TéV Opwv ToU KAK-
P,

T& E€aydpeva aUta elvan Etepdonua, T TmAikov Twv

ouaTOog ?t & elvon dpunTikdg kad & a?x?\oc fBeTikds. “Eotd Aoimwov

Y. & ?\1—-9,(0, ot A,—p )0. Tére 6& Exowuev A{p,, A)p,. Aniadn
A Lp.(As- "Hror ) (rparypamixn) pila p, TepréyxeTton peTalU Téw A, ke A,.

‘Opoiwg Epyaldusba, &v UmoTedii 611 elvan ?\ p (O MAidmi, &v

elvaa . A,—p.{0, 8& elven A,—p,)0, &pax A(p, Kui AP, fiTol
A {p.(A,, BnAaBT 1) pila p, TepityeTon peTalU TAV A, A,.

Emi Tiig i8i1dTtnTog altiic ornpilduevol, Epyaldueba dc EEfic S
v&e eUpmpev Tag (TrpoypaTikag) pilag Eiocosws kaTd Tpootyyiow
(&v Btv eUpiokcovTan &rpifddc).

*Eorw 1) &lowoig 8y*—2x—3=0.

©érouev &vi ToU ¥ &Uo &piBuolc, (poryuoTikols), doTe T Ea-
youeva, Ta otola O elpoopey ik TTig dvTiKOTaoTAOEWS ToU ¥ elc Té
8y —2x—3 v elvan Erepdomnuc.

“"Ortav x=0 eUploxopev—3, &tav y=1, sUpioxopev 3.

‘Emropéveos petall 0 xai 1 mepigyeron pix pila Tiic iowoswg.
Aappdvopey Twpx THY péony TipNY peTafl ToU 0 xad 1° SnAabn 06
Topev ¥X=—0,5, &1e elpiokousy 2—4——2: Emwopévag 1) pila TepiéyeTon
peralU ToU 0,5 kai ToU 1. ‘H péon miun perafl Tol 0,5 kal 1 elven
0,75 kai dvmixabioTdvuTeg eig Ty Sobsicav Egicwo ¥=0,75 eUpioko-
pev, 671 f) Tiuf ol ToU ¥ elven pila Tiig E1o0oews. "OTtav y=—I1
Exopev 84-2—3=7. "Apx 1} &AAn pila TrepiéyeTan peTall 0 kad —1.
(Mpooeyyioare TepioodTepov, 7 elpere aUthv). Tov Tpdmov alrov
TTG eUpéoewg TrpaypaTik®y pildv kaT& Tpooctyylalw Buvdusda vi
tpapudawuey duoiwg kal elg £§iocwoElg &vwTépou Paduol.

"Aoxnfoetg

413. EOpete pt wpogéyyigw Ta&s wpayHaTikes pilas THY kéTwh Eiodaswy
81 Tijs peddbou TTs Tpooeyyioews (2dv Biv elpiorwvTal dxpiPdds kal pi edxoAloav):

') X*—=5x+13=0 B 3x*—6x-+2=0 ¥) 2%2-4-3x—8=0
8) ¥*—3y-}-5x—1=0 £ ) 2% +6x—5=0 o) X4 x—1=0
£ X34 —3=0 1) x3x'—=x+1=0.

Wnepiomoir|Onke amé 1o lvotirouto Eknmaibeutikng MoAmikrig
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AYIIE ANIZIOTHTOL AEYTEPOY BAGOMOY

§ 188. TTaox ¢wvicding ToU Seutépou Babuol dog Trpdg Evar Sryvoo-
oTov, EoTw TOV ¥, elven &v yéver THE popefic o"-HBx+y)0, §
ay*+Px+y{0, (&ov UmoTifercn & elven a=£0).

‘H Beutépa popety Gvayetar el THy mpoTnY, &v dAAGEwpEy T&
onuoTa TaVTWY TV dpwy, OTe fi dvigdtng dvTioTpépeTan. “QoTe o
&viocoTtng Tol Sevtépou Babuol Suveran va Becopnti) 671 elvan Tijs pop-
ofic o}’ +Px+r)0, &mou 16 a SUvaTan va slvon BeTikdv 7| dpvnTikov.

Ard v Aoopey Ty dvicdTnTa ax’-HEx-+Hy»0 (1) moaparnpot-
pev &T1, &v TTOPACTNOWHEY W p,, p, TS pilac Tol Tprwoviuou T (1)
koi UmroBtowpev 811 elvon TporyuoTikad ki dvicor (BoTw p,{p.), 8
Exwpey o’ +HPx+ry=a(x—p ) (X—p.). ZnTolpev v& elpwpev TG TI-
udg Tol ¥, 81 Tag omolag 10 aly—p. ) (X—p.) elvai BeTikdv.

"Av evar 1O )0, TO dvwoTépod yivousvov, GG YVwoTov, Yivetal
BeTikov Bix {p,, kai ¥)p,. "Apx ai Tipal ToU ¥, ai emaAn@sloucan ThHy
dvicotnTa, elvon TravTes of TpayporTikol &pifuoi, of mikpdTepol THg
uikpoTépas pilng p, kod ol peyodirepor Tiig veyohuTépac p, ToU Tpiw-
vUpou.

"Av elvan a0, ToTE Bik Tag Tiude TOU X, af &mroicn TmepiEyovTal
peTafy TéV p, xad p,, TO ywousvov a(x—p, )(X—p.) &xel ofjpa &vi-
BeTov ToU a, SnAadt) fetikdv. “Emoptveors af miped ol ¥, oi &mwodn-
Beouocan v (1) elvon wévtsc oi TparyuaTixol dpiBuei, of émwoior we-
piexovTan petafyu p, kal p,.

"Av ol pilar p, xal p, elvan ioau, kai elven 16 o)0, ToTE Six T&-
oav Tiufv ToU ¥, Sideopov Tiig pilng ToU Tpiwwiuou, TS yivduevov
alx—p,)’ elvan BeTikdv. Anhadi TéTe TovTES 0 Trpayucrrmoi &p1fuoil
&kt TG p, EmmaAnfelouv ThHy &vicoTTA.

"Av Suwg elvar T a0, 7 &viedTng Bév EémaAnbeleTan Bi1& Kap-
piav Tipfv wperyuamikny ToU ¥. Aot ToTe elvan o +By+y=a(}—p, )
kol &polU 1o a elven &dpvnTikdy, T a(X—p,)? slvanr &pvnTikov Six Ta-
ooV TPXYBOTIKNV TIMNY ToU ¥, &xTog Tiig p,, b1 fjv pndevileTon.

"Av ai pilon p,,p, Elvan pryddeg &v yéver, 1) dvicdtng EraAnBelsTon
Bi1& oo TporyHaTiknY Tiufy ToU ¥ pév, &v eivan o0, &’ odSepiav
8¢, &v elven a(0. Midmi T Tpicovupov Ths (1) looUTen ut o yiwdpe-
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vov ToU « &mi 16 &fpotopa Svo TETPAywVwY, fTol &l 7O onueiov
ToU & S1& raoav TRQYUOTIKNY TIURY TOU X

"EoToo oy 611 InTeiTan vk AUBT 1) dviodTng ¥ —2x-1-8)0.

Ai pifar ToU Tprwvinou ¥*—2x-+8 efven Hryddes kad elvan 1o

=130,

“Apa 1) dviodTng dAndelel Si1& ooy TPy UaTIKNY Tiufy ToU y.

“EoTw mpds AVow 7 dvicdTne X' —X—6)0.

Al pifea ToU Tpreovipou x*—x—6, elvar of —2 kad 3 kol 8 o=150.

‘Emopéveoe ol mpayuorixed Tiued ol X, ol émadnbelouocn Ty
cvicdTnTa elven ol ¥)3 kad x{—2.

§ 189. "Eorw &m1 &opev w.x. THY &vicoTn T
XOC—3X+2) @+ Tx+3) (x> +x+1))0 (1)
HaparnpoUpey 81 70 x*+x -1 Exsr pifas pavtaoTikés, dpa Exer
Tipf BeTikv 81° olavdriTroTe TRXYUATIKAY TNy Tol Y. ‘Emopévec
1) Bobefoa dviodTng elval foodlvapoc pd Thv Emopévny
XOC=3X+2) (2 +7x+3))0 2
‘O mpdtos Tapdywv ¥ unSevileTar &tav x=—0, & SevUrepog
X'—3x+2, dtav =1, ¥=2 xal & TpiToc mapdywy 2)°+T7x-+3, dtav
e
Al TévTe adrad Tipad TomrofeToUpevan Korrd celpay peyefouc elva
S3¢ L
«’) "Orav x(—3, 6 mwpdToc TTap&ywv Tijg dviodmTos (2) elvan
&pvnTikds, & (X —3x+2) 6 EXT) TG ofjua Tol cuvTeheoTol Tol X*, 6Tawv
X(1l, &mopévers kai Srawv yx(—3(1, T X'—3x-+2 8& &n 7o mwpd-
onuov GeTikdv. ‘Opoiws 6 Tpitos Trapdywy TH¢ dvicdtnTog (2) &
23 +7x+3 Stav X{(—3, 8& &xn o TPOoTHOV TOU ouvTeAsoToU Tol
X fitol BeTikdév. "Ofev 16 ywdpsvov @y TPIY TrapaydvTwv TG
(2) elvon &pvnmixdv.
P’) "Crav elvan —3{x(— % & TpdTOS Tapdywy elvar dpynTirde,
& BeUrepog BeTikdc (S16T1 TO X Exer TwAv kewévny Erdg TGV pilddv
Tov) kad O Tpitog elven dpynTikds (BTt & ¥ Exel Tipnv xebuny
veTadU Tév pilédv Tou). ‘Emopdvec Tod YiouEvor Tév Tpiddy TTopa-
Yovtwv elven Setixdy.
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¥') "Otaw elvon — (x(O 6 TTPETOG TTOPY WV erocl &pYNTIKSS,
ol 8ANo1 BUo fetikol kKal TO yiwdpevov TGV TPV &pUNTIKOV.

8') “Orav O{y{1, & Tp&dTog Tapdywyv elven BeTikds, & BeUrepog
BeTikog Kol 6 TpiTog BeTikdg, &px TO yivopevov Twv slven BeTikov.

) “Otav Anedf 1{x(2, & mpdTog Kal TpiTog Trapdywv Tiic &vi-
oétnToc (2) elvan Betikof, & BeUTepos GpvnTIKGG, &pX TO YIVOUEVOV
TGV TPIGY TapaydvTwY GPYNTIKOV.

o) Téhog & Angdii X)2, ol Tpeic TapdyovTtes Tiic (2) slvan O
Tixol kod TO ywépsvov elvai BeTikOV. '

*Exk ToUTwv EmeTon 611 1) Sofsica &vicdTrne émaAnBeleton, Stav
—3(x(— 5 7 &rav O(x(L, A dTav Y)2.

*Ev yével, &v Eywuev GuiooTnTa TS BOpRTic A.B.I'0, dmou A, B, I’
TrapioTévouy TOAUGYUNX GG TIPS X, TrpodTou fi Seutépou Pobipod,
eUploxouev TpéTov Sik Tivag Tiudg TOU X EKxoTOV TGV A, B, I ylve-
Ton BeTikdv kad S1&x Tivag yiveran &pvnTikdy. Tolro eUpioxopev Pon-
Boupevor &md Tag pilag fxdoTtou TGV A, B, T.

> AxoholUBoc &k Tév TiuGy ToU ¥ xpaTolpsy ¢ AUCElg Tiig Svi-
oérnrog Ekefvag, Sik T&s dmoiag TO ywépevov A, B I yiveron BeTixdy.

"Eotew mpde AUow # &viooTng , );:;) =
’E€ alrriic Exopev ThHV {codUvaoudv e 1+ i——g — ﬁ)o, i ™V
(x—3)(X—1)‘1‘(&“‘;))&:3_()‘_2)(X”S})O kol peTa THY EKTEAECIY TGV
mp&Sewy kad THY dvaywyfv TéV Supoicy Spwv (gl TOV &p18unTny)
B e 1
BRI o e

Al pilca ToU x*—4x+1 elvan 2%—_\“3_?, ol B¢ ToU TrapavopaoTol
Tfic TeAeuTadag dvooTépw dwigdTnTog af 1 xad 3. OérovTteg X=1 €lg
Tov &piBunThv THc dvicéTnTog, ebploxouev tEcrydpevov —2¢0.

*Apa 1O 1 TrepréyeTon uetafu TV pi1f@dv ToU &pibunTou.

OtTousv =3 &ic TOV &pifunThHy THc &vicdTTTOS kal eUpiokopev
9_12+1=—2(0. “Apa 1) pila 3 ToU TapavopxoToU TEPIEXETXL pE-
Tafu TV puldv Tol apiBunTol.

OUrw #xopev 2—\ 3(1(3(2+\'3 1.

TaparnpoUpey Tdopa o711, dTav elvan x(QA\"'_—ﬁ, & &pBunTng
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Kai & TapavopaoThc T dvwTépw &vicdtnToc elvar ferixol. *Eri-
ong, &1t Stav 1{x{(3 kal ol Yo Epor slvan dpvnTixoi, dpa To KA&oua

e G R e = 1 "3 ol BUo &8
= Do—D elvea Bemixdv. *Emriong &tav elvar x)2-+\ 3 of 8o &poi
elven BeTikof, &pa 1) dvicdtng émaAnBeleTon.

§ 190. "Av Exwpev dvicdTnTa THS Lopefic g)O, Avaryousy ou-
Thv sic THv icodlvaudv Tns avicoTnTa THS Hopefic A.B)0, &v ToAAa-
TAaolaowpey T &vica &l B2, &1 Acaupdavopusv éBB—)O 1 A.BY0,mhv
otmoiav e€eTalopsy kaTd TA dvwTépco.

Auwvdpsia Spwe va ifeTdowpey Xwptora woTe sivar A0 xad A0,
kaBog kad wéTe elvan BYO, ki B(O, xai dxoAotbicoc v kpaTriowopey #Kei-
vag &k TGV TIPdY TolU X 81& Tag &rroiog TO g— elvanr BeTikdv, dxg elpy-
ofnuev elc T dvwTipw Tapdderyua.

‘Aoxnfosetig

‘Ougs wpaoTn 414. N& AuBolv al xérwb dvivérnTss:

) XHIX—BO P XHIx—60 vy X — X
415. EUpere vas mipds ToU ¥, Tas Emwainfevoloas Tas SUo dvigdTnTos:
&) x*—12x+-3230 rai x*—13x-+22¢0. B') x*—3x-+2)0 xai 4x*+-5x--1(0.
416. Na AufloUv ai dvicdTnTes:
e L) =2 et ; ! 1
D gmeco! i wngooy
‘Ou&s Seuvsépa 417. Na AbBolv ol xorwrépw dvicdtnTe, &v svan
a(B(y(&: a) (X—=)O—PIX—y ) P (—2)(X—B)(X—r) (x—5))0.
418. Né& AuBolv ol dvicérnTes:
a’) 4x*—10x*+-18x(0 B) 3x"—5x°+2x)0 A i e i 0 L

419. MeTafU Tivev &piBudv mpémer v mepiiyetar &, Tve 1§ lowors
X'+ (u—1)x+2u=—8 Exn pilas mpoypoTikds; pryddas;
420. Molav Ty Tpémrer vé Eyn & A, va i - (2A-L1)x)—19 twcadnBedetan
B1& mloav TpaypaTikiv Tipny ToU ¥;
MEPI TON TIMON TOY TPIQNYMOY ax?+Bx-tvy
AlA TIAZIAL TAIL MPArMATIKAI TIMAL TOY ¥

§ 191. «') "Eorw w.x. TO Tpudvupoy Tx*—5x+6.
"Av TrapaoTriowusy aUTod e W, B& Exwuey THY cuvdpTnow
—T7%*—5%+6 (L)
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“Av TO ¥ AUTIKGOTHCWHUEY HE piow Tiumy TRPCYPOTIKNY Tr.X. HE
¥x=3, TO Tprovupov AcuPdvel THY Tiufv 7:35.3-F-6 (2)
"Av gl v (1) Séowpev &vTi ToU ¥ ThHy Tiwnv 3¢, &mou TO €
TrapioTdvel TOCOTNTE TIVG TTPayHOTIKY, B& Excoued dog Tipfhv ToU W
vy  w=T(3+€)—5(3+e)+6=T7(3*+2.3e4¢)—5.3—5e+6—
(7.3*—5.3+6)+7.2.3.e-Te*—5¢ 3)

E&v &mwd THY Ty iy (3) ToU W &paipiowpey THY TTpon-
youpévny Tipfv arol (2), eUpiokouev Siapopov THV

7(3+e)*—5(34¢€)+-6—7.3"+5.3—6-—=7.2.3.e+ Te*—1¢ 4

“Av Tohpa UtroBécwey 11 TS ¢ elvan ToodTng Soov BEAoey HIKp
&rroAUTWE, TéTE Kad ) TToodTne (4) yiveron Soov 8éhopev uikpd (drro-
AUTec). AdTi ExagTog TGV Opwv TNS TEPIEYEL TO €, TO OTroiov Bu-
vépedo va EAaTTdowuey doov GéAouev (&moAUTax). TMaparnpoluey
Aormrov &1, ic BAaxioTny (&moAUTeg) peTaPoAfiv TiC Tipfg 3 TOU X
dvmioToixel Bhayiomn (&moAUTwe) ueTaPoln Tfic oUVapTHOEWS (L)

A& ToUTo Afyouev OTL: : 3

To roudvvuoy (1) elvar ocvvexds g mods x 7 cvvexds ovv-
dotnoig Tob x St Ty Tuny ol y=3.

< AN\’ olovBfjTroTe TparypaTIKNV TNy kol &v Biowpev &vTi TOU
¥ eic Ty (1), eUpiokopev &1 TO TpidvupoY elval cUVEXNS oTUVARTT]-
oic ToU ¥ B1& Tr&oaV TOIUTNY TIUNV TOUTOU.

“‘Opoiws eUpioxopey &T1 &y Tpicovupoy TTs Hopeiic ax’ +BX+Y
elvon guvexfic ouvdpTnolg 81k TTEEQY TRAYUSTIKNY TIRfy ToU X.

Ka®® Suoiov Tpémov Opilopev THv ouvéxeiav olacBiToTE ouv-
apThoees ToU X. "Av 88 cuvépTnoic Tic B&v elvan guvexng S1& Tva
g TOU ¥ MyeTan dovvexds Si& TV TMNY ToUTNV.

*Ex ToUTwv &meTen 6T, &Tawv TO X HeTOPEAAETO &ITO TIVOC TIPO-
yuoTikiic Tipfic A el EAANY b, AcuPdvov ouvex&C TAC gvBiopéooucg
Tipde, TAC Kepbvag peTafy TV A kol B, TO Tpidvupov & peTaPaA-
Aeton &mod THe Tfic oA*HPA+y &g THv TRy ap’+Puty, Acu-
Bévov Tiude &v guveyeiq.

p") 'Edv peTefAnTh Tic X AcuPdvy &meipov TAfiSog TpoypaTi-
k&Y Tiuddv, of &moion &wd Tiwvog kad EEfig UmepPaivouy TavTa api-
Budv BeTixdy (SoovdfiroTe peyddov), TéTe &Ti Abyopev zeiver Elc TO
Derindy dmewoov (+ o) kod TO onpeiddvouey pt X —> . ‘Edw 8 al
Tiwed arric &ré Tivog xad EEfc elvan pikpdTeEpan Traurog dpifpol &p-
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nTikoU, SoovdroTe wikpoU, Afyopev &1 - %  Telver elg 1O dpun-
TiKOV &relpov (— o) kol TO onueidvopey pd X —> — oo.

"EoTtew 16 Tpivupov o +Pyx+y, 6mou (a=£0). Ofhopsy v e-
poopey TG peTaPdAAsTanr ToUTto, STav TO ¥ peraBddAstan &M — oo
HEXpP! 400 , AauPdvov év ouveyeia TTdoog TS EVBIOUESOUS Trpory oI

| kag Tipde. Mpdeopsy TO TpIdvupoy g £E7C.

oy +-Px+y—« (-)(“'-%- %X -f-% o ‘% T ‘i_‘);:ot {(X"E_ Q% ); % 5 '4_chj| 3
' 2 Br—day]
—[(x+£) -2

HaparnpoUuey 611, &v pév slvan a)0, T Tpiddvupoy 6& &m T
TPOoOTIUOV TTg TToogoTnTOoG, 1) OTola elvan gvtods TGV dykuAdv: &v &t
elvan a0, 8& Exn 76 &utifeTtov wpdonuov aUTiic.

1) "EoTeo 611 elvon 16 a)0. "Otav 76 ¥ —> — oo, 7O ( - 2%) —> 003
34 5 > > > ~ 3 ﬁe_ﬁ g com 2 2 e X ﬁ-_.:icry . S
gav 8 &mr” auToU deaiped) & dpiouévos &piBuds " uéver Biago-
pa, 1| émoia Teivar el 6 > 4+ .

“QoTe 6Tav ¥ —>» — oo, TO TRIwVUPoY Teivel elg T -+ oo.

‘Eqv 10 ¥ aUfdvetcn ouvex®e Amd ToU — o, AcuBdvov Tipdg

pikpoTépac ToU — %s T X+ 2—‘1 elvan &pvnTikdy, &AA& TO TeTpéy -

VoV aUTOU ( X+ 2—’1 ) elvan GeTikdy, kal BAarTolTal ouvex@s.

‘Orav 16 ¥ yivy —2%' TO );.(+§% yiveton 0, 10 8 Tpicovupov
yiverca F_?_k¥ Y o “Otov 16 ¥ aufdveran &md T TG _5%

OUVEYEG, TEIVOV £ic TO -+ oo, 1] TTOOATNG XJ.—-Z% elven BeTikn, kad al-
Eqverar ouvey g dard TouU 0, Teivovon elg 16 - co.

"Apa kai ) Tiun ToU Tprwvlpou aufdveroan ouvexds &md Tiic
Tipfic — '3 Y «, Telvouox eic T + oo

2) Eo*rco ém elvar 16 (0. "Otav 16 ¥ - — o0, TO TRIGVULOY
! £ ) ’ A 1 1 q 2 ’ ? 1 3 L3 i
Telvel el TO — co, 810TI TO pév (X‘i‘fg) TEIVEL EIC TO - 0o, GAAX TO

YIVOUEVOV g(x+2% )"_,, — o0, EmedN elvan a(0.

g g : ' e
Ohtw iy = ‘2%’ TO TPILOVUNOY YiveTa ap 4«3’7.'“
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‘Otav 10 ¥ —> -+ oo, TO Tpicovupov Telvel wéAwv eic TO — oo, Evexa
TolU 6T elvan a{0. “"Hror, &vé elvan &tav 10 )0 xai peTaPddAeTan T

X OUVEXGG &0 — co... ——%...+ oo, TO Tpivupov EAaTToUTOn OU-
VEX®G &d -+ oo péxpl TOU —«gi%—’ kol EmerTa m’.réc'we-rm oUVEY &G

péypt ToU + oo, STav elvar T a0, i THY cUThv ouvexdi petaPo-
Afv ToU X, TO Tpidvupov cUfdvetan ouvex®g &md — oo, YyiveTra
ﬁ’;:cxy kad EAarToUTton AV ouvex@s HEXpl TOU — oo.

v) ‘Otav pla Tév Tipdv, TG omolag AcuPdver petaPAnTh
TroodTng, elvanl peycduTépa TTao®dy Tév ENAwy TAnciov TGV aUTic,
TéTe Aéyouey 811 o) elven péyworov THG pETOPANTTC.

Totvavtiov, #&v upia TéV Tiudv petaPAnTiic ToodTnTos Elvan
pikpoTépa TGV EAAwV TINGY aUrThg, koAoUuev oiThiv éddyxiorov TG
peTaPAnTic.

8") ’Ex TdV dvwoTEpw TapaTnpoUpEy OTL:

*Eav elvar 16 a)0 1o totdvvupov ay'PBx+y &Exer Eldxiozov,

drav x=——2—'i:' elvar 8¢ 7 élayioTn wTiur Tov 1 — B?—;—:ﬂ.

*Eav elvac to a0, o totdvvuoy Exel uéyiorov, 6tav x—— ff;
elvar 88 1) peylorn Tt Tov 1) — E—zﬂ

“EoTw T.Y. TO Tpitwupov 3x*—6x—+7. Td a=3)0" &pa 1o Tpicd-
vupov el EAayioTov, OTav xz=—L2%=%=l.

OttovTes ¥—1 eUpiokopey 811 TS EAdy1oTov ToU TpicwovUpou elvar 4.
‘Acnnoerg
421. Ar iaoTov TEV K&Twh TpiVUpwY va supedi TO péyioTov fi EAdy(ioTov
xal B1& Tiva Tipfv ToU ¥ edplokeTon Tolro:

a') —C+4x+3 B 19 —T7x+3 Yy e—Ix—13
3 15 +4x—7 g) —x*+3x—6 ox') 9,5x*—0,25x—2.

TPAGIKH MAPAITALII THE EIYNAPTHIEQI ¢=—ax>+Bx+v
§ 192. "Eorw TS Tpidwupoy oy +Px+y (6mou glvan asL0). Aix

V& TTAPACTHOWHEY YPIPIK&S THY HETaPoANY auTol, Géropsv
W=y’ +-BX+Y (1)
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xai Siaxpivopev BSUo TrepITTTWOELS, UToféTovTee O ExaoTov [elyoc
165V TIPSV ToU X Kol W TrapioTéaveTan pé v anueiov, Exov TETHUNREVTV
T Tipfv ToU X kai Teraypévnv Thy Tipdy ToU W, dog pds &Eovag
dpoywvious 'Oy xal W'Ow.

1) “Ozav elvar zd a)0.

Mveopilopev &m, &tav Td ¥ cUféveran guvexds &md — co pEYpl

—-2;:;- & y EAaTTolTon ouvexds &TO + oo péXpL ToU 4074:5?- M

ToUro Aéyopev &mi 1) &lowoic (1) moploTaveTal ué plov xapmiAny
ypoupty, Tfic dmolac EkaoTov onpelov Eyet TeTunuévny kol TeTOryuE-
vnv &vrioTolyous Tipdg TédY ¥ kel y Thg Eiothaes (1). "Hror 9 &
ASyw ypoppt 8% &xn Eva KA&Sov ouvexd (&veu Bioxomrfic Tvog), &
étroiog 8& &pxiln &mo &v onueioy, 16 &moiov keltan el THV ywviov
WOy’ kad elvan TTOAU PEpAKPUOUEVOY
(ug TeTunpévny ¥ —> — 0o Kod TETO-
yuévn y —> -+ 00), KaTepy SHevos Bt
Bitpyercn &mrd TO onpsiov A (&ved f
ké&re THg Ox),Smep Exer TeTUNUEVTIY
—%,-refuyuévnv 5 41253 (ox. 16).

"Orav 10 ¥ &mwd TG TIMTC

P cE&veTon ouvex &g, TEIvov Eig !

2a e
15 + o0, # EEicwoig (1) Aéyopsy Oy, TCBog® P %

&1 TapioTavel GAAOV OUVEXT] KAG- x. 16
Sov ypapuiis, & omolog &uépyeTal
&md 16 onpeiov A kail &rouaxplveTal TpOg &V onpeiov TOAY PEPa-
kpucuévov, TO oOmolov KelTal gl Tv yowviav Yoy, pE TeTunuévny
kol TeToypévny TEwoUoag €lg TO -+ co.

*Ex TV &vwTipw Emetan &1 A &iowoig (1), &Tov 1o o elven Be-
Tikdy, TapioTével Ty KaumUAnv BAD (ox. 16).

2) “Ozav elvar 1o «{O.

Eig Thv Trepitrwotv oy dtav 16 ¥ cif&veTan ouvex@g &mo

— oo péypl TOU — %- 16 @ oaUfdveTan ouvex@e &md — 00 pEXpl ToU

2
docy—B ;
4
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‘Eopgveog S1& Tag Tiwds alitéc 1) iiowoic (1) maploTéver Eva
guvex] kAGBov, O &mrolog dpyiler &wo Ev onusiov TToAY HEUOKPUGE-
vov kol kefpevov eic Tv ywviav x'Oy’, Tol dmoiou § TETUTHEVT Kol
Tetarypévn Telvouv el TO — oo, koToAfyer &t eig TO onusiov A’
(vw A kérw Tig Ox), 1ol dmolov 7 pév 're-runuévn icoUron pé

e
_Q%’ 7 B TeTorypéun pé H%d—ﬁ (ox. 17).
‘Otav TO ¥ aUfdveTan ouvexdg &rd H% pEXpl TOU + oo, TO
Tprvupov, &pa kad TO W, EAaTToUTON ouvexds drd @-—B pEY Pl

Tol — o, Ko 7 £€lowoig (1) Bic Tag Tipde alrae 7\Eyou£v, oT1 TTax-

ploTavel ouvex] KA&GSov (KaptrU-
y AnS) ypomuufis, & &toiog KaTépye-
> To o TO onueiov. A’ kal &ro-

L HoxplUveTon Trpodc Ev onueiov, TTOAU
: HEUOKPUCUEVOY, Keipsvov elg Thv
' (-Bl2a9 *  ywviov oy’ pt Tetunpévny kad Te-
II _ \ Toypévny TewoUoag i TO -+ oo
I Y Kol — oo (o). 17). -

/- i A& v& elpwpey ol 1] Koo
: 7 TUAT TéRVEL TOV &Eova TV W, Tro-
b3 S paTnpolpev 6T el TO omueiov Tiic

; Topfic B& Exwpsvy x=0. *AAN" &v

Béacopey X—O elgThv (1), ebplokopev w—y. "Qore f kapmUAn Téuver

Tov &€ovar ' oy eic TO onueiov [, | 16 I, #xov TeTarynévny fonv ué y.

"Av p, p, flvan ol pifon ToU Tproviuou, Stav Tedf elg aTd

X=Pu | X=p., Exonev y=0.

"Ex Tolrou émetan 671 1) kaTrUAn Téuval Tov &fova TV Y &g

T& onuela, T& EYovTa TeTUNUévas p, ki p,. "Av T& p, kad p, elvon

pavTaaTikol fi pryddes &pifuoi, 1) kauUAn (TrperyuaTikéds) Stv Tépver

TOV Gfova TGV .

Auwvdpeba vex eUpoopev onpeia Tiig kKapUAng, 6étovtes x=—1,2,3,.
oy ¢ eup[ox&xsv y=a+P+y, y=4a+2p+y, y=9x+3B+v,...
O07w elpiokopev T& onuela THg KaumUANG
(Lat+-P+y), (2,404+2B+y), (3,9a+3B+v),...
"Emione Bétopev x=—1, —2, —3 kei eUpioxouev EAAx onueix

2
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T kopTmUAnc. "Av BfAwpev, Bftopsv y loov ue SAACC TIMGG TT.X.
x=+0;1-° +0,.2., x=+4+21 +22..-xal ebplokouev &GAAx om-
HEIX TTIC KAUTTUANG.

§ 193. TTapaTnpnois. H xapmiAn, Thv Omolav maploT&-
vei 4 é€lowoig (1), koAsiTtau wapgafodsf, Tig omolag 1 Beoig dAAdoosl
HETE TOU Trpoctijuou Tol o kal T&v oUVTEAEST®V ToU TPIWVUPOU.

Egappoyd. *Eotw 16 Tpuovupov w=x—5x+4. “Exousv
” 25 25 k 53\* 25 BB T
Yot S = (X5 -G =(x3) %
; e Db e 5\
"OTav Td X aUf&veTan guvey@g &md — co UeXpl ToU 57 TO (X—f)

EAaTToUTon ouveyGg Ao - oo HEXPL

ToU 0, TO 8t W EAaTToUTal CUVEX &S \}J' | r
Sl Wi g

Pl 2 i 9 2 o _‘u i

QO —~ 00 HEXPl TOV — 7. Ot 7 me : £

KaumUAn Exer ouvexi] kA&Sov [MA,

GpYOUEvOY &XTTO OTUEIOV UE TETUTHE- i

VTV Kl TETXYHEVNV TEIWOUOOS lg TO

— co Kol + oo, kai @fdver elc T on- \
\
\

% 5 9
uciov A('f' — —4-)(07(. 18).
"Otav 10 X aUf&veTan ouvexéds __ \5

SR T i 4 SiNe
&md 5 uéxpr ToU + oo, -ro( —j)

2
(520) ] (46) X

cEaveTar ouvexé &mo Tol 0.uéxpr

ToU + oo, TO 8¢ W oUf&veTon ouve- L( 9‘_9’_’*_),_,)4

X&¢ &1ro —% uexpt ToU -+ co. “H 5

KOUTIUAT Aotmrov  €xel kol Seutepov T8

ouvexf] kA&Bov Al, 6 omolog dvép-

XeTal &k ToU onusiou A(‘%i — ‘z-) xad daropaxpiUveTton elg T amrelpov

péxpt ToU onueiov, 1O Omoiov Exel cUVTETOY Bévag Tewouoog elg T6 + co.
"Otav x=0 1 y elven Toov pé 4. "Apa 7 kopmiAn Téuver TV

&Eova TV W elg 1O onueiov ['(0,4). ‘H xoapmlAn Téuver Tov &fova

TV X el T& onuela (1,0) kad (4,0), Eredh elvan p,=1 kai p,=—4.
Ak ver e0pwpey kal &AAa onueia THiC KauTUANG BéTopsy ).
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¥=—=2 kai ebpiokopev Yy=—4-—104+4— 2 y— 2 &1e y=—4+10-+4=—18
x=3, Ot1e ¢=9—15+4=—2, =3 &1 Wp=9+1544—28.
Olre Exopsy dog onpeia TTiC KauTTUANG T&
(2, =—=2) (—2718): -3 =25 "3 28}

Mapatfhpnoig. ‘H ehpeoig Tév onueiwy e T& omwola ) UTO
Tiic &G10coEnyg y=ax*+-PY+Y TopioTaVopivn) YpOoUpT] TEUVEL TOV
&Eova TGV ¥, Ba Oplony Ta onusia alTd pE TAC TETURREVOS Ty, TANA’
arrad B elvan pifon TolU Tpiovipou o+ Py -+, &meidn O& Excopey w=0.

‘H elpeoig tédv pifddv Tijc t§iooewg alTijg KT TOV TPQITOV
alTov, SnAadt] OTaV KOTUOKEUATWHUEV TNV KOUTUANY YW=—ox ' +Bx+y
kol e0pwpey T&G TeTUNRéVaS TV onueicov Topfic THE KapmUATS Ut TOv
&Eova TQV ¥, AeysTanl yoaguxn Adois tiic éEtcdoems ay’+Bx+y=0.

‘Aoxnoerg

‘Opéas wporTn. 422. Na tetachf] ypoeikds N ueraPoAn T&v ouvap-
Thoewy els &fovas dpBoyvious :
«) p=—x=3, BY w=3x"—Tx+3,
Y) v=2x+2o S % X+ % x—L
423, N& Abf] ypagikds 1) tSiowois Xi—Tx -+ 11==0 (Béoorre y—=y*—Tx-+11).
‘Opas Sevtépa 424, N& xoraokevaotf 1 ypauur, Thv dmolav mwopr-
oraver 7 lowors y ' -y=25 els &Eovas Sploywvious.
425. N& xarookevacfolv el &fovas oOpfoywvious ol ypappad w=—x°,
Y=y kai va Sex8i o1 Exouv plav pévny xowhy xopdhv.
426. EUpete ypagikds els afovas dpfoywvious Tas cuvTeTaypévas T@OV Koi-
vav onpelwv TV 8y=y* kal xy=—w*:
427. Elpete Tas ypagikds mapaoTaoels els &fovas dploywvious TV w=—y"*
kai w=8x? kai ovykpiverte alrds perafl Toov.
428. Elpere v Topfiv T@V ypapudv els &fovas Sploycvious x*+yw*=100
kol xp=35.

ax+B
FTPADIKH MAPAZITAIIL THI IYNAPTHIEQEL
e yX+98
§ 1%4. "Eorw mpdTov 1) Lp=% (D
Ofropev eic v (1) x=1, 2, 3, 4,.. xad eUplokopey w=1, -%-; —,‘1,'-:—;-.---

AcuPavopey &Eovag dpfoywvious x 'Oy, w'Oy, (ox. 19) T &b-
Uy pappa TufpoTra O8O, OH &l Tév ox kal-oy TrapioTdvovTa To
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+1 &mi &doTou &Eovos. "AxoAoUBg eUpioKopey T& OTHES, T& drroia
- % E 1 1 \
&ouv cuvTteTayudvas (1,1), (2, %)1 (3,§); (4, T)"“ toTwoav B&

oUT& KaTa osipay T& M, M, M,, M,,... (ox. 19).

TMapornpobusy &1, Stav TO X AauPdvn Tiude Bemikdg auEavo-
péveag, 1O W AcuPévar Tipag G-
TiKdg Kol FAaTTouptvag, oTav 8&
T X—>+ oo 16 w—>0. To on-
pelov, TO OTrolov EXEl OUVTETO-
yuévag (X — + oo, w—0) Teivel
vét elven &l ToU &Eovog Oy, AN
el &meipov &rooTaotv &moTe 0.

Oétopev Topa eig THv (1)

1 1 1 Sy
X=' 57 5’ xad edpiokopev
w=2, 3, 4,... &xoAolbwg & eUpi-

OKOUEV T& OTPEix HE OUVTE-
nies (3:2) (313)
(%s 4):-- foTwoav & aUTd KaTd
Ml__)-, Ml}_ MT

OEIpAV TA
TapoarnpoUpey  OT11, dTQV
10 ¥ AcuPdvn Tipde feTikae fAarroupivac kal TO W Acupavel TIRES
BeTikdc GAA’ oiEavopévas, dtav & ¥ —> 0, O y—> -+ co. To onuelov
ué ouvteTaypévag (X —> 0, W —> o) Teiver vér elvan &l ToU &Eovos Oy,
&AA’ elg &meipov &méoTacty & 1o O.
OétovTes elg v (1) x=a)0 eiploxouev \p=-é »0. *H &iocw-
o1 (1) Aéyousv 671 apioTével plav ypauury, Biepxouévny &md T&
onusic M, M,, M,, M,..M (X —> o, ¥y—>0) xaBix kal &md T& on-

pelc M1 M: M1 M (x>0, y—>+ o) xal &a 10 o). 19.
2 3 3

Otropey el v (1) x=—1, —2, —3,...., x> — o kal eUploxo-

pev &1 W= —1, ——é—e ._%. —711-1...., w0 (&md &pvnTivdg TIRES).

Olrw &yopey T omueix
1

Pt =10 P_,(—2, — %) P_,(—3, ——3-)...., P x—> — o, y—>0)
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KelvTan 8¢ T& onpsia oUTd Eml g ypaupfic Thy dtroicw TwapioTdver
i (1), &6 16 onueiov (X —> — o, Y —>0) Teiver v elven &ml Tou oy’

1 1 1

O¢topev i v (1) x=— — g X>0 (&md Spvn-

- — 3
TIk&G TIpAG) &Te elplokopey w——2, —3, —4,...., wa» — 0. T& on-
wela P_1,P_1,P 1,..,P(x—>0, y—>—o0) keivran &mi Tiic ypou-

2 3 4
ufic Ty omolav TapioTévea f (1).
OUrc Aoimdv Adyouev &6Ti 1) ypauf Thyv omolav mapiordve
f (1) &moteheitan &mwd SUo pépn, T& Omoix kahoUvton xAdddor Tic
yeauuts, 1O fv T&V drrolwy kelTan EvTdg TG ywviag XOw, &mri ToU

omoiou kelvtar kad T& onpeic M,, M,,...., M1, M1 . kal 6 &Ao
2 3
&vTde Tiig ywviag 'Oy, &l ToU émolou keivton kad T& ompeia
- TN - O R
2 3

elvon 8¢ 81k y—a(0 TO y— 'CI; (0.

‘0 &fwy Tév X koAelTan dadunrwros TS yYpauufic, Thy dmolav
TapioTdver /| (1), emwadn, dtav onuelou kewpévou Emi THic ypaupdic,
TO X —> ®, T6 onpelov aUro Teiver vé& Tréon &mi ToU Oy, xaBodg Errionc
&tav X — — o0, TOU onuelou xeévou &ml Tic ypouufic, TO &v Adyw
oTueElov Telvel va TréoT) Eml ToU Ox'.

M Tév abrov Adyov kai & &fwv TGV W AMyeTon dodumrwroc
17 év Ady@ yeauuds. Kakeitan 8¢ oUrw &madr), tav onusiou keipé-
vou & Tfic ypouufic TO X >0 (& BeTikdv TnGV) xai TO onueiov
Telvel va méon éml ToU oy, xal STov onueiou Emi THic ypauudic TO
X—>0 (&md dpvnTikde Tipde), Td onueiov Teivel vé Tréon i ToU oy'.

Kot Tabta Adyopev &1 1) (1) mopiotdvetan &md 5o kAGSouC,
oi &molor Bewpolvrar g v SAov, d¢ pia ypappr, 7 dmoia xadsital
vnepfoldsf, of 8¢ &foves TGV ouvTeTaypévwv elvan &OUUTTTOOTOl ClrTiic
kad Aéyovron dfoveg wijc Dmegforic alrTiic.

Kaf® duotov Tpérov eUpIOKOUEV THV TXPACTOCTIV TT.YX. TTC w=_§

Tiig kp==-—w;'(2—‘ kal &v yével Thic W == 5— émou BY0 1) B0, xoAsitan &&

T&ox ypauply TapioTavouévn UTd TolalTns E§10totws daregBolds,
1| émola Exel doupTrTdTous ToUg &fovag TGY ouvTETary Bévcoy.
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'Aoxnoeig

429. EUpere THv ypa@ixiy TOpEoTOOI TGV OUVORTIOEWV:
1

2

(%]

"y P “) = Y') Yo Ll
ot X By M X
3 : £ :
B e Yap=—aeiio ot ) xw=I10.
PR = ) ¥ v
430. *Ouoicws Tdw:
5, : ) i P £ 8) x 2 ) xwy 4
o G — = — — — - — — E S—
=0 B x TR S ; W
3 4]
§ 195. *Ecrw . oUvEpTNOIC Y — ))((;Tl_ )

Fpagousv oy o &8s wix—1)=K+1) A x—yp—x—1=0.
Oftopev sic almiy Y=X,+&, Y=y,+PB, 6mou T& a kai P v
Exouv. Sp1oBT] kai evpioxopev (X, +a) (W, +B)— (W, +B)—(x.+ac)—1=0.
A Xy oy, +Bx tep—y,—x—a—p—1=0
A X, +@—Dx +(c—1y,+op—a—p—1=0. (2)
TpoocBiopilopey Tdpa Té& o,P olTtws doTe 1) (2) va pn Eyn Spoug
TepiEovTag uovov ToOV X, f| W, kai ékooTov elc mwpdTov PBadudv.
A1 ToUto Oftopsv TOV cuvteAeoTthiv (B—1) ToU ¥, xai Tov (a—1)
ToU W, EkaoTov ioov ué 0. OUrw Bétopev a—1=0, p—1=0 «ai ebpi-
oxopev a=1, p=I.
ToloutoTpdnwe 7 (2) yivetanr ¥,p,+1—1—1—1= (3)
A X2 4
*Eotwoav X 'Oy, 'Oy of &Govtes TV ouvTteTaypevwv. Evploke-
pev 1O onueiov pé cuvtetaypévas (1,1), éotw ToUto 0,(1,1). AidTol
0, qpépopev eUbeiag TrapodAnAouc mpos ToUc &fovag, EoTw TG
%', 0,%, (map&AAndov ToU &fovog x'Oyx) kai @' Oy, (TrapdAAniov
Tou &Eovoc WOW) (ox. 20).
MoparnpoUpey 611 1) &lowois (4) ypdeetan kad g £Efg
‘P»='—Xz—l- (©))
Edv Aoimov AngBolv d¢ &foves ouvteTtaypbvev of elfeian
¥,0. %, WOy, kai &vagépeTon el Toug &fovag atlrrous 1§ (5), alrm
TapioTével UtepPoAfv pé GouptrtoToug Trg Toug &fovag alToug
X 0%, W.0.w,. "AAN 1) &v Ay UmrepPoAn) elvan 1) i8ia kad &v Exo-
pev &Eovog Tous ¥ Oy, wOy.

Wnetomoir|Onke amé 1o lvotirouto EknmaibeuTikng MoAmikrg
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‘Emopéverg f) dvotipw #flowoig (1) mapiotdver UmepBoAny
pE doupTTdTous Toug vious Gfovag ¥ ,0.x., W ,0,w,. Tiaparnpoluev
611 ExaocTov onueiov ToU &Goveg ¥, 0, x,, ExXEl TETaypéuny 6 TTROG TOUS

Y |%s

. 2
‘\ ==

——— @,
X \\01.«-4_)4. .

X

Ll

~
WG

i
Il .
Yr

Ix. 20

&Eovag Yoy ionv pt 1, Sik ToUTo 6 &fwv X', 0 X, &xeal &lowoiv y=1,
dog pog Toug &GEovag X'Oy, XOw. ’Emiong éxaxorov onueiov ToU
&Eovoe w,0,y, Exel TeTpnpévny X=1 g PG TO &pPYIKOV OUCTNUX
TGOV &Edvwv.

§ 196. "Eorw Twpa fi cuvdpTnoig w:ﬁ—-ig (1), dvagepoué-
vnv Tpog Gfovag Spboywvioug xOw.

"Av EkTeMowuey Ty Biadpeowv (ax+P): (yx+98), 9& sUpwuev

TnAikov 2 kol UméAorTov B_a_’d__: b b,
Y g s )
5 TV O Tt R O ¢ e e R Lo
REEHTE Y - YEE) Y i 5
P i B
_ a5 Y
ﬁTOl W=_$_ S By dg x
e Bl
G g (X Ty )
pégoiev TolUro dog éfc: p— = ——PY—=8 .
z Y’(x+ —5—)
Y
Wneiomoir|Onke amé 1o lvotirouto ExnmaibeuTikng MoAmikrg : 5
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5
Oftouev Twpa X+ ,57 —y, Kol P j% =y, fiTol X=¥%,— —

D 3
Y=\, - : v OUre &uri THc Bofelong &Siocooewg  Exouev ThHY
" = = —ad
e B; ;:'8 n Ki¥= (.2) X =V, @V TEGT.} EY’\;E o

g 5 a 3
EUpiokouev 16 dnuﬁov HE CUVTETOY MEVAG (~ ?—: T)r goTw
3

ToUTO O,(L ,

: ) kad 81” alrroU gépopev ebbelag X', 0%, w0y,
&vTioToixws TTapodAAfAous Trpds Toug &fovag TGV ouvTETorypévwy
XOx, vOw.

Ofrw f) = %(L &vagepopévny TPOG ToUg veoug auTiic &Eovag
x.0Ox,, ¥, 0Oy, mapiordver UmepPoAfy pE doupmrTeTous Toug &Eovag
alrrovs. ‘H Sofsica ouvdptnoig (1) &vagepouévn Tpog &fovag Toug
&pyiKoUs Y'oX, Yoy TapioTavel THY UTEPBOAY e GOUUTTTGTOUS
Touc véous &fovag, fitol Tac eUbelog uE ES10COOEIC ¢ TTPOS ToUg dp-

e & <
X1KoUg &Eovag S i g

MapatnpnTéov 811, &v elvan Py—ab=0, ToTe B& Excopev Thv £€i-

oTWoW Y=

: » 1) Omrolar TrapioTével edfeioy TapdAAnAov Tol &Eovog
TGV X, TEpvouox Tov &ova TV W el TO onueiov (0,—“—)'

"Av elvan y=0 kal «, B, 55£0, Exopev y= HX_H; g X+ %
SnAadn y=— % X+ %—, 1 omoia TapioT&vEl suﬂeicxv, TEUVOUOOV TOV
&Eova TV ¥ elg TO onusiov (— —[}s 0): TOv 8¢ &fova TV W, &g TO
oTUEiOV (0,—&)-

Map&delypa. "Eorw fij ouvdptnolg y= X Smc Tpods &o-

by—+7
vag opBoywvious.
*Exousv o3, p=——5, y==6, &=I.
x 3 8 7 Py=—cb ¢ = S0:7] 5 R ¥
Te s RS Y AFRVET T o s o e 1
*Apa £xopev Thv elowow ¥ \y,— iz g Tpds véoug dGfovag

X0, ‘H &px1 T@v viwv &Eévwy Exel ouvTeETaypévag G TTPOS TOug
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- e 1Nk s Goc S Sy <
dpyikoug &fovag (w%a -2—)-, 7 8¢ Bofeioa t€icwoic TTapioTdvel UTEp-
BoAfiv p¢ douptrtToug Toug &fovag, ol &molol &yovTal &0 TO OT)-

peiov 0, (—%1 %) TapdAANACL TTPOG TOUG. &PYIKOUG.

‘Aocnnoetrg.

431. N& yivp 7| ypagikl) Tap&oTaols Tv m;vapvﬁoemv;

TR . ok i it A e e Lo
SRR ey SE b o Y ¥=os 1y 84 = i
: —3y-4 ; :
&) x= -Q-q—f{.— - o7) xy+2x—3¢+1=0.

Hepiinpie mweptexonévoy zegaiaiov VI

‘Ogiouds éEtooewg B faduod ut Eva dyvwozov
oo +Bx+y=0, o=£0.
Pilon #iocooewe B Pabuol olupetpol, &obppetpol, urycadikal
(ouluyei).
’1816Tng &V EEiodcewv A—=B kal A*—=B® (oclrn Exer Tag pilag
TV A—1B). e

Nooeg Tfic o) ox*+p=0, of x—+ \/"— E’;". B") Thic ox*+Px=0,

ai =0, x=—P:a, ¥") Tiic ax*+Px+r=0, i x=(—B+V p>—day)": 2.
*E€iodoeic Audpevan pé PonbnrixoUe doyvoToug. :
Eldog tév pilédv Tiic a*+Px+ry=0, mpayuaTikai &uicor &ve

B:—4ay)0, oo, &v P— day=0, wyadikal, & p— 4oy(0.

Sytoeic ouvTeheoTédY kal TV pil&dv p,p, THS ox*+-Px+r=0,
p+p——P, p,-p—Y:& 6tav opa—=0, f pix pilx Teivel eic T
+ 0o, &v 0, B(0 A )0, ) &WAN pilar — — -

TMpdonuov TGV pilédv Tic ax’+Px+y—0, &v oy)0 TéTe p,.p.)0,
BeTikad ptv &v —aP)0, dpvnTikad 8¢ &v —aP(0. "Av y=0 A pia TdV
p., p, Elvan 0, 7} &AAn —Pia. "Av oay(0 ToTe p,. p.(0 kai &TTOAUTOG
peyoduTtépa ) BeTikn &v —aP)0, &moAUTwe peyoAuTépa ) &pYNTIKD
&v —aP(0.

TpoTrn TpiovUpou g Tpos X elg yivouevov TproToPabpicoy Ta-
poryOVTwOV.
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X' HPXHY=a(X—pPIX—P:), Py P i pila, (pirAp) v
Pi=p. TOTE a*+Pxtry=alx—p.), & P—4ay{0, o +Px+y—a
[X—r)+582)], p. P=Y15i.

EUpeoig Tpiwvipou &k T&v pildv Tou p,, p.. Elvan 1o
(X—P. ) (X—P.)K, k—oTabepov.

Zfpa ToU \w=o*+-Px+y 81& TpayHaTIKGS TIudG ToU ¥. "Av
p.{p. TO W Exel TS Tpdonuov ToU a, dTav X{E,{(P., N X)p.)p.. TO W
gxe1 Tpoonuov &vTifetov ToU TpooTjHov Tod a, &v p,{X{p.- i

©toic TporypaTikoU dpifpol A dg pde Tag pilas p,, p.(P.{P.)
TOU ox’+Bx+v-

"Av (oA BA+HY) 00 ) tw M— L 16e Mp,, B) By £
TOTE AdpPi.

"Av (e +PA+y) a0, TéTE P (A{p..

ElUpeoic upeé Tpooéyyiolv TrpayuaTikiic pilne mds iowosws.
O¢Topev T.X. X==A,, A, DoTe (oA +PA,Ly) (A PN +Y)O0, &re
peTo€U A,, A, Umépye pilx TpayuaTikh ToU ox’4-Px+4-y-

Adoic dvioéinros B Baduot oy +Pyx+y)0, (a+0), pé Ty
Xpnoioteino Tig popefic alX—p,)(X—p.))0-

AUoig Thig dviedtnTos THiG wopefic A:BYD (& A, B moAudvupa
EV YEVEL EYOVTa TOV &yVwaTov).

21roudn) ToU TPIwVUUoU W—ay -+PX+Y Si1& TpoyHaTIKAS TIpde
ToU ¥. ToUto elvan ouvexic Six méoav Twfv ol x. "Av o)0 Bi&
X=— o, —P:2a, + 0o, TO Y=} 0o, —(day—P*): 4, + 0. "Av {0 51
X=—o0, —B:2qa, + oo, TOY=— o0, —(dory—P*):dcr, — 0. “Av a)0
Exerl EAGyioTov S x—= —P:2a, &v (0 Eer péyioTov Sk x——P:2a.

Togagpuxen sxapdotacis g W—oy Py+Yy, lov &v )0 (ué BA&-
xioTov) 2ov du o0 (pe péyioTov).
ax+P
) G
(UTrepPoAT) pE EOUNTITWTOUS ToUS &Eovag TEW ouvTeTcryuévav). 2a Tre-

I'papuxn smapdotadis tijs Y- In TrepimTwolg Wy —1

: Sl T ; . .
PITTTWOIG w:% (UtrepPoAn) pE GoupTITWTOUS TrapodAARAoUs Trpde

Toug &Eovag). 3n TepiTTTwolg N yevikn popen (UtrepPoln).
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KEDAAAION VI

ESIIOIEIL ANATOMENAI EIX ESIZQIEIZ B' BA®GMOY

2| Y :
ﬂl AITETPATQNOI EZIIQIEIL

§ 197. KohoUpev &iowoiv Tva p va &yvowoTov (Botw TOV X)
duzetgdywvoy, v, peTd Ty &TTaAoipny T&V TOPOVOUXOTOY, THV
pETagopdy T&Y Spwv gl TO TP@TOV MEAOS Kol TAC &varywyds, EXn
v wopetv ax*+Px*+y=0, (+0)- 1

“Eotw Tpdg Aoty 1) BiteTpdywvog Eiowois X*—25x*+144=0.

"Av TO X® GQUTIKATOOTHOWUEY BE TO W Kod ETropéveag TO Y* HE TO
y?, 6& Exoouev THY Elowov y—25¢+144=0.

: ; e 256l = . ; o
AUovTes ToUTnv eUpiokopey y=—-—F— NTOl TAG pifag olTiig

2

y,=16 kai y,=9.

“Apa elven ¥>—16 xad x=9, & &v eUpioxousv &g pilag THs So-
fetone x=—-+4 kal x—13. >

Ev yével, Trpdc Ao Tiic tSiocoewe (1) dvmikabioTdusy glg
aUThY Y=y, &Te B elven x'=y?, kai &l Tic (1) Exomev v &§i-
owotv ay’+py+y=0. 2

"Edv AWowpey Thy (2), & elpwpey Tée Tiudg ToU W, kai EoTwoav
adron of W, kol p,. Aid v ebpoopesv T pifac Thc (1), dnAadh Té&g
Tipde ToU X, Sérouev eig Ty lodTnTa Y=y, dmou W T&C TIRGS cUTOU
W Wa, OTE Exopev TaG E10000EIG Y=y, Kad X*=\,, &K TGV omrolwv el-
pioxopey x—+\Vy, kad x=*+\y,. “Hror oi Twed Tol ¥ efven ai

\rq, _\i g \ W, _\n Y-
AN o Tipad W, kad g, elven kaBdg yvepilopey «i

— B\ P —day —8—\ P —day
= NP Ay, o |

‘Emrouéveog, &V TTOPOCTTIOWHEY HE P, Pay Py kal p, T&¢ pifag Tiig
(1), & Excopev:
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[—p+VP 4y N\ [Py
pl \ -'“_""—za—‘) P)‘" "\] "'_""“2?"— A
e\ p—day —p— VP4
g e e o
MapadeiypaTa 1) "Eotw mpds AUcv 1) SiteTpdywvog £6(-
TGOS > S LU G “Exomev o=1, p=—10, y=9.

[10\V&a
=3, p——3, p—=l, p——L.

‘ETropéveog p‘:ﬁ\f«

2) "Eorw 1) &lowoie x*—3x°+4-2—=0. :
“Exouev a=1, p=-3, y=2. _L

‘Etropdveog elven p, - \’ 3__-':-\ ?_—33 -\ 2], p,=—V\ T,p,=1, p,=——1.

‘Aocxnfoerg

‘Ouds mwpawtn. 432, N& Aufolv al kérwd Eiochoes:

a’) Ix‘+1=I10x" B') x*—26x>——25 y’) 10x'—2l=x*
8 -5+ 00—-1)=40  ¢) ¥*+9—"=6,25 o1') S4x—*—10x~*=0
o e e =k Sy e R R R
g ) X';— g e =y 2 n) "775'777 u_-(x )
ST

B)u N _Geheed

— (@P*1x+aB =0 5)0—3‘Tx—2(&ﬁvax +Bx?)
1Ty 0 Qe . BHPO B0

B [1:($)|:E -+ BY) 3( ) _ﬂza)__(i):
¥) [59 : 2( ?} )1 ("ZT ):’:225 &) X*—2(p?v—+-p*)x*+ (wv'—p?)*==0
LY X' —eBy (o +By)x’+(oBy)*=0.

TPOMH TOY TPIONYMOY ax‘ By’ +y EIZ FINOMENON TAPATONTON

§ 198. "Av 8wpev va Tpéywpev TO Tpichvutov ay' Py +Y
elc ywopevov mpwTofabuiwy mapaydvtwy, Tapatngoluey &T1, &v
TebT) X'=—W, 6& &wpev &utl ToU Bobivrtogs TS aytPyty. "Av o
pilan ToUrov TrapaoTafolv pt w,, y,, 8& eva
e+ Py-Hy=a(y—w, ) (y—y,)" &pa, &v Tebij £ic ToUTo W=y, B Exw-
by (=) OC—a)=a(X—V W)Y Y v (=Y ).
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‘Etropévaac, &v p,, P, Pur P.y TrapioTavoUV TaS piloc TOU Bobev-
To¢ Tprwvipou (fitor Tebh Vg —p., —\V 'y, =—p., Vw.=p., —Vw.=p)
& Exomey ax'+Px+y=al(—p. ) (X—P.)X—P)(X—P.), fATOr TO
SiteTpdywvoy Toldvupoy ax'+Py*+y Tptmeran g yivousvoy ToU
« & Téooapag TrpwToPafuious TrapdyovTag &S TTPOC X-

Ty &v Ewpev TO Tpbvupov Y-hy'—12 &madi evar o =1
B—=1, y— —12 etpioxopev y,=3 y,— —4."Apx p,~\ 3, p,—— ¥
p,—2i, p—=—2i, fitor kar& T&Ev peyebouc oi pilen ToU Tprcovipoy
(ci TporyperTixed pudvov 16T ai gavTooTikal Bitv SiakpivovTal KT
péyebog) elvan —\'3, V3, —2i, 2i xoi TO Tpivupov elvan ioov pé

XAV 3=V 3)(X+2D)(x—21)-

"Ex 16w dvewTépw EmeTan 611 duvdpeba va elpoouey TO BITETpA-
yavov Tpicovupov, GTtav yvwpilouey TaC Téooapag pilag Tou. "Av
afron elvan TTX. Py Par Py Pr TO TprVUpOV B& elven TO

X—P ) X—P=) (X—P: ) (X—P.)
ToMAaTTAcoiaoutvoy Tl oTafepdy Tive TTaXpayovTa.

MM.x. 6 Tprovupov pé pilas — %r -i— —i, 1 Ba elvon TO TrpOKU-

TrTOV §K TOU ()(—- %)(x—%\ (x+1)(x—i) pera THY EKTEAECIV TQV

rp&Eecov, éTou TO o TrapioTavel oTaBEpoy TIvX TTapdryovTa.

'AcxNoetg

‘Op&s mpdTn. 435. N& Tpamolv Y& Ewéusva Tpwowvupa els  ywopsva
TpwToPaduiny TaperySvTwy:
o) Kt B Tx'—35x"1-28 Y @pryi—(ec 4Py 4-ap
§) yi—taPy’—(<—P) &) Al (e —Pe)y—op?
ot') wi—(at oy to.
436. Elpere Thv Sitevpéywvoy tElowomw, f Smola Exel pilas
o) 1311 B) toty o, ¥ )E0.5, 444, 8) 3,4,
‘Opés BeuTépea 437. Elpere Tpidwupa ExovTa s pifas Tas:
2

o)1 kai .1*_-3—7 B) *0,2 kel +0,75 y) ta, F2x 8') *(oc—1),t(c+i)
£) 10,75 xad (£21) (o 5 B morss o5 0
‘Ouds TpiTn. 437. Edpere 10 Trpdonuov ToU Tpiwwuuou e =) G €
SrolTo y elven ExTds TGV (mpoypomikd@y) pildv alToU  pyPaPufs (&v elvaa
pi{palpalp.). ATA. &v x{pis Ti XPP1s kol &tov TS ¥ Keiton perafy SUo pilév, BnA. &w
glven py(x{psr P2{X{Par kK Pa{X(P:- (Acxpivare BUo TEpiTTTddoEls, STav slvan o)@ .
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kot Stav of0.
elvea oufuyeis pavraoT
TaoTikad 1) pryadixa,

439 «') ApsuvicaTe s

elvat ouluyels xad of &\
TEOS  TWPXYHOTIKSS TIHAS  To

§ 199. "Eotw 1rpdc?
*Etre1dn elvan o=1, B

MaparnpoUpey 611 koTeAnEapsy sic TrapooTdosc ut SimAd
pilixa TiS uopefic V AT\ B.

ZnToupsy va pudBopey, 1o
OTAOEIS V& Tpewwpey sic dAAag iocobuvduous alrr@y pé &mA& pilika.

re elve BuvaTov TaC TolaUTag Trapa-

2 = )

O Seifwuev 611 \'A VB \ AT 4 i ”__I (1)

e

av elvar A)O kai 10 A*—B elvan (Tandvv TE TCUYOJVOV) goTo =[".

AidT1, &v Bfowpsy

8& Exoopev, Uyolvres T& foa elg TO TeTpdywvov

NTAC QUTAG KoTa peAn,” eUploxopev
A \J—-Go. (?)

HEAT T&C eUTdc lodTnTac eUpiokopey

u
-_7_8 4.‘+‘m i V.B=2V we:

B- 4'%«3, Kal oUtw Eyopey W-tw=A, *wor—
a

‘Emropévoos of Tipad Téw W kad w 8¢ elvar ai pifai &

= B i e R e e LY . T A
Pabuot x*—Ax+ — =0, evanr & ofred of —TY 2 IR, \';—-B——.
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224 N. Zaxekdlapiow

‘Erreibhy Umetédn A'—B—T?, 76 \'A'—B=T, Emetca &71 8& elvan
AT A : 3
Y= ——1 ==-—— ETToutvwg EXOUEV

Comerh ol el
VALVE =V viVo=\["7 £ \/5o"
Kord tabra, Bid THy TOpacTSOIY V' 61V32 &youev
A—=6, B=32, A*—B=36--32=—A4=—2"=1" xai
a6 e 6D e e
Vet 32—*—\_-‘ i e Y s 3 \ iy Ak &
“EoTe dxépn 1) TapdoTaoic V23,
'Elven A=—2, B—3, A'—B—4 3—1:=—[". ‘Emopévwe 0& EYOHEY

VEE A\ +\ 2 s D)

'Aonnoerg

441, Tpéyerte Tas KT TapaoTaoes s EAASS Eyovcas XTTAL prlika:

o NI VNS VSRS o) NereraE

P | e ey ‘ .';' G-' 1 Y -'_VT'_-_--:-

&) \2atoya—p o) Vel p—2Vap i \( s e
1) Vxtxe—2xV v ey V3+V5:

‘,?&IZQEEIE ME PIZIKA B KAl ANQTEPAX THI B° TAZEQY

§ 200. "Eorw m.X. 1) &ppnToc Efiowoig 5—x=\ x—5, f| émoio
gxer €lc 1O Bv péhog Tng pilikov B T&Eewe pi Urdpprlov Trap&oTooy,
Eyoucav TOV &yvwoTov X.

"Av Uymowpey T& Buo péAn TG el 1O TeTp&y VoV, sUpioKOpEV
(5—x)'=x—>5, f omoix elvan iooBUvapoc w¢ Ty (x—3)—(X—>3)=
At Ty (x—9)(x—5—1)=0, {} TV (x—5) (x—6)=0. AUrtn &= TaG
pilag x=5 kal x=6. Ex ToUTwv updvov f| x=5 EmoAndeUel THv do-
feicaw &icwaty, &V N =6 &moAnfeva THY 5—x= —\'%=5.

’E€lowoic Tig AéyeTal ué retoayovixny olfav # ut gtluedv dev-
régac rdEewg &v (UeTa THY &rraAoigphy TV TTapaVONacTOY, TV
peTagopdy Tév Spwv el TS Ev pEACS kol T &vaywydg) Exn TOU-

Wneiomotr|Onke amé To lvotirouto Eknaibeutikng MoAmikrg
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AdxioTov &v pilikdy (uE Seiktnv 2) xai oUBiv pE Seiktny dvdrtepov
TOU 2, UTro T Strolov Ummépyet 6 dryveoT

"Eotw # &lowoic 44\ x*+5'—y— (1)

Aix va Aowpev aUtny, EmISIKOMEY Ve dToAAcydpey &rd 16
pilikéy, BnAcdn v& elpwpsv ANV Eficwow yowpis pilikév. Tipée
TOUTO &TTOUOVEOVOUEY 5 51 ‘
CWalv gigc AAANVY, T ST

OGrw E&gopev \
YwyoUvtes T& Toa Tal

5. =238 o
1 oTToic éx::l Tag pifag THe

Abovtec v (2) elpiox
gig THv (1) elpioxopsy 6T

‘/<.

"EcTtw &xdun 7 &Eiocw

,JL»L'LO"J'QH{" TO vEov pltl'ﬂ.v

Yol oAl T 1

Kl METG TGG Trpdaelg kal TT)

Al pilon Todrrne elvon 4 Kci 8-} @ETCL' £¢ S1adoyIKGG ¥=—=4 kad
X
ic Tnv doleicav (3_),5‘ ploxoyey éT1 yovov 1) 4 ‘_ graAn eler,

A 25 A
Lua va ?.'Uﬁ'fuh.ba Eglomotly ue

‘Ex T&VW :xvo:”répog
otlindv B’ zdEewc, dowouovddvouey alid, dote vwolvies td uély
t7ic véag EEicdoews eic ©d Tergdywvoy, va mporvmiy &Elowoic yw-
ols otlixdév: arolovdwc Aoucy iy éElowoy Tavrny xal doxiud-
fouev d&v aif pifac tyc elvar »ai pifar tHg dodelonc.

§ 201. 'Ev yever &&v, Bia va elpwpev &mo Sofsicav dppnTov
tClowov &AANY pnTNY, KEPUK

Y®vov, TOTe 1] TEAIKGG TrpokUTTovga ficwaoig, Exel Tag pilac Tév
tEiocwocwy, K TV © :
TPWTWV HEADY Twv (ToU Bevutépou

oTroicwy
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*EoTeo m.¥. 671 Eyxopev &ficwaoiv TG pop@iic
VAHYBIHVT =0 ¢})
&mwou T& A, B, I mepityouv Toug dyvdoToug TG e§iocoEewe.
Auvdpeba vé edpwpey & aUTiic SAATY prTHY ‘égicoocw cog £Efig:
&d Ty Sobeicay AapPdvousy Ty icodlvaudy e \ A4\ Bl=—\T.
“Yyoovopey T& péAn Tang el TO TETpdywvov kxod eUpiokopev
A+-B12\ ABT—T, kai &vt’ airriic Exopey Ty icoBUvaudy Tng
2y AB!—=I—A—B.
“Yyeovopev T& péAn TalTng, €i¢ TO TeTpdywvov kai elpiokopey THy
4AAB=A*1+-B*+I—2AT+2AB—2BI
A Ty looduvapov Tavrtng A*Bi4-T—2AN—2AB—2BM=0 @)
‘H (2) e Tac pilag Tév EERNc Teoodpwv ElotoEwY
VA+HY B+ =0, VA—VB—/T=0 3
VA—VB+VT=0, VAH B = T'=0 Ly
"Av TToAAaTTAaoi&owpEy TaUTG KaTa péAn eupioxkopev Thv (2).
Mpdypa, Exopev &d Tag dUo TpwTag &K TGV (3) P ToAAaTTACCIC-
ouoOV TGV PEADY TwV A—(\rg-!*\”T_)’z(A-+B—~F)—2\’—§-f:‘=O

fitor  (A—B—I)—2\V Br—=0 @)
M¢ TroAAaTTACCICONOY TGOV WEAGY TGV BUo TeAsuTaiwv &K TGOV
(3) eUploxopev (A—B—I)4-2y BI'=0 (5)

"Ave8t ToMaTmhaoidowuey Kara AN Tég (4) kai (5) elpi-
orouev, TV (2).

“JlaparnpnTtéov 811, &v Exwuev Ty iowotv A=B kal Uydowpey
T& PéAN TG LY. Elg THY piv SYvauy, oTe AcuPdvopsy Thv Av=BY,
ot Exer 1o pilac Tfic A=B povov étav TO u elvan Tep1TTOS dp1Budc,
tvéd &tov 16 p elven EpTiog 1) Av=BH Exe1 Tdg pilag Tiic A—B xkad Tijg
A=—B (Umomifepévou OT1 YprjoipoTroloUuey pévov (TrparyuaTikoug
dAyePpikous &piduolc).

Eic Trepitrreoc xa®’ fiv 16 #v pfAog Sobeions €ficcoewe elvan
0 1) TrpokUTrTovoa EGiowoig, HeTa TNV Uywolv TGOV HeAGY TTic Bobei-
ong elc BUvauv olcwdryroTe, Exel Tag pilag Tiic Sobfeione. AdTrSig va
glvar Y. © SUvapig A fon pe 0, mpémel va elven A=0. &nAadn Taox
pila Tfic A*=0, elve pila xai Tfic A==0, kal dv=1oTPOPWS.

"Eotw 1) tElowois Vx+ 15\ x'=15.
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Yycvouev T& péAn Tne eic TO TeTpdywvov kal eYpioxopey THY
X+15+2V }*+F15% +x=225
fi Thv loodYvauov Talrnc 2V X*+15%'=210—2x 7 Ve ¥+ 15x=105—x
Yycovousv T péAn TorTng el T6 TeTpdycovov kad evpiokopey TNV
X*—15x=11025—210x+x?
fl Ty igodlvapdv Tng 225yx=—11025, xad =49,
Ottouev el T Sobeloaw x=-49 ko eUpioxopey 6T émaindeveTal.

§ 202. «') TevikddTepov, STov Sofeloa Efiowaig elven &ppnoc,
Suvapeha pg Upioeic TAV PEA&Y TNe glg kaTaAARAoUG Suvdpslc v eU-
pwpev £ficwoty, ThHs dmolag f) AUoig va elvar elkohog, GAN alrn Biv

elvan wévToTe icodUvapog Tiic Sobsionc.
4

“Eote .. ) éEicwaig \"_)(TBE+)(+3:>(+5:

"ATropovdovopey T pilikdy kol elpiokopev \ x—3=2.

Yyovouey T& fox elg THv 4nv Svau xal ebpiokopev Xx—3—=16
Kot y=19.

Tpémer va Béowpey x=19 elg THv Sobeioav Eficwov Sik va [35—
PatwBduev, &v elvan pifar alrriic 16 19. Tpdyuamt TrapaTnpoie
sl X=19 &mraAnBever kai Ty Sofeioav Eigwav. g

%) 'Aoxnnoetg
442‘,}3* AuBolv al &mdpevan tfiodoeis:
. '3 3
R N & N x8i—28 P~ 3 y)\:4\ 40—=10
" 3 Vx 7 B V3x X
5) Vx+9=5Vx—3 ¢) \ 10)(-"4w\r Tx+11
443. "Opoiws oi i&fs iEiowosis:
3 i e, F— 5 Fr it S p 5 ( oo e S b T
L o) V324 x'=16—V x! B \/ ; . boak Sk o Y) VN 5=\5
5') \'x+20 —\fx?i—za &) X FI5—7=7-—x—13
: 3 % Rl Y=
sy Ya=3_ Vil K
Vx+3 Vx—2 I

CE4 N Avbody o trdpevcn Hiodoss:

LN T 9 V Vx—<+V; )(—?’ 2 Bea-p
N VetV +VeaVe=Vx ) o
¥) VXF3x+10—x=2 8) 6x—\ Gx+9 (12x-23)'—4
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&) VxFT—VxF51—=2 or') V%16 1+V29%—9'=15
0) Sx—2 =SV e 7y V8t +15—8Ve—Thy+ 149
8") \ I3+\’r7+\" 3+_\;Xlﬂ ) \‘r l—\[l“')(“‘l'\f ¥==1

3 3 2

3
1) Vx—ot =\ x—a+ \Vxto=L
445. ‘Opoiwx al xdrwh : |
BN A 3r & e 3_ 3{ s !
oY VAUV aE " T BN R RN 2
Y) (—mV I-Px—(@+ox )V I—Px &) Vox—1==44-0,5 ox—0,5. |

MEPI ANTIITPOOON ESIZQIEQN

§ 203. «') ’E€iowoic Tig ut Eva &yvwoTov (Tiig Omolag TO pév
Setrrepov pfAog elvan undév, T& 8¢ TpdTov elvon dxépoiov TTOAUGVU-
pov SrorteTorypévoy Kard Tdg Suvdpeis ToU &yvioTou) Aéyetan &vTi-
oTpogog, &v ol ouvteAeoTad T@Y Spwv Tng, TV dexovTwv ioov
& TV &xpav, gvea foot f &vriBetor (8tav TO ToAudvupov Bev EXT
pecaiov dpov kal elvon &ptiou Pabuoy).

Otrw 7 tEiowoic oy Py -+ Py +a—=0 kodeitan &vrioTpogos ToU
TpiTou Pabuol, kafdg kad ) ay*+-Py*—Px—o—0.

‘H iowoic o+ PY -y X +Bx+o=-0 kai f) ox*-+Px*—Px—o=0
kahoUvTan dvtioTpogol ToU TeETrdpTou PBabued.

Mapornpntéov &T1, &v elg elowow &vrioTpogov Tr.X. elg Thv

ax*+By+HYX 4 Px+o=0 TebH % émou ¥, kal daroAsiywpev ToUg
P ]
g

TIGPOVOUQOTAS TTC TrPOKUTTTOUOTC Bt ek b = -+ a=0

oS A S S ;

TpoKUTTTEl 1] GpXirdds Sofeloa E€iowonc.

Ex ToUrou Emetcn &mi, &v Efiowoic dvtioTpogog E£xn pifov
&piBudv Tve, 8& Exn pilav kai T& &vtioTpogov ToU &pifpol avrou.

O& Bei€wpev kaTwTépw &T1, 1) AVUCIC TOV QUTICTPOPUV EEITWTEWY
TpiTou, TeTdpToU Kol TréPTTTOU PaBpol dvdyeTan gig THY Avow egioco-
oewv B’ Pabuct.

p) Ak v& Alowpev ThHy o *-+Bx*+Px+o=0, TapaTnpoupev
&1, &tav Y= —1 &moAndeleTar. “Apa T mpidTOV pEAog TaUTNG Siaxt-

* ‘H fwora Tiis dvTioTpdgou Efiomorws dgeldeTon xupiws ls TOv A. De
Moivre (1667—1754), TéAdov paBnpomkdv, petavdotny els Aovbivov.
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peltan  Six ToU (x+1). "Av éxTeAéowpev TV Swxdpeowv  Tol
ax*+-Px -+ Px+a 8ia ToU ¥+ 1 ,ebpiokopev rnAikoy 16 oy’ + (B—a)x-+a.

‘Eropéveog Eyousv

ax*+Px*+Px+a=(x+1) (' + (B—e)x+)=0.

‘H pia pifa Tfic dobeiong &Siochoews elvan pogovéis 1y x=—1,
ol 8¢ SUo GAAc 6& sUpeBolv, &v AUcwpev Thv &iowaoty ToU Seutépou
BaBuol oy’ (P—a)x+a=0.

Y') fix va Avowpev Ty Eflowov ay'4-Px —Px—a=0, Toapa-
TnpoUuev OT1, émoAnfeleTon i x=1. "Apax TO6 TpdTov péAog o-
Thc Sronpeltan S x—1. "Av k&uwpev v Siaipeoiv, edpiokopev 8T

e P —Bx—a=(x—1) [ox*+(x+B)x+a]

Elven @avepdv 6T1 1) pev pia pila Tijc Sebeiong eSiodoewg elven
7l x=1, ai 8¢ dUo &AAca B slpeBolv, &v AUowpey THv Eiowoiv Tol
Seutépou Paduol o+ (a+-Bx+a—0.

8°) "Eorw § iowaoic ay'4-Py —px—a=0.

Fp&porey atrmiy éx e a(x'—1)+Bx (¢ —1)—0

i a(—10C-HDHBXOC—D=0 # OC—Ia(+1)+-Px]=0.

Eivan @ovepov 611 SUo pev pilon Ttairng, &pa kai Tfic Sebeiong,
8& eUpeoliv ex Tijc AUoewe Tic é6iocoews ¥ —1=0, ai 8¢ 8Uo &AAax
£k Tic AUgewcg TTg e€iowoews a(y*+1)+Px=0.

‘H mrpodTn &xel pilac Tac 1 kad —1.
£') "Eortw 7 &lowoic ax' B +yx +Bx+o=0. (1)
AxipoUpey T& péAn auTiis Sic ToU ¥* (UtroférovTes TG TIMGG

100 X40) Kai epioxouey  oo¢HBX Y+ B4 -0

X
A a(x+ o )HB(x+ 3 JHr=0 @
Ottopev ™ X+ )12 =\, OTe (X‘T' % ):;W" X —; +2—y?

i At X
kai X+ % =\t —2,
"Av dvrikaTagTiiowusy i THY Eflocwow (2) Tag Tipde TV

X+ 1_ Kai ¥4 -)lz’ eUpiokopey a(y'—2)+4-Py+y=0, 1 omoia elve

Ve

* '"H dvnikardoTaois X-- —;—(- = EyéveTo TO Tp&dToV Umd ToU M&AAou Lia-

grange, 16 5t Svopa dvriorgopos EEiowais dgeideton el Tov Euler (1707-1781,
BaoiAelz, BepoAivov, Merpolmenis).
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B’ PaBuol g pds . "Av AUcwpsv Thy Eficwotv aUTrv, eUpioxopev
v ytver BUo Tiuds ToU , Tag dmoiag &g TTapacTiiowuey i W, Kad .
y = . ~ = o 5 S

AvTikaBioTdpey kéfe plav T@®v Tipdv o Y &g THy X+ e

kol ExOpEV X+ l =\, Kol X+ l =, XX+ 1-—-‘0 x’—x\p,—’—l—o
fitol &vo sglccoomc SeuTépou Baeuou g TTPOS X, TAG o-rro;uq Eav AU-
owpey 8& elpwpev Tag Téooapag pilag Thic Sobeiong E§iocwoecog (1).
ot1’) “Eotw f) &vrioTpogog tgicwoic TéuTTTou PaBucy
o +PX Y+ HBxAa=0.
AU, 6tav Tebi) elg clrriy x=—1 &mwaAnBebercn, Gpo Exel THY
pilav —1 xai 16 o« péAog Tng dicapeiton Six ToU ¥ +-1.
’ExteholvTes Thv Siaipeoiv eUpiokopey TrnAikov.
ax‘+(B—ax*+(e—PB+yIx*+(P—x+<-
ToUro, TiBépevov ioov ut 0, 5idet &vricTpogov £ficwoiv TeTdpToU
Pabpol, Ty omoiav yvepilouey va Aucwuev.
{') "Av Exowuev Tpds Aoty Thv Eficwoiv
o +HPX YR —Y X —Px—a=0,
TwapoTnpoupey 611, avUtn Exel Thv pifav x=1, dpa TO wpddTOoV pEASS
Tng Sicnpeitan Six x—1. To mnAikov Tfic Sionpéoewog TiBépevov icov
pe to 0 &ider v &uricTpogov éSicwaoiv
o'+ (o PIX’+ (a+P+YIX*+ (e+-PIx o0,

| émroia elvan &vTioTpogog &' Pabuol kai yvwpilopey va THv AUcwpev.

MaopadeiypaTa 1. Eotw 1) &iowoig
6x*—35x*+62y)*—35%x+6=0.
Mpéeouey alriv g £6fic: (Urrobérovres Tag Tipds ToU ¥=£0).

6(x"+ _) 35(x+ _) 62—0.
©ttopev X+ ix —, &Te eUpiokouey

6(y*—2)—35¢+62—0, A 6y—35y+50-—0.

B R ] « 10
Al pifan oUrfic elven ad = wed
‘Emropévens ai pilan Tfic Sofeiong E€iowoews 8 evpebolv, &av AU-
owpey Tag E§1000EIC X+ s wod e 10
s 5 X ] X R

A Tac 2x°—5x+2—0 kod 3y*—10x-+3=0.
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*AdlyeBoa (“Exbooic A’, 1950) ' 231

Al pifca ToUTewy elven aif 2 kai %r 3 kai %

"Av& 8Uo of dpifpoi elven &vtioTpogor.
2. "Eore 1§ Elowoic x*+x*+x +x+1=0.
£ >3 g . ?_‘__I_ SN 1 S ]l=

lpdpopev oy olreo: (x , X“) i (x—{— Y) =1=0.

Oftopevy y-+- ;1-:\1;, &1e X-‘T‘%-,:-tp-'-—Z, Kol dvTikabioTddvTeg
GvwTépw sUpiokopey W—2+w+1=0 § yty—1-—0,

Al pifatr aUriic slvan _—1_‘:—\2: e A

"Apa ai pifat Tiic Sobeiong E§iocdoecc 8% elpeBolv & TS AUgewg
&V odoswy 2%+ (1—\ 5)x+2=0

2x*+(1+V 5)x+2=0.

‘Acunoste

446. N& AuBolv ol xé&rwb: ifiodaoers:

o) XX +x-+1=0 B) x*+-x'—x—1=0 Y) X3¢43xF-1=0

&) X3 3y—-1=0 €) XX H2X+1=0 o) x*—3yx—3y+1=0

£) x*—2x*2x—1=—0 n) 3T —Tx+3=0  8) 2x'+5x°5x—2—0 ‘
1) Sx*+26%"—26x—5=0 ') ¥ —4x*+4x—1=0 ;
R e e e Gt 1Y) 3X P29 +x+-3=0 "
18) 23— 17 +2— 1€ ) X' —5x°+8x*—5x+1=0 |

10T) X'--2x° 2% —2x+-1=0. 1

447. "Opolcos v& AuBolv al kdrwh Eiodoes: j
i

I

; R co 8 by e D618 AL

8 LD — 1813 ) X135 7mg LBE oo vre e
3 iR 0w o) At &) A e 5 Sl L
CEH1IGET1) 15 et s 2 i e R

ESIZQYEIZ AIQNYMOI

§ 204. "Eorw 1) &lowoig x'—1=0. "Avt’ aliriic Eyouev T ico-
duvapov y'=1. TMaparnpolpey &1t olrn Exel Wpopawéc THY pilav
x=1, Exa1 8¢ xai ™ —1, &iom (—1)'=l.

“Eotw 1| x*+1-=0. Oecopoluev v looblvaudy Tng X=—1.
TMaparnpolpey 671 7 —1 elvan pila Tiig &iooew, Emeidn (—1 )= —1.
‘Exdorn tév dvwTépw tficworwy Eyousa Slo Spouc eic TO o wéhoc
N6 (ToU B’ pérousg Svrog 0), kadolvtan deddvvuor Ewodiosic.
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232 N. Saxelhapiov

*E€iowow Sicovupoy kohoUuev &v yéver piov €€lowoiv g TTPoS
fva &yvewoTov LY. TOV X, &v Exn woévov BUo Spoug elc 70 o' péAog
¢ (ToU B'. UoTebeuévou 0). TTaoa Siovupos tElowoig elvan T vop-
ofic o +Px*=0. X 1)
émou kA elvon &pifuol képator kol Betikof, (o, P=A0) TparypoT-
kol. ’E&v elvan k)N yp&pouey thy (1) éc &fig x* (e +B)—0.

ASTn Ee Thy pilov x=0 kai T&g pilag Tfic o *+P=0.

Ofropev TpOG eUKOAlow K—A=V, —% —y kol oUTw EXouEV THY
tElowaw Y==Y.

Aid Thv Aow ToiTng Tapatnpoluey &Ti:

«) "Av TO v elvan &pTiog GpiBudg, ) iowaig Exel TOUAGY10TOV
suo pilag (parypaTikde), &v elvan ¥)0.

MidT, Gc yvwoTdy, &v .. TeBf v=2A,, B& Excouev SIhE
*ANN oqUTT) TTPOKUTTTEL &TTO THY x"==\-r)7, &v T péAn ToUTng Uwoo-
cwuev gl TO TeTpdywvov. “Apa Exel Tag pilag TS =\ vy xad Tiig

yi=—\"y. Ot ai pilen 7Tiic x'=Yy eva a x=Vy= Vv,

2, v
X—=— [ Y=y, & 76 ¥)0 kai 16 v=2A, (&pTi0g)-

AN &v elvan y(0 ) &iowoig ¥ =y Stv Exel rkapuiov TpoyuoTi-
kv pilav. Tlpdyuorn, maparnpoUuev OTL, tv 6ow TO v glvon &pTiog
&piBuée, xomev (—ixI)=Ixl* >O-

B')"Av 1o v elvan &piBudc TrEpITTOS kal 16 ¥)0, i t€lowaoic Exer
povov Betikiv pilav, émeadh maoa Buvapic &piduoy peé ExPETny TEpIT-
Tov &pifudv Exer TO ofjua ToU &pi1fuol. ‘Emopeveag pdvov BeTikdg
&piBuds Uyolpevog eig TNV viooThHv TrEpITTHV SUvauiy 5idel £Eoryope-
vov GeTikdy, dnAadh 1) &iowol; Exel plav TRy UOTIKNY pilav Thv

\ 7y sc v mepitrroooty oy, “Edw elvan ¥{0, 1) E§iowaoig Exel povov
dpvnTikiy pilav, Bidmt &v Tedi) 16 —x, G&vti ToU ¥, B& Exeouev
E) e 0N ==

Ot EmavhABousv eig THv Trponyoudévnv mepimTwoly, 10T
fvan —y)0, f & Eiowaig (x,)*=—=—y Exg uiav pdvoY TPy HaTl-

kfv pilav TV \ =y, &pat Sobeioa Egicwaig Exer THY pifov = Ny

MapadeiypaTa b ‘H &lowaig xi—1=0 €xe1 pilog Tparypa-
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"Alvefloa (“Exdooic A’, 1950)

TIK&E) Tag X—+1, &pa 6 ¥*—1 Srcupeiten S1& Tol (x-+1)(x—1)=y"—1.
"ExtedoUvtes v Siaipeciv x*—1 &1& ToU x*—1, ebploxouev mnAikov
X' X1 "Apax ai &\Aat pilon TTig Sobelone eSiochoewg 6& ebpedolv
€K TTic AUoewg THig SiteTparyovou EE10coEews Y +¥X -+ 1=0, Tijc omoiag
af pifea elven pavraoTikal.

32. ‘H &lowoic y*+8=0 Exer upiav pilov (TpoypoTikny) THY

X=V—8=—2. "Apx 10 ¥*+8 Sicapeiton ik ToU x+2. TS mnAixov
Tic Sipécews aUtiic elvan x*—2x-+4. "Apa ol &\Aai pilon Tig
Sobelone ESiodoeog B eUpefolv &k Tiig Alcewg T E§lotoEwg
X —2x+4=0.
3. *H &§iowoig x'+16=—0, f) x'=-—16 Bev Exa pilav (mpoypaTi-
kny), medn dptia SUvauig dAyePpixol (TrporyuaTikol) &piBuod elvan
- apifpog BeTikde.

‘Aoxnoetrg

448. N& AuvBolv ol kdrwb &Siocoeis:
a’) y3+343—0 ) 81250 Y k3310
1

oGy SR Ot
ey G R T e i
o iy [ B :
et Lok <l——23;:36.

o 7
449. N& Aubouv ol xaTwd £§510wW0ES
S LR LS b (i 2y =0 . py e b0 e El2 S

ﬂ) X*(x = )(X =i )+ X (X T I = b 96 _SXn“‘ 4 F‘T‘

450. ‘Opoics ol xkdrwbd :

i 1 ; 1 bRy e y Rk e e (=)=t

5 g e ‘r'lja—__—é(x) EOES oy )=yt = =1

YY) x'*+1=0 (ypbyore ' 2x'4-1—2x'=0) &) x°+1024=0 ') x* +i=0

ot') x*+729—0 ) xvHEI=0 ) xHl=0 @) xwtl=0
1) x'+256—=0 (Géocre x=—4y) 1) ¥5+3125=0 1P w1 —0
) x+1=—0 187) x'+14641—0 ') x41=0.

ESIEQIEIE MPQTOY KAl AEYTEPOY BAOMOY
QY POL THN AMOAYTON TIMHN TOY AINQITOY

205. ') “Eotw Trpog AUow 1) Eficwoic 3ly|—5=0, &mou |¥|
2 X Xl

TEPICTAVEL TTIV STOAUTOV TIUTV ToU &yvaoTou ¥, Tol omolou {nTol-
pev vax eUpoopey TaG TIHGS, Tag emaAnfevolsas Thv Sofeioav éfiowoiv.
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234 N. Eaxeilagionv

’Exk  Tfc Bofeiong EEiocioewc Eyoupev TNV lcodlvapov oUTig

v

3Ix|==5, Kka Ix'=—§- ‘H T xf:-%s graAnfeva THv Sobsicav koBdg
5

kad 1 X=—£n 81611 il—g—i=

- "Qote 1) dofifica Exar pilag Tag

3
5 . > % Vo 55 5 . . .
—_l—?r ToUTag & Exel kad 1) (xﬂ -3—)()(+ ?)=0, Etropéveog 1) So-
feiox elven ioodUvauog pg THv (x— %)(X-%- %)=O i T X'= 235
"Eoto 1) &lowoig afy|+p=0 (1), (e PF0).
"Av a, B elvan dpdonpor, &te a.p)0, TOTE TO TpddTOV PEAOS THG
(1) elvan (wévToTe) BeTikdv Ay &pvnTikdy, fitor 540, &mopévog 7 (1)
oUdspiav AUoly Exet ¢ TPOS Y.
"Av elvar of(0, 6& Excouev & e (1), iXI=— 2)0.
o 2 = : . BB
OUtw 1 (1) (Bawv QBFO) e pifoc T&¢ — - kai -
igoblvauog pe TNV X’=%-

Map&derypa. o) Eorw 7 &lowoic — 4{x|-+12=0.

"Exopev o=—4, B=12, af=—48(0, &px 7| £ficwoic Exa Tag
pifac X,=3, Xx.——3 kai elven iooBUvapog pé ThHy ¥*=3°.

p") "Eotw 1rpdc AUy 1) Eicwoic alx|+Bx+y=0, (=, B, y=£0) (2).

"Av O8Awpev va elvon ¥)0, Emeidn [x[=x, f1 (2) yp&eeTon xai

otte axtBxty—0 (2), & Tic émolas epioxouy x—
(&v elven o+-P=£0). OUreo Exopev AUowv BeTikiy, &v sivenr — —_G—T—ﬂ >0,

A g €O A y(atBXO.
"Av BfAwpev va slvan x{0, ToTe Emeldn [Xl=—x, N1 (2) ypageTau

ol —ax+Px+y=0 (2""), & Tic dmolag eUpioropey x—= — L

p—a
(&v p—a=£0) kad Exouev picv Aoy, &v elvar — 13%0( {0, 1 —r(P—x){0,
i ¥ (B—))0.
"Apa, &v as£A—P kai y(ai+PX0, 7 (@) Ea pilav TV
x,=~—E-_T_—ﬂ)O, &v & elvar y(B—x))0, ToTe Eyet THY X.— — ﬁia’ &v
a=£p. "Av a=f, ToTe Exel pilov THV X=— a‘i-)o.
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"AlvyeBoa ("Exbooic A’, 1950) 235

HapaThpnoic Ak x=—0, 7 (2) s emoAnfeleTan, &v elvan
¥70. "Av y=0, B=1 1 (2) yiveten aixi-Hx=0 (3), xai ?xi=—%!

GAN &meidn elvan [yj=Y, 6tav efven %20 xai [x|==—x &tav even x(0,
X X

emeron STt 1) jy|—— - Qvdyeran &g T x=— = PtV KT THY o

mepirrwoy (x)0), sic v X:% 8¢ kora TV B (x(0), Eouv

8" aUron povov piloav x=0, &v elven o’s£1. "Av a— +1 TéTe 7
}xf=—--§ YiveTan [xj=—x kai Exer pifov TEoav dpynTikAY TIuHY TOU
X ki TNy x=0. "Av a=—1 Eouev |x|—x xai adTn EmaAnfeteTar Six
nw&oav GeTiknv TIpMY ToU ¥ kad Si& x=0.

HapadeiyuaTa. 1. *Eorw 1] tEicwoic 20x|+3x—4=0.

“Exopev =2, B=3, y——4, ¥ (a+p)=—20¢0.

"Apa 1) &lowoic Exal TV pilav - x— T;’é_mfi;

2. "Eotw ) &lowoic —2|x|-+x-+1=0.

Elven a=—2, B=1, y=1, y(at+p)=1(—2-+1)=—1, apo

X1 +1 elven pifa Thic Elowoewe. "AM’ gven kal

Y(P—)—=1(1+2)=3, épa x—— -%— elvan pife T1ig Eflodoews.

AYEIZ THI ESIIQIEQL THI MOPOHE |x|"--2Blx|--y=0 (B, y=£0)

§ 206. Aix T AUoiv TG dveoTépw E1ocioEcac BéToEy [X|=0 kad
eUpioxouey w*+2Bwty=—0, w={x/=—B-+\ P —y. “lva aln kai §) So-
Seioa &iowoic Exn Ao TrpoarypaTikdy, pémel Br—y)0 Emi mAdov
8t va elvan —B+\ B —y)0, &te Exopev Téooapag pilag évd Svo du-
TifeToue. Aidt, &v Tebf —B-+\ B—y=x,)0, rad —B—V P—y=x,)0;
al pifon Tfic Sobeiong ticdiorwe elvar of x,=x, X, =—k,, Y=1c,

=—xK,.
i "Av B—y—0 xad —B)0 Exopev [Xl=—B, xad of x,=—B, x,=B,
elvan pifon T Sobelone Eicdoecos.

Hapadeiyuata 1. *Eotw | &lowoig [x|*—8/x|+7=0.

Evpioxopev [x|=4+\ 4°—7—4+3, #ror XI=T7 xal Ixl=1, &pax
X1, Xe—=—T1, Xs=1, X,—=—1, slvan pilcn Tfic Sobsionc icdoecc.
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236 N. Eaxeklapiov

2. "EoTw 1 Elowaoig [y *—10[x|—24=0. |
x|=5+V 25+24=5+7, fitor [x|=12, Ix|= —2. OUrw Eyopsv povov |

8o pilac Tag ¥, =12, X,=—= —12, 81671 7 yj==—2 elvaa &Bdvaroc.
3 *Eotw # &ilowoic [y|*+ 10| +24=0, ix|=—5+\ 25-24——5-t1,
&pa TpoxiTrTel Y= —4, [x|=—6, xai 7 Eficwoic Bev Exel piCav.

TolUTo Biaxpivel Tig duéows, B16TI TO TrpédTov pdhog Thig EElocogEng
elven BeTikdv Bi& Tloav Ty ToU ¥ (TPt HOTIKNV).

Mapathpnois Kok t& &uotépem Suvdpeba va eUpwpev
kol TV AUGIY GUOTTHET®Y, EXOVTWY &TTOAUTOUS TIPGG TV &yvo-
CTWV TWV.

'‘Aonnoetlg
451, N& etpsbotv ol pllon Tév xé&rwb Eiodoewy:
o) Ax—T=0  B) —6IX+5—0 ¥) FX=—1 B 2ixi+Tx-3==0

) xl4xt4=0 o) X420
452, Né AuBiolv ol xérwb Eiodoers:
o) [x*=5IxI—3=0 B IXP—SixI+6=0 ¥ 4ixI’—5ixi—1=0
5) I ixi—2=0.
453, *E€erdooTe THv Eicwow ofxi+x-Hy=0, (ay5:0). TapaTNPOUVTES
& elven ofxl=—0r+x%): X=X

IYITHMATA AEYTEPOY KAl ANQTEPOY BAOMOY

§ 207. KodoUpev oUoTtnua (&§iowoewv) desvtégov Baduod,
16 droTeAoUpevoy &ro plav tficwow B’ PoabBpol xod &o  olovdi)-
moTe &piBudy Eiocoewy o Padpol Tpog foapifpous dyveoToug
TGV EE10CICERY TOV.

“Eotw Tpdc AUow TO ovoTnua P’ Paduol x—w=5, xy=——4.

Ex Tfic o ToUTtwv Eyousv y=x—5, elodyovTec B¢ THV Tiufv
aTh eic THY B’ AcpPdvopey ¥ (x—5)==— 4, & Tiic dOmoiag edpiokousv
Thv loodlvapov Tng X*—5x+4=0. AvovTeg TaTnV sUupiokopsv x=1,
x= 4. "AvTikabroTduey T&G TGS aUTdg elg THY y=—x—>5 kai eUpioxo-
pev w=—4, y=—1. “Qorte ai Tpad TGOV &yvdoTwv elven =1
kol 4, y——4 xkal —1.

Ex &y dveTépw Tapotnpolpey, 611 &tav Exwupey oUTTIU B’
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BaBuol pe dlo é€ioworc kol BUo dryvdoToug, AUoUEV ¢ TIPOGC TOV
gva ayvewoTov Ty tlicwov ToU o« Pobupol, dvtikabioTdvres 88 Ty
TN ctnv i THv SAANY &iocwoty, dydueba gic THv Aoy E§iowoemng
Seutépou PabfpoU pé Eva &yvwoTov. Meta v Aoy Tig &§iowoewg
aUTTiC EUpioKoUEY TAC TINGG Kal ToU dAAou &yvaoTou.

"Ev yével, v Eywpev ovotnua B’ Pobuol, pé v Eodoeg kal v
Xy VWOTOUS, EUpIOKOUEY oUoTnua icoduvapov pé 1o Sobiv kol elkohw-
Tepov TTpoG Auciv ¢ £Efic. Avopev Tag (v—1) &§iocwoeig 1ol ouoTn-
porog, ef omrolan sivon’a” PaBpol, cog wpog povov Toug v—1 dyvdoToug
oUroU Kai EUpIoKOPEV TAE TIPOC povov Ty v—1 dyvooTwv, tkopo-
lopévag oUVapTToEl TTIG CTOMEVOUOTIC &Y VWoToV, E0Tw TS X.

*AxoAoubcog elodyopsy TG TIpog T&Y v—1 dyvwoTwy g Thv
povadiknv Eficwotv B’ Paduol ToU 8obévrtoc cuoTiuaTos, Olrw 84
eUpely) iocoBUvapoc Taltng B’ Pabuol g mpog ¥, 1) Smola Avopévn
8ide1 1&g Tipdg ToU ¥. TAvtikaBioTdpey TAG oUTe eUpIoKOUEVOS TGS
ToU ¥ el Tag Exppdaoeic TV v—1 &AAwv dyvooTwy, kal 8& elpwpey
Kal TaC TIHGG TOUTWV.

Hapabdeiyuata. 1. "Eotw 1o ovoTnua X-Hy=a, xy=y. (1)

"Ex Tfic podTng TV ES10oEmy sUplokopey \pe=a—y (2). Elod-
yovTeg Thv Tiufv oUtiy ToU W eig TNy deutépav Tév Efiowoewv (1)
sUpiokopey ¥ (a—x )=y f| X’—ox—y=0 (3). ‘H &iowoig (3) éxa é&v
yéver dUo pilag Eotw TAG X,, X.- OfTouev &uTi ToU ¥ TAG TIMGAG TOU
gl THv éCicwoiv (2) kai eUpiokopev, &v yével, SUo Tiude Sid TO ),
fiTol Tag We=o—Y¥,=V,, W=a—x,—,. OUtw Exopev &Uo Jeuyn Aloewv
ToU JofévTog ouoTNUOTOG TX X=X.» Y=—0—),=V, Kal ¥=X,,
) et R o

Emra1dn) Spwe elvar (Bveka s (3)), X, +HX.—a, EmeTan &
O—X=Xa. X=X, Gpa T {ebyn Tév AUcewv ToU (1) elvan T&
X=Xo =Xz K&t X=Xar Y=X,-

2. "Eorew 16 oliotnua x—y=PB, xy=y (1"). EUploxkopev w=x—0B,
kal elo&yovres THy Tipny oty ToU W elg Ty B’ Tédv (1), ebpi-
okopev X —Px—y=>0- @Y

‘H éEicwoig ot Exer év yéver BUo pilag E0Tw TAS X=X.1 X=Xu
gmopfvog Exopev X=X, W=x,—PB xad yx=¥. wv=x.—P.

Emreidn, dveka Tiig (2'), elvan ¥, +x.—P, epiokopev o1t T {ebyn
Tédv Adgewv Tou (1) elvan T& ¥=X,, Y—=—X, kal X=X., Y= —X,.
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238 N. Eaxeldlapiov

*Eotw 10 oVortnua Y +yi—p=0,  ax-+pPy-+y=0. ¢))
“YrroBtouey B0 kai ebploxopey & Tiic B’ ToU (1) yw—— Y+T“X (2)

Eio&yopey Thy Tipfiy abrfv elg v o 1év (1) xal ebpioxopey
(e +P?)x*+ 2y x+y*—Pp*=0. 3)
“lva of pilen T (3) elvon mpoypomikad, Trpémel va Eyowpev
@y — (@B (Y —Bp) >0 Ay < (@ Hppr
’Edw TrAnpolUTan 1) ouvlnkn aUtn, 8& elpwopsv SUo Tiudg ToU
¥, TIPOYMOTIKAG, £0TW TAS X, Xa» Kol dxoholfeg BUo Tipdg Tob W,
fiTor 8& Sywpev T& £Efig lelyn AUoewv ToU (1)

X—Kur ijqj_‘.ﬁ_ﬂ Ko X=Nas q;=_3x“;_3’,

T& dmoia mepiopilovTan &g v pdvov, &v elvan y'—(c*+p*)p".
"Av of pilaa THc (3) elvan @avraoTikai, 8& cupPaivny TO aUTd
kad &1 Tag Tipde ToU .
¥yt w=14
4. "Eotw 16 oUomnux { X +y +w= 6 ¢S
¥sgnto=0
’Ex TGV BUo TeAeuTadwy EEicoewy sUkoAws sUpiokopev 2y=6,
&pa y=13, &6Te & 7T Y TV Bobeio®dv w=3—X.
Elodyovreg Tde Tinde TV W kol w &g ThHy TpdThv Té@Y (1),
eUploxopey X+H9+(G—x)»=14 f x—3x+2=0. (2)
’Ex Ttaitne eUplokopey =1, x=2.
OUrw siploxopev dxoroUBwe w=—2, w=—1, kol Exopev Toc EEfg
Tp1&8ag AUctwv ToU (1) y=1, y=3, w=2 rai x==2, y=3, w=I1.

'Aonnoetrg

454. N& Aubolv T& cuoThiuaTa:

) | 12xp 1395 ERR . | (Y @xH39)-—180
| 4y — 39— 1% | Xiop— 3
¥y | Xoxypels gy @0 =3l
L Xy =125 1 X—4-p== 9
oy | XH20W20 =0 .y | Xp—TOx—)+3—0
| X =1 { 2x—y =0
X($-H1)+4=0 5 sl lmv—w X
0 { Soxdirio—o 7 SRt 8 B
¢ Y Wmo +1=0
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240 N. Zazxehkagiov

9.y PRIl N XXyl
2 | (s )52 BY | et w)i(x—y)—83
¥ [ (XH2)=—xw : x "'W J(x-+w)=1080
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§ 208. ‘H Aoig ovortnudrwv B’ 1) kal dvwTépou Pabuol dva-
yeTan g gl TO TAsioTov £l TNV AUoiv éflcmotwy o kol B’ Babuod,
&AA& Biv Umrdpyer wpiopévog xavav Sia Ty AVow. Qg &l 10 TrAsi-
orov EmBikeTan ) AUCIC TAY ATAOUCTEPWY £k TAV E510WCEWY g
Tpog &p1fudv Tva &yvoTwy ouvapTroel TGV Aormrdv. Tdag oUto
EUPIOKOPEVaGC Tinag avTikaBioTddpey eig Tag Aoirag £Eiocyoelg Kal &mi-
Bicoxopey va eUpepev piov povov Eficwow B’ PaduolU pi Eva dryvw-
oTov, TNV Omoiav Buvdueba va AUcwpev, &Te BisUKOAUVETOL Kol 1)
EUPECIC TWV TIMGV TV ACITTOV XyVWoTwV.

Mapadeiypata 1. *Eorw Tpdc Aowv t6 ouoTnua
Fatuniintye
. t X+ =3.
Ex T Seutépag elpiokopev w=3—y. Eicdyovtes THv Tiuny oU-
Thv ToU W glg TV TpwTnVv £ficwotv, eUpiokopey,
Yt GB—x)—2x*—3+x=9 A v 11y —26x+15=0. Avovrec aUThv
eUpiokopey Y=1, X:i—?a drohoufewg Bt elUpiokopey ke Wy—2, W= '}?
15 18

OUro Exouev 1& £Efic lebyn x=1, Xx—173* ¥v=2, ¥—13-

2. "Eoto 10 gUotnux YHyi=a?, xy—=Pp".

Mmmhaoidlopsy T& pfAn TTG SeuTépag kad Exopev 2yyw=—2p°.

TMpocBéTopey kKaTa pEAn THv TTpw Ty Sofeiody kal THv 2yy—2p°
&te eUpilokopev (X+y)'=c+B?. *AgaipoUpey &md TG TPWTNG TEV
Bofeiodov T WpEAT TTC 2xw—2P?, xai eUpiokopsv (X—wy)'=o—2P*
dxohoUBuog evpiokopey X+y—=\ ad+-2p?, x—y—=\ o —2p*, & ToU-
Twv eUpioxopey XZ% (=V o +2p =V a*—2p%)

1 r ey :
y= 75 (= 2P+ —2p°).
"EvioTe eig cUoTrnua Blo é€iocworwy pé Slo &yvooTous B’ Paduol
TTpog KobEva TGV dyvwoTwy, o cuvTeAsoTal TGV 6pwv ToU B’ Pabuol
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"AlvyeBea ("Exdoowg A, 1950) )

@€ TTPOE ToUc &yvaToug Exouv Tov aUTov Aoyov. Tote Six koTaA-
AfAou doradoiefic Tév lcoPafuicv TolTwy SUVAMEWY TGV Yy -
oTwv, eupiokopev t€icwo o PaBuol dg Tpdg Toug duo dyvwoTou.
AUTh pt ploav T®v Sobeiody Efiodoewy TOU oUCTNUATOC GTOTEAOUV
oUoTnpa B’ BaBuoU g Trpds Toug dyvaoToug ToU SobtvTog ouaTh-
paros. OFrw f AUcic ToU Sofévtog ouoTruaTog dudyetal EvioTe &lg
THv AUoiv &rAouoTépou ouoTruaTog B’ Pafipol.

MapadeiypaTta. 1. *Eortw mpods AUCIV TO oUOTNHHX

3y*— Syy+ 4y— 8y+Ty—= 8
{ Oy —15yyw+ 1297 11—3y—=12.

*Atraisipopey TO ¥ peTafU T&V SUo Efiocoewy, kai eUpioxopey
35%—24w— —12, 1) dmolar pé picv TGV Sobeioddv &moTedolv oUoTnua
Seurépou Paduol @ TRdS X\, TO dmoiov AUETal KOTQ T& &V TEPW.

2. Eotw TO oUoTnux I ¥ +2)y—6y'=208

i Xy—2y= 16.
AiipoUvTeg Tag E§lowoelc ToU CUGTNUOTOC KoTd WEAT eUpi-
14 X s o) ?<___6

Y24 2xyp—6y? 208 .. SRR = 26,
PUOHEY: = ST o . ——— : -
g Xy—2y" 16 3 X _9 2

\P

‘H éficwoig ol siven B’ Pafuol dog mpog :.,, AUovTeg aU-
TNV eUpioKOPEV TIUGG TOU :— &po Buvdipeba va EKPPATWUEY TO Y TI.Y.
ouvapThoel ToU ¥, kai dkoloUBuwg 7 oUTtw eUpiokoutvn TpwToPa-
Buioc E€icwolc ¢ TPoOS X, W HE piav T@v dofeiody, &roTeAOUV OU-
onua SeuTépou PBaduol g TPOS ¥, W, TO Omolov AUeTal KoTX Ta
AVWTEPW.

3. Eotw 16 ovornux Y +w=9, x+y—3. Yyolvreg T péAn
Tfic P’ EEiodoews eig TV TpiTny Slvapv elpioxouey

X*+3x w3y =217,

“Eveka Thig TpodTng TV Sofeio®dv 1) duwTépw yivetal
3y (x+y)=27—9=18 kai Evexa Tfic Seutépag TGV Bobeiody Xy=2.
AUTh pe Ty Seutépav T@v Bobeio®y dmoTeAolv cuoTnua B’ BaBuol
¢ TPOS X, Y, TO OTTolov AUETO KaTd TA AVGTEPL.

16
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‘Aozfoeug

‘Opds mpdTn. 463. N& Avlolv & cuoThpaTa:
. =14 ) 2 2=—T73 s 3 A
ay | X—x¥ gy X ¥ i3 i.x—l—w

L xy—y*=10 U xy—y'=8 Xy =§§6
y [ XY= xebye=lee L f X2
Vlxe =% D {xy —o m)lgm, =5
[65) f X op+y=121 ) { X +-xy=187
L x*+xy+x= 6l W xp=102
464. ‘Ouolws 7a : 2
oy [x9+9‘+"-‘=135 gy | 4(x+v)' 5 (X+¥)=50 Py R =7
y¥— By 4 | 5(—)*4-6(x—y)=11 Uyl
n | X—y=a N XH=1T N 0% B -
7 [x—w=¥3 D \xty—=13 Tl x+v—p |
R e R e
X — =u U x+v=p

‘Opas devrépa 465 N& Aubolv Ta x&Twd cusThuaT :
20¢4+y)—Tx+w)'=1479
3y —2 —%—an275

ka2 e
Y) e Y __174

| | Xy =21 —\xy .
' )\ yebyr—257 8

| T
: 466. ‘Opofws Té& EE75:
| {x-‘+w"=\fm [ x’—w'-‘=21(x—1w)
: A AT i S MR e TS
| R S g R
| Pelcrarde ot
| 3 A SGTEB
| X:p=40y: (x+3v)
467. ’Emlons T& kéoreobr:
| «y | XHY=973 ay |V xOWxHVyi)=273
| U 9y —T(x+y)—=90—xy 1 XV Xy =364
i‘ T IR B e w e
| X +y =29
g 468. ’Ewions Té:
| Ll byt X'+ —x (y-+-w)=25
W [XTEE gy | w—e ¥ | erbee(eto—Is
Lot | xfy—s Xy —wx+y)— 9
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MPOBAHMATA EZIIQIEQN AEYTEPOY BAOMOY

§ 209. KohoiUpev TpoPAnuaTa Eiocoewy Seutépou PBobuol, T
TpoPAnjuaTa TGV dmoiwy 1] AUcic dvéyetan el ThHv Avcwv Eiow-
gewv T} cucTnudTwv Seutépou Pabpol. Ak Thiv AUowy ToloUTwV
TpoPAnudTwy droloufolipey Tropeiav Opoiav oG ékelvnv, TNV
émrofav fikoAouBrioapey kal S1& THv AUcy TpoPAnuaTwy TéY Efiow-
oewv TpwTov Pabuol.

1) Tivog dotPuod 16 ddgowoua 1ot toimwdaciov ot terga-
ydvov avzod xal 100 SimAdaciov tod dorduot nvEnuévov xara I
lootrar ué 86 ;

AVocic. "Eotw x & InToluevog dpiBuds. "Emedh 10 TeTpdyco-
vov ToU ¥ elvar TO Y, TO pév TPITTAAOIOV TOU TETPOy@vou oUTou Ba
elvanr 3y, 16 8¢ BimAdoiov ToU &piBuoU elvan 7o 2y. ‘Emoptveos O
exoouey Ty E€lowaiv 3y -+ 2y -+ 1=86. AVovTeg Tarrny, ebpiokouey ¥=5
Kol y=—— 23

3

2) Awa zivoc dotBuot moémer va Staipéowucy tov 96, lva
10 mpAixoy Smegfaivy xova 4 ov Sargény;

AUcic. "Av pt ¥ TapacTriowuey ToOv {nToupevov &pibpdv, fa

3 9 » o
Ey ouEey ;6—-)(:4: 1 X*+4x—96=0.

AUovTec oy, sUpiokopev ¥=8 kai y=—12.

3) To yvduevorv 1@y Sowv xhdouaros elvar 120. Of por Ba
foay loot, éav deppeotuev 1 dsrd 1ov magovouactny xal émpooHé-
zouev 1 eic tov dovdunrijv. Ioior elvar of dpor toi xldouarog;

AUocic. Eav pE 10 ¥ mapaoTnowusy Tov &pifunThnv Tol KAG-

; : \ . T T o o
opaTog, & TTapovouaoTig Tov fd elvan = Kol B excopey xfle—I,

A ¥ +x=120—x, A ¥*+2x—120=0 wai & Tfig AUoEws TOUTNG €U-
ploxopev x=10 wal x—=—12. ‘Emopévec oi Spor 1ol xAdoucros b
glvan of 10 xad 12 f§ —12 xai —10.

4) IHotog elvar 6 dotdudc, 100 dmolov za 0,75 atfavéusva

xara 1 Sidouvy rov 16 Sipgnuévov dia rob dorduod, tdv dmoloy
dnoredoty za 0,8 ot {nrovuévov minv 15;

WnepiomotrOnke amé o lvotirouto EknmaibeuTikng MoAmikrg




244 N. Zaxerhhapgiov

AVcic. "Av pt x mapaoTtiowpsy Tov {nToUpsvov &pibudv, B&

» b Sy = 16 . S ) <
exowpsv TNy tlicwoiv 0,15)(--1—-1—--08)(-_-]-v & Thjc Omoixg eUploxo-

5
pev ¥=20 kai X-—-—-—%. =
5) Na stpedotv d¥0 dxéoaror dpitiduol megirroi Stadoyixol
ToLoTToL, dote 1) Stagogd TGV teTgaydvwy adtdv va elvar SO00.
Avoic, "Eoctwoav 2xy—1 kai 2x-+1 oi &dpiBpol olrol. Kord thv
Siotumwow Tol mpoPAfuaTos & Exwuey (2x+1)*—(2x—1)*=8000,
] 8x=8000 xai x=1000.
‘Etroptveog of {nTovpevor &piBuot 6& elvoan 2001 xad 1999.

6) Toeig dotduol elvac davdaloyor tédv 3, 2, 5 »ai 16 ddgot-
cuo TV tergaydvwy avtdv elvar fcov ut 342- yva sdoePoiv oi
douduoi.

AVoic "Av TTapocTriowUEY PE ¥, Y, w Tous {nrouptvouc &pi-
Buols, B Eyowpsv Y +yi-tw =342, ’Emadn 8¢ ol ¥, W kai w elven
dvdhoyor T@v 3, 2 kai 5 8& elvon -é- = %’L=%. ’Ex ToUTou Exouev,
&V TTOPOUTNoWHEY ToUs foous Adyous pE p, X=3.p, y—2.p, w=>5.p.

"AvTikafioT@vTEG Tag TpGag ToUTag eig TNy TpwTny ESicwoy,
eUpiokopev 9p*1-4p°+-25p°=342, & Tijc omolag eUpiokopev p==+3-
dpa oi apifuoi elven of +9° +6° +15.

7) "Eyevudricay 15 droua: of dvdpes éndrjpwoay 360000
doyx. &v 6l mal ai yvvaixes duoiwg 360000 dpy. IIdoot Hoarv
of dvdoes nai mboar al yvvaixes »al néca EEddevoey 6 »adelc,
day wadeuia yvvy Edamdvnoey 20000 bdpy. dliydregoy nadevoc
dvdpdc;

AVUoig. "Eotw x 6 &pibuog Ty &vbpdv, &te 15—y B elven &
apifuog T@Y yuvaiké@v. ‘H Bamdvn xabevog ptv &vdpog 8& elven
360000 2 . _ 360000
e rkaBepide 8¢ yuvaikog G s

Kara v Siarirwoy 1ol mpoPAnuaTtos 6& &ywpev

T =200 20000 f x—51x+270=0 ki =222,

"Ex T&v 8Uo omnueicwov TGOV Tpd ToU 39 &rokAsiopev TO -+, Bi1om
&v EAauPdvopey ToUTo, Ba eiyopev x—45 avdpas, &vdd Gubpes kai yu-
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vaikee fjoav 15. “Qoe eUpioxopey 6 &vdpag kai 15—6—9 yuvaikag.
*AxoAoUficag stpiokopey &1 EkaoTog &vip ESaTTavnoE 360000:6—=60000
Spx. &xd&oTn 8¢ yuvn tdamévnoe 360000:9—40000 SpX.

8) Eic nvxAoy drauérgov 25 u. va éyyoa@i dPoydviov, ToU
6moiov ai mAsvoal va Exovy dragogav 17 u.

AUoig. "Av pé ¥ kol Y TOPOCTIOWHEY T&¢ BixoTdoElg ToU
Spboywviou, B& &ywpev x—y=17, X'+ =251—625.

*Ex THic AUoEwe ToU GUOTTHOTOG TOUTOU EUPICKOUEY ¥= 24 koi y=1.

9) Aiderar roiywvov ABI'. Né mpogdiogia?ij onuetov A 2ml
viic ndevodc AB, &ote, v dmd rovrov dyUi nagddinios AE moos
v dmévavre tijg xopupiic A mAsvody, va yowpilerar 10 tiywvoy
eic 8vo uépn icodvvauc.

Avoic. Tlapiotdvopey pi o T pijkos T TAEUPES AB kad pe ¥
v [nToupévnu &mwdoractw (AA). Tapartnpoluev &Ti, &poU 1) AE
glven TapdAAniocc Thc B, & Tpiywva ABI kai AAE elvan dpoie,
g ExovTta TAG ywviag aUT®dV &uex plow foog. ‘Etropéves T& épPada
ToUTwy 8& slvan dudhoya TGOV TETPXYWVMLY TGV UnK®V TV Ouo-

Foces . SedB). . X e pake BN
et ~2Ery = o AAN & Adyog

oirroe looUron pE fuioy, Kord Ty Siamumwotv ToU TpoPAnuaTos:

m

Adywv TAsupdY Tewv. “Htol 8a

2 1 . o o 3
X  Ja 7 S5 e~y G -——\,}--d.

fiTol EYOUEV

HooBAfquara wpodg AdorLy

469. N& etpeBoly 8o &pifpoi, Ty dmofwy T6 &8polapes, TO yIvopevoy Kai TO
mnAlkov v elven oo
470. N& elped &piBpds, Tol dtofou 14 0,5 clfavdueva kaTa 5 8idouv ToV 36,
Binpnuévov Bia ToU &pifpol, Tov &molov &roTeAolv T& 0,3 Tol InToupévou peiov 25,
471. N& eipebolv Blo dxépaior Biadoxikol TepitTol &pifuoi ToloUTol, WoTE
16 &8polopa TEV TETPUYOVWY T@V vér elvar 202.
472. N& eOpeBolv TpEls BiaBoyixol dxépaior &pifpol ToloUTol, GoTE TO Yi-
evoy aUTév v loolman pi TO TrevtammAdoiov Tol &bpolopatds Teov.
473. N& yeopio®ij 6 27 elg dvo pépn TolaUTa, WOTE TO TeTpamAdgiov ToU Te-
Tparyvey ToU TpdTou Kal TO TrevTamA&OIOV TOU TETPYVOU ToU SeuTépou va&

Vo

va& &moTehouv Tov 1620.
474. Né& supsfolv ol Swotdass opfoywviou, Exovros Siaydviov el

Eppabov 120 (u°).
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I' keiton Twépow ToU péoou Tig AB, &mo TolU A, 81611 16 ¥ &yer T
UnV peyocAuTépav TOU i

2) Zoud te doolpdn nartaxoppmwe medc ta dva (els 10 xe-
yov) ué doxitxny rayvinrta a. Meva mdéoov ypdvov da gpddopy el
vyoc v;

AvVaoic. Kabdg yvwpilopey (8 Tfigc Puoikiic), TO0 odua Kivel-
Tal Wpog TS &weo pé kivnow Spcdde EmPpaduvoptvnu. "Av Aoirov
TapacTnowyey ué t Tov [nTolpsvov ¥pdvov, B Exwpev Toug EEfic TU-
Tovg, YvwoToug &k Tiic Puoikiic.

u—at— -gt?, T=a—gt (1)

8ToU T TAPIOTAVE! TV TaXUTNTX ToU KiwnToU KOTa ThV oTiypny
t kai g ThHy EmTdyuvow fonv pt 9,81 u. (ko Tpootyyiow).

’Ex Tiic mpwTng £iomoswe sUpiokopey gt —2at+2u=0 (2)
£k TTIC AUgecog 8 aTiic THY TiURVv ToU t.

Atepevvnoic. ‘H ouvbikn Bi& va eiven o pilen Tig (2)

1 : * % e ¢ ; o G2 v 3
TpayuaTikad elvan o —2gu>0, fj v -— ‘Emopévoc u -5 Elvon TO
peyioTov Uwog, el 16 omoiov Slvarar va @bdon xivnTtéy, &v pi-

x €

@ff pe TaxiTnTa Spyikny o. "Eqv even u— 51 ad pifen Tiig (2)

- » v O N s . 3 : o4 ' \ A
elven Toan pt —- “Etropéveog 16 kivnTov yperaleTar — xpovov, S1& v

¢Bdon cic o péyioTov Uwyos. Eig 10 dvditaTov alrtd onpeiov fa Eyn
TO kvnTov To}UTtnTa lfonv pe O.
Mpdyportt, dvtikaboTdvTeg elg THV Beutepav TGV éElowoEwy
. x R X & 7 3 h » aygr
(1) 16 t p¢ 16 — eupioxopev Eforyopevov 0. "Hror t=a— —=0.
Er o € o= ¢ ’ ~ ’ ~—
Ecw elvan u<'é§’ al 8Uo pilan Tfig TpwTng T@Y (1) elvan Tpa-

<

yuorikad, &vioor kad feTiked, O B TUTOg © oTroiog 8idel cUtag elvat &

== M - Al Blo adrrad Tipai ToU t aGpudlouv elg TO TpoOPAn o

ATt 76 opa SifpyeTal BlUo @opag 81’ ékdoTou onpeiov  Kelpévou
&l T eUfeiac TNy Sroiov TapioTavel To Uyog v, piav dvepyouevov
ko piov KarTepy) OpEVOV.

Moparnpotuey, &1t 1) pév pio TGV TUGY ToUTwv ToU t elval
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Ve —2pu!

peycAuTép, f) 8 &GAAT MKpoTEpa TOU % KoTdX - Elvan eUkoAov

ve i8oopev, 6T af ToylTnTee (BnAodn ai Tipad ToU t ThHg SevuTépog
2ax
g
s : \ . ety = . &Py
To == mopioTaver TOV ¥pévov, KaT& TOV émoiov TO KIVITOV Emova-
=
g

T6v (1)) elven qvtiBeror. "Av Tebi] uv—=0, 8& Exc.ouev‘ =0 oo —

miTrTel i TO onueiov, &k ToU STroiou Guexwpnosv. ‘Ofev & ypovog,
xa® dv yivetan 1) dvéaPaoig, looUTen pé Tov ¥pdvov, ko’ &v ylveran
1 karaPaoic ToU KivnToU.

3) Na edoedfi 10 fados goéarog, &v énégacav 13 de’ drov
dpédn va méan Aidog éx tob crouiov avrol uéxypic Grov %NxovU-
adn 6 fyoc, 6 magayPeic #x tijc wroews 100 Aidov el tov nmv-
Huéva 109 poéaroc (1 dviioracig toU dépos mapaflémesral).

AUoic. Tlapiordvouey pé X 10 Babog ToU ppéarog, Kai pe T THyv
TayUtnTa ToU fixov elg Tov &fpa. ‘O ypovog t SaroTeAsiTan WO
BUo pépn. 1) ‘Ao Tov ypdvov t,, Tov omroiov yperaleTan & Aifog Six
v& Tréon. 2) JAmo Tov Xpdvov t,, TOv omroiov XpeidleTan & Tixog Six
va &uéddn & ToU TruBuévog ToU @péaTog eig dmdoTaotv X.

> L g . i = 1 g AR
Eyoupev Tov EEfig TUmrov (& Tfig Puoikiic) X— 5gt*,, & omoiog

5i8e1 1O SidkoTnua, dTav SideTan

S XpoOvog KaTa TNV OPOAGS EMITOYU-
vopévnv kivnoiv, éTroia elvan kai 1

kivnolg KoTd TV TTédoy ToU Aibou.

[

B ’ ‘ 2y |
Ex Totng mpokumTEl t= ff -_x- (@5
5
’Ex ToU ¥=Tt,, & &moiog 8i8e1 TS BidoTnua tkpp&lopevov P THY
ToUTNTA T Kai TOV Ypodvov t,, KaTd Thv opaAfnv kivnow ToU fixov,

gUpioKopey t,— l_: - “Exopev Aorrov Ty £ficwoiv :

ELRR e R
\/ P = Ty \/? 57 =% 2)

"Ex TaUTng eUpioxopev, dyoUvTes T& foa &lg TO TeTpdrywvov kai
BlaTdoooVTEG KOXTX TAG KOTIoUoaS SUVANEIS TOU X,

gx’—2r(gt+T)xtert=0 (€))

*Ereidn 7o t, elvan femikdv karathv (1) f thv (2), TO ioov alTou

ek
s

Tpémel vér elvon BeTikdv, fiTol t—r);(rf)O A x{rt (4)
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“lva el pilon THc (3) elvan TpoyuaTixal kai &vioo, TTpéTTEl V&
elven GeTikdv TO T(gt+T)*—g*Tt:, | 1O T (7-+2gt))0, TO droioy
mpdyuati oupPaivel. EE &AAou TrapaTnpoUpey OTI TO WEV Y IVOHEVOY
27 (gt+T)

Toov pifédv elven T2t, TO Bt &Bpoioua cUTHY , Ta &moia elva

BeTiké. ‘Emropéveoc o pifon elvan Berixad. *ANN é;rsl&‘] TrpéTel vt elvan
Kar& THY (4) TS (Tt ki TO ywduevov TéV pifdv evat TtTL (glvan
5t abron &vigot), Emeren &1 ) pla T@v pil@v elvor peyaduTepa
ToU Tt xad ) &GAAn wikpoTépa TouTov, 1 Omolx kad 8 elvan Bextn
Si&k T6 TpoPAnua, Sid vd TAnpoUTan 1) &vigdtng (4). "Ex Tiic AUCEWG
Thic (3) ebpiokouev THY {nTovpévny TiwY, 1) dTroic GVTIOTOIXEL elc TO

ofila — ToU pilikol. "Hrol Exopsy x== T gt+1—V T(t+2gt)")-

MooPfrAquatae wepoc AVoLY

‘Op&s mwpoTn. (Tevikd). 482. "Av ToAACTIAXTIEOWHEY TO HIooTOV UEPOS
£l TO vicoTov pépos fvds apifipol slpioxopsy a. Totos elvan & &piBpds ; (Aepev-
vnois).

483. “Av TroAlamAaoidowpsy To  wimAdaiov Eml Td vimAdoiov tvds dpr-

BuoU eUpioxopev Tov apifuov . Tloios elven & &pifuds ; (Aiepelvnois).

484, KepdAcuov o bpy. Biber Tékov T Bpy., v & dpiBucs TGV TV TiiS
Biapxeias ToU Saveiou evan kord & peyailTepos ToU émmiTokiou. Né eUpedi) 1) Bidp-
kel ToU Saveiou. (Atepeiunors pepixd) TepimTwots o==5400000 =2, T=1296000).

485. KegpdAoiov o Bpy. Epepe Téxov T Bpy. ko 8& E515: Tov odv TOKOV,
&v ErokileTo pi EmiTéKiov ShydTepoy, GAN Emi p & meproodTepe. N& elpebf 10
tmiTokiov. (Aiepelvniols® PEQIKT TEPITTITWIIS a==210000, =1, p=1, T=42000).

486. ’Ex BUo kepohaiwv 76 &v fito kaxrd B uikpdTepov, GAN ttokiobn pi
tmiTékiov kord £ peyoUTepov ToU &Alou kai Epepe Tokov imi v, ETn T, Spx.
tues o GAAo els v, Ern Epepe T. Bpx- N& elpefolv T& kepdhana. (Arpelvnols: pe-
pixh mepimTwots 5=60000, e=1, v,=H6, v.= 5, T,,/==20000. T,=72000).

487, ’'Hyopdofn Ugoopa dvti o Bpy. 'Eov ExaoTov pétpov TOUTOU ETI-
pusto P dpx. SArywTepoy, G fiyopélovro y peétpa &mi TAfov. [Téoga perpa fyyo-
- paobnoav kol TROs Tooas Spx. T& pétpov ; (Miepelvnaois).

488. Aibeton Tpiywvov pt mieupas a, B, ¥ Né& sUpebfy ufikes ToloUTov,
SoTe, &v ol mAsupal Tou aEnfolv fi tAaTTwlolv Ko alTd, va elvar Buvar fy
karaokeun opfoywviow Tprywvou.

489. N& eUpedi) : oy
¢€ foou &mo BUo qowTevds EoTias, xepévas els Ta onueia I, X Tijs elbsias, &v 1)
ToodTns TOU QT TO dmroiov BexeTon pla émedveia &mo goTeEwvRs toTiag,
elvan vTIoTPOPLS CVEAOYCS ToU TETPAYyVOU Tijs &TrocTaoEws auThis &Moo Tijs
torias. (AepeUvnois).

1) ebfelas AB onusiov, dore va ewTileTan
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490. N& tyypaei els fiuixixAiov Tpareliov, Exov TepipeTpov 2.

491. AoBévtos Tprycvou opBoywviou ABI, vé ebpedf &wl tfjs UmoTeivol-
| ons avrtoU Bl onueiov M ToloUrov, dote ') 16 &Bpoiopa T&GY TeTpay vy THY
| &mooTdoEwy Tou EK TV TPIGY Kopupdv va elvan foov pE k2 B’) 15 ywdpsvov
Tév &mooTdoewy avUTtoU &ird TV kaBéTwv TAsup&v v loolfran p AT y') To
i &fporgpa TGV TETpay VeV TGV &TOoTaoE®mY Tou &md Tév Blo kabétwy TAsup&GY
i Tou v& looUron pé p2. (Aiepedvnois).
| 492. N& eipebolv ol mAsupal épBoywviov Tpiydvor «') &v 8obf 1| Umro-

Tefvouca a kal 10 &fpoiopa A TGV dUo GAAwyY TAEUp&Y Toum BY) 1) UmroTeivovoa
| ked T6 Gyos U TO dvTioTorouv els ety ¥') 1 mepipeTpos 27 kad TS Uwos v, Td
! dvTioToryolv els Thy UmroTeivouoav.
| ‘Opas devuTépa. 493. Tlolos elvon & pixpoTepos SUo &piBudy, Siagepdv-
| Twv katd 3, &v Houv yiwdpsvov 54 ;

494 Tlofos dxépaios &piBpos elven kara 29 pikpdTepos ToU TeTparydivou
ToU KorTd povéda pKpoTEpou aUTol ;

495, Edpete SUo &piBuovs, ExovTas ywousvov 2, &v 10 &bpoiopa T@V &v-
TIoTpOPwy autedv looUton pf év kol wévTe SwbikaTa.

496. EUpere xA&ouea, ToU dmoilou & &piBunmis slvan kard 4 pikpdrepos ToU
apovopacTol. ‘Edv oUEnBi & &piBunTs kard 7 kal EAaTTedf & Trapovopos
oThs katd 5, Siagépel ToU TTponyovpivoy KaTa Ev kal Ev SékaTov TrEpTTTOV ;

| 497. "Emhipwot Tis 160000 81 kagé, 180000 Spy. ix Téiov, EAcPe 8¢ 40 y1-

Atoyp. kot &l TAéov ToU Telou. TTooov ixoomile TO Y10y pappov Tol kagé, &v ToU

Teiou EkdoTile 5000 Sp. &mwi TAfov;

498. Els &bpopnyv ol yuvaikes floav 3 SArywTepar TV &vbpdv. TAv ol piv
&vBpes EmAnpwoay tv SAw 175000 Sp., od B8 yuvaixkes 80000 5p. wéoo1 floav ol
Gvbpes kai ol yuvaikes, tdv kabels Téov &vbpiov EmAfipwoe 5000 Sp. TrepicodTepov
i kadepfa yuvn ;

499, Eis 27 &vbpos kal yuvaikas émAnpofinoay 210000 Spyx. ik Tous &vipas
kail 420000 S1& Tas yuvaikas. TTooan floav al yuvaikes, &v kofepia &rAnpovero
15000 Sp. dhrycotepov ToU cwbpds ;

| 500. Né& elpebf] &p16uds drépaics, ToU Omoiou 1O &fpoiopa pE THY TETpary -
| vikiyy pilav ool eve 272.

‘Oupds Tpitn (Mecperpikd). 501. Tidoov eivan 70 wATfos onusiwv pe-
TV TéV Smroiwy Buvansba va pépwusy 78 elbeias, ouvbeoloas alTa dva 8UO ;

502. Tlotov émimeBov kupTov ToAUywvoy Exer 104 Sioryovious ;

503. ’Ex &Uo Emrébwv ToAvywvwy TO &' Exel 6 TAeupds &mi wAfow ToU P’
kol Tpels kal Ev TpiTov Qopas TepicooTEpas SicrywViousT TOoTS TTAEUPGS exEl KoBew;

504. 'Edv ol mAeupai TeTparyvou aufnfoiv kara 3 w., To éuPabov Tol véou
8& elven 2,25 popds ToU &Adou. Tldom evca fj TAsupd olimol ;

505. Tléoov elven T6 pfikos TGV TAsUpdV -Oploywviou Tplywvoy, EXovTos
tuPadiv 150 (u2), &v & Adyos Tév kaBétcov TAsupdY alrol elven 0,75 ;

506. ’loogkehols Tprycovou elvan peycAuTépa 7} Paois xara 19 . ExdoTrs
TéY okeAGV Tou, kal kaTd 8. Tou Uwous Tou. TTdon elvan 1 P&ois TodTou;
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507. Tives al Biaoréoes dpfoycoviou, Exovtos Eufabov 192 (u2), &v Biagé-
pouv kaTd 4;

508. PéuPou 1) piv mAsupd Exer pfjkos 17p., of 8¢ Siaydviol Exouy Siapopdw
14 p. Téoov pikos Exer f) pixpoTépa Siaryddovids Tou ;

509. Tloion ol BixoTdoes Spdoywviou, dyyeypappivou els kikAov dkTivos
12,5 p., &v 1 Siapopd cirddv dven 17 w.;

510. EGpete T&s wAsupds 8Uo Terpaydwow, ixdvtov &bpoiopa Eupabiv
8621 (p=), &v To yiwdpevov TAY Siaywvicy olrdv elven 8540.

‘Op&s tetapTn (Buotnuédrwv). 511. Avo Bpuoels piowv ouypduws kal
TANpoUv Be€apeviiv els 2,4 dpas. ‘H B’ pévn ypeikletan 2 dpas &l mAfov Ths
a’. Els wéoov ypdvov ékdotn Thv TAnpol pdvn ;

512. Ao &miysipnuaTion koréfeoav Spol 2000000 8p., & o &1 2 pfjvas
xai & B° 81 8 pijvas. O piv o BAaPev &v SAw 1800000 &p., 6 8 PB'. 900000.
Tdoa ExépBSioev ExaoTos;

513. Avo kepdAoa, Exovra &Ppotoua 30000000 Bp., érokiotnoav wpos
6. To pév o' Epeve 4 pijvas &l TTAlov Kol EBwke TéKoU 128000{) Bp., 10 BE P’
340000 5p. Tolax T& kepdAaix ;

514. N& ebpeboliv Téooapss dpi1fuoi drotedolvTes dvodoyiav, &v 16 &fpoioua
TGV TETpaywvwy aUtdv elvon 62,5 kol & pév o' UmepPadver Tov B’ kord 4, & BE '
Tov & kot 3.

515. EUpete Biynglov &pifucdy, & &trolos Sicipodpevos ptv Sid ToU yivoutvou
TRV yneiwv autol Biber wevte kal &v TpiTov, &\orrrolpevos 82 ko 9 Biber Tov
TrpokUTTTovTa &pifpdv, 81" dvTioTpogiis TTis celpds TV Ywnolwv avTtol.

516. Elpete Tpipnoiov &pifudy, TeU dtrofou 16 pév B’ ynopiov elven péoov &ué-
Aoyov 1@V BUc &AAwv, & B¢ Adyos ToU &pifuol Tpds Td &Bpoiopa TéY wnplwy
TouTou elven s 124:7. A’ dvTioTpogfis Tiis oelpds T@V ywneiwy airol TrpokiTrTel
© ap1Buos nuEnpévos kora 594.

517. EUpete Tpeis &piBuovs, &v & B’ elvan péoos dvdhoyos T@Y GAAwY, TO G8pot-
oux aUrrdv elvar 21, T&v B¢ TeTpayuwy Twy 189,

518. Els Sefapeviyv Tpéxer 10 USwp Ppuoews émi Tpla mwéumTa ToU ¥ pdvou

kaf® 6v &AM Beuois pévn B8a Thv EmAnipove. KAsletan 1y o Bplois kai dvolyetan

7 P véxpis Stou TTANpwH 1) Se€apevr). *Edwv kai al dUo fvolyovro pall 8& EmAn-
pouTto els 6 dpas, 8& Erpexov & & Tis ' T& &Uo TpiTa ToU &k TAs P’, &g SOV
txAeiofn 1) o'. Els mwéoov ypdévov kabepia Pplois wAnpol Thv Sefauevriv;

‘Oup&s weépumw T (Quoikis). 519. Tléoov ypévov ypei&lerar AiBos i va
Tréon eis TOv Tulpfua ppéatos Pafous 44,1 ., &eiépeves ¢k ToU oTopiou alTol ;
(MapaPAéreTon 1} dvrioTagis Tol &épos)

520. Tléoov ypdévov yper&leton Aiflos prrropevos Gvoo xaraxopugos (els To
kevov), Tva &wélBn els Twos 122,5 p kal karaméon ;

521. Tléonv dpxikiv ToxutnTx Tpémel va Smowpev els Alfov, &v pipbi
KaTakopUpes dvw (els 76 kevdy), fva &véldn els twos 122,5 p.;

522. TiéTe 8& ¢B&om els Oyos 1460 p. oooipa, piTrTopévn KaTakopUews
Twpds T& &veo (els TO kevdv) kol dvoywpoloa ui &pyikny TaumTa 185 u;
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523. Tolav Tieow Eooxel opaipa 41 yiAoypéppewy Eml kexdapévou Emimre-
Sov, av looppomi} BUvapw 9 xihioypépuwv ;

524. ’Emrl mwéox SeutepbAstra xulleTcn gooipa &mi kexAiptvou EmimwéBou els
pfikos 39,3 1. kad Owos 10 p. & T&V Gved TIPS Té k&Tw

Heoikmpic weoexouévov zegahaiov VIIL

“‘Optouoc dirergaydvov é’g‘tacoaecog ax*+-Px:-+y=0, (as0).
’Avoywyn oUThic €lg Tnv my +Pw-ty=0, (¢ w) pilan Tng o

s B —doy e
Pir PEM:I / B+\2a GY Pss pl——Ja\ —p—\ p*—4ay \ﬂ 437

orx"—irﬁx"+Y:d(x—p,)(x—p:)(x—pa)(x—px), Pis P2 Par Pu
ai pilar ToU Tpiavipou.

To mpdonuov ToU TPLWVUHOU omouddleTon pE TRV XPTOIHO-
Toinow ToU &vwTépw yvouévou.

Tpom) SimA&dY pr{iKédv \‘F)@'v%\"-l?':"’Ji el &TAg,

\ A+\J _! ___\/ A—|—F —- !' I—\-_z;r av l_-‘:A*—B

E€iodboaig pé pilika P’ kal dvwTépag TafewS. TATTOUOVGOIS
ToU pilikoU ked &medAcy?) & orToU, GTe f) TTRPOKUTITOUoO ticwoig
Exer Téc pilag Thg Sobeiong kad THc ouluyolec oarTiic.

“Av Bofeioa Eiowoig elven dv yéver GppnTog, UyoUuev TA UEAT
e g karaAAAoue Buvduelg, v Trpoxkiyn Eicwaoig &rrnAACyY HEVT
P&y, AN’ abrn Btv elvon &v yéver iooBUvauos THg Soleiong, TTpé-
el v Sokipélwpey &v of pifon crriic EmoAnfetouv ki v Sofeioav.

‘Ogioudc dviiorodpov dEioddoews. Al y' PaBuou

ax*+Px*—Bx—a=0, «¢+Bx’+Px+o=0

gxow f o ThHy pifov x=1 xed ) B’ THY x=—1, dv&yovtx 8¢ eig
v AUcwv ticoewv B Paduol (uetd Sicipeov TRV PEADV TV
gEiodaewv Sk X—1 kai x+1 dvmioToiyws).

A Thv AUgw Tﬁq oyt *"BX"?—YX" L Px+o—=0 Thv OGéTouev UTo

+ = | T,

THV HOPENV o:( (x+ )-«—y-ﬁO D B e OTE Qvax-
yetau €lg THV AUow EEwmcrswv B’ PaBuol.

‘H oy +-By*—Px—a=0 Exa pilag &g x=1, x—=—1 xad dvéyeTa
elg t€lowoiv P’ Paduol peta THv Bixipeoiv ToU o’ pEAouc Bix ToU }:—1.
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H o +HBx* byt Pxta=0 &ea Ty pilov x——1 A v
X=1 xai &vdryeTan elc dvrioTpogov £iowaoiv & Pobuol.

“Ogiouds Siwviuov EEicdoewe ay* + By =0, (o, B+£0), %,
A &xépaior GeTixof.

Tiberon Umrd v popenv x* (o " *+P)=0, (x)A) kad éxe pifac

%X=0 kal Tag Tiic o+ P=0 A Tfic ¥’ =Y, (y:~ E: K—?\-=v).

Araxpivopey TrepirTidgeis o) &v v=2A,, B) &v v=2A 1.

Avoc wijg EEioddoews ofyl-+Pp=0, elvan igoBlvapog pé ThHv
=L

Avoic e éEwodoewe o} +Pyt+y=0, (o, B, y=£0). "Av
Y(B—a))0, f| y(a+P){0, Exopsy piow AUctv 81’ EK&oTNV TEPITTTWOIY.

Avois s éEodoews X[’ +Bix/+y=0, (oz£0). ‘H
XI*+2Bx|+ry=0 &xa 4 pilog dva dUo dvmifeToug, &v P'—y)0 Kai
(—pHVP—y))o.

“‘Ogioudc ovoriuarog éEodoewy 7 faduod (&v Exn udvoy piav
tEiowow B’ PaBuol kai Tag dAAag o Pabuol).

AUoic ouoTrpaTog Elocoewy B Pabuol 1| dvwTépou (UE &lo 7
TEPIOTOTEPOUG Sy VOOTOUG).

TTpoPAfjuara £€iowoewy xal ouotnuaTtwy B’ Bobuol (&pibun-
TIKE, Yevikd Kai pé Sigpelvnoiv).

av o0, v &v oPf)0 Btv Exer pilav.
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KEDAAAION VIl N
MEPI MPOOAQON
MPOOAOI APIOMHTIKAI

§ 210. *AoiPunrinn mododog™ waleltan celpax &pidudv, Exa-
oTog Téhv omofwy yiveTar ék ToU Trponyouvutvou Tou Sikx Tiig Tpoo-
Bécews ToU auTolU &piBuol. Of ptv &moteAolvTes TOV Trpdobov &pi-
Buol Abyovtan Sgor ocUtiic, & 8t TrpooTifépevos &piBudg el kabéva
Spov, Bicx v BwoT) TOV Emduevoy aToU, KoAelTon Stagoga 7 Adyog
Tfig Tpoddov.

"Av T pév Biagopd Thic Tpoddou slvan dapiipog GeTikdg, ol Gpol
Baivouv olfavdusvor kol 7 TTpdodog Aéyetan afifovea E£av Bt elvan
dpvnTikog &pifiuoe of Gpor Palvouv EAarTolUpevor (@bivovTes) xai
Abyeran pdivovoa. Tly. 1) ouipd T@v &piBudv 1, 2, 3, 4,... 48 elvan
mpoodog &piBunTikn, oUfouca ué Siagopav 1, kaboxg kaif 1, 3, 5,...
53 ut Bragopav 2, f) 8¢ 35, 30, 25...,0 slven gbivouca pé Siagopdv —5.

’Eqwv ¢ a TropacTnowpey TOV TrpddTov Spov dmBunTikfig Tivog
TpodBou kai pi w TH Sixpopav aUTiig, © SeUTepog, TpiTog,... dpog Ha
TaploTéveTan pE ot+w, at2w, ot+3w, atdo.... (D)

*Apa : “Enxactog 6gog dorPuntixfis mwooddov looUrar ué Tov
modrov Spov adtijc, avbEndévia xara o ywldusvov i Sragopds
2l tov doududy Tol mAijPovg Tdv mponyovufvwy avtol Gpwv.

OUrw 6 dpog Tic Tpoddou (1) & &xwv .. THY TpiaKkooTHY TASIV
lootTtan p¢ a--29w, & ThHv EEnkooThy TERTTNY TGSV pe o640 KATT.

"Ex Tév dvewTépw TapaTtnpoluey 6Ti drav dodfi 6 wodToc deos
xal 7 dtapoga dorPuntixils mgoddov, dvvipeda va slowucewv
olaodrmore tdEews Soov avrii, nai Aéyouey 6Tt tdre 1) mpdodog
elvar dpiouévn, &v Soiodfj »al 16 wAfPos tdv Spwv Tns.

* ‘H yofiols &pifunTix®@v wpoddwy xpovoloyeltal dwd 2000—1700 w.X. el
1o PiPAfov *ApiBunTixijs ToT Alyurtiou Ahmes pé 10 wpdPAnua va xwpiobolv
100 &pro1 els 5 TpdowTa, GoTE TE pepidix v& dmoTeAoly GpifunTikny mpdoSov.
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"Eav v apiotévn o mAffog Tév Spaov Tic (1) kad T TV EYovTa
TV viooThv T&Ew Spov onrtiic, ol Tponyoupsvol ToUTou 8& elvan
v—1 1o TAfibog, kad B& Eycopev T=0+(v—1)w. (2)
"Av f (2) AuBTj ¢ Tpec w, elpioxopey w— .
"Av 1) (2) AuBfj ¢ Tpdc a, elpioxopey a=T—(v—1)w, &v 5¢ VBT

T—a w1 i e RPN
— =~———— TpemEl 88 v& elvan TO v &pi-
w @

Tpoc v eUplokopev, v—=1-}
fudg dxépanoc.

Taparnpntéov &1 1) Siogopd &piBunTikfic Tpoddou pé Spoug
&, B, ¥, 5,... 8ideron Umd TV B—ax, Y—PB, 5—y...

‘Emropéveae &v mapaoTriowuey T Siagopdv alrtiy b w, B& Exeo-
HeV w=P—a, w=y—P xoi TpochiTovTec oaUTds Kotk péAn eUpioko-
pev 2o—y—a, &pax w— Y—Q_—a

NapadeiyupaTa. ‘O épog & Ewv Ty Sexdrny Tpitny T&-
Ew elc &pifunTikfv TpdoSov pe wpdTov Spov 3 kad Siagopdv 5
looUtan pe 34-(13—1)5=3-+12.5=3-}60=63.

2. "Ectw 6m {nTeitan 1) &pifunTixd rpdodoc, T dmolag & Spog
Thi¢ Sexdrrng TéEewg elvan 31 kad Tiig elkooTiic 61. *Exopev 611 6 Séko-
Tog 6pog elvan a+-9w==31, & eikooTds o+ 19%w=61, &eaipolvTes §” &
Tiig B’ iodTnTog TNV a', eupiokouey

10c0=61—31=30 7} 10w=30 xkai w==3.

‘Emopéveog elver o4-9.3=31 xal a=4. "Apa i mpdobog elven

g A0S 15

NMAPEMBOAH OPON APIOMHTIKHEI MPOOAQY

§ 211. dodéviwy dvo dordudy, Lnreizar va mapsufdiousy
uerakv rowy dAdlovc of dmolor uera t@v Sodéviwy va dmorelody
dotPuntixny wpdodoy.

"Eqv o kad T elvan of So8évteg &piBuol kol v 16 wAffog TéV Tapep-
PAnfnoopéveov: 16 TARBog TV Spwv T oxnuaTicdnooutvng Tpoo-
Bou B& elven v-+2, & péiTog Spog a kal 6 TeAsuTaios &pog T. ‘Emropéveg
b Ewuey T—af-(vi1)w,, Gv TO w, TapioTdvy THY diagopdv TH¢

mpoodou. ‘Emropévers &k THig lodtnTog alTiic sUpioxopsy m,-ﬁn-ﬁ-
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OUrw oynuaTileTon 7| Tpdodog &k ToU «', ToU TeAeuTaiou T Opou
kad #k T Siapopds «UTHg.

"Av my. [nTiiTon petafU Tév 1 kal 4 v& wapepPAnfolv 16 &p1-

Buoil, doTe per’ altédv va &moTeAégouy Trpdodov Ep1OURTIKTY, EXOUEV

o S S 2

a=1, T=4, v=16, 0, = =17 k& 1 [nToupévn Trpdodog elvan 1)

R

ey e

'AoxnoceLg

519,. Ak Tés k&Twd &pBUNTIKGS TTPOOBOUS e0peTe Trolon eivan oifouoan,
Troien gfivousan kol Biari;
(<G s s ] s B —15, —10; =5, 0, 5.... k0 T G
BO0TD: 151525 150 ') 68, 64, 60.... ot') —5, —5,3- —5,6- —5,9....

520,. Edpere Tov BéxaTov Spov Tijs &) 9 A8 AT 2B =3, —=1,.

¥) Tdv dyboov Ths o o3, at-6P....

521,. Edpere Thv &pifunmixiiy mpdobov, ut Spov Ths Bexdrns Tafews 231 wai
Tiis elkooTiis 2681.

522,. Edpete Thv Bragopav TS Tpodbov, pt a' Spov o Kkai wiooTov T. Mepikh
mepiTTTWOoNS a=—0,2, —3,2 xa v=56.

523,. Edipete Tov & k 10 Spwv Tpodbov, ut Biagopdy 0,75 kal TEAEUTIOV 6,25.

524,. Edpere T mAfBos T@v Spwv Tpoddou uE a' Spov 3, TeAevTaiov 9 kai
Siagopav 2.

525. EUpeTte Tov dpov Tijs elkooThs TaEews pt o dpov 6,35 kal Siagopav —0,25.

526. MetofU tév 4 kal 25 va TrapepPAnbotv 6 dprBuoi, daTe va oxnpaTiodn
&pibunTikn Trpoobos.

527. Metafl Tév 1 kat 2 v& TrapenfAnBolv 9 &pifpoi, doTe va &woTeAégouy
wpdodov apifunTiKny.

528. ‘Qpoh&yiov KTUTTE Tds MpaS &d T TpwTNs péxpr Ths BowbexdTns.
Méoa kTuThpaTa KGVEl TO TIHEPOVUKTIOV;

AOPOIZMA OPON APIOMHTIKHE MPOOAQOY

§ 212. A& v& elpeopev TUTTOV SiBovTa TO &Bpolopa TGV Spwv
&p1BunTIKfic TPoGBoV, EXOUaTS CPITUEVOV &pifudv dpwy, oTnpifousta
(rpdc eUkohiav) elg ThHv E€T¢ IBoTHTC

Eic ndcav doidunuixnv meéodov, ué dolouévoy stAfjdog Sowv,
1o ddgotoua dvo dowy iloov dneybviwy dad tdv dxowy Sowv,
{coital ué 1o ddgoisua 1@v &xpwy Sgwv.

TMpéyuoTi, Eotw f) Tpoodog B, Y,-xA, (1) 1 Bagopk oU-
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TG w Kad 16 TrATfog T&V Speov v. “Eyopev 6m1 P=otw, y=at2w,
T=A~+w kai T=—x-+2w. ‘Emopéverg A—=1—w kai k=1—2w. TMpooHé-
TOVTEG KT PEAT TéG P—otw kol A=—=T1—w, edploxopsy P-FA=a-t.
‘Opoiwg &k TGV y=a}2w kai k=—=T%2w EeUpiOKOMEY, Y-+K=—=a-}T
Kox., fitol atT=—B-+A=y+K...
"Ac¢ TrapaocTriowpey TO6 &lpoioua TGV Spwy TG TTpoodou pE Z,
N0l : Z=a+PB+Yy...+K+A+4T, &Te elvon kai Z=T1-+A+Kk+.. . y-+B+o.
TTpocbérovTes alrag Karrar péAT, eUploKopey :
Z=—(o+T1)+(PB+A)+y-+r)+... o) T 2Z=(otT)v.
Emopéver T— LT )
"Hroir: To ddpoicua tev Sowy dotduntixis twvog mpoddov
ué worouévoy dijdoc Spwy icotrar ut 10 NuidPootoua 1@y drngwy
Sowy tnc &l tov dorPuov 1ot mAxidovs tdv Gowy alric.
"Eavelc v (2) ypdyeuev vl ToU T TO foov altol at(v—1)w,
OTroU @ TaploTavel THv Siagopav Tij¢ Tpoedoy, ebpiokopey ¥

g [etot+-(v—Dwlv ;23-%_(};:1_’)93
o

5 = =y 70l Z— 20 ),

.. &v [nThTon 76 &fpoicua TV Seka TrpwTwy Speov Tiic 2,5,8,. . Exopey
a—2, @=3, v=10, kai T—GZDN_I5_ 55

‘Epapuoyai. N& elpebfy dpibunTikn mpdodog pé 3 &poug,
TV oOmoiwy 1O pév &Bporopa elvan 33, 1o 8¢ yivduevov 1287,

"Av pg ¥ TrapaoTiiowuey Tov B’ Gpov Tiig Trpoddou kad we w ThHY
Sixpopav Tng, of Tpeig opor Ba elvon x—w, ¥, X+w, 10 &bpoioua
TOUTWV X—W-+X-+X+w=3%¥=33, &pa x=11' 710 ywopsvov ToV
TPV Spov  (X—w )X (X+@)=(X"—=")X.

“Exopev Aotmov ¥ (x—w?)==1287. Oérovteg y=I11. EUpioxopev
11(121—0*)—=1287, 121—w*==117, w0*=121-117-4, co*=1 4, co—=+2,

*Apa ok Tpeic dpifpol kata oeipav glven 9, 11, 137 of 13, 11, 9.
FevikddTepov, éTav el Topdpoia TTROPANPOT EXUEY TIEPITTOV TrAR-
foc Spwv kai xpnolpomoloUuey TO GBpoiopd Twv, TUPICTAVOUEY TOV
pecaiov Opov WE X T.¥., Thv Siagopdy Pt w, Evd &v 16 TAffog TV
Spav elven GpTiog dpifipog, TTaploTavouey Toug Slo peoaious Siaboyikols

* 0l mimor Z=v(o+7):2, —=—ai (v—1)w, Z—avi-[veo(-1)]:2 dvags
povTon TO WpdTov £l 16 PipAlov Synopsis parlamariorum ToU W. Jones.

iy
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Spouc pé y—w kai ¥+, fitor i Siapopd TrapIoTaVETOL pe 20, &1e
gUkoAwe cUplokopey THy TapdoTaow Kai &AAwv Spwv TS TTpotdou.

NapadeiyuaTa. 1. Znrolvten wévre dpor &pibunTixiic TTPOO-
Sou, TGV dTrolwy TO utv &poiopa slvan o, T6 88 ywousvoy y. Tlapi-
oTévopey Tov TpiTov Spov KaTd oeipdv pE ¥, THY Biapopav uE w,
&1e Eyousv ToUg Gpous X—20, X—w,X, X+, X+2w. ‘Emouevex B
elvon &g’ &vdg X—2w+Y-Fo+X+X+wtx+20=—a fi Sy—x, Xﬁg’-

"Ag’ Etépou Exouev (x—2w)( xw)x(x-’—w)(x+2w):}' 7
X(x*—w*) (' —4w*)=y. OtTopev X— = Xy ETE = 5——03")(%—5 —400")=y-

‘H &Elowoic oty elvan S:Ts'rpcrymuoq G::_c TTpos  xai AUovTES
aUThy eVploxouey T&C Tipds ToU w kad dxohoUlwg Exouev Tougs fnTou-
uévoug apifpovc.

2. ZnTolvTa 'rscrcrgpec; dpor &pifunTikfic TTpodbou pé &potoux
o« Kai yivOpEvoV Y.

TMapioTdvopey Touc Gpoug pE ¥—2w, X—w, X+, X+2w, OTE
8& Eywpey X—20—+X—w-FX+w-x12w=a kal X== % 'Ag’ ETépou
txousy (x—200)(x—@)(x+0)((+H2w)=y A X—@)'—4w)=r-

o vl o s\ = 2

Ottopey X=— ; Kol eUploxopev (TG_“ m-)(Tg—‘iw-):y.

AUrn Avopévn 8iBel Tdg Tiuag ToU w, &xohovBwg &’ eUpioropey
Toug {nroupévoug d&pifuouc.

3. "Eotw &m Inmeitan 16 &Bpoiopa TEV Skepaicov GeTikGv
&p1Buddy &md Tol 1 uéypt Tol v, fitol 7O 146 +3+4.. v ™. “Av Z, To-
pioTévn TO [nToupcvov &Bpoious, 8a Eyowopsv 2 = (1‘—{—v)u .

4. “Eotw &1 [nmeiton 1O cxepowuq T&Y v TpdTwv Sixdoyikdy
wepitTdy &pifpddv 1,3,5,7,....(2v—1), fiTot T 1+ 3+5+74...+2v—1.

‘H S1agopd Tiis Tpoddou elvot 2, & wpdTog Gpoc 1 kal & TeAsuTaiog

2v—1. *Apx &opev 143, +2v—1=— qu'*:-'?;":]-) =yt

22 uxo?\r; Téov TluBeryopeiwy (6n xod 5n éxorovToeTnpis TX.) Eyvoopile
ToUs - TUTTOUS 142434 Fv=v(v-}1):2, 244164+ F2v=v(vi-1),

1434544 2v—1=v
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'Aocxnfoeig wal wopoBrlfinota

‘Ouas wpdTn 529. N ebpsdfi 16 154204324 tve,
Hapornpobpsy ém (o-+1)’—a?-3a2--3a+- 1%, Gévoper BiaBoyikés
a=l, a=2, a=3,..,, a=—=v &5 v lodTTa clrrijv kol TpooBiTovTes TS TpoKY-
Trrovoas icotnTas kat& pEAn elpifoxousv petd ThHY &mAomoinciy
(v+1)=3(121-2: L . Fv2)-E3(1 L2 Fv)dv il
"Av TapaoTiiowpsy pt 2, 10 InTolpsvov &bpoiopa, Bécwpey 5t T —=142--.. v,
sipiowouey (v-4-1)—35,4-35, L vt 1 4 5= "0 D@D,
530. N& ebpebn 16 13201351 Lys—F  (AcpuPdvousy Tov IodtnTa
- (14a)'==a't-da’-L 6or-F4a-t-1, Bbropev o=l; a=2..., o= xal Tpoywpolpev
Spofes, 6w kal Si& THY elpeotv ToU Z., UmoliitovTes yvwotds Tés Tinds £, Z.).
531. TTéocov efvar 15 &fpotopa o') Tév 25 wpdTwy SraxBoy v drepaicov
&piBudy; B') Tév 30 mpdTwy SiaBoyikdy mEpITTGY dpifudv; y') Tév 40 TpdTv
SiaBoxikdy dpTicv dplBudy ;
532. Edpere 10 &Bpoloua TavTwv TV drepaiwv dpunTikdy &pifudy &mod
ToU —1 pfypr ToU —v.
533. Tlooov elvan & TAfBos TRV Spwv &piBunTikis Tpoddou, v o Epov
12, TeheuToiov 144 kol &fpolopa avrddv 1014 ;
534. Tolx #} Sixgpop& &piBunTikijs TpodSou & 14 Spwv, &v & o evcn 8 ko
To &bpolopa 567;
535. Mola elven 1) Sicgopd dp1BunTixiis wpoddou ué 16 Spous, Tijs Gmolas &
TeAsuTaios Spos elve 63 kai T6 &Bpoiopa 728 ;
536. Tleoov clvanr 16 TAfifos TV Spwv dmbunTikils wpodbou, pi &fpor-
oux 456, Siagopdv —12 xai TeAevTaiov Spov 15;
537. Tocov &&iler tumdpeupa, &v TrAnpaoveron els 12 8doeis kai 1) o' Géoig
elven 10 yiA. Spaypds, f B* 15 YA, Bpy., fi ¥ 20 yiA. 8py. x.0.K.;
538. "Av & 205 kal & Tos Spos &p18unTikils Tpodou Exouv &fpotopa 92, &
8¢ 4o kad 110571, Tives elvai of Tésoapss Bpot;
539. Moia elven 7 dpiBunTikh Tpdobos pé 12 Spous, &v 7o &Bpoicua TGV
TEOTGPV UEowy Spaw elvan 74, 7o 8¢ yivdpevov Tév dxpov 70;
540. EGpete ToUs mevTe Spous apifunTikiis mpoddov, ExovTas yivopsvoy 12320
ki Gfpoiopa 40.
‘Ouds SevTépa 541. N elpedi) 6 vioords Spos kad 16 &dpolopa Téw v
mpwTwy Gpwv Ths TpooSou 1, e o
542. N& elpeBolv Téooopes axépaiol &pifipol, dmoTeholvres dpiBunmikiy
mpoobov, &v TO &Bpoiopd Towv elvan 20 kai TO GBpoicua TEV AVTICTPOPWY TWY
elven &v koi 8v elkcoTov TéETapTOV.
543. Aeifocre 8T elvar 3;2=5,, Stav T—I1-F2-L.. Jv, T=—ls-b15. v,
544. Evpere wo le}4*1-T2 .+ (Bv-2): (ypnoiuomonjooaTe THv lodTnTa
. (B3e—2)==9a’—120+4 xal béoare a=1,2..., v).
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545. EUpeTe 10 &fpolopa TGV TETpoyhvawy TEV v TipdTwy Siaboy kv Te-

prrTav dpifudv (¥Xpnoipomoioate Thy loémnTa
(2a—1)=4a> -4a+1 Bfrovtes a—1;2,..., v).

546. Edpere T6 &fporopa 1.2--2.3--3.4-L . 4v(v}1). (XpnowomoijoorTe
THv lodTnTa alo-+1)=—a-+ta? Bitovres a—=1.2,...,v). =

547. Elpets 10 &Bpoigpa TGV TETPOy@VMYV THV v TPWTWYy BSiaboxikdv
&pricov &piducov,

NMPOOAOCI TEQMETPIKAI

§ 213. Tswustoixn mgdéodog” woheiton oelp& dp1Buddy, Eko-
oTog TGV Omoiwy YiveTton &k ToU Trponyoupévou TOU ué TOAACTTAC-
olaopdy Eml TOV olrrdv &piSudv.

Oi pév &moTeholvTeg THy TTpoodov aplﬂum AbyovTal fgot aUTig,
& 8t &piBpdg &l OV droiov oA armAac1aleTan pog Tig, Bid v BdoT)
ToV Emdpevov auTtol, AfyeTanr Aéyog TG Trpoddov.

’Eqv pév & Adyog Tiig TpodBou, droldrwmg Secwopoupevog, elvan pe-
yohUtepog Tiic 1, ol 8pol, dmwoddrws Bewpovpevol, Poadvouv oc€avo-
uevol kal f) Tpdodog Aéyetan (&moAUTws) adifovca, v & O Adyos,
dmrodvToe BewopoUpevog, elvan mikpdTepog Ths 1, of &poy, amodvreme
fecopoupevor Paivouv EarToupevor (@BivovTec) kad i Trpdodog Afye-
Tan (&moAuTws) edivovsa.

Kar& TaUra, f) ospd 1év &pibudv 1, 2, 4, 8, 16,..., 64 d&ro-
TeAel TTpoodoY yewpeTpikiv aUfoucav ut Adyov 2.

*Ouoiwg of &pibpoi —5, —10, —20, —40, —80,...-&roTeAoUV yew-
peTpikiy Tpdodov (&roAlTws) alifoucav ut Adyov Tov +2, évéd ol

1 1 1 Z 2 2
i gt wi e o et e e ey e
&rmroteholy  (&roAUTeg) @fivoloag YEwUeTPIKAS TTpoodous pE &vTi-

. ; jia . 5
oToiyoug Adyoug TOUG — Kol

10| =

"Av Uf o TIOPACTTOWUEY TOV TTP&TOoV 8pOV YEWUETPIKTG TIVOG
TrpodBou Kol WE w TOV Adyov g, & Spog Tatng O Exwv THY P’
TéEw O& elvan aw, 6 Exwv Ty ¥’ T&Ewv 8& TapioTdveTon UTO TOU
X.0.00=—0wW" K.0.K., oTE 1] Tpdodoc 8& TaploTaveETal oUTo :

o, ow, aw', ow',

* Al yewpstpikal TpdoBol épgavilovTon TO TpdTOV slg‘ T BipAiov *ApiBun-
Tikfis. ToU Alyurtiov Ahmes, &mwou ([nTeltan vd TwpooTeBolv ol dpibuol
«7,49,343,2401,16807 kad siplokstar &Bpoiouax 19607».
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’Ex ToUTwv PAémropev &11: “Ovav dodff 6 modros dgog, 6 Ad-
yos zal to mAidos @y dowv yewuetownis wpoddov, téte 1) PO
odog dvvarar va Pewoiitar dotcuévy.

Emriong mapatnpoUuey 6T1: "0 tvydv Sgoc yewusrouniis sigo-
6dov looDtar ut tov a’ Ggov adriic éni thv dVvaury vod Adyov, v
Exyovoav éxdéznv 1oy dotPudy t@dv moonyovuévwy avtod dpwr.

Eqv p& T TrapacTriowuey ToOv Spov T viooTis Tafews Yyew-
LETPIKTG TTpoddov, éxolone o' Opov o kai Adyov w, fa Excopev

v—1

ar S e | ' s ST . S
T=a.w’~'. 'Ex Tolrng eUpiokopev o= o L 5 cof\/ &

Tly. & &wv ThHv Bekdrnv T&Ew 6pog Tijc Tpoddov 2, 6, 18,...
glver 2.3, 16T elven o=2, =3, v=I10.

"Av ol SiaSoyikol Spol YewUeTPIKTC TTpodbou mapacTafolv pe

B, Y, 8..., A, T kai & Adyoc Tne P& w, O& Exwpev P=ow,
x Y x \ p Y
=0, . Ope '% s Kai o= -— p= et

-

% ~ sl g
?\ﬁ?. Apa B=ow, P= —5 Ko pi=cy.

§ 214. To yuvdusvoy dvo Spwv yewuerpixils mpoddov, (odxig
amexdvrwy €x TV dxpwy Sowv, lgoUrar yé TO YLYéusvoy TOV
dxpwv dowv.

*EoTw ) yewueTpikf) Tpdodog pE Spous KaTdt TEIpaV

c B e B L K NG, RotAoyop oo
[ B e (%]
Yo 5 MoAAamAcoidlovtes Tag iodtnTag alTtds kaTd

W

"Exousv

Kol PETG TTOAAC-

TAQCIXOUOV TOUTwY KaTd péAn yk—=at. OUtw Exopev ar—PA—=yk.
MaparnpnTéov 671, #&v TO TAfBog TGV Speov elvan aptBpog Tre-
piTTSg, TéTE B& Umrdepy T elg pévov Spog, dmeywv E§ Toou €k TGV Grpwv
Spwv, & dTrolog B elvan peoaiog 6pog T Tpoddou (g ék Tiig Béoewde
Tou). "Av TrapacTalij clrog pE f, 8a evan kaTa TG AvwTEpw
pp—=PA—ar f pw—art kd p=\aT.
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MAPEMBOAH OPON TEQMETPIKHE MNPOOACY

§ 215. AiSovren 8Uo dpiBuol @, B ked Imreitan v TropeuBé-
Awpev peTabl art@dv v dAAoug, oi dTroiol peTd TV Bobévreov v’ &iro-
TEAOUV YEWUETPIKTV Trpoodov. A

*Edv mapooTricwpey pE w, Tov Adyov T Tpoodou, 1) otroia B
o¥nuaTics, Emadn 16 TANSog TV Opwv aUTfic B elvon v-L2, 6 TE-
Asutaiog 6pog P—=oaw,*t!. *Ex Tfi¢ iodtnToc alrriic ebpiokopsv:

v4-1

w}\‘+1ﬂ~g Kol mlz_f\’; i ;

(&v v-++1-=@&pTiog, TrpéTel %)0, S v Ex-r.ouev OpoUG TTpOry LOCTIKOUG

&piBpouc). ‘Emropévesg ) Inroupévn Trpdodoc B& elven
41 v41
f B / E’ 2
Lo 6 GV ";! o:\/(a-) gares
My. &v_InTiiTan vé& rapepPAnbolv dvvéa &piBuol petafu Tév 1
kol 2, ofTiveg peTd &y SobévTwv v’ droTeAoUV YEWHETPIKNY TTpdodoy,
10 1
Exopev v=9 kol =\ 2==2'". ‘Emroptveog ) mpdodoc elveu
1 2 3

1; 29, 200,

'AonnoeLg

548. Toia & TV ka&Twh TpodSwy elvan aifoucat, wolat pbivovoat kai Biai;
)b 0 20 BN 3 6 1250 Sy W =28, B2 e B35 T, B A
e') g%: %g: 2—: c-r) —4, 2—:-—-];1....

549, Né&x ebpedij & Spos Tis EpBduns T&Eews THs yewueTpikAs Tpoddou 2, 6, 18,..

350. No elpeBf] & Adyos yewuetpikiis TpodBou ui mpdTov Spov Tow 9
kal TépTToY TOv 144,

551. Né& ebpedij & Adyos Tijs mpodbou, Stav & TpdTos Spos Tns elvan 2, &
TeAeuTaios 512 kai 16 wAfBos 1Y Spwv 9.

552. Na ebpedf] & mpddTos Spos yewpeTpikils TpodBou, Ths Strolas O TeAsu-
Taios opos elvan 27,2, & mwpoTeAsuTaios 25,9 kol TE WATBos THv Spwv 6.

553. Tooov elvan Td mAfifos T@Y Spwv yewueTpikiis wpodbou, Tis Swoias
6 mp&Tos Spos Elvar 6, & Sevtepos 12 kad & TeAeuTaios 3072 ;

554. Elvar Suvarov va elpeiy T mAffos T@V Spwy yLwueTpIKils TTpoddou
pe o« dpov 23, 75 Adyov —0,925 kai TeAeuTciov —7,375 ;
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555. Elpete T& TAfifos Tév Spwov YEWUETPIKTS TTpodBou Exolons TeTdpTns
Taews Spov 13, &xns 117 kel TeAeuratov 9477.

556. EUpete vov Adyov YewpeTpikiis TpodBov, Exovons Tpits Td€ews Spov
Tov, 12 kai &6y8déns Tov 384.

ABGPOIIMA OPOQN TEQMETPIKHE MPOOAQY

§ 216. "Eortw 7| yewpeTpikfy Tpdodos o, aw, aw?,..., owod—!
&éx v Spoov. 'Eqv InToluev T &Bpoiopa TGV Spwv aUrTiic Kad Trapa-
OTHOWUEY aUTO pt =, 6k Eywuey * S—at+aw-aw? ..o’ =1 (L)

"Ecw TroAAamAcoibowusy Ta péAn Todtne Emi o, dpanpéoopey
8’ &mmd TO ey dpevor Teo—aw-+aw ... +aw’ T (1) (ko péAD),
TPOKUTTTEL Zo—ZF—=aw’ —a | Z.(w—1)—aw' —a, & T &molac
eUpioxopey, Sraupolvres & foa 81 ToU w—1 (16 &molov UmroTifeTan

5£0, BnAadn w=£1) F— O{——T— (2)

"Av glg v lodTnTa TadTny Sowpey TO T &vTl ToU aw'—!, T
émolov TaploTéver TOV TeAsuTaiov Spov Tic (1), 8& Exwuey TO InToU-

WY —of
= .

awr—1.w—w TE——C0 L OICOY — X a awY *
vevov &lpoiopa I— gt e e oo Sk e el 3)
To & opevoy ToUto Buvapeba va elpwpey xai g £Efic:
&y p
"Exouev a+taw+aw+...+aw” =a(l +-w-+w4... 4w 1), M-

pifopev 611 10 l4w+w..w' evan T TAikov T Bicupéaecac
(@' t!—1):(e0—1) &pa at-awtaw'+...aw’ 1=
cavia =] 1 —cov o awY

iy = R o T e L ey

ABGPOIZMA QOINOYIHE FEQMETRIKHE MPOOACY
( ME AMEIPON MAHOOZI OPON )

§ 217. "Av UmoBioowuev, &1t 1) Sofeloa yewpeTpikh Tpdodoc

* *H yevics) &fpoiols yewpeTpikils mpocdou dgefdeTan els Tous"EAATVes kat
emekTaow Tfis dvadoyias aix=x:y, €xpnoipomoito 8 T6 TpdTOV A} o, o, af?,
ap’... TevikwTépa popel &bBpoicews mapousidkleron T6 TpdTov es TO Epyov
«Algorithmus de Integris» (1410) tumwbiv &v TlaBoly (1483) xai &v Beveria
(1540) Umd ToU ’lraxAoU Prosdocimo de Beldomandi.é éwoios &yproipormoinoe
Tov mnTov  a-a@—a@i--...~apv—=l—apv—l - (apv=l—a): (p—1), Sx1 pE olp-
BoAa, &AA& pé mrapadsiyuara pévov. Mevikdy TUmov TpooBéoewms Spwv yewpeTpl-
Kfjs TTpooBou BiBa1 & Fdddes I, Vitte (1540-1603, Topioion).
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glvan gfivouoa * pi &meipov TATBog Spaav, SnAcdf 611 EYouev THV
yewpeTpikiy Tpdodov (1) o, aw, ow?, cw’,... (&r” &mreipov), Evéd TO
@ elvon &moAlTwg (1, ToTE TO WY 8& elven &p1Budc TTOAU pIKPOS,
&tov TO v elven oAU peydhog (Bemikdg). "OTav B8 15 v UtrepPaivy
TévTa Sofbvra BeTikdy &piBudy kai Teiver glg TO oo, TO ¥ kaBidg Kad
16 aw’ ylvetan &moAUTWG pikpdTEpoV TrowTos BeTikol &piduoy Ko
Aéyouev, &T1 zeiver gig 10 0.

*Eav Aorodv T6 &Bpoiopa TEV v TpTwv Spwv TG TTpoddov,
a—awVv (= axwv

Ypdpmjer ol 2= g —tnno o

oWV —
w—1
Béccopey 8TI TO v —» oo, 6Te Aéyoupev 811 TpooBéTopey Toug dnTeipoug

TO Z— Kot UTro-

dpoug Tfic TpodBou, Emeldn TO pEv jw elvan &pidude dpiopvog, TO

5t aw® —» 0, 8& Exoopev g &Bpoiopa Tfic (17) TO 1——_9-‘;' fTot

o3 A
a+dm+_...+am‘~‘-‘rl——: lwol{1l, v—>o0.

“Hror: To &Ppoicua t@v duelpwv 1o mAijdos Sewv pivov-
one yewuetguedic mpoddov loobrar ué xAdoua, Exov agttunnv
udv tov modtov Ggov, magovouastnyv O TNV wovada nlarrwué-

v xava tov Adyov tijg spoddov . :

'z
s ' 1 L g
elg TN dmolav elvan wo— % kai =1, elvan el =2. To &Bpoiopx

| =

Kord TaUra, To &Bpoiopa Téw dmeipov Spowv Tiig 1,

2

B ey . . . Rk 4
16y &melpwy Speov TiiG Tpoddou 4, 2, 1, 5. elven -— =8.

)
‘Aoxfoele »al weofAinparta
‘Oupds mpdTn. 557. N& eUpebfi & &Bpoopa TOw Speov YEWUETPIKTS

Tpodbou, s Ty dmolav even :
a') =25, w——3, v—7, B') =7, 7==5103, v=7, y') ™==2946, w—0, 337, v=—13.

* 'O Stiffel (1544) els 0 Epyov Tou «Arithmetica Integra» &ewpnoe 10
2 4 118

&Bpoioua Bpov YEWUETPIKRS Tpoodou 1 ; +1- N R ;? xai Tpoot-
fieoe TreTrEpaTpEvoy TATIBoS Spwv. b

# ‘H pffvouoa yewpeTpiki Tpoodos 14+ ; -}-( i )_4_(_111 )+ tugavileTa
& Trp@Tov UTd Tol "EAATvos pafnuaTikol ' Apyiundous (287-212 w.X., Zupaxoloat).

Wnepiomoir|Onke amé 1o lvotirouto Eknmaibeutikng MoAmikrg



"AlveBoa ("Ex8ocoic A’, 1950) 265

558. Tléoov elvan 1O TAfifos TGV Opwv YewpeTpikils Tpoddou pi
') o—=4, w—4 kai &Bpoiopa T—5460, p) o=4,6, =108, Z—54155,8
v') @=5, T=1280, 3-—=2555.
559. N& eUpebfj 70 &fpoicua ikdoTns TV Emopéveov TpodBwy, al Smoiat
> Exow &meipous Spous.

a’) ¢ —l -—I ] %"' ﬁ') ——;r 116I 6];} y) 2, —1 %—n %r"- &) 0,86 86...
560. EUpete 7o &Bporoua T Spwv TRV YewpeTpiK®Y Tpoddwy, al dmoiat
wpoxUmTouv &v petafy o) Tév 13,7 kol 52795 wapspPAnfolv 17 &piBuol
B’) T&v 0,996 xai 0,824 wapeufAnbolv 12 &pifpol.
561. N& etpefi] & wpdtos Spos kal TO &fpolopa TV Spwy YEWUETPIKRS
mpodbou, els THv Strofov =384, w=2 v=_.

562. N& eUpebfj To &fpoiopa a’) —j— i - g — 16 +... (¢ &mepov).

[

% e e o e g e Sy
i ele SRt G e s Ll e g VR R
o5 i i e R L Tk
T Y T i e g e e o Sy )
’ VFZI:'FlJ_ 1 5l 1 ' Sy
B Vo1 2 Va2 ... (& &meipov).

Opas Sevutépa 563. "Av sivan a)B)0 v evpefolv T& dbpofopaTa
«) @ +pa—ttprav—it.. ) atpb BB 4

564. Eis tetpaywvov (f) lodmAsupov Tpiywyoy) pé prkn Tis TAEUpSs Tou a,
ovvbiopsy Ta péoga T@V TTAEUp®OV aUToU Kai elpiokopev véov TotoUtov. To alrd
emavadapPdvopev els 16 véov ToUTo Kai oUTw kofeEiis. Né elipeff) 7o &Bpolopa Tév
EuPobGy kal TGV TEpiptTpwY TV AITEIpLY TOUTWY TETREYDVGY | TRIyWvmV.

565. Eis wixAov i pijkos Tiis GxTivos p &y ypdgousy TeTpdywvov €l ToUTo
kUkAov els TOv kikAov TeTpdywvov k.o.k. N& eipehij 10 &fpoiopa 1@V EuPadidv
TOV KUKAWY Kal TOV TETPXYWVWV.

566. Ne& elpeBolv ol yowvian TeTpanrAelpov, &v dmoTeAolv yeWUETPIKAY TIPS~
oBov kai 1 TeTapTn elvan EvveamAaoia TTis SeuTtépas.

567. Né&& peproti) 6 221 els Tpia pépn dmoTedolvTa yewueTpikiy Tpdobov Tiis
dmoias & ¥ pos v UtrepPaivy Tov o’ kot 136.

568. To uev &GbBpoiopa TpIGY Siadoxikidy Opwv YEWUETPIKTS -rrpoo'c‘:ou elvat
248, 1) 5t Siagopa THV &xpwv Spwv elvar 192, Tives of Tpeis dpot ;

569. Aelfare 6T1 TO ywouevov TGOV Spwv YewUETPIKTs TTpodBou pE v Spous
kai &xpous Spous o kal T footran pE \ (ar)Y .

APMONIKH MPOOAOLXL

§ 218. KaAsiTon dpouowxn mpdodoc, osipa &pibuddv, &v ol dwv-
TioTpOPOl TOUTWV KaT& THv oUTfv oeipdy daroTeholv &pifunTikiv
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mpooBov. Ty, &wadh of épiduoi 1, 3, 5, 7,... &woTeAoUv &piBunTikiv
Trpdobov, ol &vTicTpopol auTdv 1, ;v ——;4 .1’,3 Afyopev 611 dmoTe-
Aolv &puoviktjy Trpoodov.
‘Opoiwe of 1, ;1 -!31 iv &roTeEACUV &puovm;'w Twpdodov, EmEl-
&1 oi 1, 2, 3,... Spilouv GpiBunTikhy TPdoBov.
E&v a, B, Yy elvon Tpelg SiaBoyikol dpot dpuovikiis Tpoodou, oi
;l; & elvon SiaBoyikol Spor &pidunTikijc TTpodBou kal 8& Exe-
T o N R L 2
e el s

‘O B xoAsitau

1,
&N
A A : e Dk e e
péoog Gpuovikeg TGV «, B, v elvaa B8 kal S L
. i haetc a—B
By-+aB—2ay, ay—By—ap—oy, (a—B)y—(B—y)= xal 5.
"Av BoBolv 8Uo &pibuot T.x. «,B kai {nreitan v& TrapeuPAnfouv
petafl alTédy v &pifuoci, of omoiol UETE TOV SobfvTwov v &moTe-
: < s . = = £z g el e r
Aoouv dppovikiy Tpdodov, Trapatnpolpev &t ol &pifuoi s & fx
elven of dxpor Spoi &pIduNTIKTC wpoddou pt v--2 Spoug, & TV
. e ¢ x 3 By SEl TG 3o
drrolwv of - 5 eivan of &xpol kal of fvBiduecol oUT@Y eival o1 av-

TioTpogot &pifuol T&v {nTouptvwy. Eupiokopev TOV Adyov foTw W,,
1 1
B
v+

&poug THc &pidunTiKfic Tpoddou wkai ol dvticTpogot aUTdv elvai

Thic &v Adyw &piBunTikiic Wpoodou w ==

lar oxnuoTifousy TOUG

ol InTolpsvor &pibuoi. Tl.x. & Emwdpevos ToU Spov ‘—L Tfig &punTi-
Kfjg Tpoddou elval & :x + ( :3 —':I ):(v-éfl):%{ +(a—B): (v+1)ap, o
Bt dvrioTpogos TouTou &piBude slven & peTd TOV TP&TOV Spog TS
&puovikfis TTpodSou.

"Acxfioerg

570. EUpete THv dpuovikiy wpdobov pé 20 Spous Ths omolag ol Buo TpdTOL

% ; 1 L ¢ 1
Spot slvan @) 1, e B B p i W 1 3"

571. Metafl tév &pbudy 0,25 xai 0,025 vé wapeuBAnSoly 18 &pidpoi,
@ote perd BebébvTawv v dmoTeAigouy &Gppovikhy TpocBov.
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MEPI AOTAPIOMON

§ 219. Kq?\oG:'C'-,-' Aoydgiduoy &piBuol Tivog A &g pods Pdoiv

&xBétnv Thic duvdpewe ToU 10, i dmolax icoUrai

uE Tov A% *Hrtol &v elvan 10°=A, 10 o AéysTtan Aoy&pifuog Tou A

@¢ Tpog Pdov 0 f| &mAdc AoydpiBuos ToU A, kel omusidveran

oupPolikéde ¢ &6fic:  a—AoyA 7| AoyA—a, d&aroyyéMetan Bt §
iooTne alrrn ofrw:

Tov &pibudv 10 Tov

‘0O Aoydotduoc roi A elvar ivoc ué a.

"Ema1dn) elvan 10°=1 xai 10-—10, Emeron 671:

AoydorFuos rov uév 1 elvar O, 100 68 10 4 1.

O Beiwpey Twpa 6T1: AoPévioc dorduot Berinod Yrdpyet
els udvoy Aoydotduoc avrod.

"Eotw a') dpiBuds A)l. AauPévopsv Eva dxépoiov kol BeTikdy

e : o ewive N sl S R S, iy
ap1fuov v kai o ,(nuf\‘ru,oua Toue Gpiuovs 0, v v —u.. kad TG
Suvaperc 10°, 10, 10v, 10,... of éwolon &moteholv Trpdodov

YEWPeTpIKTIV aUovoay, 10+ )1 (516m1 &v fro 10* <1
UyolUuTeg & dvioa oUmd €lg - v Buvauy, 8 elyouey 10 1). Oi
aivouv alifavéuevor &md Tol o kad £Efic,

Spol Tijc TPodSoU TN
kxi av ptv iy €l & alrdv va loolran pd tov A, 6 exfBeTne T
Buvduecos Tautng elval & Aoydpifuog ToU A &v St St oupBaivn

sl

180U Tov Aoydpifuov alrrol s Trpds

TOPITTAVETOL ME TO ypdupa € kal lvor

pov) fi 2,718281828. . 'O ¢ & elven

Y YETan Kai Yorspfarixos dpifuds (di

0180 5 2 pecis TGV vem Eylw\! Aoyapifuwy dpeldeTon

eis Tév John Naper (1614), SAiyov 5 Bpa UTepov & 4) &nuoolevos

&
Tivakas Sexabikdv Aoyaplfuwy &wo 1 péypr 20000.
Mia &lowais Atyeton dadpefoixr), &v 10 Tp@Tov péhog s eval dxépaiov
ToAudvupoy Trpds s ToUs dyvdoTous alitiis, e T SetTepov péhos s elvea pn-
8év. Pila &AyePpixiis £ iowoews AbysTon Kal dhysfoixds doiduds,
Koard robrax els dpfp kfis Hopofis (o )—a-pi svan dAyeBpikos
ol —r:;:r‘,*po—wci apibuoi (Betikof, &p-

ol pryadixoi.

apifpds. OUtaws dAyePpixol

nTikel, & pndév), ol gav
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roirro, B TepiéxeTan & A peTaly Svo Siadoykéy Spwv THG Tpoddou,

L5 L gl s e

foroo Tow 107 ket 10 ¥, fjtor 6 efvon 10 (AC10 ¥ .
Of 8uo oUrtor &piBuol petagl TéV Stroiwy TEpiEXETA & A Bio-

S i AL ot i g

pépouv kot 10 ¥ —10v =10~ .10¥ —10¥ =10" (10” —1).
ANN 1) Siapopd ot Suvarten v& yivn) wikpoTépa TavTOG &pi-
7 1

Buol BeTikoU, &v AdPwpey KaToAANAGG TO V. MdTi 16 10V —1 Bdve-

Ton vé ylvy &moAUTwe pikpéTepov TravTog dpifuol BeTikol, STav TO
1

v UmrepPadvn kardMAnAov &piBudv. Tolto oupPaiver, B10T1 o 10V
1 -

Binvexdde BAatToUTan STav afdveton TO v, TAnoi&le 8¢ TO 10¥ Trpoc
v 1, tav 16 v Telvy elg TS 00. "Aol Aormdv of BUo &piBuol ueTagy
Ty Smolwy TepiéyeTan & A Bipépouv &TOAUTEC KATG TTOCOTNT
doov Bthopey pikpdw (STav AdBwusy TO v XPKOUVTGS HEYX), KOTX pei-
{ova Adyov 6 A B& Siagpépn &moAUTws &md E&kaoTov TGV &p1bucov
ToUTwY KaTd TrocoTnTa doov BEAcpev pIKpav.

*Htor elvan & A Splov éxdoTou T&V Gpifudy auTév.
Awvéueha Aormrov va AdBwuev (xoara Tpoctyyiow) Tov A Toov
pé EaoTov TaY &Y TouTwy (SToav TO v Angli] dprodvTag pEya),
u g1
fitor v& Bfccwpevy A=10V, &1 slvan ?\oyA:%: 10— e

SEi e = . o : y .
?\oyA:“v;- Oi &Uo oUtor Aoydpibuol Tol A Biagepouv KaTa \17' TO
&trotov Teiver gic T 0, &voav TO v Teivy elg oo.

*Eotew B') 67 elvan OCA(l. Tlaparnpobuev &1, 8& eiven —}-\4)1

‘Etropévas © )—:- 8& Exn Aoyapifuov, foTw TOV '_;. dnAadn 8& elvan

K

L Aqpy *AvTioTpépovTes T Tow, 8& Exwuey A=

A

—— 107, &wo-
105
LEVEIC AoyA:—%- Aéyopev Tpa 611, €lg uévog AoydpiBuog ToU A
Utrépyer. Aidm, E&v eixopev .X. v—=AoYA kol p=AoYA, f8a fito 10v=A,
10°—A, kal 10v=10°, &pa xad 10*—P=1, émouéverg v—p=0 7 v=p.
Bk Tév dvewTépw EmeTon 8T, stds dotduds A)0 Exe Eva udvov
Aoydorduov, derixdv uév, dv A)1, dovnuxov 8¢ dv eivar A(1.
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MapaTtnpfoeic 1. “Aovpuxdc tic dordudc ddv Eyxel
(roayuazindv) Aoydorduov, tmaidh & obdeuiov (Tpaypomkny) Ti-
pfv ToU ¥ 1 8Uvauig 10* 5ider EEorydpevov &pvnmikdy (§ 148).

2. "Ap1Bucc Tic oUppeTpoc o Buvaron v BecopnBf doc AoydpiBuos
ToU 107, elvan 8° ofrog & pdvog, GoTic Exel AoydpiBuoy Tov a.

3. Naoa SYvauc Tol 10 pé kbétny &piBudv olppuetpov Exst Ao-
Y&pibuov ToOv oUpuetpov ToUtov #BéTny, Tac & &MAcg dpifudg Exel
Aoyapifuov dolpuetpov &pifudv.

Ao, & eixe AoydapiBuov oupustpov &piBudy, 8& fito ouTog
foog pE dYvauv ToU 10, Exoucav #kBéTny TOv clupsTpov ToUTov, TO
otoiov dvrikerton el THY yevoubvny Tmoddeoiv.

Oi &pifuoi 100, 10y, 102, 10°..., 10¥, &mov v &xépaiog, Exouv &uTi-
oToiywg Aoyapifuoug 0,1, 2, 3,..., v

Oi apifpoi 10—, 10—, 10-—=3,...., 10— §j oi ool Twv &vrioToi-
Xxwes 0,1+ 0,01- 0,001-..., 0,00... 01 Eyouv &uTioTolxws Aoyapifuouc
=], =2, =3 ..

IAIOTHTEZ TON ACTAPIOMON

§ 220. o) “O Aoydotduog yivouévov dordudy igodrar ud o
ddpoioua tdv AoyaplPuwy tdv wagaydviwy avrob.
"Eotw 871 elven AoyA—a, AoyB=p, Aoyl—y. B& Beifopey 61
Aoy (A.B.IN)=MAoyA--hoyB+Aoyl—a-t+p+y.
Ao kaTd TOV Splopdv TV Aoyapibuwy Exouey
10=—A =108 —B 10y —F
xal moAAamAao1&lovTes T oo TaUTa kara pEAn, slpioxopsy
10=, 108, 10v=A.B.I', §} 10°=-F—AB.T.
AAN 7y lodTrs cn"n‘r] 6pi§5l oém
Aoy (A.B.MN=c+P-+y=AoyA-|AoyB-FAoyrl.
Kot &vdhoyov Ttpémov Sewvieran 1) 816 xal Bike mepiooo-
TEPOUG TTOp&yOVTOG.
2uvnfewg, Stav dobi] dxépatog &pifude, dvolopey alrtoy elc Yi-
vopevoy mpaTwv (7 un) Tapaydvtwv kai & Tol yivouédvou orrév
epapuolfopey TOV GuwTépw kavdva Tepi Aoyapifuou yivouévou.
TT.x. Exouer: Aoy420—=Aoy(3.5.7.4)=Aoy3--Aoy5-+-Aoy7+Aoyd.
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B') ‘O Aoydptduos mpiinov 8¥o dorPudv looDrar ud Todv
Aoydotduoy 100 Sraiperéov ucioy tov Aoydotduoy rot dSratpérov.
"EoTtw 6T elvan AoyA=ca, AoyB=Pp. O& Seifwopev oT1
Aoy % —AoyA—AoyB. A6 kard TV Spioudv Té@v Aoyapibucwy Exo-
pev 10e=A, 108 =B, BicapolvTeg 8¢ T&¢ lodTyTac RorTdx pEAT, eUpiokopsy
10= A A

R et
05 — g 1 10° B

AN 1 loétne ot épiler &T1 Aoy & —a—P—AoyA—RoyB.
OUte Exopev T.X. 7\0)/5% z’/\oyg—? =Aoyl7—Aoy3.

Y') ‘O RoydorFuos oiaodrjrore dvvducws dortuot icobracr ut .

zov Endérny tijc Svvducws éxl tov Adoydorduov s Bfdocws avrfs.

*Eotew 611 elvar AoyA—a xai 611 Eyopev THy duvapiv A¥ pE Ex-
BéTnv u olovdfroTe.

O Beifwpev, &1 AoyAv=—p. AoyA.

Ao, emeibny elvon AoyA=—a, B& Eyxwpev 10°=A kai nwolvTeg
T& foa glg THv p Slvoguv elpiokopey (10 )e=Ar § 108-s=Au.

*ANA' 1) lootne altn épilar 6T AoyAr—p.a—u.AoyA.

1

Kot Tolra Exopev AoyA> — %?\oyA, fitor &7

&) ‘0 Aoydoiduos pilne dorPuod lootitar ué vov Aoydortduoy
o0 dmogilov, dinonuévov dua ot Jdeixrov Tijc eifns.

£') ’Eé&v elven A, B 8Uo &pifuoi (Betikol) xai A)YB, 8& elvon kot
AoyAYroyB, édv 1 P&oig Tdv Aoyapifuwv slvea peyoutEpa TG
povadoc. AidT &eoU elvan AYB, 6& Exusy SicipoUvTeg Ta Gviox pé B,
-%)1. AN dgoU é%— givan )1 Exer AoydpiBuov BeTikov, fiTor Exo-

eV ?\oy-%)o, i Aoy A—AoyB)0, &pax AoyA)ioyB.

'AocnnNoELE

Na Beixffi n| dAnbfeia Ttov xdrwh looThTwy:

572. «') Aoyl5=Aoy3-+Aoy5 B') Acy55—=Aoy5-LAoyll

= 1

23 &) ?\oy2§ ==Aoy7—Aoy3 B") Aoy49—=2ZAoy7

574. ) Aoyy 20=—(Aoy20):2 B') Aoy\ 6AT"—3(Aoy647):2
575. a’) 6hoy32—Aoy32" B) hoyS5--Aoy7+Acyd=—DAoyl140
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FEPI TCY XAPAKTHPIZTIKOY TOY AOrAPIGMOY

§ 221. Koholusv yagaxzngiorixdy Aoyopifuou Tivdoe To dké-
poiov uépog oUtoU, &tav TO &AAo pépoc Tou, tav Eym, elvar Bemi-
kov kai (1.

*EoTtw &piBpdc Tig, mepiexousvos petafy tou 1 kad 10, . 6 7.
*Emre1dny 1{7{10 &xouev Aoyl(Aoy7{Aoyl0  0Aoy7{l. "Hro1 & Aoy&-
p18uoc api1Buol mepiexopévou petaly 1 ko 10 Exel yapoxtnptoTixdy 0.

“Av dpiBude mig mepifxsTan peTall @y 10 kad 100, oy, & 47,
emerdny 10(47¢100, 6& &ycwpev Aoy l0{Aoy47(Aoyl100, | 1{Aoy47{2.

“Htor w&e ToioUtog dpiduode Eyel Aoyapifuov ué XopoxTnploTi-
xov 1, k.o.k. ’Em=idn) Suews mwag apibuog mepiexousvos o) peragy 1
kai 10 Exer dxepaiov pépog povoynerov: B') perafy 10 kol 100 &xa
drépoiov Biyn@lov k.o.x., EmeTan &Ti:

Té xyagaxinoiorixdy 0T AoyagiPuov dovPuod A)YI1 Fyer
Tooas drepalas povddag, 6oov sivar 10 wlidos tdv wnepioy oD
dxepaiov oy, Hlartwuévorv xata 1.

T.x. T© yapoxtnpioTikoy ToU Aoy235 slvar 2, ToU 12,4 elvan 1,
ToU 3835,24 elvoa 3 KA.

"Ecte Twpa dpiBuds Tig, Trepiexdpeves perafy tdv 0,1 e 1,
w.x. © 0,34 Emweidy sfvan 0,1€0,34¢1, &youev Aoy0,1 (hoy0,34(royl,
1 —1{Aoy0,34(0. ;

"HTo1, & Aoydpifuog movTdg TololTou &pi8uol Slvaron va Bec-
pnof) dmroTeAoUuevog &md 1O —1-+K,, émou elvan O(K (1.

"Av &p1Buoc Tig TrepifyeTon peTall Tév 0,01 kad 0,1 .y, & 0,047,
gme1dn elven 0,01€0,047¢(0,1, 8 Eycopsv Aoy0,01(Acy0,047(Aoy0,1 f
—2(A0y0,047({—1- fjTo1, & Aoy&piBuog TavTds TolouTou dpifuol Slva-
Toa va GecopnBij &roTeAoUusvog amo 10 —2--K, &mwou elvar 0(K {1 ,x.0.k.

"Emre1dny Opog mig dpibudg Tepiexopsvos ') perafy 0,1 kol 1,
Staw ypapi] g Sekodikdg, B8& &y onuovTikdy yneiov TO o Sexadi-
KOV peTa Tnv UmodiacTtoAtny, B’) werafy 0,01 kol 0,1 (Stov ypoof
wg Bexadikog) B& Exn onpavTikdy ynelov 1O P’ alrroU Sexabikov
HeTX TNV UTTodiaoToAnv, K.0.K. &meTal OTi:

Té yagaxtnoictixdy 1ol doyagiPuov ($erinod) dorduoi A(1,
yeyoauuevoy s dexadixol, Eyer rédoag dovnrixdc movddag, Son
elvar 1} tdfic 100 o onuoviixod wipiov tov, tob defid Tijc Vmo-
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dractoldiis, Grav 6 Aoydorduoc Peweijrar dc dPpoicua dxepaiov
dovnrixot xal dAlov Perwod uixporégov tic 1.

Tl.x. T yopoxTrpioTikov Tod Aoy0,3 elven —1, ToU 0,0147 &
—2, ToU 0,0076 & —3 xAT.

Tov AoyapiBuov (BeTikolU) &piBuolu A(l 8& Bswp‘offusv g &Bpor-
oux &pvnTikol &pifuol kad &\Aou BeTikol, mikpoTépou Tijc 1, B& Uro-
B&Toopey 8 aliov yeypappévoy UTro Sekadikny popenv. Ofrw 8& clven
T.X. Aoy0,3=—1+-.... érov TO.EAAelTrOoV pépog (UE onpavTIKS Yneic
uovov Sexabikd) elven &pibudg eTikdg kad pikpdTepog TG 1.

‘AvTioTpdewc, ék TGOV TTpoTyovpévwy Emetan OT1: " Ay udv o ya-
gaxtnotoTidy tod Aoyapiduov dorPuot A elvar Ferindv, 1o dré-
oatov uépog tot A Eyer téoa ywnepla doac uovddac Exet 1o yapaxtnot-
crixdy 1 v 82 10 yagaxrnototixov eivar dovnrixdv, 6 A elvar Se-
snadixnoc ué dnéoarov O, oy 8& tdE1v 10T npwtov onuavrixod wneiov
Tov 6pilet 10 A Pog 1@V dovnrdy uovddwy 100 yagaxTnoloTixod.

_ Olmw, &v 10 YapaxtnpioTikov Tol Aoyapifiuou apiBuol elvaa 3,
TO dkepaiov pEpog ToU &piBuol exenTéooopa ywnoelor &v TO YapoxTn-
pioTikov elvan 0, 1O dxépaiov pépog ToU apifpol Exel Ev wneiov: &v
TO XOPOKTNPIoTIKOY elvan —2, & &pi@uog slvon Sexadikdg pé dxépaiov
pev 0 kad TpdTov onuovTikOY wn@iov peTa TH UmodixoToAN Y aUTou
TO SeUTepov.

§ 222, "Eotw o7 glvan 10°=A. "Av roAAamAacidcwpey T& foa
ToUre Eri Slvapiv Tiva toU 10, Eote Ty 107, & Excopev 10=.10°=A.10*
fi 10oH3=A10°, xai ko7 TOV Spropdv TV Aoyapibucv Exouev OTl,
Aoy (A.10%)=a-+3. AAN Eyopsv a=AoyA.

‘Emroptverg elvanr Aoy (A..10°)=a}-3=AoyA-+-3.

‘Ouoiwg, &v Sicapéowpey m.X. 81 ToU 10° T& péhn Tfic iodtnTog
10==A eUpiokopev, 11 Aoy (A:10%)=AoyA—3. :

"Hroi: "Eav dorfuds tig modlanlaciac?ii (4 dratoedisi) émi
rov 10, 100, 1000,... 6 loydgtduos avrod aviaverar (§ élaz-
rodrae) xaza 1, 2, 3 ...

’Ex TtouTwv EmeTon O11: "Eav 8vo0 dorPuol Exovy za avra wn-
@la xal xare Ty avryy rdfiy, drapégovy 6 udvov g 7tEdg TNV
Béowv tijc Dmodracroldiic, ol loydorduor avrdv Srapépgovy udvoy
HOTQ TO YO0AXTNOLOTIHG GUTDV.
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TT.x. & AoydpiBuog ToU 5 elvon 0,69897
TOU 50 glva 1,69897
ToU 500 slvan 2,69897

TOU 05 glven  —14-0,69897
ToU 0,05 elvea ' —2-+-0,69897 xAm.

'Aocxnfioeig

576. N& eUpedi] 10 XopakTnpioTIKéV:: a’) Aoy35, B") Aoy4513,
y') Aoy9,5, 8") Aoy0,80 Aoy(0,008- Aoy800- Aoy 8000
e) Ao0y0,00132- Aoyl32, Acyl1320, ot') Aoy397,451 Aoy3974,51 Aoy397451,1
L) Rostgr n") ?\oyslﬁr 8) Aoye62 g—r 1) hoyZ-; 1 Aoy0,045° Aoy40.

577. Tldoa dxépaia ynefa Exer &pibuds, ToU &molou & Aoydpiduos Exer xa-
paxmplonxov 3, 5. 7, 1, 0, 12;

578. Toix elvan # T&Eis ToU TpdTov onuavTikol ynelou per& ThHY Umo-
SicoToAny ToU &piBuol, ToU Smofou &. Aoydpifios Exel yapaktrploTikéy —I,
—2, —3, -5, —9:

579. "O Aoyapifuos Tou 80 & ven 1,70586. Toior &GAdor &pifpol Exouv 16
aUto Sekabikdv pépos TV Aoyapifumy Twv;

580. TToiov yvdpiopx Exst & &pifuds, Tou omoiou © Aoydpiduos elven’ &
0,70586, ¢ 1,70586, &6 —1-1-0,79586, & —2-4-0,70586, & —3-1-0,70856 kai o ;

TPOMH APNHTIKOY AEKAAIKOY EIZ EN MEPEI APNHTIKON

'§ 223. To pépoc ToU Aoyopifpou dpifuol Tivog, TO UIKPSTEPOV
76 1, ekppaleTon ouvnBog pe Sexadikov apiBudv (koTd Tpootyyioiv).

Koara tabta 6 Aoydpifuog &pifuoU elvon év yével éxépatog 1y
BexaBikog dp18pog (kata TrpocEyyiow).

Emre1idn t®v pikpoTépwv Tis 1 (feikdv) dpifudv 6 AoydpiBuog
elven dpunTikdg, Tpfmopsy avTov eig &Adov ioov Tou, év pépsl dpun-
TiKOV, SnAcdn eig ToloUTov doTe TO ptv dxépatov pépog va elvan Gp-
VI TIKOV, TO B¢ Bekadikov Betikdv.

"EoTte Tr.X. 6 (SAwg) &pvnTikdg Aoydpibuog &pifuol Tivog

—2,54327- fito 6 —2—0,54327.
’Eav el ardv mpocBiowpery tov —1 kad TOV +1, evpiokopev
—2—1-+1-0,54327—=—3-+1—0,54327——3-41,00000
—0,54327

—3-10,45673
18
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Tov &moiov ypdpopsy 3,45673- SnAadh Ypaoopsy TO — Umepdva ToU
dxepaiou pépous, fver BnAcdoowpsy 8Ti TotTo udvov elvon &punTikdy,
T0 B¢ Bexadixdv elvan BeTikdy.

Maparnpolper 611 ik v& Tpéweopey Aoyapifuoy dpvnTikdv elc
&v peper GpynTikdy, ciEdvopey THY &TOAUTOV TRy Tol axepaiou kot
| kal yp&gopev & — Grepdves Tol EEaryopévoy, Bebick 8¢ Tovrrou Yp&-
pouev dog Bexadika ynela Tég Siapopis TEY SekaBikdv ymeiwv Tou
Bofevtog, Tol pév TeAsutaiou (onuavTikod) &mod To 10, T&v 5 &
Awv &mo 1o 9.

Hapathpnoic. Al mp&feic &mi Tédv Aoyapifpwy yivovrtan
kaBoog xod ol &mi 76w Sexabikdv CAyePpikdv dpfuddy, pé TTapaiia-
Y& Twag, &tav of Aoydpifuot Eouv &PUNTIKOY XOPaKTPICTIKGY,
kai ai éwoial gaivovTon & T KXTWTEpW Trapaderyudroy.

Ifgdofeoi;. *Eote &7i {nTeiton .y, 76 2,57834--1,67943. Touc
pév SexaBikols TrpooBiTouey i cuvABos, dTav 58 ¢Bdowpsy sic THv
Tpoclcow TGV dxepadcov Afyopev: 1 16 xporroUpsvov xai 2—3 kad
—1=2. OUrw eipioxousy &GBporopx 2,25777.

"Eorw 6Tt {nTeitan 10 &fpoioua

2,85643+-2,24482+-3,42105+1,24207

Fpdpouey Touc TrpocBeTéouc cag KOTWTEP PO eUkoAiav kai
dxoroUfwe TpooBETousy T& ynelx dc cuvABe  2,85643

2,24482
3,42105
1,24207
3,76437

“Orow g8dowpev slc Ty mpdodeotv TGV dxepxicov Adyousy 1 1o
kpaToupevoy kad —1==0, kai —3 foov —3, xad 2 foov —1 xad 2 ioov
—3- ofrw & elpioxouev &poiopa 3,76437.

“Awpaigeoc. "Eotw &1i [nreiten fy Sixpopd 5,67893—8,75928.
ToUg pdv SexaBikotg dpatpolpsy @ ouviifeg, Stav B8 gd&owpsy eic
Toug dxepaious Afyopsv 1 TO kpaTtoUpsvov xai —8 foov —7, S1ix v
Gpadpeaiv yiverar 47 ked obv —5=+2. ‘Emouévec 1 Siagopd slva
2 91965
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Hoiiamiaoasuge éni axéparor. “Eortw ém1 [nrolpev T

5,62893:x3." Exouev 5,62893%3——5.3:0,62893.3——1511,88679—
14,88679.

Awalpeaic  0F axspalov. "Eotw 6mi {ntolpsv 10 TmAikov ..
Tolt 5,62891: 3. TMaparrnpoUpev &1 slven 5,62891 ; 3—(—5--0,62891) :
$3=(5—1+11+0,62891) : 3— (—6-1,62891) : 3=—2-1-0,54297 —
—2,54297.

"Emre1dn) 6 &pynTikdg dxépaiog ToU SicipeTéou Stv Sicupelton dxpl-
B¢ Bix ToU BianpéToy, deaipoliusy &’ aUTOV Kai TpocBETouey Tre-
poiTEpw Tag dranTouptvag povadag, Tva xkaraoTi) SixipeTds kal &ko-
AoUbcog exTeEAoUpsy THv Sixipeoiv.

‘Opoiws Six THv Sixipeovy m.y. 4,67837:9, Eyouev 4,67837:9=

-—=(—4--0,67837):9—=(—4—-5+5-+0,67837):9—=
—(—9+5,67837):9——1-+0,63093 A 1,63093.

‘Aoxnoeig

581. Né& Trpootedoiv ol &pbpoi 2,34897- 6,97852 9.82057.
582. N& dopoupsd & 3,98090 &wd 8,30467. & 9,93726 &md wov 3,86564.
583. N& moAAcmAcoicosy & 9,30942 &mi 3,7-42.

584. N& elpefolv T& trnAixa pE 5 Sekadikd ymoia Tou 9,93642 514 8:9-12.
ACTAPIGMOL APIOMOY KATA [MPOZEMIZIN

§ 224. Kotolipev AoydpiBuov dpifuol kaTd mpooéyyioty uovd-
dog, T| xav& wwpooéyypioww 0,1 §§ O 01§ 00, 1... Tov pixpdrepov TGV
éxBeTdv Buo Suvduewy ToU 10 peTafl Tdy émolwv mepibyeTan 6 dpi-
Buog, xai oimives (ExBéton) Graxpépouv xarar 1 0,1 f 0,01 7 0,001...

OUrw &v Egwpev 10° (A(10PH (Bvd 10 p elven dxépaicg) TO p
Aféyeran Aoydpifipos Tol A Koard Tpoctyyigv povédost fTor TO p
elvar 16 dxépaiov pépog ToU Aoyapifuou ToU A.

b1

"Av Exwpev 10V (ACI0 0, 1o
kata Tpoctyyiot 0,1 kx.ox.
"EoTw &1 {nTeiTon 6 Aoy A katd mwpootyyiaw 0,1

o)

AfyeTtou AoydpiBuog ToU A pe

ol

I
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"Av mapacTiicwuey oV {nToUpsvoy dpiBudy ug X 6& EXGOUEV

10
X x+1
100 (A(10 10

Ywolpev T& dvica elg Ty Sexk&Tnv Suvapiv ko  eUpiokopey

10%¢AR(10%+,

AN & TG oxéoEnC TOUTNG TTaPOrTNPOUNEY STI TO X elvoa 16
drépatov pépoc ToU Aoyapifuou ToU A,

‘Opoicos Epyafouela, &v {nToluev Tov AoydpiBuov apibuol kaTd
mpootyyiow 0,01 § 0,001,....

‘Emoptvers : Awa va etiowuey zov AoydotPuov dotduod naza
agootyyiowr 0,1 # 0,01 ...., doxei va dywdowuev tov dotduodv
el iy 10nv # els iy 100%v.... Sdvauy, tob éEayouévov va
elgwuey ©o duégaiov uégos; ot AoyapiPuov adrod xal robro va
dratgéowuey da 10 % 100,....

Kora talta Suvdpsho v eUpwpey 1O dxépaiov pépoc kol doa-
BNmoTe Sexadik& wnoic Tol AoyapiBuou tvoc &piBuol. TT.x. &v Sobi
&p1Bude Tic A kal SEAwpey v& eUpwpey BUo Sexkadikd yneia Tol Aoya-
piBuou Tou, Uydvopey Tov A ec THy 1008V SUvouiy kol eUpickouey
TO XXPAKTNPITTIKOV ToU A", SnAadf T TATI8og TéV dkepaicov yn-
Plcov AAaTTwpbvor KaTd povdBa ToU A kod olrrd TO XapaKTnpl-
oTikov B4 1o fecopriowpey dg olvoAov EkoTooT@dv ToU {nToupévou
Aoyapifuou.

MEPI ACTAPIOMIKON MINAKQN

§ 225. ’Evd cog eiSopev, Suvdustor v eUpwpey TO dxépaiov pépog
kol doadnmoTe Sexadikd Wneia Béousy Tol Aoyapifuou &vde &piBuod,
év ToUTolg 1) péfoSoc atn elven Adaw poxpd kai émitrovoc. Ak ToUTo
Umrépyouv Tivaxeg, of dmoiol Adyovrai AoyapiPuixol mivaxec, Tre-
PIEXOVTES ToUC Aoyapifuouc TGV dxepaicov G&p1Buév &mwd TG povd-
8o kal €6fic uéypr Twée. Emaidn 1o XapaxTnploTikov Aoyapibuou
BobévTog dpibuol slploxeran elxdAcoc, of Trivomec TEPIEXOUV EKAGTOU
AoyapifBuou év BexaBixdy pépos pé dpkeTd Bexabikd yneic.

2uvifos ueTayeipilopefa Tivokog pi TrévTe Sexadik yneix, i
5¢ Biaradic aUTdy paiveTan éx Tol Eropévou Trivaxoc (AngbevTog &k
THG YoAAkfg &kddoews ToU J. Dupuis).
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N i 0 1

500 | 69897 | 906 |
1 984 | 992 |
2 | 70070 | 079
S o oy ) 1
A-Peloaa 1 <9Rh
51 329 | 338
6| 415 | 424 |
7| 50t 509
8.5 5 886 1505
9| 672 | 680

510 | 757 | 766
I =ago 1 851
:

| 927 |

sy

914 | 923 | 932 940
*001 | *010 | *018 || *027
088 | 09 | 105 114 |
174 (183 | 191 || 200 |
260 | 269 | 278 || 286 |
346 | 355 | 364 | 372
432 | 441 | 449 || 458
518 | 526 | 535 544
603 | 612 | 621! 629
689 | 697 | 706 || 714
T4} 783 et |} <800 |
859 | 868 | 876 || 885
944 | 952 | 961

935 |

969

949

| %036

122
209 |

295
381
467
552
638
723

808
893

978 |

398 |
484 |
569 |

655
740

825
910

995

9

975 |
062 |

321

148 |
234 |

406 |
492 |
578 |
663

749 |

834
919
| =003

To piv olvohov T&V Sexdboov TGV dpiBudoy elvon ypoaupévoy elg
THY TTpwTNY oTAANY, &l THY Kopuehv Tiig dmoiag Umdpyel TO Ypduua
N. (Nombres); 76 8 yneiov T&v povddwv ctdv e Thv dpilov-
‘O Aoydpifuos ékdoTou apifpol eUpiokeTon

Tiov osipav perax 1O N.

i THv BiaoTopwaoiv TG ypopufic ToU yneiou Tév povddwy kal

ToU ouvoAou Tév Bexkddwv ToU &pifuol.

"Emre1dn oMol £gegfic &pifpol Exouv T& SUo TpdTa ynela TV
Aoyapifuwy alrr@v xowd, ypdgpovtal TauTa &mag uévov kai voolv-

Tai AraveAauBavopeva T& aUTd, péxpis OTou iAoy Bolv.

‘O &orepiokog, & dmolog EviayoU &mavtd el Toug mivakag, on-
paivel 811 T& TapaerTdusva Slo TpdTa yneia HAAaEav kol Tpéel

v& AdBoopey T& &ufowe Emopeve. Kord Tabra Exousv OTi:
Aoy500—=2,69897 Aoy5000—=3,69897" Aoy5017=3,70044
Aoy5063=3,70441- Aoy5129=3,71003.

Toug Aoyapifuikoug Trivoxag peTtoryEiprlopeba ko Tag €6Tc Suo

TTEPITITWOEIS.

1) “Orav dodévroc dotduod twvos, Fédwuey va elipwuey Tov

AoydotPuov adtod.

2) “Ozav dofévrog AoyapiPuov Tivds, Pélwuev va elomuey

Tov dvriotoryodvra elc avtdv dordudy.
In mepimTTwolg o) 'Edv 6 Sobeic &p1Bude Btv Exn mepraco-
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TEPX TWV TEOGAPwY Wi, TO Bekadikov pepog Tol Aoyapifuou alTol
Umrépyer elc Toug Trivaxag kol elpiokopev clrtd dx eibopey dvwtépow.

"Aoxmnotg

585. Na elpefolv of AoydpiBuor Tév .
0,003817- 1,141- 0,0845 107,3- 1203- 13,07 0,0004124.

P’) "Eoro 671 6 Bobig dpiBude, Tol émolou {nTeiTan & Aoydpi-
Buoc £xel dUo yneix TepiocdTEpx TGOV TEGOdpwy .. & 507356.

Té XopaxtnpioTikoy ToU {nTovuévou Aoyapifiuou evar 5, xwpi-
lovtes Bt T& Téooapa mpdTa Yneia &1’ UmoSiaoToAfc, Exopsy ToOV
gpifpov 5073,56. *Emreidn, dog elvan YVwoTov, TO Sekadikdv pépoc ToU
Aoyapifuou Tol &pibuol ToUTou kad ToU Sofivtog elvan TO alrTd,
EmeTan, 6Tt dprel va elpousy TO Bekadikdv pépoc ToU AoyapiSuou
ToU &pifpol 5073,56. "AAN’ alrrdg mreprapuPdveTan peTofU Tév 5073
kal 5074. "Apa xai & AoydapiBucs ToU 5073, 56 8& mepiéxeTan peTafu
TGy Aoyapifucov Tdv dpibudy 5073 xal 5074. ’Ex TV mvdkoov
eUploxouev 61 Aoy5073=3,70526 kai Acy5074-—3,70535.

‘H Siagopa T&dY SUo ToUTwY Aoyapibucov slvon 9 éxaTooTd TOU
Y 1A1ooToU.

Topa Bexopeba &1i: Ai perafolal v AoyagiPucwy eivar
dvdloyor mpog tds uerafoldc t@v dordudy (rara TEoTEYyLoLy),
Srav al perafolal @y dovdudy elvar uixpdreoar tijc rovddocg
xal Gvriotgdpus.

Taporrnpotuey Aotmrdv 871, &Tav & &p1Bpdg dmrd 5073 iEndd
kara 1 ked yivy 5074, & AoydpiBuoc alrol afdveTan kare 9 povée-
Sag Thg mEumTne Sexadikiic Téews. "Otav & &pi1fudc auEnbi ko
0,56 Bi&x vé yivny 5073,56 6 AoydpiBuoc avrol 8& cEnbf] kora
9x0,56=5,04 fi karra 5 mepitrou éxarrooTd TOU X1AtooToU.

“Qore, mpémer eig TdV AoyapiBuov 3,70526 va TrpocBécwpsy 5
fkorooTd YihiooToU, fva Exwuev TOV Aoy&piBuov ToU 5073,56. *Ex-
TeAOUvTeS Th Tpdobeoiv elpiokopey &t

Aoy3073,56==3,70531. "Apx & Aoy507356--5,70531.

‘Eoav & Bobeig dpiBude elvon 5,07356, 16 pév xapaktnpioTikdy Tol
AoyapifBuou ool 6 elvan 0, Td 82 Bexadikdv pépoc TolUrtou B
elval 10 aUTd Tpde TS ToU Aoyapibuou ToU 507356.

‘Etropéveac 6& Excopev Aoy5,07356-—0,70531.
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22 wepimwTwoie. «) *Edv 16 Bsxadikdov utpog ToU Sobév-
Toc Aoyapifuov sUpioxeTen elg ToUg Tivaxag, oynuoTilopey TOV &pi-
Buov, & omroiog Exst wneiov TV povddwv. TO eUplokouevov &g TIY
dpxnv TTic oTHANG, &l TV dmroiav eUpiokeTo TO SexkaBikOv pEPOG Kal
olvoAov BexdBaov 6 &pifude, & elpiokduevos elc Ty dpxnv (GpioTepa)
TTiS ypauuds, eic Thv dmolov ebpiokeTan 16 Sexabikov pepoS.

TI.x. &v & Bobeic Aoy&piBuoc elven 3,70140, 6 BexaBikdv pEpog
0,70140 stpioxeran el Tov &uwTépw mivaka kai 6 GvtioToryog &pi-
Budc elvan & 5028. *Emreidn) o yapoxtnploTikoy elvar 3, & &vrioTol-
¥0G &pidude Exa Téooapa &xépana wnoela &pa elvan drpipddc & 5028.

Kof® Spolov Tpdmov supiokopsy &Ti eig Tov Aoydpifuov ..
1,70 552 dvTioToixel & &piBudg 0,5076. Eic Tov AoydpiBuov 0,709 95
avtioTotyel & &pifude 5,128.

) "Eorw &m Bideran .. 6 Aoydpifuog 2,70 169 kai {nreiton
6 &vTicToI &V elg ooV &pifude. TolU SexadikoU pépous alrol dvaln-
Toupévou eic Tolc Trivaxag, Tapornpoupey &1 eUpiokeTan peTaEy ToU
0,70 165 xai ToU 0,70 174, eic Tovg omoioug &vTioToryolv of &pifpol
5031 xai 5032, xoi of piv Aoydpibuot ToUTwy Siagépouv KaTd 9
povddag The TeuTTNC Sskadikfic TAEews, of 8¢ apifuol kerd 1.

Topa oxkemrtopeba d¢ £Efis:

"Av & AoydpBpoc ToU 5031, & émoiog elvan 3,70 165, aiEnéi)
ket 9 povdBog THG TEuTTNG Sevadixiic TaEews, 6 apifuds aifdveTon
kord 1. "Av & Aoydpifuoc ocUEndh xord 4 povadog Tiig TEMTITNG
BexoBixiic T&Eews wkal yivy 3,70 169, 6 &piBuog & aiéndi) kora 2:
fitol kata 0,44....

"Qore & &p10uds ToU dmoiou T BexaBikdy uépog elven 0,70 169
8& glven & 5031,44...c &weidn) 1o YopoxmpioTikoy ToU SobivTog Ao-
yapiBuou elven 2, & dvrioToixos &pibudg Exer Tpia dxépaic ynoia.
*Apa slvon 6 503,144,

‘AoxnoeLg

586. N& sipeBolv ol Aoydpifuor Tdv &pifudv :

a’) 95,348 By 6,8372 y') 098629 &) 968 én e') 0,0364598
ot’) 6,3347 &Y 396537 . aph): 529830 87) 1538945,

587. Né& eUpsSii & ¥ &k Tol SeBoutvou kaTwTépw Aoyapifuou alrol:
a’) Aoyx=0,6314T- B ~hoyx=1,72127 ¥) Aoyyx=—=0,68708.
8) Aoyx==3,92836 £) Aoyx=—4,38221 o) Aoyy==3,70042.
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EQAPMOTAl" TON AOIAPIOMON

§ 226. M¢ v xpfiow T®v Aoyopifuwy Buvduela vi &voyd-
Ywpev Tov ToAAamAaciaopdy &pifuddv eic Thv 'n'pocﬁecw GAAV
Gpibuddv, Thy Siaipeoiv &piBpdy, elc Ty &eadpeoiv, THY Uywaov elg
SUvapiv eig ToMaTAacIaoudy kad THY Earywyhv pilng €lc Siaipeciv.

Tp&yuamy, &v InToluev m.x. T& ywdpevov 8Uo f| TepioooTépmv
&piBudy, elpiokopev Tolc Aoyapifipous TV &piBudv ToUTwv kal
mpocBéTopey ToUToue. To &Bporoua, 16 dtrolov B eUpwpey, B elvan
6 MoydpiBuog ToU ywouévou 1@V &piBudv. Elpioxopey dxoroUfec
Tov AoydpiBuov crrdv elg Tole Trivexkas (A pE THv Porbeicv alrTév)
kel Tov dvTioTorxoUvTa elg ToUrov &piBudv. OUrtog 8& TrapioTévn
TPOPaVAS TO {nToUpevov yivduevov.

1) Ne& ebpebfj T ywodpevov —908,4<0,05392%2,117.

‘Edv mapaoThiowuey Ty dwdAuTov Tiphv ToU Yiwopévou peE ¥
Kai AdBwpev Toug AoyapiBuous TGV foww, supiokouey

Aoyx=Aoy908,4--Aoy0,05392+-A0y2,117.

"Ex T6v mvdmewy Exouey STi
Aoy908,4—=2,95828,  Aoy0,05392-=2,73175, Aoy2,117-—=0,32572

Me mpdobeociv ToUTwv mpokUTrTal &T1 Aoyx=—=2,01575.

‘0 évrioToikog &piBude Tol AoyapiBuouv ToUTou elvan & 103,693,
emeldn 6¢ 10 {nToUpsvov ywopevov elven dpunTikdy, 8& efvan ToUTo

—103,693.
__ 1.56X4667x567
2) Na eUpeffj 6 yx, tav elven y = §09,1500,0033 752 23435"

‘Ecw AdPuwpev Touc Aoyapifuouc Tédv SUo iowv, Exopev
Aoy x=—=Aoy7,56+Aoy4667-+Aoy567
—Aoy899,1—Aoy0,00337—A0y23.435

'Ex TéV mvdkwv ebpickopey

Aoy7,56 =0,87852 Aoy899,1 - =2,95381
hoy4667=3,66904 Aoy0,00337—=3,52763
Aoy567 =2,75358 Aoy23435 =4,36986

Meta mpoofeov T@v dvwTépw eUpickousy
hoy7,56 +-Aoy4667 -+Aoy567 —7,30114
Aoy899,1-+-A0y0,00337-+Aoy23435—4,85130
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Me &paipeov TrpokUTrTEl Aoyy=—2,44984,
eUpiokovTes TOV dvtioToixov ToUTou &pifudv, Eyouev x—281,73.
3) Né& eUpebfi /) TeTpatyvixd pila Tob 0,000043461.
"Eqv Béocopev x=\ 0,000043461' xai A&Pwouev ToUs Aoyapifuous

Tésv Toev, eUpiokopey Aoyx— 5 Aoy0,000043461 fi Aoyx— 5.5,63810,
Al Aoyx—3,81905, & ToU omoiou EmeTat x=0,0065925.
4) Né& elpsti) §| Tiun ToU ¥ & Th¢ iodtnTog 81%—=10
NAoupavovTes Toug Aoyapifuous Tév fowy Eyoper
Aoy81*—=Aoyl0, f| yx.AoyB8l=hoyl0=I.

» 1 % 1 100000 a0
Apax X=5oy81 1 X 750845~ 190745 — =, 523097, “Hror y—0,52397

'Aocxnoerg

588. N& ebpeBolv T& Efaydusva 1@V kdTwh TapaoTdoewy §i& TAV Aoycpl-
3 :
Bucov. «’) 0,4326° B) \Vi2 ¥ \[0,7776 5y VI3
15
€') —875,6348x62,82407 ot’) \/25,3696:0,0893462.

789. Na elpeBi) 16 pfikos s Trepigepeias xikhou, Tol Smofou 1) SidueTpos
Exer pfikos 2,51075 SaxTUAous.

590. N& mapeppAnfolv 8 d&pifuol perafl Tév 12 kai 23437500, doTe v
&TOTEASCET] YEWUETPIKT Tpdodos.

591. N& ebpebij f) Bidpkeia Tiis TTdoews gwpaTos, TitTovTos el TS Kevdy,
&veu dpyikfis TayUTnTos, &md (yous 4.810 . (fis kopugfis ToT Aeuxol Spous).

AAANATH THI BAIEQL TON AOTAPIOMON

§ 227. "Av Exwpev o=A, TO ¥ kaAeitar AoydpiBuos Tol A dx
PG Paoiv o kol onueidveTan oUBBOAKES Aoy A=yY.

"Eotw STt {nToluev TOv AoydpiBuov ToU A g mpdg &AAny
Baow EoTtw PB.

AapBavovTes Toug Aoyapifious dog Trpde P Tddy pEAGY Tig iod-
TTNTog  Xf=A eUpioxopev Aoyp(a*)=AoypA A Y.Aoysa=AoyA,
GeTovTeg GvTi ToU ¥ TO foov Tou Aoy.A, sipioxopey

Aoy.A.doypa=AoypA.

"Hto1: “Orav yvwellwusv 1ov loydgiduov dotduot dg mode

Baowtv a s.x. »ai Pélouev 1ov Adoypdoidudy tov dg meds Bdowy B,
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mwollanlaoidlopey 10y yvwordy Aoydpiduov (¢ spos Pdov a)
énl vov loydorPuov wijc fdoews a g mwpds iy Ldoy B.

Kot tabra, &v Eyopev Toug Aoyapifuous Tév épleuc‘év &G TTPoOC
paoiv 10, ebpioxouev ToUg vemepiouc Acyapifiiouc crév (65 oS
Pé&ov oV e), &v ToUs yvwoToUs Acyopifiiouc Twv ToAACTTACCIA-
owuev &mi Aoy.10 kol &vTioTpdgwe & ToU vemepsiou Aoyapifuou
&vog apifuol elpiokeTan & ¢ Tpds Paow 10 pé ToAAamAaciaoucy
ToU vemepeiou &mi Aoy, ,e.

TMopammpntiov 671 eivan AoypaAoy.p=I1.

MoTL d¢ dvwTepw elvanr AoypA—Aoy A.Aoysa
kal Opoies Aoy.A=AoypA.Aoy.p kal ToAhamAaoialovTes Tag ledTn-
TOG aUTOG Kot peAn eUploxopsv
AoypA. Aoy A=Aoy A doysA Aoy achoyp T l=Aoyza.Aoy.P.

- ‘Emropévesg elvanr kad Aoypo=— A
: B 7\0)’:5

Kot talra, &v yvwpilwpsy Tov Aoydpifuoy (dog mwpoc Paotv
10) 10U &piBpuolU e—2,718281828... Suvdpsha va elpcopev &md TOV
Aoyapibipov Tol &piBuol &g Trpoc Paov 10 Tov vewrépiov AoyapiBudy

e ! - P . gy 1 -
Tovu, Mt ToAAaTTAaoiaopov ToU Aoyopifpou Tou Emi TOV | 50

Aoy
omolog looUran pt 0,43429448]1 ...
Znueiwoic. Kotolpev ocvdlopdorPuor dpifuol Tivog TV Ac-
yépifpov ol dvTioTpdgou Tol &piBuol.
Olrw elvan ouAAoya=Aoy ; =—Aoya. “"Htol & cuAroydpiduog

&p18uol {oolran pé Tov dvrifetov ToU AoyapiBpou ToU &piBuod.
MNEPI EKOETIKON KAl AOCTAPIOMIKON EZITOIEON

§ 228. KohoUuev éxderinny éEiocwory Thv Eicwoly, sic ThHY
omoiay 6 &yvwoTos UTtapysl el ToV éxbETnu Suvdusws, éxovorns Ba-
ow &pifudv Tiva 1) TTap&oTacty yvwoThy =£0.

T.y. &Bemikod éEiooosig elvon ol 5% —a+2=], ofebd—o? |

Tag peyp1 TolUbe yvwotde EEiowosg kohoUuey didyeBpixds, TPOS
S1axpIoIv aUT@V GO TV EKIETIKGV.

Adoig &bBericfic EQ1ooecdc Afystan 1) elpeoic T@Y TIMGDY TOV
&yvooTwy autiic, al émolo v émadnbebouv.
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‘H AUoig 2kBeTixfic €iocooecg dudryeran EvioTe eic THv Ao &A-
YeBpikiic. ToUro yiveron xupiosg, STav Suvéusla v edpowuer lowoty
igoBUvauov THc Sofeionc ué &v pédoc e ™V 1, 16 & &Aoo Slvauiv
Gpifuol Tivog | TapaoTdosws yvwoTic 0, Tiic dmoiag & kBTN
TEPIEXEL dryvedoTov Tiic Sofsiong 2Eiowaecc.

"Eorew wpds AUowv Tr.y. 1) &xBeTikh iElocwoic 3¥— 017,

MoAAamAxci&lovtss T& péAn Todmme émi 27 eUploxopey
3¥27—=1 # 3¥3:=1 § 3= §3IH3=3° (&maby 1=3°).

Ex Tobtng Exousv (Bmeidny oo Suvdpsic Towv Bacrecov 6o Eyouv
kai &xBéTtog fooug) 3x+3=0, 2§ fc elpioxopev y——L.

“EoTtw Trpog Aucy 1 E&lccoo'u; 2'r—1_2'.(—5,=3/,,3_‘(_3xu 4
—1_—9X—3 2% 2—1 9% D=8

AT oty edkdAcg  eUploxousy ﬁ3‘7:==37‘_§—_:”ﬁ?3—'—7m1
,-(_?_,1) F o |
NS B SALRL Besiat oo Dk ke
f(i A ] ) %3 -~ 483X 25 3% T T s
A= NFT Y IR]Y 81
- 2 \y=—>5 o
4 ( 3') i :'"'( ”) 1+ €€ fig Eyopev ¥—5=0 kai y==5.

"EoTeo dxéun mpdc AUow ) &xberic) fiowoig alf—We=ak | dvé
Utrotiferon 61 elvan 10 o BETmt‘w = ToU 0 xad ThHg 1.
LMcipoUvree T& foa S1& ToU oF, eUploxopiey THy of-9% o =
i TV adB—0X—X—]—p,
‘ESiocUvTeg ToUg &kBéTac Tdv iowv Suvduswv Tou o Eyousv
(B0 A -+ 3—Bx=0,
& TTiG AUoewe 8t Tarrng eUpiokopesy ¥=0 xoi y—B—1.

<

§ 229. Kar’ dvddoyov Tpédmov bpileTen kol oUornua &kfeti-
kv efiowoewy e BUo 1§ TeploooTipous dyvdoTous, kaBs xad 1
Auocic orTou.

[}

Yoot =3

“Eotw mpodc Abcwvy 16 cUoTnuo i

Ip&oopev oo Umd THv pepeny

o ¥—c® * | oxt¥o? ==] S L G e PO
X B | o—#:a—2-1 o | este—]—o
"ES1coUvTec TolUc &xdiTac Tév owv Suvdpswy TTc olrriig P&oecws,
Exouev TS EEfic dAyePpikov ovoTnua, loodUvauov wpds TO Sobéy
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[ x+y—3=0
| x—9+2=0

EvioTe 1) Aoic &kBeTixfic E€lochoeog f| OUOTNUTOG TOLOUTGV
tiodoewv dvdyetan elc Thy AUow GAyeBpik@v i6iowoEwy uEé THY
BoriBeiav 1@V AoyapiBucov.

*Eote .. Tpde AUow 1) &Slowoig 20— x—4=—=4096.

AcuPdvovTec Toug Aoyapifuous TéV Tgwv Exouev

(x*—9%—24) Aoy 2=noy4096.
AlxipolvTeg T& fea Tolta Six Aoy2, eUpiokopev
1
e 6

*Hrol ¥*—9%—24=12, & fic x=12 xai x—=—3.

e s s iy 3x . 4¥=3981312
OoTwW TPOG AUTIY TO GUOTTIHC {24'.5X= 400000

) =~ ’ s &y 5
& TTjc AUoewcg ToU OTroiou eUpiokopsy Y— 3 kal Y= =

AcpPévovtes ToUs Aoyopifuoug Tév icwv, eUpiokopev TO ico-
[ X-Aoy3 +y.Aoy4=—Aocy3981312
| wAoy2+4x.Aoy>=Aoy 400000
OérovTtec Aoyd—Aoy2'—2Aoy2 xai TOAMATTAXCIXOVTES T& HEAT)
Tfig SevTépag E§iowoeme Emi 2, eUpiokopev
¥.Aoy3-+2y. Aoy2=Aoy3981312
2. Aoy2-+-2y. Aoy 5=2Aoy400000
Eqw v TpwTny ToUTwy &paipécwpey & TV Seutépav, eU-
pioxopev ¥ (2Aoy5—Aoy3)=2Aoy400000—Aoy3981312, & Tijc dmoiag
: 2A0y400000—Acy3981312
Ll A 2.Aoy5—Aoy3
Bucov kol THY EkTéAecIV TEY Tpdewv sUpiokopey X=>5.
*AvTikaBioTévTec THY TRV TadTny ToU X elg TN SeuTépav. TGV

P < 400000 410> 222555 X
Bobeioddv Efiowoewy, elplokouey 2V—= —— = 5—= ;5 =

SUvapov cvoTtnpa Tpog 1O Sofev

» peTa 8t Thv edpeoiv TGV Aoyapi-

& Tiic dmolag Eopev 2y:2=1 fi 29— '=1=2" kai Yy—7=0, y=T.
§ 230. KoAoUusv doyaguduweny Eiowoiv Ty Exovocav Aoyapi-
Bpoug T&V dyvoTwY oUTHC.
‘Opoitog opileTal kol gUOTHHX Aoyapibukdy éficwoewy.
*Eoteo Y. TTpdg AUV TO OUOTTUG TGV Aoyapifukddv E§iowoecy
[ 2hoyy—Aoyx=0,12494
| Aoy3+2hoyx+-royw—1,73239"
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Thv Seutépav TGV 2i10doewy ToUTwy ypdoousy kod o EEfic:

2Aoyx+Aoyw=1,73239—Aoy3—1,73239—0,47712—1,25527.

Meta€U Tolrrne kad Tiic TpdTHE TGV Sobeioddv amodsipopsy TO
Aoyx xai eUpioxopev THv Eficwotv, SAoyw=1,50515 kad perd Sicdi-
peoV TéV fowv Bi& 5 eUpiokouev Aoyyw—0,30103, € fic ko y=2.

"AvTikafioTGVTES THY Tipfy Todmy el pioy TéwV Sobeioddv, elpi-
OKOUEV TV Tiufv FoU y=—=3:

"Aconifoetlg
N& AuBolv af x&rwd Efichoss:

292. o) aX¥tu=—qg’c PB") o™}?2 +
5393. ') POEFEHEH—=BAF 1NN

3

= v+

=Xty
594. o) X+ .ot K1t 4S Y) (—2)*=l16
X
595. ') 5%X47.5%=450 ) \Va—aX y') 2i+I440+1-=320
596, o) 24— 4%=272 B) Aoyx==Aoy24—Aoy3 y') 2%+!--4¥—80
597. &) 5.Aoyy—Aoy288-13hoy. ’2< B") Aoyx=-Aoyl192--Aoy z
Na Auvfolv t& cvoThuaTa:
X d—gs 58Y Shy——5 1k :
{ x+y==95
598. «) I X 1 ) I ER i ¥y XY
i T | Aoy (x—w)=3
= o~ | XEypr=425 w | Sx*—3yp=11300
2 ki) | Aoyx-Rroyw=2 i) | Aoyx—tAoyy==3
N& AvBolv ol &icdaosis:
A s
600. o') 3%—177147 B') 32 —768 y) 3V*—243
601, o) 243X—2-—10000 B) 5x*—3x=625 y) xx2=7+12=]
602. a’) 6x*—ISx*H6—T776 PB') c.o.or.of...a?(—1—y
603. a') x'+tywi=—641 B") Aoyxy=1,5, ¥') Aoyxy=3
Aoy (xy)*—2 7\0‘{)\(; =0,5 Sx*—3y*=11300
604. o) Aoy\ X —Aoy\ 5 —0,5 B’) Aoy 5 —oyl0
3Aoyx-+2.A0yw—1,50515 Aoy y *--Aoyy*=Aoy32,

NMPOBAHMATA ANATOKIIMOY

§ 231. TlpoPAfuara dvatoxiouot_fj cvvdérov réxouv Aéyov-
Tal Ekelva el T& dmrola & Tokog TpooTifeTan elg TO kepdAaiov elc T
TEAOC koBepndc XPOVIKNG povadog kal &moreAei peT’ ool TO Ke-
pdAciov Tiig ETopéung Xpovikiic povésoc.
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‘Q Térog (ked T& wpoﬁ?\ﬁuom:x Tokou) T& &mola Eferdla 1 "Apr-
funTikh kodeiTanr &mwAolc, Tpds Sidkpiow &mwd ToU cuvlETou.

1. Aaveiler 1ic moody a Spayudv pud dvaroxioudy xal ué To-
xov tilg pids Soaxpis el ulav ypovixny uovdda (stg &v Frog, #
uiayv EEaunviay zoiunviay xdn.) © dpayuds: :rrdaag Ggax,udg Fa
Adfn é&v 6@ pera v ypovixac uovddas;

Mpdc Aoty ToU TrpofAtjpotog ToUToU TrapxTnpolUusy oOT1, ocq;ou
1 Bpay. elc piav ypovikfy povéda Sider Tokov T Spaxudas, ol o Spox-
yual ele plov xpovikfy povédda 6a Budocouy TOKoV o.T Sporluas.

‘Emroptveag TO kepddanov o Spoyudsv kol -6 Tékog evrtoU sic TO

TéAog Thg TpwTng Ypovikfic povddog B elvan af-or—a(l--T) Bpx-

“Hrot T& xepddatov o ToAAaTAaoiGiETan &l TOV TapdycvTa
(147), ivx Bony 1o {nTolpevov Toodv g TO TEAOS TAG TPDTNG
povu«n" povadog.

‘Opofeg oxemToucvo:, edploxopey 871 T chpa?\cnov x(1+7)
gic TO TéAog mdg dxdun YXpovikiic povddog 8& yivy peTd ToU TOKOU
atroU a(l+7).(1+7) i a(l+T1).

“Qate TO &pyIkdv Toodv TGV o Bpayxudv B yivn psra ToU
Tékou atol Eic TO TERog THiG BeuTépag Ypovikile povddos al(l-+4-T)%.

Kaf” duotov -rpo-rrov TpoxwpolvTee slpiokopey ST elg TO TEAOS ..
Vv YpOVIKGV povaBwv TO GpXIKOV KeQaAoiov o 8& yivy a(l+ T)
*Av T Troody ToUTo TTapacTowyey ut X, 8 Exwpey Z-—=a(141)* (1)

*Ex Todrrng Suvdpueba v elpwpey B & T4v 2, o, v, T pé Thv Pon-
Beiav ki TGV AoyopiBuwy (dxpifdc f| xora Trpoofyyiow), dTav
yvepilwuey T& Tpic E§ oUTddv.

"Av ko TOV &GuaToKIgHSY ¢ Xpovikt wovas Angbi TO €705, T
8¢ Bidpreix ToU Baveiou elvar v ETn xal n fuépar, TapaTnpoluey oT1
peTd v #tn TO kepdAouov a Spy. O& yivn a(l+4T)Y. TolUto Toki(s-

pevov pé Grholiv Tékov, pde 100T¢/, (Téxkov Tédv 100 Bpy. =g &v
= oot LE AR ) oo el a8 o(1-tT)Y I
Eroc) émi 1) Nuépag Bidel TOKov 35000 520

Ot TO TEMKOY TTOCOY &K ToU GVOTOKIGUOU Bét eivm
o CX(I—T—T) T
—a( 1) + ————— =a( 147"
=ot5-T1)* + 380 ( i l_l
*AvTi Toll FUTou TouToy yproigoToioUpey (ouvhbuws) Fov Timov

v+ st
>=—a(l+7) 30 Tolre dikoiohoyeitai &k TGwv EEfs. "Av UmroTedf) 611 6 GvaToki-
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ouds yiveTsn Sy1 ko’ Etos dAAG xol’ Nuépay, TéTe & Ypovos &vaTtokiopol elven v
&m kad 1 fiuépon==(360.v-F-n) Tuéom, Tob ETous hoyrlopévou pt 360 fufpas. To
tmiToKiov ko’ fipépav Eortw 1 dven Y, TOTE O ToKoS Kal T kegddoiov WSS po
vaBos perd 360 fudpos O& yivn (1-+y)ise, dA& Tolrto—=pt 1-LT, ool 7 pie
povds 8i8e1 woxov T els fv Fros.
i

“Apax Exouev (14-y)¥s—(14-1), (14y)—(1+7)* .

T xegdAcnov « Bpy. dvaroki{dpsvoy kad’ fluepav &mi (360v-+n) Auépas pi
STTokiov W il Spy. &l plav fuépey yiveran a(l-+y)*e0v+n kol BérovTes dvi

1 360v+4-n n

=y - p 145 i
ToU (1) 16 foov Tou (1-+1)*°  sipioxousy a(l-tt) 9 () 2%,
s :

fitot E::cr(l—f—'r)‘ 360

‘E@papuoyn. daveife: 1ic 150000 doayuts pd dvaron-
Gudy 71@ds 4/, nat’ &rog' néoag Soy. Vo Adfiy v SAe usra 6 & ;

Zntelton 16 T kad Exopev a—150000, v—6, T=0,04. ‘Emropéveoc
qvTikaioTédvTes els v (1) Eyouev Z—150000.1,04-. AopBavovTeg
Tolg Aoyapifpous Tév fowv peAdy Eousy

AoyZ=Aoy150000+6A0y1,04.

Ex T®V mvdkov Exousy
Aoy 150000=5,17609- 6Aoyl,04—6.0,01703—0.10218, E€ v poku-
TTEl Bix Tpocbicews AoyZ=>5,27827 xal & ToUTou T—189790.

"Hro1 & Toxioag tag 150000 Spaypde pé &varoxkioudy kat’ £og
TP 4°/, B& AGPn per& 6 £ &v SAw 189790 Spy.

2. Héoac Spayuds noémer vé toxion tic ué AVATOXIOUOV HaT
&zog mgog 6 °/,, tva pera 15 &y Adfy Zv dAw 500000 dox: ;
“Exouev 2=500000, T=0,06, 1-+71=1,06, v—15 xai InTeiton 1O o
‘AvtikabioTévTes €lc THv (1) elploxopev 500000—a.1,06". *Eqv
AdPopev Tolc Acyapifuous T&V Towy ToUTwV, eUpiokouey
Aoy300000—=Aoya—+15.A0y1,06
& ToU Omoiow Exouev Aoyoa—Aoy500000—1570y1.06.
"Ex tév mivdxwv sipioxouev Aoy500000—=5,69897, xai
15h0y1,06—15.0,02531--0,37965
€ cirdv &' dompéoewc Aoyo—3,31932, & toU &rrolou Eme

1 a—208600 Bpy.

Kai &
Tar O

3. Igds motov émvdniov 86200 Spy. dvaronitdusvar xaz’
&rog, yivoviar usra 5 &ty 104870 dpaypoal ;
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*Exouev a—86200, v—=5, 2—104870 kai {nTeitan 70 T.
*AvtikafioTévTee Tae Tipde Todtag ele v (1) epioxopev
104870—86200(1+71)*. Aaupdvovtes ToUs Aoyapifipous Tdv iowv

ToUrTev elpiokouey, Aoyl104870—=Aoy86200-+5A0y(1-+-1),
& ToU &mofou Emetar &mi SAoy(l4-T)=Aoy104870—Aoy86200.
Bk TV Tvakwv eUpiokopey
Aoy 104870—=5,02065, Aoy86200--4,93551,

& TV OTroicov Exouev Aoy 104870-—A0y86200—-0,08514 >
kai | Aoy (1--7)=0,08514:5=0,01703: fror (1+7)=1,04 xai 7=0,04.
AUTtoc elvon & Tékoe TiiG Midc Spayufic elc &v Erog, Gpa TO EmITOKIOV
100.1 8& elven 4 Spaypad.

4. Mera néoov yoévoy 208600 Soy. avaroxifduevar xat
Froc modg 6/, yivovrar 503750 doy. ;

*AvrikedioTévTee el Ty (1) ebpioxopsy 503750—208600.1,06".
Edv AdPowpev ToUs AoyapiBpous Tév fowv, eUpiokouev
A0y 503750=Aoy208600+v. Aoy1,06 ék ToU omoiou TrpokUTrTEL

Aoy502750 —Aoy208600
Vel e e
Ex 18V mivaxwv Exopev
Aoy503750=5,70222, Aoy208600=5.31931, Aoy1,06=0,02531.

‘H Siagop& T&V dUo mpoTwy elven 0,38291.

‘Emoptveag 6 Excopev "=g%§§—i =15 #rn kad k& &l TAdov(l.

A& vé& elpoopev TO &rantoupevoy pépog ToU 16 Etoug, TrapaTn-
polpev 611 elg TO TéAog ToU 15ov Eroug of 208600 Spx. ylvovrm
208600.1,06'5=500000 8py. &rouéveg af 503750 Spx. —500000 Spy.=
=3750 8py., elven TéKog &mAolc Téw 500000 Spy. Trpds 6°/, el Tov
[nToUpevoy ¥pévov. Avopev Aorrov T6 TpOPANKa ToUTo TOU &rAcU
Tékou kai eUpiokopev 45 fu., ToU Etoug Aoyilopevou ue 360 fu.

Mapatfpnois "Av moody a dvarokileTar KaT £TOG pé To-
xov T THig povédoc kaT’ Erog, & yivn pera v & a(147)" , xai ToUTO
: gl A0

100.360 §

"Apa yiveton v 6Aw peT& v Ern kad n Nuepas

=cxr(] —1—7)“( 1 —i—%%). € oU AoyZ=Aoya-+vroy(l+4T) -{—7\0)/( 1 -{—331 ):

geT 1 Nuépac GKOpT Pépel &WAoUY TOKOV

YnepromoirBnke andé o lvatirouto Exmaibeutikng MoArmiknig
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dmeidh B¢ elvan 14 (14T, Exouey }\oy(l—}— 205 )Py (141).

“Apax 1) Siaipsoig (AoyZ—Aoya):Aoy(l+7) &i8e mnAikov v kal
i F g BT L
UtroAoiTrov U= Aoy( 14+ 380"

Tpdrypomt Exopev 1616 AoyZ—Aoya-—vioy(l+T)+u 7
AoyZ—Aoya—v.Aoy(] ‘r)-})\oy(‘] -+ 3“6% ): 7ol TNV VW TEpw axéotv
AoyZ=—Aoya-tvioy-(14T) 7}7\0)/( 1+ -—-6).

“Ex T - —‘—7\0}/(1 - BT?EL({}) eme1dn & Tiic Sioupéoews elpiokeTal
T3 U (kaT& Trpoctyyiow), eUkdAwe mpoodiopileten TS 1.

MapaThipnots 'Eviote & &uarokiopss yiveton kaf éounviav # TPI-
pnvicv, &udd T &miTdkiov SpileTen xar’ Evos. Els 1é&s mepimrdoss alrds TO Emi-
Tokiov ko EEaunviov ebpioketan s EETs :

"Av T, eilvan TO émTékiov ko’ Eopnviav kai T T dmiTdkicy ket Evos, Tapa-
TNpoUpey 8T pia povas kepohafou peTd Slo Ypovikds uovabos, Sniadh petd Suo
tfapnvias, 8& yivy dvaroxiloptvn pt 7, Emrrékiov (1--7,)%, kai ToUro lootral
pg¢ 17, 816 f) pia povds petd &v Evos Gvarokifopévn pe EmTékiov T Ylvetan
1+, &pa Exomev (I47)—Il4T kad 7=\ 1+7—I.

"Av & dvaroxiopds yiveron kord Tpiunviav, tmeish T Evos Exel 4 Tpiunviag,
&v T, TaploTéun TOV TéKoV THs Es povddos kepaAaiou kard Tpiumvicy, 8& EXCOpEY,

4

oxemTopeval Kot dvadoyiav dx dverrépw, (1-FT.)'=1-+7 kal 1=\ T-F7—1.

HoofrAfipara wedg Aoy

605. Téoas Spayuds B& A&Pn 715, v dvatokion kot £ros 5600000 Spy.
érri 100 &vn wpds 59/, ;

606, Tlatrp Tis korébecey eis Tpdarelav 750000 8py., kaTd ThHy Yévwnav Tol
ulol airol, ut dvatokiopdy kot Etos wpds 4,50 . Tléow B K& & ulés Tou eis
10 Téhos ToU 20 ftous Tis HAkias oroU:

607. Méony «bEnow mabalver kegpdAmov 1000000000 Spx. es 8 &t wal
8 pfjvas dvaToxi{dpsvor ko' Etos wpds 47, ;

608. Tlolow dpyikéy kKepdAaiov yiveTan peTd TGV TékwY clrmol, dvartox {Spe-
vov kot ETos wpos 3,5 0/, els 20 &rny 3730850 py. ;

609. Tis /| TapoUoa &Eia kepahaiou 45896000 Bpy. TANpwTiOU peTd 15
Ern xai 210 Ap. pE dvarokiopoy kat® Etos pds 89, ;

610. TMéoov Troocov mpémer va Tokicwpey i quaTokiopdy ko’ E§apnuiav
wpos 49, Tva perd 18 £ yivy 20000000 Spx. ;

611. Tlpds mwoéogov Tols ixatdy ETokichn i dvaToxioudy kaT ETOS KeQd-
Aaicv 625000 8py. émi 15 &m xai Eyvev 1166900 5py. ;

19
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612. Tpds wdoov Tois ékatdv Aoyapidleran & Tokos, #&v 10000 Spy. s 22
£t yivevTtan 224770 8pyx. dvaToki{ousvan ;

613. Tipds Tolov EmiTékiov wpémel v' dworoxkiodl] &v kepddaiov KoT £70S
S1&x v TeTpamAactactf pera 31 & ;

614. Els méoov xpoévov dvaroxi{opevov xat' Eros kepddanov 3580000 Spx.
Tpds 4,5 ¢, ylveren 56000000 Spx.;

615. Tiéte xareTédnoav 630000 Bpy. els Tpameldv Twa uE dvaToxioUOV
Tpds 49/, #v Thy Inv *AmpiAiou 1948 efyov yiver 969800 8px. ;

616. 'Eml mdoov ypévov Trpémel v’ dvarokiofi} Kot Eros rogdv T Tpds
3,59/, Bix v&x SimAcotaoth) i TpiTAcciooti) T TerpaTAcoiaodd] ;

617. ‘O mAnBuopds tvds Kpdrous alifavetal kot £Tos xkoma TO Oydonko-
oTdv ToU mpomyouuévou Etovs. Merk mwéox £t 8a SimAaciacty §| 8a TpimAa-
clacbf & mAnfuguds alrol;

618. Mia woAis Exar 8000 koroikous kad & TAnbuopos olbTiis EAaTToUTXI
trnoios kard 160 kaToikous. ’Edw 1) EA&rTewos Efaxolourion kora ThHY otV
dvodoyiav, vetd wéoa Etn 6& £xn S000 kaToikous ;

MPOBAHMATA [IION KATAGEIEQN

§ 232. 1) Kavadérer 1 eic vy Todnelav ud dvaroxioudv
xat’ &rog 4 5°/, woosdy 205000 bpyx. €lc v doxnv Exdotov
§rove. Hooa Pa Adfn uera 15 ¥y ;

‘H mpddtn xorrdBeoic Tév 205000 Spayudv 8& petvyy 15 & dva-
Toxi{opévn Tpos 4,5 °/,. ‘Emopéveog 8& yivy 205000.1,045.

‘H elg Thv Spyfv ToU Beutépou Etous yivopévn karalects f&
peivn povov 14 & elg ToOv Tékov- &dpa Ba yivn 205000.1,045%.

‘Ouoiwg 1 elg THv &pyxnv ToU TpiTou frous katabeoic fa yivy
205000.1,045* k.o.x., 7 TeAevTtaia §& peivy povov Ev Etog kai Ba
yivy 205000.1,045.

‘QoTe TO ooV, TO 6Toiov B& A&PN €lg TO TéAog TéV 15 &rdov,
0& elven  205000,1,045'%4-205000.1,045+-...4-205000.1,045 7
205000.1,045+-205000.1,045°-+-205000.1,045°+...-+205000.1,045.

TMoparnpoUpey 611 10 &Bpolopa oo elvan &Bpoloua TV Opwv
YEWUETPIKTG TTpodBou, Tiic oToiag & Adyog elvan 1,045.

’EqopudlovTec Aoimrov Tov TUTov ToU dfpoicuaTog TV Spmv
YEWUETPIKTG TTpoodov, eiploxopey &T1 O Twoody, foTw 2, TO Omrolov
o, R CYONG I UL e e bl
C 1,045—1=0,045
1,04525—1

f 2 —205000.1,045 o e
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Me Tolc Aoyapifuous elpiokopey TpdTov Td 1,045,
IMpdc ToUTo Exouev, v Béowousy
X=1,045%, Aoyx=1520y1,045—0,28680,
ik ToU &moiou &metan &1 x=1,93552. "Qore H& Excouev

$—205000.1,045 %?33;2 A 3205000 1222572 =
AcppavovTes Tolc Aoyapifiuous Tév duo focwv Exouev L ANSY
AoyZ=—Aoy205000-+-Aoy1,045-FA0y935,52—Noy45. ¥ LS
Ex v mvérwy fyopev Aoy205000--5,31175 :'\ -
royl,045 ==0,01912
Aoy 935,52 =2,97105 - ¢
&Bpoiope 8,30192 R
Aoy45 = 65321 - 4

Kol dopatpolvTes eUpiokopey Aoy2—6,64871; & ToU dmoiov TrpokimTTel
 Z—4453600, fitor perd 15 &t 6& AGPn 4453600 Spy.

"Ev yéve, Eav korabérn Tig sig THY dpxTiv Ek&oTng Xpovikiic po-
vaBog o Bpoynag eic Twva Tpamelav pg dvaToklopdy kol ué Tokov T
ThG mds Spaypiic elc piav Xpovikny povade, {nTfiton 8¢ wooac Spa-
Xude 8& A&Pn peTd v ypovikag povddag, TapaTnpoluey 6T1 1) TpTh
korabecig Ba yivng o(l4T1)Y, 1 Ssutépa a(l+T) ' kox. § TeAsu-

- Tadax a(14-T), doTe gl TO TEAOG TEV v Xpovikdy povdBwv B& AdRY

'd(l—’,—-r)—i—cc(l+T)?+....+Q(I+T)". "Av TrapacTricwuey T &lporoua

(-l
4%

aUTo Bia ToU X, §& Exwpev Z=a(l-+T) ——1 &K ToU OTrolou Tpoo-

diopileTen T6 Z, i Tév Aoyapifucv, f| T «, & dobf 10 Z, 7O T
ki TO .

2) Kavatérer tic els 10 1édog &xdorne yoovixiic wovddoc a
dpayuds ué dvaroxioudy xal ué téxov T Tijg widc dpayuiic eic uiay
xoovixny pmovdda® nécas dpayuas Pa Adfn uera v yoovirds mo-
vadag ;

‘H mrpootn xardbeots 8& pefvny émi v—1 ypovikéc povédag.

“Apa 8& yivp a(l-tT)*—t “H Seutépa 8& peivy dmi v—2 ypovi-
Kag povadasg, dpa €& yivny a(l--1)Y—? kad oUre kefeffg 1 TeAeuToda
B slven povov a. "Qote 8& Eycopey

E=ata(l4+m)+a(l+r) 4. a4
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5 14-71)v — 1)y — x % e \
i Z= “(jﬁ:)ﬁ ¥ —x (L—? il &k toU oTrolov TrpooBiopileTan TO
2 Bix 1@V Aoyopifuwy, &tov Sobfi | TN TV o, T, v. 'Ex ToU
auTol TUTToU eUpiokopsy eUkOAWS S1&x TGV Aoyapifpwv 10 o, &tav
yvwpilwpsy T& 2, T, v.

MPOBAHMATA XPEQAYIIAL

§ 233. Xoewdvsia Ayetan 1) évrdc dpioutvou ypdvou &md-
oPeoic xpéouc 81° fowv Sdoewv, ai &molan TANpdvovTx Kot ioa
Xpovika SiaoThpaTa. To oody, TS &mrolov TANpVeTa g TO TéAOG
tx&oTou YpovikoU SiacThjaTos, AbyeTon yoswddoiov kal ypnoiuele,
HépoC pEv oUTol B ThHY TANpwpnv T&V Tékwy ToU Ypéoug, TO 5i
&A\Ao uépos Bix Thv Paburalay &réoPeciv ToU ypéouc.

Té xptog tEopAeiTan, éTav 16 &fpoicua TEVTWY TGOV Y PEWAU-
olwy peTé T@V cuvbETwy Tékwv cUTdv &moTeAéon TroodTnTa iony
ue TV TeAidy &iav Tof dvaroxilopévou dpy kol KepoAciou.

1) "Edaveiodn tig 1850000 doayudc nodc 4,5°/, ué dva-
Toxtoudy xat Erog wd v cvupwviav va foplion td yofos ab-
r0f dua 12 lowv yeewivolwy, ta dnoia Pa ninpodvwvrar el td
“zéhog éxdorov Erovs mdoov elvar 1d yorwAvoiov ;

To &pyikoy Toodv Tév 1850000 Sparyudv 6& yivy pera 12 &
1850000.1,045'*. "Ecqw 81&x Tol ¥ Tapaotiowyey T& InToUpevoy Xpso-
AUatoy, f| TpwTn 801 &k X Spoaxudv 8& yivn x.1,045' pera 11
€T, KoTd T& ool UmoTifetan 811 Eusivev eic Tov Tokov. “H BeuTépa
Booic Ba yivy x.1,045", #) tpitn %.1,045* k.ox., /| 8¢ TeAsuTada 6&
Meivn x. ‘Emoptveos 16 &Bpoiopa TéV ooy, Td émoia 8& TANpe-
Bolv petd TV TOXWY aUTdY, 8 slvan

1,045:=—1

'ANAG TO TTooov olTo Tpémel var elven igov pé TO OQEIAGUEVOY,
oulpavws Tpds TO TROPAnue. "Hrol 8& Eywpev
1,0451:—]
Xl —1850000.1,045%,
& THic Oomolag eUpiokopey THY TNV TOU X 81 Tév Aoyapifuwv.
Tpog ToUTo eUploxouey pdTov THY SUvoguv 1,045, 8étovTee fonv
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X BE TO W, &te elvan w=1,055" kai Aoyyw=—12Aoy1,045=0,22944,
& ToU 6mroiou TrpoxUmTel 811 W=—1,696.

AovTes Ty dvewTipw &ficwaoty dc Tpdg X ueTd THY dvTiKaTd-
oracww Tou 1,045 81 ToU Toou alrrol 1,696 sUpioxopev

__18500003<0,045 1696
xX— 696

Aoy x=Aoy1850000-Aoy0,045 Aoy 1696—roy696.
‘Ex Tdv mivakwy eUpiokousy
: Aoy 1850000—=6,26717
Aoy0,045 =—2,65321
Aoy 1696 =3,22943
&poioux 8,14981
Aoy 696 —=2,84261
‘Emropévoog Aoyy =5.30720,
¢k ToU Omoiou Emetan 6T1 ¥=-202860 Sporypad.

1 &K ToU OTroiou AapBdvopey

‘Ev ytver t&v pE o mopaoThowpey 1O Baver{duevov Toody pé
quaTokiopoy ke’ dpiopévny ¥povikhy povaSa, pé T TOw. TéKov TG
1 Spoxufic eis piov ypovikiv povéda xaj ut v To mAfiflog TéY Ypo-
VIKGV povadwv, TO pév kepdhaiov 8 yivg a(l-4-1)Y, f 8 dAwn &fix {
TV v Bdoewv &k ¥ Bpy. éxdoTn 8 elvan petd v ypovikdg povédas |

' 1 1 [} Y] = '1+ il ]
-GS NS AT LT L S I ST S e B | M Ti =
‘Emroptveog & Eyoopev ¥ Aeh o =a(l+T1), €9

= |

Pl o : N : ; z |

ek Fijc Omoiag Suvapeba va elpopsy TV TRy ToU ¥ i
"Eviote 1 TpwTn kaTtaPoAn Tol ypewluciov yivetar &t Tivd

HET& THV oUvenpiv ToU Savefou, T.x. perd k Ern. Elg Thv mepimreo-

(1-fryr—xti—1

= =a(l+T) . é

ow outnv 8& Exwuey X
AoT1 | TPWTN XPEWAUTIKY 8601g O& pelvn éml v—x Ern émi
qvatokiopd kol 8& yivy (1-+T)¥ %, N Emopéun ypewAuTiky 8daIg
e 6 yivy x(14-T1) " kAar. O0tw 8& Eycouey TR
X AT A ) = (Lo XTI o,
T0 owoiov 8& loolron pé a(l+-T)v.

2) IHotov xepdlatov d¥varar va davewodfj i, dav Hély va

WneiomoirOnke amé 1o votirouto Eknmaibeutikng MoAmikrig
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8Eopliion 10 ypéoc avrod el B &y 8. Zwmoiov ypewlAvoiov
80000 dpy. b&rav zo émuzéxiov elvar 4°/,;

*Exopsv x=800000, v=6, 7=0,04, [nTteitot & 70 «. “AvTika-
toTdvTee gl Thy (1) Tée Tipde TV ¥, B, T, eUplokopey,

800000 & 8%4—1 =a. 1,04%, & TTj¢ Omrolag TTpoKUTTTE
=8——0080004( 11’%‘::._])- “Ymrohoyilopsv év TrpddToe Thv SUvapv 1,046,

kai dxohoubuwg elpiokopsy Bik Té&v Aoyapifuwy a=5120000 Sporyuds.
3) Eig nidoa &n éfopletrar ddaverov 2000000 doayxudv ud
yoewddoroy 130000 dpayudv, érav o &mirdxiov elvar 3°/.;
"Exopev a=—2000000, x=130000, 7=0,03.
'AvmikahioTéOVTES TAG TIpdE TaUTag el ThHv (l) eUpiowxopev

1,03v —1
130000 05—

130000.1,03v—130000=0,03.2000000.1,03¥
1.03v.(130000—0,03.2000000)=130000

1380 - 13
wed 1 3= = =50 = 7

AapPavovres ToUs Aoyapibuoug Tév BlUo fowv Exopev
v.Aoyl,03=hoyl13—Aoy7 f} 0,01284v=1,11394-0,84510-=0,26884, &x
Tfig omoiag ebpiokouey v==20,942 &rn. “Hror 1) é&§6pAnoic B& yivy pera
21 Emn, X 1) Tedeutala §doig B& elvan kaTd T1 piKpoTépa TGV GA-
Awv. Ax va elpoopey v eikooThiv. TpddTnV Bootv, sUpiokousy To-
oov yiveran 10 Savelov Tdv 2000000 Bpy. eig 21 &rm, SnAadn TO
2000000.1,03: 8px., TO &molov icoUrar pé 3720590 Spy.- dxoAouduwg
eUpioxopev 6T ai 20 Booeig & 130000 Bpy. éx&oTn eic T TéAos 200u

éToug ylvovTon
1,03:0—1 iz - e
130000 ———— SRR -1,03=3597990 8px. ‘H Bicpopd 3720590—3597990

5pX.=122700 8px. TapioTavel T TeAsuTaiay S6ov.

=2000000.1,03Y, & Tfic omolag Eyopsv

HoofAfipata weodg AVoOLY

619. *Eumopds Tis karoféTer els THY &pyfjv ikdoTou Erous 350000 Spyx. &k
TV KepBdv ool els THY Tpdmelov pé duarokiopdv kot Evos 4° . Tldoa B
AGBn els 1O TéAos ToU elkooToU ETous & THS TPWTNS KaTaBECEWS;

620. Karobérer Tis kot €vos pé ouvBetov Téxov 1000000 Spy. mpds 5" ..
Met& méoov ypdvov 8& A&Rn 13210000 Spy.
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621. ‘H Siarpoeh) kal T& E5cBa TGV omoUB®Y TEKVOU KaTeypdgovTo e
ToU TaTpos Tou els T TiAos ExdoTou Etous, dviipxovTto Bi Kok pfoov Spov
20000000 Bpy. Frnoiws. Méoa 6& by lvovTo olrdr perd 3 &1, fv &vetoki{ovTo xar’
gros pds 3,5, ;

622. Tlamip Ti5 &mwokTrioas kdpnv BéAer vé koraléTn Kart’ ETos oGV T opt-
opevov 8t° alrrv, Tva alrd dvaroxi[dueva xat 105 Tpds 5 ¢, yivouw perd 21 29))
250000000 8px. TTdon wpémer v& slvon 1 Ernoia kardbeois ;

623. Tléoov elvar T6 YpewAlaiov, 81& ToU &moiou EEopAsital xpéos 100000
EKaTOppUpinY Spy., dvartoki{ouevoy kot ETos Tpds 4, &v TAnpoveTar 8’ Ernoiwy

SooEwy ; -

624. Xptos ELogAeitan b1’ lowvitnolewy Sdoswy dvtds 30 Erév. Tdoov fiTo TO
SpX1kdv xepdAciov, fav xafeuia 8615 eiven 318000 Bpy. kad 6 Emitdkiov 4,59,

625. "Epmropés Tis E5oveiotin 45000000 Spy. in’ avaToKiou®d Kar’ Eros S5¢/.
"Edv mAnpdovy Ericiov xpewivioioy 3000000 Bpx.. veTa woow ETn 8& EogAndi) T6
Xpéos alrrou ;

626. *H £ESpAnois ypéous mrpémer va yivy els 20 & xpeeodunikés. Kabepic
86015 (frnoia) 8 elven 46130000 Spy. 6& dpyion & fi TANpwEY peTd TO Sov
Eros &md ToU Saveiou. TIéooy elvanr T dpyikds Saveichiv Toody, &v 16 EmiTé-
kiov elven 4.5¢  ;

627. Kpdrros E8aveio8n woodv i 1pds 3,75 ° . ‘H xpewAutixn tEéeAncis Tou
Gpyevan 3 ETn peT& T olvayiv Tol Savelou xad 8& wAnpdveTan 158800000 Spx.
tnoiws &l 10 &, Tidoov fito 10 Baveiobiv Toody ;

628. Xpéos &x 1,5 Sioexaroupupicov Spy. *mpmer v e€opAnéi] Sia 15 focv
Bocewv émnoiwy, dpyoptvav 5 Ern peTd THY olvayiv ToU Bavelou. TMdgov &
elven 16 YpewAloiov, &v 10 Emrdkiov even 3,759/, ;

629. Tlpos Troiov émiTdxiov E

pemet v& EEopAfion TIS XpEwAUTIKGS «Sdveiow
20000000 5py. 51& 16 trnoifwv Sécswv & 1780300 Bpy. &gdony;
(AvtikeBioTdvTes els v ebpeleioav iiowow eiplokopey
1 1 _ 20000000
+  a(lT)® 1780300
‘H &Eicwois atrmn mepiEyer TOV &yvewoTov T els TOv 170v Pabudy. Ak TolTo
1| AUois alriis v yéver Bév elvan YvewoT T, kai kaTapeUyopey els mpoaeyyloes. To
mpGTov pEAos Tiis Efiooews 8& elvan usyohlepov, Soov TG T elven pikpéTEpOV.
'Edv &vrikoraoTaff 16 T pé UIKpOT

TS LnTovpevns Tipfs Tov, To

e§aydpevor & efvan peyoimepoy To
OctovTes w.x. T=—0,04 supioxopsy
S, 1 ( |
o L P ey LAt S 25
604 (1= 108 ) 25— 1~ rogm ) 625

ve ex ToU Bdeutépou pilovs Ty (2) elpiokopey 11234, Odropsy Aormdv Thpx
T=0,045, Emwerta 7=0,0475 k.o.x. TpoywpolvTs Tpooeyyilouey TEPICTOTEPOV
Tpos THY {nToupéuny TUnY Tol T.

30. Karé8ewe mis &ml 5 ovveyd| £t mpos 47, el T Gpxnv EkdoTou ETous
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Toodv T kol eloémpatev 2 Ern petd THY karaPoAdy TS TEAsuTadeg KOTOBEoELS
20000000 Spy. Tléon fite 1) xordbeois ;

631. Korradémer Tis els Ty &pyhv ix&ortou Etous 1250000 Spy. & 7 &mn mpds
69, Ti woobv B& elomwpdty eis T& TéAos ToU BwbekdTou £rous &mwo TS TPWTNS
KaTabioews ; -

632. Tipds Tolov EmiTokiov &xTdy Erfjoien xorabioers &x 1000000 Bpx. &xdoTn
&moTeAoUv Toodv 10200000 Spoypdv ;

633. Tléoou xorabéoers &k 1000000 Spy. ol éwoici yivovTat els TO TéAos xé-
oTou Etous, &menToUvTal, va GmroTeAscSi) Tooov 2.457.839.000 ToU &mriToxiou
= 51
duros 55 Yo

634. AwenoUran s v& elompdfy petd 5 Ern Tooov 10000000 Spy. “Avwi
ToUTou &mbupel v& elowpdTTy TO TEAos ExkaoTOU TV 5 &rdv 716 auTtd WovToTE
Trocdv. TTotov svat Td Trogdy, to dmoiov 8& slompdrTy Tol &mitoxiow dvros 5%, ;

635. "OgefAet Tis 15000000 &py. mAnpwTéas THY Inv ’loudiou 1949. N& &v-
TikaTagTaly T Umoypfwois oUTn pE Tpels GAAos loog Tipds GAANAGS, TATPG-
Téas Thy lnv lovdiou 1950, 1951 xad 1952 (Emrdxiov 6% ).

636. M: mdoos Eaunvicias  ypewAuTixas Béoeis B EfopAndy Saveov
20000000 Bpy., t&v & dvarokiouds yiveten mpds 30, xad’ tfaumviay, T& B
ypewhUoiov elven 1000000 Bpy. ;

637. Zuvijyé Tig Béweiov ¥pewhAuTikdy 25.000.000 Spy. wpods 7, tEopAnTiow
tutos B v, Tpsis pfjvas peta THY kaTaPoAny Tis TERTTHS XpewAuTikfs Booews
BéAer vx EEogAfion ToUTo &€ SAoxAripou. TTooa Trpémel va kaTaPdAn ;

638. *Edaveiofn s Tov ‘Ampihiov ToU 1942 woodv 20008000, égogAnTéov
Evrds 20 Evdv Tpds 6 %/, KaraBdAawv xavovikds T& pixpr TolU 1950 xpewivaia,
tmbupei Ty Inv 'Omu?piou 1950 v& &€opAnion TO péos Tou TeAsiws. Ti Troodv
fa ypeiaot ;

639. Aid méowy YpewhuTikGy Bdoewy ESogAsiTon Bdveiov 100000000 Spy.,
&Tav T Emitdkiov elven 79, Swatifetan § &mnoiws ypewivoiov 10.000.000 &py.;

640. Tlpds mroiov miTéxkiov Séveiov 250000000 8px., T& &moiov EfogAciTan
tvrds 15 Erdov Bt Ernoifwv xpewduoinv 14553000 Spaypdv ;

641. ‘Evcupela Tis Suvoaton va Biwobior Ernoiws &k T@V xepd&v alTis
10000000. TToiov kepéAcaoy dlvaran va Saveioli] Siadérovox &mi eixcoceriav TO
&vw Trogov Bik ¥pewAlotov TolU Saveiou, ToU &miTokiou ovTos 57 ;

642. Elowpérrer Tis &l plov wevTasTtiow xal els w0 péoov ixdoTou Evous
210000 #&xoroppipic Spayudv, aUfavepévou ToU TogolU ToUTou &mo Erous els
Eros kaT& 7,59, (Gvev dvarokiopol). Kera Thy Emopevny wevTaeTiow elomparTet
Spoiws Té Tponyoupsvov Troodv, 210000 éxaToppipia, nUEnuévov kaTa TO TpiTov
oo, & 4&wd Tevraetias ey mevraeTiav éSaxoAovfel f| alfnois ToU TwoooU
xaté 1O TpiTov ToU dpykol, ki kora 7,5 ¢, frnolws (Gveu dvaToxiopol). MM6-
oov Toodv B8& elomwpdfn s To Téhos s Ins, 2o, 3ns, 4ns wevToeTios, dv dva-
ToxileTan ko’ Eros Tpos 57/, ;
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Hepidnyre mweprexousvoy zegaiaiov VIII.

‘Opropds dorduntiniic mgosdov (clifouca, obivousa Tpdo-
dog, &v 1) Sixgopax ] & Adyoc alrfis w)0 7 (0). ‘O viooTdg dpog
T=a+(v—1)w (o=« dpog, w 1| Siagop&). *H mpdodog dpileTan &v
80bf} 6 «’ Spog, N Siagopd kad TO WAffog TV Spwv TNG...

‘Opioudc  TmopspPoriis v Spwv dpifiunTikfic mpoddou peToly
apifuév o, B. "Exousv w,=(B—a):(v+1), & w, 7 Siapop TG
Tpoodou. “I81dTNne TGV Spwv &piBunTikfic Tpoddou «, B, Y...- K, A, T
elval a+T=P+A=y4K,...

“ABpoiopa T®v Spwv dpifBpnTikiic Tpoddou Z=(atT).v:2 f

. 2= [2a+(v—1)w Jv:2.
“Oprouds yewuetouniic mgodédov (dmoAUTosc augouccx 1 @bi-
. vouoa, &v O Aoyos alUTiic @ slvan @)l 7 (1).
‘O vicoTtog 6pog T=aw¥ !, a 6 a’ Spog, w & Adyoc.
Av &, B, ¥,.., K, T YEUeTpIKT TpéoBog pE Adyov w, elvan

ﬁ'-_.__a},, ﬂ?\t‘{K:?C{"’f.
MopepBoAn v Spwv yewpeTpikiic Tpoddou petafy duo &pifucv

"t‘_
Aerpo:cucr vV OpmwV YEWUETPIKTS Tpoddou &, B, Y,... K, A, T, TO
F (a0’ —a): (e—1 )=(100—0): (0—1 )= = — T "Abpoioua Cpet—
VOUOTIE YEWUETPIKTG Trpoodou (pé dmeipov mANGog dpwv) 2= !gm

“Opiopnds douovixiic mgoddov (&v of dvtioTpopor T&V Spowv
TG &moTeAolv GpifunTikny  Tpdodov).

‘Ogioucs loyapiPuov dorduo® e npds féowy 10 3 tov dot-
1 | e R )

Puov (e=:1~;‘— T+ttt )
Patikog (cog kai 6 ).

‘IBioTnTEG TRV Aoyopibucov. 1) Tlac dpiBudc AXD Exel Aoydpl-
Bpov, GeTikov pév &v A)l, dpvnmikdv 8¢ &v A{l (&pvnTikdg &piBudg
Stv Exel AoydpiBuov TrpoypoTikéy).

Aoy (A.B)=AoyA-+AoyB, Aoy (A:B)=AoyA—AoyB, Aoy (A¥)=v.AoyA.
chpo:x-rnplo-nxov Aoycapifuou. Tpotrn) &pvnTikoU &ic &v uéper
GPVT|TIKOY,

‘0O e elvan GouppeTpog kad UTrep-
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Al 4 TpaEeic pE &pifiuovg &v upel &pvnTikoUs. Aoyopifuikoi Tri-
mivakeg, ¥phioic alrrdv. *Epappoyal Tédv Aoycpibuwv. "AXAcyn TS
Pdoews cuoThuaTos Aoyapifiwy.

“Ootouds éxdetndy Eiiodoewy (ol OTolon EYouv &yvaoTOoug
el Toug &kBéTag Suvduewy). AUoig ExBeTikGV é&lacbcrecov‘.

ZuotnuaTo £BeTikdv &iowoewy kol AUgEl; coUTGOV.

“Optoudc Aoyaptduwniic éEicdoews. NUoeig AoyapiBumddy E€1-
OWOEWV.

“‘Opiopds 1ot dvaroxicuot. "Afia xepodaiou o &vorToxifopé-
vou &mi v & Z=a(l+T1)", T=ToK0og mag povadog eig piow xpovikhyv
povdda. Elpsoic ') Tol Z, ') Tol «, y') 1ol v (mepimrtwoic kol
fijv 10 v Bev elvon dxépaiog, OTe Epopudletan © TUATOG

Z=a(l+1)".(14+n7T:360).

MepimTwolg dvaToxkiopol kof’ ESaunviav T, T 71, Tepi-

TTWOIE QVOTOKIONOU KOTa TPIUNVIaY T.- \" 1471,

“‘Optouds mpofAnudrewy fowy xaraPéoewv. Tehikn dia fowv
karoBéoewv o pera v & Z=(14+T)x|{(141)—I1]:7 (&v 1) &xdoToTe
kartaBeoic yiveton el TV dpynv TS Xpovikiic povabog)
fi Z=a[(14+T1)—1 ;T (&v 1} xardfeoic yiverar ic TO TEAOS THG XpO-
VIKTIG povadog).

‘Ootonog yoewdvoing. Tumog eUptoews ToU YpewAuciou ¥ elvan:

xl(l4+ry—1)r=a(1-}T1)"
7} yevikwotepov ¥ [(1-+1)*—*H—llir=a(l+T)", &v 1} TpwTn KaTOA-
BoAt) ypewAuciou yiveton K ETn peTa THV ouvoyty ToU Saveiou o
froool Si1& v & (V)K) pE T Tokov &g povadog eig TNV povada TolU
Xpovou.
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KEGAAAION X

IAIOTHTEZ TON ATIOAYTON TIMON EIXETIKQN

§ 234. ') "Q¢ yvwoTov, &v elvan a)0, f) a=0 Eyopev af—c, tvéd
&v {0, |ob=—a. TLy. |{15/=15, |—6|==6, |0/=0.
A& Ttac dmoAdUTouc Tipudc (TpoypaTikdy) dpiBudy EYouey TOG
£Efic IB1oTnTas ;
1. "Eorw mx. 6 —12. "Eyxopev |—12/—12—12|.
*Emione  —7|=7={7|. |
Fevikddg &v o elvon oxeTikoe dpiBude, Exopey |—al—|al. |
2. "Eorw w.x: 6 15. "Exousv {15}=15, &vés —[15}=—15, AN’
glvan —15(15=15|, &pax —{15i(|15], &v& {0}—=0——[0!. ’Ev YEver Eyo-
pev Aoimmov —lal <a<al.
3. *Eore . 1 3K|6)
Maparnpoluey &1 —|6/——6, —|6]——6(3(/6|—6.

\
\
|
(MPATMATIKQON) APIOMON |
\
\
|
|

Opoiwe  |5=5|=5 kal —|—5/=—|5=—5¢(5/=5, H#ro |
——5=—5¢5. 'Ev vévar &v elvan |of<IB|, 8% Exowuev —|BI<a< (Bl |

Ao & T |al < B elpioxopev (moMamAaoi&lovTes Té pEAn Tne &
—1), —jaf>—IB|, firor —|pl < o <agla] (kard THY 2av iBioTnTa)
kal —Bl<—jal<a<|d<|B] (€ Umobéoewx) fitor ~—Bl<ag|Bl. Kai
GuTioTpoews &v ioxun alrn & Exwpev jof < Bl

TLx. elvor —|—8(—3(—8 fi —8(—38 xkal |-3((—8| 7 (8.
AMOAYTOL TIMH AOQOPOIIMATOI APIOMON

p) "Eotw &m Intelton 1) |5-+8).

“Exouev |5+48/={13[=13=5+8=5/--H8. “Eortew 7 |—15—6|.

“Exousv |—15—6|=—21|—=121|=21=15+6=I—15/+-|—6]. *Ecre 1
|—204-8|. "Exopev |[—20-+8|—|—12/={12/=12(204+-8——20|+[8!, Ao
—20-8|(|—20|-+8|.
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“Av a B elvar dudonuor, Exouev lo-tPl=lal+[Bl. Ao, Bix v
gUpeov Tol a-+-PB; TpoodETopey T&c ATTOAUTOUG TIMGE TWY a, B, KA.,
fitor ) dmbAvros Teun ToU o+-P looUror pé 76 &Bporoua TV &Tro-
AT TGV TGV o kal B.

"Av a B elvac Ersgdonuor, Exouev latPl{lal+Bl. Aidm, Sia Thv
eUpectv ToU a-+P, 6 dpaipbowpey &md THY HeyaAuTEpav &k T&V diro-
AUTeov Tipdy TGV o, B TV piKpoTépay aUT®dy KA., fiTol 1) dad-
Avzog tiuy tol édgolouatog elvar wixporéga tof dipolopuarog TV
aroAvtwy Tudv 1@y ngoodetéwy, fitol a+Pl{|al (Bl

Mevixédc Aormdv &v of «, P elven dAyePpixol TparyuaTikol, Exopey
la+-P| < |al+-Bl, 7 lodtng 81 duootiuouc (fi 0), f) dvicdTne &1’ Erepo-
onuovg TrpocfeTéous.”

‘Ouolwx eUpiokopey &1 o, o, 4o ot < oo [ o |- o)

THv by iBi1oTnTo SeikvUopey Kol g é&n: Exouev —lal<axg al

*Eriong Exopev —[Bl <P < |Bl. M ThHv Tpdofeotv ToUTwy KoTa ué-
A, elpioxoney —|a—{B < a+B < [ +IB| A —(led+B)) < a+-B < I[P,
Emropéves elvan kad ja-Bl < llof +IPl=lal-+iB!, SnAadn |o-Bl < i+ [Bl.

Y Od deifwpev S |atPi>ljal—|Bll. "Exouev

(aflo-+-B-H(—B) =l (c+B) - (—BY < for-+B I —Bl=lcr-+BI -+,
fitor |of <la+Bl+IB|, Emoptvarg |of—IB| < jai-Bl.

“Opoleag Exomey [Bl—|B+a+(—a)| < lot-Bl--|—af—loe-B|-+al ko
Bl —lof <JatPl &pa (lof—IBD) < 'ax-+Pi. Ev yéver Aormwodv Exouev
|ol—{Bil < [o+BI. *Erelong Exomev la—Bl==act-(—B)| > lia— —Bl—l—IP!
(Bvexa Tfic Tponyouptvng oxéoews), fitor jo—P = |{al—(BIl. “QoTe
elvon yevik®s jatpl = |lod—iBll.

8) "Av elvar [x—wl(a, ly—ol(a #a deifwuey St [x—o|(2ax

MAidT pera THv Trpocbeciv TV Sofcigdv &vwo-rﬁ-rcov KO
uéAn ebpiokousv |x—wpl+|y—w!(2a. ‘AAA’ elven
x—wl=I(x—)+ (y—o)| < Ix—Wi+y—wl(2q, fiTor [x—w|(2a.

“OTav ypnoipomotoUpey Thv iBioTnTa alriv, Aéyouev ouvn g
811 &mohelpopey ToV W & TV X, W, w uetafl Tév Bofaiodv &vi-
OOTHTWV. '

ANOAYTOX TIMH FINOMENOY APIOMON

£'). *Exouev |8.7}=56/—56—8.7—8].I7!.
*Emiong |—5.9]—|—45/=45-=5.9=—5{.19].
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"Ev yéver |a.pl=-la|.]p!, Bid1 olodnmoTe ki &v elvon of OXETI-
kol &pifuoi o B (Spdonuer fi Etepdonuor) Bid v elpwusy TdV Y Wwo-
Hevov TV, 8& elpwpsv TO ywdpsvov TGV &TOAUT™V TIPSV TEHY
@, B KA., fiTol 1 dawdAvrog Tewn) ywvoubvov loodrar ud 16 yuvd-
uevoy Tt@v Godvtwy tiudv v mapaydvrov.

ATIOAYTOIX TIMH MHAIKOY AYO APIOMON

a

ot1') "EoTow | )@,i' O Beifwopev &1 g : g —lal:[B|, (B5£0).
AéT1, &v TebT g =, Exouev a—P.w,lol=|P.w|=|p|.lw.

t i o » o
Erropévcog lw/=_, fiTol _

a
S5 - 1Rl
B E B aj e

ATIOAYTOL TIMH AYNAMEQI API@MOY

') "Eorw &1 éxouev |av|, Smrou v dxépaiog ([v))0).

"Exousv a¥ —a.a...a,la ... .al—lallad... Jod=lal
"Av Exowopev la— V| 68X elvan lavi=lal_ . AT elva

. 1 : 1 fogie o e :
(o1 =3 Cilrl:?’ Lo i e ey == Ty AT IO JoC =i

MEPI AKOAQY®IAL APIOMQON

§ 235. ‘Opiouoi. a) Tuxaiol &pifuoi my. of 3, —5, -6,
Lt s ¢ s ) , \ ~
1250 3! EKaoTog TGV dmolwy dvTioToixel &g fva &piBudy THg Qu-

oIKTlg oelpdg TGV &pibudv 1, 2, 3, 4. Afyopev &1 &roteAolv piav
dxoAoubiav &piBudv. Suviiboc Ekactoc TéWV Sidoutveov apifudv dmod
ToU SevTepou kai €7ic yiveTan &rd Tov TponyoUpevdy Tou KaTd Tiva
WpIoPEVOY TpOTTOVY, Y. of 1, ;r é, ; T

A roUro dxoldovdia dordudv naleirar 1o oiivolov dot-
Pudv dvrioroiyovviwy elg tode doduove 1, 2, 3,..., &aotog
@y érroiwy (dnd 100 B’ xal £Efic) yiverar #x 1o mgonyovuévou
1OV H#atd Tiva oIouévoy Todmov.

Oi &motedolvTee Ty Sxohoubiay &piBuol AfyovTon kai &pou
TN &xoAoubiag.
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B") ‘AxchouBia Tic &pifuddv Adyeton memsgacuivov mAidoug

| mwemeoorwuévny uév, &v &moTeAfjTan &TO TrEWEpaCUEvoV TTATIBOS -

Spwv, dmégavrog B¢, &v eig TdvTa dkéipanov (BeTikov &pifuov) dvTi-
oToixij lg ToloUroc Tijg dkohoubicg, &te alrrn Exel &meElpov TIAT-
Bog Spav. 5

TMapiotévopev oupPolikdg Thv dxohoubiav pe (X, Xer Xer---) T
pé () kol Agyopsv 1) drodouBia Tév &piBpdv ) TGV Sowv X, OTToU
UmoTifeton 6T TO v=I1, 2, 3,... Tl.y. ©| dxoAoubia TGOV Spwv

1% : e ot d 1
(e— (7) evan (Stov v=1,2, 3,.) A 1, 52 s v (@))
‘Hxidv-Spaw O =2 ) tlvan:ay B2 s 0 L Da s, 2)
Edw Eyoousy  (Yo)= (V—\":I): ol &por Tijc dxoAoubiag elven
141 241 341 e e p+1
=R e A D 3 e T A3
"Eav Eywouev (XL-):((;V)\'-& ) ol &por Thc dwohoubiag elvan
G ve S AR e e e
1 2 3 - 5 >
% d 1 1 1
Bl =g 51—t see (4)
Edv elvar (x,)=(—v), ol 6po1 Tijc dxoroubias elvan
—1, =2, —3, —4,... (5)

‘H dxorovlia T@v (¥, )= ( 1+ i )‘ droTeAeiTal &K TGOV

(1) (1 8) (#3) () n2 3 B B @

Y') ’AxohouBic Tigc AfysTon megiwpiopéyn, GV 1) GTWOAUTOG
Ty ExdoTou T&V Spwv Tng elvan uMikpoTépa f) Ton &piBuoU Tivog
AQD), fitor &v elvaa [y <A fj —A<x. <A, &1e & A xahsitar @ga-
yuds | podyua TOV &moAUTWY TGV TV Spwv Tig A&xolouBiac.

’Eqv Um&pyn &piBudc Tic A, TololTog, @oTe v Exwper A < Y.,
O A, kodeiTan doiotegds 1) mpds Td ®drew @gayuds TTc dxoAoudiag
(), 8vdd &v Urdpxn &pifude Tic A, ToloUTog, oTe va slvan Xy <A,
0 A, xoheltar dekioc f) mpds td dve poayuds TS dxoAoudicg.

M. 8 Ty (1) Eousv (1, fitor f 1 elven gparynds odriic
Tpos T& dvw' paynos ToThg elvan kol ag dpiSudg k)1, Ak ThHv
C(2) Eyouev 2K 2 kal elvan oltn TEpicopiopivn Trpdc TA dpicTEpd.
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y \ * (—Dv—1 1 PR, . )
A ThHv (4) Epopev P——— | = <1 kal elvan alrn mepiopiopévn

Tpoe T& Befik. Mia v (5) &€ pev —vg—1, TO 8 —1 elvar gpo-
YHoC TaiTnge Twpeoe TG Gveo.

8') ’AxohouBia Tic (¥,) Aéyeton woverdvwc aiifovea i gdi-
vovosa Exv Six rdvTag ToUg Spous TS EXWHEY X < Yokt T) X 2> Yot
dvtioToixews. OUrtw & T@V dvwtépw droAoutidv 1 uév (2) elven
HovoTovwg alUfouoa, Biom elvan .y, 2¢27, f 29(2.2 § 292+, § &
(1) elven povoTdvwe obivousa Emedn elvan : >»_iT

MapaTtnenoic. *AxoAouBia Tic (xv), S1ix v omoiav 1) Bia-
Popx  (Xup1—Xv) €lvar ortoBepd A=£0, elvan &piBunTikg Tpdodos,
oUfouoa ptv, &v A)0, ebivouca 8¢, &v evan AC0.

TLx. f§ 54+3,5+3.2,...,(5+43.v),.. Exa

A=Yt Yup1=D+3(v+1)—(543v)=3.
2. *Axoloubia Ti &piBuddv BeTikdv (x,) Si& Thv dmoiav Exopev

TrrAiKov ()—(—‘)—(\_} ) otafepov —w=£1 elvar yewpeTpikd Tpdodos, ati-
§ovoa piv &v A)l, pdivovea 8¢, &v A(l. Tlyx. 7 g, i Exel

1

2 .

W=

6 6

ki

MOTE MIA AKOAOY@IA APIOMON TEINEI MPOL TO MHAEN

1 1 )
~ 10’ 100 1000""
- ’Eav, Bobévtog oloudnmoTe apifipol w.x. 0.0000001, Buvdpeba
va eUpwpsv Spov Tiic dxohouBiag, GoTe ExaoToc THV Emoudvav Tou
(&meipoov i wATBog) va elvan daroAUTee HikpdTepog oloudhroTe So-

§ 236. o) “Eoo 1 drmépavros dxohoutla (o )

6évtoc GpiBuoD, - . ToU 0,0000001—:, Téve Abyousv Tt 4 (1)

2 3 % . < = & " e a /
Teivel eig 1O 0 kad oupPoAilopsy Tolro olftw (10\' )~>0 n op( Té; )ftO.

]'Tpdtyud‘n ExaoTog T®V OGpwv pera Tov 0,0000001, of 0,00000001,
0,000000001... elven pikpdTepor ToU € kal ofrw

(% )= 0 &p( - )=0.
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(TI‘JLA:L——I— 1——:—71-# Soe—1,2 )

Etrionc 1) dxoloubia 513 >

o ; e S iy =
TEIVEL EIC TO UNdEV, BIoTI Qv T.Y. = 565" T STTOAUTOS TIuT Ex&oTOU TGV

L
900" .

‘Ev yéver 1éyouev 67 dnégavrog dxolovdia dotPudy (X.)—>0
N Exee Sorov 16 O, &v BobévTog &piBuol oloudnoTe (SoovdrTToTE MI-
xpol) €)0, duvdpeba va elpwpery &Adov 1.)0 kol dxépaiov Tololrrov,
GoTe V& Exwbey IxnddE [Rnepil(e, [Xnerel(e, A0t [yol(e B1& mEoQw
Sxepadav TILAY TOU V> 1,.

a I —1 ) ~
OPWV gai? gz EVOL WIKpOTépar ToU

B') "Eorw 1 drépavTog dkoAoubia (xv= ((v;ll);r)' dix

v=0, 1, 2, 3,.., fiTor §y —iT' %r %Tr %ﬂ

"Av 80ff) £)0 kai Bé?\couev v elvan [y, ’(E GpKET vét eﬁpmusv TO V,

WOoTE va Exwper [y, = A (v+1)?) -—a v—'—l) — Kai v) ——l

CERVE 1)’

“Qore Bix TIpde dxepaiag ToU U>Te;dl & Exoopev :_x\.:(s rad
gémopeves 1) Sofeioa dkoAoubia Teiver eic 16 0 7| Exer Spiov 16 0.

Y') Néyopev 6T &répavTog dxohoubia &piBpdv X, Teiver fi Exa
Splov TO &melpov Kol onuelcovopey ToUTo pE (Xv) = o, ) op(Xv)—
&v BobevTog oloudrjroTe &p1Buol M0 (doovdfmoTe peydAou) BSuva-
pefor va elpwuev &Ahov &iépaiov Hpmd0, ToloUrov dore, Bix viHpm
va Exwpsv Y, M.

L. ) dxodoubia I, 2, 3, 4,... Teivel eic 1O oo. AidTi, &v Tw.).
M-=315687, éxopev H=315688 kai Bix v}315688 elven oi 315688,
315689....)315687 fitor fi dkoAoubia (v) — o i op(v)— oo

Aéyopev 611 dxohouBia Tig &piBuddv () Telver fj 611 Exel Spiov
&p1Budy copiopévov A, édw ) dxorouBia (x,—A)— 0. TL.y. 7 dxoAou-
Bic (X\.zv—'—) (Gix v=1, 2, 3,...) Teivar eig v 1. AiéT1 7 dxo-

. v
Aoubia (T_ )—)-O

TTpdypeety, exopsv(“_"; —1__1_):«:“’1( )-—>0 cxpcx(v_:ll)—»l.
1

H dxohoudicr 531 5 g1 59osee Exet Spiov TS 5.

-
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1) Alo'ﬂ, v Btowuey X, x'v=w,,  8&  Excouev Trpoq;uvo"')c

TS X5 € ]I vl Eav 8087 &piBuog e)O Bc efvan Kai > =40y
Suvocueeoz 8¢ v& elpoopey dva Eva &pifudv n,)0, n.)0, doTe vk EY 0~
vev [ol(5 B1& vy, kai X'V 5 B1&vyn., &pol (x)>Txad (x's)—>0.
"Av TrapacTadii ut n 6 ueyo:?\b-rspoc TV 1, 7N, 8& Exwpev Bik v
T Ml < I+ ,X'\‘l(z + 5 ==¢, fito1 Y| >0, SnAadf (XL ) = 0. .

2) Emeid elven [y v-xv =X XS ==X

fitor [y —X'vl < IxolHIXVICe, EreTen 811 kad Oe—x'+v) =0,
A op(X—X'v)=0.

3) Tpogavis Exouev [yv.X'vl=IXsl.IXs] ki &v e)O elvon kai

Y €)0. "Av Aormroy, BoBev-roc TcU €)0, eupseow oi 11,50, n°,)0 To10U-

Tot, GdaTe varelvar Iy, I(\ € ‘B1& win, kad [y € ! B win', 1o 8¢ To-
pm'ra'vn TOV ,,\eyor)\u-repov & T®V 1, n,, O sxcouev Sia vin TO

- oY e ke Y E L "Apa Kol ol Y €TV e l—=e.

‘Emoptveos even [x)Ix'v[{e, fiTor Exopev  (xvx's) =0, f
0p(Xv-X'v)=0. 1 1
Ty, Gv Exwpev T&e dxoroubicg I, —;fr st e il
5! ;_—1 —éﬂ'“ %v_' gkdoTn TV 6Tolwv Teivel eis T 0, TéTE 1
S 1 e e TGt e SR g :
(11‘2‘)’ (%) (?i“zz')’ (o) xadde xad 4
1 1 1

1 ¢ > \
72 .53 gt gt TEou o 1s 0.
'Acxfoerc

643. N& elpeli] els kardrepos Qpayuos Tis &xoAovdias 1, 3, 9, 27,... 3
“Yépye Temepacpévos &pifuds, SoTis v elvan &vTEPOS PpayHos TS dxoAouliag
ToUTns xed SiaTi;

644. Al dxohouBict, ol émroian Tefvouy els Td - oo, Exouv VW TEPOUS PpaypoUs;
Awerrf; *H dxodouBia —1, -1, —1, 1,..., (—1)v,... Telver Tpos dp1Budy Tiva;

645. N& elpeti :
a') ‘0 1005 &pos Tijs dxohoudias 5, 100, 1125,... ve.5v...

3 9 L 3v
)-*0- Sog — — - e -
P2 by g 9" ATor e TRuE T Ah e
Y00 Tes aiag 5 e SR o

S ) v,_,_l_:ln---
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646. AfSeren 1) dxodovbia 1, -;—r —;, Tl Na elpebi] apibuds n, ooTe

&v v)n, v& Exwyey %(0,35. Etrions va Exowuev Jl— (0,00001.

647. Aeifare &1 v (Xv)—><, T oplxv)=c, (Axv) = Ac, 1§ op(?\)( D=Ac, &v A
oTafepd TToodTns. Aeifore 6T &v (X ) @ f) oplv=0e, (X'v) = B, 7 (opx ' v/=P.
1) Tére Gvt3'v) = a+P 7 ep(XetXv)=2pXv10pX y-
2) Elvet (Xv.X'v) = =B, T} op(Xv-Xv)—2 P=—o0pyv.0pX"v.
3 (X:’)_)_E_, D(XY)_:E OPX\ & 0
8 (an) >t 0 sl g s & D).
648. Afbeton ) dxoroubia 6 % 6-§-,..., 6;_%—1,... N& ebpebij &piBuds )0,

GoTe, &v v, vé dvar |6 VL —7|¢0,0025.
T

649. Mevikerepov elpeTe TOV 1) QoTe va elven [6-f or —T|(e, 6ov £)0 &-

covBnroTe pikpds. Ti cupmepaivere Trepl TS unga;\nm;, 1 owoia AapBaver Tag
TInd&S T &xoloulias TauTns;

; S ; 1
650. AiScvtan ol droAoufion ¥v=—>-+ il \p._---—-G«—I'

Aeifare 811 aUTen Teivouy els Tols dpiBpols 5 kal 6, &Tav v —» oo kol B —» o,
MEPI OPIOY METABAHTHI MOIOTHTOL

§ 237. ‘Opiouoi. o) ’E&v petaPAnTn TogoTng, forw ¥,
AcuBdun SiaBoyikde ¢ TIUdS Tous Speug MiBg dmepdvTou dxoAoubiag
&p1Buddy (¥,), Aéyopev &mi Spiov Tiic ¥ elven 10 0, &v (¥.)—=>0, A
op(x.)=0. onueicovouev 8¢ ToUto ut ¥ >0 7 opy=0. ﬂx av 1 ¥

‘ § 5 1 1 1 1
Aaupavn Tag Tiwag 1, DR R T e ., ETTE1BT dvm( )—>0 M-

youev o1t ¥ —> 0 1) opx=0.

B') Aéyopev 611 Splov peTaPAnTiic ¥ elvon dpifudg Tig GpiouE-
vog a, £&v 1) X Acupdvn Siaxdoyikde ¢ Tiudg Toug dpoug g &re-
pévTtou drxoloubiag &piBudsy (¥v) kal | (v—a) =0, fi op(x,—x)=0,
onuetcovopev 8¢ toUto pE (x—ax) >0 i x—>a f op)(::a'

“Av x —> 0 f| opx=0, elven kol kx— 0, f| op(ky)=0, éwou 16 Kk
elvan &piBudg Tig dplopsvog (G'raeepoc). AiéTi, STav 1) (X.,‘)—>-O A
opx=0 xal 1 (xx.) >0 A op(xyx)=

’Exk ToUTou Emeral O71, &v Y —> &, | opyx=—a, TOKYX—>Ka, ]
op(ky)==x&, &TTou K TaploTdvel plouévoy Tive (oTabepov) dpiBucy.
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Abti, Stav x>, T (x—a) >0, xal k(x—a)Y—0, §
(kx—xa) — 0, &pa i()(—) Ka 1) op(ky)-—xa.

Y') Neyouev &1 Spiov petoPAnTiic ¥ elven 7o &rreipov (o0 ),
Gv 1) X AcuPdvn SraBoyIk®C TAC Tiudg TGV Spwv &mepavTou dKo-
houbiag apiBuddy, 1) dtroiar Telver eic 1o &Trelpov, TO onjusicdvopey 58 ut
X—> 1] opy=co elvon Tpogaves &Tt, &v ¥ —> 0 7 opx=0, 6%

»

a3 ey 1 e x e 1 =
Exwpey 1O ?g:poo f op i:oo, KQl QUTIoTPOQwS; &v ¥—>oo kil

0pﬁi—=oo, B Exwuev kal x>0 A opy—0.

MEPI OPIOY AGPOIIMATOL, FINOMENOY MHAIKOY, AYNAMEQI,
METABAHTON TMOIOTHTON

§ 238. o) 'Eav x> o | opx=—, Y—=>PB 11 opy=P
(x-+w) > (o+B) A op(x+yw)=—opx+opy.

ATy, &v y, xai W, elvor af dxohouBion T TIMGV ToU ¥ Kai
Y, tmadn ai (x,—a) >0 kad (y,—P) —> 0, xad N X Hyw—a—B) >0,
firor Exoev (X +y—a—P) >0, pax (X+w) > (a+B) A op(x--y)—
=opX-topy. 'H i8i6tne ol loxler &1’ docodhmoTe peTaPAT TS
Xo ¥o @,..., EXoUoag dpia, AN STawv TS TAffoc oty elven TreTe-

poousvov. AoTt &v Excopev Y. TO &Bpolopax pE &mreipov TATIBoC
. 0 | 1 - o e
TpoofeTéwov S h 5 —'; t-** Omou ¥ —» o, f] opy = 0, TO e 0,

‘ 1 : A e - =

1l op S =0. ‘Emopéveds, 76 &poiouc Tév amelpeov 70 WARBog Tpoo-
etecwov O Erewve Tpdg TS 0, &v ioxuev 7y 1Bi6Tng, &védd TO &Bpoloua
ToUto (ToU ¥ oUEavopévou SinNvek@de) Suvarar v dvTikaracTadi
md ol X1,

, TOTE

P) "Av x>0, i opx=0, w—>0, A opy=0, 6& Exwpuev kal
(xy) =0, i op(xy)=opx.opy. AT, &pol x >0, w—> 0, v (%)
kal (g,) elvar o drodovBica 6w TIMGV ToU ¥ Kai Y, 8& Teivn &k&-
orn ToUTwv el 16 0, &pa kad (}y) —> 0, fTol x¥w—>0 N op(xy)=
—opX-opYy.

"Av Exwpey X > a, w—> B, &mou a,p elvor ortafepad moodTh-
Teg, O& even (xy) > aP fi op(xy) =opx.opy—=a.p. AioTi, &pol
X—>a kai gy—>P, &v (x,) kel (g.) elven of dxohouBion TéV Tipdv
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: — T&Y ¥ kal @, O& evan (t—<) —> Oxad  (w,—P)—>0. *Apx xked 1
droroubic [(Xe—)(wo—PB)] >0 7 [y ) (o )—(Bxv) +af] —> 0.
"EpapuolovTes oV kavdva Trepl dplou dfpoiouorog, Exopev
op (o) +opf—(ay.) | H+opl—(Bx.) ] +ap=0.
Emre181) 8¢ op(Px.)=Px kai op(aw,)==af, &metan &TI
€ op(Xov) > —aP—aPtaP—ap A op(X.pv)—aP—opx.op.y.
3 ‘H i81onc altn Tepi ToU yivouévou MeTOPANTGOV TTOCOTHTWY
loylsl kol 818 TreEpICCOTEPOUS TTAPAyoVTaS, GAAR TTETEPAOHEVOUG TO
TTAnGoc.
y) To Spiov 10U mnAikou SUo peToPANT@®Y TTOCOTHATWY, EXOU-
. cdv Opix, looUron pt 16 TrAlkov ToU dpiov ToU SiaupeTéou Six TolU
Spiov ToU Sicapérou (STav 1O Spiov TouTou elvan #0).
2155 i

*Eotw 611 opy—a, opy=—=P(5£0).0& Beifwopev &1 op— P A

AoTt &v ¥, Y. sivaa dxoAouBicn T@V X, Y, &vTioToixwg, 6& elva

0p(xx )=, 0p(9,)—P Kai op(Y—P)=0, dpa [y —Bl(e=|Bl-
ARN exoufv w|’~-'%3 (¢v—B)| > [Bl—ip—Bl

Kol W»');ﬁ;—'g B! '“5'5:1 fiTor Iy, >--§-‘B.‘ el
Budc 2 elvon (Be6i10c) ppearyuds Tiig drxoAoubiag MVL
o a0 e o R) o,
Rl Pyv
mapaTnpoluey &1 & (&p1dunThc) P(x.—)—a(y,—p) elvon droroufia
Teivouox eig TO undév, Siom
op ROt —o)—a(wv—P)l—Pop(x.—a)—cop(y—P)=0,
EkaoTog B¢ Spog Tns ToAAammAaci&leTal &vTioTolX WS EM
1 1
Bwv  Bwv
» 1 S S jerade Dt L OPieT s 2. )
Apax elvan op(;}’V 5) 0  kal op By et A iy
EdxdAcwg Seikvieran 871, &v X —> a fi opy=a, TéTe (}¥) >t
op(¥*)=at=(op.x)*. "Eotw o) 6 p dxépmiog kai ferixdg, "Exopev
XE=X XX AP 0p(X*)=0p (X X+ X)==0pX-0pX.--0pX=(0pX)' = .

(5w Omw & dpr

ZynuaTtilousy THy Siapopav

, TO &1roiov elvan LikpdTepov wpiapévou dpibuocl, ToU - [5 55
i

"Av 6 p elvar dpvnTikdg, EoTw p=—|v|, Egouev X M= irl‘_‘ Kad
i Foran e
MG e T Op(,x )= “op(x) (°px) —(opx)
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x

n 3 \ 3 ' K ‘ T

Av TO p elven KhaopaTikdg &pifusg, X, OeTopev w=—y *

ote (byolvrtee T& oo el Thy A SUvamw)  slpiokopey Wwr—y* xaod

op(Yh)=op(x") 171 (opw)=(opy)*, & ToU omolou eUpickopev
y L

®

opy=(opx) * fitar op(x * J=(opx) *
Korrar Tadrec opy x' =V opx - A A S
"Av dormdy elvan op.x=a, ToTE op\ X "=\ opx'=V '

MQI AIAKPINOMEN AN METABAHTH TII MOLOTHI EXH OPION

§ 239, 'Eav ai &meipor eic TATBog Tipad peTraPAnTiic ToodTnTOC
Padvouv cUfavépeval, pévouv Bt (&md Tivog kal EEfic) wmikpdTepan So-
Bevroc &piBuol, 7 weTaPAnTn Exer Spiov foov i mikpdTepov ToU &pi-
Buol¥ TolTou, fiTol, &v X.(A, fi dxoloufia (x.) >a<A.

"Eotw 6T ol Tipal Tfic petaPAnTic ¥ Poivouv odfavdpeve,
SAAG pévouv pikpoTepan &pifucl Tivog A.

"Av 6 A mepihauPhveton T.K. peTafU T&V dxepadwov &piBuddy
5 xai 6, ol Tipai ToU, ¥ &wd Tivog kai EEfig BUvavTon v UtrepPaivouv
Tvag &k Tév 0, 1, 2, 3, 4, 5, &AA& B& pévouv pixpdTepan TOU 6, ETTEIST)
oaUTal pévouy pikpoTspar ToU A{6.

"Ac UtroBécwpev Aorrov 811 & peyoAlTepog dxépaiog, &y &roiov
utrepPaivouv al Tipal ToU ¥ &mwd Tivog kad EEfig, elven & 5. Iymuorti-
Copev ot épifuiotic: 5E5,1: 15.2: 5.3+ B4 h k- HiG B Hig 506

"Emeidn oi Tinad Tol ¥ Paivouv eifavdpevean ke elven peycddre-
par ToU 5, B& UmepPaivouv dmo Twog kadl £Efc &piBuols Tivag &k TV
GvwTépw, foTw. kKad Tov 5,7, GAAG B elvan pIKpoTeEpat LY. Tou 5,8.

Zynuarilopev Twpa Toug é&piBuovc 5,7 5,71 5,72- 5,73 5,74
3,15 5iT6 5B 58 o5 {958

Mopoarnpoluey wéAw &1, &meaidh) ai Tipad Tol ¥ Paivouv cda-
vopevan kaod elven &mé Tivog kad E6Tic peyohUepon Tou 5,7, & Umep-
Paivowv alran &md Twos xai EEfic Tvag &k TOV dvwTépw TEAEU-
Taiwv &piBudy, GAAG Btv @Bdvouv 16 5,8 (i eidopsy).

"Eorw & peyoimepog &piBuoe &k TGV dveoTépw  TEAsUTaiwV, TOV
&rrolov UmepBaivouy ai v Adyw Tiual & 5,73, &1e alran 8& pévouv wi-
kpOTeEpa ToU 5,74.
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’E€oxoiouboliuey ko’ Suoiov Tpdmov kal B8& Exwpev T.X. OTI
ai Twad ToU ¥ UmepPaivouy 1oV &pibudv 5,738426, AN Stv pbdvouv
Tov 5,738427, SoTic Biagépst ToU 5,738426 kormdr Ev EKATOMUUPIOTTOV.
*Ecw Eaxoloudriowpsy dpoiwg doov BEAopey, 8 sUpowpey 611 of Tipal
ToU ¥ &mwo Twwog kai £Efjc TepityovTal petafu Slo &pifuddv, T&V
Stroicwv 7 Biagopa elvar fon pé piay dekadikfv povada Tiig TeAeuTaiag
Sexadikiic T&Eeog, TV OTroiav mepigyouv ol &v Adyw &pibuof.

"Av TOv pikpoTEpOV TEV &pifuddy ToUTwY TTOpAoTHoWUEY pE a,
al Tipai ToU ¥ (o Tivog kad EETC) Stagipouv &moAUTwG GO TOV
o kaTd ToodTnTa Soov BfAouey mpikpdv, tav EEakoloulncwmuey Goov
S¢Aopsv S1& TOV TPOOCBIOPICUOV TEPICUOTEPWV BEKABIKGY Ym@icy
ToU a. ‘Emropéveog elvon dpiov ToU y—a, TO Omolov slval WikpoTEPOV
ToU A f} 16 TroAU igov pe A.

TS TeEAeuTciov ToUTo 8& cupPaivr, &&v of Tipad Tol X &6 Tivog
kol EEfic Sixpépouv &moAUTws ToU A kaTd TToodTnTa Soov. BiAopey
uikpéy, ote B& Excuev &v yéva &m Splov ToU XA

*Opoicog yiverca 1) &méddealic &v &t Tdv drepaiwv 5 kol 6
UroBicwpey 8T1 & A TepiAcuPavetar petafl BUo SioBoyikidv dke-
podcov Ty, - TGV p kad p+1 (Bvdd 6 p Blvarcn va elvan Betikog
apvnTikog 7| 0).

Kor® &udihoyov Tpdmrov darodeikvietan 611, &av ol drelpor eig
TATIBoc Tipcd peTaPAnTiic ToodTtnToc Paivouv EAarTolpevan, AR
pévouv (&mwd Tivos kol £67ic) peyoUrepan Bobévtog dpifuol B, 1) pe-
TaPAnTr Exel Oplov ueyc:c?\\}-repov fi foov p& Tov B, fitor &v X, >P,
ToTE 7| dxorovBia (¥, )—>B>

AtoTi, &v Tr.y. o Tipal ToU ¥ ﬂcnvouv EACTTOUREVON Kol elven
T&vToTE pEycAUTepon ToU B (&md Tvog kel E6fic), ToTe o Tiuai Tol
—x B& Paivouv alfavopevon kal 8 pévouv wkpoTepar Tob —B. "Apa
B Eywopev op(—x)<—B kai opx>B. : :

. 'Acrnoelg
651. Ne& eUpeboliv & Spia Tév EEijs ua-r::r[i?\n'rwu Trocrcn'n'rmv

a’) l—gx—ris—?rcw x—1, B 1—]——1&11)(——)-2

&) XI}) &v y—> —2.

YD) 33-Let & x>0 S
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652. ‘Opofws Tadv EEfs :

=R 2T 5
a —0, o &V X-> o
3, X(X*K) R B) 3X T sx’ X x
¥.J o 'T‘E’\’ Yy & X—> o, &) —oex+Pxtvy, & x> -
£) 204 7 K, & x—>0, at’) 5_‘%—1)(, &v X .

653. Na elpebiy 10.6p1ov ToU )?175 av ¥—>5 pt mipas ) x(5, B°) x)S

654. Na wpeﬁq T Sprov THis peraPAnTiis 3x°—5, &v x—>3, TT]S —- —{-44:, &v
Y2 xal Tiis 200*—4w—5, av o)—-)-O Ex Tév sUpebivToov dplwv v sups&q TO Splov
(3x:_5+ - —,—4«|J+2m9—4w—5).

655. Noa elpeBij T Spiov (i—w\—; -;-4m")- &v x—> 00, y—>2 kai w—>»3.
656. TTolov 16 Spiov Tijs TapaoTaTEwWS .:%sz;ﬂq’. &v ¥—>—75, w—>0 kai
W-—»—3.
657 "Av x—»3 Troiov 8& elvar O Spiov ToU S
w X2—5%+6 —3) (x—2 x+x—1
oy X 2KT0_ OCH—2), 8 ) 4

x—3 x—3 ivc —ay 2

MEP! IYNEXEIAL TON IYNAPTHIEQN

§ 240. 'Opiouoi. "Av a kai B TapioTévouy dUo TrparypaTi-
xoUg &pifuols (UtroTiBepévou TolU aB), keAoUpey KAeloTOV SidoTnua
dmd o fwg B, TO olvoAov TGV (TpayMaTIKEY) &p1Budv, Tédv Tepl-
EXoMévwoy peTafl TRV o kai B, sl ToUc Smoilous TepiAcuPdvovTal
kai of a, B kol onpeicovopsy pt a...p A (o). “Orav peroPAnTn TIg
X AapPdvn Tdoag TEG TG TOU BSIXOTHHATOC TOUTOU, CTIHEICOVOUEY
ToUTo g EEfig: a< X <P

"Av T&g TIMaS TS peTaPANTRC X, TaC dunkouoog eig Ev SidoTnua,
Trapto-rc'xvcouev uE onueic wide evPsiac (v &pifudy f| ToU &fovog
TV X), TO KAeloToV SikoTnua a X <P TapioTéveTon UTrd ToU THT-
uarog AB, émou 16 A TrapioTavel Tov o, TO B Tov B, dvrikouv Bt &ig
70 AB kal T& dxpa olroU.

KeohoUpev Trsp:oxnv THG TIUAG X ToU onueiov Mo(X.), (drv*no*ro:-
xoUvTog elg THY TIUNY X==X.), W& pijkoc 2¢, 16 Bidornua X—e(X{X.+
oTroU TO £ TOpIoTAVEL '}'rporyuornl«bv &p1fuov H0.

2uvaptnols Tis Y—p(X) AfyeTan coplopévn pév &) Si1& Tiva TIpHy
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ToU ¥ m.X. THv X=2, &v 1) Tiun Ti¢ ouvapTioewg elvan dpiopévn Sid
X=2, dnAadn &v elvan dpopévn f| Tinn ¢(2), B') elg meproxnv &€ Tva
Tiufic ToU ¥, &v slven dopropévn 81° EkdoTny Tipnv Thg Teployfig TavrTng,

“EoTtw ouvépTtnoig Tic Tiic &veSapThTov ueTaPAnTiic X, fi =9 (X),
QPIoUEVT) €I TV TEPIOXTV TS TIUNS X=Xo- AV Xu+(Xv) mopioTduy
dxoloubiav &piBudv Tic Teploxfic ToU X., Bdiaedpwy Tol X, kai 1
O+ ()) = X, o 88 Tipad @(Yo+ (%)) TEivouv elg Ev kai TO almo
Spiov T.¥. TO A, olodnmoTe kad &v elvar 1) drohoubia (X.), TOTE Aéyo-
pev 871 opp(X)=A T 9(x) —> A, STaw X > %o | OPX=Xo-

*Eotwo Ty T) ouvdpTnoig y=—=x". "Av Umoftccwuey ST1 X= 3, £xo-
pev @(3)=3". ;

"Av Bftowpev x=3-+(&,), &mov (&) TapioTavel piav dxoAouliav
&p1Buddv, Tefvouoav elc 10 0, fitol op(e.)=0, 8& Exwuev (3+(e.))—=
=(3+(e.))".

“Oray O (£,)->0 f{ ople,)—0, wote 10 (3-4(e)) >3, fitol
op(3+(e.})==3, 10 (3-+(&.))* = 32, fitor op(3-+(e,))'=3". ‘Emopéveag
gxousv 6Tt 1O @(3+(6))=(3+(e.))* Teivel elc TO 3%, dnhadn

opp(3+(&,))=9(3)=3"

Emaidn oupPaiver ToUto di1& THy ouvapTtnow ¢(x)=x’ kai dix
THY Ty =3, Aéyopev &T1 | @(¥)=x' €lvar cwvweyrs, dTav ¥=3.
‘Opoiwe SexvieTar 611 1) @(Y)=x® elvan cuvexnc kal 81’ olavdrmoTe
GAANYV TIUTV TOU ¥.

Ev yével cwuvegis Abyston ouvdpTnoic Tis w=—o(x) dia Tva Ti-
ufY TOU Y==Y., T.X. av elvon copiouévn elg meploxnv Tiic ¥, xad &v &Y’
éxdoTnv dxkoAouliov (¥, ) Telvoucay PO THY TNV X, OTaV v —> oo,
f| &vricToryog dxoAouBic TGV TIPGV THG ouvapTnoews ¢(X,) Telvel
mpds THY Tunv @(X.). ToUro txep&leTan xod cx &

Abycpsy 611 1) y=0(x) elvar ouvexnic Bid y=y., &v, Bofévrog
oloudfyroTe &pibuol €)0 (Ocovbdnmote pikpol), Exwpey OTI

o » [ e 0
op [9(X«+£)—9(x.)]=0, éTav ope=0 f | sz(é el ).

“Eortw 1.y, 1) ouvdprnolg yw=3y’. Ofopev va iBeopey, av alTn
elven cuvexne &1 x=1. "Exopev @(1)-=3.1°. Gfvopev y—=1+¢, Ote
o(1+4+€e)==3(14¢)" Kad
o(1-4+&)— cp(l) —3(14e)—3.1:=3(124-2.e}-e*)—3.1"=3.2.e L 3.e°.
“Orav £-—> 0 fj ope=0, toT1e 10 ¢(l+e)—@(l) EnAadn TO ioov
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ool 3.2.64-3.¢? Exet Spiov 16 0 (kaTd TOV Kawdva Tepl Opiov dbpoi-
ouaToc), fitor op [¢(1+€)—¢(1)]=0, Ai ope(l+-e)=9(1l), dtav ope=0.

‘Emoptvers 1) @(x)=3x" clven ocuveyng Bix y=1.

*Acuvegfs Mystan owvdptnois Tic w=0(x) B1x ¥=X. xai &v
elvan dopiopévn elc meploynv Tiic TIBAC X, Qv Bév elvan ouvexnic Bik
THY Tiwny TodTnv.

Edxohwe dmwoBeikvieran 6T1: 1) "Otav ) @(}) Exn orabepdv
Tipny, T.X. 5, glvon ouvexng 81 m&oav mipnv ToU X.

2) "Av 8Uo ouvaptriosic @,(x) kai ¢.(x) slvan ouvexsig Sik piav
TRV ToU ¥, 8& elven ouvvexiic kel A @, ()T e.(x) Bix THy ol
Ty, kados kad TO @,(X)-9.(X) kad TS @,(X):9.(x), STav TO 9.(X)
elvon Bidpopov ToU 0 Bk ThHy Tipfv Tolny ToU X.

ZwapTtnol ThHe Hopefic =¥, X X*... elval ouvexfic Sic Ta&-
oov Tiptv Tol X.

MMaoa ouvépTnols Thc woppfic ax¥, Omou To « elven orofepa
ToooTng, TO 8¢ u dudpaiog kol Betikdg, elvan ouvexnic ik m&oow TI-
piv ToU x. Tldoa & ouvdptnolc &Bpoloua Spwv TG popefis ayt
elvan ouveyng Bid mdoav Tpny ol ¥. Ty, §) 3x—5x+6.

Maox pnth ouwvdpTnoic, fTot T TMAikov SUo TroAuwWipwy,
w¢ ™pSe X, elvan ouvexnic ouvdpTnolc Sid mEoav TV ToU ¥, Sik
Thy omolav & TwapovopasTig elvar Sidpopos Tol O.
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MEPI MAPAFQION*
OPIEMOI THEI MAPATQIroOY EYNAPTHIEQI MIAL METABAHTHI

§ 241. "Eoctw TuyoUoo ouvdptnolg ToU ¥ 1] W=0(}) OUVEXHS
tlc O dpioptvov Bidouax (o, B) xad fiTigc Bid Tiva TV TOU ¥,
THY X, TEPIEXOUéVTY &v TG SixoThpoT! ToUuTw, AcuPdvel THY pl-
cpévny TIMNV Y, ToU Y, fiTor elvan W,—=o(X.). "Edv e¢ thy Tipnv ¥,
dwowpev aUfnoiv Tiva g, 1] &vtigTotyos Tipd Tol W 8 A&pn aléngiv
TIva 1), TjTo1 8 elvon W, +n=0 (¥, &) kai Emopéverg =0 (¥, +)—o (X, )-

*Eme1dn) 1] ouvdpmnog y—o(¥) UmeTedn ouvexng &v @ SiaoTi-
pott (a, B), Emeran 6T 81 ope=0 Ba glvon kad opn=0.

‘E&v & Adyog —%ﬂ—_ Eﬁ:%i“ Exn Spilov cpiouévov, STav 1
pEV TIUN X=X, HEvy) oTabepk, T) 8¢ aUfnoig e Telvy Tpog TO undév,
TO Opiov TOUTO KOAEITOl mapdywyos THS oUvapTioews W=o(y) dix
X=X, Koi onueloUtat oltw W', 7 o))

"Hroi1: Hagdywyos utds ovvagujoews w=o(x) did wwva tuny
700 y malsitac o Sotov mpds o Smoiov teiver & Adyos tiic avEr-
GEWS THS CUYaQToe®ws mpos TNy dviigrolyov avEnewy tijc dvekao-
ziitov ucrafintiis, drav 11 alilnow adrijc teivy mpods 10 undév.

’Eav 1) ouvaptnoig y=o(X) Exn Tapdywyov Sid TaooV TIMNV
ToU ¥, TOTE onuetolpey aThv oUtw Y f o'(X)-

§ 242. Kord Tov Oplopdv Tijg TTOpoyyou CUVapTIOEmS HISS
. pETPAN TS X, Si&x va elpwpsv Ty mapdywyov e, 8idopsv Tpd-
Tov €lg TO ¥ piowv alfnow, Thv émolav kol TapioTuey Si& ToU ouy-
pohou Ay xai Umoloyilopev THv &vTicToixov alfnov THC cuvapTi-

* Ta &mo =is § 241 xai #ns EAnednoav &k ToU Epyou ToU k. Aewv.
'ASapomoUAou.
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oews, THy émolav TrapioTduey Sk ToU Ay kal xaTtdmv eUpiokopsv

T0 dplov ToU Adyou %:v otov opAx=0. Ai& v& Exwpev TTapdywyov
mpémel 81’ opAy=0 v& elvan kai opAyp=0" 81611 &&v opAw-—=a=£0,
TOTE opi‘—:} =00

"Htot: “Iva uia cvvdenois £xn magdywyov, meémel va elvaot
cuveytc, ywolc Suwe »ai 6 fpog avTog va slvar Erragrjs.

Aémt & ToU opAy=0 kai opAy—=0 &ev EmeTtan 6T Gvorykaicog
by by A ‘
UTrapyEl Kol TO opA—;':.

MoapabeiypaTta: 1) Eorw 1) owdaptnolc w=x. Tote

Ax=x+DBx—x=AY, Emoptvs y'—op ix b 2); ik

“‘Qore: “H mapdywyos o0 x elvar 1) mwovds.
« 2) "Eotw 1) ouvapTnolg y=5x*. 'Edv &g 10 ¥ Scdowpev ThHv
avtnow Ay, B« Exepsy ;
Ay=5(x+BX)*—5x*=DxX"+10xAx+-5(Ax ) —5x*=10xAx+5(8X)*
v Ay 10AXASCAX)E |

‘Otav 8¢ opAy=0, ToTe opﬁ—;{: =10y i Y =10x.

Ko’ dpoiov TpéTrou gUpiokopey &TI 1) TTOpPAywWYyog THg ouUvap-
Thoews Y=oy elvar y'=Say' kol yevikédg Tfig y=—at (1 BeTikog word
dxépatog) 1) mapdywyos slvan W=—a.pyEl

3) *Eoto 1) owdptnois y=\ x. O& dvar w+Ay—\ x+Ay,

A o v R

kol Apy=\ x+Ax—\ ¥ xai -H———T 7 (§ 88)

Sy [VxFax—V x ] IVXFax+HVx] A

o Ax(Wx+Bx+V x)
Ay Ay 1
—_ = e — kol Eoptvarg 817 opAy=—0,
& axVx+axtVx]l  VxFaxtVx =
: Ay 1 1 i
& elven op - —= ————=—+ "QoTe: R— —
PB T VX AVE. 2VX G 2V x

4) *Eotw 6T 7| ouvdptnoig y elvon oTabepk. ToTe 1) augncnq
Ay elvon pndty, ouvetrddg %q;—=0 kol Eropéveog Op—i—: — T
*Htoi: “H magdywyos cradepdc elivatr undév.
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FTEQMETPIKH IHMAIXIA THI MAPArQroy

§ 243. "Eortw 1) ouvdptnoic y—ax+-P. Tvepilopev i Ut
TaploTd elfelav Téuvouoav Tov &fova TV W elc TO gnueiov ©,p)
kai TapdAAnAov mpodg THY Sid Tiic &pxfic Siepyonévny elbelay y—ay,

fTic Opilerar UTO TOU onueiou
0(0,0) xai ToU onueiov M@,)
(ox- 21). 'Eqv xAnBfj @ f ywvig,
THy omolav oxnuatifer 1) edfeia
peTa ToU BeTikoU &fovog Oy, 8
Exwuey epoo=—c. To o AéyeTon kerd
OUVTEAEC TG KaTeUBUVOEWG TG V-
feiag Ww=—ay f| kod Tic elBeiac
y=ox+B-

“EoTtw 1181 Tuyxoloa cuvdp-
TNOIC Y=—0o(X) ouvexns &youoo

|
ly?
. 21

Trapdyeyov S1& THY T X=X,. "EoTtw 88 AMM’ xaumiAn elc dpo-
ywvioug &ovag, Thy dmoiav TrapioTd i obeloa cuvdpTnolg w—ao(y)
(ox. 22). Eic v Ty x=—=x. THc peTaPAnTiic dvrioToiye 1 Tiuf Y,
TTC oUVOpTNOEwS, omoTe TO onueiov M(x.,v,) 8& elvon onuelov g
KopTUANG. Edv el 70 x, Sdowpev plav olfnow Ay 1 oUVapTT)-

&g

o

o Ba AdBn plav ol-
Enow Ay kal T onueiov

Y T Brgoty) M (X +A% Y1)

O elvon onueiov Thic kap-
mUANG. ‘H &lowoic Tiic
eUbeloc g Biepyoptvng
i TV onueicov M kal

g
Iy. 22

¥ M B& elvan e HopPTic
W=ox+P EmaAnbeuopévn
Umo TV ouvTeTarypéveov
TV onueiwv M kol M/,
woTte 8& Eywuey

Yo t-Aym=at (X, +Ay )+ Kol y,—=oy,+B &eaipolvTes 8¢ Tag 100Eig

KoTa péAT Eyxopsv Ay-—aly T %;4:

=a, fjTol & OUVTEASOTIG KOCTEU-
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Buvoewg Tiig eUfeiog MM’ elvar & Aodyog 2——3 ANN STav opAy=0,

¢meidn 1) ouvdptnoig elvan ouvexns, 8& elvan kol opAw—=0 xai &reaids

UtreTébn 6T Exal rapdywyov, B elven Op%%:—k}l', 70 5§ onpeiov M’

Telvel v& ouutréon) peTd ToU M, omdTe fi Yopdh MM’ & Exm dg Spi-
kv Béow TV EpoTrTopévny: Tiis kopmUAng MT elg 10 onpsiov
M(X.,\p') kai Tfig omolag & ouvTeheoTng KoTeuBlvoswg elval TO

Op A SnNISn ) Tiun TG TAPXyYWYou Ti§ o-uvcxp'rncecoc e g

*Apx: “Orav pia cuvdeTnois w=0(x)dea runv xy—yx, Exn na-
pdywyov, 1) Tun is magaydyov Oia y—y. lcoUrar ué TOV oUV-
zedectyy marevdivvecwe tic ipamvoufvns tic maumvinsg, TV
émolay 1) cvvdernois maogtotd el tdO onueiov avwfjs, o Exov Te-
TUNUEVNY X,

Emraibry © ouvTeAeoTris KareubBUvoewe upidc eUfeiag icoUtal ko
Ut T o, Bvla w 1) yovia, Ty dmolav oxnuaTile ) efeia peTa ToU
&Eovog, EmeTon OT1, dav 9
TLuny 10U x=§c,, etvar undév, 1 Epanroufvn tijs xaumwvdne elc o

mapdywyoc utdg cvvagrjoews Oitd TIvae

onuetov, 1o Eyov wetunuévny yx,, elvac mapdddnlos meds oV

dEova ¥ y.
MAPATQrOL IYNAPTHIEQI AAAHL IYNAPTHIEQL

§ 244. "Eotw i ouvdptnols y=g¢(w), OTToU Y OUVEXTIC oUVApP-
Toic TiiC @ kai w=0o(y) elvar émiong ouvexns ouvapTnolc Tou X,

 &moTe kol )y B elvon ouvexng ouvdpTnoig ToU X Kad AéyeTon ouvdp-
. Toig ouvapTthoews. "Edv fi8n Umobéowuey 61 ) ouvdpTnotls Y=—o¢(w)

Exel TTapéywyov 6 TTpds @ T @'(w) kal 1 w=o(x) Exe Tapdyw-
yov d¢ mpde X THY @' (X), eUpioxopev THV Tapdywyov ToU Y g
wpds X g Efic:

*Eqw gic 1o ¥ 8067 1 ab§noic Ay, ToTe § W'(¥) Bc dvcu TO Spiov

o(w+Aw)—a(®)
TR

"AMAG Trpde Ty atfnotv Ay dvTmioToiEl alnolg Aw THC w,
ATol elvan Aw=o(X+Ax)—o(¥) xai Emopéveg

ToU Adyou 1+ 6taw oplAy—0.
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PlotA0)—o@)  o(w+8w)—o(®) o(x+A0)—0(x) __
ax Ay SEse e
— H(wiAw)—o(w) o(X+-Ax)—9(x),

GAA& STav opAx—0 elven xad opAw—0 kai opAw—0, kaBéTi of Guy-
TPTNCES W, w Umerédnoav ouvexsic xal &T1 Exouot mTapdywyov.
ARE Hloga 52T E00-9C0) oy oo Pl = SRR

Aw Ay
kel opTEEERD) (- 8w wI0—9'(e).0%
T %. Ne&x elpebfi 1) map&ywyos Tiig y—(3x*—5)". O¢ttovTeg
3x*—5=0w B Exwuev Y=’ frol CUVAPTNOIV CUVapThoEws” OTrdTe

Y'=6w’.w'y T Y'=6(3x"—5)".6x A ¥'= =3O =5

MAPATQIOL AGPOIIMATOL IYNAPTHIEQN TOY X

§ 245. "Eorw 1) ouvéptnoic y=o¢-+w+u (1) &a 9, w, v ouve-
XEIG ouvapTnoel; ToU x Exousan &vTioTolywe 'n"cxpcxycbyouc Tag
P, @', V' xai T dmolag InTolpsy Thy Tapdywyov . Eav f) &ve-
E&pTnTos peTaPANTH X AdPT &M Tivos Tiufic arTiic piov aubnow Ay,
al ouvapTroEiS ¢, w, U B& AdBwov dvTioTolywe alEnoElC Ag, Aw, Av.
"Emteidn od ouvapticeis ¢, w, v Umerébnoay OVVEXEIS EYOUTTl TIapd-
Ywyov, S elvan 81" opAx—0 kai opAp=0, opAw>=0, opAu=0. *Edw
7181 xoAéowpev Ay Thv dvrioToryov alfnow Tfic ouvapTioews Y,
b Exoopev Yi+Ay=(p+A¢)+(w-+Aw)+(U+Au) (2). *Edv & apai-
‘peowpey  &pedTepa T AR TG (1) &mo Th (2), 8& Eycouev
Ay=Ap+Aw+Au (3). 'Ex Tairrnc Ereton &7 .
opAy=—opAg-opAwtopAu (4) kaf, tmeidn &t opAx=0 elvar kai
op Ap=0, opAw=0, opAu=0 8& elvan kai opAy—0, Ator 7 ouvap-
TNOIC Y=9-+w-tu elvon kol o) ouvexne ouvdpTnois Tol X-
AicipoUvTes dupdTepar T& AN THG (4) Six Ay Excuey

A A Aw | A g
e B R I | opAyx—0 elvan

e L R Re
Ay Aw Au
P A pA;-—OPAx Topgs N W=¢'+w' ',

“Qove: “H wagdywyoc 100 d¥goicuaros modddv cvvaorijoswy
00 x, éxovodv magaywyovs, loodtar ué 1o dtgoicua tédv maga-
yoywy 1@y cvvagujcewy.
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MAPATQIOL TINOMENOY IYNAPTHIEQN TOY X

§ 246. "Eotw N ouvdpTnolg Y—we, Evba w kol ¢ oUVEXEIS ouv-
QPTTNOEIS TOU ¥ éxovoon Trapaywyov.  Epyalopevol g Trponyoups-
vog Eyopev WHAp—(p+A9)(w-+Aw) ki Y=—wg, CUVETTGS

Ay—who-pAwt-Aphw (1)
SixipouvTe &¢ dppoTepa T& MEAN THS (1) Bix Ay Exopev

t"\x\;." G Agp 1 Aw 1 ﬂ‘?,& S, g_j_ é’

= e e e o kol ETTopéveog
Ay ho | Aco Ao

S g il e i S e s T opAcw. (2)
e . P O Mh s x Ap ' Aw .
Eav 8¢ op Ay—=0 &€ Umobioecac B& elvan op T e A T

kai opAw—=0 kai 7} (2) yiveton W= +w'p. 'Edv elvar w—w.p.u
kal Becopriowpey 1O w g Eva TrapdryovTa, B Exmwusy KoTd TO TrpoT)-
youpevoy y=(we)u' +u(we) | ¢ —wou }wug +upw’.

‘Qore: “H mapdywyos o0 yivouévov molldy ocvvagrijcewy
Tl avific uerafilnziic x, éxovodv magaydyove, ilcobrat ué tod
ddgowcua 1@V ywvoubvay tiic magayyov éxdorne rovtwy Exl tod
ywbuevoy v dAAwy cvvaprijcewy.

MAPATQIrOL TINOMENOY ITAGEPAI EMI LYNAPTHEIIN

§ 247. "Eotw 1) owvdptnoig y=—aw (a otobepd). Oa Exwpev
Y =—aw'4wa, dAAa o'==0, dpa Y'=—aw'.

"Hro1: “H nagdywyog tot ywvouévov cratdepdc énl cuvdgrn-
ow toU y [oobUzac ué 0 ywwduevov tijc crattegdc #mi THv smapd-
YWYOV TiG CUVAQTITEWG.

"Eotwy w=w", &vla w ouveyng ouvapTnolg ToU X Kai v drépaiog
kal GeTikdg. "EmEdf] W—w.w.w...0, 8& elval kaTd TG TrponyovuEva
P'=wlw.! "t w T L wev T ) Y=y L.

"Hror: “H nagdywyos duvduewc uitdc cuvvaprijocews tob %,
looUtar pé tov éxdérnv tijc dvvduews éml ThHy wara uovdda -
xpotépay dUvauLy Tis cvvagrijoews 1ol y xal émi THv Tagdywyay
tijc fdoeawc.

‘Eav 1} Bboic elven & ¥, 16Te 1) oxéoig GwAoToIEiTAU”  T)TO1 EGV
Y=x* TOTE Y =puyt—!, emabn y =1.
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NMapadeiypaTa: 1) fotw A owdptnoig y=5x* 1 Tapé-
ywyos elven yw'=5.(x*)'=5.3yx*==15%"
2) fortw Y=(¥5"+2)* 1 mapdywyos elvan
W' =305x"1+2)". 5x*-+2)"=3(5x2+-2)*10x =30y (5x*--2)
3) Eorteo Ww=(3x'—2x*+3x—6)" 1 mapdywyoc sva
Pi==33)* =2yt I —6)°. (" —4x43)
4) éotw Y=0Cx*+2)B5x+1) A mapdywyos evea
=@ FOX-ED B2
Y'=03x"+2)-5+(x+1)6x A
W' =15x"+10+30*+6x A W =45x"+6y-+-10

MAPAMQIroOL NMHAIKOY AYO LYNAPTHIEQN TOY X

- : : ol : o

§ 248. "Eotw 1) ouvdpTnoig e fvBa @ kol @ ouveyelg
oUVapTIOEIC ToU X EXouoal Tapaywyous Tag @' kol ¢'. *Eqv elg o
Bowper TNV avtnow Ay, af cuvaptnoes w, ¢, Y Aaupdvoucy dvTi-

oTOoIX WS orogﬁcrsu: Aw, Ag, Ay, elvar &8 kp—;LAq;:;f’lTi\;ﬁ’- &k ToUTnG Kad
1
TrpokUTTEl Ay= DE oy T Lima UL
) = s s ;
T W - PO iy % 1 AV=Grape
Aw Ag
Ay " BX B 5 nphyesl, 5 6
el gav 8¢ o & elvan €€ UmroBéoswe o
B~ (o+b9)e ’ s < i Pﬁ\
o 2—: =gp’, kol op(p-4-Ap)=0¢-+opAo=g, émoTe b elvan
o] A —.0 Aq’
4 Ay ¢ pA Pfs)l < _ PW'—wp’
PEX ™ ~opletbpye 1 ¥ L2
*Hrol: “H wagdywyos nnlixov o cvveydy cvvagrijoewy ot
eivar xddouu, 0 Smoiov Eyel g dot-

oy

¥, éxovcdv sagaywyovs,
Gunrny o pvducvoy 1ol mapavouacstod éni v magdywyov 1ol
dovPuntot, HAarrwuévov xard o yvduevov ot dorduntod &l
v mapgdywyov tol magovoucotol, mogavouactny 0& 10 TETOd-

ywvoy tol stagovouactov.
Mapaderypa. N& eipebf) 1 moapdywyos Tig oruvcxp"rr']cscoq
= — 00— 3)(5x—1
O var - Aox=0)00 5‘(#{*53;()_6){ XA Ox-D’

(5x—1D) (2x—5)—0—5%+3).5__ Sx2—2¢—10,

M= (5x—1)? =T

B o) o e
e 5x—1
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322 A. '"ASauomotion

MAPAFQrol TETPATONIKHI PIZHI IYNAPTHIEQI TOY X

§ 249. "Eotw %) cuvapTNOIg =Y w, Evba w ouv&pTnoic TIc ToU
X, Exouca Tapdywyov Thy w'. Eav eig 16 X Bcocwuev ThHv aUEnow
Ay, of cuvapTrosic Y kal o AauPdvouciv duTioToixws raUEnosc Ay
kal Ao, of 6moicn Telvouot Tpog TO undév, dTav f| Ay Teivy TTpog TO

&1l Aq)r:\,‘—oa—{—Am-—\ro_a |

[otAo—\ ][V otinty o] 4
Ay— [\ co-—-r\ @]y wTEm Ly @] =,f._9_‘°_______- 26ev
\ wtAwt-\ @ V wot+Awty w
Aw o Aw ;
B B Kail o 2 =—p ax A y'= &; :
T e e e ——e N
X VotAeiVw X opy w-t+Aw-t\ w

Snusiwotc. ToUro loyler Six T&s Tipdg ToU ¥, «i omolan
Btv undevilouv TNV ouvdpTnolv .

"Apa: ‘H magdywyos tetpaywvixis oilns cvvapmjoews wivos
70D %, &yotions magdywyov, {coltar ué v magdywyoy ol Vrog-
pitov did ro¥ Sumdaciov zijs eifns.

My. N& eUpebfi | mapbywyos Tic y=\ x'—4x+1. O& elven
G e ARy e
Al 2Ve—x+]

'Acnnfoerg

658. Né& eUpebolv ol Trapdywyor Tédv k&Twdl cuvepTnoswy:
y=0C—2+5)+0Cxe—8x—1),  y=0x>+2x>—3x11)—(2x*—4x+6)
p=_{ex2+-Px+r)+ (o —Px+ ()4 (=—Py)

=03 (x+4) y=0-+3)(2—3x+1) w—2x—1)Bx-+1)(4x-2),
CrOh g e S i X =3 xXx3)

y=x"(2x>—5)(3x*—1) s o B W:x+1 P e Ve n
w=\/x*—3x—5 p=3x—4V X p=2x"—3-+3\x*—2x-

MAPATQrol AIA@OPON TAZEQN

§ 250. "Eotw 1) ouvdpTnoic W=2x*' 1) Tap&ywydc TG elvan
@'=10y*. ’AM& TrapaTnpolpey 6T1 1) Tap&ywyos oUrn elven veax
cuvdpTnoig Tol X Exouosax kal aUTh Tap&ywyov, fiTic A&yeTan Bev-
Tépa Tapdywyos TG &pXIKTiC ouvapTAoErS Kal onueoUTen W', fiTol
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Y=(10x')=40x". "AM& xai 7 Tap&ywyos alrn el Tapdywyov,
fTIc kaAeiTan TpiTh TPy wyos Ths dpxikfic OUVOPTNOEWG Kol om)-
HeloUTon W'’ k.o.x. Kai yevikése: *Edv i owapTnoic Y=o(x) &mn Tra-
paywyov ' Bi& mdoav Tiufv Tol X & 11 SiaohpaT (o, B), elven
8¢ 1) Tap&ywyos oy oUVApTNOoIC Tol ¥, elvan Suvarroy kal oUTn VX
Exn Tapdywyov kahouptvny BeuTtepav mepdywyov Thc dobeiong kad
onueloUrar W', ‘Opoiwe Suvdueda v Eyoopev kai TpiTnY, TETAPTNY
K.0.K. Trapdywyov Tig &pxIkiic ouvapTrioscc,

‘Aoxfoerg

659. Né& ebpeboiv ) wpdoT kad BeuTépa Trapdywyos TAY K&Twd guvapTroEwy.
Y==IX X206, w=5x"—T*+3x—6, w=(2x—3)," y=\T—x;
aXEED s ey
et T G
MAPATQIOl KYKAIKON IYNAPTHEEQN

§ 251. Al ouvopTioeic y—nuy, Y=ouvX, Y=epx, Y=ooy,
==TeUY, Y=—oTepy kcAolvran kukhikal ouvapTthoeic. ‘H HETOBANTT)
X elvea 16 dAyePpixev el dxrivia pétpov ToU TéEOU.

Zuvéxeia xuXA®Y cuvapthoewy. 'Ek Tic TprywvopeTplag
yYvwpilopey &Ti 18 nuyx teiver mods 10 undév, Srayv o zékov ¥
teivy el to0 undév.

1. Lvvézera ovvapmijosws 1ot Hurdvov. *Edv elc albnow £ 1ol

X GvTioToixfj oUfnoic n ToU nuy, & siven
] E Pl
N=—NH(X+E)—nux=2n 5 ow X+ 5 ).

*ETre1dn 8¢ elvan :‘cmv(x% —;—)‘gl Ko nuzi Teivel eic 1O pndév
HETQ TOU €, EmeTtan ST 8 ope=0, 8& elvan kod opn=0- dpa 1
QUVGPTNOIG Y=y &lvar ouveync. |

Il. Zvvézewa ovvapmijosws tod cvrpurdvov. "Edv sic alfnow ¢ |
ToU X &vTioToIXf aUfnoigc n ToU ouvy, 6& elvea

; € LB
n=owv(X+€)—ouvx=—2nu 3 nu(X+ 5 )

*Emra1dn 8¢ elvan §nu(x+%)§gl Kod np—;_ TEIVEL PETS TOU € Eig
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324 A. 'Adapomovion

16 pndtv, émetcn &T1 81’ ope= —0, 8& elven xai opn=0- &px 7 cuvap-
Tnoig y=ouvy elvan ouvexis.
IH Zovéyeia T@v GAAoV  HoRARGY  0VVAOTTIGEWY. *ETre1d1)

EPX= 71y _.__; #ro 1) gy, elven TrnAikov BUo ouvex&v cruvcxp'mcrscou Erre-

T OTL 60: glvan guveyig 81" GAag T&E TINAS TOU ¥ s&‘roc; gxeiveov, al
Strofan pndevilouv ToOV TTopovopaeTiv. TO ot oupPaiver kal dix
ouvy,

1 1
7 TEUY=— ——1 OTEUY— ——
| TEHX ' OTEPX=

Téc EAAGG CUVAPTT|OEIC OQX— e S

OPION TOY ——, OTAN OPX=0
npx

§ 252. “Eotw &T1 16 To6EoV (AM) —x Telver €lg 7o undiv &

Tipév BeTikddv. Elven nux=>TM) «ad ecpr(AT).
‘Qc & ToU oxrnuaTos QaiveTal
EWTPLY- (OAM)(Eu KU'K Tou(OAM)(su TP. (OAT)
8 (OA)nux( 5 (OA)X( (OA)ex #
T nux(x(apx kal Emweldn nux)O, ETETO
‘ P W <-ff ' AN\ v opx—0,
tre1dt) 1) ouvdpTnoic ouvy elvon ouve-
xfe kai ouv0=1, 6& elven opouvy=l.

‘Etropéveg kal & Adyog

Tl:l(x » OOTIG TTE-
pléYeTa peTal SUo &piBuddv TEWOV-
Tev Tpog THY povada, B& Exn Spiov
[

ZXI.BZS Thiv povdda, fiTor op ﬁ%{ =1, &tav

opx=0.
2) *Eotw &11 TO TGOV (AM)=y Teiver elc 16 undiv &€ GpvnTI-
k&v Tipcdv. Tote, &v ypqufoousv y=—x 6& elvea x')0, oméTe B
elvai 11_)1%( ﬂu(-xx) _;ﬁx Wﬂ):x » &tav 8t T ¥ Telvy elc TO undiv
&€ &pynTiIKGY TIMGVY, TO ¥’ Tetver €lg TO undiv & BeTikdov TRV, OTOTE

op -rf—l Kol CUVETT&G op H§X=1'

Qoe: ogm ==1, Srav opx=0.
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MAPATQror TOY HMITONOY

§ 253. "EoTw 1) ouvdpTnoig w=nuy, 6&clven:

mu F on(xct ) wf

Ay _ nu(xAx)—nux
Ay Ay

2 L el . (o % |
oA g A% e T e (x+ "’2‘) |
2 |
nH k,:,xﬁ
gv 8t op Ax=0, 8a slvan xad op —O, &pa op ﬂxh —il
L
opouv (X-— 1 owy' QoTte  (nux)'=ouvy.

"Hto1: “H napdywyos 100 nuy slvar cuvy 0ud mdoay teuny
ToU x.

MAPATQIrOL TOY IYNHMITONOY

§ 254. "Eotw 1) ouvapTtnoic w—ouvy, & elvan
Ay ouv(x-+Ax)—euvy -

By it %
A A
Ay AZHu—Xnu(x———(}) nu%E Sl
Ax = Ax Ry R o N (X 7= —2“)
5
£k TaUTne 88 TpokUTrTEl eUKOAWS 6T1 (ouvy)'=—nuy.

"Htot: “H mapdywyos o0 cvvy elvar —nuy 6id ndoav zi-
unv tov x.

MAPATQIOL THI EQAMNTOMENHEI

§ 255. "Eorw 1) ouvdpTnoic Ww=epy. "ETedt) cpy =- —x: meTal OT1

_ouvx(nex) —nux(owx)’ guvEy--nuey 1
(epx)'= TR I A e T

Gpa (epx)'=

ouvzy
“Htoi: “H napdywyoc tijc épantoudvns eivar 10 dvrictoopoy
ol ouviy.
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326 A. '_{lggruonoﬁlou

MAPATQIOX o@x, TEHX, OTEMX.

§ 256. Kot TOv arov TpdTrov épyalduevor eupioxopey ST1

A UL e TR S O
(o) == ditentes oy CSol = oas

'Aocxnfoerg

660. N& eUpeBolv ol Trapdywyor TGV CUVAPTHCEWY :
y=cmuy, Y=nu2y, WY=owTy, y=—eg3Y, y=o09dY, Y=TE'X, Y=—=OTEWY,
gy, p=ourty, =x'nudx, w—xlowry, y=xwe3x  w=\/nux
y=\ ouvy, y=ouwx:+1.

XPHIIZ THI MAPATQIOY AIA THN IMOYAHN TON IYNAPTHIEQN

QEQPHMA TON NMEMNEPAIMENON AYZHIEON

§ 257 “Eotw 1) ouvdpTnoic Y=o (X)), ©pIouévn, CUVEXTC Kai EXouca
Tapdywyov 8i& Tdoag Tas Tipdg ToU X Tag Trepieyouévag i TO did-
omnua (o, B). *Qc¢ yvwoTov
fj owéptnoig alrn y=o(X)
TopioTaTal  UTMO pdg Kop-
TTUANG. "Eav &mi Toirng Seco-
pﬁccoue'v Taonueia A(xo(ax))
ki B(B,o(P)) xai pépwpev
v Yopdnv AB kai Tthv AA
TapdAAniov Tpodg ToV &fova
Oy (ox. 23), TéT1e 8 elvan
Tpogavdds  AA=—P—a kai
AB=—=c(p)—o(a). Ex ToU oploywviou Tprywvou AAB elpiokopev 6T

%z%#cpm:wwekmﬁc kateuBUvoewe ThHG Yopdiic AB.

Elvar gavepov &t &l ToU 166ou AB Tig kapmUAng w=—=o(X) Umrép-
XEl &va ToUAayloTov onueiov I, Exov TeTunuévny y TrEpPIEXOMEVTIV
petoU o kai B kol ToloUtov, doTe T EporTTopéVT) THG KAUTIUATNG €ig
Tof onpeiov Tolto va elvan mapdAAnAoc mpoe Thv AB. TANA’ 1) épa-
TrTOopéVn aUTh EXEl OUVTEAECTNV korreubUvoewsg TV TIpMV TG TTapa-

Wneiomotr|Onke amé To lvotirouto EknmaibeuTikng MoAmikrig



"AlyeBoa ("Exdooic A’, 1950 ) 327

Y®you o(X) 8i1& x=y, fitol o'(y), emwaid) 8¢ elvoa TAP&AATASS Trpde
Ty xopdhv AB mpémer vk elven

B9 57 (y) # o(B)—o()=(B—x)a'(y).

B—a
‘Qote: “Ozav uia ocvvdornowc y—a(x) elvar dotouévn xal
cvvexns v twve drastriuar (a,f), Exyovoa wagdywyoy 8. Slag tag
Tiuds 100U x Toc megieyoufvac v @ dtacTiuare (a,8), dndoye:
els rovddyiorov doiPudc ¥ uetald a xal f weoieybuevoc Toofizoc,
dore Ba elvar o(f)—o(a)=(f—a)s(y).

QEQPHMA TOY ROLLE
§ 258. "Eotw 1 owvdpTtnolg y=o(X) opiouévn, OUVEXTIC Kol

Exovoa mapdywyov & 1@ SiaoThpom (o,B) kai Eorew, 611 1 Kap-
TUAN 1) ToploTwuévny Umo

TTIS CUVQPTI|OEWS TEUVEL TOV 4
&fova T@V ¥ elc T& onueia
A(a,0) kai B(B,0). Kartd 16
Becopnua TGV TIETTEPATPEVLOV
aUnoswv B Umdpyn pia
o1 [Aao) B8N\ X

TOUAGKIOTOV TIuf TOU X He-
TafU a kai P ToraiTn, Gore Sx. 24
. 9(B) —o(x) = (B— x)o'(y): '

GAAG, émeidh) o(B)=0, o(x)—0 kal B—a=£0, Ereron 811 B elven
o’'(y)=0.

"Hto1: "Ear ua suvaeinois w—ofy), dotcuévy, cuveyic
€xovoa mapdywyoy v tive deactrjuar: (a,8) undevityrar dia =
xal y—@B, vwdoyer uia tovddyioTor Tiun) y tod ¥ uetalv a nal
B, dea v dmoiay 7 Tagdywyos undeviterar.

§ 259. Oedpnua: *Eav uia ovvdgrnois yw—o(y) elvae
@oioudvn nal ocvveyic, Exovoa mapdywyor v ww Staoctiiuare
(a, B), nal g magdywyos undevilerar did mdcay TLUnY mEQL-
exoutvny pueralv a xal f, rére ouvdonais w—o(y) Exst ora-
Peoav runy év 16 dwactijuaze (a, f).

Té v, forwoav ¥,, X., SUo Tiuai Tou X HeTaU o kai B re-
PIEXOMEVaL" KOTX TO Becopnua TGV Tremepacpéveoy aUEnoewy B elven
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(%)~ (X )=(X—X )0 (Y), Emedn Suwg o'(y)=0, Emeran ST
o(%e)—0(X:)=0 A o(x,)=0(x,), firor /i ouvdpTnaic Exer THy aUThV
Tipnv el T® Sikonua («, B)-

§ 260. “EoTe fi ouvapTnoiC w=—ao(¥) (:)plo’j.léVT’],‘O'UV_EXf]C Eyouox
Tapd&ywyov Ev TG SiaoThvoTt (o, B). “EcTwoav B¢ dUo Tipal ToU ¥,
al ¥, Ko X, EV0a Ya)X,s HETAEU o kol B Trepiexopevat. Kord 1o Bed>-
prLa TGV TETEPAOTUEVRV CUENOEWV 8 elven:

(% o (X: =(X—X) e (V-

*Eqreidny 88 X.—X,)0, &merea 6T o(X.)—0o(X.) xad o'(y) B& evan
Spdonua, fTol Eav Pev o(%.)—0o(X.))0, i TO T, &cv ) CUVAPTTOIC
elvan ati€ouoa, TOTE Kai o (y))0, tv 8¢ o(¥.)—o(¥. )0 fi TO oo,
t&v 1) owdpTtnoig elvan gBivouoa, ToTE kai o' (y)(0.

“Ogte: Mia cvvdginos w=—o(x) ®oLouev, ocuveyrjs, Exovoa
nagdywyov & Twi diacTriuate, elvar alifovea 7 ptivovoa &v ©®
Sractiuatt TOUT®, xad®’ Soov 1 mapdywyos avrils elvar &v 1
Siactipatt tovtw Fevuxnn B devnrixd xal GvTLoTo0@WS.

Snuelwoig ‘H mapkywyos éav elvon pndév, Ba elvon Bic pepo-
veopdvag TIRGS ToU X, 81071 GAAwG f| owéptnoic 8& fTo oTabepd
gic TO SikoTnuax TOUTO.

§ 261. "Eorw pia ouvdpTnaic w—o(X) ouvexnq €ic T1 Si&oTHUS
(o,P) Exovoa TraparywyoV ', fTig elvan Emiong ouvexng ouUvapTT)-
o1g TOU X.

1) "Eotew 611 1) ouVapTNOIS HEXPL TG TIBTS X=X, elvan ai§ovoa,
dméTe kal §) Tapdywyds g B slvan STk, &md 8¢ Tiic TIAS Xo
ol Exeifev 7 ouv&pTnolg yivetan @Bivousa, T6TE T TAPXY Wy oS NS
kaBioToron &mo BeTikd &pvnTikY Kad Emeidh fi Tapdywyos UteTEdn
ouvexhe ouvépTnolg, EmeTa 811, S va yivn &md feTikn dpynTiky,
8& Bi1tAGY Bix Tic Tipfic 0 fTor o(x,)=0, &te f| cuvdpTnoic dix THV
TPV X=X, YiveTen peyioTn.

2) *Eoteo 871 ) oUVEpPTNOIG HEXP! THS TIKAS X==Xe elvon @bivouoa,
dméTe B ap&ywyds Tng 8 elvan dpvnTikt), & BE TG TIEAS Xo
xal Exeifev ) ouvapTnoIc Yivetan a§ouoa, TOTE T} Tap&yY WY oS TNS &mo
&punTiKY KabioTaTal PeTiKT), ETOPEVWS, GG Kal TTPOTYOUMEVHS EAE-
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x0n, 8 elven o'().)=0, 6Te 1) ouvapTnoic B1& THY TNV Y=y, Yive-
Tal EAayioTn.

"Hrotr : “"Ozav pia cuvdgrnows ofx) ovveymns eis 1t dudornua
(a, B), €xovca magdywyov diépyerar Sud Twva Tiuny ol y v ¥,
0. évdg ueyiorov ) #layxictov, 7 magdywyos avtijc undevierar
dua TRy Tepnv taviny, dnlady o (x)=0.

Kai dvtioTpdpws: *Eav 7 mapdywyos cvveyols 141vog ovvag-
wjoews ofx) i tv Sudotnua (a, B) undeviferar 8id Tva Tiunvy
TOU ¥ TNV X., 7 cUVAETNoLc avry ik TV TLuny x, Otépxetal Sid
uceyicrov # Elayicvov, xad’ Seov 1) mapdywyos undeviferar 3x
Perndv § dovnTIHdV TLUGY.

Té& &vmi, €otw 611 1) Mapaywyos W' undevileron S1& TV Ty
X=X, veTaPaivovoa &k TV BeTik®dv TwGV el Tdg &pvnTikde kal
géoTtwoav Yo Tipai THg W, Mol N feTikn Sk y=—y,—¢ kol ) &p-
vnTikn Bi1& X=X, 1€, Evla ope=0. ’Emeidn o'(yx,—€))0, fmeTon 611 1
ouvapTtnols W slven aUfovoa, &medn 8t o' (¥, +e){0, émeTtan 611 1
cuvapTtnois Wy elvan gbivouca. ’Eg’ Soov ¢ 1) y Utretebn ouveyne kai
amo aUfovoa yiveran gbivouoa, Emetcn 6T aUTn Exel Six =y, pé-

. yloTov. "Avaddyws dmodsikvieTon 611, OTav 1) TTapdywyos petaPai-
VEl £K TGOV apvnTik@v elg Tag Bemikdg Tipde, 1 ouvdpTnolg SitpyeTal
81’ EAayioTou Siax Y TipNY TOU X=Y,.

§ 262. "Eotw 1) 6T 1) ouvdpTnoig w—o(x) cploptvn, ouvexns
gig T1 SidoTnua (x, B), Exouca Tapdywyov W' Exel péyloTov Sid ThHv
TIUV X=X, TOTe B& slvanr o'(x,)=0 peTaPaivovoa ik TV BeTikGY
TIuQv elg T&G GpvnTikag, dpa 1) Y elvar gfivouca cuvapTnolg kad
gmopévarg 1) Tapdywyds Tne W, fTic elven 1) BeuTépa Tapdywyos
TTig Sobeiong, elven &pvnTikn.

“Eotw 2) 611 N ouvapTnolc 81& Tva TNV Y=Y, Ex& EAdyioTOV,
TéTE 8 elvan o' (X, )=0, peraPaivovoa ik T@Y dpunTIKGY Eig Tdg BeTi-
kdg, Gpa 1 W elvar ouvapTnolg ocUfovoa kai ETopéverg 1) Tapd-
ywydc Tne W' elvar BeTix.

“Qote: *Eav uia gvvdornois w=o(y) cvvexns eic tu dud-
otnua (a,B), Exovoa mapdywyov y' Exp dud yx=yx, uéyiotov, wdte
7% devréoa adrijc magdywyos ¢ elvar dovnrixy Sud Ty TLuny
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tavtyy ol x, &av 82 1) w &Eyy Sia y=yx, éddyiorov, TdTe 7} dev-
tépa mapdywyos W elvar Peruxn) dia Ty Tiunv taviny tol .

Té qvtioTpogov &MOBEIKVUETAL EUKOAWG.

MapadeiypaTta: 1. N& eipebf] 1O péytoTov Th 1O EAdyi1oTOV
Tfic ouvapTtnosws w=x’—8x-+5. TO ufyiotov 7} TO EA&YIOTOV Tiig
CUVaPTNOEWS ToUTNG AauPdvel Yopav ik THy Tipfv ToU ¥, Si& Thy
dmolav pndevileTon 1 TPWTN Tapaywyos w—=2x—8, fiTol Six x=4.
*Apa 1) ouvdpTnaolg W=y —8x+4=5 di1ax x—4 &xa1 péyroTov 7| EAdy1-
oTov, £medn B 1) SeuTépa Tapdrywyog W '=2 elvan wdvroTe GeTikt,
gmreTan 6T1 1) ouvapTnolg Siax X—4 Exel eAdyioTov Ww——11.

2. Na& eUpeff) 1O péyrotov 1) 10 EAdyioTOV TG OUVOPTICEWS
qﬁﬁ—‘}x;m ‘H y'=x*—9, Tiic omoiac piloa evar ¥,—3, x.——3,
ny —2)( didx ¥=3 6& elvar W'=6)0 kai &id y——3 B& clveu
Y'=—6(0" dpx N ouvThpnoic dia x—3 Exel éAayioTov, STrep iooU-
Ton pE —6 Kol S1&k ¥y=—3 éExer péyiorov, Omep icolren pé 48.

§ 263. “Eorw 1) ouvapTnoig =" Exg &vba o(x) kol p(x) ouv-

exels ouvapTnoelg ToU ¥ kai foTw 611 S1a X—a 1) ouvdpTnolc Acu-

Péver THy &bdproTov popPTV %: fTol ;E—zg—=% ’Emreidn o(a)=0 xad
) ) ;G(x)—‘?(cx)
o(x) __ o(x)—(o%) - X—= 12
o0 ypoeeree Yo e Fe D e

=X
UtroTelij 6T op(x—=)=—0, OmoTE TO KAdCUa w TTAPIoTE TO

Opiov Tiic aufnoews TTic ouvapThoEwe Sid Thg cr\?éﬁoscoc Thic aveap-
TNToV PeTaBAnTHG, fiTol Ty Trapdrywyov o'(x), duoiwe kat T KAdopa
) S . ’ » 21 x
‘P(XX—:E(G) TopIoTE THY Tapdywyov ¢'(X). "Apo  2&v opx—a kail
0E o crr(x) cr(cx) a (cx_)
PETDBEup= s o) (D)’

“Qote: “H aAdndng reuny 100 xAdouatos w= W((:’} Evida p(x)=~0

»xal 70 omolov dia y=a Aaufdver dmpocdidpiorov uop@iiv,

elvar 1 adt) wud iy dAndi Tuny rol Aéyov Tdv mapaydywy

28 54 vy sy watep. (Kovew 700 Hospital),

Kal émopéveoc op ——=
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Znueiwoic: Eav kad & Adyce TGV Tapaydywy Bik TNV
TIY X—a AauPdvn &dpiaTov uopenv, TOTE AcUBAvopey Tov Ad-
YOV TGV SeuTépwv Tropaydymy Sik THY Tiudy X=a K.O.K.

Hap&deiypa N& edpedii 7 GAnfne T ToU KAdoparoc

LiXEDE 6 e ; - 5 EatE ; :
wﬁm 81(10)(—2‘ To rkAdopx Touto Bidx X=2 AcuPdver TV
&dpioTov popehv R “Apx 1) &Andne Twn ToU KAdouoTog ToUTou
looUron pé tov Adyov Tédv Taparywywy @Y Spwv Tou Sidk y=2,
OmoTE Eyopsy \;):3::: BeTovTeg Bty—2 eUpiokouev g;:}sl = 51

ME©OAOX FMOYAHE TON METABOAON MIAT LYNAPTHIEQF
TH, BOHGEIA; TON MNAPATQIoON

§ 264. TTpoc omoudny TéV peTaBoAédv wds guvapTnoewe: 1) ka-
Bopifopev T& SicoTApaTa, sic Ta Smoix 1 ouvapTnoic elvan wpi-
opévn kal ouvexric: 2) spioxopev THY Tapdywyov, Thg émolag kal
koGopilopey 1O onueiov: 3) elpiokopsy T& HEyloTa kol EAdyioTa
THC ouvapTriosws: 4) elpiokouey TaC TiudC TG ouvopTnoews Sid
X="T0 kai x=0 kai é&v elvon Suverrdy Kkabopifouey Tac Tinds Tob ¥,
aiTives undevifouv v ouwvdptnoiv 5) oxnucTifopey cuveTrTIKOY Tri-
voKa SAwv TAOV GvwTepw: 6) KarTaokeu&lopsy THy KQUTTUANY TNy To-
pPICTOCCY TNV ouVpTToW.

‘Epapuoyai: Iuwdptnoic y—ay+p. 1) ‘H GUVEPTTOIC ot

elvan opiopéun B1d mEoav TiwAv Tol X- 2) ‘H moap&ywyos @' elven
fon Tpd¢ « fjTor W—a, Ewopdvec Sloxpivouey TpEig TEpITrTdoEC.

X | -20 *a@ +20

¢’ + =

1 Seg= AR e MRS o + 20
3x. 25

In wepimTwois «)0. ‘O mivaE Téw peTaBoidvy Tic w elvan
6 dxdAoufog
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A. 'AScpomxTovion

‘H ypapuny Tév petaPordv elvon elbeia ypauun, oxnuorilovoa

peTd Tol GeTikoU &Eovog TGV X ywviav w ofdav, dioT
w'=epw=a)0 (oy. 25)-.

2« mepimTwolg: o0 & mivaf TGV peTaPoAdv TG W elvan
& dxoioufiog

| B
x| -20 - & +o0
q) o \\ 0 Tl i

‘H ypopun 1) mrapiot@doa T&c peTaPoAds elvan edfeix oXnuori-
{ovoa pet& TolU Bemixol &fovog TGV X Yywviow @ GuPAsiav, B10T1
y'=spu—a(0.

GE

yl
Sx. 26 Sx. 27
I mepimTwoic a=0. ‘H cuvdpTnoig elvan oTabepd kad TrO-
pioT& elfeiav TapdAAniov Tpde Tov &fova TGV X (ox 27).

H IYNAPTHEIZ d=—ayx’+Bx-ty

1) ‘H ouvdpmnoic alrn elven dopiopévn Kad cuveyTc Si&x TTaoav
TIPTY TOU X-

2) ‘H mapdywyog autiic elven w—2ox+P, ATic fav 75 )0 elvan

s o L . B s 2 . F
SpunTIKT| Eig TO BIACTTH (7—— m,—.—;ﬁ) kad BeTikny eic TO BikoTnua
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(———:— )r gcw 88 10 a0, eivan Betikn sl 16 SidoTnna (— 00,—2%)
ki GpvnTikh eic 16 SidoTnua (—g%'-‘- oo).

3) Al pilei Tfig wpwrtne Tapaydyoy y—2ox+p elven y= —%:
&pa Bi1&x TNV TIPTY X== Aé% 1) CUVGPTNTIC EXEl PéyiaTov 7 EAdyioTov.

‘H Bevtépa mapaywyos ' '=2a elven feTikn 81’ a)0, dpvnTikn &

51" a0 Emopéveog 1) cuvdpTnols Stav o)l Exer Bk xz—z—i EAGyIoTOV
Y= 4“:;:5 kal otav a0 Eyel Six y—— P; péyloTov Y= “Zq P:
4) Bi1& ¥=— T oo, tav )0 Y=+ 0o, éav 8¢ a0 — — 0.
Mivat T@v perafoldv
ado B
9e o) 55 +20
¢’ e e
4)1! +
+o0 AN A e
q') \ 4a’tAaxistov
a0 2 b
: ( oG >0 2-0 + 20 |
¢’ 5 - 0 = |'
) =
= TR 5
¢ ) e e

Mapaderypa N& omoudacty 1 perafoln) THe CUVOPTNOEWS
W=x"—6x+8.

‘H ouvéptnoigc aUtn sivan dpiopévn Six maooav Tiuny ToU X.
‘H mrapdywyos w'=2y—6 &ia x{3 evar y'(0, &ix )3 elvan w')0.
M =3 elvaa @'=0, ém=adn 8¢ @' =230, EmeTan 611 Bix ¥=3 f) ouv-

32-—36
apTnoic Exel EA&yloToV Y=—p— =—1.

Al =+ o ETTEISTI )0 y=+ co.
A x=0 @=8, dix x=2 xai x=4 y=0.
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‘AoxnfoeLg

661. Na tgetaofcly al peraforal T@V guvapTiioewy :

p=xt3  p=-3xil . e, =x2—5X+6,
o S MR, ey L6 PRI S G o B
662. N& eUpelf) TO péyiotov fi 76 EA&KioToV TEV CUVAPTHOEWY :
Y=x'—3x+2 \p=Dyss2xs, y=x*—36x-
663. Na eUpebfy 1) &Andfs Tiph TAv k&rwh KAacudTov :
a5 o 1 e (0
) S ) S 1 e = Side y—
Y= e—x—3 X S G e
83yl S—Jyel
2o o B =2, Xbhuta Sidx =2

V= o4y 18 V= 3181 36x—24

AIAQOPIKON IYNAPTHIEQL MIAL ANEZAPTHTOY METABAHTHE

§ 265. "Eotw Tuyolioa cuvexTic ocuvdpTnoic ToU X, T . Edv
1 &veS&pTnTog LETaPANTH X A&Pn fAayioTnv alifnowv Ay, f| ouvdp-
Tnoic AauPdvel dpofwe dvticToryov alfnow Ay. Mvwpilopsv &1,
&v opAyx=0, elvon kol opAy—0 xai op %;f—-—-w', ouveTddg Kol

by

Ek Tairng EmeTon &l -E—;i;———\y':s (1), &v ope=1.

Abovteg Tv (1) dog pds Ay Eyouev Ay—y Ax-+e.Ayx.

"Hroi1: “H aiifnois ovveyotic cwvagricews 0¥ %, &xovons
nagdywyov, 1 dviiotoiyotoa els élayictnyy alifnowy Ax ot x dmo-
tedeirar d@’ £vog dmd T ywduevov tiic magaywyov Smi Ay xal
ap’ £répov dmd Td ywiuevor wov Ay éml doududyv e, 6 dmoiog
2Eaprdzar dnd v atifnow Ay, nai Exet Sorov unddv, Srav opdy—0.

To ywopevov y'Ay kodeitan Stagogixdy TG CUVIPTNOEWS W

kal onueolral dy=y " A(Y). (1)
Eqv w=x slven y'=1, omdTe &k Tiic (1) mpoximrrer dy=~Ax
kai 1) lodtng (1) ypagercn  dy=—w'dy. (2)

“Ex Thic (2) mapornpoluev: 1) &1, v uia ouvdpTnoig Exn Sic-
POPIKOY, TIPETIEl V& XN Topdywyov Kai 2) 6T1 Trpdg eUpeciv ToU
SlapopikoU pidg ouvapTnoews ToAAaTTAco1Glopey THY TTap&ywWyov
aurfic &ml dy. OUtw éav w=2%% O& elven dw=6yx2dx.
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"Aocxzxnoelg

664. N& elpefii 10 Siagopikdy T&v kdTeob CUVPTIOEWY
Y=3x e y=3x>--5x+6,
3X  x*—3

e ey Ty Y=V3x", p=\xe—2¢+ 1.

MAPATQIOL KAl AJA®OPIKON EMBAAOY

§ 266. "Eortw y—o(x) ouvexmic owdpTtnoic ToU ¥ kai MN
KoumUAn, Thv omolav ol TrapioTd. "Ag AdBopev gl Tol &fovoe
TV X TO oTabepdv onueiov A(a,0) kad TO peToPAnTdy B(x,0) xad
T®V Otoiwv eépopey Tag TeTaypévac Al kad BA tédv onpeicov T
kal A Tfic kapmUAng, olrw &t Spiletar 16 Ywpiov ATAB, ToU émoiou
foTw E 16 &uBaddv (oy. 28).

Y GEM’

H

S 0 Arao) B(Bo) £ X

=x. 28

Elven Trpogavéc 811 petariBepévou Tol peTaBAnTOU onueiou B,
fiTor peraPoAAopévou ToU X, peTaPdAAeton kad TS dupaddv E, éo-
utves 16 E elvar owdptnoic Tol x. ‘Emiong elven povepdy &,
£p’ doov 1 ouvdpTrolg Y=o(y) slval cuvexfc 81’ alEnowv ToU X
kara Ax=(BE), 1 alUfneic ToU &uPadol AE elvon 16 duPaddv Tol
Xwpiou BAZE kol 611 81" opAy=0 6& elvon xad opAE=—0, fito1 Td
E elvon xad alrtd ouvexne ouvdptnoic ol x. ‘Qc & Tol oxnuaTog
paiveran, elvan (BAHE)((BAZE){(BOZE) 1, éav Te8ij (AD)—Ay, 8&
elvar W AX(AE((y+Ay)Ay, Sixipolvreg 88 81k Ay Eyouev
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336 ; _A.___'_A_f_‘)ﬁgj_g':t ovAou

s AE 5 AE ;
Eav A0, W (y-+Ay, v Ax(O, v) T A
*Emreidn 8¢, 6tov oply—0 elvon kod opAy=0, Emeron &7

Al

tx Tong & EmeTon, 6T E'dy=—=wdy.
APXIKAI IYNAPTHIEIL KAl XPHILIMOTHE AYTON

§ 267. Eotw f) owvdptnolc Y=5x'—T¥, EXoUoa Tap&ywyov
¢'=10y—7. ‘H ouvdprnoic y=5x"—Tx AtyeTan &GpxiKn oUVAPTNOIE T
kad Trapéryousa ThHe W'=10x—7. ,

*Hrow: Aoyixs) evvderncis dodheions cvvagrijoeds o(x) Aé-
yetar ulo dAdn cvvdornois, éay Dadoxnm, 7Tis ¥yet g mapdyw-
yov v doteicav.

§ 268. *Ectw 1) ouvdpTnois ap(X), fvlax o oTalepd ) Tapdyw-
yog airriic elven [ap(x) =g (x), fitor ©) &pxikf THG CUVOPTNOEWS
ag'(x) gvar f a@(x), 8x @(x) elvan fi Tapdyovox Tiig 2'(GO-

“Qore: “H doyixn uidg svvagrijcews éni oradeodv woodnta
elvar 1 doywn tiic Sodeions cvvaprijoews Exml TNV crategay
mocdTnTe.

Map&derypa: “Eorw f| ouwvdptnoic e(x)==x*" 1) &pxn a-
Tiig elvan 1) E(})= 3; Kod yevikédg 1) &pyaxn Tiic @(x)=x* elvan

1 1 &
f()():)fgfl (n=—1) : ‘Emopéveos fi &pxixn Tiic 3x* elvar 3.%.

§ 269. Eotew 1) owdpTtnoic y—o(x)+o()+I(X) Exovox g
Tapdywyov Thy Y=g (x)+o GO+E'(X), ovverdc fi &pxin TG
y'=0"(X)+o' ()+E'(X) ever i Y=p()+o()+i(X)- AN al (X)),
o(x), 9(X) elvon &vmioToiyxee ai Gpyikad T@V @'(X), o' (), £'0O-

“Ofev: “H doyixn cvvdotnois tot dffgoiocuaros dvo i megio-
cotépwv cuvagricewy, xoved@y doyixds, looDrar ué 16 dfpoioua
1@y doxi®y T®V SodeLcdy CUVYAQTHOEMY.

Map&derypa. “Emadn af &pyikal Téu 3y?, 6, 5 elven dvni-
orofywe o ¥, 3%, 5X, EmeTan 6T ) &pxikd THe W=3x'—6x+ elvan
1 My G s 1
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§ 370. “Eorw pia ouvépTnolg ToU X 1) P(X), @pioutvn & Tivi
SiaotriuaTl, Exouoa t¢ dpxikny Thy ouvdpTtnow f(X). Kara tov opi-
oudv THe d&pyikfc ouvapThoews mpimel f(X)=e(x)' A& kai
EOO+0) =o(X), v ¢ oTadepd. "Apa: ‘H () 8a &n dx dpyixag
kai Té&e ouvapTthoeic f(X)-+c, Evla ¢ elvea oloodnmote oTabepog
apiBuos.

APXIKAlI IYNAPTHIEIL QPIIMENON IYNAPTHIEQN

§ 271. Eic 70 wepl Trapoaywywy kepdAciov eiyouev elper TAg
Tapayddyous MpIopévey ouvapTioewy: Ti Ponbeigq alrdv eikdAwg
sUpiokouey TAG &py1KdG Mplopévwy ToloUTwy, o dmolal TrepiEovTa
gic TOV k&Twd Trivaxa.

ZUvapTHoElS *Apxikal
o
.4 ;,)1(—-:—1_ +C
s
oo™ ——G:(+] +E
1 f2
s 2Vx +C
Vx VX
guvy nux+C
Uy —ouvx+C
1 |
o epy+C
1 !
5 ey oox—+C

§ 272. ‘H &pyixf) cuvdpTnolg T) Tapdyousa HIEG OUVApTIOEwS
o(x) xaAsitan kai 6loxdrfewua ToU Siagopikol o(y)dx kol Topi-
orara Six ToU oupPoiov j‘c(x)dx.

Kard Tabra elvan fc'(x)dx=a(x)+c kod dfo"(x)dx=o’(x)dx.

*Hrot: “H dloxddowots »al 1) dwapdenois elvar modfeig dv-
tioTpo@ot.

’Ex ToUTou kaBioTaTal gavepov Ot Ef EkdoTou kavovog Siago-
pioewg TpokUTrTEl duTioTolKog Kavwy OGAokANpMOoEws kal &vTioTps-
g pévov ST KaT& TNV SAoKAT|pwoly TpéTel v& Trpogdiocopey To-
oomhTa C &veEdprnTov Tii¢ EKAoTOTE peTAPANTHG.
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‘Aoxfoetg

665. N& elpefoliv T& ké&rwhi dAoxAnppara:

§3xdyx, $9%2dy, Sx—*dx, $X=—5dy,

3 1 > 1

5‘ X S ol SOXI-H2x>—5x+6)aAx.  §(e*—Tx*—3x)dx,
§(X+-2)2dx. $O=1)dy, S(nux-touv)dy, SouvZydyx.
Snu2ydy, §ouv3ydy, Snu3xdy.

XPHIIMOTHI TON APXIKQN IYNAPTHIEQN

§ 273. "Eotw pix ouvexnic ouvdptnoigs y—o(x) kai MN 1) kap-
TUAN, THv émroiav alrn TapioTd.

"Ac UtroBtowpsy &t f o()dy=f(})+C. *Eotwcav & (OA)=a
Kad (O_A’)zx. "Av xAngf) E 16 2uPaBov Tol kapmruAoypdupou ywpiou
ABB'A’ (ox. 29) 8& elven dE—o(y)dy, ouvemdsc

E=Jo()dx+C=f(x)+C (D)
oloudfroTe Svtog Tol ¥. “Emeidn 8¢ Si1& x=—a 6& slvan E=0 1| lodne

4 8 _y
! 0;)
M
x' : 0 A AI x
Zx. 29
(1) yiveran 0=f(c)+C, & Tiic bémoixg TpoxUmrer 61 C=—f(),

omdTe E=f(x)—f(x) (3). Alrn &1 x—=(0A")—PB &ida (ABB'A)=—

=f(x)—f{(B). ‘H Bixpopx f(B)—fi(a) TapioTaTar cupPoAikddg
Seo(x)dx,

tav ['(a)=o(x) kal koheltan dotouévoy dloxdrjomua.

Ta o kad B xoholvTon dpta TOU SAOKATPOUATOS, TO UiV & Ka-
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TOTEpoy, TO B¢ P duddTepov, v dvmiBéosl Tpdc TH j'cr(x)d(x), TO
otolov kaAeitan ddgioror dloxdfomua.

Qore: "Edav dodf nauswildn, nagiotwuévy Hmd tic cvvagri-
gews w=d(x), dotoPdar 62 én’ avriic 6Vo enueia B xal B’ Eyovia
dvrioroiyws rerunuévas a xal B, 1o fufaddv E 100 vaunvioyodu-
uov ywoiov (ABB ' A’) da elvac:

E=[2o(0dx—(B)—f(), t&v £(0—o(x).

'Aoxfoetrg

666. Afdetan f) ouvdpTnois w=x>—5x-+6. Né& elpefij T tuPaSdv Tol xay-
TuAoypdupou xwplov, ToU Trepiexopévou uetall TolU &Eovos Tév Y kal Tol TéEou
THjs XamUAns ToU Tepiexopévou peTafl T&Y Topdv Tijs X X Kol Tiis kaumiAns TodTns.

667. To alrro 81 THv ouvdpTnow x2—6y-+5.

"Eav B elvan 16 onpeiov els 1o Smelov 1) ouvdptnols y=x2-+2x—3 Téuver
Tov &Gfova W'y kal A’ kad A o Topal pé Tov &fova x'x. N& ebpedij T tuPabdv
A'OB xai OBA.

668. N& eUpebi) 10 tuPaddv Tiis fimTtovordols Y=—nuy &md 0 Ews .

669. Ncx sUpsdij 1o EuPaddv Tfis ouvnuitovoeiBols W—ouvy &md 0 fog —;i
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[Plepli arapeuBioran. ol GyRUAGIY. s S L i L e 65— 67
‘(F WOLEvOY, SrEpEdo VOOV L ¢ s e e TR A R e 67— 68

Mvépsvor ToAuwwipou éml uovwwuov .................................. 68— 69
PV LEUOY . FTORU O I e sl e e T e e e e S SR e ¢ 69— T1
TARIOTIElOTOL TIOANCTRACIONICITHDL |, o0 Tt s v s et o AL e e e ORI (| B
Arlgenis Srepodoy POVEIVIHON (i -t et s i s b b i R e s s T2—"73
Araipeots TOAVYUHOU. SIS UOVEOVUHOU 4 uue et cnnnsnnsasasnnennann 73— 74
Aradpeots ToAvwuipow Sldnwckuwvﬁﬁo\.] ................................. 75— 80
“YmwéAarmoy Slmpso'sms 'rro?\ucovuuou TepiE ovTOs TOV Y B Tédy

X e Y BT i s R e e o e 81— 83
TinAfke: TGV Bioipéoeady YE =08 S1 % 00 cuviueisonsnsinnmmnannnsn 83— B4
*Avéucts deepaias dAyePpikiis TapaoTdoews els yivépevov TapaydvTwy

(IEEPITECOOEIS EUVERE) = s fi ot . o sioh D oot i e e € Sl oat s s D 84— 88
M. k. 8. kai E.k. . dxepaitov GAYEBPIK®Y TOPOOTHOEWDY o' v e v vnann. . 89— 90
Tepl prTéV CAYEBPIKGY KACOUATWV ©ovvenerennnnsss S TR RE PR L 90— 92
Tepi T&v TapaoTaoewy % kal -‘;— ................................ 93— 95
MpéaBeots kai Goaipects GAYEPPIKEY KACOPETIOV wureerrenaemennnen.nn 96
TToAAamAaoiaouds kai Sixipeats GAyYEBPIKGY KAQTUATWY . .ovvoneen.... 97— 98
AV S B e o e s e SR R e S SR s R, SR T e 99
MepfAnyis mepiexopéveoy ke@aAaiow Il . ..oioevinieiniiieiianiienans 100—101

KE®AAAION I

"Efiocdoeis rparTou PoBiol pE Ve SyVWOTOV vuvteniiinnieanianae s 102
‘Opiopol kal 1616TnTEs EEI1GC0OE@Y ... .vuen.nn, SR s s S e e s 102—-106
"ATraAoIpT) TEY TOPOVOUATTEV EEITEITENS + . vven s issresssnnnnnans 106—107
Alots Eiowoews A’ PaBpol pé Eva EYVOOTOV wueeenniiiiiiariecennn. 107—108
Alepaivnions aTe Ehohoees ot B——0 L oiiien L eiitel o s e S 109-110
MEts 15 ERehaE® e B =00 L e i e b e 110-111
‘Epappoyn Tév fiocoewy els THy AUo1v TTOOPANUETWOV uieire.nnn. 111-112
TMpoPAfipaTa 1@y émoicov & &yvworos Biv Exel TEpIOPIoUOY .......... 112113
MpoPAfipaTa Tév omoiwv & &yvwoTos Tpémer va elvan BeTixds ........ 113-115
TpoPAnuara Tév omofwv & &yvwoTos Tpémet va slvan dxépanos Betikds 115—116
HpoPAnpama xdv omroicwv & &yvwoTos TrepiéyeTan peTafl Opicy ... ... 116117
{7 TH st ol e Ao ORI s b S, SR SR e R 117121
TR FOUNOTGEON e s s s S e e SN el e 121
SHOES10C TIG aODE GEGae S8 s e e e S S e 121122
L= e gTIT R VT 17 o T, 0 S S R S e L U S ) 122123

WneiomoirOnke amé 1o lvotirouto EknmaibeuTikrg MoAmikrg



"AlyeBoa ("Exdooig A', 1950) 343

ZeAis
RTEROVIOTS T EID  CUDIET ORI - 7 ok o e o b s i e S i 123-127
Fpagiki TTapdoTaois Tis CUVOPTAGEWS W=—aX P -.ooovvrerrnnn... 127—129
Fpagixsy AUots Ths £6100ews TRWTOU BaBEOT ..ovoeieeeeis i irnns, 129-130
Mepi dvicoThTwv TpdTou Paducl e Bva EyVEETOV «.oveeeneeeennin. 130—132
MepiAnyis mepexopéveoy kepodadou Il ...ooovoviiiiii i, 132133
KE@AANAION IV

SuoTripaTa EE10MOEWY TTPDTOU BABHUOU ..\ ui.ius e aain e sirsesinnes 134

L T i e T g s vy R e S S MR S e P SN 0 v 135-136
MéfoSos dmadoipiis 51 TRV GVTIBETWV GUVTEAETTEV ...oooiennsnnsss, 136-138
MéBoSos drrodo1iis 817 GVTIKOTOAOTEOEMDS .« evuerns e oo 138—139
M:iBo8os &rraAo1pis B1G CUYKPICEWS . uueiiiiii vt ienenens,s 139141

1 —
Areped ToU AHaTOS TTiS LOPPTS JOE B e L 141-143
PEUVTIOIS TOU CUCTTHOTOS Tij foloyt Dot By
AvUoeis ToU ouoTripaTos [t aS e S el e tuifnt's 143144

i. X T 131‘44 —
Mpagixh AUois cucTipaTos Stlo eiodhoswy o Baduol pé BUe dyvdoTous 145—148
ZuoTipoTa TpwTofabuiny E§10koewy Pt TepioooTépous TAY Slo Gyved-

ERENI, BNk o S S B R i P e s g s gl 148152
AT CUTTRIETOV DI TENVOOHITEOV -\ ds i stie snee o skira e saeis des 152155
HpoPAfjiiorme oUOTHUETOV & POBHOT. ..iihen it i e cvinonis o 155
MpopAfpara ouomudrwy o Babuol pt 8lo &yvdoTous .............. 155157
MpoPAfiuara ovornudrwy o Paduol i wepiogorépous Tév Slo dryveo-

25 e e Rl 7 S SR g By e S R SR s BN WA L 157160
MepiAnyns Trepiexopévey ke@oAadou IV ...oviiiiiiiiniit e sinenins 160—161

KEQAAION v

TMepl T8V p1l@v GAYEBPIKGY EPIBLGY oottt iee e sainns, 162

A OPE TR B s EOP TRV = Wt s e s e 2 e it 3 St B T o 162168
AUUSIETs HE By KAROIEIROTS & o ath s v e L e e e 168—171
Hepl SRR b ERCSHAVESIIIEOINE . o soben s, o2 T e s ol e 171

s e s B e e e e L S i 171-173
2 (1 Te g0 0 Tt £ Lo [yt i B i S S e O S 1 e 173174
Flepl=dosutiErnent i dpiBptm e et s D b e e 174178
Mepi pavTaoTikGY kol HIY&Bov EPBUEY ..ot ans, 178—179
Mp&eis &l povTaoTiK®Y Ka UIydB@y GEIBUGY ...voeveerenrainnnns, 179180
‘IB16TTEs TOY pavTaoTik®y kol piydBwy &pIBUBY  ....iiiiiiiiin.. 180181
Znueic Opildpeva pi PrydBas APIBHOUS ...vvirinin i e 181183
MepiAnyis TEPIEXOREVEY KEQAAGIOU V iuuivarseeriioinahoiinionionbnins 183—184

Wnepiomoir|Onke amé o lvotirouto EknmaibeuTikng MoAmikrg




344 N. Zazehiapion

KE®AAAION VI

SeAis

Tepi 2E10moewy BeUTEPOU BaBUOT ..ieieeiieiiiinaiiiiiiiiiaceaeens 185
IBIETNTES TOV £EICIOEWY ot vannnssnrnssesininashonsanninsonsaass ... 185186
MNiois Thg EEiochoews oy y=0 ...icviirrmriuiiiiiiiniiiiaiiaeaaaae 186187
AUois Tiis thiotgews ax?HPX=0 ....coiiiiiiiiiiiiiiiiie 187
Abors Tis $10doews ax tPy—y=0 .iiiiiiciiiiiiiiii 188—190
"EEicchoels Avdpevan pe BonfNTIKOUS &YVOOTOUS 1 vvueesrrmrnnnnsanannnns 190

Mepl ToU €idous T@v prlav Tis o +Px+ry=0 ............ e e 190-192
Tyéoels ouvTeAeo TV kel prl@v THs é§10'wcems ory? —{-Bx——y—O .......... 192194
Mept ToU Tpogniuou T&dv pil&v s o*FPX+r=0 . .ooiieiiiiaiin. 194195
Tpomt Tp1@viney ay’--Py-ty &s ywéusvov TpwToPabpiwy Tapaydy-

OV 005 TIPRG " o is sabn fm s o ol S 8 A Ao A S o S g o e 195196
Efpeais Tprwvipou P’ PaBuol ik &Y pildv aimol .ooenneeeceinians 196197
Mpdonue Tol Terovipoy ax?--Bx -y S1& TPy HomIKaS TIUGS TOU X «--- 197198
Btots &p1Bpol (TpoyuaTikol) &g Tpos 'ré:s pilas Tprovipoy ....coaaaaas 198-200
Edpects Tédv TpoypaTikéy piidv Tis o -Px—r==0 kor& Tpootyyioty 200—201
AUg1s &VigETNTOS BEUTEPOU POBEOU  wooiivuunveinemiinraatrananacanans 202-205
Tept Tév Tipév Tol Tprovipoy oy*--Py-+y Bia wéoas Tés TpeyuaT-

KA RIS TOU I s T e s e s S e T T S R 205—208
I pa@ikl) TOPEOTATIS THS CUVAPTHOEWS W) ==PX—1F nvvrereracanaes 208-212
Tpagikly TapdoTacts TS GUVOPTNOEWS Y— %:;—{g— .............. 212-218
Mepidnwis Tpiexoptveioy xepaRatou VI L.....iiiiiiiiaiiiiiiiiiiin, 218-219

KEGAAAION VII

‘Efiocioets duaydpevan els EEiodoers B PaBpol ... 220
ArTETPEY VO EEITUIOELS < ennsnsnneesssmsessnnmabaataisaasaassancansns 220-221
Tpof ToU Tpiwvipou ay*+By’+y els ywouevov TAPAYOUTWV “...... 221-223
Tpomy SITAGY Twev prliKEVY Els QAT .ooevvennnamnieatneaiinanieaeaes 223224
*E€iocoets pi pilik& P’ kol dueorépas Tiis BT TAEWS  Liiaiiiiiiiinnas 224228
TMepl GUTIOTPOPOV EEICEITEGV «ovvennnrestieeraarenssasssasnisassnnsnns 228-231
EEIGEIOEIS SIGVUBOL wutvuasnsesiaensaasinssssnnsnaetasnsssneetoesaascnns 231—233
*E€iochaeis o' kal B PaBuol ds mpds ThHY &mdAuTov Tigny ToU &yve-

oo T T S e o (LR SO S B S e S R e e A S R 233-235
Aot Tis Eodoees Tis popefis alx|® FBIXI-Hy=0 ..coiiiiiiaiiaiinn 235-236
SuoTApora SeuTépou kal GueaTépou PaBUOU L..iiiiiiiiiiiiiiiniaines 236243
MpoPAijuoTa tiotoecy Seutépou PaBuol  ....coovveciiiiiiiianenes... 243-246
TTPOPAGUCTTE YEVIKE 1 oeveanaainsnsmsnnnes nunoanatssnnnasssispannssnasions: 246252
MepiAnyis mepiexoptveoy kegadaiou VII .ooeeiieiiiiiiiiioiiaiiciaennn. 252-253

Wnepromoir@nke amd 1o lvatirouto Exmraideutikng MoArmikng



“"AAlvyefoa ("ExSooig A, 1950) 345

KEDAAAION VIII

2eAis

T e (= e sl e e vk E RS RSN e S O RN A P S R SR 254

FIOO O Lt S Ao L e b St ST et S s e L s 254-255
TMopepPoArn) Spwv &p1dUNTIKTS TTPOOBOU ..ueuiiiiaeeeiviiaeiiasuiiaaes 255-256
*AGpoigua Spwv EpIBPINTIKNAS TTPOOBOU «..vvvirererrvarsssiiesnrisnnian 256-260
TISOOB01 * YEEOLETPIRRE  oi cohaein et st dase M A b adoie e < Fri e sl w s 260261
HapepfoAt) 6pov YEWUETPIKTS TPOOBOU tuveeserseasnnncaioriiiisannsns 262—-263
*AbBpoioua SpwV YEWUETPIKNS TTPOOBOU «vurererarererecciiaaiiniinsees 263

*Afpoioua gfivodons yewueTpikils Tpoddov (ut &meipov mAfifos Spwv) .. 263-265
SODROWNKRY, ATPOOBOS . T S0 5e v s s s SBIa iis e i wa iy e in s SR e Wi i 265-267
() oy o o] 1211 (v Ml S DR S SR G St W SR e R R .. 267268
BIGTITEG . TV RO YONIOIIOV & 5 2 i Siasie por B o sins atusia v sy saiikn 209=070)
TMepl ToU YopoxtnpioTikoU ToU Aoyoapifiou ......oveviiiiiiiniionnen, 271-273
Tpowf &pvnTikoU Sexabikol kol &v pépel &punTikOU ..oiviiiiininnns 273-275
Noydpifpos &piBuol KOTE TTPOTEYYIOIW «uvvrirnaiieneirerensanaiisins 275-276
Tepl Aoy SorO iRy TEWOIION (e st dh sk aaies s powls sl o wn s SR ElS 276219
55T e e bt o M e o 13T e e A S T 280-281
"ANAayTy THS Paoews TEOY AoyoplOUmY Lo 281-282
TMepi &xBemikddv kai Aoyapifpik@y EE1I0WOEWY ... ..o.ieiiiiiiriniiannns 282-287
Be s ST TE (o o s ool g 34 (o VR U P it S0 e 0 O SRR N SR 285-290
HipoBATBcrTe Yo KooraBEaEaIt &= 0 s S U S D o i iohe 290-292
HetPAf ot WoseRUGIae 1 oo, c oL ta s Sl oS L e 292-296
MepiAnyis mrepieyopévev kegoAafou VIIT .....cooiiiiiiiiieiiiiiiiniias 297-298

KEDQAAAION IX

*[818TnTEs TAOV &moAUTwv TGV dAyePpikdy (TpaypaTik®dy) &pBudy .. 299

AATrAAUTOS Tt CHpOToHOTOE GPIOHOTE * wulnrd s oo v g st s sl s 299-300
* ATFOAUTOC THIY YAVO PSSR EDIBHOU 20 o s aris s s s mtie s oo st 300-301
R AT GAUETOS Ry e A RO O Ot o 5 e e S T e U i s 301
Flept " SncoRontions | EROMONES Snein i = gseis stv e s ned s w b ot v v soRine S s 301-303
TéTe plo &xoAouBia apiBpdv Teiver Tpos T PRBEY . ....viiviiiininans 303-305
A B RS it SR GO o S R o o e ik s s 305-307
Hepl Sp o BEtOPATITTIC TIDOOTITOS <0 st s gk sndhs sae snisaaarot bt ina i 307-308
Tepi Spiou &BpoicuaTos, ywoptvou, TnAikou, Buvapews peTaPBAnTdY To-

DO TV M o A e s i A oe T S e e o & W S 0 308-310
TIéxs Bioxplvopev &v peTaPAnTh moodtg XN 6pIOY  .eviiiiriiininanins 310-312
Tlepl cuveEXEISS TEV CUVARTIIOEDW . - *cucuis v i dion snainis va 4issn 90 aiis'siog oo s 312-314

Wnepiomotr|Onke amé 1o lvotirouto Eknmaibeutikng MoAmikrig




346 A. 'ABcunuomotion

KEDAAAION X

ZeAis

Mepi Tapaydywy (Umd 1ol k. A. "ASapoTToUAOU) Kal EEfS «vvniuvnnenn.. 315-316
FEGPETHIKS. o oo o0 “TT1S TTODOOYTOY O ol s ik v = i s bk e e i 317-318
Mapéywyos ouwapTioEws GAANS TUVEPTHOEWS  «evrvrerrnnnenenn s \---+ 318319
Mapéywyos GBpoiTHaTO; TUVOPTITEMDY TOU ¥ vrnseeerreeinnnreneenns 319
Mapdywyos yIVOUEVOU CUVGPTIIOEWY TOU ¥ «eeieeeonnrinneasauransnens 320
Mapérywyos yoptvou oraBepds &l ouwdpTow Tol X cooooennn..... 321
Mapdywyos TnAlkoU BUO GUVGPTIOEWY TOU X - eevnecnnnrenscninanannns 321
Hepayaryas Teroccy cOVIKTT OIS ol Yo S oot oma e o 0 L e 321

| BcTefon'yiovya B LT el s T ¢ 37 TESEERG R P e S B T R T e D 322
Jlomtnyaryos KUKAIKGY: CUVGRTROEDY. - th 8 st i sniv oty e 323-324
“Opiov ToU T{EX FabToyopYE= L e e e i s RS e O 324
Mapéywyos fuTdvou, cuvnuiTévoy, EQaTTTONEVNS, OPY, TEUY,<OTELX --.-. 325—326
Xpiios TV Tapaydywy S1& THY oTroubfiv TGV OUVEPTHCEWY . ....... 326
Oepnpa TOV TIEMEPAOHEVEIOV OUEHTEWY  2vveuranernnarnsnssnssssennse 326
Bdanhe o Rlle ~af sl tins cha sl puit - A Liis (X i e s 327-331
MeBoBos omoubiis Tév petaPorddv cuvapThoewy T Pondeix TGV Tapa-

VEDYXOV, R i o 0 i i it ettt et L e e £ IR 331-334
Aragopikdv ouvapTioews uids &veEapTiiTou peToPAnTiis @ ...t 334335
TMapdywyos kal Siagopikdv EuPabol g 335336
‘Apxixad ouvapTthotis kal XpnowdTns 336-337

337338
338—-339

Wnetomotr|Onke amé 1o lvotirouto Eknmaibeutikng MoAmikrg



/ s .
e k\w 4 .%T.i
6 AT
N e =3
-
hﬁ 17 o
A\ P F e

WneiomoirOnke amé 1o lvotirouto Eknmaibeutikng MoAmikrig




g yvoudtntog adTdv ol
ZyTitinon,

*Avzitunoy ozspol)
BZtwv, TOADY T L

on 1189 =<fic

tob vop

Ao

|\(EKAOZIZ A’, 1950 (X) — ANTITYIA 90.000

1

Wnepiomoir|Onke amé 1o lvotirouto EknmaibeuTikng MoAmikrig

EKTYNQIIE - BIBAIOAEIIA : APXAIOE EKAOTIKOI OIKOT AHMHTPIOY AHMHTPAKOY ALE




I i
e s 43
- . 'L 3
'\_\@ /
[,\’I
o
"L

‘Pr](plorro“ 810 lvoTirouTo Ekmaibeutikrg MoAmikrg



{
-
[
\
]
»
» ¥ »
5 B e
i '- ;
- ¥
i i y
&
£ } : 39

Wneiomoir|Onke amé 1o lvotirouto EKnauSsiw' i | oAITIKIG



T, -
N _-ﬁ:;,’
x":;;; Al & e 7 o A ¢ ? M e

N i f ey B c
—

2o g

S — L

3 W e g . L f
w,' : '.- i, .l- -\-“"gv { 7.‘:'.:‘??__?;‘? ‘v’ i ’ﬁ’
‘3.-. » 0 I ?\, P o ot {f ¥ .

. WneiomoirOnke amé 1o lvotitouto Eknaibeutikng MoAmikrig




Wnepromoir@nke and 1o lvomirouto Exkmaibeutikig MoAr



