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MEPOZ IIPQTON

KEPAAAION I

EK THX FEQMETPIAXZ TOY EMINEAOY

AYNAMIZ ZHMEIOY QI TIPOZ KYKAON

1. OEQPHMA.—Eav pia petaPrnti tépvovea ayopévn £& £vog oradepod on-
peiov P téuvy d00évia koklov (O, R) &ig 1@ onpeic A xai B, 16 yivépevov PA.PB
gival @piopévoy, kareitar 8¢ d0-
vapis 1ol onueiov P @g npog tov
KUKAOV TOUTOV.

“Eotw P 10 oTalepdv on-
peiov, keipevov &ls TO éocwTepikdY
ToU kUkAou (O, R) 7 &is 10 #w-
TepikdY aUToU (oy. 1 -2) dvTi-
oToixws.

’Eav T elven T péoov Tou
TufuaTos AB kai Te07 OP=5§(1),
O Eywpey S1aBoYIKES :

A - PB= (PT +TA) (PT +TB) = (PT +TA) (PT —TA)=Prz—raz (1)
Ex 1&v dpBoywviny Tprywvwy OFP kai OFA Exopey :

PR=152—0F kai  FAZ=E2_0F2,
6woTe 1) (1) yiveTan :
PA - PB=25>—0l2— (R2—0l2)=25"— R2  &pioptvov.
‘H dpiopévn alfrn Tipn ToU yvoptvou PA - PB mapioTtatar Si1é Tol oup-
BéAou Do,ry(P). AnAcdn :

Deo,r)(P) = & — R?

kai glval, TTpogavéds, daveEaptnrtog Tis Oéoecs Thjs Tepvouans.

2. ’Iswbtnteg i duvapews. —"Eotw A, 16 dvTiBiaueTtpikov ToU A Eml ToU

(15 “Yroompeiwoig : "Omou Ev Tols émopévors durikadioTaTan 16 eUf. Tufipa pi meldv
yp&uua, voeltal 671 ToUTO TaploTd ThHY drdAotov Ty ToU Urjkous ToU TUNHXTOS ToUTou.



kukdou (0). “H ywvia ABA; elvcn opfn. "Apx TO ¢owTepikdy yivopevov (Pa-
fpotov i Kiypoketov, FaAAoT] scalaire ),

s > > > > e e Sy 1 e T
PA . PA, = (PO + ORA) (PO + OA,) = (PO + OA) (PO — OA) = PO*— OA? = 52— R*.
—> = i
AN : PA.PA, — PA . PB @)
>
xkai kat' dkorouliau : PA - PA, = Do,R)(P). 2)

"Qae : “H dovapig 100 onpeiov P dg mpog tov kokkov (O) sivar 16 £0OTEPLKOV
yivopevoy t@v davuepdrwy, ta drola cvvdEovy 10 P pé 800 avridlopeTpikd oT)-
peia tod kKokkov (O).

‘H (2) pavepdover 6Tt A Buvaws Do.r)(P) elvan &ue€&pTnToS Tiis BécEws TS
SiapéTpou ToU kukAou (O).

Mapatnpeec. — lov: EisTo (ox. 1) &youev Ty PA k&beTov Tpos ThHv PO. *Ex Tou opboyw-
viou Tprywvou OPA 8a Excpev :

PA* = R2— 5% = — (52— R?) = — Dio.r)(P), &6 00: Dio,r)(P)=—PA*= &pvnmixii. (3)
20v: Eig 15 (oy. 2) &yopev ThH tpamrropévny PZ Tou kixAou (O). ’Ex ToU dpboywviou Tpi-
ywvou OZP Eyopev :

P22 = 8 — Rt = Dio.ri(P) & DeomyiP) = PL? = 8eixd) (C))
" AvaKeQCAQIOUVTES TG QVWTEP EXOUEV :
Diow)(P) =8&8—R:= (6 + R)(E— R). Emaidn 8 § >0, R> 0, #meToa 6T 1) BU-
vapis Do, r)(P) Exer 16 onueiov Tiis Siapopds 5 — R. "Apa:
§>R P sivar &Zmtepikov 100 kOkLov O Dio,r(P) >0
5=R <~ P keltar éni tob kdkhou 0 <= Do,y (F) =0
8 <R P cival fowtepkov tod kOKAoL O f/.)(u,m(P) <0
"Eqv 10 P oupmrinTn ut 1o kévtpov O, TéTe 8§ — 0 kai: Deo,ryP) = — R? xal elven

fi $layiomn Tipn THs Suvauews.
Eav R = 0, 6 kukhos (O) ékpuhileTon eis onpeiov, &e : f_-{)[u,n)(lf‘) = §2

3. OEQPHMA 1. —’Eav téocapo onueia A, B, I, A sivar dpokvkita, kai 2av
ai £00sion AB kai [A tépvovrar £ig onpeiov P £vioc 1 £ktog tod dobivrog kbkhov,
Ba £xmpev :

PA . PB= PT . PA.

"Eotwoav A, B, I, A Téocoopa
onueia éml ToU kUkhou (O). 'Eqv ai
elfeicn AB, FTA TépveovTan &vTds Tou
kukhou (O) (oyx. 3) i ékTds alToU
(ox. 4), 8 elvan :
Dwo.r(P)y=PA - PB=582—R? (1)
kad

Doy (P)=Pr . PA=82—R? (2)
*Apa PA . PB =PI - PA 3)




4. OEQPHMA ANTIZTPO®ON.—’Edy ai nievpai AB kai TA terpaniedpov

ABI'A tépvovrar eig 16 onpciov P, sic tponov dote : PA - PB — PI - PA, 10 1¢-
tpanievpov ABTA sivar 2yypayipov eic kikhov.

Mpdyuartt, &radn Td onueia A,
B, I' 8&v kelvtan &’ edBelas, & kUkAog
ABI" kévtpou O (oy. 5 xal 6) TEuvel
TNV ebfelav P, éoeo els 70 A,

Katd 16 rponyoluevoy Gswpnuor
B Excopev :

PA - PB = PT . PA, D

Kl

PA . PB = Pl . PA, ¢ UmroBoews, (2) 5x. 5 Ix. 6

JEx 1t&v (1) xad (2) Emeren &mi: PT - PA,=PT - PA, #€ ol: PA=FA,
7N omoia oxEcis ékppddel 611 T A, = A. "Apa T& onuela A, B, T, A efven dpoxy-
KAlQL

‘H oyéois, Aotmdy, PA . PB = PT - PA, clvar yopaktnpiotiki did téccapa
opoxvkAila cnusia. :
EDPAPMOTIH : Ilpopinpa.— N& katackevact 1) TeTapTn duddoyos x Tpiddy SobévToov
eUBVypdupwv TunpdTwY g, B, Y.
AZKHZEIZ
1. AoBévros Tprycovou ABI kad onueiov P 1fis ebBelas BI, un Ksluevou ue‘rqﬁu 16y B kal
I, iva & kUkAos ABI Epdrmrretan Tiis PA els 16 A, mpémer xal &prei: PAz = PB . PT.
2. Na kataokevacdij f uéon &véhoyos x BUo Sodévrawy ebbuypdupmy TunuéTwy a kal p.
3. ’E&v keR kal fD(D,R)(P) =k, O yewp. téTos TGOV onueicov P elvan kikAos dpdkev-
Tpos ToU SobévTos kal dkTivos § = ]d'k + R?, &mou R 1) akis ToU kUxkhou (O). (Siepetvnais).
4. Aidetan kUkAos (O, R = 24) kol onueiov P, els Tpomrov dote OP =72, Xopbh AB ToU
KUKAOU BiépyeTan B1& Tol P kal elven PA = 96. Né Uroroy1087i ff Dy o, Ry (P) ked 16 Tyfjua PB.
5. Aideran xUxAos kévtpou O kal onueiov P, els Tpdtrov dote OP=24. *AyeTan Tépvouosa
PAB ToU xUxkAou. *Eav PA = 56, PB = 38, v& Umoloyiofij | yopdn AB.
6. Aidetan kUkAos (O, R = 10) kal onueiov P, eis Tpémrov dote OP = 26. N& Urohoy1067
TO piikos Tiis épatrropévns P TolU kUkAou TouTou.
7. Eis Tpiywvov ABI &yopev 1o Uyos AH,. “lva 16 Tpiycwvov ToUTo elvan dploydviov els
70 A, Tpéte xal &pkel : | W ds iy s
1) Bl'* = AB* { Al'?, 2) IB- MH, = FCA?, 3) Bl .- BH, = BA:, 4)H,B - H,[ = — H,A?
8. Eis tpiycwvov ABI elvan |B—T| = 90°. “Ayopev 16 Oyos AH, kol oTw R f) durls
ToU KUkAou ABIT. N& dmrobey 87 611 :
1) AH,*=H,B. H,T xal 2) AB* + Al = 4R2.
9. Els tpiywvov ABI &youev T& G\pﬁ AH,, BH, kal TH,. N& dmoBeiydij &1

1) HA-HH = —H,B-H,T, 2) AB-AH, = AT-AH,, 3) HA.HH, = HB.H{H, r-HH,,
&v H elvan 10 6pBdkevTpov ToU Tprywvou ToUTou. :
10. KupTov terpamAeupov ABIA elvan By yeypaupévov elg KUKAoV (O). Al AB xai T'A Tépvov-

Tan elg 10 P. 'Edv PA = 8, PB = 18, PI' = 15, v& Umohoyia6f 1) mheupa TA kal 7 EpamrTouévn

PM TtoU xixAou.



11. Al Bixydvior kupTou TeTpaAsipou ABIA TéuvovTen el TO onpeiov P. "Av ToUTo elvai
tyyeypaupévov eis kUkAov, TOTE :

PB - (AA - A) = PA - (AB . BI)

12. “H xown xopdh Blo Tepvopéveov kUKAwY BixoTopel Tas kowds EfwTepikas EQaTTTONEVTS
aiT@v,

13. Al kowal xopSal Tpidv KUKAY Tepvopéveo duk Buo BitpyovTan 81 Tou alTol anueiov.

14. Ao xUidhot (O) xai (K) TépvovTa els T onpela A, B. *Ex TuxévTos onueiou P Tév mpoex-
&t Tis Kowds xopdiis AB, &yopev T&s épamTopévas Pl kel PE abtdy. Na ouyxpibouv &
Tunuera P kai PE.

15. Avo kikhor (0) kal (K) TéuvovTon eis T& onuela T, A. Awx TuydvTos onueicu P i EU-
Beias A &yopev Slo evfeias, TepvoUoas Tov (O) s T& onpeia A, B xai Tov (K) &g T& onueia E, Z.
Né& &modaiy87j 61 7& A, B, E, Z elven opoxUxkAia.

16. Eml edBeias (X) BibovTan kata oeipav & onpeia A, B, I'. [pagpopev TuxdvTa KUKAOY!
Siepyduevov Bicx Téow B, T xai Gyopev T&s épamTopbvas AE kal AZ. 1) N& dmodeix8fi 6T 4 EZ
Sipyeton 81” dpiopévou anpeiou Tis (X) xal 2) 6 kUkAos AEZ SifpyeTal amd Gpiouévov oTUEToV.

17. AiSetan xUkhos (O, R) xal etfeia (X) ikTos abrol. Atk petaPAnTol anueiou P Tis (X)
&youe T&s tpatrTopévas PA, PB ToU kUxkAou. N& dmobeixf7j &1 fj AB BifpxeTar Six orabepol on-
peiou.

18. “Eotw AA, # towTepikn SiyoTopos Tou Tprywvou ABI. Of kixhot ATA, xal ABA, Té-
wvouv Tas AB, Al duTioToiyws eis T& onpela E, Z. N& guykpifouv ta Tunpata BE kai ['Z.

19. Eis Tpiywvov ABI &youev Thv Sidpecov AO, xal Thv towrepikiv SixoTtopov Al,.
Tpégouey Tov kUkAov AA, O, 6oTis Téuver T&s AB, AT dvTioToixews els T& onueia E xai Z. N& ovy-
kpibouv T& TufpaTa BE kai [Z.

20. Al xopSal AB, A évos kUkAov (O, R) Tépvovtan kaBétes eis 1O onueiov P. Na &mobet-
x87j 671:

1) PA® + PB® + Pl + PA* = ct kal 2) Al? 4+ B* + BA®* 4+ AA® = ct.

21. Aidetcu kUkAos (O, R) xai & onueia A, B tvtds alrtol xai oupueTpikd dg mpods 10 O+

"Edv MN elvan Tuyoloa xop8n ToU kUkAou, Sigpxopévn 81 ToU B, v& &mmodeixdi) o1t
AM: + AN? + MN? = ct.

22. Aidetan kixhos (O, R) kal onuelov A otabepdv ikTds alTol. Oewpolpev Siduetpov BOT
petaPAnTiv. N& dmobeix8i] éti: 1) ‘O xixAos ABIT SiépyeTan Si1& orafepoU onueiou. 2) Al AB,
AT Tépvouw TdV KUKAoV els T& A, E kal 1) AE téuver Tov OA eis 10 K. Acifare éT1 T& onpeia B, 4,
P, K elvenr Suoxirhia. 3) 10 K elvan dopropévov onpeiov kai 4) & xUkhos AAE SiépyeTan &md dpt-
gpévov oTueiov.

23. N& xataokevaoti tpiywvov ABT éx Tév oToixeiwv Tou :

1) o Read PE+y)=k*|3) o Rxai PE—y)=2|5) o« R xad y(B—vy)=k?

2) o Akady@P+y)=k|4) oA kad PG—B)=pr|6) oo R xai y (y—p) =
kal va yivy 1) oxeTikn Sigpeivnaois.

PIZIKOZ AZQN AYO KYKAQN
5. OEQPHMA. — ‘O yeopetprkds t16mog 1OV onueioy, ta droia Exovv TNV av-
iy dbvapy g npdg dbe dolivrag wikkovs (O, R) kai (0,, R,) eivar pia dpropévn
edlcia (x), kaberog éni Ty drawevipov 00, (Ymotifetan R > R,).
*Eotw M Tuyov onpeiov ToU TOTOU, TO10UTOV (OGTE :

DomM)= Dors(M) A S2-R2=8—Ri § 82— &6 =R2—R (1)




"E&w | elven 10 wéoov Tfis Siaxivtpou OO, kai dybi f kdBetos MH émi Thy
eYfeicv O0,, kaT& T Seltepov Bedpnua T&Y Siapéowy, 8 elvar

52— & =2.00, - H, x

kai ) (1) yivetan :

ey - R4
s e
2. 00,

‘H oxéois (2) pavepcdvel
611 70 H elvon otafepodv i
Tfis SiaxévTtpou OO,.
MapaTnpoUuey Aormdy &-
TI TO TUYOV omnueiov M Tou
{nTouptvou ToOTTOU KeiTen £1rl Tx. 7
wmas evfeias (x) kabétou &l
Thv Siaxkevtpov OO, kal els copiopévov onpeiov avtiis H, 8efid ol | keipevov.

"Aviiotpégog ¢ "Av N elven Tuyov onuelov Tfis (x), 0 Exwuey Siaboyikds :

el == i 2_ Rp?
NO2— NO} =2-00, - IH =2-00, - ik TSI ORNE
e,
il NO? — R2=NOi — R} i Do.n(N)= Do, ra(N).

‘H evfeiax (x), THis dmolas T& onpeia Exouv THY oty BUvapy ds Tpos Tous
kUkAous (O, R) xai (O, R,), Aéyetcn pillikdg @&ov TGV 800 ToUTwY KUKAcv.

Mapatnpiioeic. — lov: ‘E&v R = R, 7 (2) yiveran IH=0 xal 16 H ouprrimren pt 1o 1.

"Apa: 'O mlwkog GEav (x) 800 Towv kikAwv cvpminter pé v peookaderov tijg dua-
kévrpov tovtwv OO0,

e 1
20v:’Eav R, = 0, 1) eVfeiax (x) €& elven els amoéoraow IH = —Rb— amo 1O uéoov |
2.00,

ToU Tunpatos OO0,;. Els v mepimTwov Taltnv 6 kixkhos (O, R, =0) rkakeitar pndevikdg xikiog.

3ov: 'Eav 16 O, &xn ThHv Béow ToU O xal R, # R, 1) (1) &ider:

- R*—R; R:-R;
He —= —— =
2.00, 0

xal kar’ dxopouBiav @ 'O plikog GEwv (X)) @V dpoxivipmv kOKLmY Ggavifetar &ig to dneipov.

6. *I816tnteg Tod prlikod dEovog. — lov : ‘O pigikds &wv BUo kUkAwY elvan & yewpeTpikos
TéTOs TOV onueiwy, &rd T& oTroia &yovTal ioal éparToueval Tpos Tous kukAous ToUTous.

20v : ‘O pifikds &Ewv BUo kikAwv (O,R) xal (0, R,) diyoTopel Tas Kovas é§wTepixds kal
towTepikas fpaTrTopévas aUTV.

3ov : 'E&v BUo kiAot TépvwvTan els T& onpela A kal B, & pifixds &Ewov TouTwy elvan 1) xotvn
xopdn AB.

dov : "E&wv BUo kUKAol TéuvwvTal els T& onueia A xal B, pdvov &md & anuela Tév TpoekTé-
gewV ToU TpRjpaTos AB &yovTen Toan EpamTdpeval rpds ToUs KUKAOUs TOUTOUS.



S0y : "Edw BUo xukhor dpdmrTaovTan EfwTepikds T focoTepikdds, & piGikos GEwv Ty elval
f) kowd) épamrropévn aUT@Y els TO KooV OTHETOV,

Gov : 0 piLikds &Ewv BUo dvicwy kKA KelTal EkToS alTdy Kal &réyel SArydoTepov &rd TOV
peychUTEpOY T &TTO TOV HiKpOTEPOV TOUTWY.

Al dvwrépe 1816TnTEs vé dmroderyBolv Umd Tév podnTév.

7. Pikov kévepov tp@v kokhov. — Oecopoluey Tpeis kiKAoUs O, O,
(0y), Tév STrolwv T& KévTpa Btv xelvtan & eufeias. “O piGikds &fwv (X) TGV
(0,) xad (Op) elvon kddetos émi Thv edfelav
0,0, ‘Ouoiws 6 piikds &€wv (y) @V (05),(03)
elvan ké&Betos Emi Thv edfeiav 0,05 Al ebfeicn
0,0, xai 0,0, Téuvovtar. *Apa kai ai ké&beTor
(x) kal (y) mpds autds O& TépvevTal. “EoTw
M 1) Touty T&V (x) kal (y). O& elven :

Di0.ry (M) = B0,.r)(M)

K Di0,ry (M) = B0, r) (M)
"Apa Do, ry(M)= B0, r(M).
Sy. 8 ‘H Teheutada iodTns dnAol &1t TO M Sdpeidet

v& keiten &l ToU pilikoU &fovos (Z) T®v wU-
Khwv (0;) kad (O,). *Amedeiydn Aormwdv &T1:

Oi pixol GEoveg Tptdv kOkhov (OV T& kévTpa Biv KelvTon €T elelas) Suép-
yovtar dua tod avrod enueiov M.

To kowdv ToUTo onueiov TGV TPV pifikédy &E6veov KoAsITal PLIKOV KEv-
Tpov T Tp1dv KUKAwY ko elven TO povadikdy onpeiov ToU Emimedou, TO dTroiov
Exel Toas Buvépels dos Tpds Tous SoBévTtas kUkAous. AaTi ;

8. Kataokevi 00 pilikod GEovog.— lov : *Edv ol xUkhor (O) kal (O,) tpamrwvTal towTe-
P1KGHs 1) EEwTepikdds els TO onueiov A, B1& v& KaTaokeudowyey TOV pilikdy &Eova cUTGV, dpKel
v& gépwuey els O A Thy Kownv Epatrropévny alTddv.

20v : 'Edw ol xUiAot (0) kal (O,) TéuveovTta els T& onueia A Kal B, & p1dixos &§wv alrév 6
elvan 1y elBeia AB.

3ov : *Edw ol kKot (O) xad (O,) xelvTon &kTds dAARAwY # EvTds dAANAwY, eUploxouey TO
uégov | Tfs Sraxévtpou OO0, (ok. 7) kal &’ alTiis, & ToU |, AauPdvopey Tufjpa :

- R!—R:
= ““{ﬁ: &v (R>R;)
xal els TO onueiov H, petagy | kal O,, byolbuev THv k&BeTov &l ThHv O0,. AlTn 6 elvan & InTolpe-
vos piiikds &Ewv.

AZKHZEIZ

24 N& 6piodij onueiov, &d 16 dmroiov va &ywvTan Toal dpamrdpevar pods Tpeis SobévTag
KUKAOUS,

25. 'Edv ta xévtpa Oy, O,, O, Tév SobévTwv kixAawv (O,), (O,), (O,) keivran &’ evleias,
ol pifixol &GEoves alr@y 8& elvon Tap&AAnAol fi & cuptritrouv

25. Aik vé katagkeudawpey Tov piiikdy &fova 8Uo kUKkAwv, Kelpévwv EkTds GAAAwY, &p-
Kel v tvwgwpey TG péoa TAY BUo kowdv EwTepikdy EpamTopfvev alTdy f T& uéca TEV BUo

10



towTepik@v EpaTrTopéveov N Ta pboax wds E§wTepikfis kal wds EowTepikiis tpamrTopévns ToUTew,
Bi1& ids evbelas.

27. Ax v xaTaokevdowpey Tov pifixov &Eova BUo kUkAwv kelpfveow EkTds GAANAwY ) tutds
&AM AV, Ypipopev TUXOVTa KUKAOY TéuvovTa Tous SobévTas. Al kowal yopbal ToUTwv Téuvovtar
els &v onpsiov P. ’Ex ToU P &yopev Thv k&9etov &l Thy Sidkevtpov Tév &Yo BobévTawy KU]O\:OV.
Marl;

28. ‘H Siapopd Tdv Suvauewv onueiou s Tpds SUo kUKAous iooUtar (kat’ drolvtov Ti-
pnv) mpds To BimrAdoiov Tiis BiakévTpou Twv éml THV &méoTagiv Tou onuelou ToUTou &md ToY
p1gikdv &Eova alTédv,

29. ‘O yewueTpikds TOTOS TAV onueiwy, v 1) Slapopd Tév Buvduecy s Tpds Blo Kikhovg
elvan TporypaTikds dp1Buds k, sivon edfeiar kabeTos fmri Ty SidkevTpov T@V BUo KUKAwV.

30. 'Eav M elvan Tuyov onuelov évds Tév kUkAwy (O) kal (O,), 1) SUvauis Tou M &g mpds
Tov &AAov kUkAov looUTan Trpods 1O BimrAdaiov Tiis SiakévTpou TGV KUKAwY &l TV &mdoTaciv
ToU M &md Tov pifikdy &fova alTv. .

31. “lva tpia onuela a,, a,, a, kelvTal &’ elbeias, pémer EkaoTov ToUTWY V& EXN THY alThy
Suvapty s wpods dUo kUKAoUS.

32. 'E&v 8Uo onpeia o, kal o, éxovv EkaoTov ThHy abthv Slvapw ds mpds Tols kUKAous
(0,), (0,), (O3), of xixhot olror B Exouv piikév &Eova ThHY ebbeiov o, c. TTofe f) Béais Tév kév-
TPWY T@Y KUKAWY TOUTWY ;

33. Bdoe Tfis &oknoews 28, va &modeiydi) 611 & piikds &Ewv Blo xikAwv (O) kal (O,)
Spider &l ToU Emimédou Tpia UrogUvoAc. AnAadn :

lov : Tov yewu. Témov TGV onpefwv.M, 51& T& dTroia : Do(M) > Do (M),
2o0v : » » » » i Do(M) < Do(M),
xal 3ov : » » » » i Do(M) = Do, (M).

34. Béos1 Tijs &oknoews 28, va Umohoyiobolv al drootdoss Tol kévtpou O Tol Teprye-
ypappévou kUkAou Tepl T Tplywvov ABI &rd Té kévTpa TéV kUKAwy Eyyeypaupévou kol Tapey-
yeypappévwy, dnAad : -

Ol* = R*—2Rp, OI?= R?+ 2Rp,, OlI"*=R2+4 2Rp,,  OI'"? = R? 4 2Rp,.

35. T& onpeia A, B elvan ouppetpik& g pos 16 xévtpov O évds kikhou (O). A tév A
xal B &yopev 5Uo eUBUypaupa THApaTa TTapdAAnAa Kal dudppoTra, TepaToUpeva &ls TOV KUkhov.
N& &moBeiy8ij &11: AM - BN = ct.

36. AiBeton kUkAos (0) kol BUo onueia A, B orafepd. Ak ToU A &yetan petaPAnTh
Téuvouoa AMM, ToU kUkAou (O). N& ebp:0i] & yeoou. TéTos T@V KévTpov TEV KUKAwY BMM,.

37. AiSovran Té& onueia A,B xal kUxhos (O,R). MetaPAnTtds kikAos (K) BiépyeTon d1&k Tév
A, B kai Tépver Tov (O) eis ta M, N. lov) Né& &aroberydij &1 f) MN Siépxetan 81& ovabepol onpeiou
| Tfis AB. 20v) N& kataokevachij 6 kUkhos (K), &v MN= A (Sobév Tufjpa).

38. AiBovTcn 8Uo onueia A, B kai eubeia (X). MetaPAnTos kixhos (O) Siépyerar Six v
A, B kal Tépver Thv (X) els & M, N. ‘H AB Tépver Thv (X) els 10 onueiov |. lov) N& &modeaybi) émi
16 ywopevov IM - IN = ct. 20v) N& xataokeuacdi & (0), & MN = A (Sobiv Tufjua).

39. Né& kartaokeuaodfi Tpiywvov ABI &k Tév oToixelwy Tou o, A, §;.

40. ’E&v 8Uo onusia M, N éxouv v alTiv Slvapv és wpds Tous kikdous (Oy), (O),. . .,
(Ov), v& drodeiy 87 6T1 Ta KévTpa TGV KUKAY TouTwy Kelvtat ém” elbeias kabéTou mpds Thv MN,

41. T& Oyn AH,, BH,, TH,; Tprydvou ABI TéuvovTan els 0 anueiov H. lov) N& &modery 87
871 6 A elval TO pigikdv kévTpov TGV KiKAwv Siapétpev BT, HB kai HI. 20v) “OT1 16 H efven 10
p1ZikdY KévTpov TGV KUkAwv Biapétpawv B, TA, AB. 3ov) N& Umrodoyiodij 6 youevoy AH . AH,
GuVapTHTE TV TTAEUp&Y a, B, ¥ ToU Tprycwvou ABT.

: 42. "Av xUKAos xeiTan dvtds &AAou ToloUToy, & pifikds &Ewv alTdv da kelTan ExTds TRV KU-

kAWY TOUTwV.
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43. *Eaw 5 elven ) Sréxevpos 8Uo xUxhwy (O, R) xai (04, p), v& &modeyfij &1t f| &wdoTa-

715 y 7ol KEVTpOU ToU peycuTépou xUKAOU &mo ToV pIGIKOV &Eova aUT@v elvan @
) & + R*—p?
i 25 :

44%. Eis Tpiywvov ABT &yopev elfeiav TapdAAniov Tpos THv BI, Téuvouoav Tas AB, Al
els T& onueia B, I, dvmioroixews. N& Sery 8 6T1 & pirfikds GEwv TOV KUKAwY Siauérpwv Bl
I'B, eivan 16 Oyos AH, ToU Tprywvou ABT.

45. Tpets kindar (K, @), (A, B) xad (O, y) Exouv kewnv xopdiy AB, Td 8% O elven TO pé-
gov ToU TufuaTos KA. N& Beix®f &1 Sik mav onuelov Tol dmiméSou Tdv kévtpov elvar :

DM + Dap M) = 2 - Doy (M).

46. Aiseran Tpiycvov ABT Exov mheupds o, B, y- Mpdgouev Tols kUkAous (A, @), (B, B)
xal (T, y). Toiov elvan T pigixov kévtpov ToUTwy ;

47. "lva BUo kUKAo1 TépveovTa, TrpTrel Kal &pel v& UTrépyn anuelov ToU pifikolU &Eovos
alrréov, Sep va Exn THY alThv dpynTikfy SUvapy ds Tpds Tous SUo kUKAoUs.

OPGOIQNIOl KYKAOI

9. F'ovia 800 kikLov.—Owpoluey ToUs SU0 TPOTAVATOATUEVOUS KUKAOUS
(O,R) xai (O, Ry), TEUVOUEVOUS £l
T& onueiac A kal B (0. 9). "Ayo-
PEV TS TTPOCOVOTOMCUHEVTS EQa-
TrTopévas aUTéOV €l TO omnueiov A.

IynuaTifovTton o Tpocava-
ToAlouévan yowvia @ xal @.

O& elval, TTpopavdds, w = @.
‘H yowvia w kodeital yovia 1@V
kokiov (O) kai (Oy).

“Qote: I'owvia d0o tepvopévov
KbkAoV kaheitar 1| yovia téhv Ega-
nTopévov avtdv £ig T KOwaA on-
T 2 pela TovTOV.

10.’OpBoydovior kOkrot.— Edv o= —121, TOTE B Adywpev 8T1 of kikhot (O)
kai (O;) Tépvovtan opBoymviwme,.

“QoTe: Abo xikhor kalolvrar opBoyd-
viol, Gtav 1 yovia t@v i@arntopivey av-
t@v £ig 1@ kowva ompueia sival opO1.

TMpopavéds ai épamtopevar Al kai AA
gls TNV MEpiTTWOW TaUTNV diépyovTan av-
TigToiyws &mmd T& kévTpa O kal O.

“Apa, & dvwTépw Bobels Spiopos Sia-

~ e B
TuToUTan Kai cos £ETs.

Avo tepvopevolr kKOkhot Ba héyovral op- \’/
Boydvion, Gtav ai axtiveg avtdv ai amoki- Tx. 10 =k

yovsar gig ta kowva onueia todtwv eivar kabetol.
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11. Xapaxtnpiotikai idiotnreg d0o dployovioy kiklov.
lov: “H ouvlnxn (OA, O,A) = % trainfeleTon 6tav, kal pdvov oTav,

T kévTpov O, keitan &mi Tiis Al "Ofev :

“Iva 800 kOkAoi, tepvopsvor gig o A, slvar opBoydvioy, mpénel kal apkel 1)
£@antopivn 10D £vog £ig 10 A va Sifpyetar arod to kévipov tod dhhov.

*Apa TO KEVTpoV TOU vos KelTal EKTOs Tou &GAAoU KUKAOU.

« ; L i o v by ., \

20v: ‘H oytois (OA, O,A)= 5 aAnfeveTan OTav, kal povov Stav, TO
Tplywvov AOO; civan dpfoydviov els 10 A. "Apa:

Avo xOkiol kévipov O kai O, kai dxtivav R kai R, &lva dpboyovia Grav,

. = 2 2 ;
kai povov drav: O0O0; = R2+Ri. Awari;

AZKHZEIZ

48. Avo xUxAo1 eivan dpfoycvior 6Tav, Kal pdvov Stav, To TeTp&ywvoy Tiis &KkTIves ToU
¢vds looUTal Tpods TV SUvauv ToU KéEvTpou Tou &5 Trpods TOV GAAoV KUKAOV.

49. Avo xUxkAor elvar dpfoydviol STav, Kal udvov STav, pia SidueTpos ToU Evds KUKAoU
BiaipfTal dppovikdds UTrd Tou GAAOU KUKAOU.

50. AUo Tepvdpevor KUKAc! eivan dpBoyovior s Ta onueic A xal B Stav, xal pdvov &Tav,
pia Téuvouoa FA Siepyoptvn 81 Tou Evds T&Y onueiwy A fi B paiverct dmd t6 &AAo onueiov Ummod
Opbfv ywviav.

51. N& kataoksuachfi kikAos dpboywvios pos Sobévta kikAov (O, R).

12. IPOBAHMA.— Na xatasksvasfij kikhog (), 6 onoiog va tépvy dpbo-
yoviog 600 dobivrag kikrovg (O, R) kai (0, R,), Evla R > R,.

*Avalvoig @ "Eotwoav (O, R) kai (O4, R,)
of 8ofévTes wUkAol 'Edv w elvanr TO kévTpov
ToU {nTovpévou KUkAou, &6ITIS TEpvel opbo-
ywvicws Tous (O) kai (O) kard 1& I kad A,
Bx eivan: wl L O, wA L OA ol =wA.

“Apa: = wA? 1| Do,rf®) = Do, rN®)-

ToUTo onuaivel &T1 TO w kelTan &l ToU
p1gikoU &Eovos xy TéV (O) kai (O,).

Katacksvn : Koard & els thv (§ 5) AexBév-

R?— R}
200,

kad gis T H Gypoupev Thv kaBetov xy émi Thv OO0, *Ex ToU w &yopev Tds épaTTo-

pévas wl, wA Tév 8o xikAwy (O) kai (0y). O elvan :

wl? = D~ R? kad wA2=w0l—R2 "Apa: wlP—wA?= w0>—w0i—(R*—R}) (1)

"AMG @02 w0Oi = 200,-IH xai R*—Ri=200,-H, éméte /i (1) yivera:

wl2— A= 200, - IH—200, - H=0, € ol: ol = 0A.

Ta, KaTaokeudlopsey TO TuTjpa H = Ty 11
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pégopev droroUfoos Tov kUKAoY (w, wl = wA), doTis elvan & InToUpevos.

*Aroderlig : CEmraidn wl = wA, & I xal A keivtan &l ToU atoU kUkAou.
*Emeidn 8¢ kod ol L OF kol wA L O4A, 6 xikAos (w) Tépvel dploycwvics Tous
(0) kad (O)).

Mapatipnog : "Emeidi 16 w elvar Tuydv onueiov Tou pigikol &Eovos Xy, EmeTar &1 UTré&pyouv
&meipot kUkAol, ol dmoiol Tépvouv Tous (O) kal (O,) dpbBoywvics. "Ofev :

‘0 yeopetpikog tonog 1@V kévipov ® t@vV KOKLwV, oi énolol tépvouv dploymvieg Svo
Sobivrag kOkLovg, elvar & plikog GEwv 1@V KOKLOV todtOV, Kaf :

lov: "Edv ol xikAo1 (O) kai (O,) 8tv Exouv kowa onueia fj £xouv &v pudvov xowov anueiov,
SAGKANpos & p1gikos GEwv alTdY elval & yew. TOTTOS TEV KEVTPWY w.

2ov : "Edw ol kUkAor TéuveovTal els Ta onpela A kai B, TéTE pdvov al TPOEKTATELS TS KOIVT]S
xopbiis AB TAnpouv T TpoPAnua.

AZKHZEIZ

52, 'Edv &Uo xUxhor (O) xal (O,) TépvwvTal, ol kUkAot ol dTroiol Téuvouv aTovUs Opboya-
vieos, Bty Téuvouv Ty Bidkevtpov adtdv 00,.

53. "Edwv &Uo xUkot (O) xai (O,) 8év Exouv kowov fi kowd onueia, ol kUxkAor of dtroior Té-
uvouv altols dpdoywvins Sikpyovten dmd §lo dpropdva onueia P xai P, Tfis Siakévrpou 00,
(Opik& onpela fi onuela Tou Poncelet).

54. N& karaokevagdi) kikAos dpioywvios Trpos Tpels SofévTas kikAous (Alepeivnais).

55. "lva kixAos (w, p) TEuvETan KT BidueTpov Ud &AAou kikAou (O, R), Tpémer kai dp-
kel TO TeTpdycvov THs &KkTivos Tou v& loobtat mpos TV dvtifeTov BUvauv ToU kévTpou Tou g
mpds Tév kUkAov (O). AnAedh pf = — Do, ry(w).

Znu. ‘O kixhos (O) keeitan wevdoopBoydviog ToU (w), SnAadh & KUKAos (O) Tépver ToV
(w) €ls BUo onueia A xal B dvmiBiapetpixé.

56. Els Thv &oxknaw 55, v& &moBeik8 611 1) & pifixds &€cov AB T&V kUKAwY (@) xad (O)
BitpyeTan &md TO kévipov w, 2) &v & kUkAos (0) SitpyeTan & otafepdy onueiov M, 6& Biépys-
Tal Kal &md &v &AAo orabepodv onusiov N Tiis wM, ToloUTtov dGote: wM - wN — — P 3) kv
& (O) peraPddderar kal tdv a) Do ry(w) = keR, TéTe & (O) elven dpBoycovios Tpos ToV kikhov
(w, k), B)’Edv .‘D(o‘m(m) = —k? o kUkhos (O) eivar weuBoopoyvios pos Tov (w, k) Kal
) v .@(O,R)(w) =0, & xUkAos (O) elvan &pBoydvios (f yeuBoopBoydvios TpoOs TOV
(@) — onueiov w).

57. “Q yewueTpikds TOTOS TGV KEVTPWY w TV KUKAwY, ol dTrolol TépvovTal KaTd SiapeTpov
Umd Blo Sodévrev kikhwy (O) kal (0,) efvar T& TpRua Tol piZikoy &Eovos TV (O) kai (O,),
EoWTEPIKOV TGV, £&v ToUTO UTrdpyT.

58. “lva U0 xUxAo1 TépveovTar Spfoycovics els Té onusia A,B, pe kad &pxel pla Tév -
TEPIKGV EpamTTOUEVaY TwY v padveTan drd TO Ev T@v onuelwv A { B Umo ywviay 41 Kal &mwd
To &\o B A A Umd yoviav 1—“

59. “lva 800 xUkAot Téuvewv Tan opbfoycoviews eis T& onueia A,B, TpéTrel Kal dpkel al ik on-
ueiou M ol tuds &ydpevon xopbal MA, MB vé émavaTéuvouy Tév dAAov kUkAov el onueia I, A
GuTiBlapeTpikd.

60. “lva 800 xikAor (0) kai (O,) Téuvewvtan dpboycovias, mpémear kel &pKel TUXOV OTUEioV
ToU KUkhou Srapétpou OO, vé Exn dviBéTous Suvdpers s pds ToUs KUKACUS (O) kai (O,).

61. “lva 8Uo xikhor (O) xai (0,) Téuvwvtar dpBoycoviws els & onueic A, B, Trpérel Kail &p-
kel v Gywvtan tk ToU A i B tépvovoat MM, kai NN, kéBetor mpds dAAfAas.
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62. "El Tijs UmroTevotons BA dpBoycviou tprydvou OAB fewpotipey peraPAnTév onueiov
M. lov) N& &modery 1] 611 ol kiAot OAM, OBM elvan dpboycvior. 2ov) Ol kiAot kévTpuov o kol
w,, of BiepySpevol B1& ToU M kal Epamrrdpevor els Ta A, B tév OA, OB dvTioToiyews, Tépvoytat dp-
Goywvicws.

63. TI&s xixAos kévtpou w, Biepyduevos Bia SofévTos onueiov M kal Tiuveov Opboywviws
BodévTa kikhov (O,R), Sifpyetan kai S1&k Sevtépou oradepol onueiou N émi Tfis Siauétpou AB Tfis
Siepyouévns Bi& ToU M. Tlolos & yewueTpixds TOTOS TOU KEVTPOU @ ;

64. Tlolov elvan 16 p1gikdv kévTpov Tp1@v kUkAwv (0,), (0,),(0,), Ekacros Tév dmoiwy Té-
pvetl dpfoycvics Tols &AAous Svo ;

65. Mt axtivas T& dpiopéva TunaTa @, B, Y va ypagouv Tpeis KUKAOL, Teuvduevol dpboyc-
vies.

66. N& ypagfj xUkhos (w, p), Siepydpevos 51 Sobévros onpeiou A kal dpfBoydovios Tpds
SofévTa kikhov (O,R).

67. Mé kévTpa T& dpiopéva onueia A,B,I" v& ypagpouv Tpeis kixkAot, Tepvdpevor dpboywviws.

68. N& ypaei] xUxAos, Siepyduevos S1a &Uo SeSoptveov onpeiwv A, B kai dploydvios Tpos
Sofévta kUukAov (O,R).

69. N& ypagf kUxAos (w, p), dpBoydvios Tpos Sofévta kikAov (O,R) kal &y wv To kévTpov
Tou w &1l Sobeions evfeias (X) 7 émi SobévTos kikAou (K, R,).

70. AiSeran tpiywvov ABI kai {nTeitan va kaTtaokeuaodij kuxios (K), s Tpdmov &Hore al
tx Tév A, B, T &yduevan Epamrdpevar va elvat dvtioToiyws ioar pds Tds mAeupds a, B, y ToU Tpl-
Y@VOU ToUTOU. :

71. N& ypaei] kUxAos weuSooploywvios pos Tous kUxkdous (O;), (0,), (O,).

72. N& ypaoi] kUkAos yeuSooploywviws Tepvdpevos Utd T@v kikAwv (0,), (0,), (Os).

73. N& ypapi] kUkAos weuSoopBoydovios Tpods Sobévra kikhov (O,R) kai épfoycovios Tpos
ToUs kUkhous (K, R,) xai (A, R.).

74. N& ypag) kUkAos, dpdoywvios Trpds Sodévra kukhov (O,R) kal weudoopBoyvios Tpds
8SUo &\Aous ebouptvous kikhous (K, R;) xal (A, R,).

75. N& ypapf] kKUkAos yeubooploydovios mpos dlo Beboptvous kikdous (O, R), (O, R,)
kal Teuvouevos yeudoopfoywvicws Uo TpiTou Sebopévou kixAou (O, R;).

76. N& ypapij kUxAos dxTivos R, épatrrouevos Sedopévou xixdou (K, p) kal weudooploycvios
Tpds &AAov GeSouévov kuxkAov (A, py).

77. N& Upedij & yecopeTpikds ToTros TGOV onueiwy M, 81& T& émola 16 &fpoloua TV Suvd-
pewV s pds 8Uo kUkAous (O, R) kai (O,, R,) vaelvan k2 (k Ssdopévov eU. Tufjua).

78. N& eUpedij & yewu. TOTOS TGOV KéVTpwy w TV KUKAwY, ol dmoiot Téuvouy dpboywvicws
SobévTa kUkAov (O,) kal weudooploywvicws &Alov Sobévta xixhov (0,).

79. N& eUpebij & yewp. TOTTOs TOV KEvTpwy w TV KUKAwY, ol éTroior Tépvouv yeubooplo-
ywviws 8o Sobévtas kUkAous (K) kal (A).

80. “lva 8o kUkAot (O) kai (O,) TépvwvTta dpboywvics, Tpémer Kal &pxel va Exouv &5 Sia-
péTpous &vTioToixws SUo dmévavTi TAeupds OpbokevTpikoU TeTpamAeUpou (téooapa onuEia
A, B, I, A &moTtedouv dpfokevTpikiv TeTpada, dv ékaoTov elvan 0plokevTpov Tou Tprywvou, oep
Exel Kopueds T Tpia GAAa onuela).

81. AiSovrtan 8Uo kUkhot (O, R) kai (O, R,) kai peraPAntds kikhos (w, p). Na eUpebi) 6
YEWL. TOTTOS ToU KévTpou w, lov) &v & kUxkhos (w) sivar weudoopboydvios mpds Tous (O) kai (0,).
20v) av 6 (w) eival dpboywvios pds Tov (O) xkal yeudoopboyovios Tpos Tov (O,). 3ov) v o
(w) eivan dpboycovios weds 1O (O) kal Téuvetan weuBoopfoywvics Umd ol (0,) xai 4ov) &v 4
(w) Téuvn weuSoopBoywviws Tov (O) kal TéuveTan yeubooploywvics Umro Tou (O,).
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AEZMH KYKAQN

13. OPIZMOZE.—’Ovopalopsv ypappikniv déopnv v kOkAwv 10 Zovolov tdv
kbkLwv, ol 6nolol, ava dvo Tvydvieg, Exovv Tov adtov dobBivia pllikov GEova.

%, E&v kUkAos (O,) &vrikn)
els piav Béounv, Spifopévnv
Utrd Tou kUkhou (O) kai ToU
pilikoU &Eovos (x), yvwplifo-
pev 611 6 (x) elvan k&Betos i
v Bidkevtpov OO,. ’Evteu-
fev TrpokUTrTEl 8T1 T KEVTPX
SAwv TV kKUKAWY Tis Of-
ouns ketvten émi elbeias y,
kaBéTou Emri TOV pilikdy &Eo-
va. ‘H ebfsia y kaAeitan €o-
Sx. 12 Ocia @V kévipov (2x. 12).

14. XAPAKTHPIETIKAI TAIOTHTEZ.— O@EQPHMA I— "Iva kixlot @-
vijkouy eig piav déopnv, mpiner Kai Gpkel va dmapyovv dvo omuciae, 1a dnoio va
Exovv v avtijv dbvapuy g npdg Ekactov TovTWLY.

"Apkel: Tpaypari, é&v Umrapyouv BUo onuela A kai B (oy. 12), T& émola
Exouv T alThy dlvapiv s Tpds BoBévTas kUkAous, of kUkAol oUtol &urkouv
eig piav Beapnv. A16T1 ) eUbelar AB B elvan TOTe & prlikds &Ewov Evods EE alTddv peTd
TIvos GAAou £€ alT@v.

Ipérer: TlpdoypaT, &dv BoBévtes kUKAoL Gurikouv eis piav Séounv, dlo Tu-
Xovta onusia Tol pifikou &Eovos (x) Exouv THv alThv BUvauiy ¢ TIpos EKATTOV
TGV KUKAWY TOUTWV.

15. @EQPHMA II.— “Iva dobivteg xdkhoy, 1V omoimv ta kévipa Keivial
£n’ edBeiag, dvikouy eis piav dEopny, npéne Kai dpkei va Onapyy onpeiov, 6 Omoiov
va Exy tiy avti)y duvapuy G mpodg Ekactov tolTMV.

*Apkei: TlpdyuoTi, & 8o-
Bévtes kUkio1 Exouy T& KévTpa Ty %A
&l wids ebfelas y, kal éqv Umépyn
anueiov A, Exov Thy auTnv SUvauiy m o m y
Tpds BAous Tous kUkAous ToUTOuS, 2 § "~ W
1) k&BeTos ik ToU A Tpds THY €d- u
feiav v elvar & pifikds &Eov TV
KUKAV ToUTwv, AapPavouévey &- x
va buo. "Apa ol kikhol olTor &vr-
Kouv tlg piav Seounv.

Sx. 13

Ipéner: Mpaypar, v SobévTes kUkAol dvrikouv g plav Séouny, T& kévTpx
Toou B kelvtan ém elBelas y kol Bv Tuyow onpsiov A ToU pifikoU &fovos alrTésv
Ba Eyn v adThv Blvauv s TTpds EKaaTov ToUTwWY.
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EIAH AESMHSE KYKAQN

16. lov: O plikog GEwv (X) tépver tov kikhov O cig dbo onpeia A koi B.
Eig thv mepimTwoo TaUtny T& onpeia A kai B 6& #xouv Thv alThv SUvouv 0
@5 TTpos GAous ToUs kUKA US, Tous Siepyouévous S1d Tév A kal B. Té kévtpa Tév
KUKAWV T&V Blepyopévaoy
B1& TéV A xoi B keivTan
¢l TT)s pecokabéTou v ToU
TunpaTtos AB.

'AvioTpoguwg @ Tl&s
KUkAOS  Bispy Ouevos &mo
Ta onueia A kai B &vrikel
eis TNy Béounv, 816TI Exel,
HETA ToU kUkAou O, @s pi-
Zikov &fova THY evbfciav x .

‘H 8éoun 1) opigouévn
Umd Tou kUkAou (O) kai
s eUbeias x elvan 1o Lo-
volov TOV KUKA®V TdV
diepyopévoy da tdV on- Ix. 14
peiov A xai B.

T& onueia A kol B xadouvTtan Baswka onueia Tiis Séouns kal 1) Séopn ko-
Aeitan déoun td@v Pacikdv onueiov 1) dfopn tepvopsivov kiklov, 1| Stoun ToU
npOTOL Eidove. '

Eis tnv mepimTwow tadtny @ Ildv enpeiov O, tiig edbeiag y tdv kévipov
eival kEvipov Evog KOKAov Tfig dEopmg, Kal £vog povov, Exoviog axtiva O,A.

E&v 8iBeton 1) &kris R, Suvdpefa va kaTaokeudowpey Tov kUkhov O, Tfis
Béouns. To kévtpov O, eivar 1) Topn Ts edfeias y TV KEVTpWY Kai ToU KUKAoU

(A, Ry).
Y1r&pyouv Uo kUkAor Tfis Béouns dxTivos R, édv: R, > % AB.

1
Els 8¢ povov kUkhos O, Tiis Séopns, tv: R, = 5 AB.

Eis v TeAeuTaiav TaiTny TepiTTwolv 6 xUkAos O, cupTITITEl PE TOV KUKAOY
SraueTpou AB kal xodeiTan Pacikog kokhog Tiis déouns.

17. 20v : "0 plixog GEwV (X) dpantetar tod kbkAov O sig 10 A, Eis v Trepi-
Ty TadTny 1) elfela OA B& sivan k&Betos émi Tov pifikoy &fova (x). "Apa
1 OA 84 elvan 1) elfsia (y) TGOV KévTpwy.

To A durikel els Ekaotov T&V KUKAwY O, Oy, Oy, Os,... Tis Béopns, Biom

fM: Dior)(A)= Doo,r)(A) = Do.r(A) ... =0

*Apa 8ot of kUkAor THs Béopns épdarTovTal els TG A Tou pigikou &Sovos (X).
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*Aviiatpooac 1 T1as kUkAos (O,) tpartdpevos Tiis (X) els TO A, Exel ueTd Tou
xkikhou O Ty edBeiav (x) ds pilikdy &fova. Eis Thy mepimTwov TauTny 1) Bé-
oun f Opilouévn UTO Tou K-
xhou (O) kal ToU pifikou &Eo-
vos. (x) elval 16 : Lovokov t@dV
Kokhov t@V Egantopivov tig
(x) eig 10 A.

KoheiTou 8¢ Bfoun ToU dgu-
tépov £idovg ) dEopn Egantopé-
VOV KOKA®V.

Hapatfpnolg : To onueiov A
(k0Khog pndevikog) d&rroTeAel pépos
Z¥ 1D s Stopns (O, x).

18. 3ov : "0 plikdg GEwV (x) keiton Ektog Tof KOKAov O. Eis TNy mepimTwoiv
TaUTnY of kUKAoL Tiis Séopns oUBev kowody onueiov Eyouv peTd ToU &fovos (x).
“Eotw H # dpffy wpoPoAd) Tol O émi tov &fovar (x). “YTrépxer KUKAOS Kév-
Tpou H (kai #vag povov) dpBoycovios pds Tov kukAcy (O). ‘O xUkAos olTos (w)
Eyel dxtiva p, TowTny GoTe : pE = Dyo,r)(H) = HAZ, dmrou HA 1| éparrropévn

Zy. 16

ToU (Q), cryouévn éx ToU H. *O kUkAos oUtos (w) elvan émions dpboycovios Tpds
mavta xUukAov (O,) Tfis Béouns, 816111 Do, 1, (H) = p2 ToUto Sniol 811 T kév-
Tpa TGV KUKAWY Tfs Séopns elvan é€wTepikd onueia ToU kUkou (w). AnAadnh
onueia TRV TpoekT&oEwY ToU Tunuatos PP, Tfis elfeias Tv xévtpwv, E&vba
Ta P kai Py elvan ai Topal Tou xUkhou (H, p) kai Tfis evBeias (y) TGV kévTpwov
Tfis BEauns.

Ta onpela TauTa Suvatal va Bewpnfolv s xikAol pumdevikiig daxtivec,
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&unkovTes els THv Séouny, kahoUvTen 88 onusia Tol Poneelet 7 opiké onpeia TS
Beouns. :

‘H Béoun olTn dvopdletan Béoum ToU tpitov sidovc.

"Avtiotpogwg @ Tl&v onpeiov O, Tiis elBeios (y) TV kévTpuwv, Keluevov ikrds
ToU TpnpaTos PP, elvan kévTpov Evds kikhou (kad Evds povov) dploycviou Tpds
TOV kUKkAov (@), Exovrtos petd TolU (O) pifikov &fova (x). Adm :

D, ryH) = Do,ry(H).

‘H Btopn elven doalTews: Té glvodov t@v kbkLov, TdY onoiav ta kKévipa

kelvton £ri tfig evBeiag OH, kai 6pBoyaviov npog tov kiklov (v).

AZKHZEIZ

82. Eis piav Séounv KUKA GV Umrdpyer kUkAos, Kal vas povov, éotis BifpyeTar &mo Bobiv on-
ueiov M ToU émiméSou.

83. Awx Sobévtos onpeiou M kelpévou Ektds ToU &fovos (X) SitpyeTan Evas, kol pévov Evas
KUkAos Tiis Séouns (3 TreprmrTdoes).

84. “O yewu. TémoOs TGV onueicov M ToU dmiméou, dv & Adyos Tdv Buvduecwv ds mpos Blo
kUxkAovs (O,) kal (O,) loouTan wpds kER, elvan & kixhos Tis Séouns Tiis dpifouévns U Tév (O,)
kad (O;), kai Tou omoiou TO KévTpov Bicnpel THv Siakevtpoy 0,0, s Tov Sobévta Adyov k. (Ate-
peUVNOIS).

85. “Ymapye: &mepia opfoywvicy kUkAWY Tpos fkaoTov TEV KUKAwY mds Séouns (4A,).
Ol kUxhot olror, dpifouv plav Seutépav Béounv (A,), kai al BUo Béoua (A,) kal (A,) dvopalov-
Ton dpBoydvior dEopar 1| cvlvyelg.

86. To guvolov Tév dpboywvitow xUkhwy Tpds Tous kuxAous pds Séopns kKikAwy épamTo-
néveov els 1O ompeiov A, elven pia &AAn Séoun kixkhwv EpamTopévwy els T& alTd onpeov A,

87. Aidetan dpboyawviov Tplywvov ABI (A = 90°) otabepou Uyous AH,. Al kopugai B
kal [ elvan petaBAnTal. *Ex ToU H, &yopev Tds xabétous H,E kad H,Z wpds Tés AB xad AT Né érro-
Bey8fj 611 TO TeTpdTrAeupov MBEZ elvan by ypdyipov eis kUxAov kai &T1 ol Tepryey pappévor kUkAor
els T& TeTpdmALUpa TalTa &oTeAoUy Séounv.

88. T& kévrpa Tp1&v kUkAwv xelvtan e’ elfelag (X). Tlola axéos mwpémer vé Umépyn ue- i
TabU T&V AKTivev Twv Kal TV &TocTdoewy TV KévTpwy Twy, Tva olTtor &roTeAolv Béopny ;

89. N& eUpedf) & yecop. TéTOS TGOV onueicov M, Bix T& dmoia 6 Adyos T@Y Suvapedy Twv @
pds Buo kUkAous (O, R,) kal (O, R;) slvan %

90. Alo &pBoydviol kUkAol TéuvovTan el T& onuela A, B. "Ayopev Tiv kowfv wtepixijy
tpamrTouévny autdy A kal féotw M) A, ) TpoPoir Tou Tufuatos MA il Ty SidkevTpov Tév 8o
KUKAwv. N& &mobeybfj 611: AB = A,

91. N& kaTtaokeuachj kikAos kévtpou O (8obévtos) kal dunkwv els Thv Béouny, Thv opibo-
pévny o) Ak 8lo Baokddv onpeicov A, B. B) Ak 1év opikédv onuelwy P ked Py, y) 81& ToU on-
ueiou Erapiis kal ToU p1gikel &Eovos (X)), 8) Ar’ évds kUkhou (O, ) Tis Béouns xal ToU pifixeu &ovos
{X) keipévouy €xTds TOU KUKAoU (O,).
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KE®PAAAION II

AZIOIHMEIQTOlI KATAIKEYAlI EYOYIPAMMQON
TMHMATQN

19. IPOBAHMA L. — Aidovras dvo co00ypappa tpijpate o Kai o kai Cnretrat

vt kataokevachoiv dbo o0, tpijpata X, ¥, totaita OGTE :
o= (194 e e By — o Be )

Avoe ;. Karaokeudloney oploycviov Tpiywvov AlB pé kabBéTous TAEUpAS
BI = a kai FA = P. Eis 10 A dyouev THv kéBeTov émi v AB, 1§ OTroia TEWVEL

Thv Bl gs 16 A.
& O eivan : p* = a - TA.

ANAG . PrPeex TApal o A —Te iy,

/e \\ ¢€ o : Fra=x
/ Lk =

Bem : F = a ‘Ouoiws kaTaokeudleTal TO GANO TURPS Y

TN AT &k TS Eiowoews (2).

20. [IPOBAHMA I1.— Aidovras 800 e000ypappa tpipata a kai P kai Cntel-
ta, vi ketaokevasfody ta e000Ypappa tppata X, ¥, o, toiadbte Oote ¢
a-+p 2 1 1
x= — (1) y=VYup Kai — = — 4t .
2 5 b2 (0] @ B ()
Avoig : "Emi edBeiag AapPBdvopsy So dpdppotra Tunpata AB = o kai Al =p.
Mt BiapsTpov T Tufipa Bl ypdgousy kikAov kévtpou A. "Ayouev TNV EQOTTTOME-
viv AZ kol THY kéBetov ZE &mi Ty Al TéAos &yopev kai TO Tufjuax ZA.
a'). O Exwusv Siaboy ks :

G—P=ABLAT=(AA— AB)+ (AA+AM)=2.-AA, £ of: AA=

AN x = 3215. “Apc: | AA= x

B). Elven: op= AB - Al'= AZ2,
€€ ol : AZ=Vap.

ANMG v=Vaop. "Apa: | AZ =y

) Bl AR A== AR AT ep @ AEs 2P - e
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; BB e e . el
¢ oU: AE= <P n “ﬁ*g‘rg AR *fa--rg.
: et S
Apa SET &€ oU: AE=o0
[Mapatipnoig : "Ex ToU oynuatos (18) Eyopev :
AA > AZ > AE A Q+B>V(§E> 2ef
2 a-+t+p

AnAcdny : “O pécog apluntikoc §90 avicov peyeddv eivar peyadivtepog toi pé-
GOV YEWUETPIKOD abT®V kai obTog peyahivtepog 1ol péoov appovikod adtdv.

21. TIPOBAHMA III.— Na katacksvesfi tetpaymvov icodvvapov mpog Go-
0cv opboydviov ij mpog dobev mapaiiniéypoppov §i mpog Gobiv Tpiymvov.
Abeig 1 "Eqv x eiven i TAeupd Tol {nTouptvou TeTparydovoy, B kal v ) Pdots
kal TS Uyos Tol dpBoywviou f| Tol mapadAnAoypéupou fi Tol Tpiydvou, &
ExwUEy GvTioToliyeos Tdg OYEOELS :
x* =Pu Bk 10 Spfoywviov kai TO TapaAANALYpappov

Kai yi= g - U 31 TO Tpiywovov.

Oltes dvaydusba s v mponyoupévny xaTaokeuny (2).

AZKHZEIZ

92. AiSetan edSUypapuov Tujka o kai & BeTikds dpiBuds k. ZnTetar v kaTaokeuaodi 0b.
Tufjua X, TOIOUTOV QICTE X = « Vk_
93. Aidovtan T& eUfUypapua TunpaTa o, B, ¥ kol {nTeiTar v& xaTaokeuaobf e0f. Tufiua

X, ToloUTOV QOTE

4 4
e — . —— 1 !
D x=VFpE, ) x=[EF ) x=[3FF O G-t
1 Il 1 " ST a—  VanTTEe—
5) e = BT 4= E 6) x= V“':ﬁ: fBs—vy, ) x= Vu + Byt
94%. AiSovTtal T& elBUypapua TURRATE @), &, ..., oy Kal InTeiTon vd KeTaoKeuaadT 08,

TUTHa X, TOIOUTOV DOTE !

x? o a, a,
95. Aibovtar T& elf. TuRuaTe O, &y, X, . . - kal {nTeiTon va kaTaokevaofolv Ta U,
TUAMSTS X, ¥, W, ¢, DOTE:
1 1 1 i 1 1 1
——— 2 =

D x T Ea ) y @ @ a,

1 1 o e 1 R L 1
S o ) 4 = P e =

=) w GE + a avil ) s o ayt1
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22, TIPOBAHMA IV.— N& katackevacdij 6pboydviov igoddvapov mpogte-
tpaywvov mhevpis f, kui tod omoiov «i nrevpai va Exovv dBporopa dobEv £V, -
pa a.
Aboic : "Av x, v elven of TrAsupal ToU {nToupEvou Spboywviou, Ba Exwuey
T&s £E10COCENS ¢

X+v=«a ]‘ a
xy=p2 |

Mt SigueTpov TO Tufjua AB =
YP&POUEY TIHIKUKALIOY.

*Ayousy TTap&AAniov O, wpds
ThHv eUfeiav AB kol els amooTaoty P
& aUTis. AUTT) TERVEL TOV KUKAOV eig

Ix. 19

Té& onueia [, ).
*Ayopev Ty [Z ké&Betov émi Ty AB. To Tufjpa AZ = x ke ol ZBE— v
TMpdryueTt, €k TOU OYNHOTOS EXOUEY
x+y=AZ +ZB = AB = ¢, AZ=xX l
Kal xy=~AZ - ZB =[Z? = HO2 = p? ZB =y |

To TpoPAnua et Ao, & OK=HO # = >p A a>2p.

‘Yroloyiopds t@v X,¥ : Ex ToU dpfoywviou Tprydovou OZI Exouev :
: PR e SRR e L e
QZ = OF = =P = ——— £§ of: 0Z = 5—fo* -4 .
“Apa :
a L oe— 4+ Yac—ap:
x=AZ=A0+0Z= 2 + - [F—4p* x:i—};—@-
=urs , )
x e — Ye—ap:
y=ZB=0B-0I = = —— J&—4p v Fﬂz AP

D v& UTTdpYoVY T X Kal v,
Lnueiwoig : AU drakoipiis ToU v ik TAV E§i0wosv Tou ouoThpaTos (1) Aapfavopev Ty

é€icwoiv
x*—ax + p* = 0.

Al pifon TaUTns eivan af TAsupad X, ¥y ToU {nToupévou dpboycoviov.

'E@pappoyn: Na karackevaclodv ai pilm td@v &Ei1cmcewv :
lov: x*—8x+13=0, 1 3ov: —(J3+ ¥2)x + J6 =0, }
Zov: x2—10x + 24 =10, | dov: =2+ ¥3)x+2)3 =0

23. TIPOBAHMA V. — Na kataskevao0i) 6pboymviov icodOvapov npdg tetpa-
yovov nhevpds B, kai tob onoiov ai nhevpai va Exovy Sragopav 800&v 000Ypaupoy
TUipa o.

22

Wnepromoir|Onke amé To lvotirouto Eknmaibeutikng MoAmkrig



Abowg : "Av X, v(x > v) elvan ai SiaoTdoeis Tou {nToupévou dpfoywvioy,
avutal B eival pidon ToU cUSTAUGTOS.

e } an

xy=p*
Mé BicueTpov TO Tufjpa AB = a ypdouev kUkAov.
Eis 10 A &youev Thv épamToptvny Al =B ToU xUxkAou
TouTou. "Ayouev TéAos Thv [0, f| éoia Tépvel TOV kUkAov
els T& onusia A kai Z. B& eivan :
x—y=FZ_TA=AZ=AB=qa.
Ko Pi=lAt=BZ - FAN— xv
“Apa : B =x" xoi" BA=Y.
To TpoPAnua £xel TTavToTe AUCIV :

“Ynoloyloudg t@v X, ¥. 'Ex Tou dpfoywviou Tprywvou AOT éxopev

OrzzoAc_._Ar*zj_f : = 7:_' ¢ ol: O =

KaTt’ &koAoubiav :

x:rz.—.-ro+02=i)’q=—4ﬁ:—
)

y =TFA=[O—0A =-

Znueioois : "Av yivn &raioipn Tou v upeTalu Tdv E§iowoewy Tou guoTiuatos (1), wpo-
KUTTE 1) E€lowois :
X! —oax — =0,

75 émoias al pilar eivan al Biagtdoes ToU nTovptvou dpboywviou.
E®APMOIH : Na xataeoksvacholv ai pilar t@v i&iohoey :

lov: x®—6x—40=0, ov: x2—(2—-Y5)x-2}

2o0: x*—Tx-—14=0, dov: x2—(4—12)x—4af

0,

5=
2=0.

24, TIPOBAHMA VI (Xpuofis Topfis ().—Ao0B2v c080ypuppov tpfjpa AB =«
va Svanpedi] eig péoov Kai dkpov Loyov, fitol £ic 600 pépn, OV 10 Ev va givar péoov
avaloyov 100 d00évrog tpfpatog kal ol dhlov pépove.

Abeig : "Eotw AB = o 16 Sobév eUf. Tufiua kai [ TO onueiov TR Sicipéoecs.

(1) "0 épog «Xpuof toun» Eveouvicln 10 npdtov 16 Etog 1835, kubig avagéper & M. Ohm eig oyetkov
Eprov Tou. 'Anéd 16 Erog 1871 vivetar ypfioig kul 100 Gpou «GUVEXNG S1UipECIGH.

'H yewpetpixf xutaoxevn ths Sluiptucms €00, tunuatos &l péoov kai dxpov Adyov &1é0n imo tod Ed-
KAELDOU.

‘0 dpoc «elc pégov xai Gxpov Loyov» Gvagépetul Kai Omo Tob Gremona (1114-1187) elg thv b’ abrad
pET@Qpuoiy Thv «Itozeiwv 1ol Elxicidoun.

‘O Novara Oewpei Thv Swipgowy tubtnv @F GE10800pUGTOV YEMUETPIKAY KATUOKEURV Kai anapuitnrov
BoAlnpae 814 TNV KUTUGKEUAY TOV KUVOVIKGOV Toluidpwv.

"0 Lueca Pacioli @vopucev withv Beiknv avaloryiav.

Moriol miotebouy 7 Exouv tHv Lrévolav dti 7 «Xpuof topfn cuvuvidtal el 10 cdua Tob GvOpwnov xai
1@V Loy, £l ToUs KAadous Kul TU vULka @V dévdpav, dhhot 8¢ Ocwpoly taldtny &5 «Bacikdv Soyua GpArOTNTOSH-
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“Av Teff AT = x, 1éTe 0& elven TB = a — x. O& Tpémy :

a

X, ol

¥ T

i

a8 0
e

@l

L
rB

X (0+x) = a?

‘H (1) Snoi 671 TO &yvwoTov Tufjpa X elvea f HikpoTEpa TGV TTAEUpGY dpbio-
yowviou igoBuvdpou Tpds TETpdywvov TAEUPES o, ToU 6molou ai mAsupal Bia-

S

PEPOUV KATX .

TTpds TouTo €ls TO
&xpov B ToU TunuaTos
AB  UwoUpev kafetov
jes 6.
7 Kal -
koAoUBwS yp&pouey TOV

KUKAOV (O G). “A-

Tpfjua BO=

N0
youev Tnv eUfeiav AQ,
7 &Troia Tépvel TOV KU-
Khov eis T onpeia A

xai E. [pdgopev Téhos Tous kUkhous (A,AA) kal (A,AE), ol émolol opifouv i

Tou AB T& onueia I kai [[; dvTioToiyws.

T& onueia T kal T eiven T& EnTodpeva. TlpdyuaTi, & Tou (ox. 21) &xouev :

AB2= AE-AA=(AA+ AE)-AA =
=(Al - AB)-Al= A2+ AB- Al

7 Ar2—= AB-AB-AT=AB(AB—AI)=
— AB-TB

] AB AT

il T TR

To AT elvan 1o pikpotepov Tufjua.

AB?= AA-AE =(AE—AE).AE =
—(AT,—AB)Al, = Al — AB-Al'",

fi Al = AB-Al, + AB2=

— AB(AT,+-AB) = AB.T',B
: AB T,A
i A e

To T,A elvar 10 peyaldtepov Tufjuc.

Mapotnpolpey Acimov 6T1 UTrédpyouy SUo onueia I kai [ éml ToU TUUOTOS
AB, T& émoic Sionpolv alTd eis péoov kai drpov Adyov.

‘Yroloywopoe twv Al kai AT,. 'Ex ToU dpBoywviou Tprydveu ABO &yopev:

T 2 1. 2 — '.!‘_Lizw—jc,:(i ViRl -—urs_
AQ® = AB BO® = of + T t€ oU: AO_——-Z—
YR o Al = AA = RO DA — —Cf-g-s--— ——=5U5-1 AT = = (J5—1)
o =7
2 a L
kai [,A = AE = AOQ + OF = ..5‘;5.. L 52‘_ - % (y5 +1) ra=— (f5+1)
Inucimoig @ Al pilen Tfis (1) elvon :
X = ‘%(}Fs_— )] kal X, = — % (Y5 + 1)
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"Av T AT kai AT fecopn@olv s TpocavaToMGuéva TUTuaT, TOTE ;
—— (o § —_ A — — o o
Al = ?( V5—1D=x; ko Al =—TA=—(—x,)=x,= —2—( ¥5 4+ 1)
kel TOTE wovov TO I dpudlel eis Thv AU :
25. IMTPOBAHMA VIL— Na vivn ypagiky £nilucig tdv £51606E0V :

1. xt—ax*+4pr=0, 3. x'+ ex*—pi =0,
2. X' — it — =0, 4. Xt -oaxt L pi=0.

EvBa a xkai B Bedopfva £0B0Ypappa tpfApata.

Avcig: Awx x2 = Py, «al dobeican eiowaEls peTaoynuaTifovTel els TS :

a? a?
1. y¥2»——y+p=0 3 Ph—y—p=0
) gl \ gl—E=0
a? a?
2, yYP——vyv—p=0 4., Y+ —y T=1{,
B B s R + B
"Ex ToUTwv 1) (4) Exer pidas pryadikds.
'EmAUopey ypagikdds s Umoloimous Tpels. “EoTw Thv
2 4
yi——y+p=0 (17

p
‘Epyafopeba dos £Efjs 1 Kartaokevdlopev dpfoywviov Tpiywvov AMB ut kabétous mheupas
Al = a xai B = B. Eis 16 A UyoUpev thy ké&beTov émi Tv AB, /) émola Tépver thv BI el 10 on-
pelov A, O givan

al
at=p.TA <= FA=-T]—

Mé Siduetpov A ypdogopev fiuiku-
khov TNA. Eis dmrooTaov B e thv BA
Gyouev TrapaAAnAov Tpos Thv A, fiTis
Tepverl TOV fjpikukAov els T onueiov Z. "Ek
ToUu Z &yopev Thv k&Betov ZE Emi Thv
FA. Ta tunuata ME xai EA even pigen
Tis (1.

Aiowit - [FE . EA = EZ: = P2

a?
Kol FE+AE:F£\:T§.
‘Entl tiis AT AcpPdvopev  Tufjpa Tx. 22 i

E© = EZ = p. M:i Siapérpous T& Tun-
para EF xai AG ypaeopev fuikUkhous. Els 16 © Upoipev kalerov éml Thy AT, fimis Tépver TOV
fuikukhov els To A. “H EZ Tépver Tov SelTepov fuikukAov els 16 H. Od eivon Tadpa :

EH? — EA - EO = EA - B = x?, i€ ol x = + EH
xal EA* — EQ . EF = B . El = By = x?, &£ ol: x— FA

Kat’ dudhoyov Tpomov yivetan kal 1) kaTaokeud TGV piiév Tév Umohoimwy tEiowoEwy
(2) kai (3).
]
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AZKHZEIZ

96. 'Edv o, B, A, n elvan SeBopéve eV, TufpaTa, vé kataokeuac8oly Ta elf. TufuaTa X, ¥,
TOIOUTA COOTE : ; ;
1) x’+3":a2} — 2) UX‘foiA"}
xy =P xy = u
97. N& xaraokeuaodfj dpJoywviov icoblivapov mpos Sobtv dpBoydviov, kal Tou omoiou
al BaoTdoels va Siagépouv kaTd 8. o
98. N& kataokevacdij opdoycviov Tpiywvov ABI ék T@v gToiyxeicov Tou B xai y= ]faﬂ.
99. Aidetar Tplywvov ABT kal {nreiTon vé karaokevactij loookeAés TolouTov, EXOV KOWRHY
Th ywviau A kai icoBUvapov Tpods TO ABT.

100. AiSeran Tpiywvov ABI kol {nreiton vé& kataokevacdi] ioodUvauov igdmheupov Tpi-
ywvov Exov kownv THy Thevpdv Bl

101. Ak onusiou A Tis TAeupds Bl Tprycovou ABT va &x6f evfela, Bicpoloa abmo el
8Uo {ooduvapa pépn.

102. N& Sicipedij Tpiycovov ABT els SUo fcodUvapa pépn, &1’ ebfeias kadétou wpods THv Paov
BI" a¥rou.

103. N& &ybi elfeia, Sinpoloa THv mepiueTpov Tou Tprywvou els 8Uo Toa pépn kal 7O Tpi-
yewvov eis SUo icodUvapa pépmn.

104. AiSetan ywvia xAy kal onpelov O éktds abtis. N& &x87 eubeia OB Téuvouoa mpdd-
Tov Thv AX els TO B xad v Ay els 10 A, el TpdTov doTe OB* = O - BI'.

105. *Edw ed9ela Sranpfj piav mAeupdv Tprycovou els péoov kal Gkpov Adyov, eivan 8¢ Tapdh-
AnAos Tpds picv TTAeUpav alToU, TOTE 8 Sicnpf kal THY TpiTnV TAEUp&Y alTou eis uécov Kai &kpov
Adyov.

106. Tpia onpeia A, B, I 8év kelvtan &’ s0beias. Né& ypagf] kUkAos, Siepyopevos 81k Tév B,
T, eis TpoTrov daTe 1) EpamTopévn ék ToU A Tpds aUTov vd Exn Hijkos A.

26. IPOBAHMA YIIL.— Aidoviar té e000ypappa tpfipata a, p, v kailnrei-
Tal vi kataokevaoOi) e000ypappov tpfjpa X, gig tpomov dote :

AR

a? v

’Avalvoig : Eav OF elvatl 10 InTou-
Sz

u  Mevov Tufjue, TOTE ;_;:% (1). Ka-
Taokeualovtes opdoydviov Tpiywvov pe
kaféTous TAeupas OF kol OZ = a, 0

elvai :

o OFY T FH
o = HZ'
"Ex Twos onpeiou A Tiis OH éyopev ToapdAAniov pds Thy EZ, fiTis Tépvel T&s
OF kol OZ els T& onusia B xai . ©& elvau -

BA EH ©E*

o SIS EZ

AFS HZE o2 v
"Ex ToUTwv 68nyolpsda el Ty dkdAoubov AUcty.
ZovBeorg: "Emi s el8:zias AauPdvoupsy T& SlaBoy Ik KAl SUOPPOTIE TUTHATX
BA = kai Al = v. Mk 8idueTtpov Bl ypdoopey fuikukiov kal ik ToU A Upolpev
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ké&beTov &l Thv BI, Tépvouoav Tév fiulkukAov els 10 onpelov ©. "Ayopev Tds BB,
Or xai émi T O AcuPdvoupey 16 Tufjpa OZ = a.
’Ek ‘ToU Z &youev TV TapdAAniov ZE mpds Thv Bl Tépvousav Tas OB
kod OA els T& onpeia E kol H dvtioroiyws. To GF elvan 1o InToupevov Tufiua x.
*Andéderlig : "Ex ToU dploywviou Tprygvou OEZ Exopev:
©E? EH - OE? EH

e
: S EE T BRI BlEE w8
A e e P b Sy =¥
& 7 R Apax o 5 ) tEol: OE=x
AZKHZEIZ

107. N& kataokeuacdii mohlywvov Suoiov mpods 5oty ToAUywvov P ko ioobivapov mmpos
&ANo Bobfiv ToAuxwvov P,.

108. N& xaraoxkevachij TToAUywvov Spolov Tpos bobiv Tohlywvoy, s Tpdmov GoTe &
Adyos Tév EuPaBidv Twv vé looUTar Tpds ToV Adyov Svo BobévTwy elb. TunpdTov | Kod v,

109. Na xaraoxevactii moAUywvov Suotov Tpds 5Uo GAAa Guoia TOAUY eV Kal ioodivapov
TTpos TO &Bporoua T THV Biagopdv TGV SoBivTwy.

110. Eis 808tv Tpiywvov ABI va éyypagd] TeTpdywvov.

111. Eis 508iv iodmAeupov Tplywvov ABI mAsupds a vi dyypagi] TeTpdywvoy Kal va Uro-
Aoy1o6i] TO duPadov Tou cuvapTroel ToU a.

112. N& &rrodey8i] 811 O péyiorov TeTpdrywvov, T btroiov dyypdgeTo els Boby Tpiywvow
elvan &xelvo, ToU btrolou f) TrAeUpd KeiTon i THs wiKkpoTépas TAEUpES ToU TPLYCOVOU.

113. Eis Tpiywvov ABT v& éyypagi] péupos, Tou dmaiou f kopugh vé elvan Bobév anpeiov
A Tiis TAeupds BT

114. Eis 5o9%vTa KukAkdv Touta v& tyypaef] TeTp&ywvov, Tol dmoiou Blo kopugal v&
kelvTon Eml Tou T6Eou ToU Topéws.

115. Eis 800iv KUKAIKOV Tufjpua vé Eyypagf] TETpaywWVOY.

116. Eis 503tv piycovov ABI v& dyypagd dpfoydviov, uciov Tpos &Ake bobiv dpBoycvioy,
oUTws GoTe pia o TS peycduTépas TAEUpds aUTol v kelTal ¢l T peyouTépas Theupds
TOU TPlywVou.

117. Eis Sofévta fuikukhov (O,R) vé éyypagfi dpfoydviov, duotov mpés &he Bobiv opfo-
yeoviov.

118. N& ypaof] KUKAos, Biepyduevos S Sobévros onueiou A kal tporTopevos duo Sobaiodv
subaidv (x) xai (y).

119. Eis 509w Tpiycovoy ABT va éyypagfl dpboydviov, Tou dmoioy ol SlaoTagels va Exouy
&Bpoigpa f) Siapopav A.

120. N& Sicipedij Tpamigiov ABTA els Tpla pépn dvdhoya Tév &pibpv A, B, v, Sia duo
eUBa1dy TTapaAAfiwy Tpos Tas Péoes auTou.

121. ‘Ouoics sis BUo ptpn Gvéhoya Tpos Tas Paoes, 1’ ebBeias TapadAfioy Tpos Tés Pa-
oEls.

122. Na& S1cupedfy Tpaméliov &is SUo Bpola Tpamélia, 8i° edfeias mapaiiniou Tpos TS Pa-
OEIS TOV.

123. Tplycwvov ABI v& icipedij els uéoov xal dkpov Abyov, B° elfias TapahhiAou Tpds Tas
Paoeis Tou.

124. N& xoraokeuaadij icookeés Tpiywvoy &k TV v TAsUp@Y Tou Kai ToU &BpoiopaTos

THs Paosews kal ToU Jyous Tou.
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TO TIPOBAHMA TOY ATTOAAQNIOY ()

125.— To yevikdv mpdPAnpa ol *Atrorwviou elvar :

No ypopil kOkhog Eépantopcvog TpidV d0BEvimv KOKA®V.

‘H rmragn Slvaron va elvat EowTepixn) 7 E§wTepixn. Eis THv wphTnv mepimrrwov wapioTés-
pev ToUs KUKAous B1& Tédv (A), (B), (M) kal els Tv Beutépav S1& Tév (o), (B), (¥).

Advaron 88 Tis va Bewpnon Tés fmopévas OKTG HOpPas AUTEWY, TS :

(A (B) (1) (A (B ()
D ) B) (M), 23 (A B), (M) 1+ 34 (@), (B), (v) | xai  4) (@), (B) (¥)-
(), (B), (M (), B, (M)

MpdypaTy, Suws, Umdpyouv Téooapes pdvov Sidgopor kaTaokevai® émedn 1y (1) opés avni-
oToiyel el Tpels eSwTepKas ETaQds, ExacTov péhos 1&V (2) kal (3) els Yo EEwTepikds Kai piav
EowTepiknv 7 BUo EowTepikds kal plav EwTepikiiv kal 7} (4) dpds els Tpels owTepIds ETapds.

Znp.: Al 6kt Aaes duTioToryouv dud Slo 6 EEfs -

(A) (B), (M {(AL B (n) } {(A), ®). (M) } { (), (B), () }

{ (), B () } (@, B (N[ 1 B) ]’ A B

Eidwai nepintoeg @ Els fj mepiogdTepor kUkAOL BUvavTan va dvTikaTaoTadouv Urd onpelcov,
&pou Ev onpelov Buvaral va BecpnBij kUkAos pé dxTiva pndevikiv. "Apa Suvépea va Exwpev Sia-
Boy ks :

1) Avo kUkAous kal év onpeiov, 2) "Eva kikdov xal 8Uo onueia, 3) Tpia onpeia.

Eis fj mepioodTepor kUxAot SuvavTtan v& dvtikatacTabouv &1 elfeidv, xaddoov pia elbeia
SUvaral va BewpnBij dos kUkAog ut drTiva deipeos peydinv. "Apa Buvépela va Exwuey : 4) Avo
KxUkAous kai piav ebBeiay, 5) Eva kUkAov xal BUo elBeias, 6) Tpels ebBeias.

Auvéueba TéNog vé decopnoconey kal Tos dxohoUlious cuvbuacuols : 7) "Eva kUkAov, &v on-
peiov kol pia ebfeiav, 8) Avo onueic kai plav edbeiav. 9) "Ev onueiov kai SUo eUbeias.

*H yevixn) mepimTRols TV TpiGv kUkAwy kad EkdoTn TV £iBikddv SUvavTal
vé& Trapougigoouv Siegdpovs TolkiAlas, dvahdyws THs Oécews TéV SeBouéveov.

MPOBAHMA I.— Na ypagfj kikhog, 6 6moiog va Siépyetar and tpia dedopiva
onpela A, B kai I
‘H Abois Toutou elvan yvwot?) &mo THY Tponyouptvny T&EIv.

IIPOBAHMA II.— Na kataokevasdfi kikkog, 6 drolog vi Epantetal tpLdv
dolercidv evleraiv (x), (y) kai (z).

Kad TodTou 1) Abois elvat yvwoTi. ‘ATtAds dvagépopey &1L Umdpyouv téoou-
pes Mooewg, Stav o evfeion TéuvwvTon dvd BUo, 0o hiseig, STav ol BUo evBeicn
elval TapaMndor kal TEpvwvTal UTo THs TplTns kal obdepia AUcls, STov af
ebfeion elven Tapddiniol.

(1) "Amodhdvios. Elvul & 1pitog ék 1wV peyarov Mafnpatixdv T "AreEavdpiviig Emoxfs. 'EvevviOn elg
Népyny tig Mupguriag, 8 6 kul Mepyuiog éxinln. 'O oyolwaong Ebtoxiog avagéper &t Elncev éxi TS éno-
#hs 1ob fuciiéng Itokepuiov ol Elepyérou (247 - 222 n.X.). To HEYULUTEPOY HEPOS TMV GUYYPAUPATMV TOU ANw@-

kEcl. T Avugépoviul B3 ourrpunivie Br altod th xaiwdl Epya.
1) «Aoyou amotopiy, 2) «Xwpiov arotopin, 3) «Atwpiouévn topi», 4) « Enagain, 5) «Neuselgn, 6) « Eni-
redor tonow, 7) «Ilepi koyhiovn, 8) «Ilept cuykpiosws tod dwdexutdpou xai eixosuédpoun, 9) «Ilepi araxtwy Ao-

10) «'Qrutokiove, dnk. pE00d0; GuVIoNEUoEWS LoYIGTIK@Y mpaiewy, 11) « H xalokou npaypateion, Oepehiw-

Feopetpieie Emotipmg, 12) «Iepi te0 rupiov», mapufoiixi KAtonTpe Suvapcva va EmpEépouy avagreEwy,
iPubpa dotpovopkoy un dwowliv, 14) «dKaovixan, eig 8 Pifkia. Eivar o xiplov Epyov 10U "Anoilwviocu,
v to0 npogemopiocy abivatov do3av.
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INMPOBAHMA III.— Na katackgvacOi] kOkhog, 6 drnolog va Suépyetar anddio
dedopéva onuela A kai B kai va Eoantetar dobeiong edbeiog (x).

‘Yroderlig : EUpete 1O oupuetpikov Tou B, 16 By, s mpos thv (x). *H AB
Téuvel TNy (X) eis To . "Av A elvan 1o onueiov émagfis, ToTe < AAB, = 180° —
< ATA kAtr. To TrpoPAnua éyel dbo hiseig T piav 7) oddepiav, dvardyws Tis Oé-
oews TV onueicov A, B dog wpos Thv (x).

ITPOBAHMA IV.— Na katackevao8ij kbkhog, 6 omolog va Siépyetar ano do-
0iv onueiov A Kai va £pantetar dvo dobsiocav evberdv (X) kai (y).

“Yroderlic : "Av al (x) kol (y) TépveovTal, TOTE elpeTe TO OUPPETPIKOV A,
Tou A &5 Tpds THv SiyoTtduov t TS yowvias Tév (x) xal (y). ‘Averydueda els 1o
TpoPAnua lll. Ave Abeeic. "Av ai (x) kal (y) elvar Tap&hAnAol, TOTE Exopev Ta-
Av 8o Avosgic.

IMTPOBAHMA V.— Na xotaokevacli] kixhog, diepyopevog ano dvo dedopéva
onueia A kai B kai égantopevog dobBivrog kikiov (O, R).

‘Yrodeilrg ¢ Mpdyate TuxovTa KUkAov Siepyouevov Six Tév A, B, Téuvovta
Tov (O) els T& [, A. Al T'A, AB Téuvovtan eis 10 |, Qépate Tas épamTouévas IM,
IM; Tou (O). TéTe : .
IM2— IM}=TF . 1A =JA . IB, ®Am.

To mpdPAnua Exer 800 T piav Aoy

IIPOBAHMA VI.—Na& ypaoii kikhog, diepyopevog éia dobéviog onpeiov
A kai #@arntopevog dobiviog kOkhov (O, R) xai dobeiong svbeiag (x).

‘Yrodeibig : “Eotw (w) & InToUusvos kikAos, EpamTopevos Tou (O) &s 1o [
kai Tfis (X) eis 6 B. ‘H Bl Tépver tov (O) els 10 A, *H AD Téuver kadétws Ty
(X) eis TO Z. "Av E 10 dvmiSiapeTpikov ToU A, 1O TeTpdmAeupov ZETB elvon &y-
ypayipov. “Apa :

A® . AA = AT . AB = AE - AZ = ct, — AD = dpiouévov
g © 1) Toun ToU (w) kai Tiis evfeiag AA KAT.

To TrpoPAnua Exel tésoapag AUoes.

TIPOBAHMA VIL.— Na ypaei] xOxkog, digpyopevog da dobBiviog anueiov
A xai ¢pantopevog dbo dobévimv kioklav (K, R) kai (A, p), ivlo R > p.

“Yrodeibig : "Av B, I & onpela dmagfis, 1 BI tépver v KA €ls &v dpioutvoy
onueiov &rréd 1o drroiov SiépyeTan 1) twTepich éparrtopévn AE T@v (K xal (A).
Té TeTpdmieupov BAET elvan éyypdyipov &ls xUkhov, 8Te

3A . 3A, =3B . 3T = ZA - 3E, = A, = dpiopévoy,
fvdax A, 1) Tour) ToU kUKkhou (O) xal Tfis edleias ZA KA.

To mpdPAnua dvayeTon gis TO TpOPANua V kai Exel téooapag £v yEvel Lboeig.

IIPOBAHMA VIII.— Né ypu@f kikhog, Z@antopevog dbo dobeiodv ebferdy
(x) kai (y) xai d00&vrog kokhov (K, R).
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“Yrodeigig : Edpete 16 oupueTpikdy K, Tou KéVTpo'J K cos rpds TS BryoTopous
e yoviGv Ty edBaidv (X) kai (Y), ked dvorBfiTe els TO TpoPAnpa V. T mpo-
PAnpa Exel, Ev yEvel, 0Kt ADoELS.

MMPOBAHMA IX.— Na xatackevasdfj kOkhog, Epantopevog dobeiong evbeiog
(X) koi 300 dobéviwv koklov (K, R) kai (A, p).

“Yréderkig : "Eqv R = p, & kikAos (O, x+p) SiépyeTan &mod 16 A kal EdmrTe-
o Tou kikhou (K, KA = R — p) xal Tiis (X,), Tapafrou Tijs (X) els &mooTa-
ow p, KAT. TO TpdPAnua éxet, &v yével, dktd Liogis.

[MIPOBAHMA X.— Na ypogfi kokhog, épantopeves tprdv SoBiviev kikhov
(K, R)), (A, R,) xai (M, R,).

“Yrodeitag : "Eqv R, <R,< R,, Té1e d kikhos (O, x+ R;) 8& SibpyeTon &mod
76 K xal 8& pémrretan Tév kUxhwv (AAH=R,—R;), (M,M@=R;—R,;) KA.

Av& Tpets kUkAous EEcoTepikdds GAATAWY Kal ué kévTpa Wf) Kelpeva ¢1r’ eUBeias,
UTépyouy 0kTe dragopor AUCELS TOU TTPOPATMaTOS.

A& Tpels kUkhous EEoTepikdds GAAAAcV Kai pE kévTpa kelpeva &’ edbelas,
mépyouv oktd hbssig, oupueTpikal dvd SUo Tpods THV BidkevTpov.

Ard Tpeis kUKAoUs, & TG dmolwy of 8Uo (K), (A) Téuvovton kad & TpiTos
M elven &€coTepikds alTdy, Urdpyouy TE60apeg ADGELG HOVOY.

A tous (K), (A) éEwTepixdds dAMAwY, GAN éowTepikols Tou (M), ai Av-
oeis elvan téaoapeg, v dowTepikty Eaghv THs M TTdvToTe peTd THis {nToupEvns.

M Tous (K), (A) Tewvouévous ko éowTepikous Tijs (M), Umrapyouv 800 Ao-
LTS

T& dvwtépw Umobeybévta elvon &mopkf] Tpods SiamioTwoly TS HEYEANS
TolkiAlas TéY dwewy fvds GeBoutvou TpoPAnuaTos. O& fBuvaTo B¢ Tis Vv &6
kad els MoAAGs dAAcs iBlopopeias, dav EmeBUpel v& TO EgeTdoT Sik T&oav Sik-
Tafv T6v Sedopévey aUToU -

AZKHZEIZ

126. N& ypoagf) xUukhos EpamTduevos éowTepikéds Tpiédv Towy xUkAwv. ‘Opoiws EQOTTTONEVOS
ECwTepikdds TP1GY Towv KUKAY.

127. N& ypapii kUkhos, EpamrTépevos EEwTeptkdds Tpidy Bobévtv kUKAwY, Gv ol 8Uo slven
fgor.

128. Na ypagfi Uxhos, Biepydpevos 81 SobévTtos onueiou A, &xwv TO KévTpov Tou émri So-
Befons edBelas (X) kai EpomTépevos Bobeions evbeias (Y) T SobévTos kikhou (O, R).

129. N& xataokevaadij Tpiywvov ABI ék tév otoixelwv Tou a, P 4+ y = A xai THs yw-
vias (a, w,).

130. N& karaokevashi) Tpiywvov ABT &k v «, vy, My + W3 = A.

131. N& ypagf kUkhos Exwv To kévTpov Tou Emi BoBeions edfeias (X) kai épatrTapevos Buo
xukdwv (K, R), (A, p).

132, N& ypagf] kUkAos, Eparrtéuevos Sodelons eubeias (X) kol BoBévtos xixAou (A, a),
£xwv 58 TO kévTpov Tou Emrl Bobeians eubeias (Y) :

133. N& ypaof] kUkhos dmokdmrrwy &rmd Tpels BobévTas kUkAous Xopdas foas Tpos Tpla
Bebopéva elf. TufjpaTa A, B, V.
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134, N& karaoxevaot Tpiywvov ABM ik Tév o, vy, B4y =A

135. Na& 6p1097) onueiov A ¢l Sobeions efeias (X)), oUrws daTe TO &Bporout Tév EparrTo-
uéveov TGV dryoutvewv #§ alitol mpos SUo kukhous (O, R) kol (O,, R,) v& elva A.

136. "Emri Sobeiong elbelas (X) véx eUpedij onueiov I, TooiTov Gote 16 &Bpoioua (Biagopdr)
T&V &mooTdoEwy Tou &mé SUo BeBoutva onusia A, B v& slvan Toov pds BoBiv euf. Tufiua A.

137. N& xaroaokevacti] Tpiywvov ABF &k 1év oroiyeiwv Tou 1) a+y, B+ y, [kal 2)
Uy BE= =0
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KED®AAAION III

AIATEMNOYZXZAI KAI IAIOTHTEEX AYTQON

27. ‘Opropoi. — Mia elBeia efvan SuvaTdy v TEUVT TAs TTAEUPSS EVOS TTOAUY G-
vou ) kal TS TPoeKTACEls TEV TAsUpGY aUToU MEPIKAS HOVOV TOUTWY Kal Tas
TpoexTaoels TGV &AAwv. OUTws 1) eU-
Beicc xy (oy. 24) Téuvel T&S TrAEUPAS
Bl, EA ToU moAuywvou ABIAE kai
T TpoekTAoEls TEV EAAwv. ‘H elbeia
xy koAeiTan Sratépvovsa ToU TrOAU-
Yvou ToUTou.

Td kowodv onueiov SiaxTepvouons
kol TrAeupds Tivos auToU Opiler BUo

Sy 24 AVTIoTPOPOUS AdyoUs Topfis Tpds T&
dxpa TT|s TTAEUp&s TaUTTS.

'Edv &v onueiov Toufls TAeupds Bl (oyx. 24) elvan fowTepikov THis TAsUpds
TaUTns, ol Adyot :

B

kad elvar @pvnrtikoi.

& 5l

HI

Ak 16 onueiov Z Ths poekT&IEws Tijs TAeupds AB ol Adyor :

ZB RN N
——y Kol —— elven Betikoi.
ZA ZB

‘Opilopev s GeTiknv gopav Biaypagfis Tfis ToAuywvikils ypauufis Thv
ABTAE. ..

Awdoyikol Loyon— Ao i mepiocotepor Aoyor topfic oplopevor Onod tdV
Kowav onpeiov diatepvodeng kol tdv nhevpdv mohvydvov héyoviar dradoyixoi,
iy 0 Endpevos Gpog EkGetov héyov (TANV TeAeuTaiov) mepatobran sig ThvV Kopu-
o1y, £ig T|v omoiav mepatobtar 6 Tfjyodpevog tod dpfcws Emopévou Adyou.

28. OEQPHMA TOY MENEAAOY (}).—'Eav ebfsia x téuvy tac mhevpdg
BT, TA, AB kuta ta enpeia A, By, T} avristoiyog, va anodeiydij 6t :

(1) Mevéhaog (80 u.X.). "Erbnv MaBnuatixd; Lnoag év'AkeZavSpeig. 'Avexaluye mhsiotas 1516tntag t@v
gompkmdy prywvey Kal Edwdey G Afppa o Bspeli@des Bedpnuo tAg Dewpiag TGV SlATEUVOLCDV.

32



'Anédeilis : "Ex ToU [ dyopsv v TapdAAnioy Tpos Ty BA, 1 omola Té-
pvel TNV X els 7O onueiov A.

‘Ex 1@V Suofwy Tprycvev ABr, ATA kai B,A, ABI; 8& Eyeouey dvTi-
OTOIXwWS :

B B

T AT S 1
Al rA

Kad E_L:E (2)
TR

Al TTOAAQTTAQCIGTUOU
KaTa pgAn T@v (1) xad (2),
EXOpEV :

T R

T B D AL
= %r_l HE , €6 oU:
BER . T
28 Bl e e "
AT BA TI.B

Inp.: To Becdpnpa foyver xai &tav f) BioTépvousa x elvan Tapdhinios
Tpos ThHv Bl

29. OEQPHMA (avriotpogov).—Edv ini 1@v nhevpdv BL, TA, AB tprydvov
ABT dnépyovy avtistoiyog té onpeia A, By, T, towatta dote v thnpoltar 1
160TNg

B} R =1, )

tote ta onuela A, B, I'; 8a keivron £’ edBsiag.

*Anodeilis : Kata 10 &ficopa 1oU Pasch, 16 &v 1év onueleov A, By, T, 8&
kelTan i TR TpoekTaoEws THs GuTioToixou TAeupds A kal T& Tpla. ‘H elfeia
AB,; Téuver v AB eis 10 [, "Apa kaTd TO TponyoUuevor Sewpnua O Exwuey :

AT s ol Bap e Ol ) (2)
Al 2 2B
Ex t&v (1) kad (2) EreTon 611 :

A BL T AR B 0p

AT BAEB T AT BAN B
oA LA o RSB A-EBE . AB AR
¢E oU r— 2 il — = - i
B rB I,B B [,B
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Maparipnois : *H oxéors (1) dlvare v ypagij kad s £Efs :

Anhat) ExdaTn Kopupn) ToU Tplydvey, f otroia ebpiokeTan &g TOV &p18unTHY
tvds Adyou, evploreTon Kot els TOV TTapovouaaTiY Evds dAAoU Adyou.

30. 'Egappoyf. Na arnodaxdi ot ol nodeg 0o towremkdv Sigotopayv Tprydvov
xai 6 modg tfig tpitng EtEwrepikiig
Sixotopov keivian in’ evbeiag.

'An6deiEig : "Eotwoav &, B, ¥
T& pAKn T&Y TASUpEY TOU Tprycvou
ABT. Kot 1o Becopnpea Tijs SxoTodpou
yovias Tprywvoy, Ba Exwpey :

AB —Bl—l"___cx
A ks T R
Eh: B
EE. =

Kot dxoroublav T& onpeia A, By, Ty xelvren &’ edBeias.

Enusione : "Edv B = y, ToTe i B, elven TapdAinios mpos Thy Bl kal T A, &pavifeton
els T &merpov.

31, OEQPHMA 100 Ceva*.— Eni tod ¢mnédov &vog tprydvou ABT Bewpotpey
gv onpuelov . Ai ebfeim AL, BE, TE tépvovv tag nhevpag BT, TA, AB dvristoiywg
eig ta onpela Ay, By, I';. Na anodery0i 6t :

B BL Wbl

= . =—=-—1. (1
AZIESBIARTE )

ws]

v = S .
L 5 ~ =
Ed B N
1 Ja¥ E --‘QB1

Ay

2x. 27

"AnoderEig ¢ 'Ex Tév B kol [T &yopev Tds rapaAAndous Trpos THiv AA, ai-
Twes Téuvouv Tas [T kad BB, dvTioToiyws ls T onueia A kai E.

W T OB R GR =

* '[tado¢ MuBnuatixos.
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A TToAAaTTAGIGoUOU TOUTWY KaTd HEAN) AcpPdvopey

32. @EQPHMA (avrictpogov).— Edv iri tdv nlcop@dv B, TA, AB tpiydvon
ABI drnépyovv dvristoiyms ta enpeic A, By, I}, towaita dote :

= = T =L M

va aroderyBij 611 ai e0Beiar AA,, BB, I'T, Sispyovian Sud 00 adrod enpeiov,
"Andderlic : Al edfeicn BB, kai T, Téuvovton efs &v omueiov £, *Eate 611 A
AZ Téuvel v Bl els 16 onueiov A,. Katd 1o TponyoUdevov Bedpnua B EYWUEY ©
AB B TA :
AF BA TE &

*Ex té&v (1) xai (2) EmeTon 671 :
AB_AE , AB-AT _AE-AT . B _®
N AT A AT

|

¢ o0: A=A, "Apx A,=A; kal kat’ dxohoubiav of edBeicn AA,, BB,
T, &igpyovTan 81 ToU altol onueiov Z,
Mapatfpnoig : T Gewpnua ToU Ceva efvon dAndis kel dTav ol edfeicn AA,, BB, T, elven

Tapdiinior.
"Anodeilig : "Exk ToU mapamAelpws oyfiuaros Exouey :

E = j Kai FLA = rﬁ’
B, BA, Iy B
S0ev : E__I—I—_=_F-:=_K1T—
BA TB WA B
] o: BN @) Zx. 28
Al B,A r,B

JAvTioTpogas 1 “Edv al elBeicn AA, xal BB, elvat map&AAnior, Téte dk ToU [T &yopev THv
mapdAAnAov pds THY AA;, 1) dtrola Téuver THY BA els 1O onueiov [, ©& Exwpey :

L R
lr Bl r2
b Rl ey : TA BA e ¥
| 6molg cuykpvopévn Tpods Ty (3) 8iber : ﬁ = e kal 1) "émola BnAol éT1 TO
1 2

M, =T, "Apax al ebfeioan AA,, BB,, I'T, elvau rapdiinior.
33. 'Egappoyf—Na anodeixbiy omt ai focwtepkai dugotdpor tpiydvov Sifpyovia

dua tob avtod enpeiov.
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sAnsdatic, “Eotaoay o, B, y T& uikn Tév mheupddv ToU Tprywvou ABIT. Koard T6 feopnpa
s BixoTopou yevias Tprycvoy, B Excouev :

Sheeesy s BEN iR TERD A
Al B’ BA ¥ TE E:
el kot drodoudiav
= B & &
ABaBiRsnA | o yab abuas A, @
BT bR TE e B

*Apa ol EowTepikal SixoTéuol Tpryvou SitpyovTan Bix ToU avTtol onpeiov L.

ATZKHEZEIZ

138, N& &mobedfi 871 f| Biduecos Tpameliou BixoTopel Exatépav Siaycoviov aUToU.

139. N& &mroBeryd7 671 of wo8es T@Y EwTepikdv B1y0TOUWY TRV yvIddy TpIy@VoU KelvTal
émr’ eubelas.

140. N& &moBerydf 6m1 al Bidpeoor TavTos TRty dvou Sitpyovtan S1& ToU aUTOU onuelov.

141, AUo #wTepikal SixoToRol Tprycovoy kol A TpiTn EowTepikn SifpyovTal Bi1& ToU avUToU
onuefov.

142, Té Gyn avTds Tptydvou SiépxovTar §1& Tol abTou onusiou.

143. Al mheupal ToU dpdikol Tprydvou tvés Tprydvou ABI Téuvouv Tas dévavTi TAEUPES
0¥ ABF &5 Tpla onuela, T& dmoia kelvran &’ elBeias. "AkoloUBuws va &moderyBij 611 1 eUlela
100 Euler ToU Tprydvou ABT elvar k&BeTos émi Ty &v Adyw elelav. )

144, Ed9¢iar X Téuvel Tas TAeupds BT, TA, AB Tprycvou ABT s T& onusia Ay, By, I &vTi-
arolyws. ‘Eav A, By, [ elven T& ouppetpikg Ty A,, B,, T, ¢ mpds 16 péoov tév B, [A, AB
&uTigToiyws, vé dmoBedfj 6T T& onueia A,, B,, [ xelvTan ¢’ eUBeias.

145, Tplywvov ABT elvat &yyeypapuévov s kixhov O. Al épamTouevan ToU kUkAou s T&
onueia A, B, I Téuvouy Tés wheupds BF, TA, AB &ls T& onpeia Ay, By, [ N& &mrodeix 8 6T1 TauTx
keivtan & eUBelas.

146. N& &mobelfnTe 16 Secdopmua Tol Simson p ThHv Pofifeiav ToU SecpfinaTos Tou Me-
veAGov.

147. Té péoa 16V Sraywviny Evds TATpous TETpaTAelpou keivTan &1 ebfeias.

148. Al mheupad BT, TA, AB Tprycivou ABT EpdmrrovTar Tou dyyeypaupévou kikhou &vTi-
aolyws el & onueia A,, By, [y N& dmodeiydfj 6tu ol elfsicn AA,, BB,, T, SiépxovTon Bix ToU
altoU anusiou (Gergonne).

149. ‘O mapeyyeypaupévos kixAos els THY ywviav A Tprywvou ABI épamrretan TGV TTAEUpGIV
BT, [A, AB elg t& onueia I, 1, 15, N& &moBeig87 611 al evBefon AlL, BlL, [l. Siépyovran Bi&k Tod
aUTou onueiou (Gergonne).

150, Ol apeyyeypaprévor kikAot els Tés yoovias A, B, [ tpiycvou ABI EgdmrrovTal ThV
mheupdy BF, TA, AB els T& onpsia Iy, 1), 1", N& &mmoBeydf 67 af etdeicn Al,, BI,, r,’ 8ip-
yovTan Bi&x Tou aUTol onuelou N (Nigel).

151. 'Evds Tprydvou ABI Secopolpey Tuxov onueiov P. Al ebBeicn AP, BP, [P. Tépvouv t&s
mheupds BI, TA, AB els & onueia A,, By, T, dvmioTolyws. N& &modeiybfi &T1:

|

[es]

>
|
|l

1

B\l

l?

2=

-
w

1

152. N& yivn tpappoy? Tiis oxéoews TouTns, 6Taw 1O P elvan 0 kévTpov Tou Eyyeypoaupé-
vou kUxhou els 1o Tpiywvov ABI #) T opBékevtpov H ) 1o kévtpov O Tou Trepiyeypaupévoy KU-
KAOU.
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153. EdBeia mapdAAnios Tpds Thv TAeupav Bl Tprywvou ABT Téuvel Tas AB kol AT dvri-
oToixws els T& onuela B, . N& &rrobeiy®fj 6m1 al evbeicn Bl kol B’ téuvovran tmi Tfis Sia-
uégou AQ, Tol Tprychvou ABT.

154. AiSovTan Svo Tpiywva ABI kol A'BT'. *Edv ol elfeicn AA’, BB, TT' Téuvavtan els
&v onueiov X, v& &mobeiy8f &1 T onueia :

P=BrMBT, K=TANT'A’, A=ABNAB
KelvTan émr’ elBeios kal dvTioTpdeews. (Bedpnua Tou Desargues).

155. “Emi T&v kabétwv mheupdv AB xai AT Spfoycwviou Tprydvou ABI kataokeuddouey
E€wTepIkdds aUTol T TeTpdywva ABAE, ATSZ. N& amodeiy0ij 611 al eVfeicn T'A kal BE tépvovta
érri Tou Uyou, AH,.

156. AoBévTos ToAuydvou, Ty. t€aydvou ABMAEZ kal mids ebeias X, 1) Omoler Tépver Tag
TAsupas AB, BT, I'A, AE, EZ, ZA dvTioToixws els T& onpeia q, B, Y. 8, & G, vé& dmoSeryfij &1 :

B T T @ L
SERRNETR AL EE e

To &vrictpogov &iv ioyver.
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KE®AAAION IV
FINOMENON AYO MAEYPQON TPIFQNOY

34. OEQPHMA I.— Td yivépevov ddo mhevpdv tprydvov icobtar mpdg Td
yivopevov tiig Siapétpov Tob neEpLYEYpappEvon KO-
khov ni 10 Uyog, t6 droiov avricToryel gig thv Tpi-
v mhevpay avTod.

'Anodaifi : “Eotw ABI Tpiycovov &yyeypau-
pévov sis TOU kUkAov O. “Ayouev TO Uyos Ad,,
Thy Biduetpov AZ xod THY yopdnv ZI. T& opfo-
yevia Tpiywve AAB ol ATZ Eyouv Tas Eyye-
ypaupévas yavias B xal Z loas.

i AT g A ER el
~ : = Mg e : =2R - ]
Best e e G e A & b e

*Opoleos Epyalopevol, eUpioKouey : ya =2R - v, @)

(!.B =2R - Uy (3)

AZKHZEIZ
157. Eis Tpiycvov ABI v &moBeryouv al {ooduvauial :
lov: A =900 <= Py = av,,
Zov: Py <= U U U
158. Tpiycovov ABI vean tyyeypappévov els xUKAov O. A& ToU A &yopev TuxoUoav Xop-
5w AE kai BewpolUpev THY guupeTpikfy evbeiav TTs AE g oS THY BiryoTopov AX THig EowTEPIKT]S
yuwvias A Tou Tprydovou ABT, 7 dmofa Ttpver THY Bl els To ©. N& &modery i &1t
By = AE - AO.
159, *Eéw I, 1, 17, 1" elvan 7& kévtpa TéV )UkAoov, By yeypapuévou Ko TAPEYYEY PAHHEVLV
¢ls T& yoovias A, B, [ toU Tprycvoy ABT &vtioTolyws, v amodeixBolv al oyéoes :
lov: By = Al . Al', ya = Bl - Bl”, cpl==[Il=El
20v: Py = Al" - AlI'", ya=BI"" - BlI', ap= Rk A mIE

35. QEQPHMA I1.— Ai Siy0t6pot AA, = 8, ((owTepikn) koi AA, = d; (B§co-
Tepikh)) TS yoviag A TpLy@dvov ABT (oxcAnvol) tépvouy TRV nlevpay BI eig ta
onueie A, xai A, dviiotoixes. Na arodery6f 6 :

By==5 4+ A;B - AL
ko By =AB - AJ —di.
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a) ‘H BixoTéuos AA; Téuvel TOV Trepryeypappévoy kikhov els Td ompueiov E
kad 1) EaoTepikt) AA, TOV Téuvel els 16 ©. "Ayousv Tés Yopdds EN kad IO,

Ta tpiycwva ABA; xal AET &xouv Tds ywvias els 16 A 1 1crcx9 xai Tés Eyyeypap-

pévas B kai E foas. "Apa:
ABAA R )
REL=BATS - s 5
i Py=AE . 5,=(5,+AE)§, =
=8 +AE -5, =58 +AB-AT

fToL :

By =5+ AB- AT e))

Iy 3l

B) TaTpiywva ABA, kai AOT
Exouv Tas ywvias els 1O A Tfoas kai Tds ywvias B kal © foas. “Apa :
AB _ AA, A = aad
A© Al AD B
A By=A0 - d;= (A0 —d,) dj= A,0d,—d} = AB - Al

Aot : By = A,B - A,T — d} @)

- 36. “Yroloyiopog tfig 8,. vowpilopev oT1:
AB Al AB+AT o Sora ay i af
= — = - oU: AB= kai A,I'=
Y P B+Y B = S by
"Eveka ToUTwv 1) ayéais (1) yivetan :

aPy . BrlPsyE-a] .

2 = =
Pl T i e e e
. APy o) Pk = 007
By

’Eqv 8¢ 187 a+ P+ y=2T, O& Eyxowuev:
B+y—a=2(t—a), y+a—Pp=2(1-B), a~|—B~y=2(T—Y), OToTE :
Py-2t-2(tT—a) 4pyr(t—a) 5 =
e G Sl

Edw 8, 8,, 5; kKAnBoUv Ta prikn TEV EswTepikdy SixoTOUWY TV Ywvidv

5=

Tprywvov, 8& Exwpey :
T D el
El= mVﬂYT(T—u) 8,= _Y—_a_—aV'Y“T(T"“m 8= mvuﬁt(f—‘f)
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37. “Yrohoyiopog tiig d,. Mveopifopev &T1:
Al AB |AT-AB| «
e e T

kal kat droroudiaw 1) (2) yiveron :
2 By Py[e®=(P—Y)?] _ Py(a+P—y)(o—P+Y) _
i =) LA (70 B =
2@ @B S8R )
m (= =y

¢€ ol kal kot avaioyiow :

af
[B—v|

ay
B—v|

, € 00: AT= kai A,B=

2 = S 2 S e
d;= \ﬂ:ﬂ VBy—B) (—y) | = fr—a] Vya(t—y)(r—a) | d;= [a—p| Vap(z—a)(r—P)

AZKHZEIZ

160. Té& ufkn Tév TAeup@Y Torydvou ABI elvan : o = 25, B = 40, y = 45. N& Umohoy1-
afolv Té pikn TEY EowTepikdy kal EwTepik@dv BixoTéHwY aUToU.

161. ‘Opoiws &v elvan: a« = 12, p = 16, y = 20.

162. Na Umohoyigdaly T& pikn T&V E0wTEPIKEY B1XOTONWY TRV ywviddy iooTAeUpou Tpi-
yowou ABIT mAeupds .

163. Té& wixn Té@v Theupdv Tpiydwvou ABI elvan: o= 300, p = 288 xkal y = 84. N&
Gmohoyielii ) 5, kai d, ToUTww.

. By

164. Tl cuvBtovTan ai Theupai tvds Tprywvou ABT, els 76 dmolov elvan i 8, = -BJriY 5

165. *Eqv 5, elvat #] éocoTepikn Sryotopos AA; Tprydvou ABI, vi elpedf N dvaykaio kai
Ixovty guvBrikn Tva: AA; = 4A.B - AT,

166. "Av AA, elvan | wTepikn BixoTopos THis yovias A Tprywvou ABT, va amoBeyxdi f
Aoy looSuvapia

AM,=BA, =+ @=PB{B-Y) & P>y

167. "Av AA,; elvar 1) EowTepikh) BiyoTépos Tis ywvias A Tprydvou ABI, va &modexfh

f| hoyikn looBuvapia :
AA,=AB > a =BG +Y)

168. ZuvopTtiioe Tév KaBétwy Theupdv B, y dploywviou Tprydvou ABT, va Utrohoyioolv
al Sixotépon &, xal d, Tis ywvias A.

169. Eis tpiywvov ABI va dmoberydi) AoyioTikds 671 :

ai=Pi=ye a5 =5 — 5
170. Eis tplycovov ABI ioyler ékaTépwbey i iooduvapia :
P=vy <= do=d;;
171. Eis w&v tpiywvov ABI v& dmodeaiydi) & :
4pryt = (B + y)®8 + (B —y)r-di.

172. "Eml 7ijs towTepixiis SixoTéuou Tijs ywvias A tprydvou ABIT Bewpolpev SUo onueia
A, Z, ToiauTa daTe: AL = AZ = B . y. NaamoBaydfj 611 1o teTpdmAsupov BZIA elvon dy-
ypayipov els kUxkhov,

173. Tlés ouvbéovtan al mAeupal évos Tprywvou ABT, els 16 dmrolov elvan : 8, = d, ;
174. Na kateokevaohi) Tpiywvov ABI & TGV a, A kal AA: = BA; . AT,
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175. ‘Ouolcos &k T@v vy, 8, Py = k2.

176. ‘Ouoicws éx T@v vy, B—T =  kal By = k2.

177. ‘Opolws &k T&V A, a kai Py = k2.

178. MetaPAnTol Tprywvou ABT i kopugh A elvan otabeps, 1 ywvia A = w Sobeica kal
By = k*. "Eav f) kopuen B ypaen Soleloav eleiav §) xUkhov, v elpedi & yewopeTpixds ToTOS TS
kopugfis .

OEQPHMATA TQN AIAMEZQN TPIFQNQN

38. ‘Yroloyiopdg tdv Srapicmv Tprydvov euvaptiicel TdY thevpdy adtod.

[Mveopigopev &T1 els av Tpiywvoy ABI elvan : A
it
e s
Y B
2 v |\
72+u2=2u§—t—%— M e
B r
y2 LA a
2 gl ya2 T 2
a+[5—21.13+2 2x. 32

AnAabn: To GOpoiope @V TETPEYDOVOV d00 TAEVPDY TPLYdVOL icobital mpog
10 dirhaciov Tol TeTpaydVOVL Tiig mEpLEXOUEVIG Srapioovn, ndEnpévey katd 1o fipey
00 TETpOYOVOL TG TpiTtng Thevpds avTob.

’Emions elvan yvwoTov 6T1:

p—y2 =20 - AH. B> @

AnAcdn) : 'H Swo@opa v TeTpayd®vev dbo Thevpdv tprydvov isodtar npoig 1o
dimhaoctov tijg Tpitng mhevpldg &ni tnv wpofolnyv tilg avriatoixov dapioov ini
TavTnv.

’Ex Tév oxéoewv (1) AauPdvopev :

1., —— 1., 1,
p=5V2E+1)—a, p=5V2(+0)—F, m=-5V20+p)—1
Ievikevoig 1od Bewpipatog tdv Srapiowy : 'Ex Tijs kopueiis A &youev TuyoUoav elbeiav
Tépvovoav THY Bl els 10 A. "Ayopev Thiv AZ | Bl kai Béropev AB = x, Al =y, AA = 3. ’Ex
ToU (oy. 32a) Exopev :
p2 =& + y2 4 2y - AZ

A bl Pfx = X8 - xy! - 2xy . AZ (1)
Emions:  y*= 8 + x*—2x - AZ
i A Yy =yS+xly-22y A2 Q)
21! « Ex tév (1) kai (2) AapPéavouey :

Sl Y Ly e O e, s BIx + y2y = XxB + y& + xy* + xIy =

AERE = (x + ¥)B 4+ (X + y)xy = b + axy
Sy 28 fiTo1: Bx + 7'y = ad?+ axy ¢5)

"Edv T A keltan &pioTepd ToU B fi Se§iax ToU T, 8 Excopev dvTioToixws :

—B*x 4 v¥y = ad® — axy (2)
f*x — v’y = ad® — axy 3
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Eqv | x'x elvar TpooavaTohiouévn ebleia, Toteal (1), (2), (3) ovyxwvelovTan els TV
aytow
AA'.BC 4 AB*.TA} 4T?. AB+BL-TA-AB=10
xal dvopddeTan oyéors ToU Stewart.
Béoe Tiis oxfoews Tou Slewart UmoAoyioate T&s Siaptoous, T& Ty, Tas BiXOTOHOUS TPI-
ydvou ABI ouvapTrioel T&V TTAEUpGV aToU.

AZKHZEIZ

179. Els Tplywvov ABT elvar a =8, p =10, ¥y = 12. N& UmoAoyiofolv T& pnxn T&V
Biapégwy TOU TpryGVoy TOUTOU.

180. ‘Oupolws, Stav elven : a= 10, p= 8, y=26

181. Els vpiycvov ABI v& &modery8olv AoyioTikéds af loobuvapial :

1) P=y <= =W ki 2) a=Pp=7 <= b= KL=1l
182. Els wév tplywvov ABI va amoBery0ij 671 2

b) u:+ﬁr>%’>u:—ﬁy 3) u:+u:+u::%(u'+ﬁ‘+y')
1 1 1 3 1 T 1
AT I = e (e Bty | 4 (B—yDwe + (= + (*—Pu =0

183. Els Tpiycovov ABI vé &moBerx€olv AoyioTixds al looBuvapic :

1) A=00° <= 2y =a kal 2) A=090° <= o + Pt + y? = 8.

184. Eis wéw Tpiywvov ABI vé &modex8i &i:

1) 3(+ B+ y) =4+ vt V)
2) 4Zuy =3Zcpt.

185. AlSetan e08. Tufiua AB = o orafepdy Béoer Kal peyEBel kal InTeiTan & yewu. ToTOS TGV
onpeieov M, Si1d & dmoia : ’

1) MA* L+ MB:= k? xal 2) |MA?—MB?| =22
fva k, A SeSopéva eUBUypappa TUpaTa f &piBuoi TpaypaTikof.

186. AiSetan TapadAnASypaupov ABIA kal fnTeitan O Yew. ToTTOs TV onpelwv M, Bik
1& omoia ;. MAE 4+ MB? + M 4+ MA? = A2

187. Aibetan Tpiywvov ABI xal InTeiTal & yewp. TOTOs TGV onueicov M, &ia T& omoia
loylel fy iooTns: MA® 4 MB? + M2 = Az,

188. AiSeton Terpdmheupov ABMA xal Inteitan & yewp. TéTOS TV onueiwv M, Bid T&
smola :  MA? + MB? + MI? 4+ MA? = k2.

189. Afderon Tpiywvov ABT (A = 90°) xal nTeltan O yewp. TéTros TEV onuefwv M, Bk
T& dmoie: MB* 4+ MI? = 2. MA%

190. AlSeton kinhos kol &v onuelov Z bvtds arol otadepdv. Tepl T6 Z oTpboeTan Spbn yeo-
via, fis al TAeupal Tévouy ToV kUkAoV els T& onpeiar A kad B. lov) N ebpedi & yewp. TOTTOS TEW pé-
cwv Tdv xopbiy AB. 20v) "0 yewp. ToToS THg KOPUPTiS A 1ol épfoywviou AZBA kol 3ov) ‘O
yecop. ToTs TéY TEoPoA&Y ToU Z &l Tés Xopdds AB.

191, Aidetan Tpiycovov ABI kad EnTeiTan & yewy. TéTOS TGV onueiwv M Tou ¢mTédov Tov,
B T& omola:  MBf MM = 2MAZ.

192, AiSerar kUkhos (O, R) kai onueiov A oTabepdv. "Ev anueiov B Sicrypaget TOV KUAoV
(0). Eis 76 B &yeTan tpamrTopévn Tou kUkhou (O), Tepvoutvn UTo TS peo OKGDETOU TOU TUT|HATOS
AB ¢is 16 anueiov M. Né elpedf) & yewp. Témos ToU anpeiov M.
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193. Aidovtan &Uo kukdol (O, R) kal (O, R,) xkal petaPAntov onueiov M. "Ayouey Tés
tpamroptvas MA, MB T&v kikAwv kal {nTeitan & yewp. ToTTOS TAOV onueiwv M, 8id Ta dmoia :
MA? — MB? = Az,

194. AideTon kUkAos (O, R) kai onueiov A otabepov. Tlepl 10 O atpépeTon BiapeTtpos BOF.
Na& elpedi) 6 yecou. TéTTOS TEOV KEVTpwV TV KUkAwY ABI.

195. Tprywvou ABI ) mAeupa Bl = o mwapauéver orodepd, f) 8¢ Siagopd AB—All = &
oTabepd peyédn. ‘H kdbetos els 16 B émi Thv AB Tépvel THv EowTepikn Sixotduov Tiis yawvias A
TOU Tpryvou ABT &ls 16 onueiov M. Né& elpedi} 6 yewu. Té1o5 Tou M.

196. Na& karaokevactij Tpiywvov ABI éx TGy oToryeiwy Tou.

) a AP ty=n 5) & m proyi=u
2) @ pr+y=»a 6) o vy, PRP—yi=12

3) & v, PREyi=n T) o Bt y:=2AL Proyr= 2
4) o A PP —yi=2 8) a B =, P—yi=p2

YYH KAl EMBAAON TPITQNOY

39. “Yrohoyiopog tév dydv tpiy@vov. “Ectwoav o, B,y T& pnkn Tdv
TAeup&Y Tprycovou ABI, AH,= v, &v 1@v Uydv Tou kai éoTw émrions B < 90°
71 B> 90°. ©& elvau :
p?=a? 4+ y%— 2a- BH;

els TV TP TNV TrEpiTrTWOY, Kad
2= a?+ y2+ 2« - BH,

els TNV deuTépav TrepiTTWOIV.

Ex T®V oxfoswv ToUTwWV
Aappdvopey :
a2 B2
_%ﬁ__ )

BH, = +

*Ex ToU dpBoywviou Tprydvou AH,B Exouey Siadoyixds :

(i Pl i (o byt = PR o
4o® 4ot

vi=y*—BHi =7*—

l 9 o
— 4 (20 -+ y-B?) (2ay—at—y ) = g llecky) P F—o=)] =

YRGB B a-NB-atY) =
L 2r26p) 20 20 = T =P (=)
¢€ oU : ulzé]/-r(-r—cx)('r—ﬁ) (T—v)-

‘0 TUTTos oUTos dpeiAeTan eis TOv "EAATVA MafnuaTikdy kal Quaikov "Hpwve
(Tiis *Ahe§avBpiviis Emoxis).
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A& xukAixiis vaddaryfis TGV a, B, Y eUpiokouey :

n= Vi C—PGE—7

02:%Vr(t—u)(t—ﬁ)(‘f—'f) (2

u3=%V:(r—u)(r--B)<r—y)

"Eppadov tod tprydvov ABI. “Eyopev :

E :%-c:-ulz—:lz-u- %VT(T‘G) (t—B)(t—vy) , #§0oU:
E=ViG—u) c—p) —1) )

‘0 TUmos (4) dgeikeTon els TOV "Hpeova.
T'wvopevov t@v mhevpidv tpydvov ABT. *Exopev :
2E  4RE

BY=2H-U1:2P~-;=T, &€ o0 : apy — 4E-R 3
‘0 TUmos (3), Suvdpel ToU (4) 5ider :
apy

R=— 3)
Vi —a)c—P—)
"Egappoyfi: 'Eqv T& prikn Tév Thevpdv Tprydvou ABI elvar: o= 20, p = 16, y = 12,
vaimrohoyioBolv Té ym Tov, Té EpBadév Tou kad 1 R.
‘Ouolws, &v a=8, B =10, y = 12.

AZKHZEIZ

187. Eis tpiywvov ABI™ ve &mroBeryBolv Aoyiorixéds al looBuvapian :

lov: B=y 4= vu=v, kal 20v: a=B=y 4= v, =vu, =y,
198. Efs tplycovov ABI v dmoBeiydij &1
1 1 1 1 1
"\:_;+E)= (ﬂ+ﬁ+Y)(E+F+;);

20v:  4E = V2B + 2yt + 20fPF —ai— P —yt

199. N& Umodoyiodij 16 tuPaBov Tpameliou cuvapTrioe TGy TAEUp&Y Tou q, B, v, 8.
200. Né& Umroroyio8ij To tuPadov Tprydvou ABIT cuvapTcet 6V Siauécwy Tou Hy By, Bge
201, ‘Ouolws cuvapTijoer TéV Updv Tou.
202. Eis Tplywvov ABI vé& dmoderyff 1) loobuvapio :

A=B=T <= p+y +u =3EV3
208. "Edw Z, elven 76 kévtpov Bépous Tpiydvou ABT kal Ry, Ra, Ry al dxrives TéGv xU-
KAwv Z,BT, Z,[A, Z,AB, v& &moBeydij 6m1:
- Ra - Rg _ M- Ry

a B Y

lov: o+ vk wy) (o +
1
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204. Eqv ¢ yyeypaupévos kUkAos els Tpiywvov ABI pdmrreTon Tév mhevpdv Bl TA, AB
dvTigToiyws els Ta onpeia A,, B,, I, va UmoroyioBolv T& TpfuaTa AA,, BB, T, ouwapTice
TGV TAEUp@®Y ToU Tprywvou ABT.

To a¥td, &v t& A, B,, I', elvar dvTioTolyws T& onueia dragfis TOV Tapeyyeypaupévey ku-
KAwv ToU Tprywvou ABT. ("Ymodei§is : Kapete xpfiow Tiis oxéoews Tou Stewart).

40. 'EpBadov tpiyovov ovvaptioel t@v mhevpdv tov kei tiig dxtiveg p
tob Eyyeypappévov Kvkhov.

’Eqv | elven T kévtpov ToU &y yeypauptvou kikhou els T Tplycvov ABT
kal dxBolv ol |A, IB, IT, 8& Eyowpey :

E = (IBI") + (ITA) + (IAB)

1 1 =1
= 2 PRy
1 1
= PR y) dp= - - 2rhip=Tp
"Qoe : E=r1p )
235

AnAcd7: To éuPadov navidog tprydvov icobtar npdg to Yivopevov Tiig fpnept-
pETPOL TOL Emi TRV axktiva Tob EYYEYPAppEVOL KUK OV,

‘Yroloyiopog tiig p. 'Ex ToU TUmou (1) AauBdvope :
E VTia— =P (T—Y) =V(T—0)(T—B)(T—Y)

ST o T

p=

p:v(r—u)(t—ﬁ)(r—n @)

T

41 . EpuPadov tpry®@vov cvvaptiicel 1@V nhevpdy Kal 1@V aKtivov py, po, pg.
*Eqv &yBouv oi I'A, I'B, I'T, B& Exoopev :
E = (I'TA) + (I'AB) — (I'BI")

1 1 1
= 5 Rt APl = i SR

= 5 BHy—Dp=g Aty

=(T—a)p,
kol 81 kukAixfis evahAaydis, 0& elven :

E=(t—a)p, = (t—B)p, = (t—1)ps @

Zx. 36
*Ex tédv TUTreov (1) kai Tol TUtou E = Tp, Aaupdvopev :
E! =7 (t—a) (T—PB) (T—Y) pPiP2Ps = E*ppiPepsy,

2 ol : E=Vpp,p:ps @
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“Yroloyiopos t@v py, Py Pa. Ex TV TUTev (1) eUkdhess ebpioxopev Tobs TUTTOUS !

tt-PE-7 [t—N(E—a) [tt—a) (=B 3
e = Sl e Tl = i
AIKHEZEIZ

205. Eis tpiywvov ABMeivan: a =13, p= 14, y = 15. N&Umohoyiobij f) p.

206. Eis Tpiywvov ABI elvai: a= 17, p= 10, y = 21. N& Umohoyioboiv al dxtives
P Par Pa:

207. Els Tpiyewvoy ABT elvan: E = 96, p, = 8, po = 12, py = 24. N& YrohoyioBouv ol
TAeupal @, B, Y ToU Tprycovoy TOUTOU.

208. Eis mwév Tpiycvov ABI v &moSerybfj &71:

1. By+ ya+ ap =1+ o'+ 4Rp 14 lﬁ_l__*_l el oyl
2. a4 P yﬂz 212 — 2ot — 8Rp BT Uy vl e
3 P+ P + P =T 15,i2+i+}_+iz
4. By = pps + Py el e
5, e e e
iR St s
7. (prt o) (P +pa) (pa + Pa) = fRTz 3 i _ZF_’_'{PS,: e e
8. (p—p) (p—p) (pa—p) = 4Rp? Pz =+ P
9. mtptp=4R+p 7 u1=zp¢,uz:...,ua=...
10. at+p+y+p +p +p =16RP Faet
1 H a 18 U2+U=;U3+U1+U'+"’iﬁ6
11, alppitpaps) =P (ppstpapr) =¥ (PPatPaP2) : b Ps L
= P Y p-— —a a—p
2! = Shich ‘ =
pilpe T pa) Pt PO Palprt po) = T P2 i Ps 2
1 1 +
i3 ko SRS ik, July il SR 20. (1+£¢1)(°_+u =
Pr P Pz B Y Yy Y P1 P2 P17 P27 P
209. Eis mav dpfoydviov Tpiywvov ABI vé &mobeiydij 6T :
L a+tP+y=ptptprteo 20 8at Rt = ot p paatsiol
210. Eis Tpiywvov ABI va &modeiyBoiv al loobuvapio :
W I o, e PPy = PaPs
a<p:+ o Pesy Py =&
A=090" <= Popa = E
ppy > Pep 4 B2 v — 8R?
A>90u{4=> it o s L
a> P2t Py PL=pP:TPs TP
211. Eis w&v Tpiywvov ABI va &dmodeiydi 611
1 ap, — Bp. = ypa = 21 2R —p) 3@+ (p-pl=4RGE—p)
2. op, + Ppy + yipe = 412 (R —p) 4. a=2Ypp;, P=2TVep. v =2 /Yep
S ope S Pistl)iFRI S B aD-Ea i e (p:—pa)
pi—p Pt P Pzt P2 E=V
o Ezp_gl(oﬁpa):pp“vplfp \/411*&1"53
a = Ve =P p:—p
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Bilacn tths cagh SRS of e i

212. Eis Tpiywvov ABI va &moderyfolv al lgoduvapia :

L. P=vy = of=4pp, 2. a=P=y = o =4pp
213. 'Eav I, I, I, I elvon T& KEVTpa TV KUKAWY, byyeypappévou Kal TOpPEY YEY PappEveV
els Tpiywvov ABI, va &mobeiy6f) 671 :
A T—it_g),l 5. a- A4+ BB+ y.TlE= ofy,
i 6. IA-IB- Il = 4RpY,
2. A= _—T_py, 7. A .I'B.IT = 4Rpt,
—a
5 8. M. 11" . = 16R3,
3. "= oy 9. = 4R
TE—a . = 4R (p, —p),
4. Al = py—4Rp, 10. 1”12 = 4R (p, + py).

214.'E&qv H, O, K, M elven 16 dpBdkevtpov Tprycovou ABT, T KEVTPOV TOU TTEPIYEYpOaUpEVOY
KUKAOU, TO kévTpov Bdpous kal TUXOV anpelov Tol EmiméBou ToU Tprydvou, v &roderybij &ti:

P S(B + yi—at)
I HA =

2. HA 4+ p, = HB + p, = HI + p;, &v ABT &fuydviov
3. HA® + HB® + HI® = 12R* — (a® + p? + ¥%), 4. OH?=9R*— (a® + P + y2),

, & A< 908 kal HA:L‘“‘!E"Y”, av A> 90

5. OKe = Ri— (@t + Bt yD), 6. HKE=4R?—4 (o2 4+ Pt y3),
7. MAt4 MB*+ MIt = 3MK: 4 o (of + Bt £ ),
8. MA® .+ MB: + M2 — 3MK 4+ KA? 4+ KB! 4 KI,
9. KA® 4 KB? + KI* — % (o + B + y1).

215. ’E&v A, E, Z eivan TuyxévTa onueia émi Tév mAeupév BIN, [A, AB &vTioTolyws ToU Tpi-
yovou ABT, va amodeiydij &t :

(AEZ) _ (AZ)- (BA)- (TE) + (AE) - (TA) (BZ)

(ABT) — apy i
216. "Edv o xal 04 elvon 7& EuPaba v Tprydvewy, T dimoia fxouy kopugds T& onuela éma-
iis TV KUKAwY £y yeypappivou kol Trapeyyeypauuévou els ThY ywviaw A Tpiydvou ABT, va &mo-
Sey6ij oTi:
P

l. o=——-E kad 2. o=

P1
2R E

2RI

217. Eqv A, M, N kal A}, M,, N, elvan 1& onueia ETagfis Tou éyyeypapuévou Kal TGV Ta-
pEYYEY pappéveoy kUKAwY els Tpiywvov ABI peta Tév mhAsupddv BI, TA, AB Ttprycovou ABI, vi
amodeixff) éTi: (AMN) = (A;M,N;).

AZIOZHMEIQTOI MEQMETPIKOI TOTOI

42. TIPOBAHMA I.— Aidctan £000ypoppov tpfipe AB=a otabepov Oicer kai
pey£ler, kai Cnteitan 6 yeop. tomog t@v onpeiov M tod Emirédov, Sra ta omoia
loyvet 1) oyéoig @

p - MA2 4 v . MB2 =k? 1)

Evla p, v, d00ivteg apibpol kai k 6002v £00. tpufjpa, p, ve N
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*Avaluetg : “Eotw AB = o T Softv eUf. Tufipa kal M TS onueiov ToU &mi-
wEdou, ToloUTOV COOTE :

u- MAZLy. MB2= k2. (2)
"Emi ToU TpnpaTos AB Spifopev onueiov [, eis Tpomov coTE :
AR TEREN A IO
W R e T
v PA=- "0 | Bt
w—+v -+ v

*Ayousv Thv M, kal katd T6 Sewpnuc Tou
Stewart (§ 38), 6c &xwpev :
MA?.TB+MB2 . TA=«a-M2+a.TA .- TB
av av ap

=a - M2+ a. :

M4V BtV H4v

&€ ol '™ = ey Vi + v) — a®pv. 3)

AUtn 8nAol 811 T M keitan éml kUkAou kévtpou [N kal dxTivos M. (TTés
8a kataokeuaowpey TO TuTjpa M; ).

.

Eow K2 (p4+v)—ctuv =0 f =1 = , UmapyEl & kUkhos (IN,ITM).

MtV
’Aviiotpogos @ "EaTe N Tuydv onueiov Tou kikiou (I, TM). Katd 10 fecd-
pnua Tou Stewart Oa elvon :
p-NA24 v . NB2 = (p+v) - N2+ (u+v) - TA . B =
ey k2(p + v) —a’py aZuv =
— ; Bl SRR e el TR0
) (h+v)

— (u+v)rme il o
(k+v) e (n + v)? H—v
"Qorte: O {nrovpevog yewp., tomog slivar 6 wiwhog (I, M), '

Inp: Ad p=v, dvaydpeda els yvwoTtov témov (&ok. 185 — 1).

43, IIPOBAHMA IL.— Aidetar €00, tpufjpa AB=—u ctebepov Dicer kai peyéler,
kai {nreitan 0 yeop. 1onog tdv onpeioy M tol éminédov, dia ta omola loyver 1) igo-
g

p- MA:—v . MB® = k2, (@) E
Evla p, v 600&vreg aplpoi kol k dcdopévov
evl. tuijpa, p, ve N.

"Avaivorg : "Emi Tis TposkTaoEws Tou
Tunuatos AB = o, OpiCopev anpeiov O,

WOTE :

Ch _GF Dh=0l Wl st oha i B e i
v M vV— i V=L Vi Kl
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"Ex ToU Tprycovou MOA, katd T Becpnua ToU Stewarl, B Excopey
OM2 . a+ MA®. OB=0A - MB2-+- OA - « - OB

A @Yo MAs. S5 - O Sypesc ey o b
V—u v—y vV—u V—u

5 oMz — u - MA2—v . MB2 . o@uuq: k? e oy

H—v (w—v): p—v  (u—v)?
T 1 e e
g€ ol : OM = ﬁwu —v) K2+ aZpy, 2
7 omoia 8nAol 611 1o M KeiTan émrl ToU kUkAou (O, OM).

G v —

BEav (B—v) k2+ v =0 A = - W}{' 6 ToTOS UTTGPYEL.

i
’Aviictpogms : "EaTw N Tuydv onusiov Tol kikiou (O, OM). Kot 76 Beco-
prua Tou Stewart 8& éywpuey :
ON2 . a-+ NA2. OB=0OA -NB2-- OA . o« - OB

@MED G- AT S S A Y g e
v— vV—u V=i V—p
6ol : p - NA2—v . NB2= k2

“Qote: "0 {nrodpevog yemp. toénog o0 M givar 6 kiklog (O, OM).

s

AZKHZIZ
218. Aideton kUkAos Biapétpou AOB «ai InTeitan v eUpebfi 6 yewp. TémOS TGV ON-
ueiwov M, els TpdTov oTe, tav al MA kal MB téuvouv Tov xkikhov (O) els T& onuela [ kad

A, va EY WOUEV GVTOTE
——=k kER, & QAPOPQS TOU W Sevo
M MA ( H £ §)

OEQPHMATA TOY TTTOAEMAIOY

44, A" GEQPHMA TOY IITOAEMAIOY (!).—"Edv kuptov tetpankevpov &i-
vou dvyeypappévov cic kdklov, T0 yvopevov t@y Soyovioy tov icodtal mpog o
d0potope TV yvopivey OV GrEvavil mhev-
paV TOL.

'An6dsiis : "EoTtwoay AB=«a, BlM= B,
FA=vy, AA=58, BA=x, Al =y & pkn
TGV TAsUp@V kal TGV Blaywvicy Tou kupTou
TeTpaTTAspoy, TO &rrolov elvan &y yeypappevoy

gl KUKAOV.
Mé mheupdy THv AB kad kopugnu To A
KOTAoKEUGLOUEY ThHv yoviow w, = @ £&KTos

(1) Mrorepuiog (Kiou

og). Awaanuog "Erkny @otpovopos,

a«MuOnuunxkn Eovi

My axivatoy kal gpaipieny, 1ov it

. Tuviypuwev £riong £rincdov Kai ooal
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ToU TeTpaTrAeUpou kewpbvny. ‘H ETépa TAeupd a¥Tiis Téuver Thv B els 7o E,
1o dMAws B fito w,= < ABM=w, &mep &romov. ©& elven 9= 4 AAT.
“Apa T& Tplywva ABE kai ATA 6& slven Suoie, kad
a EB
= : =38 -EB 1
5 YJ g ol: ay=38" E @D)
Té& Tplywva AET ki ABA elvan Spoie, 81611 Exouv Tds &y yeypauuévas yovias
ATE kad AAB ioas kai Tds ywvias EAT, BAA foas, 816T1:
< EAT = w, + BAI' = w + BAl' = BAA.
“Apa Er =3, gov: xy=s. kL @
‘Ex Tév (2) kad (1) AapBdvopey :
xy—oy=8-E(-8.EB=5. (ET—EB)=35 .- p

“Ofev : |7 Xy = ay 4 pé (&)

45. OEQPHMA.—"Edv xvptov tetpanhevpov dév eivan &yyeypappévov eig
KOKLOV, 10 yivopevov @V Sraywviny tou slvar pikpétepov 1ol abpoicpatog tdv yi-
vopévey TdV anivavil Thevpdv Tov Kal peyakdtepov tiig Stapopds TV yivopévov
T00TOV.

"Anéderfig : "Eoteo ABIA Ev kupTov TeTpd-
TAeUpov pny Eyyeypappévov eis kUkAov. ME TrAeu-
pav Thv AB xaTaokeudlopsv TO Tpiywvov ABE,
EkTOS ToU TeTparAeUpou kelpevov, oUTws dhoTe:

w;=w xal @;=¢. "Apx < AEB= <« ATA.

"Ayouev Thv El. T& Tpiywva AEB kai ATA
elvar Spola, kal Ba Eycopev :

EBR ot NEA ay

e e et v: EB=—"_
EX 40 Y 5 y ’ E‘E ov 6 (1)
Emeidh B¢ L EAT = o, + BAM = w4+ BAT — £ BAA kai =0 % &

x
Tplywva AEF kai ABA elvon duoia. *Apa
BB e Xy

- = &€ ol : EI“:—S—. (2)

To onueiov E Btv keiton émri Tfis [B. A1dT1, &&v ExerTo &mri Tfis ['B, & eiyopev :
¢+ ABT = 180° # ¢+ ABI = 1809
kai 0 TeTpdmAcupoy ABMA 8 fito dyypéyipov, omep &roTrov.
"Ex ToU Tprycovou EBI 6 Eycopey

|EB—BF| < EM < EB+ Bl 7 .C:B—Y—Bi<—§g<%—l—ﬁ.

¢€ oU: fay — B8 | < xy < ay + Pd (3)
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46. ANTIZETPOD®ON OEQPHMA TOY ITOAEMAIOY.—'Edv kuprob te-
TPATLEDPOL TO YLVOHEVOY THOV SLaymvimy tov igolitar mpog tH dlportape thv yivops-
VOV TOV anévavilt TAeupdy Tov, 1o0To sival Eypayipov £ig KDKLov.

'Anodeilig ¢ TTpdyuaty, €av 16 TeTpamAevpoy BtV elval Eyypdyipor, Bk
loyuouv al oyéoers :

|y — B8 | < xy < ay -+ B8,
émep &romrov, S10T1 £§ UTroBéoews slvan xy = ay -+ PB.

47. OEQPHMA ANTIZTPO®ON TOY 45.— Eav 10 yIvopevoy tHv dueyo-
viov kKuptod tetpaniepov mEpLEXETol PETuEl TS SLuQopds TMV YLVOPEVOY THV
anévavit mievp®dv kKol tob alpolopatos tov, TolUto o6&v elval Eyypaynpov &ig
KUKAOV.

*AnodaiEls. A1dTi, &wv fiTo dyypdyipov B eiyouev xy = oy + B8, émep
&totrov, 816TL: | oy — P8 | < xy << ay | P& &€ Umobiosws.

48. B OEQPHMA TOY IITOAEMAIOY.—Eav kuptov tetpamhevpov sival
gyyeypappivov elg KUKLov, 0 hoyog T@V dayovimy tov leodtul mpog tov Loyov thv
abporspatov t@v yivopivov 1dv Thevpdy, ai orolur Kutuliyouy £l 1a dkpa oV,

*Anodeiilg ;. 'Ex Tou oynpoaros 41 Exopev :
(ABIA) = (ABrA)

i (ABA) -+ (BrA) — (ATA) -+ (ABI)
A 4R(ABA) 4 4R(BFA) = 4R(ATA) + 4R(ABI)
fi adx + Pyx = apy | ydy
f (& +By)x =(ap +¥B) Y,
€ oU : Kl afi 519,
y ad-Py

Aviiotpopos @ "Eav ioyon i (4), 10 tetpanhevpov sivar £yypayipoy. :
Inpeimorg : 'Ex Tév oytoswv ToU TItohepaiov, B1& TTOAAGTIACCITHOU
ToUTwV KaTd PEAN T Blapéoseos kaTd péAn, ebpiorouey Tas Siaywvious.
@A) ©p 1 v_(_w - 49 (63 pn)
ud | Py af + 78
guvapTnosl T&Y TAsupdy «, B, Y, B Tol TeTpammAEUpoy EyyEypappévoy el K-
KAOV.

X —

AZKHZEIZ

219. M Thv Ponfeicy ToU BecoprjuaTos ToU MroAepaiou va dmobeifnTe 76 Bewpnua ToU
Mubcrypou. 3
220. N& Umohoyiodij # Siaydvios oookerols Tpamelioy GUVAPTIOE TGV TIAEUpEV TOU.
221. ’lodmheupov Tpiywvoy ABI elvan by yeypauptvov els kukhov O. 'Eav M elvan 'T'U)((E)V on-
ueiov ToU pikpoTépou TOEoU BI, f| 88 MA Tépver Ty BI €ls 6 gnueiov A, va drroderydij 6T1:
1 1

1
lov: MA = MB -+ Ml kal 20v : wE = wE T e
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222. "Emi SoBévtos kixkhou (O, R) &iSovtan T& onueia A, B, . N& UmoAoyiodfj 16 ufjkos
Tfs Xopdfis BI' ouvapTioe Tév xopddv AB = «, Al = B kal Tfjs dxTivos R (800 mepimrrdoeis)
(MpoPinpa t@v TPAY YopddV).

223. N& Umohoyofi) 1) axtis R ToU mepryeypaupévou kUKAOU Trepl KUPTOV TETp&TTAEUpOV
ABFA ouvapTiioe T6v TAeupdv Tou a, B, ¥, 5.

224. No& Umohoyio6f) 1o éuPaBov kupTol TeTpamAedpou Eyyeypappévou els kUKAov, ouvap-
THoE TGV TAEUPGY ToU.

225. Kuptov Tetpamieupov ABIA sivan ouyyxpdves Eyypdyiuov els kUkAov kal Teptypluyi-
pov eis kixAov. Na UoAoy1o8ij Té EnBadov Tou cuvapTrioer TGV TTAEUP&Y TOU.

226. Tpiywvov ABT dpfoycoviov sis T6 A, Exel kaBéTous TtAeupds P kai y. *Eml Tijs Bl kara-
oxeudbope igookehes dpboywviov Tpiywvov kopugfis O. N& UmoAoyichij 9 dmdoTaais OA cuvap-
TNoe T@v B kal y.

227. AiSeton loomheupov Tpiywvov ABL kai {nteltan & yewp. TéTos TGV onueiwv M 1ol
¢miméBou Tou, Bi1d T bmoia loybouv ai fgdTnTes :

1) MA = MB+ M, 2) MB = MA + M, 3) MI= MA + MB.
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KE®PAANAION V

KANONIKA EYOYIrPAMMA XIXHMATA

FENIKOTHTEZ

49. "Opiopoc.— Kavovikdv mrokdymvov héyeton £keivo, to omolov eivar icomhey-
pov kai icoydviov.

Ot T& TeTpaywva kal T& iodmAeupa Tpiywovea glvar kavovikd ToAIYwva.

Mio te0hoopévn ypappmn 8 kakfjitar kavovikil, dv ricar ai thevpai g elvan
ioa kai ndco ai yovia g ica npog airilag.

Eis v mepimTtwo TtadTny, &madh To émimedov éml ToU omolov fpyald-
peba elvar TpocavaToAicpévoy, Suo Biadoyikal yowvial ToUuTns KelVTal Tpods TO
aUTO PEPOS TOU ETITEBOU s Trpds THv Kowmny TAsupdy TV ywvIE ToUTwY.
‘Edv v elvan & &pifpos Tév TAeupddv fvds kavovikoU ToAUycvou, TOTE f) Tiph
Ek&oTNS yeovias adtou §{deTan Utrd ToU TUTTOU :

IAIOTHTEZ KANONIKQN TTOAYTQNQN

50. GEQPHMA I.— ’Eav x0khog elvan Sinpnuévog eig v ica pépn, 10t 1d o1)-
peia tiig Srarpéoewmg eivar Kopu@ai kavovikoD moivydvov Kai T Tpfpate OV
tpantopévay eig ta onpeia tiig Srarpéocng elvar Thgvpai £vog dAlov Kavovikod mo-
Avydvouv mepryeypappfvov nepl TOV KUKAOV.

lov : Eotw 611 & kUKAos (O) elven Sinpnuévos €is
€ foa ToEa B1& &V onueicov A, B, I, A, E, Z. Al TAev-
pad ToU TroAuyovou ABITAEZ elven xopdal iowv TéEwv.
AnAadt) 64 elvan kad :

AB =Bl =TA = AE = EZ =7ZA.

Etre1dn) 8¢ elvan kad AT Py e f,
&5 Eyyeypaupévar els TOV aTov kUkAov, Paivouoar el
6—2 =4 ioa T6Eq, EmeTon 811 TS ToAUywvov ABIA
EZ elvan kavovikov.

2ov: Al éparrtopevan els TG onpeia THS Braipe-
oews A, B,. .., Z 7ol kikhou (O) Opifouv T& onueia A, By, [, 4y, By, Zy, O
Smoia elvan kopugad Evds &Mou TroAuydvou A,B;MAEZ;. T Tpiywva AAB,
B,Bly,. .., Z,AZ elvan ioookeAd kad Tog, ¢ Exovta Tas péoeis Twv AB, BT, . .,
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ZA foas kol Tés pookelpbvas els aUTas ywvias ioas, kafdoov TO péTpov €ka-
oTns iooUTal Tpds TO oY ToU péTpoy éxdoTou TOV Towv 16wy AB, Bl ...,
ZA. Kat’ dxolouBicy :

AB, = Blrl =14 = BAE, = EZ, = Z,A,
s &poiouaTa fowy TunpdTwy. "Apa TO TTOAUY VOV AB,MAEZ, elvan xavovi-
xov, ‘Opoics dmoSeikvietan T& ecopnua, dTav & kUkAos Bionpedf) els v loa pepm.

Inusioog : Ta dvotépe ToAlywva ABITAEZ xal AB, A EZ, kahoUvTal
avtictolya kol TO pEv TTp@TOV KoAETTal EYYEYPAMPEVOV el TOV rUkAov (O), TO
8¢ Beitepov  mepryeypappévoy els TOV aTOV KUKAOV.

51. OEQPHMA II.— I1av kavovikdv mordymvov eival Eyypayipov Kai mepi-
ypaypov gig kixhov.

lov: “EoTeo ABTAEZ T kavovikéy mroAUycwvov kal O f) Topr) TGV pegoka-
BT TV Theupddv AB, BTN aitol. Tote Oa elven

O — OB —GI.

"Apa & xUkAos (O, OA) ba BiepynTat kai &wd
& onueia B kad . Td tpiywva OAB kai OBT ei-
van foa, 65 ExovTa TaS TAEUPSs Twy Toas piav
Tpds picv. "Apa w; = w = ¢ = ¢;. 'Emaldn 8

evorkai B = T'\, greTan 6T1 w= 0. Ta Tpiywva
OlA, OAB Eyouv T&s Aeupas O = 0B, TA=BA
kol @ =o. "Apa elval foo, omoTe 8 elvan kai
OA = QA. Zuvetrdds o kuxkAos (O, OA) SigpyeTan
Ix. 43 kal &mo THv kopupnv A. ‘Opoiws &mrodeikvieTal
811 & kUkAos oUTos SiépyeTanl Kal &wd Tas GAAGS
kopupds E kai Z. Elvar &pa 1o mohlUywvov ABIFAEZ éyypdyiuov els kUxAov.
20v: ’Emaidn «f yopdai AB, BlN,..., ZA clvai foai, ai &mooTdoels altév
&mo 10 kévTpov O B elvan Toar. AnAadn : OH = Ol = ... ‘Emopévws of Asupai
AB, BT, .. ., ZA 6& tpdmrrwvTtar Tou kikhou (O, OH).
"Eqv 5 xavovikoy oAUy wvov Exn v TAeUpds, 1) &rodeifis yivetal eUkdAws
S Tfis Mad. *Emerywyiis.

52. 'Opopoi. To kowdy kévtpov ToU Teprysypappévou Kal &yyeypaupévou kUkAou €5 TO
Kavovikdy TOAUYcovoy KaAEiTal KEVIPOV ToU TOAUY VO ToUTou.

Al &xctives Tol Trepiyey pappévou kUkAoU kaAOUVTAL AKTIVEG TOU KavovikoU oAUy dvou Kol f
4T Tags Tou kévtpoy Tol kUkAou (O) &md THv TAsupdv AB kaAsiTan @nocTNG TOU TOAUY -
vou.

O0rw, T& Tupetra OA, OB, . . ., OZ elvan af dxives kai 16 Tufjua OH elvan 16 &méoTnpa ToU
moluycvou ABIAEZ (kavovikou).

H yovia AOB kaheitan kevepikt} yowvia ToU kxavovikol ToAuydvou ABIAEZ.

"Av TO Kavovikoy TOAywvov éxn v TAeupds, TO PETpoV THis KevTpikijs yeovias u abrou elvan :

q ;
u, = = opffis ywvias.
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O0Tws, f) ywvia A; Tou kevovikod ékTaywvou elvan :
4 1 1

4
Ap=2—— =2— 4 = 2— > =1 5 bbfis = 135°.

kal 1] kevTpIkn ywvia ug aUTou elvar u, = % = %6;;81‘1; = 450,

AZKHZEIZ

228. N& karaptionTte wivaka tupaivovta 16 pétpov ExdoTns ywvias kal 16 pétpov Tijs Kev-
Tpixfis ywvias ék&oTou T@V dxoAoUfwv xavovik@yv ToAvywvwy @ lgomAelpou Tprydvoy, TETpa-
yovou, TevTaywvoy, Efaywvou, dkTaydvou, Sekaywrou, Swlekaywvou kal SexamevTaydvou.

229, Tloiov elvar T Kavovikdy ToAUywvov, Tol dmolou # kevTpikd ywvia elval % TS

8pbiis yovlas ;

230. TToiov elvatr 16 xavovikdy ToAUywvovy, Tou émofou pla ywvia elvar 1659 ;

231. ’E&v xawvovikdv ToAUywvov Exn mAelovas Tév Tegodpwv mAeuplv, ékdoTn ywvia
aUtoU elven &pPAcia.

232. N& &moBerydij 6T al dxtives KavovikoU moluydivou Sixotouolv Tés yovlas altol
&uTioTolY WS,

233. To TaTwpa tvds dwuaTiou EoTpfn S1& TAGKDY EXOUTHEY OXMMATA KAVOVIKEY TTOAU-
yvov, &dpiBpol TAsUp&Y GvTioToiyxws A, W, v. N& drodex8i) 611 :

53, GEQPHMA III.— °Eav 800 kavovikd mohbyova Exovv 10 abrd mhijdog
mhevpdy, slvar dpowe (ut Tuyoloav duTioToryiav kopupdv). ‘O 8F Aoyes iig
opor6TnTog adtdv icobtar mpdg Tov Adyov @V axtivay tev ko npdg OV hoyov
1®dV anocTNuaToOV avidv.

lov: “EoTtw &T1 T& kowvovikd ToAUywve ABIAEZ wal A B, AEZ) Exouv
6 aUTd TATiBos TrAEUp&Y, Tr.X. E§
TAeupds. O& elvan :

4 B
Kkad
) 8
A=B,—.. . =Z,—2—— 3 ?cpﬁ
“Apx
A=A BB, 227,
"Emreidf) 88 AB=Bl = ... =ZA kad A;B, =B, = ... = Z,A;, EmeTan ;
Mg B P
T R O T 7

*Apa T& Kavovikd TaUTa ToAUywva elvat Spoia.
"Av &xBoUv of dxtives OA, OB, kal O,A,, 0,B, kafds kal T& dmooTAMaTA
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OH, O,H,, & Tév dpoiwv Tpiydvey OAB, O,A.B, &g’ tves, kaxd OHA, O H,A,

&’ Erépou, Exouev :
i ARG G
s AB T OA TR

‘H oty dmoédeifis kal &v Té& TroAlywva Exouv v TAEUPSS.

54. TIOPIZMA.— 'Eav Kuptév kavovikdv mordywvov elvar Eyyeypappévoy tig
KkOKkLov Kai B0y Eoantopevar tob Kikhov mapahinhor mpdg Tag whsvpas Tob £y-
yeypuppévoy, aynpatifetar £TEpoV KavoVIKOV TOADY@VOV TEPLYEYPUPPEVOV TEPL TOV
kokhov Kai dpowov mpdg 10 Eyyeypappévov.

*Apkel var dyBoly af dxtives ToU &yyeypappévou, af émoten 8& SiEABouy &mod
Tés GQUTIOTOIYOUS KOPUPAS TOU TTERIYEYPOPUEVOU KATT.

AZKHZEIZ

: o ; : 2 ; 3 Houn
234. ‘O Adyos TGV &mooTnudTwy SUo Kavovikidy SKToarywvewy elvat = .Totos elval & Ad-

yo5 TGV &kTivewy Tev Kal Toios & T&V EuPadidv Twy
235. To &Bpoiopa TV &TOCTACEWY TUXOVTOSs onueiov fowTepikou SobévTos KOVOVIKOU
ToAvy@vou &To TV TAEUpQV alTou elval otabepdv.

55, IPOBAHMA I.— Na Onokoyie@i] 10 arootipa kai 10 énfadov kKavovikod
nokuydvov euvaptiieel Tijg mhevplds tov Kai tijg dxtivog Tol mepryeypappévon Ki-
Khov.

Aborg : "Eotw AB=A, 7 TAeupd kai OH= o, 7O &mwdoTnua kavovikoU
oAUy wvou &y yeypaupévou els kUkdov (O) dxTivos R, €xov-
Tos v &piBuov TAsup&V.

lov : *Ex ToU dpBoywviov Tprydvou OHA Exopev :

2 A 4R:—A]
\—/' 2 o0 :

e 2 2_R2 =
o= R2— AH?=R?— T a0

28y : "Emraidh) 1O kavovikdy moUywvoy Exel v dpiBudy TAsupdy, 8& &moTe-
Afiten 6o v foa Tplycove mpods 16 OAB. Edw E, elven 76 duPaddv ToU kav. TroAu-
Ydovou, TOTE :

ay:% Vape _ 22 (1)

EV:»H(OAB):U-?-?\V-CI.,:
S e Ve L e e g
Lk 2 v‘4 v - Ny
"Qoe E A Vape _ 32
v="g VA - V4RZ — )] (2)
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Inueiwoig : "Ev Tois drxooubors 8& wapioTduey §1& Tou R Thv dxTiva Tou Tepiyeypaupé-
vou KUKAou, B1& ToU Ay Thv TAeupay Kol B1& ToU ay TO &TOOTNUA TOU KaVOVIKOU TOAUYCOUOU.

56. IPOBAHMA IL— ’Ex tfig nhevpdc iy Kavovikod mohvy®dvov Eyyeypapé-
vou gig koxkov (O, R), va vmoloyio0ij 1| nhevpd kai 10 éufadov tob avricroirov
nspl'yzypapuévou Kavovikol moluy®vov.

Avoig ¢ ‘Eqv AB = A, elvan 1) heupd ToU gy yeypapuévou kal AjB = %
f| ToU &uTioToiXou Teplyeypappévoy, Emadn (§ 53)
T& ToAUywvx sival Suoia, §& Eycouey :

A O, TR
R -OFF G
RN TR L PR

ﬁ ?\v = = = ———————
—V4R:’ 2 V4Ri-%

.-
Vare 32 Ex. 46

2ov: ’E&v E. elvat TO Eupadov T0U Trepryeypanpévou kai E, ToU éyyeypap-
pévou, TOTE :
E, OHj R ; Bt o

1B\ @RS s - 1 * b  Vam

57. IPOBAHMA III.— ’Ek tfig nhevpic X, kai tijc dxrivog R xavovikod no-
Loy@vou va drokoyiodi] f| nhevpd ko, tob gl Tov adrdy wbxkev Eyyeypappévon Ku-
vovikoU moivyd®vov, t0 orolov Ezel Sinhaciov GmBuov nhevpdv.

& Aborg: 'Edv AB = A, lven 1y wAeupd ToU Eyye-
i ypouévou kavovikol TroAuydvou, Tol ExovTos v dpi-
Buov heupddy, kol T elvar 16 péoov Tou Tofou ATB,
T6Te 1) xopdn Al = Az, O&elvon ) mheupa Ewds &AAou
KQVOVIKOU TIOAUY VU £y yEy pappévou els Tov aUTov Ku-
KAov kal ExovTos SITAdTIov &pifudy Theupdv.

O& elvan :

HF = Of—OH= R—a‘me-—thl{-——?\' (1)

Ty. 47

7

&

i b APz TH= 2n( R G ) ORe_ R VaR—

"Ofev : A = J2R_RVaRT_ 22 (@)

Bil

Wnepromorr)Onke amé To lvotirouto EkmaiSeuTikng Mohmkrig



‘0 1imos olros opeidetan els Tév "EAAnva MaBnuaTikdv *Apyipadnv*.

58. TIPOBAHMA IV.— "Ex tfj¢ nhevplic Az, Kavovikod nolvy@voL Kai Tiig
axtivog R abrod va drokoyieO 1 nhevpd A, T £ic TOVadtov KOKLOY Eyyeypappévov
Kavovikod mokuy@vov kai Exovrog fipicy apiBudv mhevpdv.

Abois ¢ "Ek ToU oynuaTos ToU TPOTYOUHEVOU TIPOPBATLGTOS EXOUEY

AZ: =TZ2 - AT? =4R2— )}, #00: AZ = V4R:_2%,.
'Emeidn) 8¢: TZ - AH = AT - AZ § 2R‘%=A2v' V4Rr2 33,

. . Np VaR2 — Al
ETETCN OT1 ! A, = R e

‘0 lrmos olirog mpokUTTTer Kol ék ToU TUTTOU (2) Tol *ApyiurSous, &v AubT
oUTos s Tpos A, .

AZKHZEIS

*236. 'Ex Tfjs dxtivog R kal ToU dmogTipaTos ay Kavovikod ToAUywvou vé eUpedij 1) dxig
R, kal 76 dméoTnua a;v &Ahou kavovikol moAuydvou, Td drroiov Exet BimAdoiov dpi1Bpdy TTAEUpGY
Kol TNV alTv mepipeTpov. AnAadd

— 1
D ay= zi (R+a), 2) Ri=fR oy «a 3) R—au< Zz (R—av).

*237. *Eaw p elven f) mepipeTpos tvas KUpTOU KavovikoU TroAvywvou dxtivos R kal P 1) epl-
HETPOS TOU Suoiov Tepryeypappévoy, va Urohoyiofouv al TepiueTpor p, kad Py TGV kavovik@y kup-
TOV TOAVY@vwy, Eyyeypapuévou Kal TEPIYEYpaupévou els ToV alTdv kUkAov kel SimAaciou &pi-
BuoU TAsupéiv.

AnAadh va dmobeydi 671 :

2 1 1 - - 1
D e P 2D p=fPp xad 3 Pi-p< 5 (P-p)
EUxdhwos Bt dmoBemvletal &T1 xal P, —p, < % (P—p).

FPAGIKAI EQAPMOTA|

59. [IPOBAHMA I.— Eic 800évta kix)ov (O,R) va &yypaoi] tetpaymvov kai
va droloyieOii | thevpa tov cuvaptioet tfig R.

"Avaluaig : "Av AB = A, elvan §) TAeUp& ToU {nTou-

- Hévou TETPAYOVOU, TOTE @:ACB:-'—;— kal kaT’ &xoAou-
fiav of Siduetpor AOT, BOA 8& elven xéfetor,

LovBeors : "Ayopev 8Uo Biauétpous AOT kad BOA

kaféTous, dmdTE TO TeTpdmAsupov ABIA 84 elvon 1o in-
Tx. 48 ToUpevoy TeTpdywvov. Alati ;

* "Evevwnln elg tas Iupaxovoug tic Likeiias. Mbavds 8¢ Eomovdeoev elg 'AreEavdpewav. ‘O [Moropios,
& Tizos xai & Thotzapyos dvaoépouv xai éxBeralovy ta Epya tou. 'Evoveiln Oné Popaiou oipatidrov, kb’ dv
XPOvoV Noyokeito ué pnravixd xai palnpatixa npofinuuta. Tate hévetar 611 elne 1o repionuov : M7 pov toig
KUKLoug tipatte. "Hro mpwrdtunog el tag peBoSoug Tov xai ¢ dnodeifels 1@V Bewpmpdtwy tou. Elvar & péyi-
oto; v Madnuank@v tod Koouou.
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“Yrokoyiopde tiig nhevpds by 'Ex Tol dpBoycoviou tprydvou OAB Exopey :

AB: — OA? + 0Bt # X = R+ R® =2R%, €ol: |X=RVZ

60. MpoBrnpa I Eig doBivra xdkiov (O, R) va tyypaoil xavovikdy dkthywvov
xai va droloyiofi 1 mievpd Tov cuvaptiosr g R.

"Avaduoig s TAv BB = A, elvan f mAeupa ToU tyye-
ypeupévou TETPOY VoY els Tov kUkAov (O, R) xai A TO pé-
cov ToU TéEou BO, ToTE i opdn AB 8& elvan 1 TIAEUPA Aq
00 nTouptvou EyYEypaUUEVOU KAVOVIKOU SKTaYWVOU.

Tovleaic. Ak va dyypdywpey &ls kUxAov (O, R) xavovi-
xdv SxTaywvoy, Eyypdgouey TpGTOV TeTpdywvov xal Sa-
poupev T& TECTAPX TpokuTTovTa foa Tofa els BUo ioa uépm
xai kaTomY &yopev Tas GvTiToixous Xopbas T&v lgwv TOU-
Teov T6Ewv. To TrpokUTTTOV dktéywvoy ABFAEZHO eivan ka-
vovikov. AraTi;

“Yroroylopos tig mALUpas ke A& v = 4, i ToU TU-
mrou ToU “ApY1HNBOous, EXOUEV

rn=Yori—R Vari-» = Vori—Ry4R:_2r:=RV2-V2

"Qove: =R V2T

AZKHZIEIZ

238. N& Umohoyiodij 16 dméoTnua kol T tuPabov TeTparyovoy Eyyeypoppévou els KUKAOY
(0, R) ouvapTnoe! Tfis R.

239. N& rohoyiodfi 7o dméoTnua kal 10 EuPaBOV KAVOVIKOU OKTary VoY Eyyeypauuivou el
xUxhov (O, R) ouvaptioe Tfis R.

240. Tlepl GoBévTa kixhov (O, R) v& Teplypogf] TeTpdycovoy f Kkavovikoy OxTdywvoy Kol
v& Umrohoyiodij f wheupa kal TO EuPabov EKEOTOU TUVApPTHJE! TTiS dxtives R.

241, Mi TrAsupay Sobiv elBUypappoy Tufpa & V& kaTaokeuaoli Kavovikoy SkT&ywvoy Kal
&roAaUfuws vi Utrohoy1abij To Eupadov Tou SuvapTHoEl TOU a.

242, Kavovikdv oktéaywvov ABIFAEZHO elvat Eyyeypapuévov els kikhov (O, R). "Ayouev
1&g yopSas AT, E, EH, HA, ai &moian Tépvouy Tas TAEUpds ToU TeTpaydovou BAZO kel oxnua-
TiZeTon oUTw véOV KaUovIKOY OKT&ywvov. Né& Urrohoy1o8ij 1) TAEUpE, TO &TOOTNHA kal T tuPa-
BoV TOUTOU GUVApTTOE! Tiig AKTIVOS R.

61. IPOBAHMA III.— Eig do0bévta kbkhov (O,R) v Eyypaoi] KavovVikdv
Egaywvov. v

*Avaiveig : ‘Edv AB= A, elvaa ) TAeupd ToU In-
ToUpEVOU KoWOVIKCU E§arydovou, TOTE 1 KEVTPIKT) yoo-

via AAB = % xad kot drohoudiav TO Tpiywvov OAB
B slven fodmheupov. Anhadi :

AB = OA =0B =R.

Tovbeoic : Al vér byypdyoouey kavovikoy E§yc-
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vov els kUxhov (O, R), AapPdvopey EE SiaBoyixds Yopdas ioas pds THY dxTiva R.
To ABFAEZ elvan kavovikdw. Ateti ;

"Ek Té@v dvwoTépw EmreTan 6T As =R

62. IPOBAHMA 1V.— Eig d00évia kikhov (O,R) va Zyypuoij icén)cupov
tpiyu)vo.v Kai va droloyioBij 1| nhevpd tov cuvaptiee tig R.

Abewg : Els 10 oyfjua ToU mponyoupévou TpoPAfpaTos dyouey Tds xopSds
AT, TE, EA. Té tplywvov ATE elven fodmheupov. Alari ;

‘Yroloyiopos tijg nheupis k,. 'Ex Tol dpfoycoviou Tprydwou ABE Exopev :

A = AE? = BE*— AB? = 4R? — R* = 3R?, & o0 M=RJ3

AZKHSENZ

243. N& Umodoyioffi 76 dméoTnua kal T6 EuPabdy kavovikold E£aycvou Eyyeypapuévou
els kikdov (O, R) ouveptrioe s drivos R.

244, N& Ummodoyio6i} 16 dméoTnua kal 16 EpPabdv loomAelpou Tprywvou Eyyeypaupuévou
els kikhav (O, R) ouvapTiioer Tfis drrivos R.

245. Tlepi GoBévra kihov (O, R) v mreprypagi kavovikoy taycwvov 7| lodmAeupov Tplyw-
vov Kai vax UroAoy1o8fj f Thevpd Kal TO tuPoadov txdoTou ouvapTnoE Tiis dkTivos R.

246. Na ouykpiolv T& éupads E, kal E, icoTrAeUpou Tprydvou Eyyeypappéveov gls kUkAov
(O, R) kaBis kel T& 2upade Er kad E, Téow &vTioToiX WV TEptyeypappéveoy Tepl TOV KikAov
ToUTOV.

247. M mheupdy Bofiv ed80ypappov Tufipa & va kaTaokevaodl] kavovikov é&ywvov i lod-
TAgUpov Tpiywvov.

248. Eis kavovikév dycwvov ABFAEZ &yopey Téoas Tég Sixywvious Tou. Né& &moberydi
o1 alman axnuarifouy kavovikdy é&ywvov. N& Urodoyio8ij 1) mAeup& Tou, T6 ddoTnud Tou
kal 16 éuPadév Tou guvapTrcel Tfis TAeupds R Tol apyIKoU.

249. Eis Sobévta kukhov (O, R) v& Eyypepil kol va Tepiypagii kavovikéy Swdekdywyov
xal va 'rodoy 1087 # TAeUpd Kal T éuPadov tkdoTou ouvapThoer Tijs &kTivos R.

63. [IPOBAHMA V.— Eic 500évta kbxhov (O,R) va éyypagpi kavovikév Seka-
Yovov kal va droloyioBfj | mhevpd tov suvapril-
oel tig aktivog R.

’Avalvolg : "EoTew TO TdEov AB elven T 5é-
Karov ToU kUxAou. TéTe 1) yopSn AB 8 elvan 1
TAEUPG ToU {NTOUREVOU KavoviKoU Sekarycavou.

‘H kevtpikf) yovia AOB =1—{é—:—? opf.

"Apa EkdoTn TGV ywwdv A kai B Tol TPIY -
vov CAB 6& elva :

l 3 20 e lady rl
A_BﬁT(Z opb. -—Hs—ope.)g?opens.
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*Ayopev THv Sixotopov BA Tiis yovias B ToU Tprycvou OAB. O& elvan :

w= = % 6p0. = ADB xal AAB = AOB ¢ — —g—ép6.+-§6p9.= % &pf. = A.

‘C8ev OA = AB = BA.
To Bewpnua T&Y SixoTdpwv 5ide :
OA Bl @ e
s o
‘H (1) 8nhol &11 16 A Biaupei THv drtiva OA €els péoov kol &kpov Adyov. 'E-
e1dn) 88 ONA = AB xal AB > AA, Emretan 611 1) TAeupd ToU els kUKAoY Eyyeypau-
pEVOU KawovikoU Bekaryddvou looUTtal Trpds TO peyadUTepov Tpfipa Tiis dktivos,
Braipebeions eis pécov Kal drkpov Adyov.

OA2=0A . AA )

ZovBeorg : Atcupoupey Trv dxTiva OA Tou SobévTos kukhou (O;R) eis ptoov
kal dkpov Adyov 81k Tou anpeiou A, KaTomiv AauPdvouey émi Tou kikhou Béka
BiaBoyikds xopdds AB=Bl'= ... = KA= OA, ifoas mpds 10 peychUTepoy TGV
TunuéTwy, eis & Binpedn 7 dxtis OA. To mpokUmTov Bekdywvov ABT . . . IK elva,
TpoQavds, TO INTOUPEVOV.

*Anoderllg 1 AUTn va yivn Umd 1OV padnTédv.

‘Yroloyiopdg tiig nhevpds Ay 'Edv Te0f OA = x, 7616 AA= R—x kal 1) (1) ylveton:

x*=R(R—-x) A x*+ Rx—R*=0, # o0: x:% (05 =1 =12y

Tiis &pvnTIKAS pifns dTroppiTopévns, cs &OAUTWS peifovos Tijs &kTivos R ToU BobévTos kikhou.

“Qoe: My = _IZE d5-1

64. TIPOBAHMA VI.— Eig 80@ivia xioklov (O,R) va éyypagi] xavovikdv
revi@yovoy Kol va dmoloyleBi] 1) mhevpa tov cuvvaptii-
el tijg axtivog R.

Aboic : AlcipoUpev TpéTov ToOV kKUKAov (O) els é-
ka foa T6Ea AB, BI,. .. IK, KA kad éryouev Tas xopBas
AT, TE, EH, HI, IA.

SynuaTideton oUtw TO Tevtdrywvov AlEHI, To
étroiov elvan kavovikov. Alati ;

‘Yroloyiopdg tiig mhevpls As “Ex ToU TUTOU Tou 'Apyi-
unbous, S1&d v =5, Eyopev:

Ao= [2Re—RVaR: A # % (V5-1) = |[2r*—R Vare -

R R 5
t€ o0 : 1!:%]/10_2\[5 xal &pa: U,S:T(VS-{—I)

B&oel Tou Tutou (1) THs (§ 55).
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AZKHZEIZ

250. Né Umohoyio8i 16 dmoornua kal T dpPaBov kavovikol Bekaydvou fyyeypantvov
els kUkhov (O, R) ouvaptnoer Tiis dxTivos R.

251. N& Urohoyiafij 16 uPaBov kavovikoU TevTaycvou Ey ey paupévou els kuKAoY (O,R)
ouvapThoer Tis dxTivos R.

252. Tlepi SoBtvra kikhov (O,R) va Teprypagfj Kavovikdy Sekdywvov f TevTdywvoy kal v&
Urrohoyiadfj T6 éuPabov ik&oTou ouvapTHTE TAS akTivos R.

253, N& dmroBeiydii 671 al Theupai A;, Ag, Ay GUVISTOUV dpBoydoviov Tpiywvov.

254. Eis xavovikdy TevT&ycovov Aeupds o &yopev 8o Biaywvious, al dwoial V& TERVOVTAL.
N& &mobeiy 87 61 altean TéuvovTan el pégov xai &xpov Adyov, Kai droAoubuws va Utrohoyiafolv T&
TRHaTA EKEOTNS GUVEPTTJEL TOU Q.

255, *Erri 18y mheuplv kavovikol Efaywrou TAeupds o xaraokeudlopey EEwTEPIKGS aUTou
TeTpdywvea. N& dmodeayi 671 al kopugal ToUTwy elvan kopugal Kavovixou SeSekaryovou, TOU
émoiou {nTeitar TO EuPabdv guVapTNTE TOU a.

256. 'Edw d&yfolv maoa af Siaydviol Kavovikol TEvTaywvou TAEUpds o, oynueatileTal S1&
s ToUfs Teov KavovIKdY TEVTEywvov, Tou dtoiou InTeiTan f) TAsupa Kal TO EpPaddv guvapThaEl
TOU o

257. Eis SoBévta kikhov (O, R) va éyypaei kavovikdy Sexaefcrywvov, elkoodywvov kal
eixooITEoTapdywvoy kal v UmoAoyicfolv of Thevpad Twv kal T EuPaBov Twy guvapTige THs
dxivos R.

258. M: mheupdy Bodiv elBUypaupov THANe v KaTookevaod Kavovikdy Sexdryvov kal
TEVTaywvo.

259. AiSeton Terpdywvov ABIA mAeupds a xad kévTpou O. MéxévTpa Tas kopugas kal &xTi-
va AQ yp&oouey TéEq, T& dToia Tépvouy Tas Theupds els dKT onueia, Ta omola elvar kopugpal
kavovixay dxTaycvoy, Tol dmolou EnTolvTan f| TAeupd kal TO EuPabov ouvapThioer ToU o

260. Eis Sofévta kixhov (O, R) éyopev SUo xabértous Brauétpous AOT kai BOA. Mt kév-
Tpov 16 péoov E Tijs OA kol dxTiva EB ypégopev kUkAov, & dmoios Tépver THy OF el 76 Z. N& &ro-
ey 6T & TuAuaTa OZ kai ZB elvan dvmioToiyws 7 TAeupd Tol kavovikoU Sekaycvou kal
TEVTayOVOY TAY Eyyeypauuévoy els Tov Sobévta kikiov (O, R).

65. Mpoprnpa VIL Eig doBévra xikhov (O, R) va &yypapfi xavovikdov dexamev-
tayovov Kai va dmokoyioBi M mhevpd tov cuvaprtieel Tiig axktivos R.

: s e 1 1
Abog: TlaparnpoUpev 6T1: =T

TouTo uds dnyel els THv drdhoubov koaTaokeuriv : Aap-
Pévopev xopdiiy AB = R xai Thv xopdfnv Al = A, =

R =
5 (¥5-1), dos Bevier 16 Evavtt oxijna. Td TéEov Bl 8&

il =i
elvar To 15 ToU kUkAov (O, R) xai ouvetrds f) xopdn Bl &

elvar 1) TAeup& ToU {nToupévou KavovikoU SEKATEVTGYWVOU.
Thv xopdiv Bl &mavahapPdvoper SiaBoyikéds SekamevTdxis
&l ToU kUkhou (O) kal TpoxUTrTel 0UTw Kavovikdy Sekormev-
T&ywvov, éyyeypauptvoy els Tov kikAov (O,R).

y. 53

‘Ynoloyiopog tiig nhevplic ;. "Ayopev THv SiqueTpov ADA kal Tas xopSas MA, BA. B&

elvan :
Rt = s A= ama- [R5 03] & o R Vioii s
5 , & oU: TA=—=Vi0+2 |5 (€D
kaf:  BA? = AA— AB* = 4R* — R = 3R?, &£ ol : BA=R |3 )
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'Emre18) Td TeTpdrAeupov ATBA elvan Eyyeypaputvov els Tov kikhov (O, R), katd 10 Becd>-
pnua Tou TTtoAepaiou B& Excopev :

AA-TB+ AT -BA=AB-TA § 2R-J\u+%(VS_—I)-RFS‘_=R-%V10+2F5_,

E oU: Ay = % [V10+z 15 —¥3 (f5— l)} ®)

AZKHZEIZ
261. N& Utoloyioffi To &méornua oy kal 1o fuPabov E;; kavovikoy Sexamevtaydvou
tyyeypaupévou els kUkAov (O, R).
262. N& UmoAoyiofij 1o pfikos Tiis TAeupds Ass KOVOVIKOU SEKQTEVTOYVOU OUVapTHTE!
Tiis &kTivos ToU &y yeypappévou kikiov (O,R).
263. ’Ex Tfjs TAsupds ?\:, KavoviKeU TroAuydveu Tepryeypauptvou Tepl kikdov (O, R)

v UToAoy1o8f f| TAeupd& Ay ToU &VTIOTOIYXOU &y yEypOUUEVOU KQVOVIKOU TTOAUY VOV,
264. "Ex Tfjs TAEUpSs A2y KavovikoU TroAUYyvou yyeypappévou els kikhov (O,R), vé Uo-
Aoy1087] f) TAEUp& Av TOU KavovikoU TTOAUYhVoU ToU Eyyeypaupévou els Tov kUxhov ToTov.

265. ’Ex Tfis TrAeupds ?\;v KOVOVIKOU TrOAUYvou Tepryeypaupévou mepl kixAov (O, R),
vé& Urrohoyio8ij 1) mAeup& A, Tol Kavovikol ToAvydvou ToU Tepiyeypaupévoy els Tov kUkAov

TOUTOV.
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KE®PAAAION VI

MHKOZ KYKAOY — EMBAAON KYKAOY*

66. OEQPHMA I.— ‘H mepipetpog kvpriic kavovikiig te@haopévng ypappiic
Eyyeypappévng &ig toEov kOkAov glval pikpotépa tiig repuéTpov tiig avrictoiyov
TEPLYEY PUPPEVTS.

"Anédertic : "Eate AB &v T68ov 1ol kUxdou (O, R) (o%. 54). "As UtroBETcopev
811 ToUTo SiMpén kaT& Tva TpoTov gls v Toa Toa Bi1& T@dV onueicov

Ag Ao Al

T& onpeia TaUta elven ol kopugal Wi&s
Kovovikfis TeBAaouévns ypoppfis &y yeypoupé-
s els TO T6Eov ToUTo AB. 'Edw ¢ay elvan 1) Tre-
plpeTpos Tiis kowovikfis TaUTns TedAaopévns
YpaUUfs, TOTE :

av="V - AA,.

’Eqv 8¢ H; elvar TO péoov Ths TAsupds

AA,, TOTE :

wv="v -2 - AH,. [@D)
Eis T& onueia A, A, Ay, ..., Aumy &yopev T&s éparTopévas ToU Bewpnbév-
o5 kikhou (O, R). Alren &piZouv T& onueia By, By, ..., B, , B, T& omoia elven

kopugal &MANg TebAcopévs ypauufis Tepryeypopuévns mepl TO T6§ov AB. "EoTw
T, 1 wepipeTpos TaUTns. O elvan :
I,=v -2 AB, (2)
’Ex ToU dpBoywviou Tprywvou AH, B, éxopev :
AH, < AB; fi v-2AH, <v.2.AB,

wy < II, 3)

s 13

67. OEQPHMA IL.— ’EaGv @y, d2vs @avs Bovs » »« Elvar al mepipetpor 1@y
25 v xupt@v kavovik@v teBhaspévav ypappdv tdv dyyeypappivov eig 165ov
Kokhov (O, R), va anodery0f) 611 1} axodovlia : vy , 2y, Davs @avy + + » ELVAL POVO-
v abovan.

"An6dergic : "Eotw AB &v TéEov Tol kUKkAou (O, R) (oy. 55). AltcnpoUpev ToU-
Toels v foa To8a B Tédv onueicov Ay, A, L., Ay, Kad EoTw AA; A TTPLTT) TTAEU-
pa Tiis kavovikijs TeBhaouévns ypauptis AALA,. . .B, Tiis dyyeypappévns els TO
T6fov TouTo AB.

'E&w [T elven 10 pégov Tob 1650y AA;, TéTe Al B elvon 1) TAeupd mids &A-

« Atyovieg épufudov xikiov. 0a Evvoolpev 10 Ecwrepixov abrod,
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ANs kupTfis kavovikfis Tefhacpévns ypouufs, tyyeypauutvng el To Togov AB kal
gxovons SirAdaiov &piBuov TAeUp&Y. 'E&v wae elvan n mepipetpos auTis, H&
Eyeopey :
w2y = 2v- AT, 1
"Ex ToU Tprycvou AlNLA, 6& Eycousy
AA, < ATy +THA, f AA, < 2.AT,
v-AA < 2v - AT, 4

v < oy

ftan} Wil | ]

‘Opofws tpyalduevor, ebpiokopsy &1 :
v < @ < Wi < wzy < ... (D Tx. 55

68. OEQPHMA IIIL *Eav I1, , IT,,, IT,,, I, ... elvar al napiuupot Ty 2k.y
KUPT®V Kavovik®v teblacpévov ypuppdv, 1@v nepryeypappivav tepi 1oEov Ko-
khov (O, R), va arnodeiydij 6t | dxodovdia : IT, , Iy, , Iy, I, . . . slvar povoso-
vog @Bivovca.

*Andderlig ¢ TTpdoype, édw TTa, elvan 7 TTepiPETPOS WIAS KUPTTS KaVOVIKTS
TeBAaouevns ypouuds, Tepryeypanugvns mepl T6 TéEov kikAou (O, R), &pibuoci
TAEUpGY 2v, &x TOU OYMUOTOS Tijs TTPOT)YOUREVNS Tapaypdpoy 8 Eywey :

M, =v-2-AA,

"Ex ToU Spfoywviou Tprycvou B,AT; Exouev :

MA, <AB; A AA+ A, < AA + AB; f 2AA, <AB, fi 2v-AA, <v-AB,

n HZV < l'l., .
‘Ouolws Epyaldpevor ebpiokopsy 6T1 :
s Mgy < My < M, < IO, 2

69. GEQPHMA IV.— "H rnepipetpog tuxodong ik tdv 2% - v Kuptdv Kavovi-
K@V te0hacuévov ypoppdv, TV Eyyeypappévov sig t6Eov kixkov (O,R), slvas
pikpotépa tfig mepipétpov Tijg dvTicToiyov kKuptiig kavovikijc teBlacpivng ypap-
piis, Tiig mepryeypappévng eig 10 t6Eov tobto.

'Anéderlis : ) "EoTw @i, T TeplpeTpos Tiis kavovikiis kupThis TeBhaouéung
Yoauuts, TTs &y yeypaupévns els 1O Té§ov AB ToU xixhou (O,R), kad My - 1 me-
pipeTpos Tfis &vTioTolyou Teptyeypaupévns. Kord T& wponyouueva BeopnpaTa
elvat :

@k .y < H2k‘\' .

B) "Eotcw Ty, ) mepiueTpos Tfis mepryeypauuévns kupThs kavovikiis Te-

Ohaopévns ypauudis, TATBous TTAEUpGY 2K . v,

Eav k > k', 6 elven : ‘Eav k < k', 8& elvan :
Mk, < T, @k, <ok, (Becop. 1)
*Apa : Kad : @y, < My, (Becop. 2-3)
@y, < I, €Y Apar ey, <Ly, @
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B v (1) xad (2) Emwetan 611 :
@y, <M, €)]
ki B1& toydvtag k kai k.

70. QEQPHMA V.— Al Siagopai t@v nepipétpov 0o aviiotoiyev kuptdv
Kavovik@v tedhacpévoy ypoppdy, dyyeypeppévng kal tepryeypappévig nepi togov
kokhov (O,R), @noteholv pndevikiyv akorovbiav.

‘Andderfig ¢ “Eotwoov Ty kol @y, ol mepluetpor 8Uo dumioToiywv
KupT&Y Kovovik@y TebAaoutvay ypaupdy, Teprysypaupévns kad Eyyeypauusins,

g o omoien éxouv v-2k mhAeupds. "EoTwoav A, E ol BUo mpdTan

a kopugal Tfis &y yeypaupévns, kadl AA TS Aulou TS TAsupds THis &v-

A5 R Tiorolyou Teptyeypaupévns, I 8¢ Td péoov Tijs mAeupds AE. Katd
g TO mpamyotuevoy Becopnpa I, B elven :

A
2x. 56 n21,-\. — p. 2K+ AA kol @y, = v-2k+1_ AL,
’Ex ToU dpBoywviou Tprywvou ATA Eyxopev: AA — Al < AT ()
’Ex 8¢ ToU dpfoywviou Tprywvou OAA Eyouev :
2
AAZ—=TA - OA, ¥ o: FA:%E—,

Rk . AN
éméTe ) (1) ylvetn:  AA—- Al < O5 (2)

b R : e 1 1 L AA? AA?
Emeidn 8¢ OA>R, fmetcn 71 TR < e < =

kal ) (2) ylvera :

2 iy e k+1
AR UAT = BAL L el okl e s SR AR]
R R
" ok+l L Ans
f M= @y, < — R —— 3)
’EE  &AAou:

k+ - £ Uk_v 2
(nlk.v)2:<2 ‘l-v-AA>2:22k+2-\)2-AA2 A 2LKI’V‘AA2:(21;42‘;41_-);_’

kol 7y (3) ypdoeTan :

ﬂ 5 (.rl-Zk‘\,-)2
2y =@, S T, R
*EmsiBny 8¢ Thy < TI,, &merardmi: Tl —on. < __.(_lli I (4)
2Ry 25.v 2K.v ZE;AH_‘.,R
(T, )2

Exev Gprov

'Ek 15 oxéoews (4) emreTan 811 : ‘H dxoiovdia t@v ==
Zaie VEE,
o pndév, kaBooov of apifuci T, , v kad R elven SeBopévor &pifuoi.
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Kor’ drodoubiav: Hm(M,  — @x,) =0, fitor:
lim-IL = lim- @,k
k—> = K—> o
“H3n, &v vonzwusy KUPTOV Kavoulkdy ToAUywvov, dyyeypaupévoy es Tov
kukhov (O, R), xai 16 dvtioToiyov mepryeypaputvov, 81’ duoiwv oUANOYIoPGV
Tpds ekeivous, S1& Tév dmrolwv dmedsiydn To dvcotépw Bechpnua, PePatotieda &1 :
Al axohlovBiar T@v neppEtp@y TOV AvTIETOiY MY TOOTOY KAVOVIKOY TOAUTOVOV

Eyovv Ko1vov Gplov.
Ko’ dxotoubiav : “H Sragopa t@v neppétpav tov Exet dprov td pndév.

71. ’Avantoypa xai pijkog kokhov, "Emi mds fueubeias OX (oy. 57), &s Beco-
pPNowHEY T SudppoTra TUNUAT

OA, = o Kail OB, =T,
OA2V = (o2 » OBZ\: == ”2v
OAG\J = @Wav » OBW = ﬂdv
OA, = @ik, » OB,k = Tk,

dvTioToixws Toa Tpds TNV TepipeTpov kavovik@dy ToAUYWVwWY, Eyyeypaupévou
Kol Tepryeypaupévoy, kai Qv EkaoTov Eyel SimAdoiov dpifudy TAEUpGY o T

TTponyoUdevoy.

@) Av sz A4v R Azk-v sz-v B4v BZV Bv

M X
Iy, 57

'ATO TA TTponyoUpeva BewpnuaTa edkoAwS Evvooluey 8Tl ;

a) T dkper A, Ay Aayy oo, Ak, Paivouv dmopakpuvéusva Tol O,
Ta 8¢ éxpa By, By, Bay, ..., Byx, mAnoidgouv mpés aid.

B) Elvan: OA, < OB,, OAz; < OBy, ..., OA, < OBy, .

Y) Al Siapopai:

OB, —OA,=A, By, OBy —0As, = AyBay, ..., OB, — OA, = Ay, By,
Siaprdds EAaTTOUVTAN Kol Telvouv Trpds TO undév.

"Ex ToUTeov EmeTon 8T Tax &xpax Ay, Agy, Agy, oo, Ag,, .. dTTORAKPUYS-
neva ToU O, kad & &kpa By, Bay, Bay, ..., By, ... TANGI&GovTa TRds T O,
Telvouv &mavta 1pds TO onueiov M, &kpov ToU TurjuaTos OM. TouTo elven xoi-
vov Splov TAV TIEPIUETPWY TAV QUTITTOIY WY KaVOVIKEY KUpTEY oAUy V@Y, £y-
Yeypaupéveoy Kal Trepryeypappévey mepl Tov kukAov (O,R).

NéyeTton 8¢ @vantvypa ToU kUkAou TouTtou. "QoTE :

67




*Avantuypa kokhov Koheitar 16 £080ypappov tpfipa, o drolov elvar kowvov
dprov t@v axolovfidy T@V teppEtpoy T@V 2K v KUPTOY KAVOVIKAY TOluydVOY,
Eyyeypappévav £ig 1oV KOKAOY T0TTOV Kai T@V GVTICTOIX®V TEPLYEYPAppEVOY.

To pijxo3 tod dvantdypatos tod khkAov TodTov Kareltar p fj K 0 g tod KOKAOL.

Enu:im;_ng : ‘Opoles tvvooupev 611 Umépyel eUfiypauuov Tufipa, TO &trolov elval xotvov
dpiov Y drohoubidy T@V TepuETpwY Kavovik@dy TeAacpévwy ypappdy, Eyyeypoaupivev el
TéEov kUKAoU Kal T@V dvTioToixwv Teplysypaputvev. To elblUypappov ToUTo Tufipa KahelTal
avantoypa ToU ToEoU.

To B¢ pfikos alrou Aéyetan pijkog tob té§ov ToUTOU.

72. OEQPHMA VI.— O L6y0g tdv unkdv d0o kokhrov icobtar tpdg tov Aéyov
OV axtivov adtdv,

*Anodaikic: “Eotwoav (O, R) kal
(0,, R,) 8o xikhol. Eis éxaoTov ToUTwY
£y Y pAPOUEV KQVOVIKOV KUPTOV TTOAUY -
vov Eyov v TAsupds. “EoTw AB 1) mAsup&
ToU évds kai A ToU &AAou. Oewpolpev
B¢ kal T& duTioTolXa TrEplYEYpaupéva
KupT& kavovik& ToAUywva. “EoTtw A B,

M. B E

Ix. 57 Zx. 58 1) TTAsUp& ToU &vds kad T A, 1) TAsupd ToU
GAAou.
Al TeplpeTpol, TGOV ptv éyyeypauuéveov elvan dvtioToiyws :
wv=Vv-AB ka g, =v . T4, (@D
T&Y B¢ Teplyeypappévay elval dvTioTolyews :
M=v-AB, ka T =v.TA,. 2)
"Ex t@v (1) kal (2) &xopev dvTioTolyws
L R Ry S )
@, TA T, B

e AB AB IS : = .
AN A :--i_-:A-i- =5 omoTe, Aoy TV (3), (4), 8 elvan :
e R
20 o S

v v

"Eqv F kail F elvan dumioToiyes T& prikn Tév kixAwv (O) kad (O), B& Eyco-
HEV TAS OXECEIS :
o< F <M vl @, <F<T,

@ ef T L T My
DR SRR R SR pm (6)

=¥

* To Gewpnua todro dpsikeral elg tov ‘Inmoxparnv tov Xiov (450 n.X.). Odtrog mapnxorovdnce padn-

wata pihogogias v "ABnvaig, xaitol fito Eumopog. “ISpugs &% 1Siav Ixokfv. Elg abtov dpeiletar & teTpaywmvis
opog v pnvioxwv.
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‘H Beutépa &V (6), Ay Té&V (5), yiveton :
Qv c?’l nv
IR DE b Q)
Awx ovykpicews Tév (6) kai (7)), AapPdvouey :
& c?’g Iy (7220 M, — v

e e ) ®
ToU v TeivovTos els To &meipov, 1) Biagopd T, — e Telver el 76 unbiv. “Apa
1 Siagopd Efiedl Exel Splov TO pndév
AR AR ]
Yo Tas ouvlnkas TalTas Tapadexoueda 671 :
I
2R 2R,
‘0O Adyos % elven, Aormméy, oTadepds, oloodrmoTe kad &v elvan & Becopnfels

kUkAos ( O,R), kal rapioTaTal Bid ToU EAAnVIKOU ypduuaTos .

%:m 2ol e op . (€))

"Qaoe :

‘0 TUmos (9) éxgpdder 61 To pijkog kokhov (O, R) elvar yivépevov tijg
duapécpov tov &ni tdv apiBpov . ?

TTpétrer Speos vé yvowpifwpev Tov &piBudy . ‘H elpeais TouTou yivetan katd
Tpoctyylow &g EEfS :

73. MEQOAOZ TON INEPIMETPQON.— Edv (o, kai TT, mapioTavouy Tés
TIEPIUETPOUS TGV KUPTAV KAVOVIKGV TIOAVYWVwY, &y yeypappévou kal Teprye-
ypaupévou eis kUkAov (O, R), &piBuoU mAeupdv v, yvewpifouev &1 :

@, < 2R <TI,
kol kot dxoAoubiav, Bid 2R = 1, &retan 611
o, < n<lIl,.
lov : “Yrnohoywopds 1ol @, ovvaptieet 1ol @, . Elvan yvewoTév 611 :

‘O TUTros Tou "ApyipnBous

3 - @av g -

@n=2v-hav, € 00: May= <= 1) Ay =2Rt— R V4R _ 22
; 1 i o ;
e, — ok, RSOt A fjv ) S1a R:j' kol P&oer v (1) kal

(2), ylvetan :
(@)t =2 (v—VV:—(av)?) 3)
20v : “Yroloyiopos tod I1, suvaptioet tod @ - Elvan yveoTov 6mi:
. i il

[, == Waiy, iEaee = i 4)
xai e R R o g )
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2R - A

Emeidn) Bt elven: A, = ——— Emetan, Baoel &V (4) kai (5), &1
Vare_aZ
Y- v
Hv | (6)
Vvi-(ewv )?

"Egappoyi : "Apyduevol &md Ty Tipfy v= 3 8ix Tov TUmov (3), kai &mo
TV TRV v = 6 81& Tov TUTrov (6), AauPdvouey dvTigToixws :

@ =3 gwm:3,10582... T, — 3,46411. . .| T, = 321540 ..

Cu=313262... | arys=3,13935... || Ty =3,159T7. .. | Mis=3,14609. .

s = 3,14103...

roa—3,14145.. || TTyg=3,14272. .. ! M0,—3,14188 ...

"Ex tddv oytorwv @y < ™ < TI,, kal TGV dvwTépw eUpeBeiodv Tipddy ToU
T, TTPOKUTITEL OTL :
3,14145. .. < r < 3,14188 . ..

Kkal Wé déka Bexadikd yneia: m = 3,1415926535. ..

H 1ipn Spws = 3,14159 elven émapkis Si& Tas ouvnBels épappoyds.

Lid ver dvBupolpsta Sucos Tov &piBudy T, dvTioTolyifouey T& yneia ToU pi-
Buol ToUTou uE THY YYLITHY QpdoLy :

’Agi 6 OBeog O péyog yeopetpel,
3l ¥4 WS 9

gls Ty omolav To TAfBos TGV ypapudTwy Ek&oTns Aéfews Ekppdlel TO dvTioTol-
Xov ynoiov ToU &pibuol T, E§ &ploTepdiv Tpds T& Befid.

* 4. "latopikdv enusiopa. ‘H otabepdtns ToU Adyou ToU prikous kUKAOU Trpds THV Sldue-
Tpdv Tou fiT0 yvwoTh els Tous dpyaious “EARnvas. ‘O péyigTos Tév MabnpaTik@v ToU kdopou
"Apyuidng (287 — 211 m.X.) Epripuooe mTpddTos TNV WéBodov TéV TEpIPETPLV Kal elpev s TIpAV
TOU T T KAGOpA :

22 5 10 1
=22 = dae o =
4 7 3,1428, dxpipdos Bé: 3 TR <3 7
‘O Mrokepaiog (87 — 167 wX.) elpe: 1= 3,14166....
‘0 “OMavbos Mewpétpns Metiug (1571 — 1635 p.X.) elot nt = -?%

‘0 Mé&hhos MaBnpaTikds Viete (1600 p.X.) edpe :
n = 3,141 592 653 5...

ne T BoriBeiay Kavovikol ToAUymvoy ExovTos TATBos TrAsup®y v = 3.218,

‘0 "Ayydos MabnpaTicos Shanks Umeddyioe, T Ponfeia TéY dvwTépwov MaBnuaTikdy,
TV TipAy ToU T pé 707 Sekabikd wngla. T& yngia Tatta dvaypéeovrar els Thy Lwopdpov Tou
Meydpou s *Avaxahiyews (Palais de la Découverte) els TTapioious.

To Evos 1949 &1 AAexTpovikol UrohoyioTol TUTou ENIAC Umrehoylodnoav 2045 Sexabixd
yngia Tou apifuod . 'Ex ToUTwv pévov T& 525 mpdTa cupTiTTouv pé fksiva ToU Shanks.
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Kata 76 Erog 1958 pt tov fAextpovikéy UmodoyioTiv IBM 704 Umehoyiofnoay T& 10 000
TpOTa Seradika wnola Tol dpiBuod .

MTpé&Tos & ‘EAPeTds Mabdnuarikds Lambert (1761 u.X.) dmédeifev 61 6 T elvan dodppetpog
&p18uds.

Bpadirepov, xaTd Té Eros 1882, 6 leppavds Madnuarixds Lindemann &médeilev &1 &
elven kol DrepBankdg dp1duds, AnAadn 6 T Bév elvan pila dhyePpikis tEl0doews ud TPAYHATIKOUS
OUVUTEAEOTAS.

EUypnoTol els Tov Aoyioudy, ke idies el Thv Quawny, elven al dxdhoudor Tipad

1

— = 0,318 309 886.,, Loyn = 0,497 149 872, %oy % = 1,502 850 127

AZKHZEIZ

266. ‘H axls tvds kUxkAou elvan 8m. TTéoov elvan T& HTjKOS TOU KUKAOU TOUTOU ;

267. TS pfjkos Evos wikiou elvan of = 4,398226 m. N& Umohoyiodii | dxls Tod kiKkhou
TouTou.

268. N& Ummohoy198i 10 ufikos kUkAov, yyeypaupévou els TETPAry VoV, Kavovikdy dywvcy,
Kavovikdy SKT&ywvov Theupds dvTioToiyews 512, 8, 10V2— 2.

269. Téoov elven ¢ pfikos kUkAou Teplyeypapuévou Trepl TeTpdyavoy TAeupds 5¥2 kal
ooV TCU Trept Kavovikdy EEdywvov Theupds 213 ;

270. AlSetan Tetpdywvov ABIMA Theupds a. Né Urodoy1o87 To piikes ToU kUKkhou (A, AT).

271. N& ypagi) kikAos ioos wpos Té &fpoiouc 8o Bcbivrwy kiKhwy 1 Toos Tpos ThHy Siapo-
pav alTddv.,

272. N& ypagi) kixAos TeTpamhdoios Boftvtos kikhou (O,R).

75. EYPEXIZ TOY MHKOYZ TOZOY.— “Eotw T 1o ufikos TéEou u kad
F T ufjkos ToU kUkAov, els &v dviikel T& TéEov ToUTo.

Efval yveoTov 871 6 Adyos SUo Spoeiddy Toodsy iooltan mpds tév Adyov
TEOV pETpwY alTdv. Kat’ dxoAoubiay :

T

?=~36L0, &€ o0 : = F e L

‘O 1Umros (1) éxppddlel 11 :

Té piikog t650v kOKkhov icobrar npdg to yivopevov tod pikovg tod Kikhov T0b-
ToV £nti 6V Loyov ol pétpov Tod T6E0L TolTOL TPaG TO pETPOV ToD KiKAOV.

Emeidn oF = 2w R, 6 TUmos (1) yiveto :

mRp
ol 2
180 @

e

"ALlan Ekopaosig ToD piixons to5ov 1 'Edv AB elvan o Téfov Evds kikhou (O, R), Tou &-
moiou To pfixos T elvan igov mpes R, 1) ywvia AOB dvopddeten drtiviov (povadiala yovia).

"Eéwv Teb] ASB = «, ToTE B& Excopev :

%:T“, €ol: |r=aR 3)
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*Egreo FOA pla 8p8f) ErrikevTpos ywvia o0 kikdou (O, R). Téte —— = T opoh xal 6 Ad-

65 &v 1édv Blo TS AB, TA elvan B

yes Tév unxdv tév Buo Tégwv AB, o= e
4
AOB _ 2 ~ 2
= it s Y e —ag= — - 1 4pBf}.
Apa T op8h = Ecl: (AOB)=a = 1 dpOny
Kot' dxodouBiav : 1 éxtiviov = 90° - —?T- = 57°17°44"".
k! ﬂ 2 E
2x. 59 Oupcloos : 1 &xtiviov = 100F - — 63,662" -

A1k THY peTéPagiv &md Ta dkthia els Tés poipas kal BaBpols yvwpifouev Toug TUTTOUS :
n B a
ebE et et 4
180~ 200 T ™
*Ex Téw TUmwv (3) kal (4) Aappdvopey :
n

1=1—’;—5R»p () xad t=zmR-p (6)

AZKHZEIZ

273, “H duerls tvds kUxhou elvar 8 em. N& epedij To pfikos Téfou alrrou 60°, 72°, 30°, 45°.

274. ToGov kikhou (;E\\B) = 38012’ 24" Eye1 pfikos 42 mm. N& ebpedf) %) axis Tou.

275. ToEov 92,691 P Exer pijkos 65,8 mm. Na eUpebij fy cxtis Tou.

276. ToEov 1,251 dxrviou Exer piikos 49 mm. Tloia 1} dris Tou ;

277. Els kikhov (O, R) AauPdvopev Tés xopdis AB, A, EZ ioas dvrioTolyws wpods Tds ThAeu-
pls TGV EyyEypauUEVIY KQVOVIKGY TOAUYwvWY, TeTpaywvoy, lgomhelpoy Tprydvou Kal E§a-
yéwou. Né Urohoy1a8ij 76 ufjxos ék&orou Tév Baoodvev To6wv AB, T4, EZ,&v R = 2 cm.

278. Mt xévtpa Tas Kopugds loomhelpou Tprydvou ABI TAeupds o ypapopey Tofa, TEpa-
Toupeva els Tés GAAas BUo kopupds eytol. Né Urohoy1087 T ufjkos THs U’ adTdov &TTOTEAOVHEVTS
Y paBuS.

279. Aiberon fuikukhos Sixpétpou AOB = 2R. Mé Siaptrpous tas dxtivas OA kal OB yp&-
@oey fiuikikAous Kelpévous EvTos Ty TpdToy. N& Utoroy1o8i] T ufikos ToU kUkAou, SaTis tp&-
TTETQU TEW TPIGV NIIKUKAWY.

76. EMBAAON KYKAOY.— @epolpev kixkiov (O, R) kai T& 8Uo &vticTol-
Y& KUpT& Kovovikd ToAUywva, £yyeypaHuévoy kai
Tepryeypapuévoy els TOV kUkAov ToUTov, Gv O &pi-
Buds TAV TrAeUpdV Elvan V.

'E&v @ xai T1, elven af mepipetpor ToUTwy, ko
a, TO &méoTnua ToU Eyyeypaupévoy, TOTe TQ éuPa-
5& TV kav. ToUTwy ToAvywvwy B& elvar dvTi-
aTofY0S.

@&y - Ay R TT\.

5 ke 5
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‘Eav E, elvan 16 ¢uPadov ol BecopnbévTos kixhou (O,R), 6& dinbeliouy,
Tpopavéds, ai oyxioels

@y Oy BE= il

ke Q)]
. N TR e 1
Etrei18n 8¢: —2%:7[];{(”\«—@\;)%-(%(1:{—%)] (2)

Kal @y, < F, Omou F TO ufjkos ToU kUkAou (O, R), EmweTon 8T :
M - R—ay - oy 1
L= <o [R(h—a )+ F(R—a)] .
*ANAG ToU v TeivovTos els TO &mreipov, af Sixpopal TT, — @, xad R — o, Tel-
vouv gls TV undév. Korr’ drohoubiav ) Sicpop :
M -R—awv o
2

Telvel els TO undév.
@&y R c?- B nu i B.

'EE &AAov v < F <1, E§ 0T s e 3)
’Emeid) 88 o, < R, EmeTtan 6m w":z' 2.4 w"Q‘ A kol ) (3) yiveron :
@y Qy J R rrv i R
THE NG i o )
A &R wv - _I,-R—e@ -q
€ o0 : 0 < 5 = 5 < 5 ; 5)
ANN & TRs (1) Emetan 6T —"i-éi —E e (6)
A& Trpocficews katd pEAT T@Y (5), (6), AapPdavouey :
| ) P‘ | nv 5 B- — Wy " Yy
‘\ Al 52 = 2w = o)

Emaidn Speos 1) Sragopd Tl - R — @ - o Telver mpos 1o undév, Emetan 611
.

Telvel els TO undév.

kal 1) Slagopa Eg—
‘Emropéves Suvépeba va rapadeyBiuey & :
= -% 7 - R. (8)
Emraidn 8¢ F = 2mwR, 6 TUTos (8) yivetau:

*Ex TéV AeyBEvTwv &uwTépw TTPOKUTITEL |

OPIZMOZ :— ’Eppadov x0khov kaiolpev 10 kowvov bpiov t@v dxokovfrdv
1@V ipfad@v @V 2% - v KOVOVIK®V KUPTOY ToAvy@OVOV TdV EYyeypappivov &g
10y KDKAOV TODTOV Kal Td®V GVIIGTOi WV TEPLYEYPORpEVOV.
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‘0 TUTos (2) txkppddel OTI :
Té épPasov kokhov elvar yivopevov tod dpibpod n ¢ri 10 tETpAy@VOV Tiig dKTi-
vog tol KOKAOUL TODTOL.

77. TETPATQONIEMOZ KYKAOY.— Tetpayoviopds do0éviog kokhov Kakel-

TaL 1| KETASKELT TETpay@ven icoduvapov npdg OV KiKLOV ToDTOV.
1 & 2 :

"Emeibn 16 EuPabov E, tves kikdou (O, R) elvan Eg = 5 F- R, Emeran &11 & xUkAos
oo eival loobvaios Tpds Tpiywvov, TO dmoiov Exel Paotw fonv Tpds TO ufjKos ToU kUKAoU
TouTou xal Uyos Thy dkTiva R arou. "Edv, Emoptves, HSuvdueda vi KaTaOKEUAOWEY ToloUTOV,
Tpiywvov 8 ETeTpaywvifeuey Tov kUKAov. T TpéPAnua ToUTo Emil alévas dmnoydAnoe Tous Ma-
BnuaTixoUs Shou ToU Kéouou, MeTd Thv xaTd T ET0S 1882 &modeaifv Tou Meppavol Mabnpatikou
Lindemann 871 & &piBuos 1 elven UmepPaTikds, uh Gv pifa efiocoews pE TPy HATIKOUS GUVTE-
AeoTds, TpotkuyEy 6T1 T kaTagkeuf) alTn elvan aBuvarTos i Tou kavéves kal ToU SiePnTou. "Apa
& TETRXY WVITHOS ToU KUkAoU elval @advvarog.

AZKHZEIZ

280. 'H d&xis tvds kixhou (0) elvan 5 em. Né& Umoroyrofi) 16 tupabov Tou.

281. Kavovikdy E£dywvov Exer TAeupay a = 6 cm. Né& Umohoy1o8i] 16 éupadov Tol mepi-
YEYPOUUEVOU KUKAOU.

282. ’lodmheupov Tpiywvov Exel TAeupav 2 ¥3 m. N& Umohoy1o6i] T éupadov Tol Tepi-
Yeypapuévou KUKAou.

283, To &méoTnua kavovikod aywvou glvan 6 Y3 cm. N& Umohoytodi To tupadov Tol
TEPIYEYPAMMEVOU KUKAOU.

234, Aidetan kuxhos (O, x). “Ayopev Blo xopbds autol AB = 8cm xal Al = 6c¢m
kabitous. N& Ummooyioffi To Eupasov Tol kUkhou ToUTou.

285. Elg dpdoydviov Tpiywvov ABI ué kadétous Theupas AB = 12 cm kol Al = 9cm,
&youev 16 Oyos AA. Els & Tpiyewva ABT, AAT, AAB éyypagouey kikhous, Tév émoiwv {nTolvTal
Td EuPaba.

286. M Siaxpétpous Tas TAeupds dploywviou Tprydivou ABT ypépopev kikAous. N& ouyxpi-
67 76 EuPaBov Tol kUKoY, SaTis Exe Biuetpov THY UoTEivousay Trpds To &dpoioua TV tuPadiov
Téw SUo dAAwWY KUKkhcv.

287

4817,

tvba R > R,. N& Uoroyiofi)
Babo wiKAou, 6oTIS

BaBov T
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Toptws plav kovovikfy kupThv TebAaouévny ypouuny kal Bewpoluey kol v
GuTicTol oV TrEpLy ey panpEvnv TolauTny. "EoTw v & &piBuds Tév TAEUPQV alTdv.

"Edv @, xai TT, lvan of Trepluetpor alrrédy, o, T amooTnua THS &y yeypap-
pevns ki T TO pfikos ToU TéEou AB, B Eycopev T oytoels w:, < T<Tl, kad

; AR R SR m - R

&pa wv-7<-r-7<ﬁv-7 N e b (1)
) S gkt o me RO 0L R

kad 5 < 5 == 3 : (2)

‘Epyclouevor 8¢ &émres kad Si1a Ty elpeoiv ToU éuPadol ToU kikhou, &k TV
oyéoewv (1) kai (2) evploxopev 11 2

TR
Boi= 2 (3)
"Emmeldnises Tw= %P;OE 6 TUmes (3) yivetaa :
nR%p
go= Toe" @

79. EMBAAON KYKAIKOY TMHMATOZ.— "Eotew kUxkAos (O, R) xkad
yopdn aiTtoU AB, pf Siepyouévn Sia Tou kewTpou. AlTn
¥wpiger Tov kUkAov el BUo dvica KUKAIK TUAUOTS, TO:

ATBA kohoUpsvov Elacoov
kal TO AABA kaloupevov peifov.

"Edw g elvan 16 EpPadoy Tou EAdooovos kal g, elval
16 tuPaBov ToU peifovos xuxkAikoU TunfuaTeos, B Exeo-
HEV © Zy. 62

g, = (OAI'B) — (OAB) (1) kai g, = (OAABO) + (OAB) (2)

AZKHZEIZ

290. Né& mrohoyiodij T6 iuPadov kukhikol Topéws 30° kai drtivos 8 .

291. ‘Opoiws ToU Topéws 60° 7 120° f 150° kal drrivos 5 p.

292. Kukhikds Topeus Exel Eppadov ‘3_ m? kai Bdow 30° N& Umohoyio6f 76 tupabéy Tou
kUKAOU, £ig OV duTikel O TOMEUS.

293. Na& Umoroyio8i] 10 éupadov ToU EAGOGoV0S TGV KUKAIKGOY TUTUC
Kikhos GrTivos IR UTrd yopbiis ions Trpds Ty TAtupay ToU &v aUTE Eyyeypa
vou, B) lgomAelpou Tptyvoy, y) Kavovikel e§aydvou ki B) KAVOVIKOU GKTay VoL

, Els & BlaupeiTen

JOU Q) TETpayw:-
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294. Elcxuxhov (O,R) &yopev Blo yopdas AB xal A TrapadAfAous, TTpds Td alrrd pépos ToU
kévTpou kelpévas, ko foag &vTioTOlYws TPds THY TAEUPAY ToU Eyyeypappévou TeTpaycvou kal
loomAelpou Tprycvou. N& Umohoyiodij 76 tuPadov Tis Empavelas ABIA.

295. “H BidxevTpos Buo iowv kUKAwy elvan 8 = R J3. N& moAoyioBii 1o éuPabdv Tijs ko1-
vifs atrév Empaveias.

FENIKAI AZKHZEIZ

296. Alderan kiihos (O, R) kad &ml Tiis TpoekTGOEWS THS dxTivos OA AapPdvopey Tufjpa
OA — AB. “Ayopev Thy Eparrropéuny Bl ToU kUKkAou (0). N& Umrohoyiadij 1O éuPabov Tou ui-
kToypépuuou xwpiou BIAB.

297. Suvbtopey T6 péoov Ek&aTns TAEUPES TETPary voy ABlA pt 7& &kpax TTis &TEVaVTL TTAEU-
péts. N& Urrohey108i) 16 EuPaBOV TOU KaVOVIKOU OKTay@vou, STrep oxnuaTiferen Urd TEV ellerddv
ToUTwy, cuvapTioEl Tiis TAEUpES o ToU TETPOYOVOV.

298, Mi BiopéTpous Tas TAEUPAS TETPOryvoU TAEUpEs YP&POUEY TIUIKUKAOUS KEILEVOUS
gls 7o towTepikdy TOU tetparydovou. N& Umodoyicdi) To Eupadov ToU oxnuaTi{opévou TETpa-
QUAAOU.
299, AiSeTon TeTpérywvov TAeUpds o. ME kévTpa T&s Kopupds ToU TeTpaydvou Kal dkTiva

ypbpouev TeTapTokUkAI g5 TO towTepikdy ToU TeTpaywvou kelpeva. N& Utroroyiodi To

2
EuPadoy kal T TepipeTpos ToU oxnuaTiCopivoy KOUTTUAOY p&HHOU TETPOry cOvou.

300. AlSetan TeTpdywvov ABIA mheupds o. Me xévTpa T&s Kopupds avuToU Kal dxtva o
ypagopey T6EX EowTeptk@s TOU TETpayvou Keipeva, T omola TéuvovTan elg T& onueix E, Z, H,
0. N& trrohoy1o8ij T& tupabov ToU kapmuhoypaiuou TeTparycovou EZHO.

301. Afderan TeTapTokUkAtov OAB dxTivos R. Mg Srapétpous Tas dxTivas OA kal OB ypé-
qopev AuUKAOUS towTepikdds ToU TETapToKuKAloU Kelpévous kal Tepvopévous els TO K. N& Utroho-
Y1007 76 tuabov Tol KapmuAoypdppou Tprywyou ABKA.

302, AiSeran xOkhos (O, R) kai pia B1&petpos arol AOB. “Eotwoav I, A & péoa Tév OA
«al OB. Mt Siapérpous AT, AD, AA ypdgopey, EoWTEPIKES ToU &veo fuikikAou, fHIKUKAOUS Kal pé
Biautrpous T& THANaTa BA, BO, BT ypaoouev fiukikhous mpos Tév ETepov fuikukiov. Né& &ro-
Berydij &1 & Bolels xUKkhos StopeiTan olTws els Téooapa looduvepa pépn.

303. Kixhos (O,R) Binpeiten el EE foa T68a Bicx T&v onpeiwv A, B, T, A, E, Z.Mé¢ xévtpa
& onueia TaUTa kal dxTive R ypdgopev Tofa tvtds ToU KUKAoU Kal TrepaToUpeva els alTov. N&
Uohoyiodij TO tuBaddy ToU oynuaTiiopivoy xapTruAoypdpuoy iEagUAtou, Kal TO pijkos alTol.

304. AlSeton kavovikdy é§dywvov ABIAEZ, xévtpou O kol mheupds a. Mé Siapétpous Tas
dcrivas OA, OB, . . ., OZ yp&gopev fiukirAous kara THy aiv gopdw AB, . . ., Z. N& UmroAoy-
ot T EnPadov ToU 0UTw aYnpaTILopévoy KapuAoy p&upou TpigUAAou.

305, AiBeton dploycviov Tpiywvov ABI (A = 90°). [pagoper Tov fuikuxiov ABI xal
u¢ SrapeTpous &g AB, AT yp&gopuev ArikikAous ExTods TOU Tprywvou kelpévous. N& &rodery 87
&1 15 &Bporopa TEY tuBaddy Tév unviokwy loobTal mpods 7O euPadov Tou Tpiywvou ABIC (Mn-
viokor ToU ‘ITrrokpéToUs).

306. Tpameliou ABI'A ai Siaycdvior AT kad BA Tépvevten el 76 onpeiov E. Eqv x elvar TO
#uBabdy Tév Tpryvey AEA, BED kol y, 2 T& EpPaba Tév AEB, MEA &vtioToixws, vé &rodeyd7
omi: ()2 = (y) (@)

307. Oewpolpey lodtAeupov Tpiywvov ABIT éyyeypaupévov eis kikAov (O,R) xal 16 dvi-
oroigov meptyeypauutvoy AB, I EuBaddv dvmioTeixeos E, kol Eg "Eqv E elvan 16 EuPadov ToU el
Tév atrrdv kUKhov Eyyeypaupévou kavovikol tfaycvou, TOTE :

EX=FSEN-Ey

308. Aideten TetaptokUkAiov OAB, dxtives OA=R. Mt Siapérpous OA xai OB yp&eouev
fuiiikhous, Tepvopévous el TO anueiov [. N& ouykpifouv Ta pPadd TGV kapTUAoypapHwY Yw-
picov OFO xai BAT.
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309. Aibetan TeTpdycvov OAMB Aeupds a. Mt kévtpov To O xal dktiva OA = o ypdgouey
€vTds TOU TeTparyovou To TéEov AB. Eis 1O ikTéypappov Ywpiov TAB &yypépopey kUkhov kévTpou
O,. Na Urohoy o8 T duPadév Tol kixiou (O,).

310. Eis SoBévTakikhov (O, R) v dyypagpoiv Tpeis ioot kUkAot, épamTépevol peTably Twv kal
Tou SoBévTos Kai vér UroRoyio8i TO tufabov ol tuds Ex ToUTwV.

311. Tpeis iool kUKAoL, dxTivos R, EpaTrTovTan EEwTEpIKES Katd T onueia A, B, I'. N& o
Aoy1087) T EuPaBov ToU kapTuAoypdupou Tprydvou ABT.

312. M¢ Siapétpous Tas TAEUpds iooTrAslpoy Tpiydvou ABT, TAeupds 2a, ypdpopev -
KUKACUS TeEpvopévous &ud Svo éri Téwv TAEUP&V Tou Tpiycvou kaTd T& onueia A, E, Z. N& Umodo-
Y1087 10 EpBadov ToU pixToypduuou Ywpiou AEZ, kai droAcuBews To tuPadov Tol kikhou Tou
Eyyeypauuévou els TO ywpicv TolTo.

313. Mk kévTpa T&skopupds locTrAeUpou Tpryvou ABI, mAeupds «, kel dkTiva a ypdpopey
T& 16€a BIN, TA, AB (BAdyioTa). Na Utrohoyio8ij T6 éupadov Tou kUkAou, Tou Eyyeypopuévou el
TO KAPTTUASYpapuoy Tpiywvov ABT.

314%. Avo xuxior (O,R) kad (O, R,) TépvovTan els T onueia A kai B. "Ayouev THY kowny
tfwTepikny dpamrTopévny MA arév. N& dmoderydij 611 ol kUkho1 ATA kal BI'A efven foon “EoTe
p 1) axTis auTdv. N& &mrodeiydfj &1 :

/
)p*=R-R, wal 2) Ti% :\/1_;1.

315. KiUxAos éktivos R va Sicapedi) els Tpia pépn dvdroya Tév &piBudv A, i, v Bix &lo
OHOKEVTPLOV KUKAWV.

316. Kuxhos (O, OA =R) va Biaipedi] els pépn dvddoya Tédv dpBpdv A, p, v 5i1& dvo KU-
KAwV EpaTTTOpEVGOV ETWTEPIKES lg 10 A ToU BoBévTos kUxhou.

317. Aideran kUkhos (O,R) kal pia Bidpetpos attou AOB. Né sUpedij el s AB &v onpeiov
I, ToloUuTov GoTE, Gv pé SrapéTpous Ta TunuaTa Al xal TB ypagpouv fluikukhot tkatépwdey Tijs
AB, v& Bicipeital & kUKAos (O) els BUo pépn dvdhoya Tédv &p1Bpdy u kai v.

318. KukAos (O,R) Swipeitan Umo Tév anueicov A, B, T, A, E, Z &ls & foa 16§a. Mé kévtpa
T& B, A xai dxtiva R ypagouev 17& 168 TOA kai FOE. Mé kévtpov I kal dktiva [A yp&gopev
16 T6fov AE. N& Utrohoyioff) 16 éppadov ToU kapmuloypéuuou Ywplou AOEA.

319*. *Eav K eivar 10 kévtpov Bapous Tprywvou ABI &yyeypappévou els kixhov O, v &rro-
Beiy By oT1:

1
Do(K) = — 5 (& + B* + ¥
320*. Eav A,, By, I, elven T& guppeTping Tév kopupdy Tprydvou ABT, Eyyeypappévou els
xukhov (O,R), ds wpos Tas amévav wAeupas BIN, A, AB dvmigToiyws, vé &mobeiydfj o1t
E(Al) o -CZ)o(B:) == 3)n(r1) =a 4 p* 4 Y’-

321*, 'Edv K elvan 16 xévtpov Pépous Tprydvou ABI kel D, D,, D, al Suvdpess 1év xo-
pupidv A, B, I dog rpods Tous kixkAous KBT, KA kai KAB, va &rodeiy7j 6m1:

1
.@l=@z=_®,=—-§-(uz+ B + y2).
322. Els épfoycdviov Tpiywvov ABI (A = 909), va dmoBerxbq ot :
lov: a+P+y=p+ptepat pa

ZoU: @+ Pty =p'+p +p +p-

323. ’E&v T Tpiywvov ABI elvan dfuyviov, va dmobeiydfj 611 :
a? + ﬂﬂ + Yg > SRQ.

Ti oupP aiver, Gv 16 ABI elvar appAuvycoviov ;

324. Els mé&v tpiywvov ABI va dmoderyboiv al oyéoers :

R>=2 xa ﬂpi.ﬂ =9
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325, 'E&v §, §,, 5, 8, elvan ol &mooTdoEls TOU KEVTPOU O To0 TepryEypauuévoy KUKAOU
mepl Tpiywvou ABT &md Té kévTpa |, I 17, 1" T@v kiKAwv &y ysypappévoy Kol TTapeyeypappé-
veov els T ywvias A, B, I altou, va Gmrobeyff oT1:

lov: S?fSTT‘E:r;fB:: 120R3:
2ov* : "Eaw @, ay, oy elvan ol mheupai Tod Tpiydveu I 17 1M, var &roBei i Ead il

_E:_;ﬂe Y’_L‘ﬁ_y:_=]

a ] JB: y: " ey

3ov* : "E&v X,, Xu, X, elvatl al dmooTtdons Tou O &mo Tas mAEUpds q, B, Y QvTioToiXws,
v& &rodery i &1
% eon Pl e L BRI
e X; 4x, X; X5
326*. KupTol Tetpamietpou ABTA al mhAevpal elvan &, B, v, & xal af Sicxycoviof Tou A, p.
N& &moBeiy 87 571 T duPabov Tou S elvan :

5= % V&ae — (& + y2— P — 892

327*. Edw els Tpiycvov ABT elvan p, = 2p, = 2p,, T6Te 3a = 4p.

328*. *Eqv al mheupai Tprydvou ABI dmoteholv &pifunTikiy mpoodov, TéTe al dxTives
Pur P Pa 9& &roTEACUY dppcvikiy Tpdodov.

329*. Avo xixhor (O,R) xai (O, R,) todmrovTon EEcoTepixdds sis 7& A. 'Edv d elven f) &mo-
oraeis ToU A &mo Thy EwTepikiy dpamrTopévny Bl alitédv, va drodeiy 87 611 ¢

2 1 1

D D + T
hoet Tév R kal R;.

330. Teeis xixdot (O, Ry), (O R,), (Os R,) elvan dyyeypaputvor els Thy yoviav xyz,
# T ool & (0,) tpamreran fcoTepikéds T@v (O,) kat O,. N& dmmodey8ij 611: R.2=R;: Rs-

331. ’lodmheupov Tpiywvov ABT elvan dyysypapuévoy els kikhov (O, R). *Edv M elvan Tuydv
onuEiov TOU KUKAOY, TOTE

kal 2) N& Umrohoyigfolv al wAeupal ToU Tprywvou ABI ouvap-

MA? + MB* + Ml = ct.

332. "Av kavovikol dkTaycovou ABFAEZHO dyBolv al Sixywvior AA, AH, HB, BE, E9,
Or, IZ, ZA, ol Topai alTdv elvar kopuoal SUo EAAwY kavovik@y dkTaryduwy. N& Uoloyiodij
1 TAeupd Kal TS éuPadov éxaTépov, ouvapTrioel Tis &xTivos R ToU Trept 1O Sobév dxTdrywvov TEpt-
yeypaupévou xUxkhov. "Eéw 8¢ E;, E,, E; elvan Té duPadd Tol dpyikoU kel TGV véwv, TOTE

By Ey == 2E 8

333*. AiSovren Tpla onpeia A, B, I uf) kelpeva &’ elBeias. Mi xévTpa T& onpeia TauTa ypa-
gopev Tpels kUkhous Tepvopbvous dpBoyeviws dva Blo. "Eqv o, B, ¥ elven ol Atupal ToU Tprydvou
ABI kot Ry , Rp , Ry ol dxtives Tév &v Aoyw kiKkAww, va &mroderydi 6Tt :

s 1 3

) By= 4 (B +y'—a) Rh=— ( + =B, R} = (et + Bt =)

2) N& Umohoyiodi) To tppabov Tou ABI owapTtrioe T&v Ry, Rz, Ry .

334~. 'Ecv K elvan 16 kévTpov Bépous Torycvou ABT kai R, R;, Ra, R; ol éxtives tdv
Tepryey papmivey kukAwy els & Tpiywva ABP, KBIT KIA, KAB dvtiotolyws, vé &rodeiy8ij OTL :

B B = }'{: =R, - Ry xal 2) 611 6 xUkAos KBl SiépysTen &ird 16 dpbdrevTpov H Tol ABI,

&v al mAevpal Tou ABI guvBicovTan 81 TTig oféoecs Q + v = 2a.

335. 'Edwels 7

nficotns |F—B | = 90°, 1é7s:

> f o
e o T

1BEE
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336*. 'Ecw O xal | elvan 7& kévtpa TV kKA, Teprysypanuévou kal dyyeypaputvou, els
Tpiywvov ABI kal foxim f oxéois p + p; = 2R, va dmodek8ij 671 1) Ol elvan wapddhnog mpos
v BI.

337*. “lva els Tpiywvov ABI & *AmoRidvics kUkAcs, & &vTtioToidy els TV Kopugfiv A,
looUTan weos Tov kUkAov ABT, mpémer kai &pkel 1) ywvia (b, v,) = -41

338*. 'O &yyeypaupévos xikAos els Tpiywvov ABI fpdmretan Tédv mAeupddv Bl TA, AB
els T& onuela A, M, N dvTioroiyws. *E&v A, b, v elvan T& prikn Tév TAeupdy ToU A M N kai g
B, Y T& ufkn TV TAsupddv Tou ABI, v& drodaiy8i o1 :

(@S OE BBy (T =)
A3 = e =3 ] 2
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MEPOZ AEYTEPON

rEQMETPIA TOY XQPOY

KE®AAAION VI
MOAYEAPA

80. OPIEMOZL*.—IToluedpikt Empavera kareitol £v nengpacpévoy Zovolov
imnidoy KAEGT@Y TOAVYOVOY, TODTOV Bote Ekactov va Exm pé Ev dhlo xoi-
vijy mhevpav i tufipe towtepikod mhevpds, {kGotn 8¢ kowvi] mAEvpa 1 Kovov
tiijpa tootepikod mhevplig va aviky g 800 moldywva tob Xuvdiov.

Té& Tohrywve xahoUvtan #dpat, af 88 wAeupal dkpai Tfs TToAueBpikfs fmipa-
veias. Eis 10 (oy. 63 ) 1O moAdywvov ©BIMH elven pia E8pa kal 1) wAeupd BO
1 dxun) Tfis ToAueBpikis Emipavelas. Al kopupal TGV ToAUyvwy ToUTwY Elval
al xopugai Tfis ToAUEBpIKiis Emipaveias.

Zy. 63 Zx. 63a H Zx. 64

Awrydviog roduedpikiis Emigaveias kadelton TO eUf. Tufjua, TO STroiov Opi-
Cetan &mwo SUo kopupds aUTiis i) Kelpévas &l TTis auTiis E8pas. OUTw, T6 Tufjua
I'Z elvan pia Brorycovios.

Awayoviov Eninedov TToAUESpou koAelTal v EmimeBov, TO dTrolov dpileTan
&mro TPEls kopuRas uf dvnroUacs els THy alThv E8pav. OUTw, To Emimedov OBE
(ox. 64) elvar Siarycoviov étriTredov,

Inpela Tis mohueBpikiis emeaveioas elven T& Eootepika TOV E5pdv kai THV
Akuddy aUTis.

‘Otav Aéycouev Eminedov topdly wds ToAvedpikfis Emipavelas, vooUpey THY

* Obrog £Angdn éx tod Pipriov «Ilapactuticn Fewpetpian o0 kadny. 1od E.M.II. x. 1. AaSorolhov.
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Toufv TV EocTepIkéY TGV E8pdy kal TV &xuddy oiThs UTTd ToU TéEpvovTos -
TrESou kal &1 TGV TTposkTaoEwY TEY 8@V fi TEV dKuddv.

“Ev &rrimedov (1) 8& Mycuev 811 Téuver fi Stv Tépver plaw E5pav (€) Tiis ToAu-
ebpixfis émpaveias, &g’ Soov fi evbeia Tfis Toufis TOU gmimedou T EBpas (g)
peT ToU Emmédou (IT), Exer 7 Biv Exel Tufipa Tng BvTos ToU Tolvydvou Tfs &
Bpas (€).

’Ex TGV dvwTépw EmeTan 6T ¢

IToioedpov xakeltar 1) mohvedpiki) imgdveia, tiic onoiag nica éninedog Topn
elval kAeroToV TorLDy@VoV 1j KAELOTA TOADYWVA.

EiSikcds, Ev mohbedpov kakeitar Kvptov, £av nd-
ou éniredog topn abrob sivor kvptodv moridywvov.

Eis 70 (oy. 65) £xouev v pi) Koptov ToAUeSpov. A
> AmroBeikvueTan 611 Ilav pij kuptov mohvedpov Sdva-

T vi xopredi eig kvpta rordedpa.

Bewpoluey To ToAedpov (TT) Tou (ox. 63) xal
TUXdV oTnuEiovV O pi) kelpevov émi E8pas ToU (TT). To
onueiov O Aéyetan gowtepikdv ToU (TT), tp’ Soov Emi
tx&oTns Si& ToU O ebeiag (x), TO onpeiov O keiten
peTaly, Umod Ty Evvolay T&Y &iwopdToov Blatdecos, TEV onpelwv Topfs Tns ué
o (IT), &AAws koAeitan EE@TEPKOV. *Ev Tois &xohotfors 8¢ dvapepopeda povov
els kUPTA TTOAUESPQL.

By O 2owT. kai P éEwTepikdy =+ I A 7ol TroAutSpou petafy O xad P.

*Ek ToU &pifuol Tév EBp&v Toov T& ToAUeSpa Aapfavouy T& &rOhouda dvd-
pare : Tetpaedpov (4 E8pan), nevtdedpov (5 Epan), EEasdpov (E€ EBpa), Oxkrdedpov
(8 &Bpa), dwdekdcdpoy (12 &pa), sikosdedpov (20 E8pan),. . ., v-gbpov (v E5pan).

To Grhovotepov tdv mohvédpov elvar o tetpaedpov.

A"

Ix. 65 &

‘ExdoTn &kuf ToU kupToU v-E5pou elvan dkp)
wmds Bi1tBpov yavias, Tfis dmolas ai ESpon mepiEyouv
&vTioTolyws Tés ESpas Tol v-E5pov, kal gis Tés dmroiag
dumikel 1) Becopoupévn dxp.

OUtws, 1 kupTh Siedpos ywvia M-AB-Z (oy. 63)
elvon pla 8iedpos ywvia ToU moAvEdpou.

To #owTepikdy ToU kuUpToU v-EBpou &vfjxel elg
To towTepikdy olaodimoTe Sitdpou ywvias adTol.

‘ExdaTn kopugt) v-£Bpov elvan kopuT) pids mok.u-
edpukiig yoviag. OUTws, &v A slvan 1y kopugt) v-E8pou

kad B, T, A, ..., X T4 dxpa 16V ARV Gxpév al-
ToU, af émolon Exouv dkpov TO A, TOTE 1) ToAUEBpos
B yooviar A-BTA ... X xadeitan nokbedpog yovia ToU

EX: 08 v-¢Bpou. To TAf{Bos Tév ToAUESpV ywvidy v-E8pou

looUtan pE TO TATBos TGV KopuEGY cUTou.
Eis 7o (oy. 66) #xouev picv Touty EZHO ToU xupTolU ToAuédpou OABIA.
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Mic edfsic Tépvouaa kupTOY v-eSpov, Téuvel cUTo els Suo pévov onueia K, A
(oy. 63). AT, dv bvavTig TEPITITCICEL, f Touf f) Siepxopévn B’ altiis 6 fTo
pf) kupTOY TOAUYwYoY, STEp &TOTIOV.

TIPIEMATA KAl ZTOIXEIA AYTQN

81. IIPIESMATIKH EITI®ANEIA.— Emri émiméSou (P) Becopoupev ToAlyw-
vov, toTw Té TeTpdmheupov ABIA, kal efeiav (x) Tépvovoay To émimedov A2y
Kohobpev mpiopanikiy émupaveiay 16 Lovoiov ta@v svberdv (v ), 1OV napak-
(x) Afhov mpdg v Sobeloav SiedBuvary (1), kai
Siepyopévov dia enpciov TAV mhevpdv tob mo-
Luydvou ABIA.
‘ExdoTn TV elfaiddv (y) dvouddeTcn yevé-

telpa TS TPIoHaTIKTS ETipaveias.
1 2 ' € 2 gL 3 S,
P. ' |181c1TEpeos, ai yevéTeipal ai dryoueval aro
| \ Tds kopUPSs TolU TTOAUYdvoU kaAoUvTal dkpai

Tfs mpicuaTikfs tmgavelas. Al peTafu TV
dkpdsv TepiAapPavopsval Emipdveial dvoualov-
Tan Edpar TS TplopaTikiis Emigaveias.

‘H moAuywvikn ypappn ABIA koAeiton
06ny6s.

Mia TpiopaTikn émpdveia koheiTar kopt, STav 6 58nyds elval kupTOV TTOAU-
ywvov, GAAWS KaAelTal B Kupti.

82. EIIIMTEAOI TOMAI ITPIZMATIKHE ENI®ANEIAEZ.— Aofeions pids
mpiopoTikfis emeaveias (E), Bewpoluev érriteSov (P;) Tépvov piav Tdv Expdv
attfis. To (Py), &5 yveoTdy, 6& Tépuvn kal T&s dAAas
drpds aUThs, kol ket droAoubiav B& Tépvn kol -
oos 145 EBpas clThs ket eUBUypauue THR BT,

Wohov TV Ko

by onueioy Tilg npopati-




'Eav To #&mimedov (P) 8év elvan olte kddeTov, olte mapdAAnAcy pos Tas
druds, ) Toun) KoAelTal mhayid.

83. GEQPHMA.— Ai topai mag npispatikilc émeaveiog vmo nopaiiniov
tmnedov, pi) rapallflov rpog tdg akpds g, elvar moldyove isa.

*Anoderfig ¢ “Eotwoav ABIMA xal A B A
BUo TapdAAnAct trriTredor Topal MI&S TrPIOUATI-
kfjs emipaveias. T& Tpnuata AA; kai BB, elvan
ioq, ¢5 TapdAAnNAa Teplexopeva peTaU Svo o
podAN Acow EriTréSwv. CAAAG Kal T& TunuaTa AB
kal A;B; elvan TapdAAnAa, o5 Toual TapaAAr-
Awv EmTédcov UTd TpiTou. "Apa TO oyxfjpx
ABB,A, slval TrapaAAnAdypaupov. ZUvetrdds
AB= A,B,. “Ouolws elvan kai:

Bl = B,[;, TA=TFA; xal AA=AA,.

Al yowviai BAA xal BA A, elvar foa, 816
ai TAeupai Twv elvat vapa?\?\n?\o; kal ouoppo-rron

‘Opoiws elvan kadl :

& ABI'= <« AB[, < BEA= & B,[;A,, a TAA= < M AA

Ko’ &xoroubicy T& moAUywva ABTA kai A BN A, elvan foa.

84. TIOPITMA.— Kadctor topai npropatikiis émeaveiog civar foat.
A1dT1 efvan TrapdAAnAol Touat. "Apa foal.

85. [IPIZMATA KAI TSTOIXEIA AYTON.— Ilpicpe sivar 10 nokdedpov,

10 Opiiopevov DO pLdg MPLOPATIKT|G gmpaveiog kKai 0nd d00 nopuriihov Emré-
Sov topdv adriig.

. C Al Topai elvon ai paoeig

t v : ToU mployaTos. ‘H dmooTa-

o1s HB Tév 8lo Baoewy ka-

AgiTon fyrog ToU TrpiouaToS.

r Olrer  T&  mohbywva

ABIA kai A,B,T A, elvoa o

E Béoeis ToU piouaros (BA,)

Sx. 70 T il Ty, 12 kol TO Tufipa HO elvar T
Unpos Tou.

Al hotmrad E5pan, ds ) ABBLA,, elvan of mapamhzupor £dpcn ToU TrpiopaTes.

—> —
Elvon 8¢ Trpo@avéds TapaAANACY pouua, S16m AA; = BB,.

T oUvohov TGV TrapaTrheUpwy EBpdv ToU mplouoTos kohelTar maplrhey-
pog Em@aveia ToU TTplG}_CITOS
Al dxuad, s 7 AA,, ai uf kelpevan &ml T Emimedoov TS péoews, elva al
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rapan)evpol dxpai ToU TpioucaTos Kol elvan Toat TTpds GAATAGS, G§ CTTEVaVTL TTAEU-

pai TapaAANACY PEHHLY.

“Ev mpioua & AéyeTan TPLYOVIKDY, TETPAYDOVIKOV, neviaymvikov, EEaymvi-
K6V, ..., 6Tav oi Bdoes Tou elven Tpiywva, TeTp&mAsUpa, TEVTaywv, E6&-
yova, . . .

“Ev rpioua Atyeton opBov, &v ol TrapdmrAeupot drual Tou elvan kébeTol
Tipds Tés Pdoels. Al TapdAeupot E5pat Tou elven dpdoydvia. "ANAws TO Tpioua
MyeTan mAdylov.

“Ev rpiopa AbyeTal KAvVOVIKOY, & elvan dpbdv kal ai P&oels Tou elval kavo-
VIKd moADy®va.

Maw Tpioua v dprouévoy Bik wds Té Baoeww Tou kal s Tédv Tapa-
TAeUpwY AKUGY TOU.

Eis T (oy. 70) To Tpiopa elvon TAGytov TeTpaywvikéy. Eis 16 (ox. 71)
15 Tploua elvan dpBov TevTarywvikdy. TO (o). 72) TapIoTE KAVoVIKOY Tplywul-
KOV TrpigHa.

86. KOAOBON ITPIEMA.— Ko)lopov npiocpa kareital t6 nolvedpov, To omolov
TPOKONTEL Gmd piay TPLopatikiv Empavelay, dtav attn tunbi 0o dvo pun mapak-

) Y Miov imnédov.

' ) H "ESpat ToU mohuédpou TouTou 8 elven

al 8Uo émimedor Topai ABMA kai ©EZH

£ (oy. 73) xai ai Aovmad, dos 1) BITHZ, tparmé-

A 1. Al Topad ABMA kai ©EZH elven ai Ba-

6£15 ToU kohoPou TrpicuaTos.

A r gr Elvon Buvarov oi TrapdrrAeupot ESpan

(Twves) €vos koAoPou TrpicupaTos va elvan

kai Tpiywva, ds Ta ABZ kai EAO (oy. 74).

“Ev xoAoPov mpioua 6& AéyeTtan 6pBov,

&rav 1) pla & T&Y Pdoenv Tov elvan k&BeTos £l Tas TapaTAsUpous dxuds. Al Ta-
pamAeupot, TOTE, ESpat B elval dpBoydwia Tpanélfia Ty dpBoydvia tpiywva.

Ix. 73 5X, T4

87. OEQPHMA.— To épPadov tijs napanievpov Emeaveiag = A
) |

nhayiov npicpatog icobtar mpog 10 yivopevov Tiig mepipéTpou pidg
kaOétov ab-ob topfig ini TV rapanievpov dkpny tob npiopatos. A, : : r
Aborg 1 E 5 75) pic k& A ToU B !
be1g : “EoTw aPyde (ox. 75) pia k&beTos Toun ToU mAa- | i
e I

yiou mpiopatos (AA;). Al TAeupai af, . . ., ex Tfis Toufis elval

T& Oyn Té@ Tapamisipwy E8pdv (TapaAAnAoypdupwy). *Apa v %:7;‘5
TO EuPadov Tis TapaTrAeUpou ETigaveias Tou TrpiouaTos ToUTou i ‘ _'__4_:”; Y
B elvar 10 &Bpoiopa TGV EuPabidv TGOV TTapaTTAeUpwY E8pdiv. LBl J'\!_‘:
Arh. E=(oB) - A+(By) A+ (y8) A+ (B6) A+ () - A |/ \
— (@B + Py + YD+ B+ ex) A=z - A G R Ry
fitor : E=w- % B
ZY. 15
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gvla o TaploTd THY TrepipeTpov Tiis kaBETOU Toufis ToU TAayiou Tpiguares kal

A elval 7 TAsupa adTou.

AZKHZEIZ

339. To éuPadov Tijs mapamheUpou imgaveias dpfol mpiouaTos looUtan Tpos TO yivduevoy
Tfjs TEPINETPOY THs Paoews éri TO Uyos aUTou.

340. N& UmroAoy1o0f 16 EuPadov Tfjs TapamAedpou émgaveias dpfol TpicpaTos Tyous
3a kai ) Paois eivan ioowAsupov Tpiywvov fj TeTpdrywvov | kavovixov E§dywvov TTheupds .

341. N& UmoAoytofi) 16 epPadov Tis OAkfs émeaveias éplou mpicuaTos Uyous 2a, Tou
&troiou ) Paois elvan pouPos diaywviwy a kol 3a.

342. 'Opfdv mrpioua fxer Paow TeTpdywvov ABIMA mAeupds a. 'Emi T@v dxpddv, al dmoia
ayovtan &md Tas xopugas A, B, I, AapPavouev 1 onueia M, N, P, ToiaUta dote: AM=4aq,
BN = 3a, TP = 2a. To émimedov MNP Tépver eig 16 onueiov K Thv dxpfiv Thv dyouévny &
Tou A.

lcv: N& eUpefij 16 €lbog Tou TeTpamieupou MNPK.

2ov: N& Utmroloyicbolv ai TrAeupal Tou MNPK.

3ov : N& UtroAoyiobf 16 Tefjua AK,

4ov : Na& Utrohoyro8f) 10 éuPadov Tfis TapamAeUpou émigaveias Kal TO GAKOY EuPa-
56v ToU évos koAoPol TrpiguaTos.

Sov: N& yivn 1o dvamruyua Tis mapamdelpou émigaveias xafhs xal Tis dAkds
TolaUTns Tou kKoAoPoU TrpicpaTos.

343. 'OpBov mpiopa Exel Paaw iodmAeupov-Tpiywvov ABIT mAsupds a. 'Emri Tév mapamied-

pwv &KpdV AapBdvopey T& TURuaTa AM = g, BN = 2a kai TP = x.

lov : N& UmoAoyiodi) 6 x, doTe 16 Tplywvov MNP va elven épbicyviov.

2ov: ToU x dpigbévTos, va Utrohoy1abi] 1o épPabdv Tiis oMikils Emgaveias ToU Koho-
Bou TpiopaTos ABITMNP.

3ov: Na& yivn 16 dvdamTuyda Tiis Emeaveias ToUToU.

344. Eis mpioua, ToU dmoiou f) Pdois elvan kupTov TeTpdmAeupov, va dmodeydi 6T To
&8poiopa TRV TETpayovwy TGV Smdena drudy Tou igoUTar pos 16 &bpoigua TEY TeTpay VLY
1&v Tegodpwy Siaywvicwy Tou, NuEnuévoy kaTa TO SKTaTA&TIOV TOU TETPAYWVOU T ATTOTTA-
gews TOV pEcwy TV Siraywviwy.

345. N& eUpedfi: Ak moia Sioydvia émimeda dplol TpiouaTos TERVOUEVE, T) TOUT
aUT@v elval k&BeTos Tpods Tas Paotls Tou.

346. Eis iv Tprywvikdv Tpiopa va dmodexij 6T :

lov: "Av SUo TrapdmAeupor £8pai elvan ioa, af dmévewTt alrT@v SieSpor ywvian slvan
ioan.

2ov: ’Eqv BUo &5pan elvan dvicol, ol dmévovTi altév BieBpor ywvion elvan dpoiws
&vioor.

88. OPIZTMOI.— Avo nohiedpa 0a Aéyovia opodroye, Eav dnapyn augipovo-
oHIAVTIoS GNELKOVIGLIS TV dpwvipmy stolyeioy avtdv.

*Edv 8o moldedpa Exovv Tprywvikas Edpag Tod avtod nhnboug, teTpay@vikig
£8pag tod adtob mAnBovg, nevtaymvikag Edpag tob avted nifibov, . . ., 1@ nolvedpa
Shvavrar va katactobv Opdloya.

IIOAYEAPA IZA.— Abvo anka v-gdpa 0a Aéyovrar ioa, 6tav katd piov
aviiotogiay (&mekGVIoIY kopuedv) ai E8par kel ai tokvedpor yovial adtdy clval
00 adtol npocavatoiicpod Kai dviiatoiywg leal.
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Eis & (oy. 76) Exousy 8Uo mplouata (A@) kai (AS,), T& &Trola £X0UV TPETS
t5pas ABIAE, ABHZ xad AEKZ loos dvmiaTolyws Tpos Tas E8pas A B AE,,
ABH,Z, kad AjEK Z, xai ToU abTou TpoCaVaTOAITHOU.

*ExovTes Ut Syel T epl lodTnTOS
i ) B1E8pwv Kol TPIEBPV YwvIdy, oUVEryOpEy
z n Z, &1 of Tpiedpor ywvica A kai A; 8& glvan

8 W ioan. *Emaidn) 8¢ of BH, 'O, Al, EK elven
\ &vTigTolyews TapdAAnAol Tpos Tas ByH,,
0, Al, EK; xai fgen, Emeton 871 xad
Td&ca i Tpiedpol ywvic TéY BUo Tpi-
opdrwv eival oot kad af E8pan &vTioTol-
¥os foal kod ToU ciToU TpocavaToAl-

/
[ A4
L B
Jhic opol. "Apa Ta& TpicpaTa elval foa.
Ey. 16 *EvTeUfev EmovTal ol TPOTEOEIS :

89. TIOPIZMA I.— Avo kohoPa npicpata civar ica, 6tav Exovy tpeig Edpag pe
My abtiv KopueRy isug, plav npog piav, kai givar tod adtod TPOGAVATOLIONOD,

90, TIOPIZMA II.— Avo opba npispata sivar ioa, £av Exovv ioug Paceic kai
ioa Uy, )

A& THY &médBefiv ToUTou Bv &ranTelTan TTpooavaTOAITSS.

TTAPAAAHAETTITIEAA KAl EIAH AYTQN

91. TTAPAAAHAEIIIINIEAON.— Ilapokinieningdov kareltal 16 nplopa, 0D
onoiov 1 pasig elvan napakinloypappov.

Mpogavids | &AAN Paois kai al Tap&TTAsupol
E5pan elvan TapadAnAdypappa. Ald VA KATACKEUG
ceopev va TapaAAnAemimeSoy, &pkel &TO TAS Ko-
pupds Tou TrapaiAnAoypdauuoy ABIA va gepwpev
T& TuApaTta AA,, BB, I'T,, AA, mTapdiAnic, oo
kel dpoppoTa.

To TrapaAAniemimedov £xer EE ESpas, OKTG KO-

Zx. 17

pueds, dedeka dxpds kal téooapug Slarywvious.

92. IAIOTHTEX TOY TTAPAAAHAEITIIIEAQY.— lov : [1dow al Edpar na-
palinheminédoy elvar mapakiinioypeppa.

MpdypaTy, deou 1 Paois elvanl TapaAANASYpaupoY, KATX TOV SpIGUOY TOU
mplopaTos xai 1y &mévavTt E8pa B elvan TapaAAnioypappov. Emeadn ol mapd-
mAcupol dkpal Tou Tplopaos elven oo, kal al Acirol £Bpat ToU TTapoAANAETTI-
mredou & elvan TapaAAnASypaupa.

‘Edv, Aormov, méoou ci E8pan mapoAAnAsimeSou elvan TTapaAANASLY paUl,
TOUTO KOAEITan mhéyiov mapahiniemimedoy (o). 77).

"EvreUBey mpokUmrTel 671 Al dkpal napakiniemnidov, ava téocapeg, slvar
fom xoi rapélinlow :
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OUTws, €is T0 (ox. 77) 8& elven :

AB =TA =T,A;, = A;B; kal moap&Ainior
/¥ae = BlEh = RlRS — AV »
AAS—IBRS— B [ER—A ARy »

’EvTeUBev mrpokUTrTel &T1: Al @névavn Edpm napaliniemnédov slvar ioat,
kal katT’ dxohoubiav BlvavTten va Ypnoipeloouv ds Péoels auTol, kaddoov elval
kol TTap&AANAOL.

T&v TrapaAAnAerrimedov elval dopiopévov, Edv yvwpilwpey TaS TPES GKuds
was Tp1Edpou yawvias autoy, T.x. Tas : AB, AA, AA; (ox. T7).

2ov : Al técoapeg daydvior taporinieminédov Exovv 10 adtd pécov.

TMp&ypaT, ¢meaidn t& Tunuata B kad AA,; elvar opddAnia, dpoppota Kai
joca, TO TeTpamAevpov BIAA, elven mapah-
AnAdypappov. “Apa ai Biaywviol Tou Sixo-
TopoUvtal elg 1O O. AnAadn O = OA; kai
OB = 0A4,.

PANAG kad TS TeTpdmAsupov AA M B elvan
TapaAAnAdYypappov. “Apa ai Biaydwviol Tou
BA,, Al SixotopolUvtal. "Apax al Bicrycviol
AT, BA,, AT 8ixotopoUvTtas els 70 O. “Opoieog
&mrodeikvieTal 6T1 kal 1) Sicxycovios BA Sigpye-
T &md T O kad SiyoTousitan &md ToUTO.

‘H Topny O T&v Blaywvicov TapcAAniemmédou GvopddeTan Kkévipov Tou
TapaAAnAETITTESOU.

3ov : I161e Eminedog topf mapaliniemnidov eivar nopahinhoypuppovs

‘H &mddeifis eUkoAos.

Zx. 18

93. OPOON I[IAPAAAHAEIIIIEAON.— “Ev mapollnleninedov xakeito
opBov, Eav pia nopamievpog dupd tov ivar kGbetog mpdc thy faoty avTol.




Al 2€ E5pan ToU opBoycoviou mrapedAnAeTiTiSoy elval Spboywvia. To dpbo-
yéwiov TapeAnAetrimedov elvan daplopivov B1c TGV UMKV TRV TPIGY dKpddy, TGV
dyoutvewv & THs oUTiis xopugpfis, foTw Ths I T prkn TV Skuddv TOUTWY

B=p, MA=a kai [T;=Y KoAoUvTan dtactaoelg

o = s 100 pBoywviou TapaAANAETITTESOU.
A i {‘g‘\,‘ H pic ToUTv KeAeITal pijkog, 1) &AAN mAdGTOG
7 = =B i f TpiTn Bwog 7 pabos. ;
s Tav dritreSov TrapdAAnAcy Trpos piav E8pav Tou

dpboywviou TapaAAnAeTimESov, kel Tépvov auTo,

B 1o Sicupel els SUo dpfoycovia TapaAAnAeTiTeda.
*AvTioTpépws, dTav BUo dpBoydvia TaPaAAn-

Aemrimebor Exouv piow E8pav omv, Buvdueda 51 Eri-
TpooBioews alTEY VA oY MHaTiTwHEY fva dpBoydaviov TrapaAAneTiTeSov.

‘Yrokoyiopds 1dv daywviov dpBoymviov rapalinieminidovn.

“Egteo Al =& TO pfikos Tiis Biaywviou Al. “Ayouev Thv Al

*ErreiBn) tix Tplycova AT, kai ABI elven dpBoycovia, B& Exwpev

§8 = Al 4 T2 = AB2 4 Bl T = o2 + P2+ ¥?

>

y. 80

& ol : 5= Vo2 p241*°

‘Ouoloss GmoBeikweTan &T1: &= 8,= 8;= 8= Vo@4+P*+ v ¢))

“Apa: To tetpayovov tiig Siaywviov dpboywviov rapaliniemnidov icobtan
npoe 1o Gplotopa @V TETPAYGVEY 1Y TPIOY avTod dwacTacemv.

"Ex Tfis (1) padveTcn 671 ¢

Al Siaydovior dpBoyweviov naperdnieminédov elvar ioat.

’Aviiotpogwg : "Eav al dtaydvior napariniemnidov elvar iom, tobro eivar
oploydviov napullnheninedov.

AdT1 T Saycovia ErrimeSa elvan dpBoydvia, s ExovTa Tas Siarywvious
TV ioas KAT.

95. 0 KYBOZ.— Kipog elvar 10 dpoydviov mapalinheninedov, tob omoiov

ai tpeig Sraotaosig eivar toal : A -

Al £€ £5pon Tou elvon TeTpdywva TAeUpds o. “H TrAeu- i !
& a elven 1) druf) ToU kUPou. ‘O kUPos kaAeiTon kai ko-  An Ly D
vovikov £Easdpov. a:‘ ‘5 @3\

‘0 kUpos Exel Tds 1810TNTAs ToU dploycviou rapah- o \‘\\\\\
AnAemiméSou, &l mAfoy B Eyel Tas ESpas Tou TeTpdycova A/’““‘-\' “§.€' r
kol GAas Tas drpds Tou Toas. & S

*E&v aelven 1) dkpy Tou kUBou, TOTE 1) Siarywvids Tou A E
elvan : &l

=+ P+ yi=al+ it &= 3a? ¢§ oU: s=aV3
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AZKHZIEIZ

348. Tlav mpicua Exov Bdow TeTpdAeupoy kal Tés dmévavtt mapamAedpous ESpas Tapah-
AnAous, elvar TrapaAAniemimeSov.

349. “H Paois wpioueros elven TeTpdmAcupov, ol ¢ BUo Tap&mieupor ESpa Elvar foa Kl
TapaAAnAol. N& 8eixff ém1 1o mpicua ToUTo Eivan TrapaAinietimeSov.

350. TT&v edfUypappov Tpfjua éxov T& drkpa Tou &l T&v Blo dmévavTi E8p&v TapahAnie-
mimedou kal SiepySpevov Si& Tou kévTpou, SixoTopeiTal UTd ToU KEVTpou.

351. Ta evd0ypapua TuAuaTa T¢ &ola dpifovtal Umd TEY péowy THGY &TévaUTI Tapa-
AnAwv drpdv TTapaAAniemiméSou SiyoTouoUvTa,

352. Té& euSUypappa TunpaTa T& Spi1lopeva UTrd T&OV KEvTpwy TEY amévavTt E8pdv Tapah-
AniemmeSou SixoTopoUvTal.

353. Avo xdBeTa eUdUypaupa Tufpata &ydpeva ik ToU kévtpou TapaAAnAemiméBou kal
TepaTovpeva eis Tas dTrEvavT ESpas avTou, elvan kopugal pduPou.

354. 'Emimedov SitpxeTan &md piav Siaywviov wmds E8pas xUPou kal Bi& Tol péoou THs
dmévavTi TTapaAAnAou &xpfis autou. N& ebpedf) 16 eldos Tiis Toufis ToU kUPov Yo ToU Emimrédou
TOUTOU.

355. N& eUpebfy TO eibog Tiis Toufis kUPou UTd tmmédou dpiZopévou UTd TV drpav TPIBY
drudv alToU, dyopévewv &k THs alTiis KopugTs.

356. Na amodeydij 611 /) Toun kUPou UTo Emimédou kabéTou els TO péoov wds Siaywvioy
Tou elvan kavovikoy EEdrywvov.

357. To &8poiopa TdY GTOOTACEWY TGV KopUpdY TapoAAnAemimréSou &md émimeSov
Téuvov aUTd, looUTal Pds TO SKTATAGTI0V TS Ao TATEWS TOU KEVTPOU Tou &md T alrd éri-
TeSov.

358. N& omoudaofij 76 ToAuedpov, TO omolov Exel Kopupds Ta xévTpa TGOV E5pdv kUPoy
AKURS a.

359. ‘H Sixydvios kUPou eivan 8V§m. N& UmoAoy1o8i] 16 épPadov Tiis SAkis tmipaveios

360. TS éuPabov Tiis SAikils Empaveias kUPou elvar 150 m2. N& Umohoyio8ij # Siarycvios

361. Al BiaoTdosis opfoywviou mapaAAniemmébou elven a= 7cm, B = 24cm kai
y = 60 cm. N& Umodoyiobi) 1) Siaywvios & kal 1 Ak Emedveid Tou.

362. Eis dpHoywwviov TapaAAniemimebov eivar a= 15m, B = 20m kal 8 = 313 m. Na&
Umrohoyrofi] ) SAIkT Tou émgdvela.

363. Na UmoAoyiobolv ai Biaotaoers oploywviov TapoAiniemimédou, yvwaTtol Svros
571 elvan avdhoyor Ty apibudy 4, 5, 6 kal 671 TO SAkdy EuPaddv Tou elvan 1332 m2.

364. To &dpoiopa TV TETPayVwY TV Siaywviwy Tapariniemmédou looltar wpds T
&Bporopa TGV TETPAYWVWY TGV Srdexa druddv Tou.

365. To &8poloua TV TETpaydvwy TOV &TOOTAOEWY TTjuelou &TTod Tds Koougds TapaAln-
AemiTéSou iooUTan Tpos TO SKTaTTAdT 10V TETPdywvov Tijs &TooTdaews ToU anueiou ToUTou &md
75 xévTpov Tou TrapaAAniemimedou, nuEnuévoy kaTd TO fimou Tol dpoigpares TGV TeTpaycd-
vav TOV Siaywvicvy Tou.

366. To &fporopa TAOV TETPAYWVWY TV EuPadidv TaV E§ Siaywviwy émméSwy Toudy Ta-
poAAnAemimedou elvan SimAdoiov Tou GfpoiguaTos TévV TeTpay vy TGV tufadiv Tdv EBpidv Tou.

367. Awx Tou péoou Tiis dxufls Bl mapadAnAemimédou ABFAAB A, &yopev émimedor
TandAAnAoy Tpos T BAA,. N& &modeixbf) 6T ) Topn eivan é§dywvov kal vi omoubagfolv ol
i8i1oTnTES THS TOUTS.

368. AideTan kUPos ABIMAA,B,IMA, dxufis a. 1) N& Utrohoy1o6ij f) wpoBoAd Tijs AB &l v
Braycoviov Al 2) N &moBery8i} 81 16 Tpiywvov BAA, elvan fodmheupov. 3) "0t 70 Emimedov
BAA, elvan xd8eTov mwpos Thv Al kal 4) "OT1 f) mpoPoln Tou kiPou émi émimedov kdbetov mpods
Thy AT, elvan kavovikov E§dycvov.
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369. AiBeton xuPos ABMAA,B,T,A, dxufis a. Téuvopey Tov kUPov UTrd EmiméBou TTapahAnAou
Tpds 16 Emimedov BAA, kai Sigpyxoutvou Sid Tou pégou T Bl. 1) N& 8erybf ém 1) Toun elvan
kavovikdy Efdyewvov. 2) "OT1 A AT, eivan k&BeTos Tpos TO trritrebov Tou E€aywvou TouTou Kal
3) N& Umohoyia8iy 76 éuPaBdy Tol Efaydvcy TOUTOU GUVapPTATE TOU a.

370. Aidetan opfoywviov ABTA, eis 16 dtroiov AB = 20, BN = a xai UyoUpev Tds kaBéTous
AA,, BB,, IT, xai AA, pos 1o EmimeSov ToU dpfoywviou. Aia Tou A &ycuev ¢rimeSov Tépvov THY
oynuaTicdiicay TpopaTkn Emeéveiav. Yo Toias ouvikas 7 Toun eival 1) dpboycviov, 2)
popBos xai 3) TeTpdywvov ;

371. MapaAAniemmeBou ABIAA,B,IMA, oi E8pan ABB,A, kai AAAA, sivar igoBuvapor.
N& dmobaydi 611 1) *H xabetos Tops alTol, kédeTos émi TV dxuny AA, elvar popPos. 2) Ta Sia-
yaovia émimeda T& Siepydpeva Bia T@v AA, kai BB, elvan kdfeTa Tpods T& SixoTcuouvTa EmiTeBa
v Sidpwy AA, xai BB,. 3) T kévTpov Tou TapaAAnAemimédou &mréyel lodkis TRV TEOoApWY
Bpdv, Tav TEpExouoGY Thy AA, ) TapoAAnAwy Tpos TV AA,.

372. AiSetan TapahAnemimeSov ABFAA,B I, A,. Awx Tév onueiwv B, 4, A, &yopev Ei-
TreBov Téuvow T6 TapahAnhemimeBov KaTd T Tpiywvov BAA,. 1) N& dmodaiy€f 671 16 EmimeSov
AAT, Tépver 16 BAA, xata Thv Siapegov ToU Tprywvou BAA,. 2) “Omi 1) AT, Téuver 16 émimeSov
BAA, xaTta To kévTpov Bapous Tou Tprycvou BAA,.

TETPAEAPON — TTYPAMIZ

96. OPIZMOZX.— Occopoluey Téooapa onueia A, B, T, A ur) eipeve émri Tou
QaUTOU ETITTESOU.

Kalotpev tetpaedpov 16 moiiedpov, tod omoiov Edpar eivar td técoapa Tpi-
vova ABI, AAB, ABI kai AT A.

T& Ttooopa onueia A, B, T, A elvon ai kopveai
Tou TeTpatdpou, Ta TunpaTta AB, B, TA, AA, AB,
AT glvar of axpai Tou TeTpofdpou kad Ta Téooapa
Tpiywva: ABT, AAB, ABI, ATA sival ai Edpar
TOU TETpaESpou.

‘H amdoTaois éx&oTns kopuefis &md Tou £mi-
medou THis E8pas, 1) OTola ExEl KOpUPAs TAs GAACS
Tpels kopupds ToU TeTpatdpou (anévavti £8pag), Ka-
AeiTal Uyog TOU TETPOESPOU.

Eis éxcoTnu €8pav Tou TETpaéSpou AVTIGTOIYEL
£v Uyos.

) Olrex, /) amdotaois AZ elvan 76 Uipos ToU TeTpatdpou AABT, 16 dvTioTol-
youv sis Trv €8pav ABT.

TS auvohov T@v E8pédv TeTpatdpou kaAsiTan Empavera adToU.

"Eav onueiov O elvar ésotemkdy To0 TeTpatdpou, 1) ebeia 1) ouvBiovoa aliTd
U EKAOTNV KOPUQTIV TEWVE THY darévavTi E8pav

Ta onue

gl ¢0wTEPIKOV oTUeTov cUTTis.
o T& 6Tola Bev elvan olUTe EowTEDIK

«x oUTe gnueia TV E8pdv Tou

pov, Td 0noTov NpokvTEL Gnd piay

YPAMIZ.
3 W, TERVOVTOE MAsCUS TGS QKpdc

noriEdpov Yo

el
(=)
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‘H xopuer) Tfis ToAuédpou yewvias O kaAsiTal Kopugs Tis Tupapibos xal
€8pa TT|s Touf|s KaAelTal Pacig THs TUpapidos.

OUTws, els TO (o). 83) Pdois eivai 16 ToAbywvov ABIA kai kopugn) 16 O.

Al &AAa £Spal, ai dmoian eivan SAan Tpiywva,
ovopalovTal rapanievpor Edpar Tis Tupapidos. AU-
Tal GUVICTOUV TTV MOPATAELPOV EMLOAVELOY TTS TTU-
papidos. Al kowal dkpal TGV TTapaTTAsipwy E8pdv,
ai Siepyopevar Bix THs kopupfis O, kaAoUvTal mapa-
mhevpal axpol TTS TTUpapidos.

‘H x&Betos 1) &yopéun &k THs Kopugfis TPos TO
¢itedov TTis B&oews, glvan TO Byog Tiis Tupauidos.

Mia Trupauis 8& KoAfjTal TPLymVIKT, TETpaym-
VIKT], TEVIAYOVIKT, ..., kaBdoov ©) Paois Tns eivan
Tpiyovoy, TETPATALLPOV, MEVIAYOVOY, . .. Iy. 83

To TeTp&edpov duvaTal va Becwpndiy ws Tupa-
uls xaTd Téooopos TpdTous, dvaidyws Tis E8pas, Thv Omoiawv BecopoUusv s
Baoiv.

To ZYvohov SAcov TV E8plov mids TTupauidos kakeitan Emeavele g mupo-
pidoc.

98. KANONIKH IIYPAMIX.— Mia nupopic héyeter xuvovikil, 6tav 1 pacig
civol xavovikov moliywvov wal 0 mobg tol woug g elvar 10 kEvipov tilg
pacewme.

EUxoAws dmodeikvieTan 8T1 ol Tapd-
TAEUpol ES8pan KavovikTs Tupapibos evat
loocKELT] TpiyOVE o0,

To Gwos v wids TraparAelpou EBpas
KaVovIkTs TTUpoidos koAelTal Tapaniev-
pov tiyog aUTHS.

*Avtistpogus ¢ [aoe nupopis tig 6-
rolag ol mapanievpor Edpur £lvul icooke-

LR tpiyove 1ow, £IVOL KUVOVLKY).

Ty. 84 TpdrypaT, dgou OA=0B=... =

OZ xai OK kown), Emetan &T1 Ta opbo-

ydvia tplywva OKA, OKB,. . ., OKZ evan foa kai ka1 droroubiav KA = KB =
— KZ, omdte 1) Pdois ABMAEZ elvan kavovikov molbywvoy, kafidoov elval

ABE— B ET— AT

Toicu BisBpol ywvian Tijs kavovikiis Tupauibos elvat oo ;

99. KANONIKON TETPAEAPON.— Tetpasdpov ABFA 0a xalfjrar kovovi-
KOV, Otev ndcul ul axpal Tou eivul ioul.
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Al £8pan Tou elvet oo {odmAeupa Tpiywva Toa. "EoTew o 1 dkpn Tov. ‘O
mous H ToU Uyous AH @ elvan 16 kévtpov Tol igomAelpou Tpryvoy BIrA kai :

A cERE o
SR pEa D e S lSNGL
BZ2 — BI*—|FZ a 7 T
a B
i e
A £ oU: BZ = —5
B a 3
7 kad BH = .% TBT — iBY_B
i ’Ex ToU opBoywviov Tprycovou AHB éxope :
2x. 85
Sz 6o aV6

u2=AB‘3—BH2=u2—49-—=—9ﬁ. Apa: v= 3

100. EMBAAON KANONIKHE NYPAMIAOZL.— "Eoctw OABIAEZ xavowi-
&1 TTupapis (o, 84) kai OH = v, 1o Trap&mAeupov yos albTs. "Emedn ai mapa-
TAeupel ESpau elvan ioookeA] Tplywva foa, Emeton &T1 TO EuPadov B,y TRS To-

pamAsUpou Emipaveios aUTiis elvat

EC,,:@.(OAB):s-_LAB-UIZyAB-ul.

2
"Edw & dpiBuds TéY TAeupdv Tiis Potews eivan v, T6TE ¢
1
Eg=v-(OAB) =v . - AB-u = — (v AB) - u, 1)

'Emeidn v-AB elvan f) mrepiueTpos Tiis Pacews, éotew TT, 7y (1) yivetan :

1
Ep=— v )

kai 6 TUTros 0UToS EKpPALEL AT :

To éppudov tiic nupaniedpov imeaveiag kavovikig nupapidog igodtun npog 10
ywopevov tijg nuirepipétpov tig faoewmg £l 10 nupanicvpov Hyog.

"Eav els 16 mapdmicupov épPadov kavovikiis Tupapibos TpooTed TO EuPa-
Bov THs Pdaews, TpokUTrTel TO EuPadov THs OAIKTs Emeaveias aUTHs, EoTw Eo .

Anhadn :

1
Exv=(B)+ 5w, (2)

ZHM. : To épPadov tijs Emgaveiag Tuyo0eng mupapidog sivar to dlpotopa t@v
Enfudiv thrv Ldpdv avtiic.
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AZKHZIEIZ

373. N& Utrohoyioff 16 #uPadov Tiis SAkis émigaveias kavovikoU TeTpatbpou &kpfs .

374. Tupapis OABTA Exet Paow TeTp&ywvov ABIA mAeupds a. *H dxkun OA elvan kabetos
Tpds THv Pdoiv kal £xel pfikos 3a. N& Uroroy1adfj T6 EuPadov Ths SMkis émpaveias Tfis Tupami-
Bos TauTns.

375. Kavovixr) Tupapls Exel P&otv kavovikdv ££&ywvov Asupds a kal Uyos 3a. Na Umoroyt-
o8} 7O EuPadov Tis OAIKTs Emeaveias Tns.

376. Kavovikty mupauls éxe1 Paoiv TeTpdywvov TAeupds o, kai ol TapdmAevpor édpai
Exouv KAlow Tpds THv Paowv fony wpos 60° fy 30° f 457 N& Umohoyo8ij 16 éppaddy Tiis SAkTs
tmipaveias olTis. ;

377. T& xévTpa TGV £8pddv kUPou eivan kKopugai vos Tohuidpou. Na Uooy1ci 1o éufadov
THis fmpaveias ToU ToAUESpou (dkTaEBpolr) TouTou, &v f) dxun Tou kUPou elvan a.

FENIKAI IAIOTHTEZ TQN TTYPAMIAQN

101. OEQPHMA.— ’Eav nupapic tun0ff Ond #minédov mapaliihov mpog
v Pacv :

lov : Al raparievpor dkpai kai 16 Uyog tépvovtar eig pépn avaroya,

2ov : “H topn givat opoia mpog v faciy, kai

3ov : ‘O Adyog 1ol EpPadod tiig topfis mpdg to tiig Pacems icobTay mpog TO
TETpayvov 10D AOyov T@V an’ adT@OV AnecTAcEwV Tijg KopuYils.

*Anéderkig 1 lov. *Emeaidn af Toual mapaAAniwv Emimédwy Umd dhhou evad
eUfeTon TTapdAAnAot, Emetan 8T1 af TAsupal Tiis
Topfis A;BMA; elvan dvTioToiyws TTapdAin-
Aot Trpds Tas TTAEUpds Tiis Pdoews ABIA. "Apa
T& Tpiywva OAB,, OB, ..., OAA, slvan
&vTioTolyws ducix Tpos T& Tpiywva OAB,
@BR v OAA

Kat’ dxoAoubiav :

OALLL OB, G5 0N )

SomT o0 = or. Ob
*AME kad T& dpBoydwvia Tpiywva OHA
kad OH, A elvan Spora. "Apa:
AT OH;
oA A0 @
Ex té&v (1) xai (2) Aaupavopev :

OA; = OBy OF; _ 0A; OH 3
QAN OB rAOr ¢ (04 7 OH

20v : T& moAUywva A B M A; ke ABTA Eyouv Tds yoovias :
A, =A B =B, T; = xad 4 =4, 4

$16T1 of TAeupal Teov elvan &vTioTolyes TapdAAniol kal SpdppoTrol.
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“Evekar Speos Tiis dpo1oTnTos TMV Tprydvwy OA;B; xal OAB,. .. elva :
A.B, e EG @ ey QAT T AA

WAER & 051 EE O AT oA AR
ABy B, A AA
g AE - BE © IB BA . ®
Al (4) xad (5) Bsikvbouv &1 T& oAUy wvea A B A, kai ABIA elvan Spoter.
3ov : "Eveka Tiis Suo1dTNTOS TOUTWY TTPOKUTTTEL 8T1 &

(ABLAD (ABNY 704\ /OH \° »
(ABTA) *( AB)*(OA)*( OH) ©)
102. ITIOPIZMA I.—’Eav 800 icobyeig mupapideg tunlodv dnd 8o imnédov

rapaiiihov npog tag Paceig abtdv kal ooy anexdviov and tT@v Kopvedy, Td
Eupada oV Topdy elvan avaioya npog ta pPada tdhv Paoswv adrdv.

0 *Anddeilig : “YmobeTopey 611
T& ToAUywva ABIA kai A,B, T,
(Baosis) xeivron &mi ToU ol-
ToU émimédou (P) kal 6T v el-

%P Aqf 7 vea TO Kowov Uywos TEV Tupo-
!
hqa
A
B
P

4y /
pidwov OABIA kal O,A,B,I,.
o *Eorw OH;=0OH'=v; 1
2 AdmécTagls TS Toufis &mwd TGV
kopupidy O xai O;, kad (B),
Rl

(By) T éupadd T&V ToAUy-
vav ABIA, AB A, xal (B,),

Ty. 87 (B") T& tuBad& év A,B,IM, kad
A'BT’. O elven :
By L w. . By W L e B (B
G W LR g B S sy

103. ITOPIZMA IL — ’Eav 800 iloobyelg nupapides Exovv ioug § icoduvapovg
Paceig kel tpmBoby Ono Emrédov nepalliiov mpds 145 Pacsig kKai icov Gne-
yoview and 1dv kopuedv, ol topui avtdv elvar ioat fj icoddvapor.

'Anodeifig : Eis 10 mwponyolUuevov mépioua 28eifapev &1 :

Bl TBY :
—ot=-—+r. "Aviomovelvan B = B, f (B) = (B
(B) (Ba) 2 ( ) ( 2):
ToTE: B, =B'1 (B,)= (B).
ASKHZEIZ
378. "Emi s dxufis OA mrupapifos OABTA v& 6piobf onueiov A,, Tololtov doTe 7 51’

pyouEvn TapdAAnios Tpods TV Paot Toun Tfis TupauiBos va elvan TO fuiou § T Té-
Tou éuPadoU Tiis Péoecs.

TapTOV
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379. “H &xun xavovikol TeTpaédpou elvan a. N& Urroroyadi to tuPaddv s Topfs alTod
UTro EmiméBou kaBéTou els T6 pécov Tou U\yous Tov.

380. Kavovixfis wupcapiSos f Paois elva TeTpdyvov TAeUpSs o kal Ek&oTn TapdTAcupos
E8pa Exer kAo mpds THY Péaw 60°. Ni Utrohoyiofolv al TapdmAeupor dxpal kad TO Oyos Tis
TupapiSos.

381. Kavovikf upauls ZABMA Exel Péow TeTpdywvov ABIA mheupds « kai Uyos TH=2a.
lov) N& UmrohoyioBoly af Tap&Asupot dxual kal TO Tep&mAsupoy Jyos Tiis TupauiBos. 2ov)
"E&v M eiven 16 pégov THs ZA kai N 7 Topf) ZB me Tou émimédou TAM, v& &mobeiydi 6T1 Td Te-
TpamAeupev FTAMN elvan ioookeAis Tpatédiov, ToU dToiou CnTeiTan T6 uPaddv ouvapTnos THs a.

382. TMupawibos AABI 1y Péois ABT elvan dpfoydviov Tplywvov els 76 A, ‘H &xufy AB elvaa
x&BeTos wpods THY Pdov. Ak TUxSvTos onpelou M 1fis AB &youev Emimedov ké&BeTov Tpds ThHY
AB. Né &mro8eix8fj 611 1) Tou) Tiis mupauios Umd ToU EmiTéBoy ToUTou elvon SpBoydviov.

383. TMupapidos fi Baarg ABT elvan dpBoydviov Tpiywvov els 7o T kol 1 KopuQf Z KivelTal
grri ebBeias Xy kabBéTou eis T A &l To EmimreSov ABT. Tov) N& 8erybf 6T of E8pan Tijs Tupapidos
elvan dpBoyaviar Tpiywva. 2ov) *Ayopey Té Gwos AL Tou Tprywvou ZAB kal 16 yos AZ Tou Tp1-
y@vou ZAT. Né& ebpebfi & yewp. Témos Tév anusiov A xal Z. 3ov) Na Seix6ij 671 1 AZ elvan kébe-
TOS TPos TO émitreBov ZBI, 4ov) Té onuela A, B, I, A, Z &méyouv foov &md tva onueiov 0. Sov)
‘H AZ eiven x&Betos &l Tds IB xai AZ kad 6ov) *H AZ BiépxeTan 81& oToBepol onueiov Tiis Bl

384. Els TeTp&eBpov ABIA ai TpoPoiai Tfs kopuefis A i Té SixoropolvTa émimeda Tés
towTepikas Kal E§wTepikds 5168pous ywvias BI, TA, AB xeivtan &l Tob almol miméSou.

104. KOAOYPOZX IIYPAMIZ.—"Ecte OABTAE pia Tupapis. Oecopolpey THY
Topfv A;B M AE; Tfis TupapiBos Taltng Umd EmiméSou TapaAAAou Tpos ThHv
Paow ABIMAE adTfis. To TTOAUeSpov ToU bTroiou ESpon elvan T& BUo Spoia TToAU-
ywva ABIAE kad A, B, IMAE,
kal T&a Tpaméfix ABB,A,,
BIT:B; ..., EAAE, kohsi-
Tal k6Lovpog mupapic.

Al Epan ABMAE  «ai
AByMLAE,, elver ol Basaig
Tfls koAoUpou Trupapidos. Al
Aoirad E8pan elven oi nopé-
nAgupol £8pau TS KoAoUpou
Tupapidos. ‘H d&mdoTaois
HiH=vu T&v &mmédwy 1dv
Paoswv koAsiTtar Byog THs
KoAoUpou Tupapidos.

Eqv 1) tupapis OABIAE elvan kavovikd, 16Te, 1) xoTd T& dvewtépe bpilo-
uévn KOAoupos Trupapis ABIAEA, B, M A E, elvan kxavovixi.

Eis Thv mepimTwoiv Talitny af Tap&mieupor ESpar Tiis kavovikfis TupapiSos
slvon icookehfy tpaniiia ica.

To Uyos ©,0 =y, TéY TTapaTTAeUpwy E8p&v Kavovikfis koAoUpou Trupomi-
605 KoAeiTal mapanievpey Gwog oUTHs.

‘H efeia 1) ouvBéousa T& kévTtpx T&Y Pdoewy koholpou kavovikiis Tupa-
pidos elvet, Trpogavdds, kaBetog &l T EmimeSa Tdv Photwv kol Aéyetar v
Tiis xoAoUpov TTupauidos.

Ty. 88
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*Ex 16w dveoTépw EmeTan & drdAouBos Spiouos :

OPIEMOE.— Kohovpog mupapis kaheitar 10 noloedpov, 10D dmoiov dbo Edpmr
sivar moAoyove dpota keipeva i Emnédov rapaiiirov, ai 82 Loinal Edpar elvan
tpanilua.

105. EMBAAON EMI®ANEIAL KANONIKHE KOAOYPOY IIYPAMI-
AOZ.—‘H TropdimAeupos EmIpaveld Kavovikils KOAOUpOU TrupapiBos &rmroTeAeiTan
&mo loooxeA Tpamélia Toa. Eqv Egp elvan 1O guBaddy Tfis TTapaTrAslpoy Eri-

gaveias, ToTE, (o). 89), 8& Excouev :
Ep=6: (ABBjA;)=6 - v»léw (CE-%A

gl Ep=3 (= +o)vy.
*Edv v elvan 6 &p1Buds TGV TAsUp&Y EKEoTNS
Béoews kavovikfis koAoUpou Trupapidos, TéTE !

Eg=v - (ABBA;)=v - i‘;ﬁ ar e
1
=T(v-a+u-cx1) v @D)

"Emreidh) va ke vay elven dumioToiyes ai mepiperpor TT kad TT; T&v P&oewv,

& TUmos (1) ylvera: E,= % (I+1IT,) v, (2)

kol éxppalel 6710 To ¢pfaddv tiic mapanlkedpov imoaveiog kavovikfis xoloi-
pounupapidog icobtar mpdg td yivopevov tod Muiabpoicpatog @V rEPIPETPOV
tdv Paceov ini 10 mapankevpov Hyos.

To tuBadov Tis OAikijs Emeav:ias kKoAoUpou kavovikfis Trupapidos elva :

1
Ep = - (T +11) v, + (B+ B 3

émou (B) kai (B") T& guPada Tév Pdoewv orUTs.
£HM. I. *E&v & ToU péoou A, Tiis dxufis A A mids koAoUpou Trupapidos &oyéj tmrimedos To-
ufy A,B. LA, mapddinios Tpds Tas Pdoels aUTis, kol tav AB=a, A;B; = oy, A;B, = X, TOTE:

(B) - (BYLE )

at = e (3)
A 11T L

o o, X
A S S
il 2x a+a

ANG @ + o = 2x, OmoTE

ol Sepas il = 1 ¥ ==
218" = ¥B + B, t€ob: (B)=—7B+B + 21BB)
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IHM. II. Auvépeda v oépwpev ed8. Tufina EZ = y mapdAAnlov wpds Tés AB, A,B, ToU
Tpameliov ABBA,, oUTws doTe TO Tpaméfiov ABB,A, va xwpiletan el BUo Spoia Tpamilia.

"EoTtw & fixn To ¥, dote T& Tpamifia AB,ZE kai EZBA vi elvan Suoic. "Av dyBoiv Té
Tufuara EB; xal AZ, talta xwplloww & Tpamélix s Tpiywva
Spotar dva v kal Spoiws kefpeva. *Ex T@v duoiwv Tprydvev AEB,
xal EAZ &g’ tvos, kal B,EZ, ZAB &g’ &tépou, Exopev :

S AE ¥ B,Z e

e L

T Tufjua TouTo kaTaokeudletan (§ 20).
Aia Tiis EZ &yopev Emimedov mapdhAniov mpos Tas Pdasig
Tfjs xoAoUpou Trupapibos, T0 EZHO kal EoTw (B) TO tuPabodv Tis
Toufis. O& Eywuev :
B_ @) OB g gy B (Bl

o a e [ ag, O
'

"Qote: "Yrapyer topn napdiinlog mpos tag Paceig xokodpov mupapidos, tiig dmoiag 1o
npadov slvar pécov avakroyov tdv pBaddv toHv dbo Pacewv i Kolodpov.

AZKHZEIZ

385. N& &mrodeiyf7j 611 16 tuPadov Tijs TapamAelpou émgaveias xohoUpou Kavovikiis Tru-
paupidos looUtan wpds TS yivopevov Tijs TEpIpETpov Tijs péons Péoews i TO Trap&mAsupov (yos
QUTTS.

386. Kavovikfis koAoupou mrupapidos ) mAsupd Tis ueydins Pdoews elven 12 m. kal Tjs
wikp&s 6 m. ‘H mwapdmAeupos dxpn elva 5 m. "Eav al Paoeis elvar kavovika mevTéywva, vé Uto-
Aoy1o8f 16 EuBadov Tis dAkis fmgaveias Tiis TupauiBos.

387. Kdhoupos kavovikf) tupauls Exel peydhny Baow iodmievpov Tpiywvoy mheupds a.
‘H rapdirAeupos dxpr) elvan 2a kad ol wapamieupor E8pat Exouv kAiow mpds Thv Baow lonv pos
60°. N& Urrodoy1o8] T SAikov EuPadov altfis kad va yivn tpapuoyh Bid e = 10 cm.

388. Kdhoupos Trupapis Exet peydAny Paow dpboyviov kal icookehis Tplycwvov UmoTevou-
ons . *H pia Tév TapatAelpwy dxpdv elvan kabeTos Tpos THy Paow kal looUTan wpos a. *H pia

= . < e Sy s = =
T@v icwv TAsupdY Tiis MKpEs Paosws elval - Na Utrohoy1o8f 10 tuPaddv Tiis SAKkis Emiga-

velas aUTiis.

OrKOZ TGN TETPAEAPQN KAI TTOAYEAPGN

108. Avo anra moivedpa (1) kai (I1,) Aéyovtal mpookeipeva, dtay Exovv piav
i meprocotépag Edpag (i tuNpata E3pdv) xowvag kai ndv enpelov Zowepikdv Tod
£vog slvar EE@Tepikov ToD dAkov.

Eqv Becopfiowuey uf) UpioTapévas Tas koivas €8pas, ToTe OpifeTan TpiTov
oAUeSpov (TT), ToU &moiou EkacTov EowTepikdy onueiov elval E0wTEPIKOY TOU
(TT,) 7y ToU (T1,) A Tév Tapaiapbeiciv é5pdv. To moAUedpov ToUTo (TT) KeeiTon
@0poropa Tév (IM;) xai (11,). O& Aéycouey 8¢ 611 1o (IT) xoopileTar wé TGS dpoipe-
Bsicas £8pas els T& (1T)) ki (11,), kil ypdoopev :  IT = II; + I,
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106¢. EQPHMA.—Eic név tetpaedpov 1o yivopevov tod Eupadod pidg £dpag
adtod &ni 10 avrictoiyov Byog elvar dveEaprnrov Tiig fzwpovpéivng Kopufis adtod.

*Anodeibig : “Eotwoov AH xal A© BUo Uyn Tou TeTpatdpou ABTA, &ydpeva
& Tév kopupév A kai A pds Tés E8pas BIA xai ABI dvTicTolyws. “Ayouev TX
Oyn Al xal AK Tév E8pdv ABI kal Br'A dvTioToiyws.
Katd 76 Bechpnua TédvV Tp1dy kaBeTeov of HI kal ©K 8&
efven k&@eTor 2l ThHv Bl kad af yeovian AlH kad AKO 8&
elvan foau, ¢ dvTioToryol Tfis 818dpou Bl ToU TeTpat-
Spou. “Ex Té&v Spoiwv épboywvicv Tprycovev AHI xad
AGOK B& Exouey :

%;%‘% o Al AeIERY A M
A AL%BWA@:%BF.AK-AH
A (ABT) - A® — (BA) - AH. @)

"Edw (M) elvan f Tipd) ToU dpiopévou ToUTou yivopévou kad A* &p1Bpods ora-
Bepds, T yivopevov A(M) kakeltal 8 ¥ k 0 ¢ TOU TETpaEdpou ABTA. '

ZUpPoAIKEs (ABFA) =A(M) A4 V=21 (M) 3)
#vfa V & Syxos TolU TeTpaéSpou.

’Ex ToU bpiopol TouTou EmovTal ol EEfis TTpoTaoES

107. IOPIEMA I—'Edv &bo tetpasdpa Exovv tfv avtiv Baciv i icodvva-
povg Pagete, & Loyog Tdv Sykav tov isodtal Tpog ToOVAGYOV TOV dviicToiymy Dydv.
MpdyuerT, v () elvan o kowov gupadov Tév fowv fi iooduvauwy Paoewv
kel Uy, U, T& duTioTorya Uyn Tév TeTpaéSpwv, B EXwuey :
Vi=A(Mp) =A-(B) vy s v, Yy
Vo=A(Mp) =A-(B) v, } i

108. [IOPIEMA IL.— ’Edav dbo tetpasdpa Eyovv dbo byn ioca, 6 royog tdV
bykav tov ioobtar npdg oV Adyov tdv iupaddv tdv Edpdv (Bastwv), sig tag
omoiag Gvristoryolv ta Bempodpeva vyn.

TMpéynam, éaw u elvan 16 xowodv fyos Tév Yo TeTpakdpwv, TOTE, tk TGV ioo-
TATWY :

O
109. ITOPIZMA III.— ’Eav &bo tetpaedpa Exovv icag ij icoduvvapovg facerg
kai ta Hyn ta aviistougodvia &ig tag fasers tadtag ioa, BaEyovy tov abtov Gykov.
MpdeypaTt, &k TGV 00T TV :
Vi=A (M) =A-(B)v }
Vo=2(My) =A-(B)-v

* Mepl 100 A Ba dpilfoouev elg v § 113,

Vi=A M) =A-(By)v v, B
VE A = i Sy
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110. OPIZMOZ.— Ao tetpasdpa AEyoviar ioodovapa, Stav Exovv tov abrov
Oykov.

111. @EQPHMA.— [Tav tpiymvikdv npiopa yopiletar eig tpia teTpacdpe
igodovapa.

"Arddailis : TMpkyuar, édv pépwopey Tds Siaywvious ABy, TB; kad Al Téw
&pdv ABBJA,, BIT,B, kal AIT,A,, 6 mpicua ¥wplletan 81 TV Emimédeov
AB,[" xal AB,I; els T& TeTpdeBpa B,ABl, B,AIT,; kai
B,AlLA,.

T& TeTpdedpa B,ABI kai AB,IMA, Exouv foos Bdoers,
Tas ABT kai A;B,IM kol 1o auTd Uyos, Ty &méoTaow
TV Paoewy ToUTWVY.

“Apx elvar igoSUvapar SnAadt) :

(B,ABF) = (AB,T,A,). ()

T& TeTpéedpa BAIT, kai BAIT, Exouv thv aUtiy
Baow AIT, kai 16 Uyos, Bi1dT 4 BB, elvan Trapddinhos
Tpds ThHv Pdow AIT,. AnAabh :

(B,AIT;) = (BAIT,). (2)

"ANAG : (BAIT,) = (,ABI) = (B,ABI), (3)
86T ) BT, elvan TapdAAnios pods THv Epav ABI. *Ex év (1), (2) kai (3) ou-
varyouey 811 :

(B;Al’A;) = (B,AIT,) = (B,ABIN).
Kat’ droAoubiav & &ykos V 1ol Tprycwvikol mpioparos (AF,) elval TpimAd-
o105 ToU Oykou ToU TeTpatdpou B,ABT. *Hror :
V = 3 (B,ABI') = 3k (ABI) - v. 4)
“Qoe : "0 dykog tprymvikod npicpatog elvor Tpinhictog tod dykov tob TeTpa-
£dpov, drep Exel Baciy Ty adtiv pi 16 npiopa kai Hyog (avtistoryov) o Gyog 100
npiopartog.

112. TIOPIZMA.—Eav 800 tpryovika npispata Exovv Paceic icag ij icodu-
vapoug Kai 10 avto Byog, elvar icoddvapa.

113. EKAOT'H TOY APIOMOY . —EiSouev &1 6 Sykos V fuds TeTpaESpou
818eTa1 Utmd TOU TUTTOU : V=LM) (1

OloodnmoTe kal &v elvanr & &piBuds A, eis THY dvTioToiyiov peTafy Tou Su-
vohou TEV TOAVESpwY kai ToU ZuvdAou TV BeTikdv &pifpdy, THv dpifoudvny
Paoer This (1), loxvouv ai dkdhoubor cuvbfike : '

lov : Eig 800 ioa nokOedpa dvristoryel 6 adtog dykog V.

2ov : Oewpolpev dUo ToAuedpa (TT,) kai (T1,), T& dmoia éxouv kowny ESpav
(Trpooxeipeva TToAUeSpa) kai dvTioToixous Sykous V, kal V,, 1é1e 6 TroAleSpov
(TT), 6 omoiov elvan T6 &Bpolopa TGV SUo Tpookeipéveoy Tohuedpov (IT;) kal
(TTy) 8& &vTicToixf) els Tov Sykov V, doTis B elvan 1o &Bporopa Tédv Syxwv V
kal V,. AnAadn : V=V, +V,
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*EvreUfev Emeten &Ti 1) Exdoyty ToU &p1fuol A ouvBéetan pé THV EkAoyny Tol
ToAuEBpou, T droiov Exel s Sykov THY povada TGV Sykwv (Trapadoyn).

Qs To100TOY ToAUEBpov EKAéyopey kbfov, Tou &mroiou 1 ki) elvai 10 pova-
Siaiov edfUypaupov Tufjuc.

To Biaydoviov émimeBov ABB;A; ywpiler ToV kUBoV ToUTov &ls BUo Trpookei-
peva Tprywvikd Tpioperta, T&: ABFA;B,IM xad ABAABA,. Katd T& Tpon-

youpevoy Becopnpa & Sykos V; ToU TrpicpaTos ABTAB My
A n p ; ~ = , »
‘ elvan TpITTAGD 105 TOU SyKoU TOU TeTpaedpoy B,ABT, fiTo1:
| -
Ayf— —>(B, V,= 3A (ABT) - (B,B) ¢D)
} // / 81671 76 Tufjpa BB elven T Uyos ToU TeTpatdpou ToOUTOU.
I -
ﬁ"»‘:\“f r Eweidn 8¢ : (ABIN) = % (A - (TB), ©) (1) yiveran:
A B 1
. 94 V, =3\ - = (A7) (TB) (B;B). @

*AM& (AT) = (TB) = (B;B) = uovas unkous kai 7 (2) ylvetan:
3
Vy= o A.
‘Emeidh, & mplouata ABAA,B,A, xai ABTABT, Exouv Toas Bdoes.
ABA — ABT xad 16 alrd Uyos BB, elvan iocoBUvapa. “Apa © &yxos V Tol kifou
elvan SimAdaios Tou &ykou V; ToU mpiouatos ABMA,B, M. "Hor :

V:2-V1=2-—3—-7\:37\.
"Av Bt TeBff V=1, ToTe: 1 =131, & oU: l:%,

Kardmriv TouTou edkdAws UToAoyilopey ToOV Sykov TGV KUPIWTEPWV TTOAU-
£Dpoov.

114. YIIOAOTIZMOX TOY OrKOY TOY TETPAEAPOY.—"Eotw AABI

v TeTpdeBpov kal AH =u To Uyos alToU, TO dvTi- A

aoryouv els THY Paotv ABT. ','
Kotd T& yvwoTd, 6 dykos V ToU TeTpaipou TouTou

B elven

V =A . (ABI) - v :_:1,)- (ABT) - v.

*Eaw 58 107 (ABI) = (B), Tée : & r
1
—(B) - v. B
& Tx. 95
Anhad @ ‘O dykoeg tpry@vikiic mopapidog icolitar mpdg To tpitov 10D Yivopévoo
100 épfudod tijg Pavews éni 1o dvtictoiyov Uyog adrijg.

Y=
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115. OTKOZ AINAON KYPTQN TTOAYEAPQN.— Mpokeipévou v& Spiodiy
6 Syros TGV &TAGY KUpTEY TTOAUEB POV, TTRpaTTPOUNEY &1 :

lov : ’Eaw el piav moAuywivikhy mupapiSa O. ABFAE éyfolv ai Siaydovion
ET, EB Tfjs P&osws ABIAE, TéTe T& Siorycovia emrimeda OTE, OBE ywpifouv Thy
TUpapiBa els T& TeTpdeSpa

OFAE, OBlE, OABE.

20v: "Av Bewpriowpey TS Biaywvious THis Pé-
o£ws, TS Sryopévas & THs kopugfis AR BA T § A, Exo-
Hev BeUTepov, TpiTov, TéTapTov, TréUTTTOV SiauEpioudY
THs Tupapidos eis TETPpAESpar.

3ov. ’Edv fewpniopey Tuydv owTepikdy onpeiov
K 7fis Tupapidos, kal cuvBicwuey TouTo 51° eUBeIGY ué
T&S KOpUas Tiis TrupaniSos, £xousy &Ahov TpoTOV Blo-
uepiopol Tis TupapiBos eis TeTpdedpa.

Fevikdds : KaBe anhobv kuptov moivedpov ddvatar Zx. 96
va yopobi eig tetpasdpa kata nokloig tpénovg, Kol :

To dbporopa t@v Sykmv 1dv tetpasdpov eic ti onola ywpiletar dnhoby Kuprov
nokoedpov, sivar Cws&(xprnr'ov ToD £kGotots Sapcpiopod adtob cig tetpaedpa.

To &bporoua TolTo keAoUuey Bykov-ToU &TAoU ToUTou KupToU TroAuESpov.

“QoTe : "Oykog @nhod kuptod moAvEdpov elvar td E0poropa THY HyKmY 1@V te-
tpatdpoy, £ig ta 6moia todto Zwpiletar.

116. OTKOX IIOAYI'QNIKHE IYPAMIAOZL.— *Eotw OABIAE pia ro-
Auywvikf) TTupapls. "Av dyBolv ai Sterydovior Tijs
Baoews ABIAE éx Tfis kopugfis A, ToTs & ToU

TXNMATOS EXOHEV :
V=V +V,+ V,

1 1 1
n V:T51U+T|BEU+?BSU:

= (Bt Bat B

=i

a5 )
V=" ®-v

Zx. 97

AnAadn : "0 bykog naeng mupapidos isobtar
npdg 16 Tpitov Tob yivopivev tod ipfadod tiig Pacemg Emi 1o Byog tiig mupapidog.

117. IOPIZMA 1.—’Eqav 800 mupapideg Exovv Paceig loag ij isoduvapovg, 6
Aoyog TéV dykwv Tov icobtal npog TOV Adyov T@Y DYDY abTdy.

118. [IOPIEMA IL—'0O Adyog tdv dykmv 8o icobydv mupapidmy icobrar
npdg 0V Loyov 1@V Epfaddv tdv Pacewv adtdv.
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119. ITIOPIEZMA IIL.—Edv 800 nupapideg Exovv Paceig isas i igodvvapoug
kai fyn ioa, civar icodovapor.

Enusioog : “Otav &roPAémmuey els Tov Adyov Tév Sykwv SUo ToAuvespwy, dév napistatat
avaykn EkAoyfis Gpiopévns Tiufs ToU A

AZKHZEIZ

389. Els wav Tetpéepov & Oy elvan GvTioTpdpeos dvdloye Tpos Ta Eppadd TV &vTioToi-
Xwv Pdoewy.

390. N& rohoy1o8fj & Sykos kavovikol TeTpatBpou cuvapTnael TTis drpfs Tou a. *Eqappoyn
Bid a =8 m.

391. N& Uohoy1o87 & &ykos kavovikiis E§cywvikfis Tupapibos, TS STroias © Tap&TTAEUpOS
&kpd) elvan Ton Tpes o BimAdoiov T wAeupds o Tis Pdorws. "E@appoyn &1& a« = 12 m.

392. Tlupapisos OABF | Péois ABI elvar lodmAeupov Tplywvov mAsupds «. ‘H Tpledpos O
elvar TpigopBoydvios. Né& UmoroytoBf Té Iyos OH Tfjs TupauiBos kai & Sykos aUTTis.

393. "Emrl Tév drudv Tpigopioywviou Tpitdpou yowvias O Aaupdvoupsy Tufpata OA = o,
OB = 2a kai OF = 3a. N& UtroAoyio8fj & Sykos THs TupauiSos OABT kal 16 Uyos OH aliis.

394. Tlupapis Exel Paow Tpiywvoy, Tou émoiou al TAsupal elvar 6 m, 10 m xal 8 m. Al Ta-
pémmeupor &xual elvan Téoa Toon wpos 13 m. lov) N& UroAoyiodfy T6 Uyos kal & Sykos Tijs Tu-
papiBos TaTns. 20v) Els oiav &méoTacv &md THs xopugis TpéTrel va pépopev EmriTreBov Tapd”
AnAov Tpos THY Baaw, Tva fi Tupapls Bicipedi) els SUo looblvapa pépn ;

395. N& UmoAoyiobf & Sykos ToU TToAUEBpov, &Trep ExEl KOpURAs T KévTpa TGV EBpv KU-
Pou ducpfs .

396. AiSeTon kavovikdy TeTpdeSpov dxufis o kal onueiov O fowTepikov aUtol. Na &mode
xB7 671 T4 &Bporopa TV dmcoTdoewy Tou O &md Tds E8pas ToU TeTpaédpou elvan oTabepov (ioov
Tpds T dwos ToU TeTpaédpou). [és TpotromoEiTan T &Bpoiopa TouTo, dTav T O elval E§wTepikdy
onpelov Tou TeTpatdpov ;

397. Els xUPov &kpfis & &yopev Tas Sixywvious T&v ESpidv autou. N& &medeixdn &T1 oxn-
uarifovran Umrd ToUTwv U0 Kavovikd TeTpdedpa kal dxohoubuws va ouykpiBouv of dykel TdV Te-
TpaEdpwv ToUTWY,

398. ‘O &ykos TeTpaidpou looUTa TTpds TO —;— ToU ywopévou wds axufls Tou £l 1o épPa-
Bov Tiis poPohis alTol éml Errimebov k&BeTov Tpds THY Ev Adyw drpnv.

399. ‘O S&ykos dpboywvikou TeTpaidpou (&mévavT dkpai Tou dpBoydovior evleicn) looUTan

PO Tb? TOU yivopévou U0 dmévavTi &kpdv Tou £l TO uiikos Tijs kowds kafétou alTdov.

400. To BiyoTopouv émitredov wds S1édpou TeTpatBpou Siaipel exGoTnv TdV E5pidv TV Biep-
YoHéveov Bi&x Tiis amévavTi dxufjs els uépn dudhoya THOV EBpdv THs év Adyw Biédpeu.

401. TTGv émimedov Biepyduevow dik wids akudis TeTpaéSpou kal ToU péoou TS &mévavTi
s, Broapel abTod els SUo loo8ivapa pépm.

402. N UTrohoy1o8f) & dykos Tou TeTpaéBpou, Smep Exel kopugds Ta KEvTpa T@Y E8p&dy Ka-
VoVIKoU TETpaEbpou dkpfis a.

403. "Eml Tfis Baoecws kavovikiis TupauiBos AauPdvousy Tuxdv ompeiov M. N& &mobeixd7
émi 16 dBporopa TGV dmooTdoewy ToU M &mo Tas TapaTrheUpous E8pas elvan oTafepdv.

404. ‘0O &ykos kavovikfis TTupauiBos icolTal Tpods T yivépevov Tob épBadol Tiis TapaTTAEy-
pov émigaveias Tns £l TO TpiTov Tiis dmogTATEws TOU KévTpou Tiis Pdotws &rd piav TapdmAeupoy
Edpav alTHs.

405. Al mhevpal Tfis Paoews ABIT TpicopBoywviou Tetpaédpou OABT elvar a, B, y. N&
Umrohoyio07) & Sykos ToU TeTpaddpou.
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406. 'E&v ol £85pan TeTpaédpou elvan Tplywva icobivaua, To &poroua TéHY dmooTdoewy TU-
XOvTOos anueiou EowoTepikol ToU TeTpaéSpou dmd Tds E8pas elvan oTaBepdv.

407. Eis 16 owTepikov TeTpaédpou vir £Upedf] onpeiov O, ToloUTov GoTe ourdeduevov pE Tas
Kopu@ds, v& oy nuaTifovTal Tésoapa TeTpaedpa igodlvaua fj dvddoya Tév &piBuddv KA, p,v.

408. Eis 16 towTepikdy kavovikfis Tprywvikiis Tupapidos ZABI va elpedfi onuciov, &mod T8
omoiov al mAeupai Tis Pdoews v& paiveovTon UTrd Spfny ywviav, &v 16 yos elvar v kai 1) TAsupa
Tijs Pdoews a.

409. "O &yxos TeTpatdpou looiTal mpos é— ToU ywopévou Tol épPabol, tves Tapadinio-
YPaupou kartaokeualopévou pi SUo &TrévavT axpas Tov, éml TO pfikos THis Kowdjs kabétou TéV
QUG ToUTwV.

410. Eis dpBoycovikdv TeTpdeSpov T& ywdpeva TV dmévavmi dxudv elvan QVTIoTPOPwS
Gudhoya Tpds Tds Kowds Kadétous alTdv AVTIOTOIY ws.

126. OTKOX TPITQNIKOY IIPIEMATOEL.— *Eore ABIA B, Tuyov
Tpiycovikoy Tploua (6pBdv f TAdylov) ut Péoeis ABI
xai A B I,. Ay

Eis Thv (§ 111) elpopev 611 6 oykos V avutou elvan :
V=23 (BABI') = 3A.(ABIN).v

kai S1x A =25 AouPavopev : V= (ABIM).u.
‘Eav Tedij (ABI) = (B), téte: V= (B)v L

N

r
‘O TUTToS oUToS Exkppader 8T ¢
‘0O 8ykog Tprywvikod mpicpatog icobtar nPoG TO YIvo- B

uevov tob ZuPadol tiig Pacswg iri td Uyog adrod. Zx. 98

121. OTKOZ IIOAYTQNIKOY ITPIZMATOZ.—Eotew (AA,) &v mevtoryco-
vikov mpioua. "Av &yfolv T& Biaydvia émiteda ATT,A,
kad AAAA;, TS Tpioua wpiletal els Tpia Tprywvikd
TplopaTa.

“Apa & ykos V ToU TrpiopaTos 8& elvar o dBpoioua
T&Y Sykwv TEOV TPIGY TOUTWY TPIYWVIKGDY TrRIgHETV.

AnAadn) :
V=V, +V,+ Vo= (B, +B, +B)v=(B) v
AnAad : Y =(B)-v.

‘O TUtros oUTos Ekepdlel 6T :
‘0 bykog navtdg mpicpatog icodrar mpdg To yLvépevov
Sx. 99 100 £épPadoi tijg Pacemg &ni 10 Uyog avrtoi.

122. ITIOPIZMA I.—Eav 800 npicpatae Eyovv ioag fj isoduvapovg facsig, o Lo-
Y05 TV OyKoV TV iooltal npog tdv Loyov TV Dydv adtdv.

123. TIOPIZMA II.—Eav 800 npicpata Exovv 16 avtd Syog, 6 Loyog 1@V by-
KOV TV ioobtat npdg tov hoyov Tdv Epfaddy tdv facenv adtdv.

424. [IOPIZMA IIL.—'Eav 800 icobyif npicpata Exouy Paceic icag ij icodv-
vapsvg, eivar icoddvapa.
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125. [IOPIZMA IV.— ‘O bykog opbob npicpatos igobrat podg TO yivopeEvov
ot Eppadod tig pascag int 1o piikog TS rapaniedpov akpiis avtod.

126. IOPIEMA V.— “O byxog kavovikod npicpatog icobtar TPoOG TO Yivope-
vov to0 éppuded tijg napamiedpov impaveiag tov Eri to fipioy 10D amostiipatog
i pacews avtod.

127. @EQPHMA.— ITav mhayov npiopa sival icoddvapoy mpog opBov, onep
e paocy piav kabetov toptjv o mhayiov kai Dyog v napanievpov GKpTy tod
nhayiov.

'Anodetfic : "EoTtw A,B,ILA, pia K&BETOS TouT) TOU
mhecylou TrpiopaTos (AT). “H Toun alrn eiven TrpoPoAt
r, TV Pacewy TOU TAaylou Tpicparos émi TO EmimTeEdov
Th|§ TOWMS.

C Eav B elven 1o éppadov Tis Pdosws Tou Tpiopa-
Tos, Ey TO EuPabov Tiis kabétou Toufis ToU TrpiouaTos
kol @ 7 yoovia Téu Emimedaov, Tis Pdoews ABIA kal TS
kaBéTou Topdis A,Bol A, Ba Exwpey :

E.

E,=(B)-owp @ (B)= = €Y

Eav AH elvan 10 Uyos Tou mpicpaTos, gmre1dn al
sx. 100 \ . ; ) ol e
AA kol AH elvan dvmioToiyws kdbeTor émi Ta griTeda
Tfis Topfis kal THis Pdoewds, EmweTan 6Tt AAH= ¢. "Apg, &k TOU SpBoywviou
Tprycovou A HA, & Excopev :

AH = AA-oWAAH A U = xowg. 2)
M ol opol katd uEAn Tév (1) xai (2) AauPavouev:
EU=E" e AN (Blu=V s V=E, « 3)

Bvba a TO ufikos TS TUPATTAEUPOU AKPTS ToU TAXYyiou.

128. [IOPIZMA.— Abo npispate 1@v onoiwv el neparicvpol axpai givarloar
kai oi kaOctor Topai ioedbvapor, elvar icodivapa.

129. OTKOX ITAPAAAHAEININEAQN. — o) "Eotw (Al) TA&ylov Tapoh-
AnAetrimedov. ToUTto ywpileton eis Blo Tprywvika
TplopaTa UTd ToU Siaywviou émimedou BB,A A,
T¢: ABAABA, xal BIAB,IMA,, T& dmola Exouv
Pdoeis ABA kai BIA locs, kad 16 adtd Owos v.
"Apa elvar iooblivapa. *Av V, elvan & Sykos Tou
pwTou kai V, 6 Sykos ToU SsuTépou, TOTE :

V=V, 4+ V;=2 . V,=2(ABA)v = (ABMA)u= (B) -v
"Hrot : V=(B) v €D
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‘O TUTros olTos ékepdler &1 :

‘O byxkog mhayiov mapaliniemnidov isafral npdg 1o yvépevoy tod ipfadod
g Paoccwg Eni 10 avrictoiyov Hyoc.

B) "Eqv 16 Tapad/Bov efvan dpBv, ToTE TO Upos oupTritrTel pé THY Trapd-
TAeUpov Skunv y—= BB, kal émoutvaws 6 Tumos (1) yi-
VETQN :

V=(B) -y (@)

kai ékppdler &T1:

‘O Gykog 0pBoT mapaiinieminidov icobtan mpog to
yivopevov tod £ufadod g faocewg &ni 1o pijkog tiig ma-
parkevpov akpfig ( Uyos ).

ToUto Ouws ouvdyeTanl kol &k yvwoToU Bewpruatos, kabdoov 7 Péois
ABIA Buvaran va Becopniy dos kddeTos Toud) TolU mapod/ Bou.

Ty. 102

Y) 'Eav 1o mrapa/Bov elvon opBoydviov, ToTE :
(B)=(ABr'A)=a-p «kai é TUmos (2) ylvetan :

Aq G
oAl V=P 3)
s IEE T P - O &irolos ékepdler OT1:
n ~ ‘O dykog 6pBoywviov mepariniemnidov isobrar
a

npodg TO YIvOpEVOY TOV PNKOV ThY TPV avtol Suo-

Sy. 103
CTACEWV.

Ve

8) "E&v 10 mapad)Bov elvanl kUPos, Té6TE o =P =y kai d
TUmos (3) yiveto : Ar
YV =ad.
AnAadny: O bykog kvfov isobtar mpdg tov kofov Tod pikovg A
tijg axpfig avrod.

AZKHZEIZ

411. Al BiaoTdoels dploywviou mapaAiniemméSou elvan a =8, B = 10, y = 15. N&
UtroAoy1o87 1) Sy ovios alTou kel & Sykos.

412. Eis dpBoywviov mapahAiniemimedov elvan a = 25, B = 40 & = 57. N& Umohoyiobij
16 tuPaBov T1s Emigaveias Tou kai 6 &ykog Tou.

413. N& Umrohoyiobf) 1) mapatmAeupos émedveia kai & Sykos 6pol piouaros lyous v,
xai Tou dtroiou 1) Baais elvan TeTpdywvov fi iodmAeupov Toivwvov fi kavovikov EE&ywvov mAeupds a.

414. "OpfoU mpiopatos Gyous v 1 Bdois elvon Teamédiov pt Paoeis P, o kal dyous v,

Né& Umoloyiobfj & dykos Tou.

415. To tpPadov Tiis Emeaveias xavovikoU iaywvikol mpiopaTos elvan 150 cm?, To 8
Owos auToU fooUTan pds THv SidpeTtpov TTis Pacews. Né& UmoAoy1o8fj o dykos Tov.

416. N& Utrodoy1o7 & dykos kUPou cuvapTnoe Tis Siaywvicy Tou.

417. N& Umohoyiobi] & &ykos mpiouaTos pt Pdav Tetpdmhievpov ABIA, ouvapthoer ToU
Sykou ToU TapaAAnAemiTiSou, Omep EXEl KOpupds oTa péoa TV TAEUp&Y TGOV Pacewy Tol Tpi-
OHaTOS,

418. TToAuywvikov Tipiopa va petaoynuaTiadi els loodivauov Tprywvikéy Tol alTou Jyous.

419. Tpiywvikdv Trpiopa Oyous v, va peTaoynuatiofi) els &Aho looBlivauov pe Péow Te-
Tpaycwvov.
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420. N dmobery8i 811 & Syxos Tpiywvikol TpiopaTos looUTal Twpds TS finiou ToU yivoué-
vou ToU EuBabol wds TapaTAeUpoy EBpas i Ty &mdoTacty Tfis &mévavTi akpfls & TaUTv.

321. 'O dyxos kavovikoU Trpiouatos loolTan mpds TO yvduevey ToU EuPadoU Tiis Tapa-
mhAeUpou Emigaveias Tou, el T fimoy Tou oo ThuaTos THs Paotws.

422. AiSetcu mpicua, Tou émoiou pia x&BeTos Top elval lodmAsupov oAUy wvov. Na diro-
Beyd7 6T 1O &Bporopa Té dmooTéoewy onueiou O towTepikol ToU TrpiopaTos &mo Tas Paoels
kal T&s TapamAelpous E8pas elvan oTabepov.

423. TprywuikoU Tpiouaros ABTAB, TN i P&ois ABT elvan orabepd, f) B¢ xopuen A, Bia-
ypdoe edBeiav (x). N& elpebfj & yewueTpikds TOTTOS TGV KOPUGEY B,, Iy, ToU kévtpou P&pous Tou
Tprycovou A,B,T, xai Tév péowv TGV TapamAeipwy KUY Tou.

424. Edw els TeTpaywvikoy Trpiopa Tpeis Siarydviol TéuvwvTal, va &rroderx8ij 6T kal 1)
TetdpTn Slorycovios BiEpyeTan Biér Tiis Toufs TGOV TPIGV TIRWTWY kal 8T1 7O Tpiopx elvan TapaA-
AnhemimeSov.

425, N& &mroBeiy87j 611 al TpoPoial Tév &kp&v kUPou éml TuyoUTav Sioryoviov Tou elvat
igat wpos TOV TpiTov Tijs Siarywviou.

426. Tapahhniemimédou al E8pon elvan pouBor igor, pt Siaywvious a kal B. N& Utrodoy1o6i)
& Sykos aUTOU ouvapTHgel TGV a kal p.

427. *Edw SUo mapadAnieimeda Exouv wlav TpieSpov yoviav ionv, & Adyos T@Y Sykwv Twy
looltal Tpos TOV AoV TGV ywoukvmy TEY dkudv TEV TpiEdpwv TOUTWV ywvIGv.

428. AiSeron picua ABTAB,I, kal So oTafepd onuela M kol N. N& &xbf) &i1a tév M,
N trrimeSov, Téuvov TO Tpioua katd Tpiywvov opfoydviov.

429. Té &Bpoiopc TAV BiESpwy TGV OXTMUATIGOéVELY UTTO TV TAPaTTAEUpWY E8piv TpI-
yevixol TpigpaTos petd wds Phosws aiTol, mepiéxeTan peTaly 2 opbdv kal 4 6pB&vY ywwviddv.

130. [IPIEMATOEIAEZ.—IIpiopatocidic elvar 10 noloedpov, tob dmoiov ddo
£dpm sivar mohbyova keipeve Eni rapaddirov imnédwv, ai 82 lowral €6par Tpi-
yova ij tpanéliia.

Al TrapdAAnAol E8pat dvoudlovTan Pacerg
TOU TplopaTosiBous, oi BE Aoitral E5patl Ka-
AouvTon mapamievpor Edpar olTou.

‘H &mwooTacts T&V Emimedwv T&V Paoewy
elvcn 16 Dyog ToU TrpiopaToelSous.

Taoo &kpr 1) dmola Sev elvan TAsupd Tiis
pi&s f TTjs GAANS PaoEws KOAEITAl TaAPATAEL-
pog dxpr ToU TrplopaToElBous.

‘H 81& T&V péowy TV TTapaTTAEUpeV K-
uésv Biepyopévn Toun ToU TrPIoPaTOEISOUS Ka-
Asiton pecaia topn f| péon Bacig aldTou.

OUtw, 16 moAbywvov BIKAMN elvan 1y
peoaia Topn) Tou TplodaToadous(BH).

"Av &vtl Tfis BE fewpriowpev v AZ, 1O

Sx. 105 TpOKUTITOV TrplouaToeldés elvan Si&gopov ToU
TPOTYOUUEVOU K.ATT.

"Av ol Paoeis Tou TrpiopaTosiBols Exouv TO aUTd TATBos TrAsUpdY kol
ai TapaTieupol EBpat elvan Tpamélia, TO TplouaTOEIBEs SUvaTal va dvopddeTan
kal mpioposidic.

E
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‘H mupapis SYvarar va Becopnfii ds TpiouaToedes, ToU omolou 1 pla Bdaig
TepropileTan eis TRV kopupnv T alTs.

To mpicux elven TpiopoeiBés.

TS KxoAoPov Tprywvikdy Tpicua Bewpeltan kal s TpiopaToeds, ToU o-
moiou 1} uia B&ois elvan pia TGV TapamAsUpwy E5pdv alTol Kal f &AM TEPIO-
pifeTcn els THY drunv, fi émola elvar TapdAAnios Tpods TO émimeSov T Becopn-
feions Pdoecws.

‘H kdAoupos Trupapis slvan TrplopoeIdes pé Paoels ToAUywva duola.

131. OIKOZX ITPIEMATOEIAOQOYE.—'0O &ykog mpiopatosidois didetar Omd
Tob tOmoL :

\’:(B+B'+4B”)-w:—. 1)
EvBa (B) xai (B') ta ppada t@v Paoswv adtod kai (B”) 1o tuPadov tijg pesaing to-
uniic.

Mpcryperty, &&v émi Tis uecaias Phosws Bewprowpey Tuydv onueiov O kai
TO ouvBiowusy 817 elfaiddv ue T&s Kopugds Tdv Bdoewv kal Ths péons Toufs,
TO TrpicpaToaldis elvan d&fpolopa TV Tupapidwv OABIA, OEZH kol Tév Te-
TpcEBpwv kopuptis O kal pe Pdoeis Tas TopamAepous E8pas, ¢’ doov elvan
Tplywva f| T& Tpiywva, es T& dmoia ywpilovtal UTe T&Y Saywviev (i’
Soov elvan Tporéfia ). Elvan 8¢ :

1 U 1 1 gl
s VO e L Wi = (e e = =

VOABI‘A 3 (B) 5 @ (B)U KXl \OEZ 3 ( ) 7 6(8) u

kal &v &yBf 1| OP kdBeTos émi Thv Edpav ABE, ToTE :

1 1

Voage = % OP . (ABE) = 3 CP .4 (El©)=4. 3 OP.(EI®)=

1 4
= 4-Veoe=4 - 5 - (0IO) - -; = = (018) -v.
‘Ouoiws :
4 4 : 4
Vosze = G (OIK) - v, Vosrz= e (OKA) - v, Voraz = % (OAM) - v,
4 T 4
Voazu = = (OMN) - v xai Vosane= o (OBN) - u.
Kat® &koloubBiav & 8ykos V ToU TrplouaTtosioUs sivan :
V= % [ B + B’ + 4 (08l + OIK + OKA + OAM + OMN + OGN) |
A V== (B+B'+4B").
"Qoe &medeiydn 6 TUmos (1) ki dvopddleTan TUTTOS TOU Sarrus.
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Enpeivog L. ‘0 dyxos V Tol wpiouarondols SiseTan xad Grd Tou TUTTOU ¢

v:%(3+3n,)u

#v0a v To Uyos autol, (B) T tuPadov mids Paoews ciTol kal (B,) TO
Eupabov Tis Toufis alTou Umo EmiméBou TTapaAAnAoy Trpds Tas B&-
oeis aUToU Kai &méyovTos &md THY Paow TolTou dmégTacwv iony

2 oo L =
Tpds T& el Oyous ToU TpIopaToeSoUs.

Ty. 106

Képere EmaAidBeuaty, AapPdvovtes Tuyov onueiov O Tfjs Pa-
oews kol guvBtorTes ToUTo pé Tas Kopupds Tou TrpiouaTondous (ox. 106).

Enpsinorg I1. Baoer ToU TUTOU ToU Sarrus UmoAoyileTan 6 Sykos Tiis Kowfis Trupapidos.

TMpé&ypam, d&v els Tov TUToV ToU Sarrus Te6fj (B') = 0, (B") = %(B,) Aaupdvopsv

g L v e e
W8 o B MBI G = — -(B+OT4' 1 B)U—‘T(B)'U'

Snhabn ToV Sykov Tis TUpapidos.

Enueimoig 1L A& va ebpwuey Tov éyKov’ T0U TpiouaTos, el TOv TUTTOV TOU Sarrus féto-
uev (B) = (B) = (B") xai AcwPdvopev :

v=%(a+ B+ 4B)u = (B)u.

132. OTKOZ KOAOYPOY IIYPAMIAOZL.—Ectwoav (B), (B) T& éupadbax
Tév Pdoewy Tis xodoUpou TrupapiSos ABICAA B MA, kail (B') 76 éppaBov Tiig
ueoaiag Toufs.

Kara thv (§ 105 onp.) elvan :

el . O
(B")=4 (B+B'+2VBB W
émoTe 6 TUTTos Tou Sarrus yiveTon :

V:% (B+B' +4B")u=

1 L 2
:E(B+B'+B+B'+2VBB'):

=_;. (B+B'+ VBE) v

fiTol :

V=3 B+ B VBB m

Ty. 107

‘0 TUmos olTos TpokUTrTEl kKal kat' &Ahov TpéTov s EEfs 1 Oewpoupev THV Tupaniba
OQABTA, £§ fis TTpofiAbey 1) KGAoupos, Kai Exopey : :

€ (B BT e JE1T

QHY on! | OW  OH, OH=OH; &
i ol R iy ~ e
T JB-y5
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kal kat’ dkoAoufiav :
_u]'B . __:li_(s,). 7UYB :
fe—yB yB-18B

1 1 , 1
V = =3~ (B)-OH——(B")-OH,= 5~ (B) -
g i S B Y, e Ly
=5 —]’E—YB_' -v=—(8+8B + ¥BB) v

‘O TUmos (1) BnAol &Tu:

‘O dyxog kohoOpov wupapidos icoltar npdg T6 HOporopa tdv dyxwv TPdY TL-
papidmv, txovedv Gyos 10 Uyog tiic nupapidog xai Pasewg dvristoiywg v pe-
yainv pacwy, tijv pikpav Paciv kai tiv péonv avakoyov tdv dbo Pagewv tiig ko-
Aovpov. j

Eav 1| xdAoupos Trupauls elven ToU B’ eiSous, TéTe & Sykos Tng Sibetan Umo
ToU TUTIOU :

V=%(B+B'_Vﬁﬁ')u.

AZKHZIEIZ

430. KoéAoupos Trupapuls Exer Iyos v = 12 cm. kal Péoeis fodmAeupa Tplywva mheupdv 9cem.
kal 4 cm. N& UtroAoyio8ij & Sykos ais. :

431. Kdéhoupos Trupapls Exer Oyos Sa kal Péoes lodmAeupa Tplywva TAsupdv 8a kol 2a.
Na& UmroAoyiofi) & Sykos alTijs.

432. ‘Opolws pt T& altd Sebopbva kal al Phoes v elven kavovikd Edrywva.

- 433. KdAoupos kavovikr) Trupapls Exer Baoeis TeTpdrywva TAeupdv 4a kai 9a, Gyos && 6a.
N& Umrohoy1o6i) & Sykos Tijs Tupapibos, Tiis dmolas xopugal elvan T& péoa TéY TAEUp&Y TGV P&-
oewv Tiis dobelons.

434. Al Bdoeis xoAoUpou TrupapiSos elvan xavovikd é§dywva mAevpév 4a Kal Sa. Na Uro-
Aoy1o8f] 16 EuPadov Ts péons Toufis aifis kal dxohoUBes & Sykos Tns, &v T Uyos Tnselvan Go.

435. KdAoupos mrupauls va Tundij Umod tmméBou mapaAAnlou Tpds Tas Pdoels alTis,
olTws doTe TO EuPadov Tiis Toufis va elvan péoov dvdhoyov Tév Eupadiv Tév Pdotwvy. "Akodou-
Bews v& UroAoy1067] & Adyos Tév Sykwv TGV 5Uo koAoUpwv Trupapibav, els & xowpileTan f dpyix
UTrd ToU dv Adye EmimréBou, &v (B) kai (B') elvar t& EuPadd tév Phoewvy Tiis Sobeions.

436. N& ké&pete yewpeTpikiv &modeifiv eUpéoews Tol Sykou KOAOUpOU TPIywVIKijs Trupa-
piSos.

437. N& eUpebfy Syros xohoUpou Trupapibos Bid ywplopol auTis els kowds Tupapias pé Thy
Bofifeiav EowTepikolU onuelov O Tijs mas Paoews Tijs Tupapibos auriis, cuvBeopévoy pi SAas Tas
&AAQs KOpUPds auTiis.

438. Kdroupos trupapls pé Paoeis tupadiv (B), (B') Téuveton Umd EmméBou mapodiniou

Tpds Tés Pdoets, kal ToU omolou & Adyos TEV &mooTdoewy &d Tds Bdoes elvan —5— Tloiov elvat
TO éuﬂasbv Tiis TOUTS ;

439. N& &modeiyfij 611 Umrdpyouv &Uo rrimeba Tap&AAnAa pos Tés Péotis kohoupou Tupa-
uidos pi Baoeis TapaAAnious, Siaipolvta altiyv el Tpla loodlvapa pépn.

133. OTKOZX KOAOBOY TPII'OQNIKOY IIPIEMATOZ.— Eotw ABIA, B,
v xohoPov Tpiywvikdy Trpioua, Tou dmolou T& pfikn TGV TUPATTAEUpwY SKU&Y
AA,, BB,, T, elvéu dvtioroiyws o,B,y, xal 6T: a <P <.
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*Ex Tiis xopupfis A; &youev &mimeBov Topnv A;AZ mapdAAniov Tpds THY
Paow ABT, 1| émoia Sicipel T& koAoPov Tpioua eis 16 wpiopa ABIAAZ, wa-
pamAsipou xufis o, kal el plav TupapiBa AAZTB,. "EoTtw E, TO 2pBadov
wds xaféTtou Toufis A KA &yopévns &k ol A;. To Gyos A;H ToU Tprydovou A KA
elvar xad Oyos Tfs Tupapidos A,AZT,B,, kal T KA sivan yos Tou Tpamediou
AZTB;.

‘0 &yxos Tou TAaylou TplouaTos A;AZIMBA elvan E,
‘O dykos Ths mupapiSos A AZIMNB; elven :

0

V(A._\er,)—-— (AZlB,) - AjH=

(ABITZFI) —K/\ AH. (1)

'Emreidn 8¢ elvan:
AB=P—q, ZH=y—a

- kad %-KA—AlH:Eu, gmeTan &T1 :

1 .
Sy. 108 V (aazrsa) = = (B—a+y—a)-Eu

"Apa & &ykos ToU koAoPol TpiywvikoU TrpiopaTos elvan :

VR e g S e

ﬁ V= E.@+B+. @)

“Apa. : "0 dykog kolofob tprymvikod npicpatog igobtar npdg td Tpitov Tob &p-
Padot mag xabétov toutig abtol éni 10 GOpoiopa TV nupaniedpoV EKkpudV abTob.

134. IIOPIEZMA I.— 'O bykog kokoPod tpryovikod npicpatog icodtar npds to
ywopevov tod EpBadel mds kabétov adtod topfis &ni thy andotacty tdV kévipov
Bapovg t@v S0 Pascwv.

‘H mpétaois alrn elvan yevikf) kad Alow xprioipos Six Thv elpsoiv T&v
Sykwv TV xoAoP&v TplopdTwv.

135. ITOPIZMA II.— ‘O &ykog 6pBod kokoBol tpryevikoed npicpatog loobrm
mpdg 10 tpitov 10D Epfadod tfig Pfacews Eni 10 GOpoicpa 1OV napaniedpov AxpdV
avtob.

136. IIOPIZMA III.— IIav 4pBov kokoPov tpryevikdy npiopa elval icodova-
pov mpdg 16 dbporopa tpLdvY mupapidov, Exovedv v adtiy Baciv xkai Byn, avri-

otoiywsg, Tdc mapunhelpovg axpdg avtob.
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AZKHZEIZ

440. “H PB&ois pBolU kohoPol Tprywvikel mpiopaTos éxel TAeupds 9 cm., 12 ¢m xal 15 em.
Al map&mAsupol dxual elval 5 cm, 8 em xal 10 ecm. N& Umrohoyio61) 6 Sykos alrol.

441. ‘O Oyxos koAoPoU Tpywvikou TpiopaTos loouTtan Tpos TO TpiTov ToU épPadou wds
Bdozws, &wi 1O &Bpowopa THY &wooTaoswv TV kopuedv THs &ANNs Paosws Ewi Thv
TPOTNV.

442. ‘O Syxos koAoPoU TprywviKoU TrpiopaTtos ioolUTan Tpds TO ywopevov Tou EuBadou
mas TéV Paoedov Tou &l T &éoTactv Tou kévtpou Bapous Tiis GAANS Pdoews &o TaUTnY.

443. ‘O Syxos xoAoPoU TapaAAnAemiTéSou (ai Paoeis Tapal/pa pf TapdAAnAia) looUtal
TPOs TO yvduevov ToU duPadol wids kabétou Topfis alrrou &l Thy péany &piBunTikfy TGV unkdv
TEOV TAPATAEUPWY GAKUEDY TOV.

444 O Syros xoAoPoU mrapad /Bou fooltar Twpds TO ywdpevov Tou fuadpoiopatos Tév
tuPadiv Tdv BUo TrapoAAnAwy 8pidv ayTol £l TO pfikos THs drooTdoEws TRV,

445. "0 Syxos koAoPou apad/Bou foolTta Tpos T6 ywduevov Tol EpPaBol wds Tév Pa-
eV Tou &Trl TO ufjkos Tijs &mooTdoews THs Topfis TAV Biarywviwv Tis dAANs Bdoews &o TauTnv.

446. A& wiEs 1OV &xudv koAoPol Tprywvikol TplopaTos va &y Erimedov Sicipolv alTd
els 8Uo fcoduvapa pépn.

447. *Opbodv kohoPdv Trpiopa Exer Paoiv kavovikov E§dywvov ABIAEZ mheupds y. Al mapd-
wAsupor axpai AA,, T, EE, elvan dvmigroiyws o, 2a, 3a. Né& drohoyofij 6 Sykos crrol,

448. *Opbov mpiopa Exer Pdow popPov ABIA pé Siaywvious Al = 2a-kai BA = «. 'Emi
TGOV TapaTTAsUpwy GKpGY AauBdvousy xaTd THY aUThv gopdv Tpnuata AA; = 3a, BB, = 4
xal [T, = a. lov) N& epebi] 16 eldos ToU Tprydvou A, B, I, xai va Saybij 611 1o tmimedov A B,
SitpyeTan 51 ToU A. 20v) Né& Urohoy1o87j & Sykos Tou Tpioparos, Step Exel B&oes T& TOAUY wva
ABFA xal A,B,T,A.

449. N& eupedi) & Sykos TeTpadBpou OABT, Bewpolpevos cxs dpiov ToU &bpoicpaTtos Tdv
Syxwv dyyeypaupévay els alTd TpiopdTwv.

137. ASIOCHMEIQTON QEQPHMA.—Eav dvo tetpasdpa Exovv piav tpie-
dpov yoviav ienv fj coppetpikiy, 6 Aoyog t@V dykwv twv icobrat npdg Tov Aéyov 1@V
yivopévov t@v axpdv tiig TpyEdpov tavng.

*Anédeilic : "Eotwoov OABI kai O,A.B,IM, 8Uo TeTpdebpa, Ta omola £xouy
Tas TpiEdpous ywvias O kai O, foas. “Ewl tév
dxpidv OA, OB, OI' Tfis OABI AcuPdvouev
dvTioToiyws Tpnuatax OA, = OA,, OB,=0B,,
Or,=0r,. Ta tetpaedpa OA,;B; I, kai O;A,B,T",
elvan Tpogavdys ioa. Awati; CEx Ttév [, T,
&yopev Ta Uwn TV TeTpaddpwv OABI kai
OA,B,l;, T& TH kai M H;. T onueia O, H;, H
KEIVTAl, @S yvwaTov, e eUleias kai T& opbo-
yovia Tpiywva OHI kai OH,IM, elvan éuoia.

NSO Ok )
rH, or, Oy, Zy. 109

ol

“Apa :

(OAB) TH

‘}g‘ (OAB) (TH)
Lo o : 2)
OAB) A, ¢

TANAG \YOABF 1
OA,B,I', _3,__ (OAlBl) . (]_IH!)
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(OAB) _ OA - OB
(OAB,)  OA,-OB;’

"ET\'Elaﬁ ot VQAJ;‘]": Vo,A‘g.r, kad

# (2), Pdoa kai tév (1), yiveran
Vossr. . OA-@B  GIF OA .OB . Ol
Voasr, OA,-OB, Ol ~ 0,A; - OB, - Oy,

W Vosit: .+ OALIGR:OD 3
U Voazr, 04;- 0B, O,
AZKHZEIZ

450. "Edv ol TpleBpor ywvian TeTpaBpou elvan mdoan foal, ol &mévav dxpal Tou elven
ioal.

451, Té poa Tédv &kudv TeTpatSpou elvar xopugal éxTaédpou, Tou dTrofou & &yxos looUTan
Trpds TO fipou Tol Sykou ToU TETpatpou.

452, "Eqv BUo TeTpdedpa Exouv nlov iy kowry, kol tav al Siedpol al &vrioToryor els
Thy dxpfiv TarTny elvan foat, & Adyos T@Y Sykewv Twv looUTal Trpos T YIWOpEVOY TEV Adywv TGV
tupabiv T@Y EBpddV, ol &moia Trepiéyouv Tas BiESpous TauTas!

453. AlBeTou TeTpdeSpov OABT, els 6 émrolov elval OA = o, OB = P, Ol = y kal al mepl
15 O Bpa elvan Ek&on 60°. N& UroAoyiodij & Syxos Tou TeTpatSpou ouvapTnoel TéV o, B, Y.

454. TTaw EmrimeSov (P) Siepyduevov Si& Tév péowv E kal Z Tév &révavmt &xpddv AA, BID
TetpatBpou ABMA, Bienpeil ToUTo els BUo pépn looBUvaua.

455. AfSetcan xavovikhy Tprywvikd Tupapls SABI Uyous ZH. Ak TuydvTos onueiou O, ToU
{ous 7| Tfis TPOEKTATEWS TOU &yopev Tuydv EmimeSov, Téuvov Tas TapaTrheUpous &kpds OA, OB,
OF els T& onueia A, By, . N& &modery84 o71:

1 1 1
ey E e v

456. AiSeton kavoviky TeTperywvikl mrupapls OABIA Uyous OH = v kal v onueiov 0,
¢l Tou OH. *Emrimedov, Siepydpevov 5i& ol O,, Téver Tas TapamAsupous dxpds OA, OB, OT, OA
els T& onueia A, By, Iy, A, dvrioTolyws. N& dmoderyfi) 6T1:

B 1 1
A, " OF .GB. T DA

457. Tlupauls &xel Paow wapaAAnidypaupov. N& Siaupedij altn es SUo looBUvaua pépn
&1’ tmimebou Siepxoptvou Bid pds TAeupds TS Pé&oews.

458. *Edv 500 Tetpdebpa Exouv plav dxptv AB kovfy kal Tas 81¢8pous Twv AB apaminpe-
parikds, 6 A yos TEW Sykev Twv lgoUTar Tpos TOV Adyov TEV yIvousvwy TéV EpPaBidv TRV EBpddv,
al &toicn TrepiEyouv Tas TapaTATpwuaTIkGs Bi1ESpous.

459. TTupauiSos ZABT # B&ots ABI elvan Tpiycovov dpBoydviov els To A xal #) yewv. B = 60°.
‘HBM=axal f| IF 1 Tpds THY Pdaw xal Exer pfikos 2a. lov) Aei§aTe 8T1 ol E5pan ToU TeTpaéSpou
elven bpfoydviar Tplywve. 20v) Tlofos & &yxos Tou TeTpatBpou ;

460. Al ESpan Tol TeTpatBpou ZABT elvan AZB = 120°, BE[N = 90° xai AZI = 60° xad SA =
= 3B = 3 = a. lov) N& ebpedij T €lSos Tol Tprydvou ABT kal 2ov) Tloios & Sykos ToU Te-
Tpaébpou ;
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KE®PAAAION VIII

Al KYPIQTEPAI I1AIOTHTEZ TOY TETPAEAPOY

A’. KOINA TETPAEAPA

138. OEQPHMA.— Ta e000ypoppa tpfijpate ta opilopeva omd 1@V Kopuedy
teTpaédpov kai TV kévipov Bapovg T@v dnivavil £5pdv, ditpyoviar die tod avtod
onueiov, t6 6molov amEyel amd EKACTIV KOPLYTV Td —i—mﬁ avtietoiyov THipatos.

*An6deiirg ¢ “Eotwoav AA; kai BB, T& TpnuaTa, T& Opiloueva ATO Tas
kopueds A, B kal Tdv kévTtpwv P&pous Tév €8piv BIA, ATA dvtioToiyws.

T& A, kai By KVl dvTioTolyews &l T@V Siautowv BE kal AE Tév EBpdv
BIA xai ATA. "Apa 1& Tufuata AA; xal BB,
TépvovTal, kaBdoov kelvtal €l ToU EmimeSou
ABE. *Ectw K 1) Toptn Twv. ‘Emadn :

BE B e

e BE
greTon 611 1O Tufjua A;B; elven mapdiiniov
Tpos TV AB.

*Apx T& Tplywva KAB kai KA;B,; elven
époia, kai :

AT BR'TABY 3

KRy T KB A - 1
¢ ol : KA — 3.KA,
n 3 1 3 r
i KA= AA xai KB = = BB,. sy. 110

*Avd BUO ACITTOV T& TUnuoTa TauTa TépvovTal. “Emeadn 8¢ Btv xelvtan ém
ol aUTou EmiTeSouy, B BiépywvTtar i ToU aUTou onueiou K.

T onueiov K kaheiton kévipov Bapovg ToU TeTpatdpou.

T& eUbUypauua THRUaTa T& dTroia épifovTan &Trd T3 KOPUPAS TETPaESPOU
ki TEV kévTpev Papous TGV &révavTt E8pdv Tou, dvopdlovtal drdpecot TcU
TETpOESpOV.

AZKHZEIZ

461. 'Edwv dUo TeTpdedpa Exouv upiav Edpav ionv kal T&s mwpookeptvas iEdpeus Toas, piav
Trpos piav, TaUTa elval oo

462. T TufpaTa T& Op1loueva UTrd TRV pEcwv TGV &mrévavTi drudv TeTpabpou, SiEpyovTa
§1& ToU KévTpou Papous alTol Kai SixoTOHoUVTalL Umd TouTou.
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463. T bmimeBa Té dpildpeve UTrd wds drufjs TeTpatbpou kal ToU uécou Ths GmévavTi dKufs,
BitpyovTan Bia ToU kévTpou Pépous.

464. Ta Biyorcpouvta drrimeda Tés £E Bitbpous ywvias TeTpatbpou, BitpxovTan Bk ToU al-
ToU anutiov.

465. Ta peookdBeta rrimeba Tév £ drpdv TeTpaiBpou BikpyovTal Bik Tou alTou anuelou.

466. T BiyoTopoUvTa trritedba Tas Tpeis 81E6pous ywvias TeTpatbpou Kai T& HiyoTopolvTa
a5 &AAas Tpeis EEwTepikds Biébpous ywvias altou, SigpyovTal Bk Tou alToU onpeiou,

467. T& Biyotopolvta dmimeda Tds Tpeis B1EGpous TpiEdpou ywvias TeTpaibpou, Bikpyovtan
Bice THs avrTis eVBelas (Bizotopog TPIEBPOL).

468. Al Biyotopol Téw Teoodpwy TpiEbpwy ywvidy TeTpaibpou, BitpyxovTal i& ToU alTol
onpEiov.

469. 'Errl téw i6pdov TeTpatbpou kal els T kévTpa TV TEPIYEYpappiviy KUKAWY Trepl cldas
&yopev Tas kabéTous Emi Tas E8pas TauTas. AcifoTe &1 alTal SipyovTen Bi& Tol alToU anueiou.

470. Avo tetpdebpa Eyovra piav SieBpov lony kal Tas mepiexouaas ESpas ioas, plav mpog plav,
kol Tou alTou TpooavaTtohopcy elval foa.

471. To &dporopa Tév dmmoaTdoEmy THY KopUGEY TeTpaébpou Ao émlmebov un Téuvov
aUTé, lociTen Tpos TG TeTpaTTAdgiov Tiis dTMooTaOEWS TOU KévTpeu Papous alTol dmd To éi-
Tebov TOUTO.

472. 'H dvayxaia kol lkavhy ouvdnkn, iva al edfeion ol dpifdpevan o Tas kopuPas Te-
TpatBpou Kal TGOV KEVTPWY TGV tyyeypapuivev KUKAwY els Tas arrévavTi Ebpas SiépxwuTal 1 Tou
aurol onueioy, elvar T yivdpeva Tév dmfvavTi drpddv Tou TETpatbpou va elvan foa.

473. TS auTd Bid T KéEVTPa TGV TAPEY YEYPAUPEVGV KUKAWY els Tas dmévavt ESpas Tou
TETpaEdpou.

474. Tetpledpov ABIA vé trpoPAndi &l émimebov kata Tpiywvov fi TapalAnAdypappov
A TETpdywovov.

475. 'Edqv a, o, kai B, B, kal y, y, elvan al dmévavTt dxpai TeTpaéBpou kal by, dy, My, B, al
Si&psaol Tou AA,, BB, I'T,, AA, dvtioToiyws, va &mrobeiydij 611 :

1
lov : u:::—g-' [B(orj Pk y;‘)v(u’ + P* + yZ)]. Bg= ..., Ha= ..., W[y= ...,
e e 2 2 2 . ot B
Zovi A it = = (cl Rl s e e (e Y.)'

3ov: "AV X, y, @ elvon T& TpfpaTa, Ta Opifdpeva Utrd Tév péowy TGV drrbvavTi drkpddv

Tou, v &rroberydi) &1
a? 4 ﬁz - Y: |- q: 4 ﬁ: . Y: 4(xz { “.1 } mz)_

476. "Edv Ta dfpolopaTta T@v dmivavTi depddv TeTpatbpou elvan ioa, ToTe al k&Betor i
Tés Edpars Tou TeTpatbpou els Ta Evkevtpa alTdv SifpxovTal S1d Tou alTtoU onpelou. ‘loxler T
&urioTpogov ;

477, T Entmeda Té dydpeva €k Tév péowy Tév &by TeTpaéBpou kabétws wpos Tas dré-
vavTi drpds, Bitpyovtan Bid ToUu aToU anpeiou.

478. Alberon TeTpaedpov ABTA, kbvtpou Papous K, kal M tuxov anueiov Tou xhpou. Na
arrobey 0 &1

MA? - MB?®  MI? + MA? = 4MK? & KA? - KB? 4 KI'?* 4 KA?  (Leibnitz)

479. Els wav TeTpdedpov TO yivduevov Blo dmrévavTi dxuddv Tou elval pikpdTEpoV ToU &-
Opoigparos Téwv ywoptvawy Thv Blo feuydv Tév BUo &AAwv dmévavTi Grkudv alTou.

480. To &fporopa T@v SiEdpwy ywvidy TeTpaibpou TepitxeTan peTabUu 4 6pBdv kal 6 &p-
0V ywvidv,

481. Els wav TeTpdebpov T EuPabdv tkaoTns EBpas elvan pikpdTepov Tou dfpoiouaTos TV
tupabiov Tiv Tpiddv dAAwY tﬁp([w.‘

482. 'Lav Tetpaibpou al &mévavti Biebpor elvan Toat, T6Te ol drévavTi drpal Tou elvar foar.
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483. TetpdeSpov ABIA v Tundij UTo Emurédou, olTws GoTe 1) Topl v elvan Tapaiin-
Adypaupov (Tpeis epiTrTchoEs).
484. AoBévtos TeTpaddpou ABMA, va cUpedf) .0 yewpeTpIkSs TéTOS THY onpeiwy M, Bid T&
Smoia loyver 1) lodTns : MAz2 - MB? M2 - MA2,
485. N& xaraokeuaclij TetpdeSpov ik Tawv dmooTdarwmy TRV powy T@Y drévar ARGV
Kal TV ywwnidy, Tas drolas alto oxnuaTiGouv petadl Twv.
486. 'Opoiws tk TV piowv K, A, M, N TECTAPWY AKPY Tou (Swdeka Agels).
487. "Opolws ¢k Tév EE dkudv Tou.
488. AiSetan TeTpaedpov ABIA kal anpsiov O towTepikO Tiis EBpag ABI. Al ik Tob O dyé-
Hevan TTapdAAnAol Tpods Tas dxuds AA, AB, Al Tépvouv Tas £6pag ABI, ATA, AAB AavTioToiyes
els T& onueia A,, By, I',. TéTe:
AT G 3 o,
AA © NE TOAT
489. Na& £8etaadij kal ) mepimTwots, kad’ fjv 16 O dlvar tEwTEPIKOY anpEiov Tou TpIywvou ABI.
490. Ax Tév drrévavTm dkpdiv TeTpatdpoy dyopey Emimeda mapdAAnia kal oxnuatiGeTan
oUTws Eva TTapaAAnAeTriTedov, repuyEYpappdvoy epl 1O TeTpdeSpov (TO TeTpdeSpov EyrEypaj-
BEVoV), TO dTroiov Exer Tag tEns IB16TnTas ¢
lov : 'Ed&v 8Uo &rmrévavT drpal Tou TeTpaibpou elvar Toan, To TapaAAnAeritedov iy Phoeis
Sployvia.

15

20v: "Eav T TeTpdebpov Exn SUo febyn dmrévavT dkpdv fow, To TapaAAnAetrimeov elven
&pBov.,

3ov: 'Edv 8Uo &rmrévavTi dxpal TeTpatbpou elvan Spboycovict, Ta dutioTotga TapaAAnid-
ypaupa elvan pdupor. -

dov: "Eav 1o teTpdeBpov Eyn Tpla Ledyn dmivavTi dxpdv foo, To rapaAAnAerimeboy elvan
Sploydviov.

Sov: 'Eav Buo Lelyn darbvavti dwpddv Tou TeTpaibpou elvan oployavior elfeicn, ToTe Kal
TO TplTov LeUyos elvan Spboydvior elBeion, kat al E8pon ToU TrapaAAniemimidou elvar papPor
(poupPéedpov).

Gov : 'E&v 8Uo &mivavti dkrpal TetpatSpou elvar foar xal dpboydvion, al avtigroryor E5pan
ToU TapaAAnAemiédou elvan TeTpdywva.

Tov: "E&v 16 Tetp&ebpov elvan kavovikby, TO epryeypappivor TapaAnAernimedou efuan
KUPos kKal dvTioTpdpws.

B'. TETPAEAPA ME AYO AKMAZ OPOOIQNIOYE

139. OEQPHMA.— 'Eav ta Gyn AA, kai BB,
tetpaidpov ABI'A tépvoveal, ol arévavne dkpai tov
AB xai I'A givar opQoydvion.

’Anédeilic 1 "Eotw ABIA v TeTpdebpov, ToU
omofou T& Uywn AA| xai BB, Téuvovtan els 1O on-
peiov H. "Emeidn f) AA, elvon kdBetos el i E5pav
Bra, é&metan 6Tt n AA| elvan dpBoycovios Trpds
v [A.

‘Ouoiws, &maidn 7 BB, elvan kd&Betos émi v
E8pav AlA, Emetcn 671 1) BB, elvan opBoywvios mpds
Thv FA.

‘Aoou, Aoirov, f) TA clvanr opBoycbvios Tmpods X, 111

15
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1&s e0B:ias AA, xai BB,, #metan 6T1 fy TA 84 elvan k&beTos émi 1o émimeSov ABH,
Kkai kar’ &xohouBiav 1| TA 8& eiven dpBoycovios Trpos Tiv AB.

140. OEQPHMA ANTIETPO®ON.— ’Eav ai arnévavtt akpal AB kai TA
retpuidpov ABIA eivar opBoydvior, ta Hyn AA; xai BB, tépvovian.

‘Andderdig: "Agou 1 TA eivan opfoycvios mpds THV AB, Umdpyer Emi-
meBov, Siepyduevoy Si1& THis AB xai x&fetov Trpos Thv A, EoTw els TS onuelov
M. (ox. 111). *Eotew H 76 dpBdkevTtpov ToU Tprycvou ABM. ToTe 8a sivan, G’
fvos pev 1 AA, kdBetos i Thv BM, do’ £tépou Bt 1) AA; dpBoydios Tpds THY
FA. Kot dxohouBiav fi AA;-8& eivan k&Betos el Thv E8pav BIA. “Ouoics. kad
# BB, 8 elven kdBeTos &l Thv ESpav ACA. *Apa t& Uyn AA, kai BB, Tou TeTpa-
é5pou ABIA TéuvovTal,

Maparnphoets. lov: 'Emaidn | AB sivan dpfoycovios rpds Thv A, Emetan 611 T& Oyn ToU
Tetpatbpov, Ta &ydpeva tk Tév I kai A, Téuvovtan els Eva onueiov H' Bidgopov, év yéver, Tou H.

20v : "Emeidn 16 H sivan 16 dpBokevTpov ToU Tprywvou ABM, i ebfeia MH 8& eivar x&Betos
gl Thy AB. "AMN ) MH eivan kéBeTos kal émi THv FA. "Apa f) MHN eivan kowvi kaBetog Tédv AB
kal TA.

AZKHZEIZ

491. Terpaidpou ABIA ai dxpai AB kai TA elvar dpBoydvior. N& &modeiyff) 6T1 16 Uyoy
AA, alTou, Exel Tov moba Tou A, émi ToU Oyous BM Tiis €8pas BIA.

492. ’Eav SUo Oy TeTpaibpou TéuvwvTal, 8& TEpvevTal Kal Ta &AAa Suo Oyn alTou, kai
16 TeTpaeBpov 8 Exn Suo dmévavTi druds dpfoycovious.

493. Eis teTpdebpov ABIA 1) ko kdbetos tév AB kal TA Tépver 16 Uyos AA; alToU. Na&
amodex8ij 671 ai dxuai AB xai A elven opboywvion.

I". OPOOKENTPIKA TETPAEAPA

141. OPIZMOZI.—Ev tetpasdpov réyetar O0pBokeviprkov i opbo-
yovikoy, 0tav €xn kai ta tpia {edyn TV anévavtl akpd@v tov opboywviovs evbeiag.

To OpBoxevTpikov TeTpdedpov Exel Tds droAoUBous iBi16TnTaS :

lov : Ta Uyn opBoxevepikod tetpaidpov Siépyoviar Sia tod adtod onpeiov (Sp-
Bokevtpov TETpaEdpov).

20v : 'Eav 800 (edvy anévavty akpdv tetpatdpov eivar 6pBoydvior £0Bsial, 1o
tetpaedpov sivar opBokevTpikov. .

Al &modeifers va yivouv UTd TGV pabnTdov.

"ExTos TOUTwv 1O dpBokevTpikoy TeTpdedpov £xel kal &AAas i1816TNTaS, TAs
omoias &vorypdgopev (Uepikas) UTO uopt) &okroewv.

AZKHZEIZ

494. Eig opBoxevtpikoy TeTpaebpov ABIA & mous ToU Uwous AA, cupTitrrea pt T &pbo-
kevTpov Tiis E8pas BI'A. *Ouoiws kai ol modes Tév &AAwv Uy elvean T& dpboxkevTpa TV &vTioToI-
v E8pdov.

495. Eis opBoxevtpixdv TepdeBpov al xowal k&fetor TGV &mévavTi drpdv Tou SitpyovTal i
ToU &pokévTpou ToUTOL.
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496. "Eav eis 16 dpHdkevtpov A, Tprydvou BrA Uyiowpev kdBetov i 1o EmimeSov BrA,
TOTe T&v onuelov A Tiis kaféTou TaUTns Biber SpbokevTpikov TeTpdedpov ABIA.

497. "Eav 6 moUs A; ToU Uyous AA, Tetpatdpou ABIA elval 1o dpbdkevtpov Tob Tpiycvoy
BlA, T6Te 0 ABTA elvan dpBoksvTpixdy.

498. 'Eav Tpia Gyn Tetpaibpou SifpywyTtal Si& ol alTol onueiou, TOTE Kai To TéTapTov
Owos BitpyeTan B1& ToU onueiov ToUTou Kal T TeTpdebpov elvan dpbokevTpikdy.

499. Eis opBokevTpikdy TeTpdeSpov T& dfpoiopata TGV TETPAYMVWY TV GTEvavT! dkpdy
Tou eivon iga.

500. T& péoa TAOV E§ dxkudv SpJokevTpikol TETPadpou Kai T& &kpa TGV KWV KabéTwy
TRV &MEVaUT! GRUGY alTou &rréxouv fgov & To kévTpov PApous ToU TETpaidpoy TOUTou.

501. Eis 6p%okevTpikdy TeTpaedpov T& TunuaTa T& dpildueva Yo Thv péowv T &TévavT
&xuddv Tou elvan ioa. )

502. Els dpJokevTpixdv TeTpdedpov TS Trepryeypaupévoy mapaiiniemrimedov elvan poPde-
Spov.

503. 'H Tour| SpbokevTpikou TeTpatdpou Umd Emimédou TapaAdiicy Tpos Buo dmévavT
&xuds Tou elvan SpBoyddviov.

504. Al k&fetor émi Tas ESpas dpfokevTpikol TeTpaibpou els T& kévTpa Pdpous alTdv,
BigpyovTan Si&k ToU aUToU anueiou.

505. Of wodes TV Kowdv KaBéTwov TEOV dmévavTt drpddy dpdokevTpikol TeTpatbpou ouuTi-
TTOUV UE TOUs Todag Tév Uydv Tév E8pdv Tou TeTpaédpou ToUTou.

506. Eis opSokevrpikov TeTpdedpov pia E8pa elval dEuydviov Tpiywvov.

507. 'Eav M xad N elven ol d8es Tijs kowfis kaBétou Tédv drévavtt drudv AB kal MA épfo-
KevTpikou TeTpatbpou ABIA, va &mobexfij 6t1: MM - MA + NA . NB = MN? kai dvrioTpd-
Qws.

508. Eis Thv mrponyouvuévny &oknoiv v &modeyBii 611: AB? + A? = 4EZ?, &v EZ 1&
péoa Tév AB kai TA.

509. Na& xaraokevaodij dpBokevTpikdy TeTpdedpov €K TOV TETTEPWY GKUGY Tou.

A, IZOEAPIKA TETPAEAPA

142. OPIEMOZX.— “Ev tetpaedpov kakeitar icoedpikdv, tav ai anévavry axk-
pai tov givan ioart.

143. @EQPHMA 1.—Eav ai anévave dxpai tetpai-
dpov elvar Toar, tote ai Edpar Tov sivar Tpiyove ioa, kai
avtistpdgws.

*An6deikig ¢ "EoTeo T al &mévavTi druai elvan ioan:

a=¢q;, P=Pn Y=rv

TéTe & Tpiywva ABT, ABA, ATA, BI'A £xouv tés mAeu-
pds Teov dva upiav foas. "Apa elvar foa.

To é&utioTpopov &TOBEIKVUETAL EUKOAWS.

144. OEQPHMA IL.—Ta tpfpate 1@ opilopeva Ono t@v pécov @V anévavr
axkpdv icoedpikod tetpatdpov sivar kabeta ava ddo.
‘H &rodeiis eUkoAos.
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AZKHZEIZ

510. Els tv looeBpikdv TeTpdedpov :
lov: Al téooapes TpleSpot ywvial Tov elvan focn.
20v: Tod &potoua TéHY TPIBY ywwidy wids TpitSpou ywvias autol elvan SUo dpfal yeo-
vial
Jov: Al Epat Tou elven oo d§uydvia Tplywva.
dov: Al BleSpor ol dmévavTt TGV lowy éxudv elvan foal, xal dvTioTpdeos.
5ov : ‘ExéaTh xopugr) Tou TrpoBdMAeTan Errl Tiis &rrévavTi E8pas els Ev onpeiov, guupETpIKOY
7ol pBokévTpou Tiis Epas TaUTNS G5 Tpds TO KEVTPOV ToU TEpIyEYpappévou kUkAou Tepl TH
ESpav Telrrnyv.
6ov : Al 8pai Tou elvan looBUvapor.
Tov: T& Uym Tou elven Toa.
8ov: To mepryeypaupévov TapedAnAemimedov elvan dpboydviov, kal dvmioTpdpws.
9ov : T kévtpov Pdpous &éyer loduis TéY Kopueddy Tou.
10ov : To xévrpov Pépous &méyxe loduis TGV E8pdv Tou.
llov: Td &bpoioua T@V &mooTdoewv Tuxdvros onuelou O, towTepikoU ToU TeTpatBpou,
&md Tés E8pas Tou elvan oTabepdy kal Toov pds TO Tyos Tou.
120v : Tapdhnhov EmrimeBov mpds SUo &dmévavTi dxuds Tou, TO TEUVEL KaTd TapadAnAdypau-
uov orafepds TepIuéTpou.

E'. TPIZOPOOrQNIA TETPAEAPA

145. OPIZMOZ.— "Ev 1etpaedpov kareitar tpisopboydviov, dtav Exy piav
tpicdpov yoviav adtod tproopboydviov.

ToUTo &xel YopakTnpioTikas 1816TnTas, Tds dmolas dvaypdeopev Umd
HOPPNV &oKNTEWV.

AZKHZEIZ

511. "Edw ) TpleBpos ywvia O TeTpaédpou OABT elvan Tpioopoydovios :

lov: *H péais ABT elvan d§uydviov Tpiywvov.

20v : 'O Tous ToU Jwous OH elvan td dpBdkevtpov Tiis Paoews ABI.

3ov: Mia wapamieupos E5pa Tov, EoTo 1) OAB, Exel Eupaddv péoov dvdroyov TV Eppadiov
Tis Péoecos kal ToUu HAB.

4ov: ’loyuer 1y lodtns: (ABIM)* = (OAB)* + (OBI)? 4+ (OTA)2.

Sov: 'Elv OA=qa, OB=Pp, OFT =y kal OH=v, Té1e:

1 1 1
oA

512. “lva 76 Tetpdepov OABI elven TpioopBoydviov els Thy xopughv O, mpémel kal &prel
1) xopugn O v TpoPddieTan els T& dpBokevTpov H Tiis Pdoews O, kol T Tyos OH vé elvan pé-
gov dvdhoyov T@V Slo TunudTwy, s & ywplleTan Td Gyos Tis Pdoews UO ToT dpoxévtpou H
QU TS,

513. Els tpioopboydviov TeTpdebpov OABF, &v &y tvtds armol fjuieudeia OA :

lov: To &Bpoiopa Tév yowidv, T&s dmolas oxnuatife alrm perd TéY TapamAeipev
xpddv kel TV Tapamielpev E5p@v looTTal Tpds TpeTs dpdds ywvics.

20v: To &bpoioua T®V TRIdY TpdTwy ywvidy elvan peycdUTepov ToU &BpolopcaTos TV
TPV BeuTépov.
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514. N& xaraokevaodi) Tpigopboydviov Terpdedpov OABI Ek ToU Tpiydvou Tiis Pdoews
ABIT orroU.

515. N& Tunbij Tprooployavios yawvia O Umd tmiméSou, olTws doe 1) Topdy vé& elvar fon
Tpds Sobiv Tplywvov AEZ.

516. To Tpioopboydviov TeTpdebpov elvan kal 6pﬂoxewpm6v

517. *E&v O elvan kopughy T1js TpioopBoywviou ywvias TerpatSpou OABI kal A, E, Z & pbaa
T&v dxpcdv BN, TA, AB, T TeTp&ebpov OAEZ Exer Tas dmévav dxpds Tou loas kal dvrioTpdpus.

518. AlSetat TproopBoywviov TeTpdeSpov OABT els 16 O. lov: Aelfare &1 ol wpoPohal
ToU Uyous OH &l T&s dpds OA, OB, Or elvan &vddoyor mpds 1& tupada Tdv E8piv OB,
OlrA, OAB d&vrioToiyws.

Rov: 'E&v K, K, Ky, K, elvan 'ré: kévTpa Papous Tédv E5piv ABI, OAB, OBIN, OTA &vmi-
oTolyws Sel§crn=. &ni: 11 OK; = K2, + AK2, + BK2,.

519. N& UmoRoy1097j & Sykos Tpioopfoywviov TeTpatSpou OBIA ouvapTrioe T&Y Theupiov
a, B, ¥ Tiis P&osws ABI alrou.

ZT’. TO KANONIKON TETPAEAPON

146. TveopiZopev 6Ti: Kavovikdv terpacdpov elvas Exelvo, dmep Exen Zdpag
icondevpa Tpiyova.

AZKHZEIZ

520. Els kavovikdv Terp&edpov ABIA :

lov: T& Oyn Tou elvean foa.

20v: Al &mévavm &xpal Tou elvar dpboyviol EuﬂeTcxl

3ov: T& TpfpaTa T& Spifdpeva Ud TV péowv TV &mévavT dku@v Tov elvat kowal
k&beTo1 TRV &vrioToiywy feuydv kal &vd BUo k&leTa peTafl Tov.

4ov: ZuvapThoe Tis &kpufjs o ToU TeTpatSpoy ToUTou v& UrohoyioBolv Té& pikn T&v THN-
péroov ToUTwV.

Sov: 'Edv O elvar T& péoov o Uyous AH, T TeTpdeBpov OBIA elvan Tpicopfoyviov elg
Td onusiov O.

6ov : Td mepryeypappévov apadAnietimedov elvan kipos.

Z'. TETPAEAPA ME EAPAZ OPOOIQNIA TPIFQNA

147. Eis &v ToloUTov TeTpdedpov ol Béoels TV
dpfdy ywvidv EkdoTns E8pas Suvaren va elvan ol
ToU TrapamAstpou oxnuaros. At ;

Al &\Aanr Tpels TmepiTTadoEls  &moxAelovTal.

Aot ;

(“Ymdsafis: Kdpere xpfiow ToU Tluboryopeiou Bt~
prinaTos ).

AZKHZEIZ

521. *E&v maocn ol E5pon TeTpatSpou ABIA elven dpbo-

yovia Tplywva :
lov: *H dxpufy BA elvan xown kédetos Tév AA kal Bl
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20v:

Al Tl T@&v yowidv ABA xal BAT iooUvrar &vriotolxws Trpds Tas ++ g T@v Si1é-

Bpewv Bl xal AA &umioToiycss.

120

3ov:
4ov ;
Sov :
6ov : Tlasx Tops mapdAAnios Tpos 1o dpBoydviov ToUTo elven dpBoycoviov.
Tov :

Al éxuad AA xai BT elvar épBoyvior edbeial.
To pégov Tiis A" &rréyer Toov TGV Kopueddv ToU TETpatdpou.
Ta& péoa Tév &xuddv AT, AB, AB kal AT elvan kopugal 6pboywviou.

Al Bidpegor o dydpevan ik Tév A xal B elvan oo,

IZHM : Awd 10 rcipaedpov, &v yéver, dnapyovv napnoilar doxnoris. ©a Enpene va ypagf)
6LokAnoov Pifatov. Ak 10 oxorelov elvar addvatov va ypagolv Slat.



KE®AAAION IX

H XYMMETPIA EN TQ XQPQ

148. EZYMMETPIA QX IIPOX THMEION.— Oswpoiuev onpeiov O Tol
xpou oTadepdv. Eis mév onueiov M ol xdpou (ox. 114) dvTioToiyel &v uovov
onueiov M;, ToloUTov doTe TO elBUypaupov Tiipa MM, vé Exn uéoov 16 O.

Td M; koAeiTan ouppeTpikdy Tou M G Trp<5§ To 0.

Td cuppeTpikdy ToU M, s Trpos 1o O elven 1o onueiov ===~ ™
M. T& onueic M kal M, elvanr ouppetpikd SAAfAWY G .
Tpds 16 O. *Apa:

Avo onueio M kai M, xoloBviar ovppetpikd g npdg dobiv onpeiov O, drav
10 O elvar péoov tob tpfjpatog MM,. :

Eis THv &upipovoomipavtov TaUtny dvtioToiyiay T& onueia M kal M; ka-
AoUvtal dpodloya.

TS onueiov O xodeiton kEvipov ouupeTpios.

Td kévtpov ovpperplas O cupmiTTa pi TS ouppeTpikdv Tou, kal elvan
15 pdvov omnueiov ToU ympou, &mep £xer THY iSiéTTA TOUTV.

Iy. 114

149. TXHMATA IYMMETPIKA 0 ITPOX KENTPON.— OPIZMOL:
Abo syfuaeta Léyovral ooppetpikd g npdg kivipov O, dtav ndv onuelov Ekatépov
glvan ooppeTpkdy onpeiov Tivdg Tod dhlow @g rpdg to

/7A B, kEvipov tolto.
0 Ay lov: OewpoUpev émimedov (P) kol ompeiov 0]
/ B8 /P (ox. 115) xeipevov #m° cToU. TO GUHUETPIKOV TTaVTOS
onuelou A, B, ... ToU (P) ds mpds To onuelov O kel-
e &mi Tou (P). Kot dxohoubiaw :

Té cvppeTpikdv oyfjue £vog Emnidov Siepyopivov Sia toll kEvrpoy ooppetpiog

elvar adtd tobro td EZmimedov.

Yy
20v: "Eotw O 76 orabepdy onueiov
A\ ToU xopou kol AB Sobtv elbUypaupov A &
A
\\ B

Tufina (oy. 116). T& ouppetpixa A, By shih

sx. 115

\ .~ T1&v AB dpifouv To Tufina AB,, TO o- L “w0
O\»‘('/ rroiov elvan ouppeTpikdy ToUu AB dos pds % \\\
78 kévtpov 10 O. ' Ay
& e T& sUbUypopua Tpnpara A B; kal S
1\\\5}. AB elvai foq, TapdAinia kal dvtippoTra. 4,
y. 116 ! 3ov 1 Oewopoupsy ywviay xAy kal Ty, 117

onueiov O &Tds TOU gmimidoy  oUTHS
(ox. 117). TS oupusTpikdy THS yoovlas xAy s rpds o O glvan ) yoovia x,A ¥y, fon
Tpds Thy XAy, kafidoov af TAevpai T elvar TapdAiniol kal autlppoTro. “Apa:
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Té ovpperpikév yoviag XAy dg npdg 0 onpsiov O elvar yovia x,A;y, Ton
npds v Katakopueily tijc XAy.
dov: Ocwpolpev émimedov (P) kal onueiov O éktds arrol (oy. 118). *Emri
Tou (P) fewpoUpev Tuxdv onueiov A kol Tas Sid ToU A
* fuweudeios AB xad AT ToU (P). Al cupperpikad Todreov
o5 mpos To O elvon af fuievBeion A;B;, AF,, Tapdh-
Andor mpos Tas AB, Al dvtioTolyews kol &vtippo-
mor. Al A;B;, A", pifouv érrimreBov (P;) Troapddin-
Aov mpos 1o (P). *Apa:

To ocvpperpikov EZmnédov (P) g mpos kévipov O
keipevov Extdg abrod eivar irimedov (P,) mapaiinhov
npog o (P), dydpevov &k tod A;, ovppetpikod onpeiov
A 100 (P) dg npdg xévepov O.

Sov: Avo raraxopugnyv Tpledpol yewviat ZABI kal
ZA'BT' elvon ouppeTpikad s Trpds TRV kopuglv I
(ox. 119). "H oupuetpikd) Tiis ZABI ds mpos TO on-
peiov O elvar 7y Tpledpos Z,A,B,I, fon mpos Thv
ZA'BT. "Apa:

Té ovppetpikdv tprédpov G npog kévrpov O elvan
Tpiedpog lon wpdg Tiv Katakopueiv tiig dobeiang.

X, 118

=x. 119

6ov: "Eoteo A'BT'A 16 ouupetpikéy TolU TeTpatSpou ABIA ds mpds kév-
Tpov THY kopuefiv A xkai A;B, A, 10 cuppetpikdy Tol ABFA s mpods kévtpov
TUXOV onueiov O ToU ypou.

Al &xuai A;B; kai AB elven
ioal, mapdAAniol kai dvtippo-
ot Al dxpad A'B’ kad AB elvaa
foor wapdAAnAcl kai dvtippo-
ot “Apa of dxual A'B’ kai A, B,
elval dppopdTrws foar.

‘Ouoiews ai dxpad BT, A,
AB', A'A elvar &vTioTolyws 6-
uoppoTws foan Tpds Tas B I,
A, AB;, AJA,.

i Oftw, T& 8o TeTpdedpa
Sy, 119 AB; T1A;, A'BT'A Exouv Tds
£8pas Twv loas picv mpods picv
kol TolU aUrol mposavaToAiopol. *Apa elven foa. “Qore
To cvppetpikov tetpatdpov dg npog kévipov O (Sropdpou TV Kopueddy ToU
bofevTos TeTpatdpov) elvar isov mpdg 10 katakopveTy Tob 800£vTog. “Emropéveos kad :
Ta xataxopuenv tetpasdpa S0bévtog tetpasdpov eivar ioa peTald tov.
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Elvan Buvamdv v tmextadf] T Gecdpnpa TolTo Kkal Sid Tuxdy KUpTdY Tro-
AUeSpov;

150. ZYMMETPIA QE ITPOX EYOEIAN.— Ocwpolpey ebfeiav (x) ToU

xwpov (ox. 120). Eis wév onpeiov M ToU ywpou &uTioTolyel (X)
&v onuelov M; ToU xwpou, TololUTov GaTe Té ey paupov M
Tpfipa MM, va Exn TO péoov Tou Emi THs (%) kad v elvan _,Cj/
k&Betov Tpos THV (x). To M; xaelton ouppeTpikdy Tou M My~
@5 mpos THY (x). "AvTioTpdpws TO onueiov M elvar T B18,
OUpUETPIKOY ToU M, dos mrpds ThHv (x). "Qoe : AT‘H‘TI_I:‘

o

Avo onpsic M kal M, 100 yd@pov 0a Aéyoviar cuppstpr-
K@ @ mpog £0Beiav () tob ydpov, dtav 1§ (x) elvar prookd-
Betog To¥ Tpfipatog MM, Sy. 120

T& M; xai M dvoudlovtan kal dSpdAoya onuela. ‘H (x)
KoAelTal dEov ovppetpias. T1&v onpeiov B ToU &Eovos cupmiTTel pé TO ouppe-
TpikdY Tou By, els Tuxdv &mimreSov Siepyduevor Sid Tiis x.

151. EZXHMATA EYMMETPIKA QX ITPOL AZONA. OPIEMOZL.— Ao
cxfipata (£) xai (£,) Aéyovrar coppetpika dg npdg GEova (X), brav niv onpeiov A,
oD (E,) elvar ovppetpikdy snpeiov A toii () dg npog tov dEova (X), kai dvriotpégag.

T& onuelax &V (2) kal (Z;) elvan dva BYo ouppetpikd s Tpds Tov &fova.
T& kowvd onuela Tou &fovos kal ToU &vos oyruaTos elvan Erions xowd Tou &
Eovos kal ToU &AAou oxfuaTos.

’Ek Tfjs Mecopetplas ToU émmédSou yvawpifopey &T1: 800 oyxfuaTa GUuLETpl-
K&, s Tpos Gfova, keipevov v T EmméSe Twv, elvan &vmippdmres foa. "Ag
18copey &v ToUTo &Anbeln kal eis ToOV ydpov.

152. OGEQPHMA.— Abo oyfpata svopperpikd g npog dEova elvar opop-
ponwg ioa.

(&Y ’Anéderic : "Eotw AB  elbUypaupov
Tufjux kai (x) Bobeioa evbeia, pf) ouveri-
Tredos (8v yéver) pe 1O AB. "EoTwoav A; kal
B, T& ouppetpika TéV onueiwv A kai B
&vTioTolyws s Tpds Tov &Eova (x). Els 16
; ' TUYOV onueiov O ToU &fovos (x) éyouev TO
i 1 ok emrimedov (P) k&BeTov wpods Tov &fova (x).
% OIJ‘ / ﬁ/ "Eotwoav of kol o,f; ai mpoPolal Tdv
: AB kal A;B; dvTioToixws &mi ToU (P). ©&

‘ elvar Aa= Aja; kai Bp= B,p;.

'
i
i
i

Emeidn) 8¢ AA= AA,, kai TB=TB;,
Emretan 6T Oa= O, kai Op = OB,. "Apx
T& Tpiywva Oaf kol OoyP; elvan dvrippd-
mws foa. Zuvemrds of = oyP;. Ta opfoywvia Tpaméfic ABPa kol A;BiBoy

sx. 121
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Eyowv 16 afTd Uywos of = oyf; kad T&s adrrds Pdoers Aa= Aoy kol BB = B,p;.

"Apa elvan &uTippotreos o kal ko’ dxohouBiav A;B, = AB.

"Eqv &vti Tou AB Becpniowpey To Tpiywvov ABE kal TO ouppeTpikdv altol
A;B,E, o5 rpos Tov &fovar (x), TéTe B elvan A;B; = AB, A E; = AE kai B,E, = BE,
omoTe T& Tpiywva ABE kal A B,E; 8& elvan dpoppédmas ioc.

‘Ouoiws gpyaldpeda kol i k&fe &AAo oxfua ().

153. EYMMETPIA QX ITPOZ ENIMEAON.— Gewpolpev &mimedov (P). Eis
Té&v anueiov M Tou ydpou dvTioToixel Ev anueiov M, Tol xpou, ToloUTov dioTe
T eUBlypappoy Tpfjua MM, va elvan k&BeTov Trpods 1O mimedov (P), T 5¢ iyvos B
ToU (P) kai ToU MM, v& elven 16 péoov ToU TuAuoTos MM,.
To M, xodeitan ouppeTpikdy Tod M dos wpds 16 &mimedov (P).

"AvTion pdews T M elvan TO ouppeTpikdy ToU M, ds Tpods
76 (P). "Apa:

Avo onpueia M kai M; tol yxdpov xaholviar cvpperprka

. 122 g npog Eninedov (P), btav 16 ininedov (P) slvan pecokdabetov

tol tpfjpatog-MM,.

Ta M kai M; kadolvtan kai dporoya onueia. T &t émimedov (P) koeiTon
Eninedov ovppetpiog.

“Ev onueiov A ToU émiméSou ovppeTpias oupTriTrTel pé TO cuppeTPIKOY TOU
Ay, kad pévov Ta onueia ToU (P) Eyouv TH 181dTnTa TN V.
154. ZXHMATA LYMMETPIKA QX IPCI EIMIIIEAON.— OPIZMOX

Abo oyfipata Kakolvrar ovpperpike dg npdg Erinedov, Eav ndv onpeiov fkatépov
elvar oopperpikdv onpeiov tivdg tod dhhov dg npdg 10 Emi-

nedov toiro. B \
low: "Eotw AB elflypappov Tufipa kel TO ouppeTpl- A
kv Tou AB; ds mpos T Emimedov (P), (oy. 123). / A /
"Ecv 16 AB elvan mhérytov mipds o (P), TOTE 16 oy fjua P F
ABB,A; elven icookedés tpaméfiov, xafdoov 1) AF elvan
ueookdBeTos TéV Péoecov Tou BB, kad AA;. AnA. AB = AB,. =l

B,

“ore: T oopperpikov évog £00. tpipateg dg mpog Ty, 123

Eninedov elvar £00. tpfjpa icov mpdc adtod.

2o0v: Oscopoluey Tpiywvov ABIT kai Td ouuue-
TpIKdY alToU A;B M) s mpds To EmimeSov (P). O&
elven :

AB,=AB, Bl ,=BI, T;A =TA.

"Apa Ta Tplywva AjBM; kad ABT elvan duTip-
poTws foa. “Qoe :

Avo tpiyova cvppetpika G¢ npdg Eminedov ei-
van avupponog ica.

"Ex Tfis ico TS TV TRIydveov ABT kai AB; T,
gmeTon ) iodTng TV yeowidy A;B,I; kad ABT.
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“Apa : Avo yovia cvppetpikai @g mpdg Eninedov elvar dvuippérwg Toar.

"Emeidny m&v rmrimeSov TOAUywvov YwpileTon els Tpiywve, #metan &t

Avo molbywva cvpperpika G mpoc iminedov clvan avupponog foa (ué v
v Sidragv lodtnTos Tpiydveay).

155. EZXHMATA EYMMETPIKA QX IIPOX KENTPON KAI EIIIE-
AON.— Aiaxpivopsv 8Uo Trepimrrddosis : () Z

lov: To &rinedov va Sibpynron S1a A
to8 kévipov. "Eortw oyfipa (2) kol 1o
OULUETPIKOV alToU (Z,) s Trpds Kév-
Tpov O, kai (Z;) TO ouppetpikdy Tol
(Z) & mpds T Errimedov (P), TS dmoiov
BitpyeTtan Biax o0 O (Zy. 125).

"E&v A glvea Tuxov onueiov ToU (),
kal A;, A, T& cubdeETpIKE oUToU Trpds
TO kevTpov O kad 16 &rrimedov (P), B&el- (L)
var OA; = OA kai BA, — BA. "Apx 1& £
Tufjpa OB elvan mrap&AAnAov Trpds T
Tufiua AjA; kai T fjlulou altol. TS OB
elvan wad kdBetov Emi TS AA,.

"Eqv eis 10 O &x8j kéBetos Ox mpods o émimeSov (P), alirn O Téuvn Siya
kai kaBéTeos TO Tufipa AjA,. *Apa T& onueia A, kol A, elvanr cuppeTpiké ds Tpds
afova Ox.

"Ereid) 8¢ ToUto oupPalver Si wévta & onpeia Tév (T;) kad (5,), FreTan
ST TaUTx elval ocuppeTpixd g Tpos Tov &ova Ox. *Apa elvar SuoppoTes foa.

"QoTe: Té cvppetpikd oyxfpates mpdg kévipov kai ininedov 81’ adrod dugp-
xopevov elvar dpoppénme isa. X

2ov* To tninedov Siv Sifpyetar Sd tov kévipov. o) “Eorwoav (Z)) xai

i (Z,) 8o oxnNuaTa cUpETpIKG TOU aUToU oy f-
A () uaros (2) s mwpos Sto kévtpa O kad 0. Ak
x\ Tiis OO, &yopev Tuyov Emrimedov (P) kol foreo-

/ o . LY 1 T
el oav Ay, Ag Ay T& ouppeTpikd Euds onpeiou A

/é - ¥ O/ ToU () s mpds kévtpa O kad O xai wpos To
L7 4 . il (P) &vmioToiyws. Korré Thv mponyoupévny Tre-
\ piTrTwov T& onpeia A; kol A, 8& efven ouppe-
}Az (Z2) TPIK& & pos Tov &fova Ox. ‘Opoiws T& on-
e Ay, kod Ay O elven ouppeTpikd G5 Tpods

ToV &fova Q,y||Ox.
"Ereidn 8¢ ToUto oupPaiver S1& mévta T&
(%) ' s onueia 1@V (Z,), (Z3) &9’ &vés, kad (Z,), ()

x. 126 v(J) &g’ €Tépou, EmeTon OTI:

Zy. 125

(1) = (23) Suoppomws. kal (T,) = (Z,) duoppdmas == (5;) = (Z,).
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“Apc: Ta mpds 800 kévipa ouppetpikd tod abtod oyfpatog elvar loa.
B) *Ectwoay (Z,) xal (Z,) T cupueTpIka  oxfipaTa ToU oxfiuaros ()
s pds kévtpov O kal Tpds TO EmiTre-

\ Sov (P). "Av (Z3) elvan TO ouupeTpikov
i ToU () s mpds TO onueiov O; ToU
(Z)@ ] Azi ;(Ea) gmmedou (P), 6& elven (Z,) = (Z3) ©-
‘ \\_T poppdTes Emeidh 8t T& (Z;) xad () el
' %» i vor ouppeTpixd ToU (Z) s pods Suo kev-
0 . : Tpa O Kkai Oy, Emetan 8T (Z) = (5o)-
_.-%(23) *Apa (5;) = (Z,) OSpoppéTws "QoTe:
L —
Ay Ta npog xévipov xkai toxdv Eminme-
KE dov cuppctpikd tob adtol oynpatog &i-
(1) var opoppone; ioa.
sy. 127

156. TMHMATA EYMMETPIKA QX ITPOL AYO EIIIIEAA.— Aioxpi-
vouev BUO TIEPITITWTELS :
a’) Ta énineda (P), (Py) tépvovrar.
) Ta tnineda (P), (Py) elvar napaiinha.

“Eorwoav () kad (Z,) T& ouppetpik& oynuaTos (Z) s mpds Ta Tapéh-
AnAa dmrimeda (P) kad (Py). Oecopolpev 70 /i (Z,)
oupeTpIKdY (Z,) ToU oxfpaTos (Z) s Tpds ARG o Ay
15 Tuyov Emimedov (P,), Smep Téwver & (P)
kad (P;) xat& Tds edfelas HO, KA dvtioToi-
xos. “Eotwoav 8¢ (Z,) kol (Z5) TG CUHPETPI-
k& oyfiuata ToU (Z) s mpds T& kévrpa O
kad K (onueia) Tév evfadv HO kai KA &vTi-
orolyws. Katd T& rponyoupeva BewpnpaTa (E3) .
6 elvon :

(Z;) = (24) duoppomods (1)} e

E)=Cd > @ 3) 2

V4
‘Opols () = (%) (4) xal (%) = (%) /
opoppoTes (5). “Apa (Z;) = (Z,), kai kaT’ (£5) da. Az (T2)
drohoubicv (Z;) = (Z,). "QoTe: - e

Ta coppetpike oynpate £vdg oyfipatog dg npdg dvo irineda slivan Toa.
Eukdhcos fiBn &moBeviovton T& &rdAouba TopiouaTa.

157. TIOPIEMA I.—To coppetpikdv Siédpov yoviag elvar diedpog yovia ion
npdg TRy dobeicav, dhh’ avriBétov @opds.
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158. ITIOPIEMA II.—To CURPETPIKOY ToAvEdpov Yoviag slvan modvedpog yo-
via, Exovoa pet’ adriic avnippénac ioa, Ev npdg Ev, mavra ta Oposidii croiysia.
“Apa fon Tpds THY kaTakopuptv Tis Sobelons.

159. ITOPIZMA III.—Tb ovppetpikdy mohvédpov elvar mohdedpov, 1o drofoy
Exs1 pet’ Exsivov avtipponwg ioag, Exactny éxkdaotn, tac Edpag kai Siédpovs ya-
viag.

160. AZQON ILYMMETPIAZ ENOI IXHMATOZX. — OPIEMOZ. - Mia
evbeia elvar GEov ovppetpiag £veg oxfpatog, £av 10 oyijpa tobto CUpminTy pé
10 ovppeTpIKéY TOv MG TPdg THv evlziav TadTNV.

T& onuelax ToU oynuaros elven, dvk Slo, OUHETPIKG G5 TIpds Tov &fova
ovppeTpias. AvTioTpdews, v T& onueia &vos oxfuoTos elvan,

v 8U0, CUHUETPIKG G5 Tpods piav edfeiay, 1) elfeia altn eval (X)
&fwv ovuueTpias ToU oyrucTos. L)

lov: "Afwv cvppetpiag i £d0sias. *EoTeo plo elBeia (x). — |
AUTN cuUTTITITEL Pé THYV CULPETPIKTY TNS ¢ Tpds TTéoav edfeiay A Xﬂ
(Y), x&fetov mpods ThHv (x).

'E€ &AAou, TO ouppeTpikdy A; Evds onuefou A Tis (x) s =
mpos ebfeiov (Y;), wn k&beTov Tpds THY (x), Bév keltoen éml \"“Z
s (x).

“Apa 1y (Y;) Stv elven &€wv ouppeTplas Sk ThY edbeiav (x). Tx. 129

Kat’ &xohoubiav :

Mia ebBeia x Exel ancipovg dEovag coppetpiag, Tov £avtov g kel nacag Tdg
edBeiag, ai omoiar slvar x@Betor mpog adrhyv.

A

2ov: "Atwv ovppetpiag £vdg Emimédov. “EoTw Ev imimedov (P). Tolto
CUNTTITITEL PE TO CUUHETPIKOV Tou @S Trpds THY

i (Y) TuyoUoav elfelov alTol kol ds Tpds Tioav ed-
Belav (x), xd&Betov Tpds oawTd. 'EE &Adou, TO
ovppeTpikov [ évos onpelou [T Tou (P) dos pos

A1 AF ebfelav (Y), TAayiav pos 16 (P), 8év keiTon émi
~AD Tou (P), éxTos Tfjs TepiTrTdoEws éxelvns, kab® fiv

(X)

T6 [ xeitan &l Tfjs kaBétou Tpds Thv (Y) &ls 1O

B /'., ~ .
T 15 onueiov A, Topny Tiis (Y) kai ToU émmedou (P).
/ "Apa 1 (Y) 8év elven &Eeov ouppeTpias Sia 16 (P)-
"Ofev :
x. 130 “"Ev &ninedov (P) Exer daneipovg l:réc:n'af3

ovppetpiog, macag tag £vbeiag tag kewpévag in
abtod kai nacag Tag kebitovg mpog adro.

3ov: "Afwv ouvppetpiag £vog kOxhov. [lT&oon ol SidpeTpor évos kikAou
elvan &foves ouppetplas els 16 émimedov (P) ToU kUxAou. “lva 8¢ pla ebfeia (x),
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pf) keévn &l Tol (P), elven &§eov ouppetplas Tol kikhou (O), mpémer v elven
kaBetos &l To Emimedov (P).

(X) *Errioms Trpémer va elvan pecokddeTos TGV ¥opdiv Tou
KUkAou, TGV Siepyopéveov Sid ToU Todds Tns, SoTis 8 &l-
var TO kévtpov O ToU xUxAou. "Edv Aoimdv 1) (x) elven
ké&feTos émi 1o (P) &ls TO xévtpov O ToU kUkAou, T& on-
peic Tou kUkAou elvai, dvd 8Uo, CUMMETPIKS s TTpds THV
(x). "H ebbela (x) xohsitan, ouvrfes, dEwv Tob ko-
Ty 131 xhov.

161. KENTPON YMMETPIAXL ENOX IXHMATOZX.— OPIEMOZ. —
"Ev onpelov elvar kévtpov cuppetpiag oyfpatog, 2av 16 oyfipa totto cuprinty
BE 16 CUMPETPIKOY TOU (g mpdg to onueiov TobTo.

T onueia ToU oyruaTos elvan, dvé 800, SUUPETPIKE &S TPOs TO KévTpov
ouppeTpios. ‘AVTIOTpSPes, éav T& onuela dvds oxfuaTos elval, dvd 8Uo, oup-
HETpIX& o5 PO & onuelov, T omueiov ToUTo elvan kévTpov oupuetpias Si
TO oyfiux ToUTO.

Odtws, 1) Topf TGV Slaywviev TapaAAnioypappou elval KEVTPOV OUupE-
Tplas ToU TopadAnAoypdupou. To kévtpov xikAou elvar kévtpov ouppeTpios
odTou.

*Avagépae oynuoTe Tis Mewpetplas ToU &mmédou, T& oOtroia Exouv KEv-
TPOV CUHPETPICS.

lov: Kévtpov ocuppetpiag évog Emmédov. Eis tnv ( § 155) eidopev otTi:
TO CUMMETPIKOY oxfjua Evds émmédou Siepyouévou S1& ToU kévTpou cuppeTpias,
glven 16 émimeBov ToUTo Kail 6T1: Ev Emimedov Exel s cUpueTpikOV &AAo ETTi-
medov mapdAAndov Tpds oUTS, STav TO kévTpov cuupeTpias KelTal EKTOS
avToU. :

OUrws, &v &mimedov Eyel kévTpov cuppeTpios, TO Tuxov TV onuelwv Tou,
Kal oUBtv &ANo onueiov BuvaTtal v& elval kévTpov ouppeTpias.

162. EIIIITIEAON IYMMETPIAY ENOZI EXHMATOZ.— OPIZMOZX.—
“Ev tninedov clvar &rninedov cvppstpiag £vog oxfpatog, dav 10 oyxijpa todte oup-
nizty pé 10 cupperpikov Tov Mg mpds o iminsdov todro.

T& onueia ToU oynpaTos elvar, dvd 8Uo, cupueTpikd s Tpds TO Emrimedov
oupueTpios. "AvTioTpopes, fav TG onueia &vos oxnuaTtos slval, dua BUo, oup-
METPIKG 5 Tpos Ev Emimedov, TO émimedov ToUTo elvar &mimeSov cuppeTpics
81k TO oyfjua.

Otrws, elikohws &modeikvieTtar 611 T&v drrimeBov (P) elvan Zmimedov oup-
veTpias éauTol, kai &t &Y ErrimeSov (P,) xdBetov mpos TO (P) elvan érrimedov
ovpueTpias Tou (P) kol oUdtv &Alo &mimedov.

lov : "Enireda ovppetpiag 0o mapodiifrov imnédev. *Eortwoav SUo &i-
meda TapdAAnAa (P) xal (P,). TTaw émrimedov (Z) xébetov &mi & (P) xad (P,),
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elven émimeSov ouuueTplas, 8idT1 dorver EaoTov &k T@Y dmméSewv (P) kal (P;)
&ueT&PANTOV.

*E€aipoupévns Tiis TEpITTTGOEWS TaTns, &s fecoprjowpev T& onusia A,B,I
ToUu (P), kal & pépwpuev Tas kabétous AA;, BB,, [T, éml 16 (P,).

"Av O, A, Z elvan T& péoa TéY TunudTwv AA,,

BB,, I'T,, TéTe T& Tpfpara AO kai AZ 6& elvar Ta- A\’__‘r
p&AATA Trpds TO (P), xaBdoov elven dvTioTolycs- = 3 B
TapdAAnAa Tpds T& Tunpata BA kai Br. T& Tan- [
pata AO kai AZ Spifouv &wimedov (P,) wapddAn- /é ON—" :V
Aov mpos T& (P) kai (Py). Z): 8

*AvTioTpogaws, éav O elven Tuxov onueiov ToU ¢ J =l
bmiméSou (Py), kad &yBolv oi k&Betor OA Kot OA, /pé MAw\ 5 y
mpos T& (P) kad (Py), 8& elvos OA= AB=AB,= < .
OA,. "Apa 16 (P,) elven EmimeSov ouppetplas Tév
(P) xal (P;). KcAeitan & pecomapaiinrov tév (P) kai (Py). "Apx:

AoBéviav 800 maparifiov imnédov (P) xai (P)), drapys irincdov (P,),
anéyov icov tdv (P) xai (P,), 10 dnolov elvar Eninedov ouppetpiag tob oyfparog
1@V napaiifrov Emrédov.

2ov : Kévipa ovppetpiag 600 mapariilov imnédov. "Ectwoav 8Uo Emime-
Sa apdAinAa (P) kal (Py) xai (P,) 1o émimedov ouppetplas avrddv.

*Eortew O, Tuyxdv onueiov ToU (P,). *Ex Tol O, &yo-
uev TuxoUoav evfelav, 1) dmola Téuvel 1& (P) xal (Py) €ls
T& onueia B kal B;. *Oupoicos pia &?\7\11 eUBeiar dryopévn Ek
ToU O; Téuver T& (P) kal (Py) els T& onueia [ kad [, Al
Bl kad B,IM, elvar wopdAAnior. ’Emaidty OA; = OA, katd
T6 fewpnuax Tou Oadou Oa elven kal

BO,=0,B; xal O, =0,

“Apax T O, elvan kévtpov ouppetpias T&V Emimédoov
(P) kad (Py). "Qoe:

Ilav onpeiov 10 émnédov (P,) slvar kévipov ovppcipiag tob oynpatos 1@V
§bo rmaporiniwv iémnédov (P) xai (P,).

AZKHZEIZ

522. Tav Trapah /Bov &xer Bv kévTpov oupperplas.

523. To dpBoydviov Tapcd/Bov Exel Tpels &fovas ouppetpias, dva Blo xabérous, dyout-
vous &k ToU kévtpou avTtol, kal Tpla &mimeda ouppetpias.

524. ‘O xUPos Exer: lov) “Ev xévrpov ouppetpias, 20v) Tpsis &fovas ouppetplas Siepxo-
pévous, dvk SUo, Bik TV kévTpwv T&V &mévavTi E5pdv Tou, 3ov) Tiooapas &fovas travagopds
Siepxoutveus, vk Buo, ik T@v &rtvavTi KOopuedy Tov, dov) "E€ &Govas ouppetplas dpifopé-
vous &rd T& péoa TéV &mévavTi dkpdv Tov, Sov) Tpia ErlmeSa ounuetplas kébeta mpos Tous
&Eovas ToUs Siepyonévous Bk TGV kévTpwv TGV GévavT E8pidv Kal Sov) “EE #mrimeda ouppeTpios
x&BeTax Tpds Tos &Govas Tous Siep)opEvous S1&x TV péowv TV &mEvavTt AKUGV.

525. Taoa 5ledpos ywvia Exer fva &ova oupuetplas, Thy xowdy dxpry, kal dva émimedov
cuupeTplas, Trolov;
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526. *Eav al &pm moAutdpou yevias evar Toa, abm Ear &ova Eravagopss -

527. Els kavovikdv TeTpéedpov ABIA vé &moBeiy8ij &m: 1) Té Tyn Tou elvon &Eoves trava-
00pds. 2) Ta Tufuara T& dpildpeva (rd T@V péogwv T@V &révavT &xpddv Tou elvair &Eoves oup-
uetplas oo, 3) Té dmimeba T& dpildusva (rd dkdoTou TGV powy TEY GKUGY Tou kal TS
&mévavmt &kufis elven &mimeda ouppetplas.

528. Maoa kavovikd Trupapls Exel va &fova Emoavagopds

529, *H elfeia 1| Sploptvn Umrd TGV kévipwv T@v Phoewv &pBol xavovikoU mplouaros,
elvar &fwv Emavapopds alToU.

530. To Tpds oneiov § Emimebov ouppeTpikdy dpBol TrplonaTos elvan Toov Tpds alrrd.

531, ’Edv BUo Emimeda xaBéTws Tepvdpeva elvan Emimeda oupperplas oyfjparos, TOMT) TWV
dlvan &Ewv ouppeTplas ToU oympaTos ToUTOU. ;

532, *Eéw oyfjuc &n émrimedov quppetplas kal &Eova ouppetplas &v T4 Emmede TouTey, O
Eyn kol Erepov drimedov ouppeTplas.

533. N& &mobeix8ij 8T1 T& kavovikdv dktéeBpov, Smep Exer kopupds T kévTpa T@v E5pdv
xiPov, Exel T& U oroiyeia ouppeTpias, &Tva Exer & kUpos oUTos.

534. ’Edv oyfiua &n frimebov auppetplas kal kévrpov ouppetples, keluevov i ToU dmimé-
Sou ToUTou, B& Exn kal &fova ouppeTplas.

535. SyfjuoTa ouppeTpikd Tpitou ds Tpds Blo elfelas TapaAAfidous, Sivavtan va elvan
TUNHETPIKG Kal s Trpds eUbeiav ;

536. N& &moBeiyfj 81 BUo oxfuaTa guppetpikd Tpitou d mpds Emimedov kal ds Tpds
&Eova x&betov brrl T EmlmeSov ToUTo, elvan oupueTpikd Kol s Tpds ompelov.

537. N& &moBeyij &T1 Uo oxfuaTa ouppeTpikd TpiTou dxs Tpds evBelav kal onuelov xel-
uevov bl Ts ebfelas TaUTns, elvon ouppeTpikd kal s Tpos ErimeSov.

538. 'Eqv TerpdeSpov ABIA Séxetan &fova ovppetplas, Téte al dmévavm dxpal Tou elvan
oo kard BUo Ceym kal dvTioTpogws.

539, 'Eqv Tetpdebpov SéxeTon BUo &fovas ouppetpias, ToTe al drévavm dxpal alrroU elven
foar kal kerd T& SUo {eiyn kol Séxeran kal TpiTov &GEova oupueTpias, kal dvTioTpopws.
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KE®AAAION X
OMOIA MOAYEAPA

163. OPIZMOX KAI EITOIXEIA OMOIQN ITOAYEAPQN.— Abo mo-
Logdpa Aéyoviar Spova, £av elvan dpdroya xai Eyovv tag dpokdyovg Edpag dpoiag
Kai tdg Gpoléyovg moluvidpovs ywviag opoppdrac ioag.

O, BUo kavovikk TeTp&eSpar ABTA Kal AB A, (ox. 134a) elvan Bpoia
TroAUeSpa.

‘Ouoiws 8Uo xUPor (ox. 134p) elvan ToAUeSpa Suola.

A" N
Atl I wl B
1 1
& y By ,9‘" 5
i A B
1
et i
A B
ZxT 134p

Ta Tpfuora T& dpifdusva Urd Suo SuoAdYwv kopupidv Aéyovtar opé-
Aoyor &xpal TGV TroAvéSpoov.

Hapatnghees :  lov. "Emeidf ai dpdhoyor moAledpor yowvicn 8Uo dpoiwv
ToAUEBpwov elvan foa, Emetan STi: Al dudhoyor bigdpor yoviar 8o oOpoiwv
rolvédpoyv sivar loar.

OUtes, ai &ieSpot AB kai A,B,; Tév dpoicov TeETpaESpwy elvan foal.

20v. Emei8n) ai Spoicn E8par T&GY Spoicov TOAVEBpwvV Exouv ToV alTdv
Adyov dpoidTnTos Kal EmaIdY) pic kod ) a0t &k &l EkdoTou ToAUESpoy &vr-
kel el SUo Siadoxikds Epas duoias, Emetan 611 :

‘0O Moyog tdV dpodéyov dxpdv Sbo dpoimy molvédpov slvar atabepbs.

‘O oTafepds Adyos TéV SuoASywv dxpdv Blo duolwov TOAUESpLV Koei-
Tal Adyog dpordTNTOS abTdv.

A’. OMOIA TETPAEAPA — IAIOTHTES

164. OEQPAMA I.—’Edv tetpaedpov ABLA tundij ono Emnédov B,I'A,,
napoidfrov mpdc piav Edpav tov BIA, dpileram dedrepov teTpasdpov ABI' A,
Gpotov mpdg 0 mpdrtov.

"Anoderlis @ Al dkpal BN, B elvan mapddinior, és Topal TapaAAfAwy
Emmédwv Umd TpiTou.
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‘Ouoles ol dxual A;B;, 1A, v dvrioToixws TxpdAAnAot pds T&s AB,
FA. *Apa ai Técoapes E8pot ABT, ATA, AAB, BrA, Tou mpdTou TeTpaéSpou,
elven Guoten &vTioTolyws Tpds Tas Edpas AB, Iy, ATLA;, AA,B,, Bl A; ToU deu-
Tépou TeTpadBpou AB, A,

“Evexa THs SpoiéTnTos Tév épdv TouTwv, ol Tple-
Spor yovian B kai B, Exowv T&s Emmedous ywvias Twv
loas, piav Tpds piav, kol dmi Afov of ywvic alran elvan
ToU oUtol TrpocavaTohiopol kal ETopEveas elven foan:
B=B,. ‘Ouolws =T xai A=A,

Otrrw, T& 800 TeTpdedpa Exouv Tas E8pas Twv ToU
aUrToU TrpocavaToAlgpoU duoias kad TS TP1ESpOUS SPOAS-
yous ywvias foas. "Apa elvon Suota.

Hapatipnowg I : Elvan elkorov v iScouev STi: Ado
Spoia teTphaedpa Exovv Tag dpoldyovg dkpag twv dvakéyovs.

*AvTioTpoews : Ade tetpacdpa clvar Spowa, tav ai dxpai Tov elvar dvalo-
you kai tob adrol mpocavaroiispod.

AiéT1 ol Epan Tev elven dvmioTofyws Spoian, s Exouoan TAS TAEUPAS
&vahdyous, kal ai dudhoyor TpieSpor ywvia Twv elvan Toau, dos Exovoan Tas Emi-
méSous yeovias Twv ioas kai ToU aUTol TrpogavaToAguo. .

TMapatipnos IL *Eév ol &xual AB, AT, AA SiaipeBolv els ToV atrdv Adyov Bk Tév anuelcv
B,, I, A, dvrioroiyws, 76 TeTp&eSpov AB, M A, 8& elvan dpcov wpds TO dpyikdv ABIA. Tpdypa-
T,  B,I, 0& elven ap&AAnhos mpds Thv Bl kabBds kal A, I| TA xal AA, || AA. "Apa T Eri-
meov Byl A, 8 elvon Tap&AAniov Tpds Té BIA, kal T& TeTpdedpa AB,IMA, kal ABTA 8& elval
Spoia,

T dveTpw Becopnpa loyler kal Si1& Tuxoloav Tupapiba, Teuvoptvny Umd Emimdou Ta-
padAfidov Tpds ThHY Phow aUTiis.

165. OEQPHMA II.— 'Eav dbetctpacdpa Exovv dbo Edpag dpoiag, piav mpog
piav, tdg 82 On’ adrdv nepieyxopéivag Sitdpovg loag xai tob adtol mpoocavatoit-
opod, elvar dpora. 7

'Anoderlls i “Eotwoav SUo TeTpdebpa
ABTA kai A;B;MA; (ox. 136), els T& dmoia
7 8ieBpos ywvia AB elvan fon mpds thy Be-
Spov ywviav A;B;, T& 8¢ Tplywva ABIL, ABA
elvar dvTioToiyws Spola Tpds T& Tplywva
AB, kai ABA,.

Emi Tfis dkufls AB Acupdvopev Tufjpx
AE=A;B; kai &i& ToU E &yopev Emimedov
EZH mrapddAndov mpos 16 BIr'A. Ta TeTpdedpa
ABFA xal AEZH dvan Spota. “Apa af E8pon AEZ, AEH, 8& elven Suotan pos Tas
€pas ABI, ABA dvtiorolyws xal kat’ dxoAoublav Tpds T&s &8pas A B,
ABA,. 'E§ &Ahou AE= A;B,. "Apa T& Tplywva AEZ, AEH 8& elvan dvTioToi-
xws loa pds Tas A B Ty, kal A B A,.

Ai
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"ExovTes 8¢ U’ Syiv T& Trepi {odTnTos TGV S1EGpwv Kal TPIESpwWVY Ywvidy,
ouvayopev 8T1 TS TeTpasdpov AEZH elvan foov Trpos TO TeTpdedpov ABTA,.

"Emeidf 8¢ 1O TeTpdeSpov AEZH elvan Suolov mpds o ABFA, Emetcn dmi
xai 1O foov Tou A B A, 6& efvan Suotov mpds T6 ABIA.

IMapatfipnoig: AobBévrog terpaédpov ABLA kai tob tprydvou B,I',A,, dpoiov mpog
myv £dpav BrA, dvvauneBa éni tod tpiydvov BTN A,, @3 Bacswg, vi ketaskevdsopuey TETPas-
dpov Guporwov mpoc 10 mpdTOV.

TMpdrypam, &s pépwpev T6 émimedov B MM A,, olTws GoTe 1) Siedpes ywvia A,B, M A, vé elven
fon Trpds Thv BieBpov Br.

“Emaita i ToU émiméSou ToUTou kaTaokeudfopey THY ywviav A,B,I, ionv wpds Thv ABT,
kal THY ywviav AN B; fonv mpds ThHv ArB.

To Terpaedpov A,B,IA, 8& elvan Sporov Tpds 16 ABMA. Admi T& TeTpdedpa TaiTa
gxouv uicv Siedpov fonv, Tepiexopévny peTafU BUo Spoiwv 8pddv kai Toi alTol TrposavaTo-
AlTHOU.

166. OEQPHMA III.—'0 Aéyog tdv dykwv 800 dpoimv tetpaidpov icottar
npog TV Adyov TV KOPwvV TV dporoywv AkpdY tov.

’Anéderllg ¢ “Eotwoav 8Uo Suoia TeTpdedpa
ABIrA xai A B[N A, (ox. 137). "Emaid) af Tpiedpot

yowvicn A kai A efven foal, Ereton &1 A
Vanpnt L ABR AR AAT
Vas.ray  ABr-A-AA A,
1
RMSTARTE BT AT AT D 5
BB RO AT
SRRl Roil b o AD Sx. 137
 AB AB A:B,  AB}?
y 3
kafdéoov Al S04 AB “Apa : Viasrsy _ AB

Al A, = T1BT V(Axﬂ;raﬁ.) = AB?

AZKHZEI2

540. N& &moBeix6fj 611 6 Adyos Tév OAkddv émgaveidy SUo duciwv TeTpaébpwv loolman
mpés TOV Adyov TV TETpXydvwy dU0 SHOASYwV dKuGY alTddv.

541. Ao T1as kopueds TeTpaédpou ABIA eépwuey émimeda TrapdhAnia Tpos Tas dmévavTi
£5pas, Ta OTroia, Tepvopeva ava dUo, opidouv véov TeTpdedpov A,B,; M A, N& Umrohoyictf) 6 Adyos
T@dv Oykwv THv Blo TeTpaddpov.

542. N& UmroAoy1o6i] O Syxos ToU TeTpaéSpou, &mep Exel KOpUPSs T& KEVTpa TGV E5pdv
KaQVoVIKOU TETpaédpou, guvapThoel Tfis dxufis o ToU SobévTos TeTpaidpou.

543. "Emi Tis dxufis AB mupapibos ABIA vé dp1o0f] onueiov A;, TooGtey doTe T6 € adTtol
&ydpevov EriTeSov TapaAANAws Tpos TH Paow BIA va Sicupf) ald els 8Uo igodUvapa pépn.

54z 'Eqv mioa al dxpai Tetpaidpou ABIA oA /oBouv émri A, SicrnpnBouv 8¢ ol Tpiedpor
yovia: Tou, ToodKis peyaAUTepos yiveTtanr & Sykos Tou ;
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B’. OMOIA TIOAYEAPA — IAIOTHTEZ AYTQN

167. @EQPHMA I.— Ado reviaedpa arnotehodpeva £k tob adtob nhfbouvg 6-
poiov tetpatdpov, £vdg npoc Eva, kai 1ol avtol tpocavartoriopod, cival dpova.

Arnddeiiig : “Eotw OABA, OBIA, OTAE, pia didrafis Tetpatdpwv rpoo-
keévoov, el & elven ywpiopévov 16 moAUedpov OABIAE kai O,A;B,A;, O,B;4,,
O, AE,, via kai f) a¥rhy Sidtafis duoiwv TeTpafdpeov TPos TNV TPWTNV,
els fiv elvon yopioptvov TS moAUedpov OA BT AE, (ox. 138). O& Beiwpev
&T1 T& ud TaUTa TroAUedpa elvan dpoia.

Tpéoypoati, i opdAoyor €Span TGV

0
( E o TToAuEdpwv elvan duolal, s &ToTEAOU-
\ £ pevan & ToU aToU ANBous dpoiwv Tpi-
A NN yoovwy kai Tfis aUTiis diardgecs.
Ay OUrws, 1 8pax ABIF'A ToU TrpcTou
% ' &moTeAsiTan &md T& Tpiywva ABA, BIA,
r & r Ta omola elven duola &uTioToiyws TTPOs
Ty, 138 T& AB;A,, B[ A, Tiis &8pas A;B M A,;
ToU &AAoU.

"Etre1df) t& Tplywva ABA, BIA kelvton &l ToU atol &mimédov, ai &isdpol
OBAA, OBAT T&v teTpatdpwv OABA, OBl A elvan rapamAnpwuaTikai. ‘Opoios,
af 6udoyor Biedpor O;B,AA;, O;B;A[; TéV TeTpatbpeov O,B,A,A;, OB AT,
elvan TrapomAnpopaTikai. 'Ewaidn 88 & Tpiywva A;BA;, B,MLA; kelvton Emwi-
ons el 16 alTd Emimedov &moTedoly THY E8pav A;B M A, Suoiav Tpds THY E-
&pav ABlA.

Al moAUeBpor yovion T@v BUo TroAuédpwy slvan oo, koBdoov Eyouv SAa
T& oToiysia Twv ioa kel THs oUTs SioTdgecs. A16T1 o dpdroyor E8par TEY Buo
ToAvEBpwY elvar Spotat kai ToU alTolU TrposavaTtoAlouoU. Al TroAuedpol ywvial
Exouv SAas Tas E8pas ioas EkdoTny EkdoTn kai THs alThs SiardEews. “Emi AoV
ai Gudhoyor Bicdpol ywvial TéY ToAUESpwY ToUuTwy ywvidv eval foal, cs dpod-
Aoyor Biedpol BUo duoiwy TeTpatdpuov kal ds dBpoiouaTa oy 8i1E8pwv ywviddv.

"H 8iedpos BFAE w.x. oxnuatifopévn Umd T&v 8Uo E8pidv ABIA, FAE ToU
TPWTOV TOAVESpov, elval TO &Bpoiopa TéY SiEdpwv ywwidv BFAO, EFAO, ai
omoict dunkouv el T& TeTpdeSpa OBIA, OTAE.

‘H &iedpos Bl A E,, oxnuoamilopévn Umd tédv e8pdv A,B A, MAE ToU
Beutépou ToAvEBpou, elvan To &Bpoiopa TEY SUo dpoAdywv Bitdpwy B, A0,
El4,0,, «f omoicn dvrikouv els T& TeTpdedpa OB, A;, O,[AE,.

To dvwTépw Becopnua foyler kad 81 Tuxdy ToAUESpov, dmodeikvieTon &t eUkdAws Bik TS
peBodou  Tis Madnuarixfis *Emaycwyis.

168. OEQPHMA ANTIZTPO®ON.— Avo dpore moldedpa Sdvaviar va yo-
pobodv ig loapBua tetpasdpa Gpowa @va gv xoi tfig adrtiig detatswg.

"Amodeiflg : “Eotw O onusiov évtds ToU TrpdaTou TroAvESpou. FuvBéopev
10 anueiov O pé T&s kopupds ToU ToAvESpou TouTou kai EoTco QABI Ev TéV

134



TeTpaEdpwov ToUTwv. Ta anusia A, B, T, Exouv s SpdAoya ¢l ToU Beutépou Te-
TpaEdpou Ta onusia A;, By, . Ak Tfs dxufis AB, &yopev. emrimeSov O,AB,,
Guelev Tiis E8pas A,B, I, oxnuaTifov Sisdpov yowviav O,A Bl fonv Tpds v
Biedpov ywviav OABT, &vwbev Tiis #5pas ABI keipéurs. Em ToU émimedou O, A, B,
KATaokeualopey TO Tplywvov 0,A;B; 6Suoov pds 16 OAB. Zuudéopev To 0,
HE T&s KOpUPSS TOU SeuTépou Tro?\uEBpou Kal
Xwpilopev oUTw T Seltepov ToAUESpov Eelg
TETPGEdpa, T& otola dvTioToryolv Trpos
EKETVa TOU TrpCdTOU TTOAUESpOV, Kal pével Too-
pax va Beffwpev 811 T& TeTpdedpa TaUT El-
vail duola dvd SUo.

"EoTw A pia TET&PTN KOpUPT) TOU Trpcd-
Tou ToAuESpov, TolaUTn GoTe T& SUo Tpi-
yova ABIT kai ABA v& #youv picv mAsupdy
koWNV Kai v& kelvtan &tri Tis aUTiis E8pas 1
&l SUo BiaBoxikddv E5pddv. Zuyxpivopev T& SUo TeTpdedpar OABA, O,ABA,.

Al 8par OAB, O,A B, sivar Spoian, ¢ Sudhoyol Tév 8Uo Spoiwv TeTpa-
¢dpwv OABT, O,A;B,I;.

Al E5pa1 ABA, AB/A, elvan Spoton s dpdroya Tplywva Tév Slo duofwv
Edpidv TGV BobévTwv ToAuESpwv.

’Emi wAfov, é&v T& SUo Tpiywva ABI, ABA xeivtan &mi ToU alTol érmimé-
Sou, ai 8Uo &iedpor OABA, O,A;B/A, siocn oo s mapaminppaTa TéY fgwy
81e8pcov OABIT, O,A;B;I;.

‘Eqv T& BUo Tpiywva ABI, ABA Siv xelvten émi ToU almoU émimédou, of
BUo &iedpor ywviot OABA, O,ABA; elvan dxdun foo g Stquaopui TV oy
Bi1tdpwv, AABI kai OABT &¢’ fvos, AJA B kai O,A;B,; &g’ étépou.

Eis tas 8Uo TrepimrTcdaEls, T& TeTpdedpar OABA O A B 61 elval dpola.

‘H avrn) &modealis 8& épopuoodii Pabundov kai f dpoidTns Tév 8Uo Beco-
pnfévTwv TeTpaEdpwv B& uds OBnyron TeAikdds els TO V& oupTepdvwpey &T
T& BUo Emopeva TeTpdedpa elval Spola.

Znp. TO Becdpnua ToUTo amoeikvietan kai &1 Tfis Madnuotixiis *Emarycoyfis.

Ta& onueia O kai O, koAoUvTtan dpdroya. “Edv T& dxpa SUo e0f. Tunpémay
elvan SudAoya onuela TéGV dUo duoiwv ToAUESpwy, TaUTa elvan dpdAoya. Toiad-
Ta elvar ai Sierycoviol, ai opiduevan UTrd Blo dpoAdycwv Kopuedy TV Spoiwy
TTOAVESpLOV.

169. GEQPHMA II.— "0 Loyog t®v dykev 0o dpoiov molvédpov isodtar
npog tOV Aoyov tdv KOBwy 860 OpOAOYOY GKu@OV TOV.

’Anodarlig 1 Oewpolpev Uo ToAUeBpa Spota TT kai TT, ExovTta Sykov duTi-
groiyxws V kai V,. "Eotwoav a kal o 8o dudAoyor dxual airév.

“Eotwoav V,, V,, V,, .. .., V, ol &ykol TGV TeTpakSpov, 2 dv dmoTeAsi-
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Tan 1O TpRdTOV TOAUEBpOV Kal Vy, Vy, V4, . . ., Vy Ol Oykol TGV TeTpaESpv EE DOV
&moTeAsiTan TO BelTepov, kal Ta dmoix TeTpdebpa elvar Spola.
. , ~ s S x ~ < .
Katd 16 Gecopnua Tiis (§ 166), &av A elvan & Adyos — Tiijs OpoldTNTOS
1
e TT xad TT;, A & elvan kad & Adyos Tiis SportoTnTos TéV Spoiwy TETPaESPLOV,
gls & TaUTa yopilovtal. “Apa 8& Exwpev :

V ol :
._l:ﬁ._=.=7\3, E§OCI: VI:V]_'?\:’
v, a;
V. a3 .
—2— —_— A3, EEoU Vo=vy - A2
Vel “Apa :
YV b ;
L= =73 ¢oU V,= v, - A3
Vy o

Vi+ Vot Vot . V=N (vt vetvs+...+%)

\ al
- e S8 2 L o Rag
bl Vi— v o A8 R EC ol v_lﬁ—u:

170. ITIOPIEMA.—Eav nécar ai akpai tolvédpov norianhaciacBody £ni tov
avtov apllpov, dwutnpnBdor 8¢ apetafinror ai mokiedpor yoviar adrdv, 10 mo-
Loedpov mohlarractaleral Emi Tov kOPov tob apbpol tovTOUL.

AZKHZEIZ

545. *Eqv o dkpal kUPou moAhamAaciacouv Eml 5, Biarnpnfdot 8¢ ol ToAUedpor yewvian
auTol, mohhamAdoios yivetan 6 kUBos oUTos ;

546. N& &modaiysij 6T1 & Adyos Tév tmpaveidy 8Uo dpoiwv ToAuédpwy foolTan Tpos ToV
Aéyov TOV TETpaywvwy BU0 OUCASYwY AKUGV.

547. Avo TeTpéeBpa elven Spoia, Eav Exouv piav ESpav duoiav xal Tds TpEls TpooKeipévas
B18pous Toas, plav wpds piav, kai Tou alTol TpocavaToAiouou.

548. Auo TeTpdeSpa elven dpoia, é&v Exouv Tpels EBpas duoias kal ToU alToU TpogavaToil-
glou.

549. Alo Tetpdebpa elven dpoia, étav Exouv Tévre BitSpous Toas piav Tpos piav kal Tou
aUTol TPOGavaTOoAITHOU.

550. Ta TeTpaywva Ty Sykwv &Uo duciwv TohuéSpwy elvar dvdAoya Trpds Tous KUBous
BUo buohdywy Edpdv.

551. To TetpaeBpov &mep Exel kopugds T& kévTpa Pdpous Téw E8nddv TeTpatipou ABIA
elvon Suolov Tpds TO OUNHETPIKOY ToU TeTpagdpou ToUuTou. Tofos & Adyos TV Gyxwv ToUTwv
TGV TETPAESpwV ; ’

552. ‘O dykos dpJoywvicu TaparAniemimédou elvan V, ai 8¢ SiacTdoes Tov elvan dvdhoyor
TGV &piBpdv a,P,y. N& Urodoyiobouv i SixoT&oels aluTtou.
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KEPAAAION XI
FTENIKOTHTEZ EMI TQN MOAYEAPQN

171. ’Eav E elvan 6 &pifuds T&v 5padv Evds kupToU ToMuédpou, A & dpifuds
Tév Gxpddv Tov xkai K & dpifpos Tév kopugdy Tou, Umrdpyel LeTabl TEY &piBuddy
TouTwv pia &floonueicoTos &pibunTikn oyéols, f| omola ékepddeTon UTd ToU
kaTwTEpw BewpripaTos, deeiAopévou els Tov Euler.

172. @EQPHMA TOY EULER.—Eav K,E, A givar avuortoiyng 10 nhijfog
T®V KopLE®dV, £dpdV Kkai akp@dv £vog Grhol moAlvédpov, totE :

K+E=A+2 (Euler)

’Anodeitig @ TAs Umroféocwpey 811 &mrd TO Bobiv moAUeBpov &oaipoluey plov
g5pav Tovu, EmerTa piav Beutépav ESpav 1) Omola va Exn) pE THV TTpOTYOUuEvnV
dpanpebeioay E8pav piav &xpny kownv. "Emeta deoipouuey piav Tpitnw E8pav,
f) omola v Exn ME TNV Trponyoupives deaipeleioay SeuTtépav ESpav piov dkumv
KOWMV K.O.K. HEYPIS OTou deoupebi] kai 1) TeAeuTaia €8pa Tou TToAuESpou.

‘Otav &paipedi &md 1O TToAUeSpov 1) TpaTn E8pa Tov, Bitv dpaipeiTan &mo
16 ToAUeBpov olUTe &kun oUTe kopuet. Kot &koAouBiav ) &ropévouoa TroAve-
Bpixn Emipdveia 8& Exn Tooos dxuds kal kopugds, Goas elye TO dpyIkdy TOAU-
gdpov, GAAG upiav E8pav SArycTepov.

Eav A, elvan & &piOpos Tév &eaupoupévev dxpddy Tiis mpwTns E8pag Tou
moAuESpou ked K; 6 dpiBuos Tév dpaipouptvev kopupidv auTOU, TRogaves,

8 elvon A, =K, & 00: A —K =0. (1)
* AkohouBws &paipoUpey &mrod TO TToAUedpov piav &hAny Epav Tou, ThHy Beu-
Tépav, TPITNV K.OK. EkTOS TR)s TeAeuTalas ESpas Tov, 1) &TTopévou- B

oo TTOAUESPIKT ETipdvela Xével plav dxufly TepioooTEpOY Ao /\
Soas Kopupds Xavel, A16TL, EoTw ST1 deaupeitan 1) E8pa ABTAE, 4 [
f drrola Exel uE THV &dTTopEVoUTaY TTOAVESPIKTV ETIQAVEIRV KOWXS
T&s drpds AB, BT, elvan rpogaves 81, éqv deanpedij f Edpa al- Witk o
), 8& &paipeboly &Trd THY TTOAVEBPIKNY ETi@dvelay TPElg akpai, 3y, 140
oi AE, EA, AT (ai pry xotvad) kail povov 8bo kopugai ai E kad A,

*E&v TrapaoThowuey BE Ay, Ay, Ayg,... TOV GpiBudy TGV Geuipouktvoy dkpéy
ToU ToAUEEpou THis Beutépas, TpiThs, TETAPTNS,.. EBpas kai wt K, Kg Ky oo
Tov Spifudy TEV dpaupoupévey Kopuedy aUTol, GuTigTolyws B Eyxoouev TaS

5 s : : At =], (2)
&pIOUNTIKAS OYETEIS 2 2
AL— K] 3)
A=K, — 4)

0o kdfe iodTns &mapiBuel plav ESpav.
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Téhos, 2w &md TO ToAUESpov dpauptowuey kal THv TeAeuTalav ESpav Tov,
B &poupeBouv Tooan dkuai, doat kol kopugal. OUTas, tav A, , K, elvan dvtioTol-
X5 & &p1Bpods TGV arpGdy (TrAeupddv) kal & &p1Buds TV KopUPEY Tijs TEAeUTQiCS
E5pas ToU ToAuéBpou, O& Excopev xal THY oxEoIV:

A, —K.,=0 (v)
Avk TrpooBiotas katd wéAn T&V isothTwv (1), (2), - - - (v), AauPdvouev :
(A1+A2+Az+- A )-(K1+K2+K3+ oK ) = (1+1‘3"1+ . .+]_.I)—2’

E
&mou els TO Beutepov péhos Umrdpyouv TOoA uouégSes, Soov elvanl TO TAfiBos
E Tév £5pv ToU ToAuESpou TAy 2 povddes. “Apa:
A A G R E e ™
*ANG A+A+...+A=A, Ki+K+...+K =K
kol kar’ dxohouBicw 1 (A) yiveron :

A—K—E_2 il |'ETE —Al2

Mt P&ow TO Bebpnpa ToUTto TolU Euler &modeviovTton &AAat Tives &fio-
onueicoTol TTpoTdoEs S1& T& KUpTS TOAUESpa kai dvapepopeval els T& ooyl
Kapupds, dxuds, Edpas KA. ocUTV.

173. GEQPHMA.— To dfpoicpa 1@V yOVIOV tacdv tdvV £5pdV kKvptod mo-
Avédpov icobtar mpdg to tetpanidciov Tol dpiBpod TdV Kopvedv fNiattwpivov
Kata 8.

"Anédeaiig : "Edv pia £5pa ToU ToAuéBpou EXT) v Kopueds, TOTE TO &bpol-
opa Z; T&V yevidv Tns 8& elven :

Z, = 2v—4 5pfail ywvia. (D

EQ v, vy, Vy,. - . Elvan of &pifpoi T&V TAsupv T&V Biapdpwv EBpddv ToU
ToAuESpou, TOTE TO &bpoloua = TGV ywvidv Tév éBpddv Tou B& elvan :
E=(2v—4)+ Qv — D+ Qv —H+. .. @)

‘H &rohoubic alrn Exel E &pous, 8oos elvar & &piipds Té&dv £8p&v Tou. “Apa
f| (2) yiverau:

S=2(v+v,+ v+ ...) —4E. 3)
Emreidn ékdoTn xpn dvnker els dUo E8pas, & elvan :
Vv v, .. = 2A, 4)
kol kot dkohoubiav 7y (3) ylveTcn :
2=2-2A—4E =4A —4E=4(A—E). 5)
AN, kaTd TO Becdpnua ToU Euler, elvan A—E= K—2, xal f1(5) ylveron :
E=4(K—2). (6)
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173a. IIOPIZMA I.— Na anodeiyfij 611 d&v dmapyer kuptov mohicdpov,
tob Omoiov ndcar ai Edpar va Exovv mhevpag neprocotipag tdv névee (5).

173. ITIOPIZMA II.— “Opoiag, tod 6noiov nicor oi mohbedpor yavia v
Exovv neprocotipag T@vV nEve (5) akpdv.

AZKHZEIZ

553. Eis wa&v xupTtov mroAledpov elven: 2A = 3E kal 2A = 3K.
554. ‘Opoiws 6T1: K<< 2(E—2), A< 3(E—2j, K= 1? E+2 ka A

555. 'E&v ol &5pair kupToU ToAuédSpou d&moTeholvrtal &mod moAUywva mepiTToU TAffous
TAEUp@®Y, TO TrAfTfos TV ES5pdv elven &pTios &pibuds.

556. ’Edv al moAUedpor ywvicn xupToU TroAuéSpou mepiéxouy TrepiTToV TATBos dkudv, To
TAf{Bos TGV TOAUESpwY ywviddy Tou elval &pTios dpiBpds.

557. Eis m&v moAleSpov elvan A < 3K, A < 3E.

E;

ro| w

558. ‘Opoiws &T1: —g K=< A.

559. Atv Umépysl xaviv &TAoUV TTOAUESpOV uE ETTTa dKpds.

174. KANONIKA TIOAYEAPA.— OPIZMOZE.— IToAvedpov Ba Aéyetar xa-
vovikov, 6tav nacar ai £dpar adtol sival Kavovikd molbywva ioa*.

_OU¥Tes, 6 xUPos kal TO kavovikoy TeTpdedpov elvan xavovikd ToAUedpa.

’Ek ToU dvwTépw OplopoU kal TV TpoTdoewy, of omolan dvagépovTal
el THv {odTnTa T&V B1Edpwv kal v - 5pwv yowviddy, EmeTen &1 ol Biedpor kad
v - eBpol yewovicn kawvovikoU TroAugBpou elval focn mpos dAAfAas.

175. OEQPHMA YIIAPEEQIL KANONIKQN ITOAYEAPQON.— Na dno-
Se1y0f 611 Dmapyovv povov névie £id1 KAVOVIKGY TolvEdpav.

*AnodeiErg @ "As Umrobéowuev 611 EkdoTn E5pa ToU kavovikoU TroAuEdpou
el 1 TAeUpds Kad 8T1 EkdoTn v-e8pos ywvia TolTou Exel v axuds.

‘H &mdAuTos Tiuf) ékdoTns yowvios A wds E5pas altoU elvea:

A= QM—%- opbai. @Y

*Etraidn) 8¢ TO &Bpoloua TV v-EBpIKGY yvidy EkdoTns TroAUEBpoU ywvias
aUToU elvon pikpdTEpOV TV Teoodpov Opbidy ywovidy, Sniad :

s g :
v-A <4 opbv 7 A<—\-}—op6wv, (2)

fmeTon & TV (1) kad (2) Smi:
At il T .
2_T<T’ ¢€ ol : -H—+T>_2_ 3)

Kota T& Topiopata Spws (§ 173a-173p) elvan :
S<v=06 xa 3IU<6

* Kal ol moAUeSpor ywvial Tou ioat wpds &AATATS. 139



’Ex ToUTtwv kai Tis (3) mrpokutrTouv af £Efjs TévTe AUoEls :
p=3 =29 p=4 u=3 =75

I)v=3] Il)vzq_] III)V=3] IV)V:5 V)v=3 4)
"Edv E elven 16 AfBos TGV £8pddv Tou KavovikolU TToAvéSpou, TOTE TO TTAT-

Bos TV dxpddv Tou B& elvon pE. ETre1dn) 8¢ x&fe dxpr) dvniker els SUo Edpas, G&

EXGMEV : uE = 2A )

i PAAN EkdoTn drpl) ouvbéel Buo kopugds. Apa: v.K = 2A. %)
Bk 16@v (5), (6) xai Tfis K +E = A + 2, AauPdavopev, &’ dmodoipfig

v K kai E, Thv oyéow -

1 1 1 1
T e % a0

’Ex ToU TUTOU ToUTou KaTapTilopev Tov dkdAoubov Tmrivoka :

n ! v A E K Kav. TToAUeBpov
8 3 6 4 4 Tetpasdpov
. 4 Shlis2 6 8 ‘E&aedpov (kUPos)
A | 5 AT 8 6 | 'Oktaedpov
5 3 {30 12 20 Awdekaedpov
3 S50 [1301 1520 12 Eikocasdpov

‘Ex 1@v dvwTépw EmeTon 811 Umtdpyouv povov mévie £18n Kavovik@v Kvp-
t@v mohvédpav.
TauTa kahoUvten Eteped tod IThatovog *.

176. IAIOTHTELZ TQN KANONIKQN ITOAYEAPON.— GEQPHMA.—
Na damodery8i) 6t1 bnapyxn onusiov £viog Tol kavovikod mohvédpov anéyov npdtov
ioov amd Tag Kopuag tov Kai dehtepov Toov and tag Edpag tou.

’Andderfls : "Eotwoav SUo E8pai ABIAE kai ABZHO évds kavovikou Tro-
Autbpou pé kévTpa dvTioToiyews O, kai O,.

Al kdBetor O)A kad O,A Ex TGV kévTpov O; kal O, Trpds THY KoWHY dKunV
AB, Téuwvouv T AB els TO o ompelov A. *Apa 16 EmimreSov O,AQ, 8& elven

* 'H leopetpia tod xopov xpewotel noAld elg tov péyav tobrov 'ABnvaiov piiogogov. Elval & :iunyﬁ-
¢ g Tpitng dlagtdcews tdv copdrwy. 'H onovdh t@v xavov. mohvEdpav cuveSédn pé 16 dvopd tou. Ta méEVIE
xavov. rodbedpa, ti dmoia xpnowonotel & Midatwv Sia va EEnyion THY ouykpdTnoly Tob OAIKOD KoGuHOUL, EXKAR-
Onoav Ono t@v nakaidv kai Miatevika copara. Eig thy « [Moiiteiav », 81 va Snidoon to avtikeipevov tijg I'ew-
petplag 1od xmpou, pcraxerpiletar Ty Exopaciy «To nepl v tdv xOBov adinov xai tod Baboug HETEXOV » (HE-
Metn g Slactdoems tod xbfou xai maviog Exovrog Badog). ‘O Spog Mewuerpia 1od x@pouv avaypageral @g EERAQ :
«téxvn, fiv 87 otepeopetpiav éxarecav ol mpootuxels adtd yeyovoreg» (elg TExvnv, tiv dmoiav. @5 YvwoTtov,
@vopucav otepeopetpiav of doxoAn@évie pé abdriv). Eig tov Mratava dpeiderar 1O npdrov W orouvdn tdOv [ew-
HETPIX@Y tomwy, N avadutikf kal guvBetiki uéBodog Sia tiv Enikvowy TewpeTpi<dY npoPAnpatwv. ‘'Yro noridv
Bewpeital dg & Oeos tiig Meoperpiog.
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x&eTov &l THV kown dxply AB els 1O A xal 8& Tepityn Tas kabérous 0,0,
0,0 &mi Tas E8pas ABMAE, ABZHO. Ai kdBetor alton TepvovTal els TO onpeiov
O xai elvon &vTioToiyws &Eoves Tév £5pdv ABIAE, ABZHO. "Apa:
OA=0B=0r=0A=0E=0Z=0H=00 (1)

T& dpBoywvia Tphywva OO kai O0,A el-
van foa, s Exovta TNy UmoTeivoucav OA kol-
vijv kal T&s kabéTous TAsupdas O A = OA s G-
TooThuaTa TGV iowv £8p&dv ABTAE, ABZHO.
*Apa & OAO; = < OAO,. Emeidi) 1 ywvia 0;A0,
glvan ) dvtioToixos Tiis 51t5pou AB Tol kav. To-
Auédpou, EmeTan 8Tt TO Tplywvov OAQ; elvan
oTafepov Biax maoas Tds ESpas TOU TOAUESpou. sy, 141

Edv O, elvan 1o kévTpov Tis ESpas, 1) dmoia :

Eyer kown v Skufy CA pt & Tiis E8pas ABTAE, kad &y B f xabeTos &l T E8pav
Tty els TO KévTpov O, alrn & S1éAdn Sik ol O, kadaov T& Tpiywva O;MO
kai OO;M elvan foa.

‘Opoicos Epyadduevol, eupiokopev 811 o ai kabetol ¢l Tds €8pag TolU
Kav. ToAUESpoU els T kévTpar aUTédv BigpyovTan Bi Tou arroU onueiov O, T
Smolov koAEITal KEVIpOY ToU KovovikoU ToAuiSpou.

To O &réyel lodKis TV KOPUPEY TOU KawoviKoU TroAuESpou kal iodkis &mo
T&s €8pas aUTou. AnAadn :

00,=00,=00;=. ..
‘H &méoTaots 00, xaheitan andotnpe ToU KQWOVIKOU TroAvESpou.
‘H &mréoTaots OA kaheiTan @xtig Tol KavovikoU ToAuEBpov.

177. EXESIEZ AKTINOE, AITOLTHMATOL KAN. TIOAYEAPOY KAI
ATNIOZTHMATOZX MIAZ EAPAE AYTOY "H AKTINOEL TON EAPQN AYTOY.

"Eqv 767 OH= R, 00,= a kod O;H=p kai O,l =0y, &k ToU Oployce-
viou Tprydvou OO,H B& Excopev:

OH2 = 003+ O,H2 7 R?=a? + p* ¢))

*Ex ToU &pBoywviou Tprywvou OO,l Exopev:

Olz = 003 + 0,12 # orr— o +ai @

*Ex THis (2) paiveton 6Ti: TO KEVTPOV O &vds kovovikoU TroAuEBpoy améyEl
{oov &rd Tds dxuds oUToU. i
178. ITIOPIZMA.— ITav kavovikdv roloedpov Sovarar va yopradi elg tooag

Kavovikag nopapidag, oo elvar ai £dpar Tov.
MpkynaTt, v axBouv miow ai dxTives TOU KavovikoU ToAutSpoy, ToUTo
ywpitetan els TéoCS xavovikds Trupapibas, docu elvan kal o #5par Tou. Bdoeis
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Tév TupapiSev TolTwy elvan af E8pan ToU kav. ToAuESpou kal tyos TO &rdoTn-
po ToU TroAUESpou.

179. EMBAAON EINI®ANEIAL KAN. IIOAYEAPOY.— °E&wv E elvon 1o
euBaBov w&s Edpas Tou kav. TOAUESpoOU Kal v & &pifipds T@V ESpdv aToU, ToTE
TO Eupadov E, Tfis émpaveias Tou &ibeTen Ud TOU TiTTOU :

E,=v.E

AnAad1) : To éppadov tiig Emeaveiag évog xavovikod rolvédpov elvar yivope-
vov tob nAfBovg tdv £6pdv tov émi 10 épPadov miac Edpag Tov.

AZKHZEIZ

560. EvvapTnoel Tiis dxufis a kavovikol Tvos ToAuESpou va UmoAoyioBi f) dxTis Tou, TS
dréoTnud Tov, TO EuPadov Tis OAikfls Empaveias Tou kal & Syxos (kal S1& T& 5 kavovikd Tro-
AUebpa ).

561. Taoa Toun xavovikoU oxTaéSpou Umd Emmédou Biepxopévou S1& &Uo &Eévev Tou,
elvar TeTpdyovov,

562. N& UtroAey1o8ifj 6 Sykos ToU kavovikoU EEaxéBpou, Step Exel Kopupds T& KévTpa TV
t5pdv kavevikou OkTaébpou dkpfs o.

563. Na Utrodoyioffj 1) SAikT) émgdveia xal Sykos kavovikol wcAuéSpou (kal Tév TévTe
«18&v) ouvapTroe Tiis dkTivos R adrou.
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KEPAAAION XII
KYAINAPIKAI EMI®ANEIAl — KYAINAPOI

[AIOTHTEZ

180. OPIZMOZXZ KYAINAPIKHE EMNIPANEIAZ.—Eml émmédou (P) beco-
poupev kUkAov ([M). "Eotw 8¢ kal elfeia (5), Tépvouvoa To Emimebov (P).

KahoOpev xviivdpikijv émpaveray 6 LZovolov tdv evbeidv (), 1@V napak-
Aflov npos Tiv dobzicav SiedBuvarv (), Ekdotn t@v oroimv Exer pé Tov Sobéva
koklov (I') xowvov onueiov.

‘O xUkhos (M) koAeiton ddnydg ) Pacig s
KUAIWBPIKTS Emipaveics.

*H 81& Tou kévtpou O Tou &8nyou xikiou
(M) Tapd@AnAos x Tpds ThHv (8) koAeitar &Eov
Tiis KVAWSpPIKs Emipaveias.

‘ExdoTn TV edfaddv (y) koAeiTal yevérer-

pa Tiis KUAWEpIkTis émpaveias. - ——
‘H dvwTépw kuAwdpixh) émedveia dvopdde- // ( i g
Tal kol KUKAIKT KvAwvdpiki) Emeavewa. ZY "1"‘;;'“

Edv & 68nyods elvan elfeia, TéTE TO Elvo-
Aov TéV efaddv (y ) elvan &wimedov, Téuvov TO (P) katd Tov 68nydv TouTov.
Tovéreial ¢ Ak va yvopicwpev v onuefov N keitar i oU &ml 1fis xuhvBpixiis émgaveiag
(E), &youev & ToU N Tiv TapdhAniov mpos THY (8). ATTn Tépver To Emimedov (P) els 6 onpeiov
N,. 'Edv t& N, 8tv keitan &ml ToU kihou (), TéTe Abyousy 8T 1o N dév kelran Eml Tfis kuw-
Spikfis tmeavelas. 'Eqv o N, kefton &ml ToU xindhou (), TéTe nal 10 N kettan &l Tfis kvAw-
Bpikiis émeaveias, kaBos kal kéde &AAo onueiov Tis eifelas NN,.
181. EITIIIIEAOI TOMAI KYAINAPIKHE ENI®ANEIAZL ITAP A\ AAHAOI
IMPOLX TON AZONA.—Ectw kukAIKf KUAIv-
) Spikhy émedveia (E) (ox. 143) kal émtmedov
/ (P,) TapéAiniov Trpds Tov &Eova OO, Tijs Ku-
AwBpikiis &maveias, fitor Tpds THY Biel-
guvow (8). To (P,) H& Téuvn 1o émimedov
(P) ToU 68myoU kUkhou katd TV ebfeiay
XY.
o) “YmoBétopev 611 1) xy Bév Tépvel ToV O-
. 8nydv (0). ’Eaqv To émimebov (P;) ETepve Ty
Y / W 7 /_/;f,_ kVAWSpikn émeaveiav (E) &s 10 onueiov N,
] /,f/] ) TapdAAnhos 7 dryopévn ik ToU N Trpos ThHy
Sx. 143 SieUBuvaw (8) B ETepve TOV OBnYoV KukAov

_______
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els & onuelov Ny, xefpevov émi Tfis xy, émep &romov. "Apa 7o émimedov (Py)
oubtv xolwdy onuelov Exel PeT& THs KUAWSpIKTS Empaveias.

P) “EcTw &T1 1) Xy épdrrreTan ToU 68nyoU kikAou els TO onueiov A (oy. 144).

"Oha T& onueia Tiis TapadAfrov Tpds Thv (8), Tis &youévns Si& ToU on-
pefou Eragfis A, kelvtar &g’ £vos utv &l ToU dmiméBou (P,), &’ éTépou 8¢ &l Tiis
kuAwBpikiis Emgaveias (E), kad pévov avrd. *Apa 16 émimedov (P;) £xel peTa
Tfs KVAWSpIkiis Emipaveias (E) kowd onpela pévov T& TS yeveTeipas AN, kai
udvov aUTA.

Aane

Ty, 144

¥) "EoTw 671 1) xy Téuver TOv 6Bnyov kUkAou eis T& onueia A kai B (oy. 145).
"OAa T& onpeia TGV yeveTelp@dy TGV dyopévwv ék TV A kal B, kelvton &mmi Tou
tgmmdou (P;) xai &mi Tfis xUAwSpikiis émeaveias. *AvTioTpdgus, éav M elvan
TUYOV onpeloy, kotwdy ToU émimédou P, kal Tiis &meaveias (E), ) &k ToU M d&yo-
pévn yevéteipa B keiton &l ToU (P,), xal kat” dkoAoubiav 8 Tépun ToV O8nyov
KUkhov gis 1O onueiov A fi B. "Apa 1o (P;) B Tépvny v kuAwSpikiy Emedveiav
kaTa Buo yeveTelpas.

"Ek Tév dveotépe EmeTon OTI:

IMaca topn kvhivdpikilc ém@aveiag Omd Emnidov mapehinlov mpog tag ye-
veteipag avrilg elval dvo yevéteipan fj pia.

182. TOMH KYAINAPIKHZ EIII®PANEIAE YIIO EIIIITEAOY ITAPAA-
. E AHAOY IIPOX TO ENIIIEAON TOY OAHI'OY
4 KYKAOY.—

“Eorew émimedov (P,) mapdAAnAov mpds TO Ewi-
meSov (P) ToU 68nyou kUkAou Tfis KUAIWEpIKTs Emipa-
velas (E) (ox. 146). Mia yevéteipa Tfis (E), é&yopévn
&k ToU anueiov M ToU kUxAou (O), Tépver T6 (P,) els T
onueiov M.

‘0O &wv Ox Tfis kvAvdpikfis émpaveias (E) Té-
pvel 10 Emrimedov (P;) els 1O ompelov O;. Ai eUfeicn
00, xai MM;, d&s TapddAiniol Tpods ThHY (8), dpifouv
émimeBov, TO omoiov Téuwvel T (P;) xal (P) xard SUo




eUBeias TapaAAnious, O,M, kai OM. To axfjua OMM,0; elvar TepaAAnASypap-
pov. “Apa O; M, = OM. Kat’ dxohouBliav 16 M, ypdgel kUkhov kévtpou O,
kol dxTives O, M; = OM, xeipevov éml ToU émmédou (Py).

AVTIoTROPwS, 1) TapdAinios pos Thy (8), fi &yopdvn &k Tou My, TEUVEL
16 ¢mimedov (P) els 16 onpeiov M. Té oxfipa 0;M;MO even TapadAnAdypau-
pov kal OM = O,M,. "Apa 16 M keltan émi Tou kikiou (O) kol ko' & kohouBiay
16 M, weltan i TR xkuASpikiis émipaveias (E).

’Ex TV évaépm.ETTEle &1

Mav imingdov mapahiniov Tpdg Tov 03Myov Kvhivdpikilc émeaveiag tépvel
abTiv Katd KOkkov icov mpog tov 68170V KiKIOV.

183. KYAINAPIKH EIII®ANEIA EK MEPIETPO®HE.—"Eotw O T0 wév-
Tpov ToU 68nyol xUkAou xal (OX) & &Ewv ToU kUKoY TouTou. ‘Edv A kai B €l-
vat BUo duTiSiapeTping onueia ToU kikhou (O) xal
SryBolv al etfeicn (Ay), (By, ), map&AAnAct Tpds TOV
&fova (OX), ToTe, ToU A Blaypégovtos Tov KU-
khov (0), fi (Ay) 8& ypdyn uicv kuhivdpihy &m-

Cyid s by LG)
i)

- , : i B_:u_..:.___ ‘
pdvelay EK TEpIOTPOPTis. “QoTe - s T
Kvlwvdpikn émoeaveia £k mepiotpopiic kuhelral [\0_’1/ :

i émpaveia, 1| émoia rapayetar Lo gubeiag ovvav- ﬂ
- . ” - 3 I3 s, = A | r -~ B H :
thang £va kOkiov, kai kabitov £ml 10 £ninedov tob IR

KUKAOU TOUTOU.
‘H Topf Tiis xuAwdpikiis émgaveias gk TrEPI- Ty. 147

oTpogfis Uto ¢riTreSou Biepyouévoy 81& Tou &fovos

s (OX) elvar Svo yevéteipan Ay xal By, TrapdAAniol Tpos Tov dgova (OX)

kol cUPPETpIKal G5 TTPOS TOV &Eovar.

184, STOIXEIA TYMMETPIAL KYAINAPIKHL ETT®ANEIAL. — Occwo-
poluey kUAIWEpIkNY ETigaveiay, T Smroia dpileTan &md Eua kukhov (O) kal piov
SievBuvaty (8), Thaylav Tpos TO Emimedov ToU kUkAou (O).

lov: *Eotwoav 5Uo onueia A kai B dvmiBiopetpika
ToU xkUkhou (0). To O elvan kévTpov ouppETpiOS Bld TS
SUo yeveTeipas (y) xad (Y1), Tds Siepyoutvas Six TEV A kal
B dvticToiyws. "Apa 16 O eivon &v xévTpov oupueTplog
S1& THY KUAIWSPIKTY ETIQAVEIRV. Touto oupPaivel kai Sia
w&Be EAho onueiov Tou &Eovos OZ. "Apa & OZ eiven &€owv
cuppeTplas 81 Sha T& Ceuyn Tév yeveTelpdv, EKaoTOV
Sy. 148 ey Groicov TrepIEYEl BUO GVTIBIGHETPIKE oTHela TOU 681-

(6) () 5 (V)
Iz

you xukiou (O).
Ex Tév duwTépe EmeTon OTL:
[Mica KUKAIKT KuALvdpixn gmeaveia gyl Gnepo kEvipa ovppetpiag (GAa
+& onusia ToU &fovos OZ), (ox. 148).
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20v : "Eotw Eva tmwimeBov (P) kéBeTov i Tov &€ovar OZ Tijs kUKALKTS KUAIV-
Bpikfls Empaveias. Touto 8& elvan k&BeTov kal Tpds Tas yeveTelpas adTis. Ko’
arohouBicv Tuyov onuelov A w&s yevetelpas (y), Siep-
Xouévns 81 Tou onueiov [T Tfis Topdis, éxer TO ouppe-
Tpov Tov B émi Tfis aUtfis yevetelpas (y) s Trpods .
TO émimedov (P). *Apa:
! IMaca kaBetog topn kvhivdpikiic Emeaveiag sivar
; grinedov cvppetpiag avriic.
I‘I T m 3ov: "EoTtw (Py) év émimeSov, Siepyduevov ik Tou
i 5 ’B’:‘-l &Eovos OZ w&s mAcryias kUAVEPIKTs Emigaveias, kd&be-
Iy. 149 Tov &mi 10 émimeSov (P) ToU &8nyou. To (P,) Téuver T
(P) xata thv Sidpetpov AB, 1) dtrola elvan &Ewv ouppe-
Tpiag ToU 0Bnyou kixAou (O). Eis &v Tuyov
onueiov M ToU kixkhou (O) dvTioToiyel Ev

onpsiov M; aiToU, CUPPETPIKOY ToU M s Tpos
v AB, (oy. 150).

‘H ebfeic MM, elven kdBetos éml 1o (P,).
Al yevéteipan (y) xai (y,) al dydupeven &k 6w
M kai M, elver mrapddinAol mpds Tov &fova
OZ. "Apd 76 EmitteSov (P)) elvan mapdAAniov
Tpos Tas yevetelpas TaUTas, &méyov iodwis
ToUTwy, "Apa ai yeviteipan (y) kad (y,) elval
ouppeTpikad G Tpos 16 (P). "Apa :

Mav érincdov diepydpevov dua Tod GEovog kKuALVEpLKiig Empaveiag kai kabetov
éni to Eninedov toU 08nyod kikhov, givar Eninedov cvppetpiag tiig imeaveiog
TavTng. ;
4ov : "EoTtw (P,) &v émimedov, Siepydpevov Bic ToU &Eovos OZ Tfis kukAIKTs
kuAwBpikiis empaveios pé S8nyov Tov kixhov (O), k&Betov i TO émimeSov P,.
Caxa 1518

To (Py) Téuver Tov &8nydv kUkAOV KT THV
SicmeTpov AE, xd&fetov émi ThHv AB. Gewpolpev
Svo onuetar N kal N, ToU 68nyoU, cuupeTpikd dog
mpds Ty AE. To émimeSov Tév yeveteipdv (y)
kai (y;) TGV diepyoptveov Sik TV N kad Ny, -
val k&fetov émi Ty AE ToU Emimédou (P,,) 8161
7 AE elvon kd@etos émi thiv OZ kad i v NN,.
"Apa 1O Emimedov NNy, elvar wkdBetov &mi Td
emimedov (Py). "Emeidf) 1o H elven péoov Tou Tud-
patos NN, kaid ai yevétaipen (y) kad (y,) Sidp-
xovtan Siax tédv N kol N, &meton 671 ai (y) kad
(1) elven ouppeTpikai s pods TO EmimeSov (P,).
“Apa fi kuAwBpikn Emgdvera SexeTa Qs EmiTreSov oupeTpias kai TO EmimeSov (Py).
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Ex T dvwTépw éktedévTiov ouvéyouey &mi, &md T Tuydw omusiov O
Tou &ovos OZ mids kurhikfis kuhivdpixfis empaveias Suvdueda va gépopey Tpi
émimeda ouppeTpios :

a) To dwa tob dfovog OZ kabetov ini 1o éninedov P tod 6dnyod to (P)),

B) To &ra tod GEovog OZ kabetov ini 1o Eninsdov Py, 10 (P,),

¥) To 81a 108 O kabetov iminedov ini wov dlova OZ, 1o (P).

Tiée Tpla Emimede, (B), (Py),. (Po) quuc:ﬂ(;ouv Tpiedpov ywviav Tpioopo-
Y@viov.

Al dkpal TavTns elvon  dgoveg ouppetpiag  THs kUAWSPIKTS Emipaveiss.

185. KYAINAPOZX.— Kohwvdpog givar 10 Zovolov, tod dnoiov otoryeia sivan :
1@ fowtepikd onueia dvo Eminédov TopdvV KLIWOPIKTG Emgaveiag, rapaikiiov
Tpog TOV 081 YOV KUKAOV, Ta onpsic TOV TOP®V TOOTOV Kal
ta onpela tiic Kulwvopikiic Empaveiag ta petald TdOV TO-
POV TOUTOV.

Oi 8Uo kUkAol Touf]s koAoUvTal Paceig Tou kUAivSpou
kadi elvan Toot.

‘H ko éxTis Twv elvon f| axtic R ToU kuAivEpou.

‘H &méotaois Tédv SUo Poewv elvar 1O yog Tou
kuAivBpou, (ox. 152).

’Eqv ol yevéteipon ToU kUAivBpou elvan kdbeTor Tpos
Tas Phoes, & xUAEpos xaAsiTar kbAwvdpog ik meprotpogiic, GAAws Afyetal
nhdylog KOALVSpoS.

Mia yevéteipa AA}, ai &xtives OA kai O)A;, kai 1O Tufina OO, Spitouv To
dpBoywviov OAAO;.

Kot &xoroubiav & kiAwdpos 2k TrepioTpogfis BuvaTal va Bewpnfij ot mo-
péyetan &md TS dpfoycoviov OO,AA (ox. 153), éTav ToUTo oTpagf) Tepi THY
&kivnTov TAeupdw Tou O0; KaTd yoviav 2.

‘H 00, xoheiton dEov Tou éx meploTpogfis kuhivBpou,
6 Bt oploycoviov OO, A A kaheitan peonpfpivov exinedov Tou
&k TreploTpoiis kuAivGpou.

TI&v #mimedov Biepyduevov Bid Tol &fovos 00, Tou ik
TEPIOTPOPTis KUAivEpoU elvan, Trpoavas, émimeSov auppeTpias

avTou.

‘O kUAIWSpos Ex meploTpogfis Slvatar v BecopnB cos
<4 : "YrocOvohov ToD Zuvélov t@V Kikhwv, oi omolol Exovv
1oV abtov dSova Kai TRy adtiv axtiva xalctov Eri tov dZova 00, udg €K me-
protpoeiis Kukvdpikils émpaveiag.

186. EDATITOMENON EIITTEAON KYAINAPIKHE EK [IEPIZTPO®HE
EINI®ANEIAZ.— Occopoipey kUAEpov &k epioTpogfis pé dova Q0,, 10 on-
ueiov A &l THs kupTTis dmpaveios adTol, TV yevéTsipav (y), 1) dmola BIEpyETCN
Sit TeU A kad Tépver Tov 68nyov kuxAov (M) els 1o onueiov B. ‘H yevéteipa )
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elvan, Tpopavds, TapddAnAos Tpds Tov &Eova OO0;. ‘H épatrTopévn BA, &is TO
B ToU 68nyol xUkhou (M) eivan k&Betos i Thv &rTiva OB ToU 68nyol kukAou.
‘H BA, elvan dmions kabBetos émi Thv yevéteipav (BAY). "Apa fi BA, eivan kd-
) Betos Tpds TO Emimedov (OBAY), (oyx. 154.

To émimedov A;BA, 16 6p1fduevoy &md ThHv ye-
véTeipav (y) ToU onueiou A kol &md THY EpoamToué-
vniv BA, ToU &8nyou kukiou (M) &s TO onueiov B,
ka® & 1 (y) Téuvel TOV O8Myov kUkAov, KoAEITol
gpantopevoy Emimedov TTis Ex MePIOTRPOPTS KUAIWSPI-
Kfjs Emipaveias.

To émimedov OBAB,O; koheitat peonuppivov
Eringdov s KUAIWBPIKTS TaUTns Emeaveias. "QoTe:

To tpurtopcvov éminedov eig Ev onuelov piac
£K meEpLaTPOOT|c KLAVOpPIKTiS Em@aveiag eival kabe-
tov £ni 10 peonuPpivov Eninedov avtiig, to diepyope-
vov 81 tob omnpeiov TovTOL.

"Ek ToU Spiopol ToU éparrTopévou EMITTESOU WES €K TTEPICTPOPT)s KUAIVSpL-

Kkfis émiQoveias TTPOKUTITEL OTI :

lov: "Oka 1 onueia tijg yeveteipag (y) tod onueiov A €xovv 16 ato £Qanto-
pevov Eninedov (P,). AnAadn 1) yevéteipa () Tou onueiou A keltal i ToU épo-
Tropévou émimedou (P,).

2ov: To Epuntopevov Erninedov (P)) eig 10 A d&v Eyer, éktos TV onueimy tijg
(), Grho koivov onueiov pé Tov KLLLvdpov.

‘H &mddefis yivetan 81k Tfis els &romov dmwaywys.

‘H yevéteipa (y) ToU omueiov A dvopdleTal yevEteipa Emaefis TS KuAlv-
Spikfis émeaveias (E) xal ToU épamTouévou émimedou eis TO A.

Al &mrooTéoels T@v onpeiwv Tou &Govos OO, ToU ék TreploTpogfis kuAivSpou
&mo ToU TuydvTos épatrTopévou auToU émimréSou elval foal Trpds TRV &kTiver
ToU kuAivBpou TouTou.

‘Ovoudlopey tpuntopévny TS KUAWSPIKTS &k TrepioTpofis Emipaveias s
TO onueiov A auThs, Taoav elfeiav Siepyouévny 81d ToU A kai kelpévny i ToU
gpamToutvoy Eriedou avuTiis £is TO onpeiov TouTo.

Kabe épamrouévn evfeic (¢) Tfis éx meploTpoefis kuAivBpikfis Emipaveias
els 10 onpeiov A aUTis 8&v Exel, ékTds Tou A, &Aho kowdv omueiov pé TNV Ku-
MvSpikfiy Emipdveiav.

‘H &modeifis yivetan Sia Tijs els dromov Aoy wyis.

187. 'Ecwtemxov kui $Ewtepkov onueiov kvkivépou ik mepiotpooiic. “Ev onpeiov A 8&
dvoudleTal Eomtepikdv tvds kuAivBpou éx TreploTpogfis &v, kai pdvov &v, i 2§ oUToU dryo-
uévn Tap&AAnhos Tpos Tas yeveTeipas ToU kuAivBpou Tépvn Tés BUo Péoels els EowTepika orn-
pela auTév.

&y onueior 16 dmolov Bév elvan EowTepikov oUTe omueiov Tiis KUAWEPIKTS Emipaveias, ka-
Afitar EEwTepikoy onpeiov avtol.
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EdkdAcws &mroSeikvietan &Ti: 'Amd onpeiov M, iEwtepkov £vog kuhivdpou, dyovia &vo,

Kai povov dbo, ipartopcva Erineda avtod.
‘H &mddei€is edxoAos.

188. IIPIEMATA EITEIPAMMENA KAI IIEPICETPAMMENA EIZ EK

[MEPIZTPO®HE KYAINAPON.— o) "Eotw kUAWSpos
gk TreploTEOPTs pE KukAas PBdoels (O) kal (0,). Eis Tov
kUkhov (O) &yypdopey &v Tohrywvoy ABITAEZ. "Ex Tév
kopugédy TouTou A,B,IA, EZ &youev TS yeveTeipas ToU
kUAivSpou. AlTcn Téuvouv Tov &hihov kikhov (O)) KT
t& onueia A,, By, Ty, Ay, E, Z, dvmioToiyws. To TTPOKU-
wav Tpiopa ABFAEZ A,B, Iy &E,Z, Elval £y yEy paUpEVOY
el ToU &k TeploTpo@tis KUAWSpov OO0;.

"Qote : "Ev mpiope Ba Aéyston Eyyeypappévov &ig
KOhvdpov, tav ai Bacaig tov sivar molibymvae Eyyeypappé-
va tig tdg Ppacerg Tod xvhivdpov, ai b2 rapanhevpol aKpoi
10D mpiopatog ival yevitelpar 100 KLAivdpov.

B) TMepi v Paow (O) fvds &k TreploTROTis KUAVBpoU TepLyp&gopey TO

B
Tx. 156

TroAUywvov ABMA kal éx tév AB,INA &youey mo-
poAAT|ACUS  TTPOS Tds yeveTeipas ToU kUAivBpou. Al
TrapdAAniol alTen Téuvouv THY GAATY Baow (O,)
katd T& onueia Ay, By, Ty, A

Té TrpokUyay TPITHS ABIAA Bl A, elvan Tre-
pryeypanuévoy Tepl TOV kUMVSpOV 00,. "Qore:

Mpicpe 0d kéyetor TEPLYEYPAPPEVOY nepl KO-
Avdpov, dtav ol pacels Tod Kkuhivbpou eivar Eyye-
ypoppévar eig 145 Pacels Toi mpicpatog, ai 0 Edpar
o0 mpicpatog eivar Ernineda tgantopeva tiig Kuhiv-
dpikiic émpaveiug.

189. EMBAAON KYPTHX EMI®ANEIAL EK [MEPIZTPO®HE KYAIN-
APOY.— OPIEMOZ.— Kalobpev Eppadov KpTiig EmLpaveing Kvhivdpov £k mepi-

GTpoQiis TO Gprov THG axorouliag eV ipfaddv TV mepa-
nAEVPOV EMLQOVELDV 2%y Kavovik®V TPLoPATOV EYYEYPUS-
uévov £ig Tov KOALVEpOV.

"Eoteo ABFAE. .. A;B,. .. XOQvovikov TIPIoHS, gyye-
ypaupévov gis TOV £K nepLoTpoQils KUAWDBPOY, Uyous v kai
&xTives Paoews R. >

To tppabov & Ths TAPATAEUpOV ripaveias ToU Tpi-
CUOTOS TOUTOU Elva :

E=aw VY, (@)
BB ¢ 1) TrEPipETPOS THS PAOEWS U TOU.
Koer® Grohoudicy : ope=op (@ - V)= (cp @)V (2)




Emeids) 8¢, &€ Opiopou, op e elvan TO éupadov E, Tfis xupTiis émgaveias

Tou K TEPIOTPOPTS KUAIVEpoV, Kal opwr =
1 (2) yiveton :

2mR, TO ufjKos ToU kUkAou TTis Paotws,

E,=2n

R-v 3)

“Apa: To énpadov tiig kuptijs émeaveiog kvkivépov &k nepiatpogiic icobrar

npdg 10 YLvOpEVOV ToD pufkovg Tod KUKAOL

tijg Baocwg &mi 10 Gyog uvToU.

To tuPadov Tiis SAKiis Emipaveias ToU €k TrepIoTPORTis KUAIVEpou 8& elpedd],
&v els TO EuPadov Tiis kupTTis émipaveias Tov TpooTedf) TO EuPadov T&Gv dUo Pa-

oewv aUTou. “HTol :
Eo. = 2mwRv 4+ 2w R?

‘Qoe :

190. ’Avantoyis the émpaveioag

= 2R (v+R). (€))
E,=2rRv -

E; =2t R (v + R) )

KvLivdpov £k nepotpopiic. TTapadeyduefa o6T1, Eav

KOWwuey TOV xUAvBpov &k TEPICTPOPTS
(ox. 158) katd ufikos Tiis yeveteipas AA,
avTou, duvaueba va épapudowuey THV Kup-
THY émigaveiay aUToU &l Evds EmimeSou.
AapPavopev oUTws Ev dpBoywviov, Tou
omoiou 1O Uywos eiven ioov wpds T6 Uywos Tou
&k TEPIOTPOPTis KVAIVBpoU Kal T pfjkos Tiis
Pé&oeds Tov icoUuTen Tpds THY TepipeTpov
2R Tou xUkhou THis Pdoews ToU xuAivSpou.
Eis 16 opboycviov ToUTo ¢miouvdmTovTes Kai

ToUs kUkAous TTs Paoews, AauPdvouey 1O quaTTuyua THs SAIkTs Emipaveias Tou kUAivBpou.
Kat’ dxoAoubiav émaAnBevovtan of Tumor (5) Tfis (§ 189).

191. OTKOZ KYKAIKOY KYAINAPOY.—Kaiobpev 6ykov kukhikod Kuhiv-

dpov, t0 bprov il akoiovbiag t@V Gykwy 2k
npiopdrov Eyyeypappévov eic tov KOAvOpov tobTOV.

"EoTeo TAdy 108 KUKAIKOS KUAIWSpos (BE

xal ABFAEZ &v kavovikdy moAUywvou &yyeypopué-

vov gls THv k&Tw Pdov Tou kuAivBpou
v A, B,..., Z &yopsv Td&s yeveteipag

Bpou, afTives TEuvouy TOV &vw kUKAoV &ls T& onuela

BB T

v T Uwos Tou TrpiopaTos
Kai Uyos Tou kuAivdpou.
Tx. 160 "Apa :

150

T oxnuaTioliv mpioua (BE,) &-
Xl Poers kavovikd oAUy wva. “EcTew

opV;=0pB v

© ¥V KAVOv.

1):(0X. 159),

ToUuTou. 'Ex
TOU kUAiv-

. TouTo givan

‘O &ykos V, ToU TrpicpaTor eivan :
i e &)
(2)



*Etre1dn) 8¢ opVy, &€ dpiopoy, elven & dyxos V ToU TAayiou KukAlkoU kuAivBpou
kaiop B = wR2= 16 éuPadov Tfis Pdoews ToU: kUAivBpoy, étav & dpifuos Tév
TAEUPGV TGV Paoewv T&Y TPICUAT®Y ouvey s BimhaoiddnTal, f (2) yivetou :

V =mR?- v (3)

*Edw & kUAwBpos elval &k TepioTpogfis, T6TE TO Uyos U elvan Toov ut Tov &fova

00, ToU xuAivBpou ToUTou, Kol B& Excopev TEALW

V=nR-v 4)

Kot’ dxoloubicy :
‘0 Bykos kvkivdpov pi Pacsig kokhovg icofitar mpdg 0 yvopevov tob Epfa-
8ob Tob KOKAOL Tiig Pdccwg Emi 1o Uwog avtob.

192. IOPIEMATA : I.—Eav 800 k0hivdpor Exovv 1o adté Gyos, 6 hoyoeg tdv
dykav TV icoTtat Tpds 16V Aoyov TdY TETpayGVOY AV aKtivay TéY paccwv avtdv.

II.— *Edav 800 kohivdpor Exovv icag paceig, 6 hoyog 1dV ykav tov isobtm
npdg 1OV Adyov @V DYDY avT@dv.

193. OMOIOI KYAINAPOI (}).— "Opiopég.—Avo kolvdpor &k nepLatpogiis
).éyovtar Gpotot, dtav ai dia tod dEovog ininedor Topai abt@®V Eival dporal.

BOecopoipev SUo kuAivipous OO, kal
KK, (ox. 161), ToioUTous doTe ai Bix
6w &Eéveov 00,;, KK, drydpevar Topcd
ATAA, kai BMA;B, va eivan Spoia dpbo-
yovia. Téte & OO,AA, KK,B,B 6 ei-
van Guola, pé SiaoTdoels R, v kal R
v, &vTioToixws. Kata Ta yvowoTé, fa
elvan :

JU s SRR

R, Yy R1+U;'
E =2wR v ‘ E ,lj_U_,R i:R li_ E‘fr\i M
U AT )

E,=2mR, v, _E_1:_ R, v, TG Ry By R, L
‘Opoiws :
Es = 2mR (v +R) } el T @)
Ejr=2mR, (u; +Ry) | 7 E Ry Ui Ry TR, BREER

*Ex tédv (1) xai (2) émeTon OT1:

E Er’i', R‘.! "3_2_. (3)

Anhadhy: "O Aoyog ThHV Eupaddv 600 opoiwy Kuhivépov icodtar mpog oV Ao-

YOV TOV TETPAYDVEOV TOHV GKTivoV TOV i TOV TETpayOVOV TOV DYOV avTdyv.

(1). Aév TpéTrEl V& yivn oUoXETIONS ut T& Guora TOAUESPA.
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Emiong 6a &ycopev :

V' =mR2y v R 3
- —_— === #)
V,=mR y, Ve

"Apa: "0 Loyoeg TV Oykov d00 dpoiwv kulivipov icobtar npog tov Loyov
@V kOfov @V dxtivov tov ij tpog 10v Loyov 1@V Kifov tdV DYdHYV adtdv.

AZKHZEILZ

564. ‘H axis Tfis Bdaews kuAivBpou & mepioTpogfis eivar 8 ¢cm, kai T& Oyos Tou 12em. Né
Umohoyto6i) & Sykos kai f) Emipdveid Tou.

565. Kuhwbpikn oTnin éxer Uwos 8 m xai tuPadév kuptiis meaveias 25,12 m2. Tloios efven
& dykos NS ;

566. Kuhwdpikn BeSauevn) Exer Pados 4 m kai Sykov 12,56 m3. N& Urohoyiodij 1o fufadov
Tis KupThis i @avelns Tns.

567, Zidnpa kvAwdpikn oTnAn éxer Sykov 4,5216 m® kai EipPadov kupTiis Emigaveias
15,072 m*. Na& Umohoyie8f 1 dxtis Tis Péoews, T6 Uyos kal 16 Pdpos ToUTov, &v To eib. Pdpos
ToU o18rpoy eivar 7,8.

568. Ta euBaba Tov kupT@Y Emeaveidy BUe kUAIvBpwy Ek TEPIOTPORTis, ExdvTwy ioas Pa-
oetg, elvan @ T& Uyn alTév.

569. Ta tpBaba Tév kupT&V Emgavaidy dUo kUAIVBpwyY ik Trep1oTpogiis ExdvTwy ioa Uy,
elven s al &xTives ToOV Pdoewv aUTdv,

570. To éuBadov Tfis Ghikiis émgaveias kuAivBpou ék TepioTpogfis eivan E kai 1) mepineTpos
Tfis Pdosdxs Tou T. N& Umohoyio8f & Sykos auTou.

571. Na& Umohoyiodij 1o Uyos xudivBpou & meptoTpogdis, tk ToU £puPadou E Tfs kupTiis
Emoaveias Tov kal ToU éuPadou E, Tis SAkiis ¢mipaveiag Tou.

572. Na Umohoyiod 16 éuBadov E Tiis kupTfs émpaveias kuAivBpou &k TepioTpogfis &k
Tou Sykou Tou V xal T dktivos R Tfis Bdoews.

573. Avo kbAwBpor ik TepioTpogdis Exouv looBuvduous kupTds Emeaveias. TTolos elvar &
Adyos TGOV SyKwv TV ;

574. Alo kGAwvBpor Ek TepioTpogiis Exouv foeBuvdpous Sykous. Tloios elvan & Adyos Tédv
KUpTGY ETIQAVEIEY TWY ;

575. N& Umoloyiodolv ol Siaotdoes dpboywviou, yvwoTol 6vtos &Ti, &v OTPEWWHEY
alTo Biaboyikéds mept Tas BUo BiaBoyikas TAeupés Tov, of Tapaydpevor Syxot elva &vTioTolyws
V=108m* xal V, = 12 m?3

576. "0 dykos kUAivBpou ik ePIOTPOPTs iToUTan Tpds TO yvduevor ToU éuBabol ToU dpbo-
yowviou ¢ ol TapdyeTal, i TO wfikos ToU kUkhou, BV ypagel TO kéuTpov ToU dploycoviou.

577. "0 Syxos ToU oynuatos ToU Tapayopévou UTed dpfoywviou, oTpepopévou mepl dfova
TOU s’w}'méﬁou Tou, Tapaiinhov mEos piav wAeupav adToU, pf TéwvovTta alTd, iooUTa TPOS TO
ywouevov ToU tuBabiol ToU dpfoywvioy &l THY TepipeTpor ToU kUkAow, &V ypdoel TO KEvTpov
ToU &pboywviou ToUTOU. )

578. Na aybf émimedov mapddiniov Tpds Tds Pdoers xuAivbpou &k TepioTpoefis, oUTws
GTTE fy Toun Vo elven péom GaAoYos TGV KUpTHY EMQaVEIGY TGV BUo oxnuaTI{opévey KuAiv-
Spov.

579.°0 Syxos vihivBpou tk TepioTpopfis icoUTan Tpos T YWouEvoV TS KUPTTS émipaveias
Tou émi 1O fipiou Tiis drTivos Tiis Péoews Tou.

580. °EmimeBou Trepiéyov uiav yevéteipav (y) kuAivSpou #k TEPIOTPOPTS Kai Ev onueiov A
TS kuAwbpikfis Empaveias Tou, ETavaTéuvel aUTHY KT piav YevéTeipav, Siepyxopévny Si& Tou A.

581. 'Eav BUo tmimeba tpdmrwvtar mds KUAvSpIkis tmpaveias &k TepioTpoQfis, 1| Topn
Twv elvan TapdAAnios Tpos Tas yeveTeipas.
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58:2- A& onueiov A va &xBff #mimeBov épamTépevov pids KUAIVDPIKTS Emigaveias fk mepi-
OTPORTS.

583. Na a8 émimedov tpamrouevor kuAivBpikiis Emigaveios &k TEPITTEOPRS kal TIapaAAn-
Aov Trpds Bebeicav dievBuvev (8).

584. Miax eUfeia, Si1&qopos wmids yeveTeipas kuAvdpixils Emipaveias ék mepioTpoofys, biv bu-
varal vé Exn Kovd onuela meploadTepa T@Y SUo pet’ auThs. Edv Exn Tpia, 8& qupmitTy pE piav
YEVETEIDQV. 3

585. Tloios 6 yewu. TéTOs TGV &Edveov TEV KuAivEpwy, TéV EpamTopéviy Uo Tapainiwy
EmiméSwv

586. ‘Ouoiws TV EpamrTopévwy BUo EmiTebuwy.

587. N& op1odi] kuhbpikl) émi@dveia &k TeploTpogiis, tpamTopivns Guo BodevTwy Emimé-
Bwv kal Sigpyouévn Si1d dobévtos onueiou A.

588. *Ecv émimeSov Tépvr) yevéTelpay kuAvBpikis dmipaveias. B Teuvn kod Tas dhAes.

589. Tl&v 2rimweSov (P) Siepyouevov i mds yeveteipas kuAwBpikijs émpaveias, Téuver Tal-
TNV KaT& piav GAANY yevéTelpav fj EQAmTTeTal aUTis.

590. Oi &Eoves BUo kUAWSPIKGY émipaveidy evar mapdAhnAel. N& opioBf) f Touf alTdv
kai T& Kowd épaTrTopeva EmiTeda.

591. Ao%eions kuAwBpikiis Empaveias ék TepIoTEOPTS, T KOWN kd&BeTos ToU Gfovos Kal pIds
¥opdijs BitpyeTon Bi&k ToU péogou Tiis Xopdis.

592. Eis xUAwpov & mepioTpoqiis &youev Blo parmTopeva imimeda mapdAAnia. Né dmo-
Bexdi 6T1 Umdpxn peonuPpvov Emimedov Kowov TV SUo TouTwy EmimEdwy, kaBeTov Tpds
alTd.

593. "Eotwoav O xai O, T& xévtpa T&Y Paoewv kuAlvBpou kai M onpeiov ETog aUToU.
Atx ToU M &yovTan T& EpamrTopeva Emimeda ToU KuAlvBpou MAB kol MIA, 1) Ne Beaybiy o
AB || TA. 2) To wimedov O0,M BiyoTouel THv Biedpov TV EpatrToutvey tmmebowv. 3) To mi-
edoy OO,M BixoTouei Thv diedpov AOO,A. 4) Té émimedov ABTA eiven kdBetov  Tpds 10 di-
medov OO, M.

594. BewpoUpey OAas TaS eUfeias Tas &Treyouoas amooTacy R (&ofeioav) &md oTafepav el-
Betav (X). N& &mwoedeaydi émnt wioat ai e0Beion adTan EpdrrTovTat wids kUAEpIKTS Emipaveias
ik TEPITTPORPTS.

595. Tlotos & yewy. Témos T@v evbeadv (5), al Sroian drréyouy dirooTdoss o,p dmod Slo
TapcdAiiov eufady (X) Kal ()

596. N& cUpedf] & yewH. TOTOS TQOV onusicov Tou Ywpou, &md & dmolx dUo kUAwBpol &k
TEPICTOOPTS, ME rapaAAnhous atovas, aivovtan Urd THY auThv biedpov ywviav.

597. Né& eUpedf) & yEwu, TOToS TV anusicv Tou ypov, Gv ai opiai TrpoPoiai &mi Tas TAEU-
pérg BoBEVTos TEIYWVOU KEWTA ¢’ eUbeias.

598, N& cUpedfi & yeoou. TéTes TV onueiwy “ToU }opou, v & Adyos TEV ETOCTaCEWY &TTo
Suo eubeias TapaAAfious elval A, fi TO &Bporopa TEY TETPAYEVOY TOV GTTOTTA0EWY &mo TS
eubsias TavuTas elven ki

599, No eUpedf) O yewp. THTTOS TOV GrUEiwy ToU Kwpoy, &y & Adyos TOV GO0 TETEWY &mo
SoBiv érimedov kal Sobiv onueiov A aUToU Eival A

600. A1k Buo TrapaAAniwy eldeidy dyopey sUo Emiede kaBeta. Tlotog & yewy. TOTOS TS
Topfls aUTGV. : R, it

601. AiSetan kUMvBpos €K TrepigTpoQh)s Kol omueloy txTOs aUTOU. TAYETQ T} TEUVOUDQ
PAB ayToU. Né& Upebi) & yewu. TOTOS ToU ptoov Tijs xopbiis AB.

§02. N& eUpebij TO oUPETPIKOY KUAIVEQOU s Trpos GEova Kal g TROS £

603. To Guoi1éBeTov KuAivBpou G5 TPOS KEVTPOY elvan KUAVE

604. Avo kUMUBpOL €K TEPIGTROPTS EXOUY Tous Gfovds TwV 7
&1 ) TouTf Twv elval TOUAGXITTOV BUo yeveTelpal.

605. KUAiwbpos ik TEPIOTPORTS Iyer Gktiva Paoews

Né& 6

R =4 kai Uwos v = 3. Na &e-
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xB7 8T Umdpyer £k TeploTpogiis KUAIVEpOs Exwy TO aUTd EpPadov SAkfs Emeaveias kal TOV
attov dykov. TMoion af SiatdoTes Tou devtépou KUAivdpou ;

606. N& xataokeuaodf) xuAwSpikf) émipdveia K TTEPITTPOPTS £x TPIGY YEVETEIPOVY aUTHs.

607. ‘Opoiws & Tpidv SobévTwv Fmméidwv TapaAAnAwy Tpos Sobeicav evbeiav.

608. 'Opoiws tk Blo tpamToptvev Emimibwy kal pIds EpaTrTopévns.

609. ‘Opoiws éx SUo tpamTopévwy eUdady kai WSS YEVETEIPQS.

610. N& kataokevaodi) elbela apddAnios mpods dobeioav elbeiav (8), kai Tépvouoa Buo
kUkhous (M) xai () keipévous dvTioToiyxws éml BUo TraparAniwy émmédwy (M) kai (TT,).

611. AUo kUAwdpor Exouv Td auTd Uwos kal kowodv &fova. "Av R > R, elvar ol dkrives
TéY Paoswy alTdY, v UTohoy1o87) & Sykos alTdv, O Tepiexdpevos piTabl Tév SUo xuAivBpwv,
av ai Paoeis Teov Keivtan i ToU alToU EmiméSou.
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KE®PAANAION XIII

KQONIKAI EMI®PANEIAI — KQONOX — KOAOYPOX KONOX

IFASHOST ST E E

194. OPIZMOZX KONIKHE EMNI®ANEIAL.— 'Emi 2miméSou (P) Bewpou-
pev kukAov([M) kai onueiov ¥ &kTds Tou &mi-
TreSou (P).

Kalotpev kovikiyv émeaveiay, 1o Lo-
vokov t@v e0bei@v (y), Ekaotn t@V Omoiwy
ditpystar Sid tob orabepod onpsiov ¥ koi
£xeL kKowov onpeiov pé tov Solévra ko-
krov (D).

‘O kixAos (M) kodsiton 0dnyog 7 Pa-
o5 THS KwVikTs TaUTns émieaveias. TO oTa-
Bepov onueiov 2 kaAelTal KOpueT TS Kowvi-

Kfis Emipaveics. o / / s

‘Ex&oTn TV eUBadv (y) dvopdleton oY) A8 )
YEVETELPpA TTS KwVIKTS Emipaveias. Iy. 162

Emri ékdoTns yeveteipas 1) Kopued Z
Opilel BUo Mpieubeias GvTiBéTous. To ZUvorov TéV fueubady, oiTives cuvavTtoly
Tov kUkAov (M), &moTtedel piaw ydvnv. Al &vtiBetor fjpevdeicn &roTeholy piow
BeuTEépav yOVIV.

‘H edfeiax 1) Orola cuvbéel THv Kopugny Z pé 1O kévtpov O Tou 68nyou kU-
kAou (M) 8Yvatal v& dvopddetal GEmv TS kwvikfis TalTng emgaveias.

"OTav 6 68nyods Bev elvan kU-
KACS, ) KwVIKT Emi@cvela AéyeTal
&TTAGS KOVIKT] ETiQaveLa.

Mia kwvikn Em@dvea eva
YVewaoTn, OTav glval YvwaoTn 1 Ko-
pugh) aUTfis Kai & OBnyods KUKhos.

*Edwv 6 681y0s elvon eUfeia, To-
Te ) yevételpa (8) ypdge Emime-
7 / e eabe v \/ st Sov, Blepyopevov Bia Tiis kKopuetis 2

Zx. 163 kal Tfis év Aoyw eubeics.
’Eqv 1) kopugn X keiTan Emi
ToU &Eovos ToU OBnyoU KUKAou, TOTE ] KWVIKY Emi@avela KaAETal KOVIKT £mi-

QPaveln £K TMEPLOTPOQTIC.

195. ’Eninedor topai kovikiig im@aveiag pé 6dnyov kokkov. Oa $EeTdOWPEY TS TEPI-
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e, kaf’ &s TO EmimeBov Topfis SipyeTon &1& THS Kopugiis TTis KUKAIKTS KwVIKTs tmipaveias
1) elval TapdAAniov pos T6 Emrimedov ToUu OBnyou xUkAou.

Mpdtn nepintoocic To éningdov tiic topdfic Sitpyeta dua tijg Kopueiic tiig K-
VIKiig émo@aveiag. .

o) "EoTtewo 811 T Emwimedov THis Toufis (P,) Siép-
¥eTon S Tfis Kopupfis T TS Kwvikils émigaveias
kal Tépver To émimedov (P) ToU &8nyoU kikAou Ko-
T& ThHv evfeiav AB, ) 6oia Skv Exel kavéva xowov
onueiov peTd ToU O8nyou xUkAou(QO).

’E&v 16 (P,) kal ) kwvikn mipdveia elyov koi-
vov anpeiov, EoTw TO M, ToTE 1) ZM 8& ETepve TRV
AB &ls 8v onuelov A avtiis, 7| 88 ZEMA 6& fjTo ye-
vételpa kel B& ETepve TV OB1ydv kUKkAov, STiEp G-
ToTov. “Apa :

To éninedov (P,) 8&v Exer @hlo xowvov om-
pelov petd tijg xovikie Emgaveiag, £ktoc tob I.

Zy. le4 B) *Eotw 611 f) Toun AB Tdv tmmédwv (P,)
kal (P) Exer perd Tou O8nyou kUkAou Ev, ko1-
vov onueiov E (o, 165). ToTe méw onueiov Tijs ZE eivan xowdv ToU émimédou (P,) xai Tiis kowvi-
kfjs tmpaveias kai oUudéva &AAo. “Apa:
To Eninedov (P,) kai | koViKY) émeavewa pé 68nyov xdklov Exovv kowvhv piav yeviter-
pav ¢ émpaveiag tavtg.

Sy, 165 Sx. 166

y) 'Bav 7o émimeSov (P,) Siépyntan Si1& Tis kopuefis T Tfs kUKMIKAS Keovikfs Emigoveias
Kal elvar mapdAAniov wpds T EmimeSov ToU 68nyoU kUKAOU, TS KooV onueiov TEW §Uo TouTwy
tLmpavaidy glval povov TO . :

8) 'Eav 70 émimeSov Tfis Toufis (Py) Téuvn 16 EmimeSov (P) ToU 68nyou kUkAou koTd TRV
e0Beiav AB, kal f) omola Tépver Tov 68nydv kikAov kaT& T& onuela Z kal Z;, TéTE ol yevéTeipan
ZZ kai 2Z, eivon kowai, Tou émimédou (P,) xal Tis kwvikfs Emipaveias xad oUBepiar &AAN. “Apa

To érinedov topfi (P,) Exer peta tijc kovikiic émaveias dbo kowvag yeveteipag.

Acviépa nepintoorg: To éningdov topfic elvan mapadhiniov mpodg to Eminedov
ol 0dnvod xokkov. "Eotw émimeSov (P,), mapdAAniov Tpds To EmimeSov Tiis Baoews KwvIkijs
émigoveias, kal pf) Biepyxouevov & Tiis kopuetis Z THs xwvixfis Empaveias (oy. 167). Eav A &i-
van TUxOv onpeiov Tou oBnyou kUkAou, 1y yevéTeipar ZA Tépver TO éimeSov (P,) eis v onueiov A,
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‘Ouofes, £&v O elvar To kévtpov Tol 68myol kikhou, f 0 Tépver 16 EmimeSov (P,) els 1o
onueiov O,. *Emeidh t& émimeda (P,) kad (P) elvar moapdAAnAe, Emetan 611 Té& TuApata OA kal
91A1 elvat mapdAAnAg, ds Topal TapaAAfAcwy fmimiSwy Ut TpiTov. Ta Tplywva ZOA kol Z0,A,
givan Spola. *Apa :

OA, 20, 2@,
OATRT Ol o
1) dmoia oyéois Beikviel 6T 16 Tufjua O,A, elval
wpropévoy, kai TO onueiov A; & ypden KUxAov
(0,) xévTtpou O; kai dxtivos O,A;, dpilouévns &k
Tfjs oxéoews (1).

‘0 xkukdos (O,) & xelton &ml ToU &miTwé-
Sou (P,).

TAvTiotpopg, éav B, eival Tuyov onuelov
Tou kUkAou (0,), | ZB; Tépver To émimedov (P)
glc &v onuelov B, ToloUTov QOTE:

€ ol : OA, = OA.

0 20
OB = OB, 55-= O+ 55 =
o, 30
Rl o) Z—O,*OA'

*Apa To B xeitan &mi Tol kixkdou (O), kai kat’ &xohoubiav TO B, elven kowov anueiov Tou
¢mmédou (P,) kal Tiis Becopnfeions kevikfs émgpaveics.

’EvTelfev ETeTOn ) TTPOTACIS :

IMav érninsdov mapalinkov mpog 1o &mimedov Tod 6dNYOD KOKLOU KOVIKTG Emipaveiog,
un Siepyopevov da ths Kopveiig thig KwV. émoaveiog, TEpvEL adTY Katd KikLov.

*Eav R eivan 7y dxis ToU 68nyou kikAou (O), 1 dxtis R, Tfjs Topfis elvan :
Z0, _ R. ZIH,
B IH’

#vBa TH, xal TH ol dmootéoes Tfis xkopuefis Z &mo T& Svo tmimeda (P,) xal (P) dvrioTolyes.

R, =R (2)

Inueioog: 'Eav Tedi) —ZEL:I‘— — A, TéTe R, = A - R. Emeidn eis ékaoTov A &vTigToryel €l
kUKAcs (), N KwVIKN Emigdve SOvaron vé Becopnfi kol s TO Zdvodov TéV kikhwv (O,), ol
&Troio &uTiaToIXoUV Els SAas TS Tipas 100 A (&md 0 s o0 ).

A& A = 0, & kUkhos (O,) mepiopiteTen elg THY Kopuphv Z.

Mia &k TepioTpogfis Kwvikh Emigdvele SuvaTal va mapay8i xal koTa

IMapatnpioelg :

Tov EEfis TpoTov.

Bewpolpey Buo eUBefas (8) kal (8,), Temvouévas €l TO onuetov E, wai
THv SixoTépov (y) Tiis wds TV ywvidy Tév Buo evBaiddv (8) xai (§,).
*E&v M elvan Tuydw onuelov Tiis (8), TETE TO CUHUETPIKGY Tou S TpoS
THv (y) kelton éml Tiis (8,). *EdvTo M oTpenTan Tepl ThY SixoTéuov (),
8& ypdon xikhov &ovos () kol kat’ dxohoubiov ol Biapopor Béoes
THs (8) Tapdyouv piav KWVIKAY ETIQAveiqy EK TEPIOTPOPTIS ke KOpU-
nv Z kol &Eova (y). "Ofev:

‘H impavela 1| mapayopivn S1i Tiic otpo@iic mdc evleiag mep.
piav @hkmy, Ty omoiav tépvel o Gpropivny yoviav, elval KoVIKT
impavele £k TEPLOTPOYTIS.

KahoUpey peonuppivov &rimedov mids Kwvikig tmgaveias € mEpl-
¥Ouevov Bic ToU &Eovos ZO ToU oBnyoU Ku-

oTpogfis, Tav grimedov digp
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khou (0). TouTo &moTeAsiTal &To TS HUO yeveteipas ZM kai M, (o). 168), cuppeTpikas s
Tipds Tov afova TO. Kat’ dxoroubiov :

Eic piav kovikiv imgdveiay £k neplotpo@fis o GEwv avtiic elval xai GEwv ovpperpiog
g Emoeaveiag Tavtns. g

*196. Trowysia ocvppctpias Kovikile émoaveiag £x repatpoiic: lov: Eivan Trpogavis
&T1: £ic mAcay KoVIKQy Em@aveiav n Kopven I avtiig sivar kévipov cuppetpiag avtiic.

MoT, Tav onueiov M mds yeveTeipas aUTtiis £xer TO oUppETPIKOY Tou €Tl Tfis yeveTeipas
TalTng 5 Tpds THY KOPUPTV Z.

2ov : Eidousv dveTépw &Ti: Eig piavy kKovikny émpaveiay ik mepLoTpoQiis 0 dEwv avrfig
20 elvan GEwv cuoppetpiag avtiic.

Jov: "Eortw Kwvikf Emedvela & TrEpIoTPOQTS. Ak Tiis
xopuofis £ kal kal ToU kévtpou O ToU 68nyou kikAou (O) &-
youev émimeBoy, Trep TEUVEL TNV KWVIKNY EMIQAVEIQV KATA Ta&S
yeveteipas TA kol TA, oudueTpikds s Tpos Tov &fova ZO.
“Av 87 1) &AAn BixoTéuos (M) Ts ywvias AZB, aitn B&
elven kdbetos &mi v 20.

Al ZA kal =B, eivon ouppeTpikai o Trpés Thv (ZNM). Tou A
duws SiaxypdpovTos Tov kUkAov (0), 1) ZI oTpépeTan Tepl TO Z,
Biarypdoovoa Emimredov (M) xabetov émi Tov &fovax Z0. "Apa
ai ZA xai ZB, elvar ouppeTpikal dog wpds TO Emimedov (IT).

OUTw, T guppsTpikdy ToU A s Tpds T6 erimedov (TT) el-
vai 16 onuelov B; xkai 16 ouppeTpikdv Tou O ds mpos 1o (1)
elven 16 onpeiov O;. "Apa 76 ouppeTpikoy Tou kUkAou (O) dos

wpos to (M) elvan & xikAos (O,). "Obev :

y. 169 TMav éninedov kabetov éni tov dEova kowvikil; émoa-
veiag £k mepotpoofig, Owpyopevov dia THG wopvefg g,
civar émimedov cvpperpiag Tiig EmiQaveias tavInc.

4ov: "Eotw v peonuBeov émimedov (M,) otabepdv, (oy. 170). ToUTto Téuver Tov &8myov
kUxkAov (O) xaTd T& onpeia A kai A, duTidiapeTpika GAARAWY &S
mpds 16 O. TMav onueiov B ToU kukAou (O) Exel TO oUHpETPIKOY ToU
B,, ¢mi ToU kUkAou ToUTov, s TPos THv SiapeTpov AA,.

“Apa of yevéiTeipan 2B, kai 2B eival ouppeTpixal ds wpds TO £mi-
mebov ZAA,. "Ofev :

[av peonuPpivov Erinedov kovikil émeaveias £k mepioTpo-
@fig sivar Erninedov cuppetpiag adriic.

Iruciwoig: Oewpolpey plav kwvikiy KukAikny émedavelay, TS
otrolag 1) xopuen Z B&v kelTan i
Tou &fovos ToU &Bmyou kukAou
(0), (ox.171). Te & Tfjs ZO
&ydpevov émimeSov (P,) xabétes
mpds TO Emwimebov (P) Tou &8nyou wikAiou (O), Téuver TOV
88nydv kUkAov xaTt& T& onueix A kai B avmiSiaperpikd. To
ouppeTpikdy onuelov M, ToavTtds onusiou M Tou kixkiou (O)
s Tpds Thv SikueTpov AB keitan &l Tou xukAou (O). *Apa ai
yevéteipan M kol ZM,; Tfis kwvikfis TaUTns Emeaveias elvan
GUPpETPIKai G5 Trpds T émimredov (P,). "Obev :

Sy. 170

Ix. 171 TMaca nhayia koK ém@adavela pé 6dnyov kOkAov, dé-
yetar Eminedov ovpperpiag (P)), 10 Sa tiic kopuefic kai 1ol
kivipov tijc Pacewg diepyopevov kai wdaBetov mpog tiv Pacwv tadvnyv.
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’ ‘H u‘rrctp&}g SUo &AAwv tmmESwov ouppeTpias oxnuamiiovTwy petd Tou (P,) Tpicopboydviov
Tpiebpov ywviav xopuefis Z elvan Tpogpavns.

) E’nuﬁsx&,lq: T& 8Uo &AAa émimeda ouppeTpics elvan T& xdfeta émrl 16 (P,), Ta Siepydueva
S1& T@V BiryoTépwy TEV ywwidv, Tds dToias oxnuaTifouv al ebfeicn ZA kai ZB.

197. KONOZI.—Kdvog kakeitar 10 Lovohov, Tod omoiov otoryela eivan: td
onpeia To0 68Ny0D KDKAoL Tfig K@ikl Empaveiag, T4 Eowtepkd onpele 100 Ki-
KAhov to0TOL Kal ta onpeia tiig KOk &ni-
paveiag ano tijs kopuefic méxpr tod 0681yl
KUKAOVL.

‘H xopuen = Tfis Xwvns elvar kal 1) Kopo-
@1 ToU xcvou. ‘H émitedos Topr, f) otroia opi-
Ze1 TOV kévov, kaheital Baoig Tou kwvou. ‘H
&mdoTacts TH = u THis xopugfis &wd TO Emi- S
eSov Tfis Pdosws elvan TO Tyog avTou. / ]

To uépos TTs kewovikfis émgaveias TO Tr8pI-

Acppavouevov peTafy THs kopupfis Z kal THS
Béoews dvoudletal mheyia Emeaveia 7 wvpti] Empdveln ToU Kwvou.

*E&v 1) kopu@t) Z elvan omueiov ToU &Eovos Tiis Paoews TOU KUKAIKOU K@VOV,
TéTE & KAOVOS KoAsiTal EK MEPLOTPOQTIS.

A16TI & & TrEPLOTPOPHS KEVOS TOPGYETOr &TTO TO dpboycviov Tpiywvov

= SOA (ox. 173), étav TolTo oTpagi Tepl ThHY oTa-

Bepdy K&BeTov TAeUp& Tou 2O KaTd ywviow 21,

‘H OF elven 6 GE@V 7 TO Uyos TOU KOVOU TOUTOU.

Uwog - aEwv M&v &mimedov Biepyduevov Bik Tou &Eovos 20
elvan peonupprvov Eninedov TOU* KWVOU TOUTOU.

“Otav f yevételpa TA ypdon THu &migaveioy
1ol Kvou TouTou, SiaTnotl oTabBepdy uijkos, Ka-
AeiTon 8¢ ouvfiBuws kai TAEUPE TOU €K TIEPIOTPO-
PT)s KOVOU.

Al yevéteipon ZA oynpatiCowv petd ToU &fo-
vos 3O piav 6Eslav ywviav w GpIoPEVTY, f &mola kaeiTan evEtepa Yovid TOU
&k TTEPICTPOPTIS KLOVOU.

*Eqv 16 Uwos ToU Kevou Stv cupTriTTn pé Tov &fova aTol, & kYOS KOAET-

Ton mhéayrog (ox. 172).

Ix. 172

L—pdoLg

sy 173

198. E®ATITOMENON EITIIIEAON TOY EK MEPIZETPO®HE KQ-
NOY.— Oswpoluey Eva éx TEpITTPOPTs K@VoV kol onueiov M g kupTii £
paveias cTou. “H S1& ToU M Biepyouévn yevételpax (y) ToU KEVOU TEPVEL TOV
8nydv kUkAov s TO onueiov A.

Eis 70 A &yopev THv ¢parTopévny AT ol 8nyou kikhou (O). TS Ut TGV
SA kal AT opigopevov émimeSov kehelTan Epantopevov Eninedov TOU KWVOU EiS

16 onueiov M.
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’Ek ToU dpigol TOUTOU TTPOKUTITEL &L :

a) “Oha i onpeila tiig yeveteipag (v) tob onueiov M Exovv 10 adtod Egantd-
pevov iminedov, Bnhadf TO EparrTopevov Emimedov ToU kevou els TO onueiov M,
Tepiéyel THY yeveTelpaw (y) Tou onuelou ToUTou.

B) To épamTduevov émitreSov ToU Kwvou Eis T
onusiov M alTou 8tv Exel, éxTos TV onueiwy THs
yeveTeipas (y) ToUu M, &MAo xowdv onueiov pe TOV
KGVOV.

‘H &mddabis yivetar Sia Tfis gis &romov amra-
ywyfis.

y) ‘H 8i& ToU M mapdAAnAos Tpds THY EéQ&-
mropévnv AT ToU &8nyoU kUkAou eis TO Kolvov on-
peiov A abToU pt THy ZM elvan eUfela ToU épaTrTo-
uévou emimredou ZAT.

‘H yevéteipa (y) Tou onueiou M koheltan yevé-
teipu Ena@ic ToU kwvou U TO EpamrTopevoy émimeSov els TO M.

8) ‘H ywvia ZAO eivar 1) dvtioTolyos Tiis 81é8pou T&V EmieSwv Tou 68myou
KUKAOU Kol TOU €QOTTTOMEVOU TOU KVOU KaTd TNV YeveTElpay ZA.

£) To peonuPpivov émimedov ZOA elvon k&BeTov éml TO éq)d‘rr'régsvov gri-
medov ZAT ToU &k TEPIOTPOPTis Kdvou eis TO anpeiov M.

o1) K&be elfeice Siepyouévn 81& Tou M kai kewuévn éml ToU Eparriopévou
gmmedou Tou kwvou el TO M. koAeiton £@antopévn ToU kovou els TO on-
ueiov M,

() ’Eav pic eUeicr €xmy Ev pévov kowov onueiov M pé Eva xddvov, elval épa-
TTOMEVT QUTOU.

‘H amé8eifis yivetan 81k Tfis eis &Tomov &maywyis.

Ty. 174

199. ’Ecwtepikdv kai EEotepikdy onpeiov kdvov. Znueiov A kadeital dow-
TEPIKOV onpeiov dobevTos kavou (), 6Tav ) ZA Te-
pvn 16 émimedov ToU 68nyou kukAou (O) eis éowoTe-
PIKOV GnuEioY aUToU A,

MMav onueiov B, 16 Omrolov 8tv elval onueiov ToU
Kdvou, oUTe €0WTEPIKOY omueiov alToU, kKoAeiTal
é€wTepikov anueiov (oy. 175).

200. OEQPHMA.— Awd onpeiov B xepévov
£ktog 100 KDVOL dyovtar 8o &minedu Egumtopsva
o0l KGOVOL. '

’Anddergrs : "Eav P efven 1) toud) Tfis ZB petd ToU émiméSou ToU &8nyol kU-
kAou (O) xai PT, PA ai épamrrépevar ToU kUkAou (O), ai dydupevar éx ToU P, &ka-
oTov Tév EmmeSwv ZPT kai ZPA elval, Tpogavdss, épomTodpevov émimedov ToU K-
vou kai Trepiéyel TO onpeiov B.
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: 201. EFTTETPAMMENAI KAI IEPITETPAMMENAI ITYPAMIAEL EIZ
K,QI:ION.— TMupauls 8& Abyeton yyeypappévn els Sobévta k@vov, dtov f| Pois
aOTHs elvan ToAUywvoy Eyyeypaupévoy els Ty Paow Tol kwvou kai of Topa-
TrAeupol dxpad Tns elvan YEVETEIPON TOU Kavou TouTou (ox. 176).

sX. 176 By 177

Mia Tupauis Aéyeton mepryeypappévn mrepl kédvov, Srav f) Béais TS elvan Tro-
AUycovoV TrEpy ey patpévoy Trepl Thv Pdatv Tol kdvou, o 88 E5par TS elven EparrTo-
peve érrimeda ToU kdovou (a)- 177).

202. OFKOEX KYKAIKOY KQNOY.— “EoTe k@dvos kopupfis z, Eywv pa-
ow kUkiov (O, R). “Eotew v TO Uos ToU Koy ToUTou.

Efs THv P&otv Tol kevou ToUTou EyypEPOHEY KAVOVIKOY oAUy VOV ABIAE
kupTév. ‘H Tupauis Kopuefis Z kol Paoews
ABIAE elven éweypo{puévn el TOV Kédvov TOU-
Tov. *Edw (B) TaptoTd TO Eupadov Tfs Baoews
Tfis TTupapiBos SABIAE, TéTe & &yros aUTfis
B& elven : i

V= (B v )

Edw & &pifuds TGV TAEUPEV Tfis Pacews
TV EyyeypoupEvooV mrupapiBeov els TOV K-
vov guveEYEs BITTAQCIGEETAL, T& EuPaba. TV
Siapdpwy TOUTWV ToAvycvwy Telvouv Tpods
T6 EpPabov mR2 ToU xUkAou Tiis PaoEws.

‘Eropévess, &k Tis (1), émeTon 871 of &ykol T&V Biagopwy TupauiBeov T&V
tyyeypaupévey els ToV kévov oynuatitouy plow droroubiaw, f| omolax Exer Spiov

Tremepaopévoy &p1Budy. T& &piBuov ToUTov waihoUpey Bykov ToU kavou. “Apd:

sy, 178

1
SR B R e TR @

*Ex Tév AumTépud TUVETYOHEV &t
o) "Oyrog KOVOY koheitar to dprov Tfig axohovliag TOV Bykov 2K - v Kavo-

vik@v nupapidov tyyeypoppévav &g oV K@vov ToDTOV.
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kal B') ‘O Byrog kdvov icodran mpdg td tpitov Tob yivopévou 1ob Eppadod tiig
pacewg avrod &ri to Hyog.

Znu. "Edqv & xévos elven Ek TEpIoTPOPTis, TOTe TO Jwos U oupTritrTel pd ToV
&Eova TOU Kwvou ToUTou.

203. IIOPIZMA L.— ‘O Xbyos tév dykov 8bo ioolydv k@vav icobtar
mpde TV hdyov tdv tETpaydveY @V dktiveov t@v Pascov.

204. TIOPIEMA II— 'O Aéyog t@v Sykov dbo kdvov Exévrov v adtiv
Ba-ouv, ioobtar mpog tov Adyov tdv Dy@dv Tou.

205. IIOPIEMA III.— *Edv &0 k®vor Exovv Baoeig loag kai Byn loa sivan
icodvapor.

AZKHZEIZ

612. ‘H dwris Tis Péoecs dpBol kdvou elvar R = 9 cm xal 1o Oyos Tou v = 12 cm. N&
Umrohoyio8ij & Sykos adTou.

613. ’Ex mepioTpopiis kavou 1 dxTls elvan R = 24 em xal T ufkos Tfis yevetelpas Tou
A = 40 cm. Tloios elvan & &ykos Tou ;

614. Ex mepioTpogfis kvou 1) meplpeTpos Tiis Pdoews slvan 94,20 m. “Av T6 Uyos Tou elvan
v=9cm, moios elvar & Sykos Tou ;

615. ‘O Sykos &k TepIoTPORPTis kKdvou elvar 36T em?® kol T Oyos Tou v = 12 cm. Tola elvan
f dxtls Tiis Pdoecs Tou ;

616. 'H yeviTeipa ywvia tvds xdvou & TepioTpopis elvan 300 § 600 A 459 kal 16 Owos
Tou 12 cm. TToios elven & dyxos Tou ;

617. "Opfoycoviov Tpiywvoy ABI ut xabétous Theupds B,y oTpépeTan SraBoyidds mepi T
TAeupas TaUTas KaTd ywviav 2. N& UmohoyioBij & Adyos Tév Sykwv TOV Tapaydnooutvwv
SpBddY KVLv.

618. "EoTtwoav Va, Vi, Vy of &ykor ol Tapaydpevor i TepIoTpogfis dpboywviou Tpryd-
vou ABI mepl Ty UmoTefvouoay ked T&s kaBéTous TAeUpds kal Katd ywviav 21w, N&  &moder-
X8 émi: i

Wi
il T a

619. A& wi&s evBeiag TA, dwTepikiis wds xavikfs Empaveias ik TepioTpogis, &youev dlo
mimeda dparTdpeva alTiis. N& dmobeix8ij 611 1) EA oxnuaTile Toas ywvias ué T&s yeveteipas
Tags.

620. Tetpaycviki) upapls SABIA elvan TEPIYEYPaUUEVT) TEpl Kk@vov Ek  TepIoTpogiis.
N& dmoBeix0fj 611 1o &Bpoloua TéV Bvo drévavT mapamAelpeoy E8pdv abTfis loolTal Trpos To
Wpoloua T@v Slo &AMV dmévavT TapatAelpwy ESpddy.

621. A& BoBévos omuelou A v dybi tparmrTouevoy Emimedov &s ik TEPITTPOPTiS Keovikfis
mgavelas (Buo TepITTTdOoES).

622, N& aybi) tpamrdpevov drrimeSov pds ik TEPIOTPOPTS KwVikiis Emipaveias TapdAAniov
tpos Bobeicav elBelav.

623. Mia elBeic, Sidpopos s YeveTeipas kwvikfls Emipaveias, Siv StvaTan v& Eyn Kowd
Tnuela TeploodTEpa T@Y BUo pET& THS émoaveias TaUTns. ‘Eav Exn Tpix oupriTTer pd ploav
YEVETEIpQY,

624. A& BoBévTos omusiov A &yopev 8Uo tparrrdpeva EmiTreSa was kwvixfis dmipavelas b
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TEp1oTPoRfis. N& &mwoBeiy8i 871 1) Touny T&v EmimSwv TouTev Bibpyetan Bi&x THs Kopuefis THS
KwvIkfs Empaveias.

625. N& 6p1oBolv T& xowd épamrrdpeva EmimeSa 5U0 KwVIKGY Empavady i TEpIOTRORTS
Exouodv kowfv xopugpnv kol Pdoels xeipévas éml ToU altol EmiméSou.

626. AideTon £k TeploTpopiis KVOS Kopuetis T kal anueiov M EwTepikdv altol. Atk Tol M
&yovTal T& EpamToueva EmriTeda ToU kodvou kal foTwoav TA kal IB al yeviteipan Emagfis. "Av
O elvar 1O kévTpov Tiis Phoews, vék &moberx@ij 6Ti: 1) To dmwimeSov ZOM &iyoropsl Ty Siedpov
ZM. 2) To émimrebov ZOM 8BiyoTtopet Ty Siedpov Z0 kal 3) To imimeSov ZO M elvan kdferov éml
1o trimedov AZB.

627. Noa &moBeryfi) &1 ) yovia Tiis xopugfis kdovou &k TepioTpoets elval peyahutépa Tiis
ywvias TGV SUo yeveTelpdv TOV i Kelpévwy &l Tol alTol peonuppivol Emimédou.

628. AoBeiocddv Tpiédv Tepvoubveov elfeiddy, va droderyBi &mi Umdpyouv Téooapes kwvikal
tmigdveian &k Trep1oTpoodis, ol dtrolan SéxovTal Tds elbelag TordTas s yeveTelpas.

629. N& eUpeBfi & yewp. Tomos THY dkudv TdY SpBdv Bitdpwy ywwidy, dv ol Epm
SiépyovTan avTioTolycws Sik Blo Bobeiodv Tepvouévwv slbeiddv.

630. N& eUpebf] & yewp. TéTos TRV onuelwy Tol Xwpou, Gv & Adyos TGV dmooTéoewy
&md BUo Teuvoubvwv eubeidy slvar Toos Trpds A.

631. N& eUpebf) & yewp. ToéTOS TéV eUlaiddv ZX, TV diepyoutvewv Bid Bobévtos onpelov Z,
kal @V & Adyos TGV &mooTéoewy & Uo Sebopéva onpueia A kal B elven Toos mpos k.

632. N& eUpebf) 6 yewp. TOTOS TAV drudv TGOV S1€dpwy ywwidy (0phav), v al épa épa-
TTovTan BoBeions ék TreploTpogfs kwvikijs Emieaveias.

633. N& kataokeuaodi] kwvikf) Emipdveia tk TepioTpopfis &k Tou Govos auTiis kal Blo
onuelwy Tfis Emoeaveias Tns. !

634. ‘Oupoicos EE Evos onuelou aTiis A, wds épatrropévns (1) xal ToU &foves.

635. ‘Opoicws ¢k ToU &fovos, mds tpamrropévns (t) Kl ToU onpelou émaefis Tns.

636. ‘Opoicws ék ToU &Eovos, Suo tparrtopévev (t), (t;) &yopévwy & onueiou A,

637. “Ouolcws &k BUo yeveteipddu (y), (y,) xal wds épamropivns (t).

638. ‘Ouofws &k THis Kopuefis £, tvds onuelou A kai 5o épamTopévey (t), (t,).

206. EMBAAON KYPTHE EINI®ANEIAZ KONOY EK IIEPIETPO®HE.—
*EoTew KGvos ExTreploTpoofis Uyous v kal dxtivos Paoews R. Eis Thv pdow ToU
KUoU TOUTOU 2y yp&POUEV KAVOVIKOY TOAUYWVOV
ABTAEZ kol &yopev T&s yeveTelpas, Tas Biepyouévas
B1& TGV KopuUEY ToU ToAUydvou TouTou. ‘H mpo
xUTTToUTa Trupapis elvan kavovikn, Eyyeypappévn el

= . v / e
oy kGvov. T &uPadov E; Tiis Tapamieipou Emi- syeviteipa
paveias THis Mupauidos TaTng Elvea: | Eipoghoes A

1
E, = T - ZH, o) ;
7

EvBa TT, 1) TrepiveTpos s Paoews TS Trupauibos kai

ZH 16 Tap&TAsupov Uyos aUTiis. Pres
NooUpev 6T1 6 &p1fuds TéV TAeUpdY ToU TroAu- Sy, 179

ydovoU GUVEXGSS SITTAGCIGGETAL. "Apa ai TrepipeTpor ) kel

6 KAVOVIKEIY TOUTWY TroAvyvwy oxnuaTifouy uiav dxohoubiav, iis omolog

T Spiov elvat COPITHEVOS &p1Buds : TO pijkos ToU KUKAOU Tfis PAOEWS TOU KWvou.

Anicdn 2. K= 4 \ ’
T& mapdmieupa Uyn TV KOVOVIKGY TTUPOHIBwY TGOV EYYEYPOUUEVLV IS
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by kdvov, oynuatifow plav &AAnY dxohoubiav, Exouoav épiov &ANO GpiouE-
ov pfikes @ THY yevéTelpav A TOU KWvou.

Kor® droloublav T& 2uPadd Tév ToapamAsUpwv émipaveldy Exouv Spiov
Hpioptvov. To Sprov Touto E kahelton Eppadov tiig kuptiic meaveiag tob &k
1epLatpoiis kdvov. "Apa :

cpE1=%opﬂ1-opZH' il E=— - -2rR -2 =nR .. 2)

"Ex TGV v TEP® TUVEYOUEY OTI

‘Opiopdg.— *Epfadov kvpriic Emeaveiag xdvov ik nepiotpoeiis xakeital to
sprov 1iig dxohevbiag t@v infaddv t@v naparhedpov impavady 2K v kavovik@v
ropapidov Eyyeypappévey @g 16V kdvov tobTov.

’Ex 8¢ ToU TUTroU (2) EmeTa 611 :

To énpadov tiig xuptiic émoaveiag xdvov ik nepiotpogiis icobtar mpog 0
ywvopevoy tod fpiceag Tob piikovg Tob kikhov tiig Pdoewg éni TNV mhevpav Tod
K@Vou. 4 .

*Edw els TO dupadov Tiis kupTiis Emgaveias kovou TpooTedT TO EuPadov TS
Péoews TR2, TpokUTTEl TO EuPadoY Ths SAikfis Empaveias Tou. "Apa B Eywopev

E. = nRA

3
En =nR2 4+ nsRA=nR (R + &) ®

207. ’Avértoypa tii¢ Emipaveiag x@vov ik mepiatpopils. To dvamTuyua Tfis émipaveias
tuds xdvou ik TEpIoTpogfis (dxTivos R kal dmooTruertos A) yivetan Smeos kad TO dvamrTuy-
e wds Tupapibos. Komrropey Tov kévov katd pfikos wids yeveTeipas ZA (prikous A), 6moTE &
kUKAOS Tfis P&oEws GVATITUOTETAl KaTQ
Eva TéEov KUKAoU dxTivos A kal unkous
2nR (o9.174). ’E&v els 10 dvamrTuyna
TouTo =[A, T dtoiov elvanr kukAikos To-
pevs kévtpou T Kkal dxtivos A, Emiouvd-
Ywpev kal THy émedveiav Tfjs Bagews ToU
Kovov, Aappavopey TO QVaTTTUYHa TS &-
Aikfjs émgaveias ToU xdvou.

“Qote: To avantoypa tiig Kvptiig
tmoaveiag kOvov &k neprotpopiic elvar
KUKMKOS TOpELg Gktivog X, xai 10D O-
noiov 10 toEov Ezel pfixog 2nR.

Lnueinaig : Tpos Umohoyioudv Tiis ywvias w ToU Toupéws, dpkel va E§io0cdowpey SUo ék-
2péoels ToU ToEou (unxous) Tou kUxAov TouTou. OUTws, t&v 1 w ékepdlnTan els poipas :

2TA- @ 5 R .
= 2R, & oU: © = 360° - = (w els poipas)

208. OMOIOI KQNOI EK INEPIZTPO®HE.— Ao kdvor £k meplotpodiig
Léyoviar Bporoy, Gtav ai Sid tdV afévav adtdv ayoépevar topai sivar dpovar.

164



1SR SRR RIS R SR LR Bedlrs-

‘Qs yvwoTdy, ai Topal slvan ioookehf] Tplywva. "Apa Ta dpfoydvia Tpi-
yova Z0A xal Z,0,A 64 elvar Spola.
) 'Edqv e kal g elvar & uPadd TéV kupTAY Emgaveidy TéV BUo Guoicov

kovwy, 0& elvan :

e = TRA 3 RA R A
51=WR17\1}:>‘ E_1= thjzil i &
’Etrea1dn 8¢ :
R R .|
ﬁﬁ;:Tl:;l——m. n (1) yivetan: -
€ R2 A2 v?
5—1: R? :T%: v 2

Ty. 181

B) ’Edv e, kol €500 Elvan T& OIS EpPadd abTddy, B Excopey :

€r = TR(R+ A) G R REe AR B RN N2 G
g1on = TR (R; +2A;) Ejon R, R+A R P Rf i 7\? il u?.
€ €01 R2 Az v?
“Apa : —_—_,——— = ==
& € €100 Ry )\.f l)% (3)
y) ’E&v V kai V; efvan of Sykor adrédiv, B Excouey
1
W e e
S e I T )
e e
e R2 ViR R BRI A
= Ty Yy
v R? A3 v3
"Apa : e — e 4
P HE e @)

’Ex té@v (3) ouvdryopev OTI :

‘O Adyog T@V KupTdY Emeaveldy dbo dpoiov kdvey icodtm tpdg Tov Adyov
TV OMKOY Empaveldv Tov Kai obrog igobtar mpog oV héyov TdV TETPRYDVAY
t@v axtivov Tov i t@v thevpdv Tav i 1OV DydV abTdv.

’Ex T&®v (4) ouvéyopev OT1 :

‘0 Lbyog tHV Gykov 800 dpoiwv xdvev icoltar npog tov Adyov @V KiPev

1@V Gktivov t@v Bacenv i tdv thevpdv tav i 16V Dydv tov.
AZKHZEIZ

639. K&vos ¢k TrepioTpogis Exe ductiva Paoews R = 36 cm xal Gyos v = 27 cm. N& brro-
AoyioBi 1) kupTh Kal 7 SAikhy tmipdveid Tou.

640. Kédvos &k mrepioTpopfis Exel Upos u = 32cm xal dméoTnua A = 40cm. N& Umo-
Aoyiofi 1 kupTh xal N SAwd fmedveid Tou.
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641. Kévos &k mepioTpoofis Exer Uywos 40 em xad mepipetpov Péoews 188,4 cm. N& Urro-
Aoyiwodi f) OAIkd Emipdveiax kal & Gyxos auToU.

842. To tuPaBov Tis SAkTs Emeavelas kadvou ik TepioTpoefis elvan 2160 m cm?® xkal 1 ye-
véteipd Tou A = 6 cm. N& Umohoyiodi] & dykos xal #) kupTh tmigdveik Tou.

643. ‘H yevitepa ywvia kovou &k TEploTpogfis elva -.g— Né& Umrohoy1o8ij ) ywvia
100 dvamTUypaTos aiTol. To ald &v 1 yevétapa yevia elvan l‘;i A %

644. To dvamtuypna Tiis kupThs Fmeavelas kdvou &k TrepioTpogiis elvan fuikikAiov &xTi-
vos 12 cm. Né& Uoloyiodij & Syxos ToU kdwou xal 1) SAkA Empdvaid Tou.

645. N& Umohoy1o®ij f éxtis R kol A} ywvia w évds kukAikol Topéws €5 Evos @UAAou yeubap-
yUpou, Bicx v& KaTaokeudowpey Kwovikdv Boyelov xwpnTikdTNTOS 5 MiTpdv Kal els TO dmoiov va
elvoen v=3 R.

646. Oewpolpey kwvIkiY Empdvaioy & TEpIoTPORTis, Tis 1 yevéTeipa ywvia w = 30°. Té-
wopsy aiTny UTe Emmédeov kabétwy Trpds Tov Gfova xal &mexdvTwv &mrd Tiis kKopuefis dvTioTol-
X5 ket 2 ¢m, 4 cm, 5em. 1) Né& Umohoyichouv Ta EpPaba Tév Topdv kal v eybi 671 elvan
&véhoya Tdv dpiBudv 22, 42, 5% 2) ‘Opoiws, ) alThy TpdTadis, Sid T& ufadd T&Y SMKGY Emi-
QaVEIGY TGV TPIGV ToUTwy Kdvwy Kal 3) N& Umrohoyicdij 6 Sykos TGV Tpiddvy TOUTWY KoVwY
kal v yivy aUyxpiols aiTév.

647. ©ewpoluev kdvov €k TrEpIoTpopfis U= 12 cm. Els molav dmooTacw &mwd Tijs kopu-
¢fis TpéTel va pépwpey Eimebov mapdAAniov Tpds TH Béow, Iva | kupTh Emedvead Tou Sial-
pedij els BUo loodUvapa pépn ;

648. AiBeten kévos &k mepioTpogfis kal {nTeiTan wé d&yfolv Suo Emimebor Topal Tapdh-
AnAol Tpds Tas Poers, GoTe TO EuPadov TS kupTis Emgaveias Tou v& xwpioBf els Tpix igo-
Slvaua pépn.

649. *lodmAeupov Tpiywvov ABT mhAeupds a oTpégetan Trepl piav TV TrAEUp@Y TOU KaTd
yoviav 2m. N& Umodoyioti) f) émedveia kai & Sykos ToU Tapayopévou oyTfHOTOS.

650. Terpdywvov TAeUp&s a oTpépeTar mepl THY Brayvidy Tou katd ywviav 2. N& diro-
Aoyi08ij & &yxos kal 1) Empdveld ToU TapayOUéVOU OXTHATOS.

651. "lodmAeupos kévos Exel Uyos v = 3;—3~. M& Umooyioff] & Sykos Tou kal 1) SAIKN

tmgdved Tou.

652. N& dmoBeryi) 611 & Syxos xwvou &k Tep1oTpogfs iooUtar Tpods TO ywdusvov ToU Ep-
Padol ToU opdoywviou Tpiydvou, €€ ol TapdyeTa, &l Thv meplueTpov ToU kUkAou, dv ypdeet
Té KévTpov PApoOs TOU TPLyovou TOUTOV.

653. Na &moBeix8fj 611 & dykos kovou &k TeploTpooiis loolTar pds TO yivdpevov Tou Ep-
BaBoU s kupTiis émpaveias Tou éml TO TpiTov Ts &mooTdoEws TOU KéVTpou Tiis P&oeds Tou
4md 10 &méoTnd Tou.

654. N& Umohoyioffj 6 dykos V xwvou k TepioTpogfis éx ToU EuPadoU Tiis SAikijs émpa-
veias Tou Eor ki ToU dmooTripaTos eitoU A.

655. *Opolcog &k ToU Eop xal ToU Oyous u.

656. "OpBoyrwviou tprywvou ABI f) imoTeivousa BIM = a kal fi ywvia B = % ToUTo

arpegeTan mepl TH UmoTeivouoav kata ywviav 2. N& Umohoyiod) & Sykos xal 1 SAikh &ri-
PAVEIX TOU TIApPEyOHEVOU OYTarTos.

209. KOAOYPOZL KQNOEZ.— Kéklovpos k@vog slvar 10 Zdvorov, 10D droiov
otouyeia elvan : Ta onpeia tob 68170l kikhov Mg koVikiic imoaveiag, ta fcwtepka
onusia tod 63nyod, ta enueia topfig tiig KoV émpaveiag Ond Emnédov Tapak-
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Afjhov mpdg TOV ddN YOV, Ta towtepika onpeio tijg topfig tabng kai ta onpeia tijg
kovikiis émeaveiag ta perald tfis Topfig kai tob 4dnyod wokkov.

Oi 800 xirdor (O) xal (O,) keAoTvtan Basers ToU kohoUpoy kéwou. ‘H &mré-
araois Tév 8Uo PAoewy kadelTan Byog Tol KoAoUpou Kbvou.

"E&v ol Baoeis keivton Tpos TO alTd pépos T Xcovns Ths Kwvikfis gmpaveias,
6 K6AoUPOs KEVOS KaAsiTal KGLOVPOS KBVOS Tob npoTov £idovg (oy. 182). Eis v
&utifeTov TepiTrTeooiv kahelTan KOLovpog KDVOC Sevtépov eidovg (oy. 183).

Sy. 182 Ty. 183 Ty. 184

"Eav 1 koovikd) émipdveia elven &k TeploTpogiis, BnAadn af Pdoes elvar ké-
Betor &mi TOv &Govar THs keovikfis Emipaveias, & kbAoupos kidvos dvopdleTan Kob-
Lovpog k@dvog ik mepratpooiic (oyx. 184).

‘O kdAoupos kYOS €k TTEpIOTPOPTs SUvaTar v Tapayf &md T Spboywviov
Tpaméiiov O0,BA, dtav ToUTo oTpagf) mepl T Uyos Tou 00, katd yeoviay 21, &v
76 Uyos Tou OO, Becopndi} oTabepdy Béosl kad peyéber,

To pépos Ths yeveteipas AB = A xoheitar andotnpa fj mhevpd ToU kohoUpou
KWVOoU.

Al Paceis Tou Tpameliou OA = R kai O;B= p xarolvran dxkriveg ToU
KOAOUpoU Kwvou, KGtw kol dve P&osws.

210. EMBAAON KYPTHEX EII®ANEIALZ KOAOYPOY KQNOY.—*Eotw
kbAoupos k@vos Ex  TepioTpopfis pé Paosis (O, R) kai
(0y, p), Uwpous u xai dmooTripaTos A (Bvbax R > p).

Avvapeba va Becwpricwpey 1O EuPadov TS KupThs Emi-
poaveias s Siapopdv TGOV EuPadiv BUo kdvwv kopugfis £
kad pE Paoeis dvTioToiyws Tous kUkAous (O, R) kal (O, p).

’Ex Tév Spoiwv dpboywviwy Tprywvwy Z0A kai Z0,B

= S PR S AR A
(ox. 185), Exopev: T e A Y
ey aae KR | Wy
g€ v - A = Reg (Ol rcd EB*R—p (2)



To &uPadov E Tiis kupTiis émpaveias ToU kohoupov B& elvan :

AR B el
E:vR-ZA—np-EB:TrR- R_P—Trp- = = TA e
=mA (R+p).
“QoTe :
Exuptﬂq = Tt(R + p))" (3>
To eupadov Tiis SAIkfis émpaveias Eo elvan :
Ep=m(R+p) A+ mRE+ TR

Anhad : | Ea=n®+p:r+ R4 ©))

"Etepor ikgpaceig 100 EpuPadod tiic kuptiis Emopaveiag Kolovpov k@vov ik
nEMOTPOPTiG.
«) ’Ex ToU ptoou K Tou Uwous OO, ¢épopev TapdAAniov Tpds ThHy OA,
v KA. ©& elvan :
R+p
2
kal 7y oyéois (3) yivetan:

KA=5%=

, ¢€o00: R+ p=20

Epoprne =218 - & )

Inpeioois : ‘O kUkhos (K, 8) Aéystar péen Pasig ToU
Ty. 186 xohoUpou kwvou (ox. 186).
‘O TUmos (5) tkpp&ler 6T1:

To #ppaddv tiig kuptilg meaveiag xokobpov kdvov ik mepioTpogiig icottal
npdg T ywvopevoy tob pfjkovg Tol pésov xbklov E£ni 10 dndoTnpa Tod KohoDpov
K@vov.

P) *Ex Tol A &youev k&Betov el Ty AB, xepbvny &v T EMTESR 00,BA.
AUTn Tépver 16 Oyos OO, els 16 Z. *Emiong éyouev ThHv k&Betov BH &mi thiv OA.

*Ex Tév 6poiwv dpboywvicw Tprywvey KAZ kai BHA Exouev :

ZA & e =
T o g€ ol: d=7ZA . v, (6)
oméTe & TUmog (5) yiveTan : Eeopy, =21 - ZA - © )

Y AT
Kol Exppddel 671

To Eppadov tiic xvptiis émpaveiag kohovpov xdvov £k mepioTpopiic icobral
npdg 10 yvopcvov tod provg Tod xdkiov (K, AZ) éni 10 Uyog t0b kKoh. kdVOVL.
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211. ’Avantoype tiig émoaveiag tod kokovpov kdvov &k mepotpogiis. To (Zx. 187)
BelkvUel Tivi TpOTT yiveTal TO GVaTTUYNa ToU & TEPICTPORTs KOAOUPOU K@VOU.
*Eotw I 1) Topud) Tév 00, = v kad AB = A. 'Ex Tév dpoiwv Tprydvewy Z0A kai Z0,B éyopev:
5B A FBA : s~ 2
el e i€ olU: R—p
& TA=IB + 1

(0]

A& TOV UTToAoyIoMOY THS ywvias w ToU Toptws ToU dvamTUyuaros éxopev U dyw Thv
(§75).

OUTw, 81& TOV kdvov &kTivos p kal dmo-
oTnpaTos 2B, elvan :

= =l P
o =211 5B

A omola oxfos, Paoer Tédv (1), ylveron:

0 =2r - % (2)

212. O'KOX KOAOYPOY KQONOY ME BAZEIZ KYKAOYZI.— "Eotw
TAdy105 KGAOUpOS KOs pE Paoels kUkAous (O, R), (Oy,p) kal Gyous u.

Eav Z elvan 1) kopugt) T keovikfis émpaveias, £€ fis mpofiAfev 6 k6Aoupos k-
vos, £k TEV duoiwv dploywvinv Tprydvwy ZOH, Z0,H, kel Tév dpoiwv Tprycvey
ZOA xai ZO,A;, B Excopev :

20 EHy. OA; P

TOOEH TIOR TR
SH . SH, . ZH-SH - v

R BN Sl IR R—p'
e R ) _vp
G6ev : EH_R—p xai zHl_R—p'
Kad &v V elvan & &ykos Tou koAoUpou kavov,
Sy. 188 V., V, of &ykor t@v (Z,0,R), (2,04p), TOTE:
1 1 1 v i up
VKOK :Vl_szgTrﬁz J ZH——3—'IT(32 o EH‘i:? WRZR_—:‘-J_ —,.J,—?TPZ' R-fp=
I
=%1TU- F;D‘—FP; = -;—HU(RZ—'rszr Rp).
o T 1 i A
QoTe : Vicon.: xavou— 3 n(R? + p* + Rp)v 1)

"Av & xdAoupos k&dvos elven Ex TreploTpopfis, TOTE & &fwv OO, elvan xadetos
Trpds Tas Pdoeis T@Y kukhoov (O) kai (O)) xal 10 Uyos v= 00,.
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‘H oytois (1) éxppaler 61 :

‘0O bykos KohoUpov k@vov pt Paceic kokhovg civar t0 dbpoispa tdV dykmv
POV KOVOY, £k 1DV drnoiwv & elg Exst faciv TRy kGto Baciv, & dhhog Thyv Gve
Baciy kai 6 tpitog TV péonv dvaloyov t@v 8o Pacewv, Dyog 62 Ty andetaoty
t@dv ol Paccov.

Eqp. "Edv 6 kbhoupos kddvos elvan Tol B’ eiSous, TéTe & &ykos Tou Sibetan Urd
ToU TUTTOV :

V:%-n(R?-y-pzr-Rp)u.

AZKHZEIZ

657. KdAoupos kidvos tk TepioTpogiis Exet R = 16 cm, p = 4 cm kad v = 20 cm. N& Uro-
Aoyio8ij 1) kupTh) Kol f dhikf) Emgdverd Tou kal & Sykos.

658. ‘Opolws, dtov elven R = 30cm, p = 6 c¢m kal A = 40 cm.

659. Koloupos kévos &k mepioTpogfis Exer p = 10cm, A = 50cm kal yevéreipav ywviav

T s Toia f| émedverk Tou kal & &ykos Tou ;

660. ‘Opotws, 5tav g = %, v=12cm ki R = 24 cm.

661. Eis xéhoupov x@vov ¢k TeploTpofis va &modeixdi &Ti:
1) A=Y+ (R=p), 2) Ewpri= (R + p) Yo § (R—p)* = WA (2R — YA —ut).

S, : ; ; ; = 0 e
662. "Av 1) yevéTeipa ywvia KoAoUpou kdvou ik TTEpICTPOQTs elval @ = P =

3
o= % vix &moberdi dvtioTolyws &T1: 1) Exupry = m(R + ) (R —p) Y2,

2) Exvpriy = = %m(sp Y3 + 3uv), 3) Exvpri = —%-'m(‘tp + AY3).

663. 'Edv ¢ = —, Téte vax dmoBeydij 671 :

ol

L Ex A ’ 1 Ex A
DB (CEh ] D e ()
664. ‘O Syros kohoUpou kvou £k TepIaTpogils BideTan kal U ToU TUTTOU :
Ve=m [(R g % (R—p)’].

665. Al SiaoTdoeis koAolpou kwvou ik TEpIoTPORTis elvar R, p, u. Efs woiav dmwédoTtaow
& Tiis ueyahuTépas Phoews mpémet v pipwpey EmrimeSov TapdAAniov mpds Tas Paoels, doTe
T EuPaddv Tiis TouRs vé elvan pégov duahoyov TGV EuPadidv ThV Pdoewy;

666. Eis moiav améoTacw o THs peyahuTépas Pdoecs kOAOUpOU Kvou #k ﬁeplcr:rpoq:ﬁg
TpEmer v& pépopey émimeSov TapdAAnAoy Tpds aUTAY, MOTE ) KUPTH ETIPAVEIX TOU V& SicpfiTan
els 8Uo looblvapa pépm ;-

667. "Emi ToU dmooTpaTos koAoUpou kovou & TEPICTPOPTis v Op1oBi) onueiov, ToioUTov
DoTe, &v ayB émimeSov TapdAAnov pds Tas Paoers, v SicapHTan 6 Oykos Tov els SUo ioobU-
vapa pépn ;

B68. MveoToU Sutos &1 els kShoupov kdvov &k TeploTPopfs elvar A = R + p, Troiat oxE-
oe1s umépyowv 1) petaly v kad Tév R,p ; 2) petall V ki Téwv Ex, v ;

669. Kévos éx mepioTpogfis £xer Uwos U kol dxTive Pdoews R. N& Tundf oUtos Urd Emimé-
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Sou TapaAAfAou Tpos THv Baoy, doTe TS EuPaddy Tis Toufis vd elvar {goSuvapov Tpds TO £y
Badov Tfjs kupTiis Emieaveias ToU TrpokUTTTOVTOS KOAGUPOU KGHVOU.

670. "lodTrAeupov Tpiywvov TAEUpEs & oTpépeTal kaTd ywviav 21 mepl &€ova xy Tol émi-
Tedou Tou, kaBeTov Tpos TNV TAsupav AB els To A. Tlolos & Sykos kai 7 Emipdveia ToU Tapayo-
pEvOU OXTIHATOS ;

671. To altd wpdPAnua, &v & &fwv xy dméxn Tis Bl &méotaow a.

672. Kavovikov fuiefywvov oTpépeTan Kord yovicw 21 epl THY Sidpetpdy Tou AB = 2a
Né& Umrohoyio8i] © Syxos kal 1) GAkf Em@dvela ToU Tapoyopévou oYHHATOS.

673. Tetpaywvov ABIA TAeupds o oTpépeTan Kotd yowviav 2m mepl &fova xy Tou émi-
édou Tou kabeTov émri Thv Biarydviov Al els T6 . N& Urodoyiobij & Sykos kal ) GAkh Emed-
VEIX TOU TrPOyOHEVOU OYT|HaTOS.

674. ’OpBoywviou ABA elvan AB = a, AA = B. Ztpépeton ToUTo KaTd ywviav 2T mept
eUfelav Xy ToU EmimréBou Tou, k&BeTov &l THv Siarydviov AT &ls 16 I, Tlolos &ykos ol Tapayo-
HEVOU OXT|HOTOS ;

675. N& Umrodoy1087) 6 Sykos ToU axnuaTos, &mep mapdyetat Umd dploywviou ABIA, oTpe-

ouévou Trepi &Eova xAy mapdhAnAov Tpds TV Siaywviov BA = 2a, v ywvia BAA = 'g"
676. ‘O S&ykos koAoUpou kvou €k TEpIoTpogfis ToU BeuTépou eifous TapéyeTan UTo Tol
TUTTOU :
N = %WU(R"‘Jr p*— Rp).

677. Tolog 6 Adyos TGV Syxwy TGV oXNUATWY TGOV Trapayouévwy U Tol Tapad /pou ABIA
oTpepopévey SiaBoyikds mepl Tas TAeupds AB kal Bl kaTd yewviav 2 ;

678. KoAoupou xwvou ék mrepiotpoptis elvar v = 3 m, R = 4 m, p = | m. N& Soupeij olros
els SUo pépn émi émiméBou TapaAAnAou Trpds THY Pdotv, GoTe TO Tpookelpevov pépos mpds THY
ueyahutépav Paoiv v eivar oktamAdoiov ToU &AAou pépous.

679. N& Sicipedij 1O éuPadov Tiis kupTiis émipaveias kohoUpou kamvou Bk TEpIoTpoods €ls
v fcoBuvaupa pépn UTo Emmédwy TapoaAAnAwy Tpos Tas Paoes Tou.

680. ‘O Adyos TGOV TETpayvwy TGOV dykwy SUo dpoiwv kohoUpwy khdvwy &k TEPIOTPOPTS
icoUTan Trpos TOv Adyov T@v kUPwv TOV OAIKGDY EMavelddy Twy fj TEV KUpT®EY ETIQAVEIGY
aUTéY.
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KEPAAAION XIV

213. EIII®ANEIA TIPOKYIITOYEZA YIIO KAN. TEQAALMENHEI
PAMMHE, ETPEOOMENHE [MEPI AZONA TOY EIIIIIEAOY THE.
Otwpoupev kavovikny TeBAaopévny ypauufy ABFA xévtpou O xad piaw
eVfeiav x0y (&Eova) ToU Emimedou Tns,
un Teéwovoav abthv (oy. 189).
‘Opiopds. Kalobpev Emoaveiay £k
nEPLETPORTig Tiig Kavovikils teBhacpivng
Ypeppfis ABI'A nepi tov GEova xOy, 10
Livolov t®V kikAwv, ol Omoior Exouv
Gxtivog Tag anoctacels TdV onueinv Tiig
do0siong kav. teBhacpévng and tov So-
Oévra dlova kai kévipa tolg modag tdV
kofétwv tovtov éri tov Gova.
’Eppadév. ‘H kav. TESXuUuévn ypauun ABIA éxel kévtpov TO kévtpov O
ToU TEpLyEypapuévoy kUkhou kai dxtivae OA = R. "Eoctwoav a, B, ¥, 5 ai dpfai
mpoPohal TV A, B, T, A émi Tdv &fova x0y dvTioToiyxws. “Eotwoav émions
OH, 00, Ol oi &mooTdoels ToU O &md T&s TAeUpds Ths Kav. TeBA. ypauuds.
O& eivan : OH = 00 = 0l.
Kata 1a eis v (§ 210) AexBévra, 6& Excopev :
Eap = 2m - OH - (ap),
Ear) =2mw - 00 . (By) =2m - OH - (By),
Ewray =27 - Ol - (y8) =2m - OH - (y3),
"Apat Eapray =27 - OH - (ap + By + y3). @D)
"Av Bt TeBf of + Py +¥8 =vu, 1 (1) yivercu :

E(.-\BFA) =2n-0H v

Kol éxppader 671 :

To ZpPadov tiig tmgaveiag tiis mapayopévng oo Kavovikilg teBlaopéving
YPappiis, oTpe@opivg Katd yoviav 2r, mepi GEova tod Emnédov tng, Siepyopcvov
bl tod kévtpou abtiig Kai pi) tépvovia adtiy, icobtar mpdg 1o YivOpEVOY TOD pil-
Koug ol £yyeypappévoy kbkhov Eri 10 piikog tiig mpoforiis tiig teBhaopévng ypap-
pijc émi tov @Sova.

214 OIKOX IXHMATOZ ITAPATOMENOY YIIO TPITQNOY ETPE-
®OMENOY ITEPI AZONA.

AoBévTos Tpiydovou ABT, TpoTiftueda v UTroAoylicwyey TOV Sy Kov Tol ox1-
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ypapeTal S1a8oyIKs

paTos, TO omoiov TopdyeTan UTO THS tmpavelas ToU Tprywvou ToUTov, Stav
oTptpnTal Tepi &fova Xy KoTd ywviav 21, Siepyduevov S wds kopugfis ToU
Tplyvoy, uf Téuvovta alTd Kai keipevoy &l ToU EmiméSou ToU Tpiycvou.

Arlaxpivopey Tds dxoAoUfious TEPITTTROEIS :

a) ‘O #Zwv nepiotpoeiis ovpminter pé v mhgupav BI. “Ayopsv & Uyn
AZ xai TA ToU Tprydvou ABT. Enueioluey B Tpeis mepimTaoss ik 10 oxfjuc
ToU Tpiycwvou ABTI, kafdoov elvan < 900, e OO E=1500

A

-
~N

[04]

[T S——

-

Eis Trv TeAeuTtaiav TepiTrTwaiv éxopev 1o (oy. 190y) kai &pa:

V(AB:‘J=’1TT|' - TA% . TB. (D
Eis trv repimrTwo 1ol (ox. 190a), 8 Exwpev :
Vapn = Viarz)y+ Viaze = %— T - ZAZ « ZF - _;_ m-ZA%. ZB =

1

=T ZAN. (27 +28) = 5 . ZAL. T

rkdeiln Vmgr; :—; ™. ZA% . [B. (2>

Eis TAv TrepimTwo ToU (ox. 190B), 6& Excopev :

- : 1 1
Viasry = Viazay— Viazn= — 1 - ZA? - ZB — — m - ZA?

3 R S .
1 1
= oy ZA2 . (ZB—ZF)—TT‘F . ZA? . TB.
“Qote TTAAWY elven : !

V(ABI’JZT - ZA? . ['B.

Eis Tous TUmous (1), (2), (3) 8& Bddowuev piav &AAnv popenv.
MNvwpifouey &11: 2 {ABI) =TB - ZA = AB - A, éméte & Tumos (3)

©)]

Vmgr}:%ﬁ . ZA - [B: ZA:%WAB-I’AZA:%(Tr-ZA-AB)-FA:
1
:T s E{ABJ L FA
1
*Hton : V(Aar)zT . E(,\B, . FA, (4)
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B) ‘O dEwv mepotpopiic Sifpxerar Sia tiic xopuefis I' (oyx. 191).
*EoTeo 671 1) TAeupd AB Téuver Tov &fova TrepioTpogfis els TO onpeiov K.

A A B
x = Y
K e H
Zx. 192
Oa Exwpev :
= 1 1
V(AEI')Z V(AFK) e V(Brx)i —3‘ : E(AK) -TA —T * E(BK) - TA=

1
= T 2 FA 3 [E(AK) = E(BK) ]=—3' & E(Ag) v FA

"Qote AW elvan
¢ 1
Viasn) = = Eap) - TA. )

Y) ‘0 &Eov nepiotpopiic elvar napddinhog mpdg v AB (oy. 192).
“Ayopev Tas xadéTous AG, BH &l Tov &fova kai TO Tyos TA. O Eyoopev :

Viasn = Viare)+ Viaeus — Virswy =
T - BAZ. re+n.9A2-@H—~%v-HBZ-FH:
e A r@+ﬁ-rA2-9H——%-ﬂ-rA2-rH=

m-FA%2. (F@+3.-6H— FH)-— w-FTA2(T®@+6H+2.0H—-TH) =

Il

w.FA2~(FH+2-9H—FH):%-2w-FN’-@Hz

|l

\nl.— m(-—- \_,al._- ul._. \_,..)!.—.

(2“’ A AB) o WA =% e (AB) 1 [_A

"Qae, kal els Tas Tpels MEPITTTROEIS, lvean

1
Viasn iy Eup - TA (6)

‘0 Timos oUTos tkppdder, &T1 :

‘0 bykog tob oyfpateg to onoiov napayeTar Omo Tig Empaveiog Evog Tpryd-
vov ABT, otpegoptvov nepl dEova kata yoviav 2m, keipevov v 1@ émnédw tov,
i) tépvovta adto Kai Siepyopevoy dia tiig kopuofig I, icodrar mpog 10 tpitov tod

7wopévou tob Eppadod, to drolov mapayer §| mhevpd AB éni 1o avtiotovyov Uyog
ol tprydvovy toltov.
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215. @EQPHMA TOY IIAIIIIOY * — O bykog 100 oyfjpatos 1o omoioy
rapayetor Ord £vog tpLy@voy, otpepopévov mepi dEova Katd yoviav 2m, Keipevoy
2v 1® Emnédw Tov kal piy tépuvovia o tpiyvov, icobron mpdg T yivépevov Tod
2upadod tob tprydvou éni 1o pijkog Tob KiKhov, Tov dmolov ypager 10 kévipov Pa-
povg K 100 tprydvouv tovTOL.

’Anéderlig: “Eotw ABIT Ev Tpiyw-
vov, T& &molov oTpégeTon Trepl TOV &fo-
va (8), kelpevov &v T& Emmédw Tou kai
un Tépvovta TS Tplywvov. Mia & Tév
TAsUp&Y TOU Tplycvou B& Téuvy Tov &
Eova ToUTOV.

*Eotw 611 f) Bl Tépver Tov &fova
(3) els 1o onueiov O. "Ayopev Thv OA,
76 Oyos OA kel TroapioTduev B TéV
X, y, @ T&s &ootdoes Aa, BB, 'y T&v kopugdv A, B, I &md tov &Eova (B).

O& Exwuev :

5 1 1 2
Vioan = =7 ° OA - Eupy= o7 -OA-m-(x+7y)  AB=Epas - 3 m(x+y)

e g i 2
kal dpoies : Voan = Ewan - 3T (x+ w),
kai kot dxoAouBiav :
2
Vsn = o [Eoam - (x+¥) —Eoan - G+ w)] ¢9)

PANAG - Eam _ Epan A Ewas)_ Eoan _ Easn

OB or y @ y—ow
y + o

g8 v : E —E -—— xai E =E -
3 (OAB) ARt S o (OAT) ) = ST

omoTe 1y (1) yiveron:

y(x+y) —wE+w) ] BT s DR
Y —w 3

*Egteo H 1o péoov ToU MK kad A, p, v ai drmootéoels Tédv K, H, Z &mrd Tov &ove

(8), &vBax K 16 kévtpov Papous Tou Tprywvou ABI xal Z 16 péoov Tfis AB. Ba

elvoan: x+y=2v, n+v=22 wf+A=2y (Brdweoor Tpormelicov), € Gv:

x+y+totupt+v+A=2u4+2v4+ 20 Ax+y+ w=u+v+A=2A+A=3r

kal ) (2) ylvera :

2
Viasry = 37" E(ABI‘)[

Viaer) = Eqery - 21 - A

AZKHZEIZ

681. Tepl Tolav TAeupdv Tpémer va oTpagi} Tpiywvov ABI katd yowviay 2m, GoTe va
Trapayfij & uéyioTos Sykos ;

* "Eainv MaBnuatikog g 'AkeEuvdpiviig Emoxig.
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682. Ak Tis kopugfis A Tprydovou ABI v &y 87 &v T& EmméSw Tou elfsia vy, WM Téuvouoa
aUTé, TolauTn GoTe & SyKos ToU OXMuUaTos ToU Tapayopévou UTd ToU Tprydvou ABT; oTpe-
goptvou mepl ThY Xy, va elvan péyioTos ;

683. AiSetan Tpiycwvov ABI kol InTeitan vék ebpedf &mi Tiis mAeup&s Bl &v onueiov A, Tor-
oUTtov @aTe ol dykor T&V axnu&Twy, of Tapoyduevol YT T@V Tprydvwy ABA, AAT, oTpego-
weveov mepl &fova Xy ToU EmiméSou ToU Tprydvou, pf TéuvovTos alTd, v elvan loodUvapor.

684. Aid ToT kévtpou Pépous K Tprydvou ABI &yeton mrapéAAnAos xy mpods THv Bl kai
76 Shov oy fjpa aTpégeTon epl THY Xy KaTd yoviav 2m. Né& eVpedf] & Adyos Tdv Sykwv TGV oXn-
udTeov, TV Tapayouévey Ud TdY BUo pepdv, ts & ywpiZeTan TO Tpiywvov UTd THs xy.

685. Tpiywvov ABI orpépeTon mrepl Thv dowTepikiv SixoTéuor Tou AA ko ywviav 21,
N& elpebf] 6 Adyos TG dykwy T&Y oxnuaTwy TAY Tapayoutvwy UTe TGV Tprydvwy ABA
kal AAT,

686. AiSovtar BUo Tpiywva ABL kai A;B,IM, kai &v onpeiov O émi To¥ alTol émmédou (M)
xewéveoy. N& éydi) Sia ToU O elbeia xy ToU (1), ufy Téuvouoa T& Tpiywva, ToliTn GoTe ol
Sykor TGV Trapayoutvev oxXNUETwY, UTTS TGV TRIYOVWY, TTREPOUEVWY TEPL THY XY KOTX Y-

; g : B
viaw 2m, v& Exouv Adyov —.
v
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KE®ANAION XV

¥ ¢ AI P A

IAIOTHTEZ

216. OPIEMOZ.— Zgaipe kakeltar td Lovokov tév onpciov tod ydpov,
ta omola aréyovy Gpopévny andotaciv dnd Ev otabepov smpsiov.

To oradepdy onueiov O elvar T kévipov Tis opaipas (aX. 194). “H dpiouévn
&méoTaots elvan ) dxrig Tiis opalpas.

‘0 ouppoMiopds : apaipa (O, R) mapiotd v opal-
pav kévtpou O kail &xTives R.

*Eri puds Tuyovons eubeias (8) Siepyopévns S ToU
kévtpou O pids opaipas, Utrdpyouv Buo onueia M xai My,
kal povov Yo, TolaUTa COTE :

OM =0OM,; = R.

To Tpfipa MM, elvan 1y Suapetpog TS apalpas.

“Ev omueiov N dvopdletan Esmtepkdv Tfis opaipas (O, R), tav, kad pdvov Eav,
ON < R, kal $Eotepkov aUTiis, Edv, kai pdvov é&v, OM > R.

Ofrw, T& otoiyela O kai R wids opalpas SiauepiGouv t& onuela N ToU X6+
pou &is Tpla ZUvoha:

ON < R... towTepikdv opaipas
ON = R... ¢medvax opaipas
ON > R ... #wTepikdv oopaipas,

Ix. 194

fxacTov TEV &Troicov elvan YTrooUvoov ToU ZuvdAou Tv onpeiwv ToU xdpov.

‘H ogaipx elval KAaioTH Emeavels, 1) droia Biaywpitel ToV Y&pov els Eow-
Tepikdv kol E§coTepikdY aUTHS.

AVo cocipa THs alTiis dkTives elvar Toar. A1dTt fi SUNTITWOIS TGV KEVTRWV
TV GUVETTAYETCH TV CUPTITeaIV TV onpeicov alTis.

*E&w onueiov A elvat towTepikov agaipas (O, R), kai Erepov anueiov B elven
EEoTepikov aUTiis, ToTe ) AB Tépvn TV ogaipay els 8v, kal udvov &v, onueiov cu-
Tfs.

K& opaipa (O) Exer pévov Eva kévTpov. ALoTi, B efye kol Beutepov kévTpov
0,, TéTe 1) Br&ueTpos aUTis N TEPIEX VO T& BYo Kévtpa B eiye BUo péoa, Omrep
&ToTrov.

Avo TuyoUoar Sibpetpor Ths aUThs opaipas elval lom, &5 dlpolouaTa fowv
érriveov.

"Av BUo onueia A kai B elvan TuyovTa onpeta T avTfis oeaipos (O, R),
T6 eUfUypapuov TUfjpa AB kahelTon gopdi Tiis opaipas.
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'H Suapetpog ogaipag elvar 1| peyahvtépa yopdi avriig :

TMpdyuar, ¢ MOM, elven pia SidpeTpos ooaipas (O, R), xad AB pic xopdn
auThs (ox. 195), TOTE ék ToU Tprywvou OAB B& £ycopsy :
OA+OB>AB i OM+0OM, > AB 7§ MM, > AB.

217. TOMH ZI@AIPAX YIIO EIIIITEAOY AIEP-
XOMENOY AIA TOY KENTPOY AYTHE.
lov: "OAx T& onueia Tfis opaipas xévtpou O kai
3y. 195 dxtivos R, & kelpeva émi Tol émimmédou (P) (oy. 196),
ToU Siepyoptvou 81 ToU kévtpou O, dméyouv &mdoTa-
ow R &mo 16 O, xkai avristpégoc. “Apa :
Mav érinedov nepéyov 16 kévrpov coaipag (O, R), tépver adthiv kata ko-
khov kévtpov O kai aktivog R.
‘O xiKkAos olitos elvan péyiotog KUKAGS.
My émimeSov mepiéyov 16 kévrpov opaipas ka-
Aditan Brapetpikov émrimeSoy aUTTiS.

2ov : Nooluev 811 6 kUKAos Siauétpou AB (ox. 196)
oTpigeTal mepl THY SidpeTpov Tadrny. TTEw onueiov M
ToU KkUKAoU ToUTou, améyov TavtoTe &mdoTacy R
&mo 16 kévtpov O, keftan &mi THs opaipas (O,R), xai
avTietpoQms, TEY anueiov M Tfis opaipas dvriker eis ToV uEYloTOoV KUKAOV aUTs,
Spilouevoy Gmod T Siapétpou AB kai ToU onueiou ToUtou M.

218. XTOIXEIA EYMMETPIAE MIAL IMAIPAL. — lov: Kévipov cup-
petpiag.
Eis tv (§216) eiSouev 611, tdv pic e0Beic (8) BitpynTon &To TO KévTpov
O wés opaipas (O,R), Umdipyouy BUo onueix M kad M, kai pdvov duo, TolaUTa
wote:  OM =OM; = R. *Apa:
To kévipov coaipag eivar kévipov coppetpiog avriig.
20v : "Afwv ouvppetpiag. *Eotws M v oTuelov ToOU
kUkAou (M) kad M, 1) véa Otoig aiTou, éTav & kukhos (M)
AP Thy 8w (), orpepduevos mepl TV ebfeiav xOy
(ox- 197). T& Tpiycwova MAB kai M;AB elvai épBoycovia
els T0 M kad fow, kad af k&Betor ik 6y M kaed M, émi Thv
AB Téuvouv oUthv els TO aUTd onueiov H. "Apa HM =
HM,. "Apa 16 onueiov M YP&pel kUKAov kévTpou H kal
dxtivos HM. ‘H AB elvan &Ewv ToU kUkAou ToUTou. Eis
Sy, 197 m&v onpelov M; ToU kUkAou ToYTou dvTioToKEl TO om-
Helov. M'y, ouppetpikoy ToG M, & mrpos To H.
"Apx 0 M’y elven ouppetpikdy Tou M; o5 pds &fova AB. "Qoe :
Iaoa diaperpog coaipag sivar dEov ouppetpiag adrijc.
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3ov : ’Erninedov ouppetpiag: “Eotw (P) Siopetpidv émimedov opaipas
(O,R) (ox- 198). ’Eqv M elvan Tuydv onueiov Tiis opaipas, kad M, 16 OUPUETPI-
KOV Tou g Trpds TO Emimedov (P), & elvean :

OM,; =0OM = R,

&px TO M; keitan &l Tiis ogaipas (O). Kat’ &-
koAoubiaw :

ITav dwapetpikov érninedov oguipag civar émi-
nedov cvppetpiag adrtiic.

219. EQAIITOMENON EIIIIIEAON EIZ
ZHMEION I®AIPAE. — Oecopoluev ogaipav (O, R) kai év onpeiov A ¢’ al-
Tfis. "Eote (I7) els Tédv dreipoov peyioTwv kikAwv Tiis opaipas, Tév Bigpyout-
vy B1& ToU A. “ETri ToU kUkAou ToUTou BecopoUpev &v onpeiov M.

TS Tplywvov OAM elvan ioookedés, &6 OA = OM = R. ’E&v gbpwpsy
T Sidueoov OH avtol, altn 6& slvan kdbfeTos émi v AM. "Otav 16 M Tei-
vn) Tpos TO oTabepdy onueiov A, TO ufikos
ToU AM Teivel Tpos TO undév. “Apa kal T
ufikos ToUu AH Telvel rpos TO pndév, To B¢
onueiov H Teiver mpods 1o A.

Eis 70 A &youev v dparmrtopévny (8)
ToU peyioTou ToUTou kUkAou, 7| Omola H&
elvar kébetos Tpos THY dxtivar OA.

Oecopoupey SAous ToUs ueyloTous wu-
kAous Tfjs opaipas Tous Biepyoutvous Bi
ToU A kol Tds EpamrTopévas els EkaoTov Tou-

x. 199 Toov els TO onuelov A, Tldoan af éparrTdpe-

vor alton B& elvan kédetor wpds Ty OA &g

TO onueiov A. "Apa 6& kelvton émrl dvds dmiméSou (P), kabétou Tpods Thv OA
gls TO A.

"AvTioTpopws @ Taoa eUbeia (8) Biepyouévn Sid ToU A ko kepévn &mi ToU
(P), xcBéTou émi Tnv dxtiva OA €ls TO A, elvan dporrropévn évds ueyloTou Kku-
kAou TRs opaipas, kelwévou &l ToU Emimédou ToU Spifopévou UTd ToU onueiou
O kai Tfis elbeias (8). "Apa:

To Zovokov tdv Zgpantopivov evBadv eig Ev onueiov A mag coaipag civar
ininedog dEopn 00y, tiig dnoiag T éninedov eivar kGdetov Emi v dktiva OA
tfic o@uipag eig 10 A.

To mrimedov ToUTO, E€ Opiouol, koAeiTon Epantopevoy Eninedov Tiis ooai-
pas (O,R).

ISidtnreg 100 Z@antopévov Emnmédov. Ak dv onueiov M', 8idpopov Tol
A, ToU {fpamTopévou Emmedou (P) es To A Tfis opalpas (ox. 199), elvaa
OM' > OA = R. "Apa 16 onueiov M’ keiton éxtds Tfis opaipas. "Apa:
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To £pantopevov Eninedov piag coaipag Exel pet’ avrijg Ev povov kowvov on-
peiov.

T onpeiov ToUTo KaeiTan enpeiov Enagiis THS opaipas kal Tou émméSou.

220. ZXETIKAI @EZEIZ EMAIPAL KAI EYOEIAEL. — Occopolpey ocpai-
pav (O, R) kal piav evfeiav (8).

[Ipon nepintooig : "H (8) ditpyetan da tod O. Mveopilopev &1 1) (8) Té-
MVEl TNV opaipav eis Yo onuela CUPPETPIKA 5 TTpos TO kévTpov O adTiis.

Ix. 200 Ty 201

Agvtépa nepintooig : “H (8) dév duipyerar 8id tod O. ‘H edfeia () wkai T
onpeiov O opifouv év Emimedov (P), 16 6molov Téuver THV oooipav kaTd Eva
péyloToV KUxhov.

Ta rowa onueia, tav Umdpyow, Tis evbelas (8) xai Tfis opaipas (O,R)
6o weivten émrl Tol émiméSou TovuTtou (P).

O elvan, Aorwdy, kowd Tiis elbeias (8) xad ToU &v Adyc peyioTou kUkhou
(ox. 200 — 201 — 202).

"Avnietpopag @ TI&v kowév onpelov ToU Bewopnévtos peyioTou kixkAou kad
This eleics (8) elven kowodv Tfs opaipas (O,R) kal Tfs evfeias (5).

"Averyduedax olTeos s TO yveooTév TPSPANUa TS YewpeTpias ToU EmiméSou :

Aobévrog kikkov (O,R) &ni Eminédov (P) kai tiig edleiog (8), Toravtng dote 1
ardotacig tng ano 10 O va elvar d, moia slvar 1) Béeic tiig (8) (g mpog TOV KO-
khov O, kata tag Swepopovg Tipdg tijg d ;

Kat® droAoubiav :

‘Eav d > R, 1) (8) xeitan éxtds ToU xixkAou (O,R). *Apa ) (8) keitan iktods
Tfis opaipas (O,R). i

‘Eav d =R, 7 (8) epdmrreran ToU kikAou (O,R). *Apa ) (8) EpdarreTan
s agaipas (O,R).

‘Eaw d <R, 1 (8) wéwver tov kixhov (O,R). *Apa A (8) Téuver THv ooai-
pav (O,R) eis dVo omueie.

221. BAZIKAI EYN@HKAI OPIZOYEZAI THN E®MAIPAN.— Elva TTpo-
pavis 6T : Mia coaipa siver Opopévy, Grav yvopilopey t0 kévipov tng kail
v dxtiva abtijc.

Mia ogoipa elvar dpiopbvn kai UTd Tds dxoAolBous edkohoaroBeikTous
YEWHETPIKAS ouvBTKas.
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lov : AocBévTos onuefou A, Tav onueiov O ToU ycpou elven Kéirrpou ogai-
pas, Biepyopévns did ToUu A.

20v : ‘O yewp. T6TOS TGOV KEVTpwY THOV ogaipidy TV Blepyopévey §i1d o
Sedopévwy onueiwv A xal B, elvan 16 pecokdbeTov émimeSov Tol TprpaTos AB.

Bov: ‘O yewu. TéOTOS THY KEVTpwv THV opapiv TAY Siepyoptveov Bia
TP1&V onueicov A,B,I, un xepeveov &’ elbelas, elvan & &Ecov ToU mepryeypap-
pévou kUkAou Trepl TO Tpilywvow ABT.

4ov : AcBévTos TeTpagSpou ABIA Umdpyer pia pévov ogaipa, Siepyouévn
B1& TV KopUPRDY TOU TeTpaidpou ToUTou (mepryeypappévn c@aipa Tepi TETPdE-
Spov).

AZKHZEIZ

687. Tloios eivan & yewpeTpIKdS TOTOS TGV ONueiwdv TOU Ywpou, &md T& omoia Sofiv ell.
Tufina AB oTafepdv, Béoer kal peyébel, paivetar Umd pbny ywviav ;

688. TMoios 6 yewp. TOTOS TAV KEVTpwV TV TQaupddy TEV tpamTopivev SofévTos émmédou
(P), els 8oBtv omnueiov A alrol ;

689. Tloios elval & yewu. TOTOS TV KEVTpwY TV opaipldv TGOV Epatrropévey BUo dmimé-
Swv (P) kai (P,) ;

690. AideTon onueiov A &l wds elbeias xy. 1) Tolog & yecou. TéTos TOV KEVTPLY TAY G-
p&v T@V épamTopévwy Tiis Xy els TO A. 2) Tloios & yewu. Témos TGV kévTpwy TEY opapdy &KTI-
vos R, T@v tpatrTopévev. Tis Xy els TO A ;

691. TTolog elvan & yewu. TOTOS TEY KEVTpwY TEV opaipd dktivos R, Tév EpamrTopéveov
Sobeions evbeias Xy ;

692. Tloios & yewp. TéTOS TGV péowy iowy xopddv Sofeions opaipas (O,R) ;

693. TToTog & yewp. TOTOS TGV anueicov M ToU xwpov, §1& T& dmoia MA24 MB? = k?, &vba
A kal B Sedopéva oTabepd onueia ;

694. Tloios civan & yewp. TéTOS TAOY KévTpwv: 1) T&V opaipdv dxtivos R, Siepyopévewy Si1&
BoBévTos onueiov A. 2) T&v opaoipdv dxTivos R, Siepxouévev Bidr SUo oTalepddv onpeiwv A,B-
3) Tédv cpaipdv dxTivos R, Epamroutvey Sobévtos émmeSou (T1). 4) Tédv cpopidv dxTivos R,
tpamToutveov SUo Tapadifiwy elfadv (8) kal (5,) ;

695. N& &modeiyff) 611 xUkAos (w, p) xai onpeiov A ékTds a¥Tou, dpilouv piav opaipav.

696. N& &mroBeixfi] 611 8o kUkAot (w,p) Kal (wy,p,), un kelpevol dv ¢ alT@ Emmébe kal
EyovTes BUo kowa onueia A,B, opifouv piav opaipav.

697. Avo kixAor (w,p) kal (w,,p,), un kelpevor tv & alrd Emmede, épdmrovTal els T6 on-
pefov A. N& Bery0fj 611 épifouv piav coaipav.

698. N& dmodeix8ij 6T Umdpxel opaipa épamTopévn T&V E8pdv TeTpaEBpou (Eyyeypai-
pévn N Tapayysypaupéval).

699. AiSovTtan 8Uo oTabepd omueicc A xal B kol {nTeitan 6 yewp. Témos TéV anueicov M
TOU Ypov, i Tas omoia loxvouv al lodTnTes:

1)EMAL MB = iy, 2) p-MA? 4 v.MB? = k2.

700. N& &mrodeix8ij 6T1 w&oa xavovikn Tupauls elvan &yypdyipos els ogpaipav.

701. TMav épboywviov Trapah/ov elvar dyypdyipov els coalpav.

702. TTaoa kdAoupos xavoviksy Trupapis elven &yypdyipos els opaipav.

703. “Ymépyouv goaipa fpamToueval TV kv Kavovikis mupapibos ;

704. SuvapThoe Tiis dxpfis o kUPou, va UmoAoy1odi 1) 7 dktls Tiis wEpryeypappévns opai-
pas, 2) THis Eyyeypaupévns kal 3) Tiis tpaTrTopévns TMY dxpddy Tou kUPou.

705. TIds ouvBéovtan af &kTives TGV opaipdy, Trepryeypanuévng, éyyeypauuéuns kal épa-
TrTopévns TV EE &xuddv Kavovikou TeTpagdpou dxpfis o ;
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706. Tolos 6 yewy. ToéTos TGV onueiwv M ToU yodpov, S1& T& émoia ioxvel 1) igdTns :
MA? + MB2 4 M2 = k?, &b A,B,I ol kopupai oTaBepou Tprydvou ABT ;

707. Nc Gmodeybi) 671, tqv pia opaipa épdmreTon T®V £§ dkpdv TeTpatdpou ABIA, TéTe
0& elvan: AB + N'A = Al - BA = AA -+ BI'.

708. N& koraokevaodi opaipa dktives R, Siepyopévn S1& tpiddv SeSopévwv onueieov A, B,
un kewpdveov E’ eUBeios.

709. N& ypaoi] opaipa, Swpyoutvn Sic Tpiddv Sebopévewv anpeiwv A,B,I kal fpamrropévn
BoBévtos émmébou (P).

710. Né& xaroaokevaoff opaipa dktivos R, Siepxopévn 5id Slo BeSopévav onueicov A,B kai
tpomTopevn Solévros Emmédou (P).

711. Aisovtan 8Uo evleicn (8) kai (5,), wn kelpeven dv 164 aUT§ Emmédw, Kai SUo onueia
A kal Ay " aUT@v, N& dmobeiy6ij 81 Umrdpyer pia, kai pévov pia, cpaipa épatropuévn Té&v (5)
xai (8,) els T& onueia A xal A,.

712. MetaPAnti) ogaipa SiépyeTan B1& BUo oTaBepidv onueiwv A kai B kai tpdmreTan So-
Bevros EmméSou (P). N& elpedfj & yewou. Témos TGV onueiwy Eraefs.

222. TXETIKAI @EZEIL Z®AIPAL KAI EMNIMMEAQY.— OewpoUpey ooai-
pav (O,R) kai dv émimedov (P), ToloUtov dote ) dmdoTaois OH ToU kévrpou
O &md 76 EmimeBov ToUTo v elvan d.

Tov: ’Eav d > R (oy. 203), 16 onpeiov H keitan ékTos Tiis opaipas (O, R).

Zy. 203 Zx. 204 Zx. 205

Ay &y onueiov M ToU émimeSou (P) #yopev : OM = OH.

Tlaw onpeiov Tod émimédou (P) elva, Aormrdy, eEwTepikdy onueiov THs ogai-
pas: To Eninedov (P) Aéyerar dfwotepikov Tiig oQaipag.

"Avaiotpogasg, Edv TO EmimeSov (P) elvea tEwTepikdy Tiis oeaipas (O, R),
T1E OH > R#d> R.

2ov: Eav d =R, 70 tmwimedov (P) épdrmrreTan T ogaipas (O,R). To émi-
medov (P) kai f opaipa Exouv & pévov kowdy onueiov, T H (ox. 204).

Jov:i Eav d < R, &v petaPhntov émimeSov (P,), Siepydpevov Si1& Tis OH,
TéUvEl T opaipoy katd Bva uéyioTov KUKAOV (M) xad 6 &mwimedov (P) xord
piov evBelay (8), (oy. 205).

Emeidn OH < R, f edfeia (B) xai 6 kixAos () Téuvovtar. *Eoteooav A kai
B & onpeia Tfis Toufis Teov. Elven Tpopaves 6T1 T A kai B durjkouv els To émi-
medov (P) kai els Ty opaipav (O,R).
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Kot dxohoubiav, 2av d < R, 1 ogaipa kai 10 érinedov (P) £yovv kowva on-
pela. AnAadn TépvovTal.

*EoTtw M Tuxov onpeiov, kowdv Tis aogaipas (O,R) xai ToU émmédou (P).

Oa elvaa :

HM2— OM2_OH2= R2—d2, 2 of: HM= VR?— d*= dpioutvov.

“Ofev : IMav xowvov onueiov M tiig coaipag (O,R) kai tob émnédov (P) xei-
zan imi kokhov kévipov H xai éxtivog HM = VR? — d=

*Aviiotpopmg. T1&v onueiov N ToU kikdou (H, HM) elven xowdv Tfis ogai-
pas (O,R) kal ToU ¢mmtdou (P), xaBdoov 6 kikAos (H, HM) keiton &l 70U (P)
kai 611 :

ON2 = OH2 4+ HN2 =d?  HM? —=d2 4 R2—d2= R? & ol: ON=R,
dnAadh 1O N keitan &mi Tiis ogaipas (O,R).

“O8ev : ’Eav d < R, 1j s@aipa (O,R) xai t0 érincdov (P) tépvovral katd kdkhov.

Eqv 16 (P) Sitpyntan 81 Tou O, téte d =0, kai 10 émimedov (P) elvon
SiapeTpikov Tis oaipas, kai &pax HM = R.

‘H Toun, TéTe, elvan péyietog kvkhog Tiis opaipas.

Eqv d £ 0, & kowds kikhos ToU (P) kad Ths opaipas (O,R) xoheitan pi-
Kpog kOkhog TTis opaipas. :

*Evrelfev TrpoxutrTel &T1: ‘Eav xbkhog £xn tpic xowva onpeie petd pidg
copaipag, 06 xeitar £ni tiig opaipag tadtng, kai ST1:

‘H ooaipa sivar pia ¢meavea, ini tijg onolag duvapeba va ypayopey ém-
nédovg kapmorag (kKUKAoUS).

223. TOMH AYO EPAIPON. — “EcTwoav Buo Biakekpiptva ogaipat (O)
kai (O;) ki M &v xowov onusiov aOTéov. “YrroféTousy &1 TO M Bty kelTan émi THs
Siaxévtpou OO, TAV ceoipldy TOUTWV.
Té emimeSov OMO, Téuverl Tds BUo opai-
pas kaTa SUo peyioTous kikhous, Tepvo-
uévous el To M.

ToU Tprycovou OMO, yvwpilopev
T&s Tpels TTAEUpAs 00, =&, OM =R
ket O;M = R;. "Av &yfj 16 yos MI™ a-
ToU, TéTe TO onpeiov [T elvan Gpropevov
¢ri Tijs Siakévtpou OO, kai T Uyos 'M
elvar copropévov, UTroAoy1fouEVOY ouvap- [[R-R <d < R+Ry]

ThHoel T6 TAeup&Y Tol Tprywvou OMO,, Sy. 206

Béog, ToU TUmOU Tou “Hpawvos. OlTow,

& M &méyEr copioptvny GTOOTACIY &TTO TO dpropévov onpeiov I Tfis SiawevTpoy
00,. *Apa 8& keitan émi ToU kuxAou (I,IM). Kar’ droAoubiav :

‘H topi) 500 c@aipdv tepvopivev tlvar kiklog, Exov g dtova Thyv SuaKev-
pov TAV cPaIpDOV TOUTOV.
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Bk T&v dveTépw TrapaTnpoUuey 8TL :

a') Ymapyou onueia Tiis opaipas (O;) towTepika Ths (O) kal onpeia TS
(0) fowtepika Tiis (O,).

B") 'Eqv 8o ooaipan (O) xal (O;) Exouv &v pdvov koivov onueiov A, TéTe
ToUTo B& Keitan émi Tfis Broxévtpou 00, TGV oPaIpidy TOUTWY.

Aéi, els THv dvTiBeTov TrepiTrTRow af opai-
pat 8& elyov &melpa kowd onueia [ T& onpeie ToU
kUkAoU ()], KaT& TOV OTroiov, CUUmVES Trpos
T dvwTépw Bedpnua, tépvovial.

AUo opaipan Exouoan €v povov Kowov oOT-
usiov, ovoudlovtal E@antopevar, xal TO KooV
onueiov kaAeiTan enpelov érapiis alTdv.

y') "Av 8Uo cpaipar (O) kai (0,) épdmToov-
TOl KATA TO onueiov A, TéTe TO épamrTdpevov éi-
medov his (O) eis 1O A elvan kel EparrTépevov Emmredov THs (O;) els 16 onueiov
ToUTo A, kaid &v &Uo opadpen (O) kai (O;) Exouv TO alTd EpaTrTouEvoy ETriTe-
Bov €ls Bv kowov onueiov A cdTédy, TéTE i opaipan EpdmTovTan SAAAAWY KaT&
TO onueiov ToUTo.

224. EXETIKAI @ELEIL AYO E®AIPON. — lov. ‘E&v T& onuela wds
ogaipas (O;) kel T& fowTepikd onusic alTiis elvan EwTepikd onuela wmds &A-
Ans oeaipas (0), Téte Méyopev &1 af opaipan (O) kai (O,) keiviar &ktdg @i-
Mipov (ox. 208).

x. 207

[d=R3R}]

Zy. 208 Zx. 209 Zy. 210

2o0v : "Eav t& onpeia T1is (O;) kad T& EowTepikd ool-
s elvon éowTepika Tiis opaipos (0), TéTE Abyopev &Ti
1 opaipa (O,) kelta évtog Tis opaipas (O) (oy. 209).

3ov : "Edw ai ogaipen (O) kai (0,) tpdmrreovTal, ToTe

"Av T KkévTpa TV KelvTal EkaTépeafey ToU kotvol a-
Helou emagfis A, ToTe 8 Adywouey 811 of opaipen Epantov-
T EEotepikdg s TO A (oy. 210).

"Av Ta kévtpa TV opaipdv (O) kai (O) kelvtan
TPos TO aUTO uépos ToU onusiou émagfis A, TéTE Adyopev
ST ai cgalpan altan fpdntoviar fowtepikdg (oy. 211).
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’Eqv d elvan 10 ufjkos Tijs Siaxévtpou 00, 8o ogaupév (O,R) kai (Oy,R,),
TaTe &rodeikviovTal ai dkdhouBor TrpoTdasls (GkpiPds, 6mws kad af dvrioTol-
XOl TpoTacsls Tfjs émimedou [MecopsTpias, al dvapepousvar eis THY Béow SUo ku-
KAwV), dnAadn :

d >R + R, — Zoaipm k105 GAlfrov
d=R+R, —= » tpantopsvaol EE0TEpLRdg
IR —R; | <d<R+R, — » TEPVOpPEVOL
d=|R —R,;| - » fpantopeval E6OTEPIKAG
d<|R—R,| <= » M pia £viog tijg Gring.

AVo ogaipal ToU altol kévtpou Aéyovtol Opdkevipot.
Al rpoT&oels Tiis “EmiméBou Mewp. ol dvagepdpevar els TNy dmécTaov Suo
kUukAwy (O) kai (O;), ioylouv kai 8i1& 8Uo ogaipas. ‘Ouoia &modeifis.

225. KONIKH EIII®ANEIA IIEPICETPAMMENH IEPI ZOAIPAN.— 0O
YEQUETPIKOS TOTOG TMV Epuntopévov tdV dyopéveyv Ek onusiov I, ktdg opaipag
(O,R) keiuévov, mpog v o@aipav tadtny, sival kOVog £k nepLoTpo@ils, ExOV Ko-
pueny to onpeiov E.

’Avalvoic : "Eotw opaipan (O, R) kal onueiov X oTo-
Bepov EkTos TS, OswpoUper Tuy oV émiTredov Siepyduevoy
Bix Tfjs 20. ToUTo Téuvel TNV 0PXIPAV KOTA HEYIOTOV KU-
kAcv. ToUTou &youev Ty épatrTopévny ZM. To Tpiycovov
OMZ elvan dpBoycoviov &is 76 M. *Ex Tou M &youev Thy
k&betov MH mpos thv OZ. "Ek Tou &pf. Tprywvou OMZ
(oy. 212), €xouev :

OM2=0Z.-0H f§ R2=0%-0OH, ¢ oU: OH = I

o O
A 6Troia oyéots Ekppadel 6T1 TO H eivan oTaBepdv onpeiov
gl Tijs OZ.
Exk ToU &pf. Tprycovou OME Exouev :
x2— HM2= HO-HZ, ¢ o¥: x= VHO. HEI = dpicpévov.
*Apa O M keltan &l kUkAou Tiis opaipas (O), kév-

Tpov H kal dxTives x = VOH - HZ, xai xat’ dxohoubiav £ M elvan yevéteipa
KOVOU, Kopuefis = Pt 68nyov Tov kukAov (H, x).

*Avaistpopwg. “EoTw M Tuyov onueiov ToU kikiou (H,x). ’Emaidn elva
x2= HO HE, 10 Ttpiywvov ZMO tlvai dpboydoviov els o M. "Apaf) OM L ZM.
Té M kal 1) ZO 6pilouv Emimedov, Téuvov TNV opaipav KaT& PEyIoTov xUKAOY,
Siepyduevoy S1& ToU M. *Apax 1) ZM, ds kéBetos émi Thv OM, elvan épamrTopévn
ToU peyioTou ToUTou kUKAou eis T anueiov M. "Apa fij ZM EpamTeTon TS apai-
pas €ls TO onueiov M.
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‘H dvotépw kwvikn dmpdveia kaheitan neprysypappévn mepi THy ogaipav (O,R), # 8¢
ogaipa Eyyeypappivn els Thy dv Adye Kwvikiv Empdveioy.
‘0 xiKkAos (H,x) xkoheiton kikhog trapfis Tiis ogalpas xal s kwvikis émigavelas.

226. IIEPITETPAMMENH KYAINAPIKH ENI®ANEIA ITEPI EDAIPAN.
Bewpolpey ogaipav (O,R) kai fva péyioTov kUkAoy aris. Oscopoipey éi-
ons 16 alvorov T&v eiBeidy () Té@v TapaAMiAwy Tipds ToV &Eova Oy ToU pe-
yioTou ToUtou kUkAou. Td ZUvoAov T&v elBeiddv (N

- Eu glvan, @5 yvwoTov, kUAIWSpIKT &k TEPIOTPOPT]S Emipd-
i . VEIQ, WE OBMYOV TOV MéyloTov TOUTOV KUKAOY.

T' "Av eis Tuxov onueiov M ToU peyioTou kUxhou

ae (O,0OM) &x8ij épamrrouévn MT, kewpévn &l ToU EmriTré-

y ‘lM Sou ToU kUxAou ToUTOU, TOTE N MT 8& elvan kéBetos
ST . Y gy oap \

eml TNy yeveteipav MIT, 1o 8¢ émimeSov TMIT 8& elven

epaTopevoy Tiis ogaipas (O, R) &is 1o anueiov M kai

Tfis KUAWBpIKTs Emipaveias kot ufjkos Tijs yeveteipas

e MI arrs.

. H dveortépe kuAivBpixt émipdveia B AéyeTal me-
Ix. 213 pLreypappévn Tepl v ogaipav (O, R), f & ocpaipa

Eyyeypuppévn s ThHy KUAWSpIKNY TalTnv Emipdveiay.
‘O péyroTos xikhos (O) kedeitan kdkhog inagiis T®V 8lo ToUTwy Emipa-
VEIGY.

AZKHZEIZ

713. Na amoBery8fj 611, tdv MT eiven EpamrToutvn ToU 68mMyol kUkAou (H,x), (ox. 212),
TOTe 10 mmimedov IMT dpdmTeTon ToU kdwou KoaTdr THY yevéTeipav M kai Tiig ogaipas tlg TO
anpeiov Touto M (épantopevov Eninedov agaipas xai kwvikfs émeaveios ).

714, Na amodey®i 671, tw MT elvan 2pamrropévn ol neyiorou kikAou (O,0M) eis T6 on-
uetov M kal 1) yevéteipa MT T xuhwdpikils Emoeaveios (ox. 213) épifouv EmrimeSov, 16 drolov
fpamreTan Tiis opaipas (O,R) xad Tis kUAIEpikfs émipaveias (fpantopevov Eninedov opaipas
xal xuAwdpikiis Empoveias ).

715. Avo ggalpan Eyouv dxtivas R = 5 cm kad R, = 3 em. Tlolan efven ai oxeTikad Oéoets
aUTGY, Exv 1) BrakevTpds Twy elvar :

d=15em, d=8cm, d=4em, d=2cm, d=1cm ;

716. Naxelpedf # oyerikhy Béois 5o opoupdv, STav f) Bidkevtpos d kai of dxTives R kol

R, &xowv Tas axohoUBous Tipuds elg ExaTooTOHETPA.

@ [ SR RS e
S R
R, SRS D | SiEy e 7

717, Al dxTives 8o Gomipdy Tepvoptvew gvan R — 3 V3em, R, =2 V13 em, kal f
Sidkevtoos d = 13 em. N& Utmohoy1o6) T ufikos kad TO EuPadov THs Topfls alTGV.

718. AiSovTon 8o anusia A,B orabepd dkTos EmiméSou (1T) kal Tpds To alrd uépo, aUTou.
Né elipebfi & yewpsTpikds ToTos Téw onueiwv M 1o (TT), &mwd T& émola Td Tpfjuc AB paivetal
Umro epBiy yoviay,
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‘Opoiws, fvae MAZ + MB2 = k2.

‘Opoiws, iva MA : MB = (s v 1.

719. 'Ao T& onpeia wds ogaipas(O, 1) &youev elBUypauua TufpaTa prikous A, TapdAAn-
A pos oBeigav BiedBuvaw (5). Na eUpedii & yewn. TéTos TdY EKpowv alTdy.

720. TS kévTpov O was ogaipas kelton émi ToU BixotopolvTos émimidou uiav Siedpov ye-
viav. N& dmodeix8ij 671 al Topal Tév E8p&v kal Tis opaipas Eivon kukAol igor.

721. N& dmoBeiydij dm1 Umépyel opoipa TEpIyeypapuévn TEpt KGvoy Ex TEPIOTPORTS.

722. "lva £6GeBpov elvon Eyypapiuov eis oeaipav, Tpémel kai dpkei of EBpal Tou vér elvan
TETpaTAEUpa &y ypdapipa els KUKAOUs.

723. TI&s xUAwBpos & TEPIOTPORTS Elvan Eyypdyipos eis oaipav.

T24. Kéhoupos kévos ék meploTpogiis eivar TololTos, GoTe 6 Uyos Tou elvan picoy dvd-
Aoyov T&v BiapéTpwv Tév Baoedhv Tou. Né dmobeiydi 61 oUtos elvan Tepiypdyipos els coaipav.

725. Zoaipa dkTivos p eiven dyyeypaupéun es kidvov ék TEPIOTPORTs dkTivos Pdoews R
kal Oyous u. N& &mobeiydij émi: L = rl— - -2—.

1R p*  pu

726. "Emi T@v &xpddv Tpioopboywviou otepeds ywvias Oyl AauPdvopey TpiuaTa OA = q,
OB = B, OF = y. N& &pi1oB7 16 xévTpov kai ) dxkTis Tis ooaipas, Tis Siepyoutvns Sid T&v
onueicov A,B,I0.

727. Aideton opaipa dkTivos R kai {nTeiTan & yewu. Té10S TS Kopugfis TpiéBpou oTepeds yo-
vias O, Tis omolas al dxpal tpdrrrovran Tiis opaipas, &v xai al E8pan Tns elvan ékdaTn 60°.

728. "Emi émimédou (P) BideTan oTabepdv onueiov A kal pia otalepd ebfeia Ox, kaBetos tmi 1o
(P) €ls 76 onueiov O. OswpoUpev Tas ooaipas Tas épamTopévas Tou (P)els To A kal Té &1& Tis Ox
fpaTrTopeve ETiTeB o TV gpapddv TouTwy. N& eUpedf) 6 yewpeTpikds TOTTOS T@V onuEiwy ETags.

729. To duociébeTov oeuipas s TTpds KévTpov Eival oeaipa.

730. Tetpaébpou ABIA 1) Paois ABI elvan oraBepd, f) 62 kopuen A kweltal i opaipas
(O,R). Né& eUpeBfi & yewp. TOTOS TOU KEVTpouU Pdpous ToU TeTpaidpou.

731. Aidstan ogaipa (O,R) kai yxopdn Bl avtfis orafepd. "Ev anueiov A Siaypagel Thv
coalpav. N& eUpedij & yewy. ToTos ToU dpfokévtpou H ToU Tprydvou ABT.

732. N& &mmodeixdf 611 1O oxfjux, omep dmoTteAeitar ame dUo agaipas (O) kal (0,) Exel
&Eova cuppeTplas THy Sidkevtpov OO0, TGV aeaipdv, kal s Emimedov oUPUETpias TO Tuyov Sid
Tfis OO0, Siepyduevov.

733. ’Eqv t& kévTpa O, O,, O, Tp1&v opaipdv Btv keivton &1’ edbeias, T gy fjua TouTo éxel
tmimedov guppeTpias To (00,0,).

734. To oyfiua 16 dtrolov &moTeAeitTon &mo pic opaipay (O) kai piav eUdeiav (8), déxetan
G Emimeda ouppeTplas: 1) 16 Swapetpikdv éminedov Tiis ooaipas, 1o B Tiis (8) Biepyduevov.
2) To Biapetpixdv Erritredov Ti)s ooaipas, TO k&BeTov mpos ThHY (8).

735. Td oyfjux TO dmoiov diroTeAeitan amd piav opaipav (O) kai éva émimedov (P), éxe:
1) &Eova ouppetpias THv Bi& ToU xévTpou kaBetov evdeiav (g) émi 7o émimedov TouTo (P), kai
2) émimwedov cuupeTpias k&be émwiTeSov Siepyducvov 8i1d ToU duwTépw &Sovos cuupeTpias (€).

TTOAOI KYKAQY ZOAIPAZ
IAIOTHTEZ — KYKAOI ETIl ZOAIPAZ

227. MIKPOI KAI MEI'TEZTOI KYKAOI Z@®AIPAE.— EiSopev oOTI, moo
Toun ooaipas Umd Emmédou un Siepyouévou Sk TOU KEVTpOU TS elvan Evas
pukpdg KOKAOg, Kai Troa Touf ceaipas U EmiméSou Biepyouévou B1& TOU Kev-
Tpov aUThs elvan Evas péyletog Kbkhog aUTiis.

Q& yvwpicwuev 1181 uepikds iB10TNTAs AUTEHVY.
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228. OEQPHMA I.— Awx tpiddv Swakekpipévov onusiov A, B, I' pag coai-
pag Sipyetar Evag, kai povov Evag xdkAog.

MpdyuarTy, éav A,B,IM elven Tpia onueia évti Tfis opai-
pas (O), TauTx dtv elven SuvaTov v kelvTon & elBeias,
8161 pia evbeia €yl BUo povov kowd ompeia pETX WIES

TEUVEL TNV opaipav kaT& Eva kUkAov. "Ev yevel, TO émrime-
Sov ABIT 8ev SitpyeTon Bicx Tou kévTpou Tiis opaipas, kal
TOUT Efval UIKPOS KUKAOS.

229. OEQPHMA IL.— Auwa 800 drokekpipévoy onueiov pias ceaipag diép-
yETal KOKAOG.

‘Anddeilng @ Alakpivouev TS EET)S TTEQITITCLOTELS ¢

o') Ta A,B elvan dvmiiapeTpika. Eis v mepimrwoiv
TouTnv Bia Tédv AB BiépyovTon ameipol peyioTol kUkAol
Tiis opaipas. ]

B) Ta A, By v elvon cavTidiopeTpikd. ToTe TO Kév-
Tpov O Tiis opaipas xai T& A, B, dpifouv émrimedov, Tépvov

TMV 0QATpaV KOTA EVa HOVOV UEYIiOTOV KUKAOV.

y') ’Eqv t& A, B, v elvan dvTiSiopeTpikd, TOTE B
ayTdv SifpyovTtal &meipot pikpol kUkAol THis opaipas, 516 T& A, B kai Tuyov
onugiov [ Tfis opaipas dpilouv pikpdy KUkAov.

To EAacoov T6§ov AB TOU UeyioToU KUKAOU KOAEITGI GQUIPIKT] GTOGTACLS
tOv enpeiov A kei B avtijc.

Sy, 215

AAAAl TAIOTHTEX

lov.— AUo TuydvTes péyioTol KUkAOl ogaipas SixoTououvTal.

20v.— T&s péyroTos kukhos opaipas Siopel avtnv els lo foa pépn (Huioeaipia).

3ov.— O1 péyroTol kikhol opaipas elval igol

4ov.— AUo pikpol xUxkhor Tis alTis opalpas, Toov dméyovtes Tou xévTpou Tiis cpaipas,
elven igor, kal dvTioTpdQws.

230. MAPAAAHAOI KYKAOI ZQAIPAX.— Ai topai c@aipog dno imimé-
dwv ntepeiiniov hiyoviar napaiinlot kOkLol c@uipac.

231. IIOAOI KYKAOY E@AIPAL.— "Eotw émimedov (P), 16 otrolov Tépvel
Sobeloav opaipav (O, R) kar& Tov kUkAov (IM). "Eotew H 1) mpoPoin 1ol O émi
7o émimeSov (P). *H Sidpetpos OH T opaipas (O), ws k&BeTos Emi 16 Emime-
Sov (P), elvan &€wv oupueTpias 81 THy gpaipav (O) kai Sik 1o &mrimedov (P).

A& 1fis OH Bewpoupev Emimedov (Py). Touto Téjwel Thv ceaipav (O) katd
peyloTov KUkAov kal To émimedov (P) kord plav elbeiav, Tépvouoav ToOv KUKAOV
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TouTov €l T& onueia M kai M, GULJLLETPIKOE s Tpos TO H (o). 216), kal kefpeva
&l Tou kUkAou ().

‘Otav 10 émimedov (P;) oTpéenTan
meplt THY OH, T& M kad M; ypdeouv
Tov kUkAov (7).

‘H OH Tépver 1nv ogpaipav (O) &is
BUo onueia TT kad TT;, dvniBiapeTpikd Tfis
opaipas TauTns, kal 1) TTTT; keAsitan, dog
yvwoTov, dEmv tol kikiov ().

T& onueia TT kad TT; kcAoUvton n6-
Aov ToU kUkAou ([M). "Apa:

I16)ov xOKAOL c@aipag kaiodviar td
onuein, elig ta onola 1) c@aipa tépveran . :
brd tob dZovog £vog KUkLov adrijc. Zy. 216

232. @EQPHMA.— "Exactog mohog £vig kOkLov c@aipag anéyer icov and
ta onuelo to¥ KOKIOU TOUTOUL.
Mpdyuart, -T& dpboywvia Tpiywva AHTT, BHIT,

CHIT, ... elven o, s Exovta Thv HIT kownv kai
HA=HB'=HF =...
"Apa A =B =TI =

‘Ouolws &rradeikvieTon 6T1 Kali ;
LA B T
Inpeimoig : Ta tofa TIA, TIB, TIT, ... Tév peyioTwv kUkAwyY,
T& omola dpifovTon &md Tov woAov TT kal &mwd T& onueia ToU KUKAOY
(M), elven foa. A16Ti elvan To8a iowv Yopddv iowy kUKkAwY. Kaholyv-
Tal 8¢ molikai dnootdcsig TV onpeiwv AB,I,. .. Tol xikdou (M)

T& Tunipata TTA =p; kad TTA = p, kodoUvtan mohikal aktiveg ToU KU-
rkAiou ().
Ex ToU (oy. 217) 6a éxwpev, &v OH =d :

lov: TIA% - nlAQ:‘ﬂHf A pi + P} = dR2,
2ov: A2 =TI, - TIH 1§ pi =2R (R —d),
Sevi: [il; A% =TT - TLH = 1 p2 = 2R (R+4)

“Av kA8 p 1) dxTis HA ToU xuxdou (M), ToTe :
d = VR*—p?
kol oi 8Uo TeAeuTtaian oyéoels yivovTal :
pP=2R(R—VRZ—p)) kol pi=2R(R+VRI—pd).
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‘Aviiotpooos : O yeopetpikdg tomog tdv ompeiov tiig opaipag (O,R), ta
omoia anéyovv arostaciv p, < 2R arno @hlo etabepov onueiov I tiig ggaipag,
givar kOkhog pé molrov 10 onueiov IT.

A16T efven ©) Tour) THis BoBeions ooeaipas (O, R)
ke Tfs opaipas, i Smola £xel kévTpov TO TT kai &xTiva
T6 dplopivov pfikos P; < 2R, kabdcov 1y Toun &uo
coaipdv elvanl KUKAOS.

"E&v & xixAos (M) elval péyroTos kukhos Tfis opai-
pas (O,R) kai TT, TT, oi éAol ToU peyiocTou ToUTOU KU-
KAou, T6Te 04 elvan OA = R kad OTT= R (oy. 218) kai
kat' drolouBiav.

ol=TIA?= OA? + OTI2 = R? + R>=2R2 & 0¥ : p, =RV2.

N )
Ta 766 TIA =TT,A elven TeTapTnuopia HeYioTOU KUkAoU.
To dvwrépw Bedpnua pds émTpémel va elpwpev THY SxTiva Bobeions
gpaipas.

233. Zoaipikog NaPfitng. A va ypaywpey Spws kUkhous el pds
opaipas yparalopeba eibikov Spyavov. ToUTo elvar kowods BiaPnTns ue
KeumuAwpéva oxéAn (oy. 219) kai pds EmTpémel vé AdPwpev ThHY &mo-
otagiv SUo onuslwy A kai B wmds opaipas kal va ypagupev kUkAous Ei
Tis Emeaveias THs cealpas TaUTNS.

Olre, ué moAov Tuydy onueiov TT Tis ogaipas (O, R) du- Ty. 219
véapeba va ypdaoouey &meipous KU-
kAous gl Tfjs opaipas TaUTNS.

Té& émimeda TGV KUKAWY ToUTwVY glvar TTapdAAnAa
s x&feTar i THV SiapeTpov TTTT,.

A va ypdywpey Suws péyloTov kUkAov Emmi Tiis
ooaipas (O, R), mpémer v A&Pwpey, &5 &volypa Tou
ogaipikoU SlaPrTou, TV xopdnv TeTapTnuopiov peyi-
oTou kUkAou Tfis ogaipas, fiTol p; = R V2.

Efven dvdykn, éropgvess, va yveaopifwpey TNV akTi-
va R Tfis opaipos. TIpds Touto AUopev TO dkdAoubov
TPOPANUA.

Ty, 220

FEQMETPIKAl KATAZKEYAI ETIl THX ZQAIPAZ

.

234. TIPOBAHMA I.— Aofeiong o@aipag va kutaokevaoBf) 1 dktic abriic.
Abverg : 'Eml Tfis oopaipas AauPdvopev &Uo Tuyxdvta onpelax A xal B. Mg
KevTpa Ta A kol B kai &vorypa ToU cpaupikoU BiaPriTou 1O alTd, Yp&pouev
Buo Té€a i Tfis ooalpas, Tepvdpeva els TO onueiov I "Emaidn A = B, To
I 8¢ xeiton émi ToU peooxkabérou mmedou Tiis ¥opdiis AB Tiis opalpas. To émi-
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TeSov ToUTe Téuvel THY oealpay KaTd weyioTov KkikAov, émri Tol émolou keiTal
ToA N,

‘Opoics, ué kévtpa & A,B kol axtivas foos, ebpioxopey &Aha SUo ofuela
E kai A, T& émoia 6& xeivtan i ol aUToU peyioTou ki-
KAou Tfis opaipas, &1l ToU Smroiou KelTol kal 16 [

"H&n, pé THv Bonbeaiov Tol opaxipikoU SiaPrTou, Acu-
Pavopey T& TufuaTa TA, l'E, AE kai koTaokeudlopsy i
gmimeSou Tplywvov TAE, Eyou TIABUPGS TG TuMuoTe TaUTa.
*H éxris R 100 mepryeypaputvou kikhou els 1O Tpiywvov
FAE slvan ) dxris Tfig Sobelons oeaipas (0).

235. IMpopinpa II.— 'Eni dofzgiong agaipag va rpuei BETIOTOG KOKLOG, Siepyopevos Sia
800 dedopivov onueciov A kai B avtfic.

ADGIG 1 Zuppvws TPds TO TRoNyoUNEVOY TpOBANLa uTohoyifopey Ty drTiva R THig gpai-
pas (O). Katémv pé kévtpa (mohous) T onpeia A kal B kai dxTiva
pp= RY2 YP&Popey kUKAous Etri TR ggaipas, ol dmolor TéuvovTa els
T onpeia 1T xad TT,. Efte pt ToAoUs (kévTpa) TO onusiov 11§ M, xal
&kTiva p, = A = R V2_ypc'zq>ousv kUKkAov, oTis B BiEADN &mod T A, B
Kkai, Tpogavds, 6& elvan péyioTos kikAog Tiis oeaipas (O, R).

Eav T& onueia A,B elvan dvTiBlaueTpiké els ThY opaipav (0), To-
Te Umdpyouv &melpol piyioTol kUkAol, Blepyopevor Si& T anuelawv
TOUTCOV.

236. Mpopinpa III.— °Eni doBziong oopaipag (O) va vpuoi péyiotog kokhog, diepyope-
vog S1d doBivtog ompsiov A tijg coaipag kai va elvar kabetog éni SoBévia péyiotov kikkov
A tfic ogaipag tadenc.

Aboig : Mt réAov TO 50Btv anpeiov A kal dxtiva B V2 (R 4
éxTis Tfis Sofeions opaipas O) ypdgopev péyiaTov kUkhov i Tis
cealpas, doTis Téuvel TOY &AAov Soxévra péyioTov kixhov els T& an-
ueta M kal My, dvtiBiapeTpikd Tol kixhou TA. Katémv ué méAov T
MA M, kol dktiva MA = R V2 Ypdpouev GAAOV PéYIoTOV KUKAOY,
Sais SitpyeTan ATO TO A kal efvan k&BeTos éml Tov Sobévta TA.

Mpdoyuat, 1) MA efvan xopdf TetapTnuopiou peyioTou kUkhou
Tfis opalpas, & kUxkAos TTAMIT, 8& 81A0Y &mrd 16 A, "Emeibhy 16 M el-
val ToAos ToU peyioTou KUkAou TTATT,, f} BidueTpos MOM, 8¢& elven
k&BeTos &l o EmimeSov ToU kUkhou TTATT,. "Apa & xUKkAos TTAIT, el-
vat kdBeTos i ToOv kUkAov TA.

AZKHZEIZ

736. ‘H d&mootaots Tou kévtpou ooalpas (O,R = 15 cm) &mo Té KéVTpov Bvds WiKpod Ki-
Khou aUTfis elvan 9 cm. N& Umohoy1o€f 1) ToAxn &krls Tédv onpeioy Tod WikpoU ToUToU KUKAOU,

737. Mixpds kUxAos opalpas dméyel &wd Tov wéAov 3 em, 7 B¢ ToAIKT &KkTls ToU KUXAou
ToUTou elvar 6 cm. N& Umohoyiobij 4 &ktis Tis opaipas kal 1) dxris ToU HiKpoU xUkAou,

738. Al dxtives 8o TapodifAwy kUkAwy oealpas elvar o kal B (a>B), fy & dméboTa-
ois Twv &. Tlola A dkTls Tfs oeaipas ;

739. *H dxis évds wikpol kikhou opaipas elvar 6 em, 7 && améoTacis alTou &md Tov Téhov
elvar 4 cm. Tlola ) dktls s opaipas ;
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740. ’Eml Bobeions opaipas v ypaoi] kUkAos &xTivos p, BiepxOHEVOS S1a BUo BeBopbvawv
onueiwv A,B Tfis ogaipas TauTns.

741, 'Ewi Sofeions opaipas va ypagi] xUkAos -ceBopévns dxTivos A.

742. “lva 800 kUKAO1 &viikouv els oaipav, TrpéTrer Kal &pkel vé& Exouv TOV aUTov &fova.

743. “lva 5o kUkAor kelpevor &l SUo Tepvopévev EmmeScv, dvfikouv els THY alThv oeaipav,
mpémel Kol &pkei: 1) vé Eyouv BUo kowd onueia. 2) v dpadmrwytal Tiis auThs eUbsias els To adTod
anueiov xad 3) oi &ovés Twv V& TépvevTar kal TO EmiTedov T&Y &dvwv Twv V& Téuv Tous 8Uo
KUKAoUs €ls Tégoapa gnueia OHOKUKALQL.

744. Bewpoiuey ogaipav (O,R) kai petafAnTiv Xopdhv aUtiis AB. N& eUpebf] o yewp.
témos ToU péoou M Tiis AB, dTav: 1) AB = A, 2) | AB Biépyetan S1& oTaBepol onueiou P (R
pévry TapdAAnAos Tpds Bofeicav SievBuvaty (§) xai 3) ‘H AB = A Bupyetan Six orabepou
onpsiov I { elven TapdAAnios Tpds Sobeicav SievBuvow (8).

745. N& karaokevacdi) opaipa Sofeions dkTivos R kal 1) Siepyouévn Sia 8Uo onueicv A,B
xal EpamToptun Sobeions opaipas. 2) Aepyopévn Bid onueiou A kai épamrropévn SUo EmmEdwy
(P) kad (P,), 3) Aiepyopéun Bi1& SobévTos onueiou I kal épamropévn Blo opaipddv. 4) Apyo-
uévn S1& BobévTos onpeio kai EpamrTopévn oeaipask ai Bo9évTos tmimidou. 5) 'Epamrtopévn &lo
tmméSeov kal w&s ogaipas xai, 6) 'Eparrrouévn SUo oceaipdv Kai évds Emimédou.
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KE®AAAION XVI

ZPAIPIKH ZONH — Z®AIPIKOXZ TOMEYXZ

OrKOZ ZOAIPIKOY TOMEQZ — OTKOZ ZOAIPAY AT,

237. OPIEMOX KAI ITOIXEIA IMAIPIKHE ZONHI.— Loaipiki (ovn
ovopaletar to Tdvolov t@v onueinv dbo naperinriov kixiov pmag cpaipug (0)
kal T@v onueiov tijg opaipag tavtng, 1@ onola Kelvrar petald thv Emnidev tdv
KUKA®V TOUT®V.

"EoTw pia ogaipa (O,R) kai Al BA 8vo Ta-
pdAAnAc! Topal aUTiis. To ZUvorov TGV onpeicwov TV
wihwv (AM) kai (BA) kad Tév onueiwv Tis &mi-
pavelas TTis opaipas, TGV TepleXOpévey peTady Tdv
U0 ToUTwv KUKAwY, KaAelTal spaipki} Lovn. Of ki-
kAot (AlN) kai (BA) kohoUvTan ﬁdoatg Tfis opaipl-
kfis Loovns, kal A &mwéoTacts HH, = v Tév 8lo Pa-
oewv KoAeiTon Dyog Tiis opalpikiis Gwvns.

Eav 16 &v 16V TrapoaAAfAwy EmméSwy EpdmTe-
Tau s opaipas &ls 1o TT; (oy. 224), ToTE 1) ORI
pikf) oovn Exel piav Pdow.

OUTws, ) opapikny Caovn [T E@ Eye plav Pa-
ow Thv EO. "Yyos Tiis cpapixils TaUTns Lovns elvar 1o Tuiua KT,

Tuydv émrimedov ywpiler TV opaipav s SUo gaipikds wvas pE piov Pa-
olv, TV Tounv THs ogaipas xai ToU émmédou ToUTOU.

‘H cpaipixd {ovn ABIA Buvaren v mapaybij amd 10 T6§ov AB (o). 224),
oTpEpoOUEvOU KarTd ywviay 2T Trept TV SI&uETPOY TITT, Tfis ogaipas (O), N dmoix
Sty Téuvel aUTo, kol Keitan &l ToU EmimEdou alTou.

1
Ty. 224

238. EMBAAON EI@®AIPIKHE ZONHE. — Kaloipev épfadov c@aipikiis
{ovng to dprov tiig axohovBiag TV Epfuddv TOV mopayopEvey EMQAVELHY uno
2k .y kavovik®v teflacpiveov ypappdv Eyyeypoppivoy elg 16 t0Zov AB, and 10
omolov mapaystar 1| cgaipikn {ovn.

239. YIIOAOIIEMOZ TOY EMBAAOY E®AIPIKHE ZQNHE.

*Eotewo AB TéEov peyioTou kikhou wids oeaipas (O,R), 16 dmolov Bév Té-
pveTan Urd T diauerpou TITT; THs opaipas TauTns. Eig & T6€ov TOUTO EYYpa-
QOUEV KQVOVIKTV Tebhaouévny ypauuty ACACB kol fotw OM 16 &méoTnHa
aUTHs.
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Eis mv (§213) elipouey 6m1 1o tupadov THs Empaveias, 1) dmoia TP Crye-
Tan Umd Tis kavovikfis TaTng TeBAaouivns Ypaupds, OTPEPOUEVT)S KATR yoviav
21 mwept Gfova T, uf TéwovTa althv, 5iSeTan YITd ToU TUTIOU :
E; =2w-OM.vu, ()
Evbo v T Uos Tfis opaupixis Leovns. "Apa B&
Exwpey :

opE;=2m-0pOM-u = 21t-R-v

fiToL : Ez=2tR - v (2)

‘0 1Umos (2) Ekepdder 6T :

To ippadov compikiic {Gvng icovtar npdg
0 yivépevov tiig epipétpou Evog peyiotou Ki-
KLov tiig cpaipag Eri 16 Dwoe tiig cQUlIpLKi]c
Cavne.

Inpeiveis : ‘O TUmros (2) éxppdler &11:

To &uBabov opaipixiis Ldvns elvan Té otiTd HE TO uPadov TS kupTHs Emipa-
velos kUAIVEpoU & TreploTPORRs dKTivog Béoews R kot (ywous u.

240. TIOPIZMA L— 'O r6y0¢ T@Y Epaddv dbo ¢g. Lovdy Tiig avtis oai-
pag isobtar mpdg 1oV Loyov t@dv VYOV avt@v.

241. TIOPIZMA IL— ‘O Léyog téov epfadav dvo icotydv ce. Lovdv, avi-
OOV opuIpdy, icoltal npog OV AoYov TV dkTivey TdY COUIPDY TONTWV.

242. TIOPIZMA III.— Avo ioobyeic 69. {dvar tijg adiig eoaipag ii lowv
cpapdv gival icodivapor.

243. TIOPIZMA IV.— To eppadov ceaipikiis LoOVNg pi piav Baocwy icobra
npos 10 EuPadov tov KUklov, Gotig Exer dxtiva v xopdiiv tod t6&ov, and 1o 6-
molov mapayetan 1) {éovn atitn.

244. EMBAAON IQAIPAT. — ’Edv 76 ToEov AB (0. 225) slvar fpiku-
kAos, 10 tuBadoy TO émoov B TopaxBf O adTol O elvan TO EuPaddy Tiis
opaipas, S Ty moicy U — 2R, "Apa 6 TUTros (2) yivetan :

E:=2TFR-U:2TFR~2R:41TRE, flTol : E: = 4n R2

245. TIOPIZMA. — ‘O rbyog t@V Epfaddv 0o coupdv icobrar Tpog 1oV
Aoyov 1dV tETpaydVOY tBY dKtivay avtdv.

Mpdyuam, tav E; = 4w R, kel E,=4m R’ —»
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AZKHZEIZ

746. ‘H axTis wm&s oeaipas eivar 3 m kol 16 Upos wds ooaipikiis Leovns aiTis elven
v = 0,4 m. N& Umoloyio8i] t0 éppaBov Tiis {covns TauTns.

747. To émimedov pikpou kUkAou ggaipas dxTivos 16 cm &éyel &mwd T6 kévTpov Tiis opaipas
améoTacty ionv wpds 4 cm. N& Umohoyio8f 6 éupadov Ty Lwvdv Tiis ogaipas TayTns.

748. To tuPadov oaipikiis Gowvns Uyous u = 5cm eivar 251,2 em®. Né& Umoloyiodf to
tuPadov Tiis ogaipas, els fjv dvnker 7 fcovn abTn.

749. Al mepiueTpor T@v Phoewy ceaipikis {ovns Uwous u = 0,2 dm eivar 8w dm «xai
16w dm. N& Umrohoy1o8f 16 EuPadov Tiis opaipas, els fiv dvrker 1) {ovn alTn.

750. To &upaddv oopaipas elvar 100w em?. Moia | &kris abThs ;

751. To £uPBabov opaipikils fovns Tapayopéuns Umd Té6Eou AB oTpspopévou Tepi ThHY Sia-
ueTpov PP, elvan lcoBUvapov pods T6 épPadov kukhikou SaxTuAiou dxtivewv PA xai PB.

752. Zoaipa dxTivos R va Tundij Umd émmédwy fowv dmexoviwy amd T KEvTpoy, s Tpo-
TTov (oTe TO Gfpoloua TG (uPabiy TV Toudy va eiven lcoduvapoy Trpos T6 épPadov Tiis Lwvns,
ThHv omoiav Gpifouv TaUTa.

753. Na& Umohoy1o87) 1o Gyos ceaipikiis fvng, yvwoTou dvtos éT1 T éuPabov Tng ioolTan
Tpos 1O EuPabov peyioTou kixAov Tiis opaipas, tls fjv dvnker 7 Gcovn.

754. N& &mrodeiy 8] 6T 1) feovn, Tiv dtroiav dpifouv Blo dudKevTpol oaipa Tl TpiTns opai-
pas, Biepxouévns Qo TO KévTpov Twv, Exel EuPaddv oTabepov.

755. AoBeloa opaipiki Lwovn v Sicipedi) els péoov kai &kpov Adyov UTTO KUKACU TapaAin-
Aou Trpos Tas Pdoeis Tiis Loovns 1) els BUo pépn dvddoya TV dp1Bpdv B kal v.

756. TS éuPadov povoPaoikils oeaipikiis fovns looUTtan Tpods 10 éuPabov Tou kukhou GkTi-
vos fong wpos Ty Xxopdnv Tol Téou, TO dtrolov Tapdyel THV founy TaUTny.

757. Avo rikhor (O,R) kai (O, R,) épamrovtan £§coTepivdds £is 1o onpeiov I "Ayetan 1
tEwTepIKY EpaTrTOpéVT aUTY AB kai TO oyfiua oTpégetan mepl Thy OO, katd ywviaw 2m. N&
&rodeiyBij 611 TO EuPadov Tiis dmipaveias, THv omolav wapdyer 1) AB, elvon péoov duddoyov
ueTafy TV EpPadidv TV ooxpdv, al dtoial TapdyovTal UTrd T@Y kUkAwy () kai (0,).

246. ZTOAIPIKOZ TOMEYZX.— Oecopoupev kUkhov (O, R) kai kukhikov To-
péa avtou OABO, pn Tepvouevov
UTo Ths SropéTpoy 1T ToUTou.

T Shov oyxfiua oTpéPeTal Kat-
Ta ywviav 21 Tepl TNV Si&ueTpov
7T, omdTe B TTapay i Umd TOU
KUKAIKOU TopEwS Ev oyfjpe, TO O-
TToloV KOAEITAl GQUIPLKOG TONEDC.

"Qote: Loaipikdg topedg Ka-
Lreltar 10 oxfjpa, t0 omoiov mapd-
v€tol OO KuKAlkOD Topém¢, GTPE-
@opévoy Kotd yoviav 2n mepi diapetpov tob kikhov gig v avilker, kai 1 omoia
SEV TEUVEL GDTOV.

Iy 226

<

Efven mrpogavis 8Tt & o@aipikds Topels mepiéyeTan petal SUo keoveov, Tous
&molous Trapdyouv af drtives OA kai OB kai Tfis oeaupikiis fovns, Tnv omoiav
Trapdyel TO TéEov AB ToU TOMEWS.

‘H Zeovn cdTn koAeital Paoig tol oparpikod topiwme.

195




237. OTKOEL IPAIPIKOY TOMEQE. — "Oykov coaipikol Topfmg kKalob-
pev 10 Bprov tiig dxolovbiag @V Bykwv TV napayopivov oo 2K v Kavovik®v
nolvyOVIK®Y Topémv Eyysypappévay i KUKAIKOV Topéa, CTPEQOpEVOV KaTd YO~
vigv 2n repi GEova 1ob Emunédov Tob Topig, Siepyopsvov Sua tiig KopueTig adtod
kai pi tépvovia avtov.

Inpeiootg : [oAuywvikds Topels kadeltar TO ToAUywvoy, Tou dmroiou SUo
TAsupai oupTriTTouY WE TS OpIKAS &KTIVOS KUKAIKOU Touéws, i 8¢ AotTral TrAsuU-
pai Tou elvan yopBal ToU TEEoU ToU kUKAIKOU TOHEWS.

248. YIIOAOTIEMOE TOY OLKOY I®AIPIKOY TOMEQE. — “Ectw
oAUy VIS kavovikds Topeus OATAEBO, &y yeypaupévos els TOV KUKAIKOV TOPEX
A OAB dxTivos R kal kévtpou O, xal Tou
&moiou 1) Paois (Téfov) AB efvan -
kpoTépa 1) Ton &vés fjukukAou (oyx. 227).
To Shov oxfiua oTpépeTan Tepl THY
Biapetpov [T, Tou kUxkAou (O), fj émoia
Bev Téuvel TOV Touéa. *Eotw OH 1o &-
TOCTNHA TOU KAVOVIKOU TTOAUYWVIKOU
TOMEWS.
‘O Sykos TOU TrapoyOpEVOU GYTIMOTOS UTTO Tiis £mMipaveias ToU Kavovikou
TOAVYWVIKOU Topéws elva :

06 e BN
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1
vV, :-'BH'OH'[EAF+ Era + Eae+ Egp] =

1
= -OH-[2m-OH -y + 2mw-OH - y8 + 21-OH-8e + 27-OH - eB ]
2
= - OH? . (ay + y8+ 85+EB)=%W-OH2-U
*Hvor: V, :-z—ﬂ'-OHz-U, (1)

gvBa v 1) &pBn poPoAn Tou TéEou AB érl Thv SidpeTpov TTTT,, T droiov kodsiTal
kal Byog ToU opaipikoU TouEws.
"Ex ToU Utrou (1) AapPdvouey :

- 2
op\'Z:—B—Tr-op(OH)z-u=%1‘r-R2-u 2)

"Emraide), €€ opiouod, op V, = Vi, 1) oxéois (2) yiveran

Vee=—aR2. v 3)

‘H oxéors (3) ypdoeTen kal dos EEfs :
R

Ve =2rRu- —3— (4)
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kal tkppaler 671 :

‘O dykog c@uipikod topiwmg igobrar mpdg 10 vopevov 10D EpPadod tig Pa-
cE(®g Tov £mi TO Tpitov Tijg dxtivog tiic o@aipag, £ig fijv avikel

249. OT'KOZ IQAIPAZ.— ’Eav 1o t6fov AB Tol peyioTou kixhou TTATT,
(ox- 227) yivn foov Trpos Tov fuixurkAoy TTABIT,, Téte u = 2R, kal 6 fuikuiios O&
Ypdyn opaipav Siauétpou T, = 2 R. “Emwopéves, dv els Tov TUTov (3) dvTikara-
oTNowey TO U ut 16 2R, 8& AdBowpev Tdv dyxov Tis opaipas (O, R). Anhadt :

Voo = — 7BE. )

"Edw &is ToV TUTTOV ToUTov Béowuey R = 8 (2, &mrou & 1) BidueTpos Tis opai-
pas, & AdPoopev TOV TUTTOV !

Voo = % nd%, @)

250. ITOPIZMA.— "0 Ldyog t@v dykwv 800 cparpdy icobtar npdg tov Adyov
T@V KOfov T@V dktivov avt@v.
MpdyuaTi, &&v :

Vo
—_— E

= 3)
v, Rg

V,= — 7R}

W

AZKHEEIS

758. ‘H dxis mds ogaipas elvar R = 12 cm. Tlolos elvar & &yxos Tns ;

759. ‘O Syxos opaipas elvar 367 m3. Tlolov Té ¢uPaddv Tns;

760. Tlolos & Syxos ogaipas Treptyeypappévns is kiBov dxufis o ;

761. Tlolos & &yxos cpaipas Tepryeypaupévns 7| Eyyeypauuévns els kavovikov TeTpdedpov
SKpufs o ;

762. Aibetan ogaipa (O,R). TTolos & Adyos Tidv dyKwy T&V kiPowy byyeypappévoy Kol Te-
prysypaupévou eis THv oeaipav TalTnv ;

763. AiSeton opaipa (O,R) kai InTeitan & Adyos TV SyKwv TRV KOVOVIKGY TETPaEbpwY
Eyyeypaupévou Kol Teprysypappévou els THy cgaipay TaUTnv.

764. ’lodmAsupov Tpiywvov ABI mheupds a oTpégeron Trepl To Uyos Tou AH. Oewpoipev
kol TH Eyyeypauuévny coaipav &5 TOV Tapayduevoy kvov UTd Tou AHB. N& dmoderydi om
& Adyos Tév Sykwv Tou kodvou kol Tis opaipas TaUTns, loolTean wpds ToV Adyov T@Y EAIKGY
tmpavaidy TV SUo ToUTwy oymudTwv.

765. Aiberan teTpdywvov ABMA mAsupds o

a) N& xaTaokeuaodi yewpeTpikés i kopugh = W&s TeTpaywvikiis TupapiBos wé Pacw
<& TeTpdywvov ToUTo, olTws QoTe i TOAUESpos ywvia Z va Exn E8pas oas wpds % txaoTnV.

B") N& 6p109f] yewpeTpikds 1o kévtpov O Tiis Tepiyeypaputvns opaipas els ThHy Tupapiba
TaTny, Kabds kal dyxos Tiis opalpas TaTns.

y') N& dp1o8f] o kévtpov w xal va ebpedfi & Sykos Tfis dyyeypauuivns ogaipas €ls v
Trupapida TauTnv.
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§) N& piodij dhyePpixéds T6 kévTpov w, Tiis oaipas, TS tpaTrTONEVNS TGV OKTG SRV
Tiis mupapiSos TABFA. "Edv 8% w, O = X, va Umohoyiobf fj dkis Tfis cpaipas TalTns.

') N& opiofi) yewpetpikds 1O kévTpov w, Tiis opaipas, TS tpamrTopévns ToU émiméSou TS
Boews kol TV TeoTdpwv TapamAeUpwy drudy Tis Tupapidos. N& UtroAoyiolij To Tufjua Ow,
kal 7 éxTis TS oaipas TauTns.

o1') N& Umohoyiofolv of Adyor Tol Sykou ékdoTns TV TponYoUNEVLY TRaIpRY Trpos
Tov Sykov Tiis Tupapidos.

766. "Edw vy, Uy, Uy, v, elvan T& Oyn TeTpatdpou ABTA, T& &ydpeva éx Tév xopugdv A,B,TLA,
duTioTolyws Kad p, Py, Pa Pas Py, o GKTIVES TEV TQaipdy, &yyeypauuéuns kal Trapeyyeypaiye-
vy duTigTolyws s Tas ToAvéSpous ywvias A,B,ILA, va &moday8) &T1:

1 1 1 1 1
I e e
Yy U, Uy uy P Ps Y, Yy Va Mg

b il 1 1 1 1 ) 1 1 1 1 1
25 e o ot rid e R e e B gt s S
B P Yy Yy Yy Y | ? P4 Vi Vs Vs Yy
)1_1 1 1 1'51,) e it Lt Lo 2
G pr Yy YUy Vs f P Ps. . Pi P

767. ‘0 &ykos V, oaipas, & dykos V, kuAivSpou Teptyeypappévou eis ThHv ceaipav TalTny
xai & ykos V, ToU mepryeypaupévou mepl THY aUTnv ogaipav lcomAelpou Kdvou oguvbéovTat
&ia Tév oyigewy

Vi, Ve o V5

4 6 O
768. N& &modeiydij 6Tt T& ufabd Tdv OMKDY EmMQaveldy TGOV TV aXnpdTwy guvdéov-
To1 Six TV oyéoewy :
«) F=—2==5 B)EM:Vi=V,.V, ) E=E
769. N Umoloyiofolv af dxtives R kal R, 8Uo coaipdv, #wv eivan R—R; = a kal
VoV, = 4np .
770. Tav kavovikdv ToAUeBpov elval Eyypdywipov kal meprypdyipov mepl coalpav. Tlolol
of Sykol T&V oeaip@dv TolTwy, B’ SAa T& xovovika ToAUESpa ;
251, TOATPIKOZ AAKTYAIOZ.—"EoTw kikhos (O) kévtpou O kai &kTivog
R, xop8n altol AB kad Biduetpos TTTT;, uf Téuvousa ThHv Xopdhv AB. Td #Aco-
gov TéEov AB xoi 7 xopdt AB
aUuTou Opifouv TO KUKAIKOV Tuij-
poe AGBA (oy. 228).
‘Opispos. — ’Ovopdalopev
cQUIpLKOV duktoilov 10 oyijpa,
10 omolov mapdystal and 10 Ku-
KAKOV tuijpa A@BA, 6tav tovto
otpa@ii nepi Tiv diauetpov I,
Kata yoviav 2rm.
Ty. 228 "Eotwoav H kai H; ai mpo-
Bohai Tév A kai B &mi Thv Sia-
petpov TTMT,. To Tufiua HH, = u kadeiton Hyog ToU opaipikol SaxTuliou. Eivat
8nAabdt) To Jyos ToU opaipikol ScxTuhiou TO Uyos Tfis cpaipikiis Guovngs, 1) dmoia
TapdyeTar &md 16 16Eov AB.
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‘Emouéveds : ‘O opoipikds BaxTuhios épiletan &md THY ceaipikiy Ldvny
Uwpous HH; = v xai &mo v kupThv Emipdveiav kohoUpou Kmvou k TEpLoTpogis,
L& &mocTNUa THV Xopdnv AB.

252. OI'KOX ZOAIPIKOY AAKTYAIOY.— TTpopavéds, & dykos Tol coal-
pikoU SaxTuAiou eiven ) Siapopd TGV Sykwv ToU opmipikol Topéws, & &mroios
TapdryeTal &mod Tou KukAkov Toméx OAGB, kai ToU &ykou ToU oynuaros, TO
étrolov TapéyeTal o 1O Tpiywvovr OAB. Kat’ dkohoubiav, dv dydfj f OA k-
feTos &l 1TV xopdnv AB, 8& Exwuev BiaBoyikéds

2 2 : 2 1 2 2
\USZVUK_\‘OAB:—B—TTI{(zU—T'OA'EAE =—3—"'TTR2'U—‘3—TT'OA2-U=
- 2 2 2N 2 o, 2 1 gl 1 9
—777\1(1)1 OA)_—?TTU-AA —u—g—'IT-U-T-AB——g-TT-AB Y

¥ o 1

HTo : "Gs:—ﬁ—ﬂ-ABz-U (1)

‘O TUTros oUTos ékppddler &1 :

‘O bykog coipkod daktuviiov igobtar mpdg td Ektov Tob Gykov kuAivipov,
6 omolog Exer Uyog 10 Uyog tod cpaipikod duktuhiov kai dxktiva Paccmg Ty yop-
81V 10D KukhKOD TpfpaToc.

Inueimoig : "Av els Tov TUtov (1) Biowuev AB = 2R, xal v = 2R, mpokUtrTel & dykos Tijs
ogaipas (O,R).

Vo= %vAB”-u = % m-4R? 2R = % mR2.
253. ZOATPIKON TMHMA.— “Eotw ogaipax (O,R) kai pia SidueTpos al-

s TITT,.
"Ayouev 8o émimeda (P) kal (P;) ké&beTx &l Thjv SidpeTpov TTIT,.
TaUTa Téuvouv TH ogaipav (O, R) :

KoT& BUo KUkAous, kévtpewov H kai Hj.
’EvTeUBev Emetan 671 :

To Zovolov tdv onpeiov tfig o@ai-
pog Kai TAV EoWTEPIKAV oMpEimv av-
i, T@ Omola keTvTar peTagl TGV 600 T00-
Tov raparliov Eémrédwv, TEpvovioy
TNV cQaipav, KaAEiTUul GRUIPLKOV THijpa.

Al Topai (H) kad (H;) 16V év Ao-
Yo EMITESWY PE THY ogaipav KoACUV- Sy, 229
Tal Pacelg ToU SQAIPIKOU TUTRATOS.

‘H &mdotaocts HH; T&v kévtpeov Tév Pdoewv (H) kai (H;) koeltar byog

ToU OQAIPIKOU TUTHATOS.
’Eqv 70 &v &k @V Emmébeov (P) 7 (P;) elvan épamrTouevov Tiis ogaipas, TO
&VTIOTOIYOV TPAIPIKOV TUfiHa KaAeiTal povoPacikoy.
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"Av T& grimeda (P) kad (Py) elvan dparrTéueve, TOTE TO QvTioToI OV TQaIPIKOY
Tufjua elval GAGKATpoS 1) oQaipa.

Kord TaUTa: “Edav &rinedov tépvy coaipav, tépver avtnv eig 600 povofa-
OIK( oQUIPIKE TpNpata.

254, OTKOZ ZOAIPIKOY TMHMATOZ.— [Mpogavis, & &ykos Tou opaipi-
koU TufpaTos elvai To &fpoioua TGV &ykwv Tol opaipikol SakTuAiou, & dtrolos Ta-
pyeTan &mo T kukhikov Tufina AGBA (ox. 229), xal ToU koAoUpou kovov, SaTis
TopdyeTal &mod TO dpfoycoviov Tpaméfiov HH,BA. Olrtws, tav 7e6f HA =B,
H,B =, HH; =u, kai &y87 7 k&Betos Al émi thv H,B, 8& elven Al =u xal
B =a—pB. "Apa:

AB2=u? + (o — P)2=v2+ o®+ B2 — 2aP @))

"Apar & &yxos V ToU cpaipikol TunuaTos 8 elvat

R (a*+ P* + af) :—IW(U2+G2+!32—20(B)+

6 3 6
'—lTru(ﬁ—'—Bz’c)flTru"LITr(cxz—}-Bz)u
i e a® +aop TG =

3 = 1 1

Hror: Vou m,-,u.,m:?nu"+7n(ﬂz+ﬂz)'u (2)

’Eqv 1o gpaipikdv Tufjpa elval povoPaoikéy, ToTe B = 0 xai & TUmos (1)
ylvetan

< 1 1
"uuvoﬁuuu{oﬁ cP. TuAnatogs — T no? -+ T nazv (3)

*Emeidn) els 1O povoPacikdy ceaipikov Tpfjua T1,BB; elvan
a?=H,IT-H,TT;= 2R — H,TT)) - HyTT, = (2R —v) u= 2R v — V¥,
6 TUmos (3) peTaoynuaTileTon els TV :

e
Vuuvoﬂna\xnb 6. tuipato — T nu= (3R* U) (4)
AZKHZEIZX

¥ 771, N& Umohoyiod7) & Sykos agaipikol SakTuhioy, SaTis TapdyeTan &rd KUKAIKSY TN,

ToU dmoiou 1) xopdh AB eivar TAeupd TeTpaydvou éyyeypappévou es kiKkhov dkTivos R, 7 &8
Bi&peTpos SibpyeTan &mo T6 A.

772. ‘Opoiws, &v f xopdh AB elven TAeupd igomAsUpoy Tpiydvou fi kavovikeU &faydvou
tyyeypauuévou els kUkAov dxTivos R kal | BiapeTpos SifpyeTan &mo 1O A.

773. Zgaipa dkTivos 6 m Tépvetan Ume émméSou &méyovTos Tou kévTpou 2u. N& UmoAoyi-
ofin 6 Sykos ixatépou TGV TPAIPIKGY TUNuETWY, s T& STola Siaipeitar 1) ggaipa UTd TOU
tmméSeu ToUToUu.
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774. ‘H S1&uetpos opaipas (O,R) Tépvetan Umd 8o Emimedwy kabéTwy mpds oty els Tpla
foa pépn. N& UmroAoy1o8f & &ykos TGOV TPIDY oeaIPIK@Y TENRATWY, T& OToia TPOKUTITOUY.

775. AibSovten BUo dpdkevtpor kUkAot {3, R) kad (O,R,), #v8a R > R, xal 8o foat kai
TapdAANA01 XopSai alTdy. N& &modeiydf 611 of cpaipikoi axTUAiol, ol 6moiol fa Tapayfolv
&rd T& U0 KUKAMIKE TufuaTa, dTav TaUTa oTpagouv Tepl piav Siduetpov, un Tépvoucav aUTé,
KkaTd ywviav 2T, sivan looduvauor.

776. Aidetan opaipa (O,R). ’Emi Tijs wposkTdosws mds dxtivos Tng OA AauPavopsy Tufjpa
AZ=R.’Ex ToU T &youev T&s EpatrTopévas Trpds Thy opaipav. N& Umoroyiodij & dykos Tol oyh-
paros, &mep SpileTar &wd TS dpamToptvas Kai Ths Emeavelas THS EAdooovos UOVOPaaIKTS apot-
pIKiis Lovns.

777.°Eqv (B), (BL), (B.) eivan T& éuPaba Tédv Péoewy kal Tfs ptons Toufs ivds opaipikoy
TufpaTos Uwous U, TOTe O dyxos ToU O@. TUNUATOS Elval:

V= B+ B+ 4P

778. N& &modeaydf 6T & dykos opaipikol SakTuhiou lgouTal Tpos Ta 2/3 ToU Gyous Tov
¢l T uBabdv TS Toufis Tou Umd Emimedou kabéTou els T péoov Tou Uyous Tou.

779. AiSovtan Vo ogaipan (O,R) xai (O,R,), @v 1y SidxevTtpos autédv eiven 00, = d.
"E&v ol ogaipan alTon TépvevTal, v eUpedij 6 Sykos ToU Kowou pépous alT@dv.

780. N& Umrohoyiodij & &ykos ToU oxnuaTos Tou Tepteoptvou wetafl SUo agaipdv (O,R)
kad (O1, R)) tpamroptveoy EwTepikds kol TeU mepryeypaupévou Kdvou Tepl aUTds.

781. ’lodrAsupos kédvos elval Teptyeypappévos mepl opaipav &xTivos R. Tolog elvan & Adyos
T&V Sykwv Kal & TOV Empavar®dv TV SUo ToUTWY CXMUATWY ;

782. KuAwspos elvar meptyeypapuévos Trepl opaipav dxtivos R. Tlolos elvanr & Adyos Tédv
dykwv kal & TV Emeaveldv aUTdy TEV dUo o¥nuaTwy ;

783. Eis xcovixnv &mgdveiav &k TepIoTpopis éyypdpousy Tpeis opaipas, @v ) pesala tpa-
TrreTan tfwTepikéds TGV SUo &AAwv. TTés ouvbiovTtan al dxTives TGV geaip®dv ToUTwy ;

784. KUAwdpos elvan mepryeypapuévos mepl ogaipay dxTivos R. Téuvopev 16 oy fina Umo Slo
tmimédeoy (P) xal (P,), xaBétewv mpds Tov &fova Tou kuhivEpou. Né& &mobeiybf] 611 16 EuPadov
s opaipikfis Zcdvns elvan lgoSuvapov Trpods TO EuPadov THs KUpTRS tmipavelas ToU kuAivBpou,
SoTis Exel Paosis Tas &v AOyw TOUGS.

785. KUAwpos efvar Tepryeypapuévos epl ogaipav dktivos R. Téuwouev Thv opaipav xai
Tov KUAwSpov Umrd Blo Emmédwov Siepyouévoor Six Tou &ovos Tol kuhivBpou. Na dmoderx8i
5T T& euBcSu Tév &rokoTrTopévwy Emigaveidy Erl Tis oeaipas xal ToU kuAivdpou elvan foa.

786. To £uPaddv opaipas Tapayopévns UTd HukUkAou oTpepopévou TEpl TRV S1GUETPOV
Tou eivcn pécov dudoyov pPeTaEU TEV EpBaBiv Tév Empavady TV Tapayoutvey UTe Buo
fuikavovik&dy dpoiwy ToAuydvwy, Eyyeypaupivou kol Tepryeypappévou mepl Tov fuikukiov
ToUTOV.

787. Aideton goaipa (O,R) xal fcwpoluey Tés Tpicoploywvious TpitBous ywvias, tkaoTns
16V dmolwv of Epa tpdmTovTan Tiis Tpaipas TauTns. N& eUpedfi & yewu. TOTOs TGV KOPUGRY
Z T@Ov Tp1Edpwy TOUTWY Ywvidv.

788. 'Eav R, p,, p. elvan ol &kTives TGV 0Qaipdv, TEPTYEY PaHBEVTS, tyyeypapuévns Kol tpa-
Trropévns TEOV drkuddy KUBou kal kavovikoU okTatdpou, va dmobeyfi) OT1:

) R*=p!+p kel B) —r =+ —

y') Ebpete dvahdyous oxéosis Bidt TO Koavovikdy Buobexdedpov Kkal xavovikdy elkogdedpoy.

789. OcewpolUpev TpEis crcpmpas tpatrTopévas dvd BUo E§wTepikdds kal ToU EmiméSou (P) xat&
& oTabep& onpeia A, B, T aUrol. *Edv a, B, ¥ elvar ol mAsupal Tou Tpiydvou ABT, v& Umo-
AoytoBolv al dxTives TGV oRaIpGY TOUTWV.
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790. Né& &mobeiyfij &1t & dykos ToU cpaipikoU THpaTos SideTon Ud TOU TUTOU !
1
V = mp2v — — TS,
F 1z
&b p 1) GkTis Ths peoaias Topfis aToU kai u TO Uwos Tou (tomog Maclaurin).
791. Aideran kUPos &xpfis o. Oswpolpey Shas Tas opaipas ék&oTn TéV dmolwv KelTan EvTds

) v ow 3 » . a o ~ = Ao ~ » ~
kUBou kol Exer BiapeTpov fony mpos —. Na dmodeiy8i) 6T 1o &fpoioua TEY SyKwv TEV opai-
v

pddv ToUTwV elvan oTaBepdy kal dvefdpTnTov ToU v.

792. Kuhivdpou To Uyos elvar Toov pds ThHv Bi&ueTpov Tijs Pagews auTou. Els TouTov &y-
Ypégouev gpaipav Kal tk TepioTpopTis kGdvov. Na droderx8i) 61 ol Sykor TGV TPIGY TOUTWY aXT-
uarev elvan dvakoyor TV dpilBpdv 3, 2, 1.

793. ‘O &y«xos loomAelpou kuhivBpou Eyyeypappévou els opaipav AKTIVoS R elvan péoos Gve-
Aoyos peTaly T@V Sykwy ToU Eyyeypappévou lcotrAelpov Kdvou kal ToU Sykou Tiis ogaipas.

T94. ‘O by«xos Evds kuAivBpou, Evos kdovou Kai Evds KOAOUPOU KGVOU £k TIEPIOTEOQTS TEpI-
yeypaupévev s opaipav éxTivos R igolTan mpds 16 yivdpevov Tou SAikou EuPadol Twv i T
TpiTov TS dKTivos THs ogaipas.

795. Kdvos &k mepioTpogfis Uyous u kai éxTivos Bdoews R Exel kopugnv To kévTpov gpai-
pas dkTivos Ry. N& Umodoy1o87 & dykos ToU ko1vou pépous TGV &Uo ToUTwy oXMudTwy.

796. ‘O &yxos V & mepidapPavopevos petafl SUo dpokévtpwy coaipdv (O,R) kai (O,R,)
elvan foadlvauos wpos Tov SyKov Evds KoAoUpou Kovou, ExovTos Baoels Tous peyioTous KUKAOUS
OV ooaipdv TouTwy kal Uyos To TeTpamAdoiov Tiis dmooTdotws d = R — R, 1@V opaipik@dv
ETIQaVEIGIV.

797. Alo foci goaipat (O,R) kai (O;R,) eivar Tolaltan dote OO0, =4R. N& Umoroy
ofif] 0 6ykos V, & mephanBavénevac netadl T@Y cpaipdv Kol TOU TEPIYEYpanuévou KUAIVBpoL

798. Aigetan ggaipa (O,R) xai kUAwdpos éyyeypaupévos els THv coaipav &xTivos Bagews
R/2. Na Umoloyiodfj 6 Syxos ToU kowol pépous quTéVv.

799. AiSeran fjuikukos Siapétpou AB xal onuelov I i Tis AB. M¢ Biauétpous Al xai B
Yp&pouev BUo &AAous fuikUkAous EvTods Tou TrpddTou. To Shov oxfiua oTpégeTan Trepl THv AB
KaTd yowviay 2m. N& Umohoy1o8i] & Sykos ToU oxnuaTos, Tov omoiov 8& ypawn TO KapTruAsc-
YPOUHOV Tpiycovoy, TO TXMUATICOUEVOY UTTd TAV TPI@V HMIKUKAWY, ouvapThosl T@v Al=a kai
B=p,

800. Occopolipev kidvov & TrepIoTPODTS, TEpIyEypaupévoy Tepl opaipav (O,R). Té éppadodv
ToU kUKAou ¢rapiis iooiTan pds THY Slagopdy TV EUPad@y TEY UTd ToUTwy dpiGoutvev i THs
agaipas povoPacikiv oeaipikidy fwvdv. N& elped 6 Sykos ToU Kwvou.

801. N& Umohoyiobii T6 EuBadov xad 6 Sykos &UEIKUPTOU TOAIPIKOU PAKOU &K TOU Tréryous
aUToU ¢ kal TGV dxTiviv R, Py 1@y ceaipiv, al dmoial dpifouv ToUTov.

802. To citod mpdPAnua, &v & gakds elvan KOIASKUPTOS.

803. Na& UmcAoyio8 & &yxos &ugikoidou @akolU, guvapTioel TV dxtivwy R kai R, Tév
geaipdy, al omoial Tov dpifouv, ToU Tayous £ aUToU kual Tis dkTIvos p TS KaBéTou Toufis
auTou Tpods Tov KkUplov &fova ToU @axou.

804. Na UmohoyiaBij & dykos kdvou gk TepioTpopfis &kTivos B&oews p, TIEPIYEYpaupévoy
Tepl goaipav dkTives R.

805. Oecopolpev BUo opaipas (O,R)kai (O, R,) éuokévtpous ut R > R,. N& Gmrohoy1087 6
Sykos V, & mepihapBavdpevos petaby Tév opaipdv kai BUo Emimédwy TapaAAfAwy, &TEXSVTWY
&mo 10 kévtpov O dmooTdoels dvTioToiyws a kal a+B, ffa a+P < R kal xepéveov mpos T
aUTd pépos Tou kévtpou Q.
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KE®ANAAION XVII
TPAIPIKH FONIA — ZOAIPIKON TPIFQNON
STOIXEIQAEIZ TAIOTHTEZ

255. TONTA AYO MEIIZTOQN KYKAQN I®AIPAEL. "Eotw opaipa
(O,R) kai ABA, péyioTos kukhos adtfis. “EcTwoav
TT kai TT; of TréAor ToU peyioTou ToUTOU KUKAOU
Tiis ogalpas. :

*Ectwoav (P) kai (P;) 8Uo émimedy, Siepyoueva
Bi& Tou &Eovos TITI,. TaUta Tépvouv TNy opaipav
(O,R) kat& BUo uexioTous wikhous (TTATT)) ki
(TIBTT,). Eis 16 onueiov TT &youev TS EparmrTopévas
T kad TTT,; TéV fukikhwv (TTATT) ked (TTBITT,).
‘H ywvia @ Tév ¢pamToptveoy TTT kai 11T, koAeitan
yovia TV dYo fuikukiwy (TTATT) kai (TIBIT). Al
TT xai TTT, xeivton &vTioToiycos émi T@v Emime-
Bdwv (P) xai (Py).

‘H &mréAuTos Tipn Tiis yevias TTIT, elven ion
Tpos THY &éAUTOV TIUNY THs QvTioTolyou émmeSou

Ty, 230

Tfjs B1tSpou ATITT, B, 8nAcdt | ¢ | = | AaB . “H Tipf) ern efven fom wpds Th &mro-
AuTov TIufV ToU TéEou AB ToU ueyioTou kikhou (ABA,) Tfis ogaipas (O).

‘O péyloTos KUKAos, & &mroiog Eyer dos TOAOUS T& onueia TT kai TT; Tepiéye
ToUs orous K, K kad A, A, Tév peyioTtev kikhwv TTATT, kai TIBTT, dvtioTobyws.

"Av af yovica AOB kal KOA #xouv Ty abthy Siaradw, elven ioat, 51011
Eyouv T&s TTAEUp&S Twv KaBéTous. “Av 8ucos Eyouv dvTibetov Biaraiy, ToTE elvan
TOPATATpORATIKAL.

’Ex TGV &veoTépw EmeTon OTL:

OPIEMOZL : Tovia 3bo peyictov KiKLoV coaipas kahsitor i yovia tdv Epo-
ntopfvev TV peyicTeV T0OTOV KOKAOV £l Td onueia tiig Topiig adTdv.

256. XPAIPIKON TPITQNON KAI ETOIXEIA AYTOY.— Occwopoluev
Tpie8pov ywviav Oxyz kai Tuxcloav opaipav (O, R), 1) omoia v Exn KévTpov TO
onueiov O (kopughv Tiis Tp1Edpou). Al dxuai Ox, Oy, Oz Téwvouv TV cpaipav
komd T& onueia T, B, A dvTioToiyws.

Ai £8pan x0Oy, yOz, zOx Tépvouv THY ogaipay KaTd LeyloTous Kkukhous al-
Tfis, Siepyonévous Bid Tédv onpeiwy B, I kal B, A kai A, T dvTioTolyws.

OZIZMOE. Kalodpev cpuipixdv tpiyovov ABI 10 Livolov tdvV onusiov @V
t0fwv AB, BI', TA.
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T& onpeic A, B, ' kahoUvTal kopupai ToU opaupikol Tprywvou ABT.

L N S T SN i -~ =

Ta 166a Bl =a, TA=Pp, AB= y xololvtan mhevpai Tou ceaipikol
Tprywvou ABT.

Al ywvial A, B, I Tév épamTopéviov TGV peyioTwy TouTwy kUKAwY, Bewpou-
pevev Gua 8o, eis Ta kowd onpeia A, B, I alrdv, kaholvTtal yoviar ToU ogaipi-
koU Tprycovou ABI.

Al TrAeupai ToU ogaipikou Tprycovou ABI
elvon T ToEa peyioTwy kUKAWY, TA AVTICTOL-
XouvTa €is Tas £8pikas ywvias TS Tp1ESpou
Oxysz.

Al yovicn ToU opaipikou Tprywvou elval
ioon pos Tas GuTioTolyous EmiTéSous TGV Bié-
Spowv Tiis Tp1ESpou Oxyz.

Al yvwoTal mpoTdoels, ai dvagepdueval
el Tas TP1EBpous ywvias, &xouv &vTioToixous
TpoT&oEls eis T& oPaIpIkX Tpiywva.

Sx. 231 Eig 1nv mapamAnpwpaTikhv Ox, v, Z; do-

Beions Tpitdpou Oxyz dvTmioToixel éml Tijs

apaipas (O) &v &ARo opaipikov Tpiywvov A'BT, Té dmolov dvoudleTal ToOAMKOV
Tpiywvov Tou ABT.

EiBopev dvwtépw, 6TL TO ogpaipikdy Tpiywvov ABI copichn ¢ Topn Tis
ogaipas ko sl TpIESpou ywvias, Exolions kopuen T kévTpov Tiis opaipas.

"Eqv 16 kévtpoy Tfis opaipas elvan xopugt wids ToAuESpou yeovias, TOTE 1
Topn Tfis opaipas o THis TOAUEBpoU TaTNS Ywvics elval ceaipikov Tolbywvov.

‘Emropeveos, émri Tév TpoTdoswy TéY dvuagepopéveov els Tas TToAUESpoUs yeo-
vios dvTioToryolv TpoTdoEls dvagpepdpeva s TX opapikd TTOAUYwVA.

“Ev opaupikdv Tpiywvov lvarar vé elvar pBoydviov, SioopBoydviov, TpLoop-
Boydviov, apfrvydviov | dEuydviov.

‘Emions 8ivaran va elvan isdnhevpov, icookehis ) okainvov.

Eis mév opoupikov Tpiycovov Siakpivouey Gy, Slapigous, Sigotépove.

Q& &varypdyowpey Bv Tois dkoAovbors i810TNTds Twvas &l TGV crq,:cnpmmv
TPIYwvwV Kol TroAuycoveov.

257. OEQPHMA I.— ‘Exaotn mhevpa c@aipikod tpi-
Tévov elvar pikpotépa tod @bpoicpatog TdV Svo HAloV
ThEVpdV Kol peyaivtépa tiig dagopic avTdv.

"Eotex ABI &v opanpikdy Tplywvov kod Al ) peya-
AuTépa Theupd obTol. Els Thv dvioToryov TpieSpov yeo-
via O — ABTI Eyopev, 5 yvwoTdy :

x TOB—» AOB| < < TOA < <« FOB + <« AOB. 3y. 232

"Apa |AB—BI'| <TA < AB + BT
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258. OEQPHMA II.— ’Eav 800 compkd tpiyove sivar molukd aiiiiov,
ai yoviar tod £vog siver naparinpopatikai tdv Thevpdv tob Hhlov.

*Eotwoav ABIT kai A'BT' BUo moAika &AAnAwv
opaipikd Tplywva. “Eotw 8T of wheupai AB, Al ToU ABI
Tépvouv THv TrAeupdy BT Tou A'B'T el T& onueia A, E
&vTioToiyws. *Etreid 16 B’ eivon réhos ToU AE, Emetan 6T
BiES= % Emre1dn 1o I elvan wohos Tol AA, EmeTan &1
AT :% kT, "Apa: B'E+ Al = kal, ko’ drodoubiav,
greidn B'A - AE 4+ Al =, Emetan 611t AE4+BT =m.
CARN ) T ToU AE elvan ) Tipny Tiis yovias A xad
Bl'=«'. "Apx: A+ o= “Oplws B4+p'=m +y=m

‘Opofcs eUpiokopsy 611: A" +a=m, B +p=m, M4+vy=m

259. @EQPHMA IIL.— T &0porope 1@V yOVIBY COUIPLKOD TPIyDdYOL MEPLE-
yetar petagd 2 6ph. xai 6 opOdYV.

Mpdypart, &&v A'BT' even T TrohkdY Tpiycvov ToU ABI, ToTe xaT& TO
TTponyoUnEvoy Becopmua B Eyoopev :

A+ = 2 8p0. £:nidingme 1l ki
BB =2 » S A+B4+T +a +p +y =60pb 1

i g Ak B =5 ek et Ly )
*Emrain uows elvat of 4 P’ +y' < 4 0p8., EmeTan S
A LB + T =6 dph. — &Bpoioua wikpdTepov Tév 4 opb., fitol
A +B +T > 2 dp8.
AMG o + B +y >0, kai kot dxohoubicw : A B+ T <6 op8.

*Apa 20p0. < A + B4 T < 6pb.

*EvTeUBev EmreTon OTL:
To coumkdv Tpiyovev Sovatar va Exn dbe, fi rovkayretov Tpeis, 0p0ag yoviag.
*Eriong dovartar va ¥xn 800, fi tovhdyiotov tpeig, dppheiog yoviag.

*E&v ogoapikdv Tpiywvov ABI Exn &Uo opbias
ywvias, kaAeitar SieopBoydvioy. "Edw B Exn TpEls
dpB&s yowvias, KaAeiTal tpreopBoydviov.

260. @EQPHMA IV.— T &0poropa tdv mhev-
p@V coaiptkod molvydvov elvar pikpdtepoy 1@V 2n
dxTiviov.

TpdyperTt, €is Ty ToAuedpikny ywviav

O — ABr'A éEyopev :
Ty A P P
BOA -~ TOB + AOT + AOA < 4 &pf.
Sx. 234 il AB + Bl +TA - AA < 2 dxTivicov.
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Enpeinoig : Away@viog opaipikol TOAVYhuou KaAelTal TO TéEov TOU peyioTou xUxkAou,
15 dmoiov SpifeTal &To SUo i S1aBoyiKds KOPUPHS TOU TQXIPIKOU TOUTOU TTOAUYWYOU.

Ev Tois droAoUfors dvary pdpousy peplkds IB16TNTaS TEV OpaIpIKGY TpIytvey
UTrd Pop@nv &OKNTEWY.

AZKHZIEIZ

806. AUo opaipikd Tpiywva CUMPETPIKE @S TPOS TO kévTpov Tils ogaipas, els TV odmoiav
durikowy, elvan foa ;

807. To aTd B1&x BUo gpanpika TOAUywvA.

808. Alo opaipikd lgookeAf] Tpiywva elvar foa ; kel woTe ;

809. Eis év lgookehés opaupixov Tpiycwvov diévavTi iowy TAsUpGY QUTIOTOIYOUV loa yeo-
vian kai QuTioTpdQoS.

810. *Eav ogaupikdv Tpiywvev sivan ioomhevpov B& elvan kai lgoyviov kal GuTIoTpogs.

811. ‘ExdoTn TAeupd ooaipixol ToAVYdvoy eival pikpotépa Tou d&OpolouaTos T@Y GTro-
Aoitoov.

812. To &3poiopa TdY TAEUPEY KUPTOU TQAIPIKOU TOAUYVOU elvail WIKpOTEpOV Evos ue-
yioTou xikAou THs oealpas, els fiv dvnker ToUTo.

813. "Eav 8Uo ywvic oeaipikol Tpiywvou elvon &vigor kai al amévavti alTdv TAeupai
Ba elvan opoiws &vicor kal dvTIoTPOPLS.

814. Avo opuipikd Tpiywva Tiis alTtis cpaipas elvon ioa:

1) Gv Eyouv piav Theupdy ionv kol Té&s Tpookeipévas ywvias Toas, piav Tpos picw.

2) tav Eyouv BUo Theupds foas, piav Teds piav, kol T U aUT@OV TrEplexopEvas ywvias
ioas kai

3) &v &xouv Tas TAsupds Twv ioas, piav Tpos piav.

815. Avo oupueTpikG goaipiké Tpiywva eval igodlvapa ;

816. ’loyUel ToUTo S1& BUO CUPMETPIKG TQAIPIKA TOAUYwVA ;

Enpsioots : CEmi wds opaipas §&v Exopev cpmpika tpiyove fpora. Aév UpioTaTo 1) few-
ol Tfis dpodTNTOS, 1) dvapepouévn Els T& eUBUypapua Tpiywva kal ToAUywva.

206




:".‘-*"\""

v n

12.

13,
14.

20.

21.

22,

251

FIEERE [EESX @ MEEANEA

MIERP @ 8 T P QT @:N
KEDAAAION I

. AUvauis onueiou g TTPOS Kﬁ&?\ou.—’Ac{KﬁcEls .........................
. Pitikos &Ewv BUo KUKAWV. — AGKNAGEIS . ....oiveiiiine i,

‘Opfoydviol kUkAol. °Acgknoeis. .
Atoun xixAwv — Eisn Séouns. — AO’KI’]O’EIS .............................
KEDAAAION 11

3 ’A§1ocnusim701 KOO OKETRIY —— NOKTICEIGHE . s s e el et s, Dees et
S TSE arpoBANNG TOU “ATTONNGVIOU:— AGKNTEIS. . Jaee ae i o

KE®ANAION IIT

- MaTépvovcar — Oewp. Meveddou — Oemp. Ceva.— AOKAGES . ... .........

KEDAANAION IV

: rlvcusvov SUo TAEUP&OY 'rplyouucu — AryoTopor Tplymuou — Oewp. THY dio-

péowv — Uywn kal fuBadov Tprymvou — "AxTis &yy. Kal TTapeEyYEypauUuEveoV
KUKAVEIS Toivicovoy ABIE— A TKNTEID e« o i ol S

- "ASiocnpeicoTor yewu. Tomor — BGewp. TTToAepaiov. —  ATKATES. ... .........

KEDAAAION V

- Kavovika elf. oxfuara — Mpoagikal épapuoyai. — AcKNOES. ... ...o.ovo. ..

KEQAAAION VI

. Mfjxos kUkhou — ’EpPadov kixhou — "EpP. Topéws. — AGKACES . . ... . ......

MEERES @ > AR ESYFSE IS @AN

KE®QAAAION V11
TToAUedpa — Tlpiopata — TTopad/8Sct. — "AGKAGTEIS . . . o oo oveeeeeee e e
Tetpaebpov — Tlupapis — ‘I816TnTes — Kdhoupos mupapis. —'Acknosss. . . . ..

“Oyxos TerpaéSpwvy kal woAuESpwv — “Oykos TpioudTwy. — "Adkioes ... ..

KE®AAAION VIIT

. Al xupidTepon i816TnTEs TOU TeTpadSpou — Eifn TeTpatSpoov. — Aokfosis. . .

KEDAAAION IX

SSEGUHNETole "V T WP — FACKTIOEIS Suislie et s o s s S

KEQAAAION X

S ONoTeTONUES e o =R B1onEs = ATKTITEIS e ot
KEDAAAION \I
. levikdTnTes &mi TéOV ToAUEBpwov — Oecdp. Euler — Kavovikd mohleSpa —
BlB1IcTpres A GRIEEIc M e L e

KEQAAAION XII

. KvAwdpikai émeaveiar — KiAwdpos— Topal kuA. Emeaveias. —Etorysia oup-

peTpias kuAivBpou — ‘Eufadov — "Oykos kuAivBpou. — Aoknoels ...........
KEDAAAION XIII

Keoovikad ew—nqmvetcxl — Kdwvog — Ko]\oupog K@OUds — E-rmxetcx CUPHETPIOS Kwv.

é¢moaveias — 'EpPadov — "Oykos kdvou. —'Ackioss . o o
KEPAAAION XTIV

‘Emigaveia mapayouévn 81k oTpoofs kav. Te@iaopévns ypappfs mept &fova

va — Bempnpa TTAMToU. — AGKNGEIS ...ttt i iiieee e
KEDAAAION XV

Zeaipa — ‘IBi1oTnTES — ZuppeTpia els THY opaipav — TTdAcl oealpas — Elpeois

TS IR os Sopelpec SRR GIGEIGE, & (0 oD e D e
KEQAAAION XVI

Zoaipikn foovn — Eq:mplxos TC)J.EUS — 'EpPadov op. fwvns — 'EufaBov oeai-

pas — “Oykos g@. Toptws — "Oykos o‘q)cupug——fq) SakTUAlos—"Oykos o, Sa-

ktuhiou — Zg. Tpfjua — "Oykos . TunuaTos. —Acknoels ... .............
KEQAAAION XVII

. ZQaIpIKT) ywvix — ZQIIpiKOV Tpiywvov — ZToryeicddsls 1816TnTEs 09, Tplyd-

e G Nyt e Lot e SN D i

Tehis
5_ 8
Se[o
1216
16 — 20
20— 28
28 — 31
39,37
38 — 47
sy
53 — 63
64 — 79
80 — 90
90 — 97
97 — 113

113 — 120
121 — 130

1—136
137 — 142
143 — 154
155 — 171
172 — 176
177 — 192
193 - 202
203 — 206



Ta dvrirure oG Pifrov pépouv T xdrwl BiBMbamuov ele dmédetbwv TG
ymaidmrog adtdv.

*Avtiromov atepobyevoy 700 PiBMoaippov Tobrov BewpetTat saedlrumoy 0
BiBbraov, mwhd@v 7 xprowomordy whtd Subxeton xard tag Siatdfeic Tob Splpou
7 o5 véuov 1129 i 15/21 Muprios 1946 (Eg. Kup. 1946, A 108).
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