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FTEQMETPIKEZ KATAZKEYEZ KAI
FEQMETPIKOI TOIOI
A’ KAl B’ BIBAIOY

1. *Opiopol. Ieopetpiké npofinpa Aéyetor pud mpbracy otiv dmola
Uprelron ) xataoxevh dvdg yewpetpiol oyfpatos pé mpoxaBopiopéves L8id-
veg. ILy. ) mpbraon «vé xarooxevaotel &va loooueés tplywvo pé Phom
4cm xab 8fog b emn drovterel Eva yewpetpind mpbBAnue.

Abor tob yewpetpunol mpofAfiparos Myetar § Sduaotx pé thy dmola
xetaaxeudlovpe 6 Cnrodueve ayfua.

Teopstpikfy Abon % yeopetpxf] Kataokevn &vés mpaPAifuatos Aéyetal
adh mod ylvetar pé Th yphon whvo tév yewpetpixdv dpydvev, Snhadyn upé
v kavova xat 6 Swphm.

*Anédertn tol mpoBhfuatog Myetar § hoywh oepd tav oxéewy, #
dmota omnpllerar mhve o€ yvworés yewpetpinés mpordoels (&Erdpate xal
yootd Oswphuata) xab pig Pefardver &t 16 oyfjua mobd xaraoxevdoxpe
elvor 6 {nrobpevo.

Awepebvnon 7ol mpofifuaros Abyeton 6 Edeyyos Tév auvBmxév, tlg
dmoleg mpémer v& Ixavomorolv t& Yvword otouyela Tob mpofAfuaros (ol wpo-
xafopropéveg Bibrnres), dote 16 mpdPinua vé Exer Ao,

Srouetddn yeopetpivd mpofiipata mol Abvovtal pé pévy T yefon
7ol xavéva elvar Td Embpeva :

i) Né& naroorevaotei edbela mob v mepvder dméd 8bo yvword onueia.

ii) Né xaraoxevaorel fureubelo mod elvan yvworh % dpyxh g xal éva
o omueto Tne.

ili) Nd xaraorevacret edBlypaupo tufue tod elvar yvword td dxpa tou.

"Evo orotyetddeg mpbPhnua tod Avetar pué ubvn th ypfon tol SuwPhty
elvar Ty 6 &E%g:

Né xatacxsvaotel xOxhog € yvootd xévtpo xal yvwoth durlve.

‘Entong 6 Swphmns pmopel vi yenoottownBel xal yid w4 petagopd
edfbypappwy TENudTLY.

ME =6 ouvduoopb Tav mLb Tave oTouElwdhY YEWPETPIXEY KATACKEVEY,
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10 ZTOoIYEIBN YEWHETPIKG TPOPAfjUaT:

not B4 tig Bewpulpe yvwotée, pmopobue vé Moovpe mb obvbeta yewpetpixd
TpofMpate.

‘Opropévo Ayetar 6 yewpetpixd mpbPAnua mol Eys. wid TouddyioTto
Won #, yevixbrepe, memepaouévo mATHos Aoewy.

*AdOvaro Myeror t6 yewperpixd mpdPinuoe mob Bév Eyel yewuetpixn
won. Iy dddvato yewpetpind mpofifparta clvar td EE%G ¢

i) Ne& tpiyotopunlel ik 3edopévn ywvia.

ii) Na xartaoxcvactel tplywvo wé mhevpés 2a, 3o, Go.

Adprato Adyetar t6 yewpetpind mpbBAnua molb Eyer dneipo mATDog yew-
petpudy Aoewv. Ily. 76 mpdPinue @ «wd xataoxevuotel edfela mod vé
mepiéyer fvo yvwatd onueion.

2. ZTOIXEIQAH TEQMETPIKA ITPOBAHMATA

MpéfAnpa 1. NG katackevaotsl 1] pecokaderog yvoorod edbbypop-
pov tpfpatog AB.

Aven. ‘H pecordferog dvbe edBiypappmon Tphpartos elvar edfeln xal yid
V& Ty notacreudoovpe, dpxel va Ppolpe 8o onuelx g Xpnoipomorolpe
v 8ibmyrd g, 8m Td omuelx g xal pbve adrd loaméyouy dwbd T dxpa
A ol B 100 edBlypappov tpfpoartes. Mé xévipo hoimby 6 onuelo A sl dueriver
R >A—2B yedgpoupe xuxhind T6Eo (oy. 1). Té 8o ndvoupe pé xévipo 6
B ot thv iBix dxtlva R. Ta 3bo xuxhind t68x tépvovrar ot 3o onusia I’
xat A, Oépvoupe tdhpa v edbela I'A, wod elvar §
Lnrobpevy pecoxdberos.

*Anébeiln. vy apyh mapatnpolue 8t Td
8lo xurhixd t6Ea dnwadfmote Tépvovral, YTt &rd

™ oyéemy R> %E oupmepalvoupe 81t AB < 2R

$# 0<AB<2R 4 R—R<AB< R+ R, 3n-
Aadh § Sudxevtpog Thv Sho xdxdwy, atobs dmolovg
dvirouy T ToEa, mepiEyetar petald Tol &Opol-
ouatos xal The Stagopic Tav &xtlvey Toug. Térte
Eyoupe : TA=TB=R xat AA=AB =R. “Apa
téoo 16 ' 8oo xal 6 A dvhnow ath pegondbero Tol Tppatog AB, hy
omola xal xaBoplouv.

Awgpsbvnon. Of mponyobueves nataoxevés elvat wavrote Suvatés yid
omotodmore edBlypappo Tuipa AB. YApa 76 mpbPinua Exel mavrote prd Aoy,

MpéRAnpa 2. Na Ppsdel t6 péoo Evég yvootod ed0ypappov tpuf-
patog AB.

WniomnoiBrke amod 1o ivotirouto EkmaiSeuTikrg MoAmkrg



Zroyaiddn yewueTpik& mpoPAuaTa 11

Aden. Té mpbPrnue adté dvdyerar oté mponyodpeve. ‘H pesoxdferog
TA <ol Tuhpartos AB téuver 76 AB atb onpeio M, mob elvar xal w6 péoo tou
(oy. 1).

TMpéPAnpa 3. "And Eva onueio A mod aviker of cibeia (8) va xata-
skevaotsl ma ebBeia xabetn ot (8).

Abon. Mé xévrpo 76 onpeio A xal pé pid drowadimore durbva ypdpoupe
Fvay wbuho, & drotog téuver Thy ebBela (8) of 8bo onpein B xal ' (oy. 2).
“Exot elvar AB = AT, 3hadh 16 A elvon 76 péoo 7ol tufuates BI'. *Apxel
Aoumby tpx va pépovpe T peoondfeto Tob TpApartos BIL Adth dogaddic
B¢ mepvder dmbd t6 A wal 04 elvar wdbern oriv edbela (3). Té mpdBanua Aot-
mév abrd dvdyetar otd mpbfBnue 1.

MpépPAnpa 4. "And onpelo A mod dév aviker of elleia (8) va xate-
oxevactel edfeia wdbetn oth (3).

Abon. Mé xévrpo w6 A ypdpovpe xuxhixé 680 mob vd Téuver Ty elfela
(3) ot 8%o onpsia B xal I'. “Hd7 t6 A dvixer o) pesoxdbeto Tob tufpatog

E A

A \r %) \ E /
/ e G
P

1) B

—_—T

Iy 2 Zx.3

BT (oy. 3), dpob &mb v xaraoxevd elvar AB = AT, *Apxei émopéverg vi
Boebel xal éva dedrepo onpeio A <ig peooxabéron (mpbPrnua 1). Tére
AA elvar ) {nrodpevn edbela.

Hpépinpa 5. Na dugotopndel pio yovia z?)w.

Avon. Ildve otle mhevpés Oy xal O g yeviag malpvoupe 8bo foa
rphpate OA = OB (oy. 4). Tére, drwe Eépovpe, até looaxerés tplywve AOB
1 uecoxdferos tic AB 04 elvon xod Siyotduos g yaviag Tov AOB. THe
peooxaBérov pdota adtiic yvepifovue %8y éva aqusio, 6 O. *Apxei Aowmby
vé Ppolue xal Eva Seitepo onpeio mg Z. Adtd 76 Peloxovpe oty Tops Sbo
wurhixdv T6Ewy, mold Td ypdpovpe ué xévtpx td A xal B xab pé thv I8
duxive (mpdPanua 1). “H OZ elvar #) Cyroduevn Suyorbuos.

MpépAnpe 6. Na digotopnfsl Eva xukhiké t650 AB.

WniomnoiBrke amod To ivotirouto EknmaibeuTikrg MoAmkrg



12 ZToIEIhBn yewueTpikd TpoPAfiuaTa

Abon. "Apxei va SugorouynBel f dvrlotoun énlxevpn yovix tou AOB
(ox. 5). "H Bugorbuog 0d téuver 6 w650 0é Sva aqueio M, mob 0 elvar xak 6
péoo vou. Té mpbBhnue dvdyetar oté mponyoduevo.

Hpéprnpa 7. N xataoxevaotel ma edbeia nod va Sibpyetar dnd opr-
opévo onpelo A xai va elvin mapahinin pé yvmorh edbeia (8).

Iy 4 Ix. 5

Aden. "Amé v6 A ypdgovpe wid edfelx mob vd téuver Thy edbelw (3)
ot &va ompeio B xal malpvovpe &va onpeio T' i mpdimg edbelu, Eror dore
vé elvar AB = BT (oy. 6). "Ané 16 T ypdpovpe &3k edbela, mob vé téuver
whv eblela (3) of dva onueio E xal, dxdpn, ovhy mpoéxtaoy tig TE malp-
voupe Eva onpelo Z, Evor dote vi elvar TE = EZ. ‘H elfela AZ elvar H G-
Tobpevy mapdiinios Tig (3).

"Anbderln. Trhv dpyh mapammeolpe St §) AZ mepibyer t6 omueio A.
Merd Bhémoupe 8t 676 Tplywvo ATZ 7d omueia B xal E elva 14 péoa wav 860
mhevpév Tou. “Apx elvar AZ//BE % AZ//(8).

Awepedvnon. Ildvrote Smdpye pla Abom, pé vhy mpotméBeoy &t t6 oy
peio A 3év dviixer oriv edfela (3).

MpéPAnpa 8. “Eva ed@iypappo tufjpa AB vé Siaipedel of v Toa -
pota.

e
\/E

r

5 M s

Ix. 6 In. 71

Abon. "Amb 6 dxpo A 7ol Tuhuatos AB gépvoups pik AuievBetor xal
mave o adt) malpvoupe T onuein A, A,,. .., A,, Etol dbore vé elvat AA; =
=AAg=... =A Av (of. 7 pé v=4). Thpa 6 Tufiux AA, éyst drb

WnionoiBrke amod 1o ivotirouto EknmaibeuTikrg MoAmkrg



TTOIYEIOBT YEHETPIKG TPOPATiHaT: 13

why wataoxevd Tou Stupelei of v oo tuhpate. Dépvovpe v eifelx BA,
ok dmd v onuela Ay, Ay, Ay,. .. pépvovpe mapdhimies tig BA,. Adrég é-
uvowy 76 Tufjue AB otd onuela I'y, Ty,. . ., Ty mob Sronpolv 76 edBbypaupuo
tufpa AB ot v loo Tpnuarta.

Anobeitn. 'Ened elvar AA, = A A, = ... =A_A, xal AT/
Ao/ /AT//. . .//AB, Bd elvar xab ATy =T'T'y = ... =T,,B.

MpéRAnpa 9. Na katackevaotel ma yovia Ton pé dedopévn yovia .

Abon. TH dedopbvy yovie o Thy xdvoupe Emlxevrpn ypdpovres xuxhixd
t6Eo wé xévrpo Thy xopueh THs yovlug xal dxtlva R (oy. 8). Té 76Eo adré
céuver e mhevpés THe yovlag otd omuein Ay xal By ME xévrpo tdpa iy
oy O wiig fueudelag Ox xab ué hy Bx dutlva R ypdgpovpe xuxhixé w680

(E)

Ix. 8 Iy 9

nob téuver Thy Auievbele OX ot omueio A, Mevd, pé xévtpo 76 onuelo
A, wab ué doetiva lon pé vh yopdh A;B; mob épiferon mive ot Sedopévy
yovia o, ypdoovpe xwdixé 680 mob Téuver 6 680 (O, R) of Sbo onueix
B, xatl B’y “H yovia B;aA, elvar 7 {nrodpevy.

"An6deiEn. To téEa X;Bl wak AGB, elvar tow, dood Exouv loeg durives
(dvhxouv of Looug xlxnhoug) xal dvrieroryolv o adtd Loeg yopdéc. Tére Epug

xab ol dvrlatouyes mixevrpeg yavies Toug Ba elvan loeg, Snhadi A.:aB, =a.

Awepeovnon. ‘H Sebrepn yovia A,:O%B'ﬂs mwol TpoxhnTel &md TAY ReeTec
ovevd), 8év dmotehsi Sebrepn Abom 7ol mpoBMuaros, yirl elvar ouppetpixn

7

¥e A:GB, &g mpbe Th Sudnevrpo OA, xal ovvends lon pé adeh. “Apa 6
mpbPAnua Séyerar plx pévo Ao,

MpéPAnpe 10. Na kotaoksvaorel ma edbeia nod va elvar Zpantopévn
£vog dedopévov kixkhov (O, R) of Eva onpelo tov M.

Abon. 'Erned? 4 dpunropévn évbs xbxhov elvar xdbetn oty dxriva mob
dvriorotgel ov6 onpelo Emagic xal dvmioTpbpus, elvar dpxetd vi gépoupe
ebBele () xdBemn othy axtive OM ovb onueio M (oy. 9) ‘Emopéveg 76 mp6-
Bhqua dvdyeras 0t6 mpbBinua 3. ‘H dmbdely slvan paveph. Abon Umdpyet
mévrore plo.
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14 Zrolyeiwdn yewpeTpikd TpoPAfuaTta

MpéPanpa 11. Aivetar pia ebfeia (g) xai Eva onpeio g A. NG xo-
taokevactel Evag kOkhog pé yvootf dktiva R 6 onolog va Epanteton pé
v (g) 016 onpelo g A.

Aban. "Ané 6 onueio A pépvoupe edleix (8) xdBemy oty (e) xal mwdve
o' abrh) malpvovpe éva oqueio O térowo, dore véd elvar OA = R (oy. 10).
‘O whuhog pé xévtpo O xal dxtiva R elvon 6 Cnrodpevos.

"Anoderen. llpoypatied & xdxhog mod rataoxevroaps elvan & Lnrod-
wevag, yuast Exer T dedopévn duviva R xal dpdmrerar pé Ty ebfeta (¢) oth
onpelo g A, émedd) f dxriva tou OA elvar xdfery othv edbeta (e).

Awpedvnon. Mropolpe mive othy edBela (8) va mdpoupe xal Sedrepo
onueio O, dvriotouro to3 O xal téroio dove vé elvar O'A = R. Tére & xb-

(6

Iy 10 Iy. 11

xhog (O, R), nid tode {Broug Abyous, ixavomosi thg ouvBiines ol TpofAR-
patog: Emouévers adtés & whxhog dmotedei Seitepn Abay.

IMapatipnon. Té mpdfinua adtd elvar fuax mpdPAnpa Ofoews (dvrifeta pé <6
mpbfinua 9 mod Hrav mpdBAnpa peyéoug), yetl Empeme Evag yvaorde wduhog pé
dxtiva R vé tomoflernfel of xarddinin Otam g mpbs THy edbela (e). I't’ adcé ol Bdo
nhhot pé wévrpa t% O ual O, v xal elvar toot, Bewpolvrar 3o dvefdorntes Moec
700 mpofifuarag,

HpéPrnpe 12. N kataokcvastel Eva 1680 pé dedoptvae dikpa A xai
B, mob va déyetan dedopévn yovie o,

Aben. X6 v fxpo tob tuhpatos AB, otw oté B, HATHOAREVELOLPLE
Huevbela Bx mob vk oynpacifer wé 6 tufjua AB yovie o (oy. 11). "Ané
6 onpeio B gépvovue edfela xébey ot Bx- pépvovpe Enlone xal T peco-
xdfeto Tob Tufuatos AB. Ol 80 adréc tépvovron o Eve onueio 0. Mé xév-
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*Ackrioeig 15

tpo Tdhpo 16 O xab dxslva thy OB ypdpovpe 76 téko ATB mob 3év TEpLE-
yeron péon oth yavie w. Té w680 adté elvar 76 Lyrodpevo.

*AnodarEn. ‘H Auieubela Bx igamrertar atév windo (0,0B), yratt elvo
xaletn ovh dxpo THg dxtivag Tou OB. "Apx # yovie ABx =0 e tom

pé -rmvlu.? Thy Eyyeypopuévy atb w6k ATB, dpol # ABx oyparile-
tow gmb Th xopdh AB xab thv dpamropévny Bx 1ob xdudou.

Awepbovnon. ‘H oupuetpla dg mpog dEove vy AB uic Eaoguiile g

Selrepy Mo xal Eva dAko T6Eo AB mob elvar oo pé w6 mp@to xad Eyer
wd WS dxpa. Té wévrpo tou O elver ouppetpixd tol O g mpbs whv AB.

ALZLKHEEIE

A,

1. Alveron Bva edBiypappo tpfipa AB xab pix edela (e). N& Bpelel mdver oty
(e) &va anpsio M mod vé loaméye dmd wd A xal B.
2. Néd xatooxsvacrtel Tetpdywvo dmd thv mhevpd Tou o.
3. Nd nataoxevaosel Tetpdymvo dné th Seydwiéd tou 8.
4. Né nataoxevastel lodmheupo tplywvo dmé whv mwhevpd Tov A
. 5, Alvetar whxhos pé dyveorn xévrpo. Nd PBpelel t6 xévtpo Ttou.
6. Alverar &va tplycwvo ABT ol mid edfetx (). Nd xataoxsvaotel t6 ouppetpind
708 ABT &g mpbe &Eove whv edBelx (e).
7. N& xarooxevaotel & mepiyeypappévos xbxhos dvég BeSopévou tprydvou ABT
8. N& xatooxsuxotel 6 éyyeypappévog xixhog &vbg Jedopdvou Tprydvou ABT.
9. Alverat Bva edB0ypappo Tufipa BT xal pudt edfela (e). Nd Boefel mdveo otiv (&)
v ompeio A Tétoto, Gote oté tplyeve ABT 76 Gdog ug v elvon Sedopévo.

10. Alveron pud yovie x’ay. Nd Bpebel péon o adth va onpeio X mob ol dmootd—
gewc Tov &mb tle mhevpks THg yoviag v elvar o

11. "Eva ebfypappo tuipe AB vd Siaipelel of wévie low TUAPETE.

12. Tldve o v edBiypappo Tufpe AB vé Beelel onueio I' tévow, dote w6 pfjua
AT v elvon tprmadoto &mé 76 B

13. Alverar yovie xay. Né¢ xaraoxeuxatel huevbela Oz térowx, bote # Oy vk

elvar Btyotépog tig ywvlag x0x.

14. N4 sazaoxevaotel tpantopéun tvig whxdon (O, R), mapdhhqhn pé wd Sedopévn
edfele (8).

15. Nd wartooxevaoter yowvio 1) 600, ii)30°, iii) 45°,

16, Nd xorooxevaotel €va 1680 pé yvoord dxpx A xal B wod vi Séyetar yw-
vl 459,

17. Né& xatooxevaorei t6fo pé yvaotd dupx A xal B mob vé Séyerar yovia 75°
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16 ‘AmAds kaTaokeuls Tpiydveov
3. AIIAEZ KATAZKEYEL TPIFQNON

TpéBAnua 13. Na xateokevaotel tpiyovo ABL dné 14 atogeia tov
d, B ® lmt? = @ (dndadf drnd é rhevpd xai tig npookeipeveg o° abr
yovigg).

Avon. [dve oé b edBela malpvoupe wpdjpe BT =« (oy. 12). Mé xopu-
9éc 7 onpela B xal T' xal pé pd mhevpd =h BT xaraoxevdfouue npbs 6

Ix. 12 13

B0 pépog s BI yuwles loeg ué w xal @ dvriotolyws. Ol #\heg mhevpée iy
Yondy abtdv téuvovtar o* éva omuelo A. Té molywve ABT' elvar 16 {n-
Tobpevo.

"Anédergn. Elvar gaveph, yratt 6 wplywvo ABT' dné <hv xaraaneu
Tou Eye v BeSopbva arouyeia.

Atepeovnon. “Yrdoyet ple Adom, brav of ¥ec heupés THY ywvLGY B
sal T (8xrég dnd o BI') véuvovrar ovb onueio A. Adté tEaoparilerar dméb
™ owbiun B+ T<2 # o + p<at.

IpéPAnpa 14, N xotaokevaorel tpiyovo ABL dn6 t6 otovgeia tov

a, B uui?‘ = o (dnhadf dré d0o mievpés kal thv nepieyxdpevn o abrég
yovia).

Aben. Mé xopugh va onueio T xotaoxsvalovpe yovle lon ué v Se-
Sopévn yovia o (0. 13). Idve axle mhevpés g madpvoupe Tufpata I'B = «,
T'A =B xal pépvovue vy AB. T4 wplywvo ABI elvas 6 Lyrodpevo.

"Anodern. Elvar dueon, yurl 76 wplywvo ABT éyer vd Seopéva ator-
xelo

Atepebvnen. ‘Yrdpye mdvrore wid Mow, dray Teat

MpéPAnpa 16. Né xataokevaotel tpiyovo ABI ané t4 atouyela tov
@, B xai y (SnAadfy ano tig tpeig nAevpés tav).
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‘ATthds KOTOOKEVES TPLY VWY 17

Abon. Tdves of wud e0Bela malpvovpe éva tpufua BT = a (ay. 14). Mé
wbvipo T onuein B xal T' xal pé dutlves y xab B dvriotolyws ypdgoupe
wuhind w6, Ay 7h t6Ex adrd téuvovron of Eva omueio A, Splleta 16 vpl-
yovo ABT, mob elvan xel 6 {nrodpevo.

*Anodeitn. Té tplywvo ABT, elvar 76 {nrodpevo yiatl dnb Thy xartaaxeun
Tou Eyer T Sedopéva orouyela.

Awepeovnon. ‘H Suvarbrnre waraoxevi tob tpiydvou ABT éEaoquil-
Leron dmb o yvworh oubixn |B—y| <a <P 4 y. Té Sebrepo onueio A’
g Topfic Thv dbo xuxhixdy T6Ewv Slver &Xho zplywve A'BT, mob Buwg dév
dmorehet Sebrepn Moy tol mpofihuaros, yratl vd 8bo tplywva ABT xal A'BI
elvar ouppetpixd Gg mpds Th BT xal émopévag elvar loa.

TpéPAnpa 16. Né& xaraokevaotel tpiyave ABL tod dmofov Sivovar

ol nievpés P xal y xai §| yovia 3 = m, mob
Ppioxetar anévavry &nbd tiv mhevpd rov P.

X
B ¥
Cat - /,s
\ ’
‘\. . 4
) NS 1A v
B r r
N .
Iy 14 Ey. 18

Abon. Mé xopug# &va onueio B xaraoxevdfoupe yovix xlﬁy = xal
ndve othy mhevpd T3 Bx malpvovpe tpfiue BA =y (oy. 15). Mé xévrpo
w6 A xal dnrbva B ypdpoupe v6Eo, mob téuver Th By of fva onuelo I Oép-
voupe xab hy AT xal éror xaraoxeudlovpe 6 {yroduevo Tplywve ABI.

*‘AnodaiEn. Elvon duean, yierl 16 wplywve ABT, dmbd iy xaraonevh
tou, ¥yel td Sedopéva grouytia.

Arepedvnan. Dépvoupe whv AA | By. Té <6ko (A, B) yudk vd éuver T
By mpémet xal dpxel vé elvat B AA. Mé thy ntpobmbBean abrh Suaxplvoupe
lg EERg mepimTdosts,

i) "Av elvoar @ <1t xal B = AA, tére v6 t6ko (A, B) 0& Epdmrevar
omh By ot6 A xal émopévag 76 T' 04 tavtilerar ué 76 A, Irhy meplnrtooy
adth howmby dmdpyet wid Mam, dnradh 6 dpboydvio Tplywvo ABA.
j 2
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18 Karaokevés dpBoywvicv Tpydveoy

i) "Av elver o <1 xuf AA<B<y (oy 15), 76 w60 (A,B) tépvet
™ By of 8bo anueia T xal T wof Emopévag dmdpyowv 8lo Suxpopetind

sSlespails P

2]
24
>
=

Zy. 16 Zx. 17

wplywva, v¢ ABI' xal ABIY, mob Exow Ta Sedopbva orouyein. Zrhyv mepl-
ntoon abt) Exovpe o Aseis,

iii) "Av elvar @ <1t xal B=y (ay. 16), wére Uredpyet ple pévo Aoy,
dnhadd 6 loooxerés Tplywve ABIY (AB = AT).

iv) "Av elvr @ <L xal B>y (. 17), vére Smdpyer pla pévo Ay,
76 tplyawve ABT. Té zplywve ABIY 8&v dmoteet Sebrepn Moy, yiatl 34y
Eye ™) yovle o (Eye hy TapamANpLRETIX: NG ).

v) "Av elvar o 3 14 xal B>y (oy. 18),
wéve Imdpyer plo pévo Abom, v6 wplywve ABT.
To ABIM 8é&v émoterel Aan, vt Bév Eye
™ yovia .

vi) "Av téhog firav w1t xal B < vy, 8¢
0d Snipye Aban.

Topatfipnon. *Ané hy mponyodpevy XaTaoneuh
mpoxdmre. &1, dv 0o Tplyava Exouy Slo mhevpéc laeg

Xy. 1B nal pha yovla oy, mwob uwe Sév meptéyetan petak)

lowv mhevpdv, 8év elvar BéBaro &ri abrd elvan o,

yatl, &rag mpoxdnrer dmé Thy neplnteoy il e Supenvioewc, Umdpyouv 800 dwioo

wplywve pé td mpoxabopiopéva arouyein, "Ay buwg Emimiéoy Exoupe wal thy minpogopla

8m f) mevpd, mob Poloxeton drévavty drb ™ Yveorh yevix, elvar peyahirepy dmd thy

0N yvwoth mAoupd (mepimrdioeic iv xal V), tére BeBarwvipacre Smi T4 Tplywve elvar
loa. Tiatt Eva pévo tplywvo brdpye. ué td arouyela adrd.

Zuprinpupatind Emopévac propolie va Sdoovpe xal fva dmbua xpirhpo lobry-
Tog 8o Tpuydvev, T6 EERg

Abo tpiyova ABI xai A'BT” eivar fow. &v Exoov AT = AT" = B, AB=AB =

=7, B=F=0 xipzy
4. KATAZKEYEZ OPOOIQNIQN TPITONON

TpéPAnpa 17. Na xatacxsvastel dpBoyivio tpiyovo ABI' a =1L
ané tig xdlereg whevpés tov P wai Y.
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KaTtaokeués dploywvicov Tprydvey 19

Té mpbBrnua adrb elvor xataoxsuf) Tpvydvoy drb 8o mheupés xal Ty
mepreybuevn o avtés yovle (mpéBhua 14) xal H Aoy Tov Bewpeitar YWETh.

TpéPAnpa 18, Ni xetackevastei dpBoydvio tpiwve ABI a =1b)
ané tiv broteivoved tov a koi THY kGBetn mAevpd Tov P

~~
Abon. Tdve othy mhevpd Ay g pBic yovlag XAy malpvoupe Tufjua

a

B 8
X
a
L
A B r

Sy, 19 Ix. 20

AT =8 (oy. 19). Mé xévrpo w6 ' xai dutiva a ypdgoupe 6o, mob <éuvel
iy Ax 676 oqueio B. Té tplywvo ABL elvar <6 Snroduevo.

*An6deiln. Elvar ducon yuart 6 tplywvo mob mpoxdmrer Eyer T Sedo-
péve oToLyELa.

Awepeovnon. Yrdoyer ulo Aoy, pé thy mpotméean b elvar > p.

IpépAnpa 19. Na xataokevactel dploydvio tpiyove ABI (X: 1t)

ané tiv kabetn mhevpd tov P xai t yovia f‘.,__. .
Té mpbPhnua abré clvar xataoxsvf) tpiydvov dmé pla mhevpd xab tig
mpoaxelpeves 6 abmh yovies xat § Aoy Tou Bewpeiran yvwor) (Tpéfanua 13).

Hapatipnon. Zté mponyodpsvo wpbfinue (19) dvdyeton xab i xata-
oxevd, bpBoydviou Tprydvou ABT (/R =1L) dnb v xabern mhevpd Tov B xal
™ yovie Tou i @. Tuart té7e elvan yvooth xal § yovia Tov Tt — .

IpéPAnpa 20. N xatackevaotel ophoydvio tpiyove ABI (/E =1L)
aro thv droteivoved tov @ xai T yovie v B = o.

Abon. Mave oé wd edBelx malpvoupe éva tpfjpe BT =« xal 016 d&xpo
tou B xaraoxsudlovpe yovia o pé ple mievpd v BI' (ox. 20). Axmé w6 T'
pépvoupe Thy xdBeto oy XN mhevpd Tig yuwviag, mod THY Téuver oTé on-
peio A, Té wplywve ABI elvar 16 [yrobuevo.
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20 ‘H dvaduTikg péboSos

"Anéderfn. Té SpBoydvio tplywvo mod xaraoxevdornne elvar 6 Lnrod-
pevo, vt Exer v SeSopbva otouyeia.

Awpedvnon. Ildvrore Omdpyer wd Moy, pé vhy mpotiméBeoy 8t elvar
w<iL,

ALKHZIEIEZ
A,
18. Né xartaoxevoorel tplywvo ABT dnb td orouyeln Tou :
i) Bl =u, B=30°, T =u50
ii) Bl=a, B=60°%, T=0 (Supeiwoy).
19. Né xaraoxevasrel tplyove ABI' dnd td avouyeln Tou :

i) AB=2, Br'=2, B=750
o 3 A A
iil) AB= < Br'= 3+ B =45% &mou 76 % elvar BeBopdvo edBiypapuo

Thpe,
20. Alvovrar 8o ebBiypappa tpfuate A xal p. Nd wataoxevastel Tplywve ABI

dmé td orouyela Tou :
. L2 3A
1)a=T, B=2, ym——=.

i) a=38% B=4&\, y=p (Bipebvmen).
21. Abvovror 8bo edBypoppa TuApaze A xal p. Nd xataoxevaotel bpBoydvio Tpil-
ywvo ABT (’K =1L) dné & orouyeia Tou :
. 5A
1) p=38a, y= 3 -
if) e=2)\ PB=3.
b -~
i) B=4a, T =15°,
s ~
iv) a=2A, B= 750

5. ‘H dvadvtueh pnébodog. Kébe YewueTpLx) xataoxewy 0d Bewpeiton
Swarth, Srav dvdyetar otlc arolyeldelg yewpeTtpinés nataonevés mod Exbé-
oape otd mponyobueva. IloAMés gpopéc Euwe oupBalver vé elvar Sioxoho vé
dvaxarbyovpe Thy dxodovbla v ororysiwday YEQUETPIRGY KATOOREVEDY,
pé g bmoleg 0& prdoovue dné d SeSoptva otouyela oté {nroduevo oyijue.
IV adré Bewpobue &mi 76 mpdBrnua emdéyeton TovddyioTo widk Adon xal xa-
Taaxevdlovpe Eva ayfjua, mod Gmobérovpe St Eyer tig npoxafopiouéves 1316
tes. "Eneire mpoonaoliye vé ouvdéooupe vd Baouxd orouyeia Tol oyhuatog
pé 7 Sedopbva orouysia, Exovrag Bhoy the yvworés yewpeTpinés mpoTdoetg
(dGrdpara xal Oewpuata). “H épyaocia adt) elvon ouvifog (Sy mdvrote)
elnordrepy xak Adyetar @valven. O dvtlotpopog. Spbpog g mab Adyerow
oovBeon, elvar adris mob 04 pig 63nyhoe dnb vd Sedopéva aroryein ath Ly-
Tobpevo oyfipe. [k vé elvan 8pog adréd Suvars, 04 npémet ol ouvbijxes, mobd
i 68nyolv dmd 76 Lyrodpevo oyfjua ovd SeSopéva oTotyeia Tol mpofAfuartos,
vd elvon dvmiotpenés, Syhadi vé elvan dvayxaies ol ixavég ouvBijues. “Av
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‘H &voduTikf uéboSos 21

adth 76 Srumoravoupe xabe gopd oAy dvdhuen, Tére % drbdSeky, bty mpaypa-
Tixd xetaonevdoupe 6 {nrodueve oyfine, 8% Hrav hoyid mepirTh. 'Emeady
Buwe 3év elvon mdvtote elixodo vd Ehéy-
yovpe &v ol owbijkeg, mod 689ynoav dné
76 {qrodpeve oxfjue otd Sedopéva aror-
yetx to0 mpoPAnuaros, elvon xal Ixavég,
v adté oty dvdhvon pyalbuacte pbvo
pé dvayxaies ouvlfixes, xal Oovepa dmd
Thv natooxevy] Tou {nreduevou oyfuatog
elvar dmopaltnry ma f drnbddeln.

*Améd T mpomyodueva mpoxbmtel &t
1 dvadlvon elvar 1 péBodog pé thv o6- Ex. 21
noia avalntobpe tov tpbémo Emlioews Tob
npofiipartos. ‘H dvidvon Epuppéletar pé dmruyla &y wbvo atlc yewpe-
Tpuxée xorooxevés, GG xal of dmodelfeg Bewpnudrwv of Sixpbpovg xhd-
Soug T@v pabnpaTindy.

‘H akia i dvehuriniis pebbdov, de uebbdov g dvalnthoens, 04 gavel
pé 1é Embpeva mopadelyparo. '

HNapdberypa 1. NG xaraokevaotel tpiyovo ABI énd ta otouyeia tov
a, Pas Vg

*Avédven. "Eote 8t xataoxeudoupe 6 {nrobuevo tplywve ABIY (oy.
21) ol Exer T Bdoy tou Bl =a, v Stdpego AM =p, xal 76 6fog AA=v,.
Té dpboydvio Tplywvo AAM pmopel Empyfic vd xataoxeuvaotel, yirl elvar
yvwoth § tmotetvousd Tou AM xal ) mhevpd Tou AA.

Eovleon - kataokevf). Karaoxeudfovpe 76 dpBoydvio tplywvo AAM dmé

t¢ arouyeia Tov AM =p,, AA =v,, xal A =1t *Erot Eyovpe 430 évroni-
oer Thy xopuoh A Tol Unrodpevou tpiydvov ABT. Tig xopupés B xal I' 04
tle dvalmhoovps xal B4 tlg dvronloovpe mive oty edbela MA, Exatépo-

Bev 7o M xat of dmbotaon _%, ar’ adrbd, "Evor waraonsudlovpe 6 tplyw-
vo ABT.

*Anbdertn. Elvor gavepd &7t 6 tplywvo ABT Exer vd Sedopéva atoryeia,
4pod elvar BT' = BM + MT = % + 32‘— —u, bye vh Bidpsoo AM = p,
xal 76 Ofog AA =vu,.

Arepedvnon. ‘Yrdpye mdvrote pid Aom 7ol mpoPAfuatos, pé Thy mpol-
7é0eon Bt elvon v, Zrhv meplntwoy mob u, = p,, 6 Tplywvo ABI' 84
elvar looonehés pé AB = AT\
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22 ‘H &vodutikh péfodos

Hapdderypa 2, N keraokevaotel tpiyave ABI' and ta otoiysia tov
a, "ﬂ! "-r-

"Avalvon. “Eotw ABT 16 Uyrobpeve tplywve pé Bdon BI =a xal Six-
péoovg tig BE = ug xal T'Z = p,, mod véuvovtar oté omueio T (oy. 22).
Z76 tplywvo ZBI' elvar yvoorés xal ol tpel mheupés tov BI' =a, TB =
= % BE = —32— up xal EI'= —2— 'z =-§- ey Tére ©6 tobywovo abréd pmo-

pel EZapyiis vd xatooxevaoTEL.
LivOeon - kataokevi]. Kataoxevdlovpe 16 tplywve ZBI' dnbd td oror-
yelx tov BI' =, ZB = %—H xob EI = %p.,. Iposxretvovpe 76 Tpfua

ZB mpbg 6 pépog tol T nal oty mpoéutach Tou malpvoupe TpRux TE =
= -22—]3 = % . %- B = —;-y,g. Dépvovpe ™) I'E xal mive o adry malp-

vovpe Tufipe EA = ET. Té tplywve ABI elvar 6 {nroduevo.

"An6derEn. Adté Exer dmé Thv xataoxeuq tou ) BI =« ‘H BE #eu
pijxog BE = BE + ZE = ——g— pe + —;— v = g el elven Sudpeoog, yuart el-
vat EA = EI. 'H edfela ZI' Tépver Thy

AB o016 Z. Té ompelo T g Spéaov
BE, ool anéye dné iy xopupn B dmé-

c*récrn tom pé td —;— 7i¢ BE, elvat 76
xévtpo Pdpovg Tol Tprydvou. "Apa elvar
= onuelo, mob dvixer xal ot Sidueco mob
a géperan Gmé 16 I. Anpadh) § T'Z el-
var Sidpecog xal mmhéov elvan I'E =

Iy 22 ="§'F'rl &Pﬂ- I'Z = [T

Awepeovnon. To tplywve ABT' pmopel vé wataoxevaotel &v pmopei
vék xaracxevactel 6 Tplywve ZBI. Té tplywve 8pws EBIY xartaoxevd-
Cerot &v @

|ZB—ZI' | <BI'<XB + ZI' %

2 2
<¢<?P.g+-—3"'[.l.\. <=

B s
3ihT gtk

3
lw—wk;ﬂmﬁu«-
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‘H &vaduTik pébobos 23

Hapéderypa 3. NG karaokevaorel tpiyovo ABI' dné w6 oroiyeia tov
B= m,f' = @ kai ard 6 HOporopa A thV whevpdv Tov @ Kai v.
‘Avidven. "Eore ABI' 16

Cqrobpevo  Tplywve (o, 23), A %
o~~~ o~
16 bmoto Eyer B=ow, I'=9¢ /_’S A

xab o+ vy =A [ vd yenot-
porounBel w6 edopévo  &bpor-
o A, mpoextelvoupe THY TAsUpd
I'B mpbg 76 pépog tol B xal
oThv mpoéwtadn malpvoupe TUH-

MBA=BAzy=>I'A=¢+ a Y g a r
+ y=2A Té tplywve ABA elvas Ix. 23

loooxerée xal dmopéveag elvon

(1) BAA = BAA.

‘H -(mvlu.,ﬁ = o 1o tprydvou ABT, dneid elvon Ewrepund w0l looone-
rolig tprydvou ABA, elvar o :BEA - BXA. "Efourlog R (1) # vehevtaia
oyéoyn yphweTal @ = 2B’EA = BAA = % . "Apa 6 tplywve ATA pmopet

A -~ ey
Eapyiis vh naruonevaotel dnd td ororyeia Tov A =2, T =g xol A= Tk

Lovheon - kataokevf. Kataoxevdlovype t6 tplyovo ATA dné ta yvoord

~ ke
orouyete tov TA =4, I' = »al A e ‘H noataoxeun) tob {nroduevou

Tprydovow ABI' Eaprizar md dn’ whv elpeom tig dyvwotns xopugis Tou B.
*Enedt 8poc 56 wplywvo ABA mpéret vé elvar loooxerés,  xopueh B B
dvhner oth pecoxddero Tob TuAuartos AA. ‘H rtoun tis peooxabBitou altiic
xat tHe TA 04 elvon % nopuen B.

*An6deiEn. Té tplywve ABT &z o -rmv{a:? = p. "Enetd?) dubpn 6
B elvar onusio T pesoxalétan tiic AA, Eyoupe AB =BA. "Apx BI' +

4 AB = BT + BA = ['A = . *Axépn elven ABT' = BAA + BAA = % +
I % = o b B s, *Broi 76 rplywvo ABT elvon 16 Lyrodpevo, dopol Exet
T Bedopéva orovyeio.

Awgpeivnon. Té mpbBinqua Exer mdvrote wid Aon, dray B +,f“< 2L
fote<d
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24 ‘H dveduTikd uéfoBog

Mapatnpfioeg :

i) "Ovov o Eva mpbPrnpa natadxeuils Eyoupe otd Sedoubva oroyein 4 dlpot-
opa (¥t Buxpopd) edbuypdupov Tumpdrov, @povrilovpe athy dvdivan vé udvoupe Eva
oy, wob vk Eyer dg Sedouévo otaryeio tou T4 d0poion (% th Biagopd). Evé mpon-
yoluevo mapdBeiyus xatuoxevdoxpe my. 16 wplywvo AAT pé mheupd AT oy pt 6
dfporopa «+ v mod elye Bubel.

ii) "Av otd 3eBopéva aroyela vl mpofhuatos drdpye éva wbvo uhxog xal v
@ atouyein elvan yovles, dmwe oth mponyolpeve mapdderyua, watd T Biepeivran
76 uhxkog advd 84 04 Sméuertan of wavéva nepropiopd eyéfoug,

Hapdberypa 4. "Anb Eva yviootd onpzio vé kataokevaorel sbBeio wod
va glvon dpantopévn of dedopéva kKo,

"Avélven. "Eorw A 76 yveotb snusio xal (O,R) 6 8edopévos xdxrog
(ox. 24). Té mpbfnpa dvdyerar orby mpoodiopioud 1ol enueloy dragpc B.
Mid mpdmy ouvBhun mod mpémer 74 onuelo abré vé lxavomolet, elven v Bpi-

oxetal mdve otéy xbdho (O,R). Mk Bebrepn ouvBiun, elva N yovia A/I?O,

¥

Ix. 24 Ix. 25 Ix. 26

vé elvat bp0%. *Ar’ adth oupmepalvoupe mdhe 74 &yvaecto onueio B mpérer
vé Boloerar mive o xbxdo pé Subuetpo thy AOC.

Zovson - kataoxsvfl. Tphpovpe xbudo ué Biduerpo thy AO, mod wé-
wvet tév xihxko (O,R) of éva oqpeio B, 'H edfela AB elva # Lnroduevy
¢pantopévy.

"AnodeiEn. ‘H AB épdnrerar otéy xiudo (0, R), yierl elvar xdfery
ot6 dxpo B ¢ durivag OB, xal elva 4 Crrobuevn dpanvopévn, yiarl mepvier
émb 6 yvwors onueio A.

Awepsivnon. “Av v6 ompsic A Bploxerar o dmd by wdxho (O,R), of
8o wludor Exouv 3o xowd amuein +4 B xal B "Apa Ombpyow 8o Moeg
xol adrée elva ol edfeicc AB xal AR,

"Av 76 A elvou onuelo o3 xbxrov (O,R) (ox. 25), ol 8bo whhor épd-
nTovtan Eowrepixd 0Té onueio A ual téte brdpyer pid pébvo Ao Elvat 4
xaderog dmd w6 A oviv AO.

“Av, téhog, 6 A Bploxerar péoa atéy xdxdo (0, R) (oy. 26), ol 800
xbuhor Bév Exouv xavéva xowd anueio xal tére Sév Imdpyet Aoy,
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Mapdberypa 5. NG karaaxevoarel xowvf (Eotepixf] Epantopévy 8o
dedopévov xixrhav (K, R) xai (A, p).

'Avaloor). Oswpoline 76 mpdfinua Avpéve xoal &t MN elvan 4 xowd
EEwrepunn) Epantopévy Tév Sbo Sedopbvey whxhwy, mov M xal N elvar 7d on-
pela émagic (oy. 27). ‘Trobérou-
pe dxdpe i elvar R > p. Qépvovpe
vl KM nal AN, mod npogavé el-
vo xdBereg omh MN xal dné 76 A
gégvovpe Thv AA//MN. Tére 04
elvar AA | KM, v dmé 76 bpBoydr-
vio AMNA mob oympatifera €yxou-
pe AM = AN =p. Tdpax até dp-
Ooyavio tplywvae AKA Eépauue thv
Umotelvovga KA =8, mob elvar #
Suixevrpog Thv 8o YvwaTdv xetd
Ofam xal péyeBos wbuhwv, xabl Th wd dnd vl xdbereq mhevpés Tov KA =
=KM—AM = R —p. "Apa 76 tplywve adté umopel Eapyfic vd wara-
OXEVROTEL,

EZovheon - kataokevf), Kotaoxsudfovpe 16 bpboydvio tplywva KAA
&no T otoiyele tou KA =8, KA = R —p xal Rl Ipoexrelvoupe hv
KA, mob téuver wév wixdo (K,R) avé anueio M. '‘Enopévec 76 oqueio A
Bploxertar perakl tiv K xal M, dool elvwe KA =R —p < R=KM. Tdpa
ané 6 M pégvoupe ellela (e) xdbem gviv KAM, mod elvan xal % Lyrobupewn
xow) EEwtepuxh Epantonévy T@v Blo wlxhwv.

"Anoderln. 'H ellela (g) elvar mpogavdic Epantopévn Tol wixdov (K,R),
aool elvay xaBemy at6 ¥xpo M t¥g durtvag vou KM, *Ané w6 A gépvoupe )
AN 1 (e) nal 7é7e 76 Tevpamhevpo AMNA elvan 6pBoycivio, yiatt Exer Tpelg
8p0és yuvles otls nopupés mou A, M xal N. "Apa :

1) AM = AN,
"Ad elvae AM =KM —KA = R— (R —p) =p. ‘Emopbvag, dné
™ oyéon (1) mpoxtmrer 7y AN =p, Snhads 76 onuelo N dviixer otéy %dxho

(A,p). Tére 4 edflele (e) elvar Epamrapévy xal avéy wixdo (A,p), dpod elvar
xd0emy oté dxpo N tHg durivag tou AN.

Awepeovnon. ‘H Aoy acpadiamue dnd tiv Onaply 7ol dpoydviou
Tprydvou KAA, mob elvon Suvarh pé viv mpotmdBean & elven

KA>KA § 6>R—p,

Tére pdhote bmdpyes xal debrepn Man, § elbela M'N' mob elver oupperpixh
g MN dg mpdg T Sidxevrpo KA,
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26 *Ackfigels

4 erdooupe thpn WBulrepn 76 &v8eybuevo R =, Snradn frav ol

whdot elver Toor (ay. 28). *Amd w6

(€) M N K pépvovpe ebfela xdfery ariv KA,

\ mob téuver v xixde (K, R) ové

onueio M. “H mopdddqhog tig KA

A dmb w6 M elvan %) Ynroduevn xowd

/ tEwtepid Epumropsvy. 'H dmbder-

D) vy e En elvor pavepn, yrett §) edfelo ab-

Iy. 28 wh, dool dméyer dmbd T6 A dmb-

otaoyy AN =KM = R, fpdrrera

xab oty xhro (A,R). "E3& mdpyovv mhvrote Sbo Moeig auppetpinés dg
npbe 76 KA, pé thy mpoiméBeay &m ol 300 xdxhor 8év vaurilovrar,

“Av ol Sto whwhar Teurllovtar, Téte T mpbBhnua elvan dbpioro, Snhadh

Séyeron dmelpeg Abosic

AZKHZEIZ
A,

22. N xataoxeuastoby yavies

i) 22°30°, ii) 67°30°, iii) 1059, iv) 135°, v) 150°.

23. Né wataougvaatel tplywvo ABI dnéd td otouyela Tou K‘. B wal v durotipo
3a ThHe yovlag A "Eqapuoyn oy \ 8 609 B =4 cm xal 3z =3 cm.

24, N4 xataoweuaatel mapahhnibypappo &md tf wla wheupd Tou a #al tlg 8o
Sraxywviovg tou § xal ¥

25, Né xataoxevaatel pbpfog dmd tig Sixywvioug Tou 8 nal &,

26. Nd xazaoxeuxatel tplywve ABT' dméd td otouyela Tou &, fa, PB.

27. N& xataoxevaarei loooxehés tplyave ABT (AB =AT') dmé 76 Gdog tov g
ok dmé Th dxtlve p Tob byyeypapuuévoy o adté wbrhou.

28. Né xataoxevaorel labmievpo Tplywvo dmé why dutlva p 7ol Eyyeypapuévou
PACTGITR

29, Né xoraoxevaarel pbpBos drb T wd Sreydwié tou § wal dmd wiv dxvive p
Tol Eyyeypappévou o adréy wdxhou.

30. N& xavaoxevaorel tplywvo ABT dné <d avouyela Tou ﬁ; f': Va.

31, Né xataoxevxatei tplywve ABI dné 74 grougeia tov B, v, va

32, Né xotaonevaorel tplyavo mod divovrar 74 péoa K, A, M &y Ty mhevpdv Tou.

33, Nd xartaoxevaatel tplyove ABI &né td ovoueia tou 3. P B+y=Mx\

34, Né xaraoxevxotel tplywvo ABT énd vd etoyyela tou «, B xat B+y=x

35. Nd xxraoxevaatel dpboydvio tplywve ABT' énéd 7d atouysiz tou ’A\= 1L, B
bl a4y =A

36. Nd& xoraaxeuaorel bpfoydwio tplywve ABI dné 74 avogeix Tou Ao 1L,

-~
B rat a4+ B=2x
B.
37. Né saraoxevnotel mupadinrdypappo, 100 drolou Siverar pla mheupd, pla Bua=
yéwiog wal § yeovie 6y Sywviey
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38. Né& uxraoxevaotel dploydvio, drav Sépovpe Tiv mepipetpd Tou 2h wal h Bux-
yowé Tou 8.

39. Nd xoruoneuaotel Tetpdywvo 4mb 6 &0poropa A Tig mheupds wal tig Srye-
vlou Tou.

40. Nd xxraoxeunotel tetpdyawvo dmd th Bwupopd A tig mheupds wal thg Suryw-
viou Tou.

41. Na natagreuaarel tplywvo ABI dré <4 arougein 7ou pa, ug, py.

42. Né xavaoxevaorel tpiywvo ABT dnb v orougein tou vy, po xal drb th oxé-
on « =20, mod ouvdéer tig Blo mievgés Tou.

43. Nd xotaorevxstel tplywve ABD dnb ¢ ovoyein tou B, v, pe

44. N& xataoxevastel bplloyévio wplyovo ABT énd td orowyein tou k= 1L, o nai
™ Suxpopd p—y =i

45. Nd nataonenaotel Tplywvo ABI' dnéd <iv meplpetpd tov 27 xal <l yawvleg
U gqu. ?

6. TEQMETPIKOI TOIIOI

Eépoupe #8n v Ewolx xal t6v dpropb ol yewpetpuob Térmou drb Thy
mponyobuevy taln. Ol yewperpixol témor mad péypr Tdpa Exovpe yvwploet,
Ayovrar ororyeumdels yewperpixol Témor xab Tolg Exoupe ypnoipomorfioe
xal o7l yewpetpixés xataoxevés. Tobs cuvodilovpe otd Embpeva xabt oté
¢ETs Oa tods Dewpolue émwodimote yvwotols.

7. ETOIXEIQAEIZ TEQMETPIKOI TOITOI

1. "0 yeopetpikdg tomog Tiv onusioyv Tol Emmédou mod améyouv dpi-
opévn ambotacn R dné orabepd omueto O 7ol EmméSou elvar 6 wixhog (O, R)
(ox. 29).

2. 'O yeopetpieds Tomog Tav onustwv Tol Emmédou, mob lowméyouvv
Gmd td dupo Evég yvootol edfiypappov tpfpatoc AB, elvar ) pecoxdBetog
(8) 7ol Tufpatog AB (oy. 30).

3. 'O yeopeTpixds TOmOG TV onuciowy Tol émimédou dmé td dmolx Eva
yoaté e0Bbypappo Tuiipe AB gaiverar Omé Sedopévn yovia @, elvon T Sbo

xuxhixd 165 AMB xab AM'B pé xowd dxpx 76 A xal B, vd bmoia Séyov-
Tar yovie @ (oy. 31).

8

Sy, 29 Iy 30 Iy 31
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*[Brabrepe onpetdvoupe Ty meplnrtwon mod f) yovie ¢ elvar pb4. Tére
& yewperpinbs Témog slvan whxhog ué Suduetpo 16 TpRua AB (oy. 32).
4. 'O yeopetpikog tomog v onpelwy, mod Bploxovrar péou ot yvwotTh

M X

\Kq’

Zy. 32 Iy 33

A B 0

yeovia xay wal loanéyouv dmé tlg mheupés g, elvar % Sugorépog OZ g
yoviag (oy. 33).

8. Tevixdg tpémog épyaciag. Trd Oépara Tdv yewperpirdv Tunwy,
norrd wovbver e Stveran ) IBibrta mod Exouy Td ompeio Tob Témou xal TnTei-
7o & mpoodioplopbe Tou.

Trolg yewperpuolds Témovs, pé Tobg dmolovg B4 &oyornfolue, oyedéy
mévToTe propolpe dmb Thv dpyh va oynuaticovpe pidk Btx oyetixg pé T pop-
N Toug wataoxevdlovrag Tpla onpeia pé T yopaxtyploTind BubTTa Tob
tbmov. “Av abrd cuuBalver vd Pploxovrar otfy (B edbele, 6 Témog O elvan
 edBete adrh % xdmoto TuFHpa e “Av bpwe adra 3¢ Bploxovrar of edfelx,
vbre & témog B elvon & whwhog, Tév dmolo ptlovy Td Tpla aompeia, % xdmolo
16E0 tou. ‘H Swnlorwon abrh dmiéic 04 xabodnynoet ™ oxédn xal why mpo-
coyh poag othy ebpeoy ol Lnrodpevoy témou, ywels adté vé dmotehel xal
ambdekn.

Ervhv dvalhmon &vbg yewpetpuol Témou ) dvddven elvar § pébodog,
mod ypyorpomoteitar oyedby &roxhetotind. *Eatae (T) 6 Tnroduevos yewpetpr-
wbg vhmog xalb { § yopaemnpromind IBbmyra 1év ompetov Tov. Bewpolpe éva
onueto M 1ol wémov xal meepyalbpacte xarddinha thy bt Tou f
ovoyerilovtag 16 onueio adté pé Td orabepd orouyela 7ol mpofAnuarTos.
“Erot dvaxodimrovpe bt w6 omueio adré, atlag THe Bibmrds tou f, dvi-
uet of xdmoto oyfipa (omuetoodvoro) (E). Té yeyovds &t 76 onpeio M 7ol
témou (T) dvixer 016 ayfiua (I), wéc meller &ru Eha v onpeix Tob Témov
(T) dvhixowy oté oy (Z). "Apa Ba elvae

(1) (T) S (2)

Abté Buwg 8¢ onpalver &t & Cyrobuevos vewpetpuxds témog elvan Sho
76 oyfue (Z). Elva drapaitqro vé $erdoovpe wal 6 dvilotpopo, nhadd
#v xdbe onueio Tob oyhuartes () ¥xer vh yapaxtnpiomy Bibmyre f Tév
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onustwy Tol témou, Snhads dv dvixer oty Témo (T). “Exau malpvovpe Ev
onpeto N w0l (Z) xal eEerdlovpe dv adré Eyer iy Iibmnra £ "Av adté
oupBalver, véve EAx th onpelx 1ol oyfiparos () dvhxowy otéy témo (T )/
SnAadh elvon

(2) (2) £ (T).

Tapa dnd tig oyéoec (1) xab (2) mpoxinrer ém (T) = (T), Snhadn
6 Untobpevos yewustpinds témog elvar 76 oyfipa ().

"Eferdlovras Suwe dvriotpopa ©6 Oéua umopei modrés popés vé Sam-
oreoovpe brt drdpyowy ompela N 7ol oyfuaros (Z), mob 8év Exouw Thy I8ié-
v f. Abvd mpémer vi EEanpeBolv dmb tév témo (T), mob dvayxaorind 04
meploplotel ¢° Eva Tpiua (Z,) 1ol ().

Zriy mpdky 6 meploplopbs Tob témov (T) o Fva Tuiue (Z4) Tl oyf-
patos (Z), yiveron pé pid mpocextind Siepelvion Tav bplaxdv Oigswv, dv
mdpyowy, s dmoleg pmopel vé mhpouv Td onpeix ol témov (T) péon ové
oxfipe (Z).

‘H Buepebvnon abrh Ba Frav hoyixd mepureh, &v othy dvdduoy xpnotuo-
mowoboape wévo dvayraiss nal bavés cuvBixes daN wdté 3év elvon mdvrore
elwodo, I'C abré oty dvdhuoy yenowpomotolye dvayxaics wévo cuvBijxeg ol
xavémw pé iy dvrlotpogn EEéracn Tol Béparoc xal th Siepelvon Tév dpa-
x@v Béoewv Té@v onuelov Tl témou Edéyyovpe dv adtéc ol dvayxaies cuvhF-
neg elvon xal Inavés.

Iapdberypa 1. Aiverar ma edeia () xai Eva onpelo A, mob 8&v avi-
kgL 6" abtfl. "Av B slvar Eva onpeio tfig (), va Ppedel & y. tomog tob pé-
gov 1ol tufjpatog AB.

'Aviivon. “Eotw M 16 péoo 1ol rtufuatos AB (oy. 34). *Amé 16
A gépvoupe v ABj | (g) xal otw M, 76
péoo tob Tpuatos ABy. ‘H edela MM, <l- A
o apddhnin mpds Thv (g), dpol mepvder dmd
v péoe M xal M, tév mhevpdv ol prydivon @ M / -
ABB,,. "Apu elvar xdfetn ot tufiua AB, xol 0
pihote 66 péoo Tou. 'Agol éva dmotodhmate
onpeto Tob Témov Bploxerar wavew o adth Th
ouyrexpiuévy eibsla (T), 8ha 7d onueia 7ol
Témov dvirowy athy (T). Iy 34

"Avniotpbews. "Eotes M’ éva onueio g edfelug (T). Od EEerdoovpe
bv abrb Eyeu thy Bibmnta tév oypelov ol émov, Snradt dv elvar v6 péoo
xdmotou Tuhuates, mob 76 éva dxpo Tov elvon 6 A xal 6 ¥Aho Bploxetan
mave oriv edfele (c). Oépvoupe Aamby thy edlele AM’, mod Téuver Thy (e)
ov6 onpelo B'. Evb splywve AB B’ §f MM, mob wepvder dmb 6 uéoo M,

B BB
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g ABy, elvar xalb wapdidghn mpée ) ByB'. “Apx 16 M’ elvax dmwadimore
w6 péoo e AB’, Snhadh v6 M' dvixer oté {nrobpeve yewpetpub Thmo.
Tére 6 7émog elvan % edbela (T).

‘Opraxd ompeia ot témou Stv Omdpyowy, yiatl t6 B pmopei vé Exe
smotadhmore Oéon mdve othy dmépaven edfela (e) xal dvrloTouya mpég advh,
w6 M pmopei vé Exer bmowdfmore Oéon mdve oriv dmépavry ebbela (T).

HapdSerypa 2. "Eva edbbypappo tufjpe AB Exer atabepd pfixog 2
xai Td lixpa tov peratonifoviar dpald mavo otig dbo mhevpEg pulc opbijg

o~
yoviag yOy. Na Bpebel & y. t6mog tob péoov M 1ol tufjpatog AB.
*Avadvon. T4 dxpa A xal B 7ol tpfuarog AB =2\ Bploxovron mdve

atig mieupée Oy xai OY dvmiorolyws g dpb7s yawviag xﬁ@ (oy. 35). “Ag
Smobéoovpe 8t M elvor 76 péoo 7ol
AB, 3padh dva onueio 7ol Témou. "E-
nedh 6 tplyove AOB elvar dpboydvio
016 O wal H OM elvar % Sidpeads Tov
BN npbe thv Ymovelvouow, Exovue
N AB 2\
2 oM s 5 OM = 2 A
N Té onueio Aowmév M dméyer orafeph d-
mbavaon A Grd 6 onusio O xol Emoué-
A Bl varg Gvixet o whho ué wévrpo 76 O xal
i doerbver A
) 0 >, Awepedvnon. "Enaidt 16 tufjpe sz Bet-
0 M, A % oxeran péow othy pl yevie yOY, dpa
Ty 35 xal 6 péoo Tou elvar Eowrepud anusio
i yaviag. Tére vd omueia 7ol Témov

nepropllovran oté w650 M’:M, 203 xixhou. (O,0), mob Pplonetan péow ot
yevia xﬁg{a.

*Aviiotpogos. "Eatw M &va onpeio tol t680v M’:ii[,. ME xévrpo 16
M xab doerive MO = A ypdpovpe &va 680, mob wéuver Thy Oy of Eva omueio

A. Oépvovpe thy edBete MA, mob téuvew v O of éva omusto B. Té =pl-
yove MOA elvan dmbd v xataoxreun Tov loooxeréc wé MO =M\ =2 "Apx

A~ -~
MOA =A =w.
Ané 6 dpBoydvio tplywvo AOB Exoupe B o =1t —o, &vd dnb Ty
bob Yol xa.la mpoxdmrtel dtu BOM = 1L — . 'Ané 7l 300 Teheutaicq

oyéoeis mpoxdmrel §v B = BOM xat Emoptvas 6 tplywvo OMB elvar loo-
oxerég pé MO =MB =
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Tedpe, dnd td 3o loooxehy tplyewva cupmepatvoups dm MA = MO =
=MB =2a "Apo 76 M elvar 6 péoo 7ol Tuhpatog AB = 24, Sqaadh 6

dmotodimote onueio M 1ol téEou MTM, elvor onueio Tol Thmou.
*Amé td mponyodueve mpoxdmrer mdg & {nrodusvog y. témog elvar Té

TETUpTO M:Ma 700 whndou (O,) ué bpraxd anueio vd M, xal M,

Haedderypa 3. Aivetar Evag xokhog (O, R) kai Eva gnpelo A. "Av N
eivar Eve dnowdfmote onpeio tod kikhov (O,R), @épvovpe thv edbeic NA
kel maver ¢ adti maipvoupe Eva onpelo M tétowo, date va slvar NM =
=NA. Na Ppebet 6 y. témog tod onpeiov M, d1av 16 N daypager tov kixho,

"Avalvon, "Esto M & anueio 1od témov, Svradfy NM = NA (oy.
36). Dépvovpe thy dutlve NO xab dmd 6 M thv mapddinhoe <He NO, mob
Tépver v AO otb onueio 0. b Tpl-
yave AMO’ 4 NO elvor mapddhnhn mpbs
v MO’ xaf mepvder dmbé 76 péso N
i mheuplic AM. "Apa 0c mepvder ual
ané 16 péoo tig mhevpiis AO’, Snrady
AOQ" =2A0. Tére +6 onueio O elvan
yvootd xal otabepd. *Emmiéov 4 NO
06 elven Lo pé w6 puod Tijg MO’, Snhady

NO = % = MO’ = 2NO = 2R. Ix. 36

“Qote 76 dmotodfimore onpsio M 7ol vémov dméyer orabeph dmboraon 2R
amb 16 orafepd onueio O’ xal Emopévac Od Pelonerar mdve otéy xhnho
(O0',2R).

"Avuietpdos. “Eoto M’ &va enusio 7ol xdwdou (O, 2R). Oépvoupe
vy AM’ xal dmé 16 péoo O tiic AO' pépvoupe elBela mapddhnhy wpbs T4h
M'Q’, mob tépver Tiv AM’ o076 onueio N'. Tére o6 tplyove AO'M’ 76 N’
elvas 76 péoo tfig AM' xal Emimiéov elvar ON' = % = 22—R = R. "Apa
76 N’ dvixer by xbiho (O,R) xab émerdh elvon péoo ol Twhpatog AM',
Emeror Bru 76 onpeio M’ o8 xdxhov (O0',2R) Exz thy Wibrnra tév o"qp.aiwv
ol Témov. “Apu & {nraduevog y. témog elvan & whuog (0',2R).

Hoapddeiypa 4. Aivero Evag kikhog (O,R) xai &va onpeio A. Né
Ppebet 6 v. vomog tdV péowv tdv xopddv tob xikhov, mod Sifpyoviar amd
6 onpelo A (6tav mpoekrtaboby, dv yperaarel).

"Avadvon. “Ag mépovpe &va anusio M ol térov, Syhadh 76 péoo pidc
x0p8%s BI' 7ol wbwdov (O,R), mob mepvder dmb v6 onueio A (ay. 37). Té
Tpdjue OM elvar xabeto o) xopdd), yuett 76 O elvan %évrpo 7ol xbxhou. “Apa
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w6 grafepb TuHpe OA galverar dmbd 76 ompeio M tol vémov dmb bpby yavia
nab émopéveg 6 onueio M dvfixer o€ wixro pé Siduerpo Ty OA.

, Awgpedvnon. i) "Av 76 onueio A elvar Ew dmbd tév wbxdro (O,R), 6 xb-
whog ué Budkpetpo v OA répver oy xbuho (O,R) o€ 3o anpeia My xal M,

Iy, 38 Ix. 39

(oy. 37). T& onpeia ol Lnrobpevou y. témoy mpémel vi Pplonavron péau by
whrho, deob elvan 7d péow yopSdv Tou. “Apx abtd elvar omuelx ol T6Eou
M,0M,.

i) "Av 76 onueio A Bploxeron mdve avév xdxda (O,R) (ay. 38) % elvan
péow atéy xixho (of. 39), éha Td onuein 7ol wbxdov pé Sdperpo iy OA
elvay Eowtepind yidk 7oy xlro (O,R), pé tEalpean 6 onueio A, &v advd
elver mdve avéy xbxro (O,R), “Apa 74 onusia tol témov dviixouv ovéy xi-
who pé Sudperpo thy OA.

*Aviiotpopog. [lalpvovpe éve dmotodnimore anuelo N 7ol whxhov &
bmolog Exer Sidperpo Thv OA, dowrepind Bpwg yid ov xixdo (O, R). Oépvoupe
oh NA mob véuver 76v xbxho (O,R) of 300 oqpeiz B’ xal I'. “H ON elvar
xdBemy avh BT, yiart 76 tplywvo ONA, meudd) elvan Eyyeypappévo of Hui-
whho, elvon dpBoydivio até N. Tére Suws 76 N 0d elvau 76 péoo tic yopdiie
BT, yurl % xdfevog dné 16 xévpo ol whuhou om yopdh BT mepvder
émé t6 pboo e

“Apo & {yroduevag y. Témog elvan w6 dowtepuid [yid Ty xixda (O,R))
Tpfue Tob xhxhov pé Sudperpo Thy OA.

AELKHEEIZX
Al
46, Né Bpefel & y. tbmog @y empelay mob dréyoty avabepy) dméotaon o dné dedo-

pévn edbela (c).
47, Nd. ppebel v, témog wdv onpelay, mob laaméyouy dnd 3lo BeBopéves mapddin-

Mg ebbeleg () xaxl (e4).
48, Né Boelel & y. témog Tdv xévrpav Tév xixhwy, mwob mepvalv &mé dbo ortabepd

anueia A xal B. E :
49. N4 Ppebel & y. womog T@v névrpav 1av‘xv5x)xmv mob dpdntovral ot Spopéva

anuelo A g yveoris edbelag,
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50, Né Ppedei & y. vémog Tév wopupdv A Tév Tprydvey ABT mod Exouwv ataleph
watd Béom xal péyebog Bdon o xal ovabeph xord uéyebog Sidpcoo pg.

51. N Bpefel & y. Tomog @y . Bdpoug 76 v Tpryvay THg mponyolpevns donnoews,

52. Alverar tplywvo ABT. Né Beeflel & v. 7 Smog Tédv xévipamv tév mapakknloypdp-
ey, mob oxnuatifovrat, v dnd Eva anueio M g b tocwg BT yapayfoly mapddinies wpés
<l 8ho ke mAeupés Tou.

53. Nd ReeBei & v. témog tév xévrpav Tév 1wWxhav mod dpdmrovrar atls mhevpés
uiiic dedopbvmg yovlag.

54, N Ppebel 6 y. témog Tév quppetpindy yvi: 7ol anpeton A g mpés Tig edbeleg
nol mepvolv dré aralepd onpelo O.

55. Né Bpefei 6 y. Témog w@v onpelov drb vd on - Ta fvag xixkog palverar tmé dedo-
uévn yovla .

56. ‘“H mievpd BT dvbg petafinmob tprydvou AB" Bwmnpeivar ovalep? xatd Béon

nal péyefog bvd % ywvia tou X Srarnpelzon araleph pé o xatd péyedoc. Nk Poclet & v.
témog Tob xévrpou Tol yyeypappévou xixAou Tou.

57. N Ppebel & y. témog 7ol péaou tév xopdhv 3e Lopévou xbxiou mod Exouy yve-
ath piixog A

58. Abvetar fvag wdwdog (O, R) xal &va ompeio A. "¢ v K elvon &va ompeio o xi-
xhou, v Bpebet & v. Témog Tob péoov Tob Tuhuatos AK, 81w w6 K Sucypdger év windo.

B
59. Alvetar Bvax lonoxehée tplywvo ABT pé AB = AT Tdve otic mhevpés Tou AB
wal AT Bewopoipe Sbo onuela A xal E dvriotolyws, Eror bote vi elve AA =TE. Na
Bpebel & y. témog Tol péoou Tol Thugtog AE.
60. Alverar fvac wiwhog wab wd Sudpetpds tou AB. (n'pvoupe wd dmowdfimote
yop8#H AT xalb othy mpoéurach mig matpvoupe tpfpe TM = I'B. 1¥d Beebet 6 v. Témog Tob

anpetov M.

61. ‘H mievpd o évbg petaintol tprydvou ABT mapapé e otadeph xatd Béomn
xal péyebog, &vd % ywvix Tou A rupapéver ovabeph pévo watd pé yebos. N& Bpedel & v.
témog Tob péoov xabepids &né vl mhevpés AB xal AD.

62. Alvetar ebfelor () xat 809 otabepd onpeia ™ A xai E. Ao wetafintol ®b-
whor dpdmroviar othy (e) otd onuela A xxl B dvtiavolyws xal ucted Toug ath onueio
M. Né Bpeflel & y. vémog 70D ompeelon M.

63. Alverar vag winhog pé xévrpo O xaxl wd otabep? Sukpitpée mou AOB. @ép-
voupe pid droladhmote dutive OI' wul mdve o' abmh malpvouue Ty fjua OM =TA, émov
elvar I'A_| AB. Bd Ppefei & y. témog 7ob onpeiov M.

EIMANAARTITIKEE AZKHIEIZ

Ceopetpikés Kataokevis
A’.
64. N& xataoxevaatel tplyovo ABI' dmé td otoyxeia Tou 1',/13, By

65. Nd xartaoxevaotel tplywve ABL d&né td orouyela Tou a, B Thy dutive R
Toh mepryeypappévou xixkou Tou.

66. Né xataoneuaorel tplywve ABI' dmé td otougeia Tov :\\, B xal v durlva
p Tob Eyyeypapuévou xixAoU TOU.

-
67. Nd xartaoxevnstei tplywvo ABI dnd td orouyelx vou a, B, vg.
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68. Alvovrar Ble mapdiinhec edfeieg (e3) xal (e,) b &va onpeio M. "Ané w6 M
v& yopacyOet ebBein, mob vé téuver tic me.pdlhes, Evol bote 16 Tufua ™ péox oth Ldvy
Ty mapodhihev vé Exe. Sedopévo pixog A

69. Né& xartaoxevastel tplywvo ABT dné td oTotyeln Tou T\\, 82, Va.
70. N& xarxoneuxatel dgloydovio tplywvo ABT dné <4 ototyela Tou 7 1L,
/B\' xob o —y = 3.

T1. Né wnraoxevxatel dpboydvie tpiyove ABT éré td otouyelx Tou A= 1L,
e xal B4+ y=02

72. Né xataoxevaarel tplywvo ABT dré 4 arotyela Tov JI;, Ve el a4 B=A

73. Né wataoxevaotel tplywvo ABD dnéd <4 oroueia Tou o, vg xxb B+ y =2,

74. Abverar tplywve ABT. Né xataoxevaarel eiBelx mapdidnin mpég h BI' mod
vé vépver lg mheupts AB xal AT otd anpelx A xal B dvtiotolywe, #ror dote vé elva
AA =TE.

75. N& xarasuevaotel talywvo ABT éré <4 atouyeln Tou o, A= xai ug.
76. Né xataowevxatel mplywvo ABT dné d oTouyeia Tou o, Vg, Vy.

T7. N& xaruonevaorel tplywvo ABT égné vd atouyela Tov &, g xal B = P.
78. N xatuoxevaotel tplywve ABT dné td aTOLYEIX TOU a, [k, U.

79. N& xavaovevaote( tplywve ABT dné 74 otouyeia Tou = @, Vg, iy
B.

80. Né xataoxevactel 6 péyiato labmisupo Tplywvo, wob ol Tpelg mheupés Tou
v& mepvolv 4mé Tig xopw pés yvwatod Tprydvou ABT.

81. 'Amé 6 v d nb Td wowd onueiz A Sdo Teuvipevay xixhwy v gépete edbela,
mob v Téuver Tolg x0xd oug otd onuein B xat I, Eror Gote 6 Tuiipa BT vé #xe yvoaté
wiikos «

82. N& xataous saorel tpamélio Tob bmolow Sivovron pla dré <ls ph mapdlinieg
mAeuzés, ol 8o Sraydr ol xal § yevia tév Suyavioy.

83. Né xataoxvactel tpamélio tol dmolou Sivovian wd yevia, ol 3do Sraydivot
xed ) yovie tév 8oy wvlawv.

. Temperpixoi ténor

84. "An6 &vx o queio A mob Boloneton ¥Ew dird Evav xbido pépvoupe pid Tépuvovon
ABT 700 wixhov xal dré ©6 péao 1 <is yopdiic BT pépvovpe xabeto oth yopdh xal whve
o' abth malpvovype 7 Fuw IM = IA. Né Boctsi 6 Y. Témog Tob enpeion M.

85. Abveton wbudog xab atabeph yopd% AB. "Av I' elvar &va broodnmote onuelo
w00 ».0uhov, xaraoxivdfovpe 6 mapadinidypaupo IABA. N Bpebet & v. Témog o) Tob
#évpou 700 mapakhhoypduuon, B) the téTapTng xopugiic Tou A.

86. 'H mievpd AB &vég peraPintod vetpamietpous ABTA Satnpeitar ovabeph
na v Béon xat uéyeos, &vi ol mreupée AA wab BT wal 7 Siaydviog AT Suxrngoivrar ota-
Be.pég pévo xatd péyebos. Zmreivor vé Beelel & v. Témog 705 péooy Tig Buaywvioy BA, xai
¢ y. vérog 7ol Tpfpatos, wob Eyel dxpa Td péox TdV Saywviey.

87. Alvetar &vag winhog (O, R) xab pla o7aleph 10p8% tou AB. Né fBpefel & -
wémog Tob péoou xafepds dné tlc Sraywvioug Tév tpameliny, mob elvar Eyyeypopéva
omév xhuho xab Eqouy g peyahitepy Phon th Sedopévny yopdn AB.

88. “Evo bpBoydvio tplyeve ABT [?-: 1L) orabepol peyéBoug, peraBdiier dpoid

WnionoiBrke amoé To ivotirouto EknmaibeuTikrg MoAmkrg



*EmraveAnmrTikés GoKMoElS 35

wh Béan tov 616 Enlnedé tou, Erou bate ol nopupés Tou B xal T véd Pploxovral mdve of
350 ndfetes ebleieg (e,) »al (e,) dvriotolyws. Né Bpebet & y. vémog Tic xopupiic A 1ol
TpLydvoL.

89, Alverar dvag windog (0, R) xal pid orafeph Sdpetpés tou AB. Dépvoupe wd
40p8% BT xal athy mpoburach g walpvovpe Tufpa TA = I'B. Né& Bpebel & y. tbmog
tob onueton M e Topfic vév AT xal OA,

90. Alverar #va loooxeréc tplywve ABT (AB = AT'). Mé xévtpo v xopugh A
wal pé pad durlva pepbrepn dmé Thy AB yedgoups xluio, dvé dmé té onpele B xal T’
gépvovpe i i ouppetpués Epantdpeve, Tob TéuvovTaL oté onueio M. «) Né Ppedei &
y. Tbmog Tob onpelov M. B) Tavew oth MB malpvoupe spfjua MN = MT. Na Ppebet 6 y.
témog Ttad onuelou N.

91. Alvetar &va dploydvio Tplywvo ABT (Kz 1L). "Eote M #vo anpelo g bmo-
elvouode tou BI'. 'Ané 16 M pépvoupe xdfeto oriv Umotelvovoa, mob Tépver tlg ehbeteg
AB xal AT ové onpeiz A xal B dvniotolyws. Na Bpebel 6 v. témog 70 péoou tob Twh-
patos AE.

92. Alvetar &vac xbwhog (O, R) xal &va onpeio Ttov A, Oewpolpe md tuymlx
yopdh AB xxi &r’ 6 O gépvoupe whv mapddinho TiHe AB, mob Téuver Ty Epantopévy
&’ 16 B até onueio M. N& PBpebel & y. témog w0l M.
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METPIKH I'EQMETPIA

9. Td yewperpumd peyébn. Méysbog yevind Aéyetor waberl, mod éme-
Séyeron ablnon § EAdrrwon. Newperpind peyéln Aéyovran td peyédy, mod EEe-
valovror dmé T yeoperpla. Téroww elven td edBbypappo Tufpare, of yo-
vieg, Td wuxhind t6Ea, ol dmipdveies uhetoTdv éminedwy oymudTwy, ol Byxo
TGV oTepEdV .4

Té yeopetpixd peyéln ¢ ywpllovue of xatnyopies % odvoda bpoctdiv
yeopetpidv peyelav, drwg my. 16 olvoro ta@v edBiypappoy TunpaTav 1
16 obvoro 1oV T6Ewy Lowv whdev xTA.

g mpomyolbpeve dploape tle mpdkers Tijg mpoabéoeweg xal dgarpéoswg
otd olvora Tév edfbypappwy Tunudtev, TEv yovidv xab tév téEwv fowy
xOxhwy, xaldg énlong tov modhamhaciaopd xal ) Sulpeon pé uowxd &plpd
xab 6y moAhamhuctacud wé pntd. Mmopel va dmoderyfel 8t xal 76 ywdpeve
yewpetpixol peyélous pé ppmto dpibud dmapyer xal elvar péyebog dpoeidég
npbs Th dpyind.

* Ilpayparnixd, dv o slvar &vag ppntog dpbuds, elvar yvword 8t abrée Exe. dva

Bexadind dvdnruypa pé dmepa Sexadixd ¢mepla, mod 8év dugavifouv xapd meprodudyTa.
"Eotw Aowwdy a = ¥y, ¥ (¥, ¥y, .. Wy, .. 76 Sexadud dvantuypa tob dpuol o, &mou

¥, elvar ol dxépareg povddes tou xal ¥y, ¥y, ¥y, . . . 1d {mela Tol Sexadinod Tou dvamti-
ywatos, Kataoxevafoupe tiv dxokoubla tdv prrdv dplbuéy
(1) ag="Y¥,, ay=¥q,¥,, ag=",¥,¥,..., ay="y,¥¥;s...¥y,...
‘H dxohovbia (1) t@v pyrév detbpdv ouywiiver atév dppd a, Snaadh elva :
(2) lim ay =« (lim onpaiver 8pro).
v—> 4+ ®

"Ag Omobéooupe Thpa B1i A elvan Eva yewpetpud péyelog (m.y. edbBdypappo Tuf-
pa). "Ané v dxohouBia (1) xataoxevdlovpe v dxovirobla :
(3) Aoy, Aoy, Avotg.o., Asdy,...
ol Eyst Ewvorx dxoloubiag dpoadiv yewpetpikdv peyesbiv.

‘H duxorouble (3), Efarriag Tiic oyéoewg (2), drodewmvierar &t quyxiiver of dpoei-
3¢5 péyelog mpdg 6 A, mou gupforilerar pé A - o xal Aéyerar ywbusvo Tob YEwpetpL-
%ol peyéfoug A pé tév dppnro dppd a.

Mapaderypa. "Eotw A éva edbbypappo tpfue xal a=Y2=1,414213... &g
Sppnrog dpBpds. Kataouevalovpe thy dxohaubic

we=1, ay=1,6, ag=1,41, a;=1,414, a,=1,4142, a,=1,61421...
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not ouyxhlver atéy dpfué VI xal ¥reta wataaxsvafovpe Thy dxoroubla edBiypappwy
TUNUETWY.

A-d, A-1,4, A-1,61, A-1,614, A-1,4142, A - 1,41521,. ..
ol ouphlver oth edBlypappo TpFwa A - V2,

10. Adyog dpoerddv yewperpdv peyeddv. “Ag Bewphuovpe Sbo
buoeidd yewperpixd peyéln A xal B, &mov t6 A 3év elvar pydevind. Mropel
v dmodetyfel dm (PAéme mupandte dmédeky Yk th edBbypappa TufpaTa)
ndvrote Umdpyet wf Gpvyrixds dpbpbe p, tétotog dote v elva Ap = B.
‘0 dpifpde p Méyetar Mbyog Tob peyéboug B mpbs T4 dpoedés pbyeBog A xal
Ypdpovpe

-
g

Elvew pavepd &mi & Ayog 8o dpoedév yewprtpudy peyelév elvar &
dpBpbs pé tév bmolo mpémer vé molhamhacidaovpe T6 Eva & abTd ik vd
mwhpovpe T6 &AAo.

* *AElwpa tol "Apyuyidy. "Av A xai B givan §00 pf pndevikg edOhypappa
ufpate tétowa dote A < B, dndpyer @uowkds dpbpds v, throtog Gote va elvar vA > B.
Té dElopa wdtd, mod propel vi yevixevBel xal yid dmoiadhmore dpoeidh) yewpetpind

peyéln otd dmola ¥xer dprotel # ayéon Swrdbews, SaTundvetar xal o e57g :
‘H dxohoubla tév edbiypapponv tunpdtav A, 2A, 3A,..., vA... elvar abfovoa

xal i ppayuéwn.

Bewpnua. "Av A kai B elvan 300 000ypappa tpfipata Smov 16 A Bév elvan
pnlevikd, Omapyer mavtote Evag mpaypatxés xai pf dpvnrikds amludg p, térowg
dBore va elvan A - p=B.

‘Arddeitn. i) “Eoto 6t 16 tpfpa B elvar undevixd, Snadf B = 0. Tére Od elvae
A.0=0, dpa 6 Bedpnpa loyder yid p = 0.

ii) “Av A =B, <6te 04 elvar A . 1 =B, Inladf t6 fedpnua loyder yid p=1.

ili) "Botw A<B. Kartaoxeudfovpe vhv dxchoubiz tédv ebBiypappeov tpnpdrov
(1) Ap 2R, 1BAL Uy, v

1 brola, abppwve pé 6 mponyobpeve dElopa, elvar atifovon xal pf gpayuévy. "Apa brde-
yer puawds dpuds k, tétorog dore vé elvon :

k-A&B < (k+1)A.

) “Av othv mponyobpewm oxéon loyber t6 =, tére adrh ypdgerar k- A =B,
Snaadh t6 Bedpnpa loyxber vk p =k.

B) "Av elvar k- A < B < (k+ 1) A, 3madh & 16 B mepéyerar oté dvouywé
Subatnpa (k- A, (k + 1) A), <6 bmolo ¥ye: mhdtog A, Téte Siyotopolps T6 SudkoTnpa
abtéd xal nalpvovpe T Sbo SwoThparae :

(2) ((k-A. k-A+-ﬁ;—), (k-A +i;. (k+1)A)

wol 76 xabéva Toug Exe mm.;%. . Abe elvar v mOavd vSeydpeva, Snhadi :
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a,) Té tafjuax B ovpminmrer pi w6 k- A + %, Snhadf B=k- A 4 _{Ll_ %
&

Bo. 2k +1 2l 44
2 2
B1) T¢ tufipx B mepiéyerar of va dnd td Sdo Suxorhpara (2), Forw otd mpéro.

Tére Suyotopobue mdh abtd xal maigvoupe 8o Buxothuarx :

< A, dmbte 5 Bedpnuo loyler yut p=

: AT A A
) A kA4 o . . i)
i8) (k-akataz),  (keatg, kAt )

o T6 waMéva Eyer mhdrog i:._ =....‘2§;._

“Oneog »al mponyoupéve g, 8Yo eivar & mbavd &vde cdueva, Snhadd, :
ay) T tpfpa B ovpnincer pé 4 tpfpa k« A + %, Bnhod?, elvae

B=k-A+ 2 %8B ="_“‘z+_1 « A. Tére 76 Becpmure loxder yud pz"’_kLu.
4

Ba) Té rpfipa B mepéyerar of Eva dmd td Swwrthpata (3). Tére 8t roropodue
wdh 6 SudoTrue, oté dmoilo mepufyeton 6 B, xal malpvoupe 800 Swxothparta (1€ mAdrog

‘H {81ax oxéim &v Ernavaimelei v popés, B& wepropioer 16 tujpa B perall 8do Suasty-
parov pé Sapopd mhdtoug A |2V, dv othd petald 6 B div Exew ovpméoer P Eva dmd 1k
anpeia wod Suxotopoly T wpunyolwve Suothuata, Tére, Srav 6 v telver 016 &mepe,
Sramotovoupe 16 tpfpa B meprop feton perald o Saotqpdtev (tpqpdrev) pé Sa-
popd undevixol wAxTous. “Apx 16 B oupninter pé v tautildpeva dxpa tol pndevixed adrod
Swothpatos, Td b rola dmwedfnote tugpalovrin 4’ 6 orouyeio A, w0 mwoAhamhogid -
Getan pé xdmotov d.obunTind ouvredeatn. Abtds dxpiPic 6 ouvredeothg elvar & dpidude .

11. Métgo v vewperpix@y peyebdv. "Ac Ocwpiooupe 8o dpo-
etdi) yeopetpw d peyéln A xal M. Métgo 7ol pyéBoug A pé povader petp-
ceag t6 péyellog M dvopdloupe To Adyo

(1) A _

M
700 peyeBoug A mpbs 76 dpoetdés péyefoc M. "Apa w6 uétpo p Evbg rewpeTpl-
%ol peyifovg elvar mpaypatied s xal ph dpwtieds dpbuds, mod éxppdlet
h oxéon Tob peyéfoug A mpbe, T povdde petpioewg M. llpaywirmxa dmd
) oyéem (1) mabpvoupe A = M, dméd Thv dmola viveror pavepd iitt pé v
Eravalaln p gopés ths wovad 1g petphiosws M matpvoupe té Al
‘H &xhoyy e poviddaug 'tetpoews elvar adfaipem.

12, Mévddeg petprioe wg T@V (éypL TWPL YVWOTHY YEUILETPIXGY
peyebav . Ol povidec peto fioewg Tév yewpetpidy peyeliv, trwg dvagé-
pape mponyovpbuwe, maphy sav adBalpera, mévrag elvor xalopiopéves xal Sie-
Ovéde mapadextés.

It ) pérpnon ol phxovs ypnoipomoeitar 6 pétpo (otpPero 1 m).
Abth elvon ) dmboTaoy p etald dbo yepayiv mhve o Evav xavéve dnd lpuiob-
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MovcBes peTprioews 39

¥o Asuxbypuoo, wob guddyetat oté Sielvés ypageio pérpwv xal otaludv
ottc Sévres 17 Dedhas. “H povade adrh ol phxrovg Myeron mde elvan 76
1 /40 000 000 7ol pixovg 7ob lomuepwod tie I'fjs. *ANd oty 11 3webvy
cuvdikaxeln yid t6 pétps, mob Eywe 16 1960, dnoguolotyxe vd mpoodiopile-
Tol T6 pixog Tov chupuve E dpopéve pixos xkbpatos pwTths, ol wapauével
otafizpd, &vd 6 petodhinds wavbvag Emnpedaletan dmé vl Bepuoxpuoies Tod
meptf dhhovtog. “Eror 6 pérpo dvmiororyet of 1.650.763,73 uhxn xdpxrog
ot xevb T mopToxahbypwuns Ypauuis Tol lodromou 86 1ol orouyelov «xpu-
TOVI.

“Extbs dné 16 pétpo, mod elvon ¥ Paouxh povddo petprioews Tob pwhxovs,
ypnotponotolvral Td moMamhdota xal Omomolamhdord Tov, dmb Td dmolx
Ta xuptbtepn elvae 6 yuhibpetpe 1 km = 1000.m, ©6 éxarootéuerpo 1 cm =

——j‘—-m 6 yLhtooToNETPO imm—-—i—-m
100, T DOIRTIE 1000

T oh wérpmon Tév yowndy Exovue Tle dubhoubes povddes :

i) ‘H poipa (obpBoro 1°). Elvar Ton pé v6 1/360 tic mifpovs yw-
vixg (1 mpne yovle = 4L). “H polpa Smodiatpet-
Tt ¢t 60 mwpdta Aemrd (60°) wab v¢ xdfe Aemtd
ot 6) ehrepa (607').

ii) 'O PaBpég (cOuPBoro 18). Elva <6 17400 R thi
g 1poug yavlag xal drodtoanpeital xatd 76 Sexo-
Swéd odompe.

iti) T6 axrivio (chpforo 1 rad). Elvar éxebvn Iy 40

N yovta, % omola &v xatactel Emixevrpy, éyeron
©6E0 mob 76 pinog Tov I elvan Too pé 76 pixos R g durlvag pé thv dmolx
Yodpmxe (oy. 40).

Eé &0 uepdhato Bd dmodetyBet i pud miNprg yovlx Exer 2m duvivea,
bmov 7w = 3,14159... elvar dpBpde dobpperpes. Té dutivio Smodiapeivon
xatd 6 Sexadind obompa xal elvar meplmou Too pé 57° 17’ 44/, 8.

'Avtiotouya mpbe tig povddes petphoewe-Tév yowidv dpllovrar xal ol
povadies petphoewg Tév téEwv lowy xbhav SnAady :

i) "H poipa, Ton pé 76 1 /360 ol xixhou.

Ii) ‘O PaBpédg, Toog pé 6 1400 7ol xdxhov.

iif) To axtivio, loo pé 76 1[2m 7ol xixdhou.

13. Zopperpa yewpetpind pey€dn dvopdfovrat Sbo buoad yewpe-
Touwd peyétn A xal B, &v elvat molamhdowx dvbg dposulole mpbe adrd pevé-
Ooug T'. Anhadn &v elvon :

A=pT %l B=v.T
Emou of dplpol p xal v elvar dxépatot.
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40 ’Avodoyles kal 1810TnTES TOUS

Tére Myue &1t td peyédy A xal B Exouv xowd pétpo xal Ewoolpe ém
vh oo tiv A xal B pé povide petphoens 16 duoedés péyslog T' ehiou ol
dnépasor dpBpol p xal v.

14. Oedpnpa. ‘O Loyog b0 Opoarddv ysopetpikdv peyeddv elvar
{oog pé 76 Abyo 1V pétpov tovg, drav adta petpnBolv pé iy idwo: po-
vada peETpioEmS.

"AnédaiEn. "Ac Bewpfiooupe Bbo buosid yewpetpuxd peyédn A wil B,
mob Td pérpe Toug elvan o xal B, Sty abrd petpnfolv pé Thv W povddx pe-

|
rphoewg M. Tére 04 elvar A = oM, B =BM, énbre Lol S He O
B pM p M

= yeoth elvo - 1. "Apo - o .
B M B $
15. ’Avadoyleg xal I516mrég Toug. "Ag Bewprooupe 3o abvoda yew-
petpixév peyelav.
Q,={ABT,....,X,...} sl Qy={aBrscccsXs.--}

mob 6 xabéva Eyer Spoeidh yewperpud peyély, ywpls dvayraoTind Td oTOL-
yeio ol cuvbhov Q) vd elvar duozdh mpée T orouyein Tol cuvbhov
"Eote pevald tév orouyelov tiv S0o ouvbhwy wd dupuuovoshuavy &vti-
orauyta Omhd Thy Evvoux

A BT on o Ko
$if fedni B
At - R e e SR

(m.y. Enfuevrpes yavles xal dvtiotoiye mpbs adrés Téha Tob diov xbxdov).
Ty dvmiotorgle adth 0& oh Aépe dvaroyia, tére xal pévo thre, brav 6 Aéyog
A

) 300 Smorwvdimore arov(slav ol cuvéhov €, elvar foog pé 6 Aéyo =

Tév dvrlotoiey otoryeloy ol guvbhou g, Snhadd brav elvar

(1) £-2.
B B

B oybon adth T yeapetowd otorxeia A, B xal a, B Aéyovrar por
e dvaroylas. Td A wal B Aéyovron Gkpor Bpor xal 7d B xal a péoor
Bpor.

‘H oyton (1) wropei vé OcwpnBel lodmnra dpBummindv xhaopirwy
(§ 14) %ol ouvemide %v dvtl y1d Td peyéln yenoupomotficoups e pétpa Toug,
wbre loybouv ol yvaotég dmé thy “Adyeou Bibmyres Tév lowv xhasucitay.
*Anb adtéc Smevbuy ffovpe Tle amouBabrepes, wob elvan of &g :
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Mécin &véhoyos 41

i)%:%#mb‘:ﬂy

R R P

B 3 Y 3

iy £ =X .,ﬂ,.“'_:_@:x_i__s

B3 B 3
i =_"_=°‘_i"f_+_"'_+"._
Ly TR R O

Iapatiipnon. “Av otlc mponyodueves dvahoyles dvil yid td pérpa Toug
Occpfisovpe 7 (B Tot yewpstpind peyéln mpémer vi mpootbeupe atlg 8u6-
g, Etol Gore, dmou Omdpyouv &lpolopata (% Sweopés), of mposberéo
va slvar yewpetpixd orouyele Tol [Sov owblou, Yk va Eyouv vimpo ol
mpd.2ec.

16. Méion avaloyog 3bo dpoetddv yewpetpixdv peyeliv A xal B bvo-
pal st Evar dpoaidés mpds wdtd péyelog M, yid 76 dmolo loyber 4 oyéay

R YAl
M B

Tére § avodhoyle Ayetor xal cuveyhs.

17. Tétapty dvahoyog Tpiiv duoetdiv yewpetpindv peyebav A, B,
wal T Aéyeton Eva bposidés mpos adtd yewpetpuxd péyebog T, v 6 émoio
ozl 9 oyéon

A_T
B =T
(Té T &yer v téraptn Oéon oty dvodoyla).

ALKHZXIEIZ

93, "Av elvar ;;. = ..g.. , V& &moderybel Bre: w = .3"'_:?.8_ ‘Opobeg
R | ;’ B grow x, A dpBunTinot ouvredeotés.

94. "Av elvar % = :g-, v droderytel Gt : _‘1% o= i_“!_‘% ‘Opotwg 671t
e M, drmou %, A, W@, v, dptBunmixol ouvzeheoTéc.
pa + v uy + vd

95, "Av elva = = % , v& drodeyyDel s :{:I:; = % ;

96. "Av ol dpyol «, B, v elvar dvdroyor mphs Tog dplpods 1, 2, & vd dme Beryfe
7 w6 @poropx & + B 4 v elvan mokhamrdoto Tod 7.

; = . Sy — 7B, + By, t
97. "Av eivar 2 = By A1 vi dmoderyfel mu: L B T OM1 . T
oy B - Ta Sag — g + 8y, ag
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98. Né dmodewyfel bmi, dv elvon B R e
o | [N P
e Sl e i o S U 29 %, A .., v GpilpnTicol ouvtveatés.

xotg + APy +. . .+ VP g
B

99. “Av elvar -g—- % = '—;- , v& dmoBeiyfel &nu: _:. (?)a.

OEQPHMA TOY @AAH(*)

18. Bedpnpa. "Av b0 edbeieg (¢) kal (¢) tépvoviar dmd tpeig rtov-
Loyieto mapadinles ebleleg, ta pufpata tiig (¢) mod mepiEyovtar perald
v mapoddflov slvar dvaloya npog ta dvrictorya tpfipate tiig () mod
nepégovran perald thHv oy napadinlaov.

*Am6SeEN. “Ag Bcwphoovpe Sbo dmoieadfimore elfeles (e) wal (&) 7ol
tmméSov mod Téuvovrar dmb Tpels mapdiinhes ebfeiec (8,), (8,) xal (85)
ord onpeio Axal A',B xal B, xal IV (oy. 41). ©4 dmodelfovye b elvan :

AB _ AW
BrY B
i) "Av ¢ tpfhpata AB xatl BI' mdve otiv edfela (c) elvar oduperpa,

Smdpyer etbbypappo Ty p xal 3o guoikel dpBpol k xal A térolor dove
v elva:

(1) AB =kp xal BI' = ap.
Awupoiipe 6 tufux AB ot

A A

o k Tpfpare loa pé 16 p
w7 N Ny xuh 6 BI' of A tpfpate Vox
(52 B/ \E' pé 6 p. "Amb Td SupeTing
/ 5 anueia gépvoope edleieg ira-
// Y\ pddAnrte mpbs Tie Sedopéves
T = TapdAANAES. Al.’rré;‘ ﬂ.:ép.v 20V
3 / \ ™y st’)ﬁe’ioc ’{e:) otk opiﬁ:’:uv
o e mive o adth k+ A o
" rpdpete wod T6 Wixog ol
Iy, 41 xofevée ¢ elvar v. Tére 04

elvae :

(2) A'B =kv xaf BTV =iv.

Tdpa dmb tle oyéoeg (1) xal (2) malpvoupe :

(*) @arfie (6 Minhorogr=aT-m.y. atdvac). Ifye ovhv Alyumro xal péronoe 6
Gihog ity mupapiBav drd Th oud tous. Dépver th yewperpla athy ‘EXdSe, 8piet oth Mi-
wpro Tiw Tovuch Zyoid) xal mhovtiles Thv Emothun pé modhd Becwpfuata Tob looaxeiols
wpryevon, s dyyeypaspbing yovlas xal t@v Suowwv tpiydvay pé Bhon 6 anoudabrepo
Bedpnpice 7ol Tpivov Buanboy i perp
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ABigo b W o py ARG Ty ol
BI' " A B v A
"Apar dr:0delyOnxe Emu:
AB _ AW
BC TR

i) "Av td tpipate AB xal BI' elvor dedupetpa, 6 Adyn : % 6d elvar dedupe-
7205 dovluds wal A mpoceyyiotid Tipd Tou dmoxedfmote T4E :wg, mob 04 elvay pntée
dBpés, 04 elvar Yon pé thv meoceyyior b Tyn Tob Adyon ?.?.’_ tHg g tdews.
[latpvou 26 7 Spra é@v Toww Abyawv, 8 v § mpootyyioy yive. dmerpng tdZems, dnbre Od
Eqovpe v duptfn Tpd T@v Adywv ab by, xat Belovoupe :
AE AR
13) T RT
iii) "Av ol edficie (c) nal (') réuvovrar dné Téooepis mapddhqhsg ed-
Ocies (3,)//(32)/1(35)//(34) ovk
onpsia A xal A, B xal B, I' xal
I, A xal A" dvrioroiywe (o
42), vére Ok elvon :
AB__A'B’ i BI' _B' | Eof
B B PA-TA’
Moo mhaaidlovps  adtés ~ig
oytoerg watk pEhn xal Eyovue :

AB BI _ AB BI' ,, \
Bl TA BT A F (e e
AB AR
elvat ! —— = ——,
| N I'A” Iy. 42

Hapatijpnon. *Ané v dvedoyla (3) ralpvovpe :

AB + BP i —AJB' + B'F' ﬁ AP _ AII‘\'
Bl BT’ Bhy + B s,
AT AT
Mé 13 .0 Tpbmo Bplonovpe: _J]_;K‘_Al'_" = —F}; - i‘; rie— i% wal yevixd 6-
nowdfimote Tufpate wold opiloviar dwd tly mapdmieg mhve oty edfeln
(), elvar dvddoya mpodg Ta diriororye Tuhpote 7ijg edbelag ().

19. Gewpnpa (Gvriotpopo 100 mponyodp cvou). "Ag Gcwpiiocvpe dbo
napahinl.eg edBeicg (8,)//(8y) wni dbo &hheg edleieg (e) wai (¢7) mod té-
pvovv tig mapdhinies otd onpele A xai A°, B kai B’ dvuigtoiymg. "Av T
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44 Gecbpnua Tol Oof

kai I elvor onpsia tdv tunuérov AB xai A'B’ dvnotoiyng tétoia, date
va elvan

tote 1 edbeia TT” elvor mapaddnin npig tig (3;) xai (8y).

*An6deEn. “Av ) TV 8év elvar mapddhnhn mpbs ig (8,) xat (3;), pép-
voupe dmé 16 ' ohy mapddnhn mpés abrés, mob éuver T6 Tuijue A'B’ oté
onueto my. Iy (o 43). Té Ty 04 elvor omuelo 7ol Tphparos A'B', yiar

Ix. 43 Iy 44

v Frav o &n’ adrd, my. mpd 16 pépog Tob B, § TT, 04 Erepve )
BB'. *AM\d adté 8¢ umopei vd oupfoiver yiatl i I'Ty Oecpnngxe mapdhiniy)
i BB'.

Tére 04 elvon -—% = %}—]1} . "Anb T oyéon adrh xal Th Sedopévy mato-
voupe :
A’[‘I‘ . A'I‘l ﬁ A‘I" + I\JB' . A’F.l + I‘IBI ﬁ A’B’ T AJBI
'R I,B I'B' r,B’ PE — LB

“Apa I'B’ = I',B’ s émopévag 6 IV ravrilerar pé 76 I'y. Adré dpog elva
dromo yrarl vd IV ol T'; vd OmoBioope Suxpopemind ompela. ‘Emopévas
mpéme v elvaw ) T'TY macpdddnhy mpds tls (3,) xad (34)-

Mépiopa. “Av ma ebeia mapddinkn npig i paon BL évég tpryd-
vov ABT tépver tig nheupég AB xai AT' otd onpeia B kai I dvuiotoiyog,

t61e glvan —AB—= as Kai avtustpéowg.

BB IT
Mpaypartixd, dpxei vé Bewpioovpe pla edfele (2) mapdhinin mpbs T
BT &né thy xopugh A xal vé Eompuboovpe t6 Oedpnua Tl Oudi nik tig
mapddhnheg (e) /BT [ BT, mol wépvovras dmé tig AB xxl AT (oy. 44).

*Ané why mpomyobuevn dvadoyla Bploxovpe xal Thy i]; = -‘:—I;‘—
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20. MpéPrnpa 1. Kortaokev tétoptng avakéyov. “Av Soboby tpia
eb0bypappa uipate a, P xai v, vé xotackevastel tpdipa X mod vé t6 Guv-
8éer pé 1a dedopiva ufpara 1 oyfoy :

a
p
i i A IA ’

Aben. "Eoro wd yovia X' 0y, Méve oth pd mhevpd g Ox’ malpvoupe

Sradoyixd vé Tuhpara OA = «, AB = B xai ndve othy Oy 6 mpfua O = Y

X
X

Iy. 45 Iy. 46

(oy. 45). "Emerra gépvovpe thv AT xal émé 76 B vhy TopddAnAo Tpds THY
AT, mob wéuver vhv Oy 016 onueio A. Té tpfua TA elvar <6 {nrobpeve x,
i 6

yirth xatd 76 mponyodueve méptopa elvar: — = L.
z

21. IpéPAnpa 2. Awnipeon ed@bypoppov tufpatog of dedopévo Aoyo.
Iéve o Eva dedopévo edOiypappo tufine AB va Ppedei Eva onueio I' (&v-
diapeoo 1dv A xai B), téroro dote va slvar :

Al I

B v
bmov p/v elvar yvoerdés Léyoc.

Avon. "Ané t6 A pépvoupe pid fuevBeln Ax. Tldvew o adriy matpvoupe
8bo Judoyixd Tufpara AA =y xal AE =v (oy. 46). ®pvovpe thv EB
xak &mé 6 A Ty mapdhqho mpés iy EB, mob téuver whv AB oté oqueio

AT AA n
I'. Té to I' el ' buevo, ylatl — = — = —,
onueio I' elvar v6 {nroduevo, yu TB AR »

HMapatipnon. Mé 16 Bedpnpa tod Oudfi 6 Abyog Sbo edblbypappay Tuy-
patev, mob Beloxovrat mdvew othv [de edelo pmopel vd perapeplel pé mo-
paAAnes edfsies 076 Abyo avrioTorywy mpbe adtd edBlypaupev TunudToy
mive of dmotadfimote &MY edBsla.
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46 “Opota Tplycwva
ALZKHEIEIE
A7

100. Tgeiz mapddhnies ebbeies (e,), (e2), (e4) dméxouv: ol 8b0 mpdteg petakd
toug dmboTacy 2o wal § Sebtepy dmd Thy Tpbm dmboTaom Sa. Mg Ean edbelx tic wépver
atd onueix A, B, I’ dvriotolyws xal elvar AB = 3x. Né dmohoyiorel w6 tufjpa BI.

101. “Av otic edfeieg tHe mponyolpevng doxfoewg elvar AT’ = 21a, v& bmoloyiorel
6 tpfpa BT.

102. "Evat wplywvo ABT" ¥xer AB = 9% xal AT = 15X *Amé ©6 xévrpo Pdpoug Tou
K qépvoups edleia mapdddnin wpés Th B, mob téuver tlg AB xal AT ovd onpeia A xal E
dvtiotolywe. N& Omoloyiortolv ta tuhpata AA xal T'E.

103. Abveror Bva tpaméfic ABTA (AB//T'A) ué AA = ba xai BT = 4a. Idve

otle AA ol BT maipvoupe onpeia E xal Z dvriotolywg, #xar dote vi elvar AE = :-325

wal BZ = a. N& dmobeyfei &v i EZ elvar mapddhndy mpds wls Bhoeig tob tpameliov.
104, "Evo edBiypappo tufipa AB vé Supelel of tple tphuara dvdhoye mpis Tolg
deBpots 1, 3, 5.
105. N Ppefel 6% Bdpoug &vbs tprydvou ABD ywpls va yopayBel Sutpecos.
106. Té #vo tplywvo ABT # edfela, mod piletar dmbd why xopueh B xal dné 76
péao B t¥c Buapéoou AA, tuver iy AT 616 amueio Z. N& drodeuyOet ém % = _;'.
107, Mix edfeln mapdddndy mpbs ©h Sdpeoo AA dvég tprydvou ABT zéuver tlg
AB, BT, TA ot4 onueia E, Z, H dvriorolyws. Né dnolelfere ém elva AE _ g..?.—
108. "Ané =6 péoo A tHg mievpdiz BT &vég tpiydvou ABT  gépvovpe wid edbeia,
nob téuver tic AB xab AT otd onueia B xal Z dvniotoizwg. Nd dmodeifere &m elvar
EA _ ZA
EB  ZT
109. *Ané Bva omueio A Tic mhevplic AB vég tprydvou ABIL gépvoupe AE (/BT
*Amb 76 E qtpvoupe EZ|JAB xai dmé w6 Z wh ZH[[TA. Né& dmodelfete 6 lvar
AA _ HB
AB  HA'
110. T’ &va tetpdmievgo ABTA # napdddnrog mpb o) BI dmé w6 A zépver v BA
oté E nabf) napdidnrog wpbe wh AL dmé 16 E tépver miv AT oté Z. Nd drodeifete n
elvar BZ [ [AA.

OMOIA TPITQNA

22, ‘Opiopdg. Abo tplywva Myovrar Bpowe, dtav elvau looyave, 87-
A8 Brov Exouv le yovles Toug toeg pla mpbe pla
e dporbTnTag Sbo Tprydvay ABI xal AEZ 7ol Eyouv A =K,
= (o 47) ovpPorileron pé
A a
(1) ABT =~ AEZ.

"Opdhoyeg mhevpég 3do Buotwy Tprydvay Ayovta abtée, mob Pelaxovron
dmévavte dmb Tig Toeg yevies. Ttd mponyodpeve Spota tplywve ABT xat AEZ
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4 tplo Lelbyn dpbhoywy mhevpdv elvar ta (AB, AE), (BI', EZ) xal (LA,
ZA). Xpnowwo elvan ot cupPohiny dva-
veagh (1) 8bo Sporwv Tprydvey ol xo-
pugés, atle bmoleg dvrmiotouyoly loeg yo-
vleg, v Gvaypdpovrar pé Ty thoe geipd. =% ({
“Exot, dnéd ) oyfon (1) xat pévo yowpls
ve dvatpébovpe até oyfjue, pmopoliue vi
Braxplvoupe is loeg yovies va@v 3o wpi- g 'r
yovey xobBag xal tie dpbloyes mheupés
Toug.
"I8iétnTeg Tiig dpodTnrag. *Anéd
whv OpLapd T dpodTTag TaY TpLydvay mpoxbmrouy of dxddor Beg IStémres
i) Avm:kamnﬂ Kdbe vplywvo ABT elvar dpoo mpbe tév autd Tou,
Snhadh ABI‘ ~ ABI" :
ii) Zupperpicd. "Av ABT =~ AEZ, tére 04 elvan xal :‘.\EZ =~ AﬁI‘.
m) Mstaﬁanxﬂ “Av A%F =~ A%Z ol A?JZ = HEJI, tbre 0 elvar

ok ABl" ~ H@)I
"Amb tlg vpeis abrés [Bbmyreg K oybon tig duodmyrag yapaxTnpilerar
&g oyéon looduvaplas.

Iy 47

Hopiopate moy wpoxldmroww dmé Tév Spuopd ie diowbryras :

Ilépropa I. "Av o tpiyava Exovv tig 8o yavizg roug loeg pia mpog
pla, téte elvar Bpor, yerl dvayxaotixd 04 Eyouwv xab Tl Tplves yevieg
Toug loeg.

Mépropa II. "Av 1 pia o&cia yovia Evég dpBoydion tprydvov slvar
fon pé ) pla &ela yovia &vég Grdov dpBoydvion tpaydvov, 14 tpiyeve
elvar Spora.

Iépropa III. "Av dbo icooxehf| tpiyova Exovv tig yoviegs 1dv xopu-
odv tdv lowv thevpdv tovg Teeg, fj pia and tig yovies t@v Paccov tovg
fogg, 16 tpiyova elvar dpora (oy. 48).

A
A A
=
B r E Z B A I
Zy. 48 Iyx. 49
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Ilépioyra 1V. Téd byog npég tiv brot:ivoven Evig dpBoydviov Tprydvor
yopiter 16 tpiyovo of dbo dhla dpboydvin tpiyeve Bpowa mpog t6 dpyikd
kai peratd tovg Gpora.

l'lpaq LOUTLRE, &v 6 ‘rplymvo ABT elvar Apboydivio oté A (oy. 49) xot.l
AA] BT, <ére AAB o FAB Yta‘rl elvar bpboydvie xal Exouy Ymvicc
xown 'Entorng elvat I‘AA =~ I"AB wal elven vBoydvia xal Exouy ) yovia
iy xown. "Apa 0 elvon xal AAB I‘AA

23, Qewpnpa. Abo dpora tpiyovae Exouvv vig dpbdloyes mhevpés touvg
avaloyes.
A A
*An6deiEn. “Eorw ABI' = AEZ (oy. 50). ITd\w otiv whevpd AB malp-
voupe Twiue AE' = AE xal dné 76 E qaspvoup.s mpm)\l‘qlo mpbs 'm Bl"
ol -rép.vsr. -rqv AT ot6 Z'. Tére elvan AE'Z’ = ALZ, yurl &ow A=
E =B =E xai AE' =AE. YApaw AZ' =AZ xat E'Z' =EZ xal tére

(§ 19, mép.) elvan :
AB AT AB AT

(1) -
AE’ AZ' AE AZ
*Ané 16 Z' gésvoupe mapadhnho mpbs thy AB, mot téuver T BI' oré
A
A
5 ; //o\
A
B H I E ¥4
Zy. 50

onueio H. Tére vt terpdmievpo E'Z'HB elven mepadhnidyoappo. “Apa
BH = E'Z' = EZ. ‘Ernopévwg 04 Exovue :
AT BI' AT BI'

2) e Rt SRR S

AZ BH AZ EZ
Tdea drb tig Sedrepeg ayéoers (1) xal (2) ovpmepaivovpe &t :
AB AT BI'

AE AZ EZ

24, Oedpnpa (dvrictpogo to 3 mponyodpevov). "Av 8lo tpiyova Eyouv
tig mhevpég toug dvahoyeg, elvan buoa.
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*Anodaitn. “A¢ Bewphoouvpe td tplywve ABI' xal AEZ (oy. 51) mod
Eyouy
1) AB _ AI' _BP '
AE AZ EZ
Méve othv AB matgvovpe tpfpa Al = AE xal dné 76 I pépvoupe napar-
Anho mpbs mh BIY, mod <tuver thv AT o6 K. Tére 0 elvar :

A A
(2) ABT = AIK,

B = E Zz
Ix. 51

yrart elvan looydvia. “Apa, xatd t6 mponyotpevo Bedpnua, 04 elvar:

AB AT BI'

(3) S

*ANd Td mpdita péhn Tév oyboewy (1) xal (3) elvar Toa, yratl elvau
Al = AE. Tére 0& elvor wal AT = £ work B-I:- = E
AZ AK EZ IK

winter §m AZ = AK xal EZ = IK dvrisrolyes.

‘Enopévers elva AEZ ﬂAfK xal téte dmé ™ oyéon (2) malpvoupe
A]%F ~ Aﬁz.

Maepatipnon. ‘O Abyog 3bo dubhoywv mhevpdv Sbo Euotwy Tprydvay
Ayeron Mbyog dpordtntag Ta@v TpLydvay.

AR adrég mpo-

25, Oedrpnpa. "Av pia yovia Eveg tprydvov elvar Ton pé pia yo-
via Glhov tprydvov xoi ol mhevpés mod mepiExouvv T yovia tod mpdrov
prydvoy, elvan avaloyeg mpog tig mhevpég mob mepéyouvv v lon yovia
o0 &Alov TpLydvov, té tpiyovae elvar Gpoia.

*An6daiEn. YA Bewphoovpe td tplywve ABI' xal AEZ (oy. 51), 1id 7a

émotor elvat :
(1) A=A xal —=-—.
Méve othy AB matpvovpe tpijue Al = AE xal gépvouve IK/[/BT.

Tére elvon pavepd &7 :
4
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A A
(2) ABT =~ AIK
xat émopévag ;
AT
(3) LB. =
AT DAR

Ta mpéito péhy =év dvehonidy (1) xab (3) elvow low, yrort brobécape
&m AE = AL "Apa 04 elvar xat :
AI' AT

AZ  AK

a A
o Emopéverg AK =AZ. "Apx AIK = AEZ xal 6ve dnb = oyéon (2), oup-
mepabvoupe &1 ABI' =~ AEZ.

Mépiopa. “"Av dio dpBoydvia tpiyava Exovv tig kG0eteg mhevpés Tovg
avakoyes, elvar dpora.

26. Oewpnpa. "Av dbo tpiyova Exovv tig mhevpig toug rapdrinleg
pia mpdg pia i kabereg pia npég pia, elvar Spora.
"Anbderin. "Ag fzwpiioovpe 3o tplywve ABT xal AEZ, mab Exouy s

mhevpés Toug mapdddnheg pha mebe ple (ox. 52) 4 xdbeteg pln mpbe wlx
(0% 53). Tére vd mbavd dvdeydueva elvon vd &7 :

A A
Az
E
:
B
Iy 52
~~ ~~ o~ ~~
i)ikoh A= Boviip RimA
o~~~ ~~ ~ ~~
B4+ E=2 B+ E=2t
~~ ~~ P ~~
'4+zZ=2 r+zZ=2

Té &vdeybuevo (i) dtv pmopel vé oupBatver, yixrl t6 &potoya Tév yo-
wédv xal év 8o tprydvey 04 Frav 6L > 4L
Té &vdeybuevo (ii) 3év pmopel vé oupBatver, yiart v6 #0potopa Tév Y-

~ ~~
v xal tév S0 Tpiydvay 04 Frav 4L 4+ A + A > 4L

Té &vBeybuevo (iii) pmopel vé ovuBaiver wévo Srav elvar e 1L,
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~~ ~~ ~~ P
yraett ol 3bo mponyodueves lobmres A = A xal B = E ovverndyovrar xab thy

T =Z. Tére Buwe @ telywve elvon Buola, Emaldy elvae looydvia.

Ténog, 6 evdeydpevo (iv) 8év Eyoupe Abyoug va 76 dmoxdelgovpe, ouve-
néig adtd elvar 76 whvo wod umopet vi cupBaiver (f meplntwoyn il elver pe-
ptxh meplmtwon tHe iv). "Apa Tére Td dlo Tplywve elvan dpota.

27. Gewprpa. “Av of dbo dpboydwvia tpiywva & Lovog 1@V Droteivousdv elvar
leog pé 10 Loyo dbo xabetwv mievpdv, ta tpiyova elvar Spora.

*An6deiEn. "Ag Ozwphiooupe ddo dpboydvix tplyova ABT xal ABZ (oy. 54), na
T4 bmote elvar

B
) BE - AP
EZ AE
v oty dmotelvousa BI' maipvoupe tufua E
(2) BK = EZ |
xal pépvoupe KI[/T'A. Tére elvar pavepd 67t :
A A
(3) ABI &= IBK xai émopéves : A’ A 7
BT AB
4 —_— f
() BK 1B i

Erle dvaroyleg (1) wal (4) vd mpdro péhn elvan lou EEavtlag Thg oyéoews (2).
“Apa 04 elvor xal vd Sedtepa péhn Ttoug low, Snradh {:..5“: % ]
"An’ adth mpoxdmret §

(5) IB = AE.

*Ané tle oyboeg (2) xal (5) mpoxdmrer Svu Td dpboydvia tplywve 1BK xai AEZ
elvar loa wal #Earriag ig (3) Exovue ABI =~ AEZ.

28, ’Avaxcgaloioon OV nEpnt@cEeV Opoldtntag TV TPIYOVEV.
Thugove pé 1 mponyodueve dewpnpare 3o telywve elvar bpota, Grav Exovy :
i) Abo yovieg loeg pio npbc pia.
ii) Tig mhevpég Tovg avaloyes.
iii) Mie yovia ion nod mepifyetor perafd avardywv mhevpdv.
iv) Tig mhevpég tovg maparinhes pia mpog pia.
v) Tig mhevpég tovg KaBeteg pia npdg pia.
Eiducd yid td dpBoydvie wplywve loyder émimiéov ¥ mpbraey :
Abo éploydvia tpiywva elvar Spora, Grav Exovv pia 6icia yovia tovg
fon i 500 mhevpég avaioyeg pé tiiv Evvola kdBeto mpdg kabeto mhevph i
tnotzivovsa mpog Dmoteivovea.

29. Oedpnpa. O Aéyos thv meppétpov dbo Sporwv tpry@voy elvar
igog pé 16 hoyo tijg dHpowdTNTAG TOVG.

WniomnoiBrke amod 1o ivotirouto EknmaibeuTikrg MoAmkrg



52 “Opota oAUy wva

"Anbderin. “Ag Bewphooupe Sbo Suor tplyeve A,B,I'; xab A,B,I,

(o 55) xat €o7w A & Mbyog Tie bporbyrdg Toug, Snhady :
ABy _ AT _ B _ AB + A+ BT _2n

A;B, AT, B, AsBy + ATy + Byl 27y
mov 27y xab 2t, ol mepluctpor Tév Tprydvev A B, T xat A,B,I'y dvri-
arolywe,

Ilépiope. "Av ol mhevpég évég tprydvov mollamhaciactody pé Evav
apBpo 2., tote kai | nepipetpés tov nolharlocialetar pé tov A,

(1) K=

OMOIA MOAYTQNA

30. “Opropdg. Ao mohbywve Myovrar Buote 8tav pmopoly vé A wpt-
ooy of lodpua tplywva Buowr dvd 8o xal buolws tomofernuéva (oy. 56).
Abo Suoa mokbywva Exouv Tév 18to &pibud mrevpdv, dmdpyer xal oppL-
poveauavty dvtiotoybe petabd T6V xopu@Y, TEY Yady xab Tév TAELP @Y

Ay

B, (I

Iyx. 55 Zx. 56

Tovs, bmuwg xelvy mob dmdpyer ord Spota tplywve. “Oha vd Lebyy dvrioron-
xov otouyelov Ayovron opbhoye. Dk 6 cupBohiops Tév Suoiwy moAuyh-
v yenotuonotobpe 6 3o adpfBolo = mob yenoupomoroaus yid Td Spoux
wplywva.

31. Qedpnpa. Abo Spowa modbymvae Exovv tig dpdloyeg ywvieg toug
loeg pia npog pia xei tig dpuéloyeg mhevpés tovg avahoyes.
"Anéderln. “Ac Bewphoovpe e Bpoe modbywva ABIAE xai A’B'TVA'E’
(0. 56), mod 74 Epoupe ywploer of Lebyn Suotwy Tprydverw, Syhadd,
A A
(I) ABI' =A'B'T”
A A
(II) ATA = A'TVA
A a
(II) AAE = A'A'E'.
N -~ AN -
i) Tére amb d Buowx plyeva Eyovue B =B, E =F, &vé ol yovlec
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-~ ~~ P T ) ~
A, T xaf A 7ol &vég moruydvou elvan Toeg pé tlg dvrlotoyeg A', TV xal A’
7ol &Ahov mohvydwou, dpol adtés dvahbovron oé dfpolopata lowv yowdv.
i) *Anb 7d Spoa Tplywva (I) Exovpe :
1) AB  BI' _ AT
B B AT
&véd dmbd Td Enbong Bpowe tplywva (IT) xal (III) Exovpe dvrioroiyws :
AT TA AA AA AE EA
(2) = = xal = = .
AT PAC AN AN A'E E'A’
Tdhpa &b the oyéoeg (1) xal (2) mpoxdnrer ém
AB BT TA AE EA

AP BI' TA AE EA

32, Oedrpnpa (dvtictpogo Tob mporyodpevov). "Av dbo modiywva Exovv

tig yovieg tovg Toeg pia npds pla xai tig mhevpég tovg dvaloyss kai td
otoryeia abrd Exovv iy idia Sidran, 14 toldyevae elvar Spora.

*An6de1En. “Ag Dewphoovpe mak 1d mordywve ABI'AE xai A'B'TVA'E’

(0. 56) mod bmoBéroupe &7u Exouv :
-~ E D) P e L T o e ~
(6D A=A"B=B,T'=I", A=A, E=E xal
@) AB=BI‘___PA=AE=EA.-
A'B BT '’ AE  EA

*Apxet v émodelfovpe m adrd pmopolv va ywptotolv of Tplywve Spotx
xab Spofwg TomoBeruéve. Oépvoupe tlg Surywvioug AT, AA xal A'TY, A'A
xal mapamnpobue &7t elvan :

a A
(1) ABT = A'BT", _
yrorl Exouv pd yevle Tom mod nepiéyeran of dvdhoyeg mheupée. Tére O elvan :
AB AT
3 — i S——
@) 2 - omes’ o U

*Axbpa Exoupe :
-~ o~
(&) ATA = A'T'A

yiarl elvar Sixgopés lowv yowdv. “Apa dnbd tlg oxfosg (2), (3) xal (4)
mpoxbrrar 61 ¢

A A
(II) ATA =~ A'T'A',

vt Exouv pd yevia Ton wod wepubyetor of dvddoyeg mhsupés.
Mé 810 Tpbmo cupmepalvovpe St

A A
(I11) AAE ~ A’A'E".
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‘Emopéverg td 800 mohdywva elvar Spoe.

Inpeioon. ‘O Abyog 3bo bubhoywy mhevpdv Bbo duotwv mohuydvew
Aéyeron Abyog dpobmyrag Tév mo-
Auydvev.

33. Qewpnpx. "0 Lbyog tdv
repuétpov §0o Sporwv nolvydvov
givan Toog pé 16 Aéyo tfig dpord-
mrag Tdv molvydvaov.

"Anbderkn. "Ag  Bewpiicoupe
%o Buoe mokbywve A BT A, ~

Zx. 57 AByTA, (0. 57) »ab & oup-
BoAlooupe pé «, B, v xa! & tig whev-
pés 7ol A B,TA,. “Av & Abyog Tiig buotbmyrag elvar A, tére of mheupés Tob
AB,T'A, 04 clvon dvmovolyws of Ax, AB, Ay xxt AS. “Apx 6 Abyog Tév
mepipétpwv TaV Sho mohuydvev 0d elva :
ABy + B+ DA + A _ M+ 28+ +38
AsB, + BT + ThA, + A4, a+B+v+3
_ Met+B+v+3) Oy
Ly
Snhadh) Toog pé 6 Abyo THg dporbryrde Toug,

ALKHELEIE
A,

111. Né dmoBeiyel 6 td xévrpx Bdpoug T@v Teaodpwy Tprydvew, std drolx ya-
piferar &va Tespdmhevpo dméd tic Suydvioug tou, elvan *opués TapadAnAYpdpLLOL.

112. Né drodewylet 8m 6 ompeio Topfic w@dv Suayoviov tol tpanefiov Buupei
w&le Sraydivio ot pépy avddoya mpds Tl Bloeig Tou.

113. "Ané iy xopueq B évég tprydivon ABT ypdgoope edbeix BA mod Téuver Th
npoéutaan tig whevpds Al' ové anueio A xaf Eror dave vt elvan I"/B\A =A. Né drodel-
Zete 6 elvar BA2 = AA . AT,

114. Zé &va tpivwvo ABT gépvoupe v Ofm AA »at BE. “Av H elvor 6 bpBbxevrpo
v& dmoderyfei &7 «) HA - HA =HB . HE xai B) A - TE=TB - I'A,

115. ¥’ &a dpboydvie tplywve ABT {K: 1L) pépuouue 16 Oog AA nal dré <6
A gépvovpe AE | AB. N’ @moSeifere &1t elvar AA? = AT - AE.

116. Ol Pdoeig &vds vpaneliov Exouv phxn o mal Ju xal ol wh mopdidnieg wAsupés
tou B xai 2B. “Av ol ) wapddmhes mhevpés téuvovton ath onpeio O, vi Bpeboliv 1d phun
Thv mheupdv Tod TpLydvou mob Eyer xopugh th amueio O ol Bhan peyardtepy émé
tlg Bdoeg tob Tpameliov.

117. "Eote &vag wbdog (O,R) xai AB pd x0p87 Tou. Ztb onucio B gépvoupe
tpantopévy (e) xabdmé w6 A gépvoups thy A | (). Né drodewyfel &t elvar AB? =
= 2R . AT
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118. I’ fva tetpdmicupo ABTA ypdgoupe v Surydwo AT. "Av E xal Z clvu
T4 wévtpa Bhpoug Tdv tprydvev ABT xal AAT, vi drodeifete & elve EZ /[ = % 3

119. T¢ wdbe tpiywvo ABT vé dmodeifere 6m vd péon Tdv mhevpdv Tou elvay
xopugég Tptydvou dpotov mpbg t6 ABT.

120. *Ané #va oqueio A tic mievplic Ox g yevlag xﬁy pépvoupe ndlfero AB
oThv #\ mhevpd . Né dmodelfete & & Adyoc —i% elvar  arafepds  (dveEdprnTog

gnéd th Oéon ol A).

121. T’ &ve vplywvo ABT 4 Sugotépos AA wépver téy mepryeypappévo xdxho o7é
onueio E. N& dmoSelfere 7t elvar o) AB - AT = AA - AE, ) EB*=EA - EA.

122, *Ané iy xopugh A bvés laoaxehoiie Tprydvou ABT (AB = AT) gpépvoupe pid
e0Bele, ot Tépver Thy wheupd BT até ompeio A xal év mepiyaypappévo xixho oté onpelo
E. N& dmodelfere &t elvar AB? = AA - AE.

123, Né droBelfere 6 8lo mapaddmibypapps, mob Exouwv plx yovia lon # mapa-
rampwparth xal tlg mpooxelpeves mheupés dvdhoyes elvar Bpowa.

124. “Av ol Buxydwor Vo mepaliqloypdppey elvar dvidoyes xal oxnuarifouy
loeg yovies, vd dmodelfere &t adrd elvan Spote.

125. Nd drodeifere 81 & dméataon bmowudfmore onpelov évég xbhdov émd 6
onuelo dnapis wis épuntopéns elvar péoy dvdhoyos petafd g Suxpérpou 7ol xixhou
wal THe dmootdoews Tob onuelov adtod dmé Thv EpamTopévn.

126. Alveror tplywve ABT. *Av A xal E elvar opeie wig mhevpdg BI' téro,

Gave vé elvar BAA = I’?E, wab Z elvar 76 onueio TopRs tHe AA pé Tév mepryeypappévo
x0xho, vé& dmolelfete 81 elvan Py = AE - AZ.

B.

127, T’ &va tplywvo ABT :Ivau.ﬁ—?= 1L, *Av AA elvar 76 Gdog Tov, vd dmodel-
Eete &7 elvar AA?=AB - AT\

128. “Eotw E &va anpsio wig Syoviov BA &véc mapaldmhoypdupon ABTA. Oép-
voupe Thv AE, mob téuver lg BI' xal T'A ovd onpsiz Z xal H dvniorolyws. Na dmodel-
Eere &t elvan AE*=EZ - EH.

129, Alveron tplywvo ABT xal & mepuyeypappévog xiudog tou. ®épvovue ) Sk~
petpo AA, mob tépver T BT oté E, xal dré 76 E gépvoupe tig EZ | AB »at EH | AT
Né &modeifere bt elvar ZH [ [BT.

130. Z¢ xdBe zplywvo véd dmodelfere &7t %) xdle xopuph xal =d U Tév Sbo Hhév
dmé tlg &Mec xopupés elvar xopupés Tprydvou Buotou mpds 6 Tplywvo alrs.

131. Né énodelfere &7 16 omueio Topfic Tév Surywviov 7ol tpameflov Suyoropet
w6 ebBbypoypo Tufpe, wob pépetal dmé abtd t6 omuelo mapdiigho webs Tl Boeig 7ol
tpamellov, xal Exet T& Hxpa Tou wEve otls pwh mapddinies Theupés Tob Tpameliou.

132. N4 &rodeifete &7 ©6 onuelo Topfic v ph mepddinhwy mhevpldv Tob Tpame-
Chow Sugoopsi 6 Tufpa mob péperar drb abté T6 onpelo mapddinio mpée Tlo Bdoetg Tol
tpamellov xal ¥xer Té Expa Tou atig mpoextdoeg Tav Surywviov.

133. *Ané &va onusio B, ol Bplonera Ew dmb dva Jedopévo xindo, pépvovpe Td
toantbueva Tunpate ZA xal EB xal wle Tépvovox ET'A. Nd dmodeyfel e elvae
AT . BA=AA - BI'.

134. "Av « xai B elvae ol Pdoerg évég vpanelion, vé drodoyiorel 16 Tpfjua ol Qé-
peta dmb th anueio Topig Tév Surywviov rapdddnho mpbs tlg Phoerg xal Eyew T4 dxpa
7ou méves arlg ph mapddnies mhevpés.
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135. ¢ fva wplywvo ABT' gépvoupe d G tov AA, BE xat T'Z. Nd dmodely el
87 elvar AB - AT = AE . AZ,

136. Nd dmodeiyfei 8w % dmbotaon drooudiimote amuelou &vég xiwhov dméb [
10689 Tou elvan péan dvddoyog petald Tév drootdaewy Tob onuelow adtol drd <lg Epants-
peveg 1ol wihou otd Hxpa THg yopdiic.

OMOIO®EZXIA

34. "Opropol. Abverar &va oradeps onpsio O ol &vag Bemunde dpifpde
k. Tére:

i) "Opdpporn dporoBesia civar b onpeakig petasynpatniopds 6 omolog
dnerkoviler t6 dmorodinote onpsio A o Eva onueio A’ tfig fimevleiag OA
Erol, dote va elvar OA” = k - OA.

ii) *Avripporn dpoioBeala elvar & onNuelakés petacynpaniopds, o
drolog drewkoviler 16 dmoroéfmote onuelo A o’ Eva onpeio A tig dvrife-
g fimevdeiag npds tiv OA Eto, Gote va elvor OA” = k - OA.

Té onpeio O Myetar xévrpo % mbhoc Thg dporofestag xal & dpbude k
Myerar Myog g Mk bpotoBesia pé x€vtpo Eva anpeio O xat Abyo k qupBo-
MBeran 1 F(O,k). "Av pé Ty dpotobeaia adth dva onuelo A dneixoviletar
o’ &va onueio A', oupBolind ypdgoupe :

A TOK) o

35. Oepnpua. "Eva Tpocavatolioptvo £000ypappo tufjpa K’n aneko-
viletar pé pia dpépporn (&vmistoiymg avripponn) dporodesia F(O,k), ¢’ Eva
dudppona (avrictoiymg avrippora) rpocavatolopévo edBiypappo tpfipa

- —
A;B,, tétoo diote va elvan AB, =k-AB
— —
(dvnioroiyowg A;B; = —k - AB).

"Anéderln. i) Av 4 épowoBesta elvar
bubpporen, 0d Eyoupe (oy. 58):

A B
- ey YA
OAI = k - OA —()% =
0OA
A o & éﬁ (1)
i ok 8, _
Iy 58 A8 vk OB o
T4 Sebrepo pérn tév oyboewv (1) elve Yoo, &po O elvor xerl
— —
OA, OB,
G
0A OB
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A A
Tére OAlBlﬂs OAB, yurl &ouw énlong xal o) yovle woug oté6 O
g

o
xowd. "Apx —— AIBI

OA
=_T1 Xal amé why (1) Eyouvpe Af‘ =k A:ﬁl =
AB 0A AB
— —_ —
=k:AB = A;B,$1AB (yiatt elvar k > 0).
ii) “Av % éporofecia elvar dvrippony, 0 Eyoupe (oy. 59) :

— — (i;
Ay=—k:-0A ) =2 =—k B¢ Az
0A
0 (2)
—_— -
0B,= —k. 0B (_)_E“ = —k
OB o
Td 3ebrepa péhy tév o’xécewv (2) el-
vau Tox, &pa 0d elvan xal % = OB L~ B
OA OB i
a A
tnopévag OA,B, =~ OAB, 'ytwrl Eyouv xal tlg ywvieg Tovg oth O loeg g
soraxopupny. “Apa SB’ = _A, xal &mé ) (2) mpoxdmret ’B' =—k

AB OA AB
—> — =3 e
= AB,=—k-AB = A;B; 1| AB (yiatt elvar —k <0).

36. Oewpnua. "Av d0o0 mpocavatoliopéva tpipate slvar mapalinic
(Opoppona 1 Gvrtippona), Umapyer dporobecia pé tiv droia 16 Eva dreixko-
viletaw ot6 Ghdho.

- —_
*ArodeiEn. A Bewphioovpe Ta dubppomta Tufpate AB xal AB, (oy.
58). ®épvovpe The AA; xafl BB mod yewixd tépvevrat ¢ &va ompeio O.
A A
Téte elvor mpogavidg OAB =~ OA;B; xal dn’ adrb %‘:T = 2113; = fil]:‘

=k, t6te OA;=k - OA xafl OB; =k - OB, oyé-

wal &v dvopdooupe e

oetg mob elvan yapawmpioTinés Tig duotebesiag F(O,k).

*Efalpeoy) dmotehel 16 Evdeydpevo AB = A B, yiatl tére ol edbeisg
AA, xal BB, 04 elvar mopdddnhes. ZvpPatind Seybuacte 8t adrég O é-
pvovtor oté &mewpo xal & Abyog dpotoBeaiag 04 elvar k = 1.

— —
Mé (810 tpbmo vid Td dvrippoma tpfuare AB xaf AB, (oy. 59)
Eyoupe :
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—> —

— e oo o
OA, OB, _AB,
— G — o —_
OA OB AB
OB, = —k OB wik L0 ) 5 ik X het) pt

A A
OAB ~ 0A,B, =

37. Oedpnpa. Kabe tpiyave ABIT aneikoviletar pé pa dporoleoia
F(O,k) of tpiyavo A;B,I'; Sporog npds 16 ABT pé Adyo dporbtnrag k.

"Anodeign. Té Oecdpnpa loyder yud dpbppory xal yid dvrippory dpoto-
Bzalx (oy. 60 xal 61), yiert (§ 34) xat atig 800 nepinrdioers elvan :

e
vy

oY

Zy. 60

A;B; =k- AB, B,I'; =k -BL,.I';A, =k-TA =
ABy« Bily il
AB  BI' TA

Té Bedpnue Emextelveror xal yid tuyato modbywvo ABT'...N mob, pé
dpotobesia F(O,k), émeixovilerar o dpoto morbywve ABTy...N; (oy.
62) pé Abyo duorbtnrag k. ‘H amédely yivetar &v Swxpéoovpe oé tplywva
76 modbywve ABT.. N pé Siayewviovg dmd mhv nopueh A.

A A
=k = AB T, ~ ABT.

* 38, Qewpnpa. "Av d0o dpora e0BOYpappa oyfpara Exouv tig mhevpég touvg na-
parinies pin mpdg pia, drapyer dpowbeoia 1 droia drewkoviler to Eva rave ot Hhlho.

*AnOSEIEN. a). “Ag droBéooupe Bt 8bo Sporx tplywva ABT xal A BT, &ouv tic
mhevpés Touc mapdidnhes pla mpbs pla wal dudppomes (ox. 63). YAv elvor A 541 & Aéyog
oporbtnrag, ol edfeleg AA | xal BB, téuvovrar of anueio O térowo, dote

A A
OAB = 0AB,.
“Apa :
1 OB _ _AB
() OB, A,B,
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‘Opolwg ol edBeieg BB, xal T, téuvovrar oé éva oqueio O, tétowo, bote
0,BI' & 0,B,T,.

“Apet :
0,B BI'
2 L = =
B 0.5, ~ Bl
"And iy aoyborg (1) nal (2) émevar &t
0B _ 03 5 g OB oL et ah Tow
OB, = 0, ! 0B,—OB _0;5,—0,8 ' BB, BE *

Iy 62

dn' Thy dmola Enetan 811 O = Oy, nhady vd onpela O xal O; vavrifovtar, pé Thy mpoi-
mbBean 7 Bploxovrar mpds 76 180 pépog Tol B, Tére 0d elvor xal
OA=1:04A, OB=2-0B,;, O'=2-0T,
3adh Omdpyer dpowbesia F (O1) # dmole dmewoviler w6 A B,I'; mdve oté ABI.
*Av elvan A =1 74 rerpdmieupa ABBjA; xxt BI'T,B, 6d elvar mapahiniéypappa,
dmére AA,[[BBy[[TT,.
Tére mdd Oredpyer dpowofeaia, mod 6 uévrpo g ¥xer dmwopapuvlel oté dmerpo.

Iy. 63 Lx. 64
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60 “Ouorofeoia

i) ‘Opolwg pmopel v dmodewyfel v6 Oedpnpa xol Svav ol mheupés dv Supotwy Tpi-
yévav elvar dvrippomes.

i) Té Bedpnua duolwg umopet véd dmoderyfel xal yid 8o Spota mokdywva mod Exouy
Tl mAeupés Toug mapdddnres wlx mpds ple, yrorl adrd pmopolv v& ywprotoly pé Swryw-
vioug dmd 0o bubhoyes xopupés Toug of ot Tplywva xal Spolung tomobernuéva pé +ig
mhevpés Toug mapdidnies plx mpds pla (ox. 62). 'H &néddefn mapadeimera.

* 39.1. Oewpnua. Té dpordbeto Evdg xbxhov elvar xixlog.

‘AnddeiEn. "Eora (A, R) xdwdog xal F(Ok) plx dporobeate (ox. 64). "Av A’
elvar % eludve 1ol A xard thy dpowbeaix F (O, k), t A’ elvar otaliepd onuseio émedy
elvar eludva atabepol onuelov. "Eotw A tuyaio onuelo tod xixhou. Tére (§ 34) elvar

F(0O,k)
AA ————— NN
tétoto, Hate A'A' =k AA=k-+R. "Apa 16 onpeio A’ dvixel of xixdo pé durbva
R' =k - R, mob elvar dporéberog Tob xdxdou (A, R).

* 39.2, Bewpnpa. Abo xixdor (A,R,) xai (Ag,R,) Exovv 800 xévrpa dporobesiag.

*Anddergn. Ocwpolue wd Sudpetpo AB (ay. 65) Tob xixhou (Ag, Ry) xal mhy dxtive
AT 7ob wixhou (AgR;) mapdddmin mpbs o Sudpetpe AB. "Ag Omobéoovpe &t ol duti-

Zx. 65

veg AgA b AT elvar xal dpéppornes. Téte dpol R, 5= Ry §) AT téuver Tiv mpoéxtaay
¢ Sundvrpon A A, of &va anpelo O,, tétowo bate :

(1) O’Al = Olr = A"I‘ =!.-El—l=lk.

04 QA AA R,

*Aré o oxfon (1) mpoxdmrer &t 76 anpelo O, elvar orabepd, yiatl 6 Abyog Tdv dmo-
otdoedv Tou dnd e A, xel A, elvar otabepds xal téhog elvar xévrpo dporobealag yratl :

(2) O, =k - 0,4,

Snhadh drewxoviler 16 Tuxaio onueio A ol xixhov (A4, Ry), Smwg palveral &méd ) oxéay
(2), of onpsio I' 100 xddov (A, R,).
“Av @épovpe vh BT, abmy tépuver T Sudxevrpo ot omuelo O4 tétolo, dote :

0,A 0, AT R.
8 —_—th o s e =l mk,
@) OAy  OF  AF R,
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*Améd adTh mpoximTel 7L 6 onuelo O, elvan atabepd, yrath & Abyoc <&y droartdaedy
Tou dmd vd A wal Ay elvan amalepds xal wéhog elvar wévrpo dunobestag, yazl @
(%) O,'=k-0,B
Snradn dmeucoviler pé o oyéon (4) 76 dmowdhimore omueln B tol xixdow (A, R,) of
anueio I' 100 »dudov (A, R,).

Zopnipaopa. Ado drowodimore wixhor Erouv 8bo xévipa duoiobesiag mol Bploxov-
T mive oty edfieta Thg Buaxévrpon. Té Eva drn’ wbra Boloxecar petall Tév Bho xévipeov

o (& Sg

Iy. 66 Tx. 67

Tév whhov kel Myetar Eowtepind évipo Sunofeatag, &vé t6 &k Pplonetar oThY mpo-
éxtaan THe Suaxévrpou xal Méyetun EEwtepind xévtpo bpotofeaiong.

TMapatnpioes. i) ‘Ll xowh Ewrepuen dpumtopévy <Gy 8o wixhav (Sray Smdpyet)
mepvder dmd w6 Lwtepnd uévipo bpowleatug, xab i wowd fowreped depamtopdvn (v
Umdpyet), mepvder amb T4 dowtepind wévrpo duorobectas.

ii) "Av ol 8o xixhor Epdntovtar, T6 onueio Emagi elvar 76 Eva drb v Blo xévipa
dpoofesiag (oy. 66).

i) "Av elvar Ry = Ry, 76 twrepxb xévrpo dpoobeolag droparpiverar oté drepo
xai 76 dowrepnd Bploxeral 076 péoo g Suwbvrpon (oy. 67).

TFEQMETPIKEE KATAZKEYEE ME XPHEIH
TON OMOIQN IXHMATON

40. Hopdderypa 1. Na xataokevastel tpiyove ABT, iv doBodv ol yo-
vigg o0 B = ®, Kai T ¢ xai 1j duyotrdpog tov §,.

Abon. "Agol yvwpilovpe dbo ywvicg 7o
{nrodpevon Tprydvon, pmopolue v xotaoxsud-
govpe éva tplywvo AB'TY 8uoto mpbg 6 Lyrod-
pevo (oy. 68), Snhadh pé Baux D= @.
Dépvovpe ) duyorbpo Tov AA" xal mdve ¢ ad-
n malpvovpe Tufjux AA =3, "And w6 A pép-
voupe e ebBzta mapddhnhn mpdg wh B'IY, 4 6- 3,
molx véuver tig AB’ xal AIY ot B xat I dvmi- 7 / A
otoiyws. Elvat gavepé d1t 76 tplyeve ABIT elvar 14 r

P T a. o~ o~

6 {nrobuevo, yiatt éyer B=B" =0, '=1" =
= xal Suxotépo whv AA =3,

Abon dmdpyer mdvro pie, pué Tév dpo va elvar w 4 @ < 2L,

Ly. 68
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Mapdberypa 2. L dedopévo tpiywvo ABI va Eyypagel tetpiymvo, tob
omoiov 1) pia whevpd va Ppioxeron orfy BI.

*Avaloon. “Eote 61t 016 tpiywve ABTT Eyer éyypagel 16 tetpaywvo
AEZH (oy. 69) pé v mhevpa AE ot BI. ‘H épotofesia pé xévtpo 76

A xat Abyo k= —%3- gmewoviler v HZ mdve otf) BI' xai v6 tetpdyavo

HZEA o676 tetpaywve BIIO, <6 dmolo pmopel v xataoxevastel dmd
Y GpYA-
Eovleon). [Tdve oy mhevpd BT xal EEw dré w6 plywvo ABIY xaraoxeud-
Coupe 76 tetpdywve BTIO xal pépvoupe tig
2 AO xai Al mob wépvowy t BI' ovd ompeia
A xal E dvriotolyws. *And 16 A xal E gép-
H z voupe xaBétoug ot BT, mob téuvouv <ig AB
wol AT otd onpeia H xal Z avriorolywme.
Té revpdmicvpo AEZH elvar 16 {yrodpevo te-
B 0 £ T rpdywvo.
Anédarln. 'Enedn AH[/BO, AE[/OI,
EZ [T, éreron 8t 4 dpotoBesta pé wévrpo 76
A xal Ayo k' = b A gmelxoviler &
k AB
onueia B,O,I,T" or¢ H,AE,Z, dvriortolycws.
YApa :

F(AK
S1. 69 porr _FAK)

), HAEZ = BOIT ~ HAEZ
xat énedn 6 BOITD elvan dméd thv nataoxeun
Tou Tetpdywvo, Emetar &t xal v6 HAEZ elvar terpdywvo.

ALKHZIEIZ
B'.

137. 'Avtictpogn oporodeaia. "Av Evo onpeio A dmewovifetor pé i dpotofecia
F(O,k) o #vx onpelo A', v& droleifere 871 drapyer dpotofesta F(O,k") pé w6 t8io wév-
zpo (mot Abyerar dvrioTpogy THe mpdng) xal mob dmewoviler w6 A 016 A.

138. Nd xataoxcuaotel tplywvo ABI, 8rav Sivovrar T otouyelax Tou ﬁ: T b
BLdpecos Ma.

139. Né& xaracxevaotel tpiywvo ABI dné <l yavieg Tou !’3\. T xard Gdog vg.

140. Abveroar it yovie xay xok Bva aqusio A dowtepd tng. Nd gépete dmd <6
A ebBela, mol va téuver tle mievpés Tig yovlag otd onpela B xal I' ¥rot, dote va elvar
AB I

AT v

141. Abveror pud yovie xﬁy xal éva anpeio E. Na pépere dwd 76 T edfelx, mwod vi
zéuver Tl mAeupés THg yoviag otd oqusia A xai B ¥tot, dote vi elvar EB = 3TA.
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142. N& xavaoxevastel tplywvo ABT dnéd thv durlve p 7ob Eyyeypappévon Tou
wixhou xal vi elvar Epoto mpde drho Sedopévo Tplycavo.

143. Né xavooxevzotel tplyovo ABI' dmé thv dutive R tob TepLyeYpapLévoy
Tou wiuhov xal vé elven Bpowo mpés dAho Sedopévo Tplywve.

144. Alveron &vag windog (K, R) nal &va ayueio Z. Nd gépere dnd 16 T edbela mod
va tépver Tov xhdo otd onuela A xal B #ror, dote vé elvar TB = 25A.

145. Aivetan vag wiudog (O,R), pla edlela (¢) xal éva anpeio T, Né gépere dné
76 I ebbelx mod vé téuver v (¢) o6 onpeio A xal tév xhido (O,R) oté B ¥ror, dove vé
elvar EB = 3ZA. .

146. "An6 16 Eva xowb omucio A 3o Tepvdpevey xixdev (K,R) xxt (Ap) vé gé-
pee ebbela mob vék téuver Tolg wixhous otd ompeia B xal I' dvriovolywe #ror, Gote vék
elvar AB = 2AT,

147. £ &a wplyovo ABT vé Eyypagel mapaddnddypappo Suow mpbe Sedopévo
mapaAdmhdypaprpo (Bh. mwopdd. 2 § 40).

148. "Eva perafinté tpiywvo ABT Swxrnoel otafeph thv mhevpd tou BT = a
navd Oéoy xal péyebog xal v Sidpeso BA = up xatd péyebos. Nk Bpefel 8 vy. témog tiic
®opugiic Tou A.

AEEMH EY®EIQN

41. “Opiopdg. "Eninedn Sfopn sh@ardv Aéyeror 16 oivolo tdv &b-
Berdv ol Eminédov, mod nepvolv dnd Eva anueio O.

Té onpueio adrb Myetar kévipo tic Séouns. O edbeieg tic Séoung Aé-
yovrar Gktiveg e

*Erinedn Séopn edbeidv pmopel vt Oewpnbel xat 76 odvoro T@v mapdh-
Aoy mpbs Opopévy SebBuven edleév. Tére 8 xévrpo g Béoung Exet
gmopaxpuvlel otéd &meipo.

Oerpnpa tig Séoung. Tpels 1j neprocérepeg dxtiveg midg Séopng
opilovv mavo of 800 mapahinkes edleies tpApata dvaloya.

"Anbderln. Ozwpolpe pid Eninedn déouy edbaidv pé xévrpo O xal dlo
mopddnhes edfeleg (e) xal ('), mod téuvovral dméd vpeig dutives THe Séapng
ord onpele A,B,T, xal A’ B', [V dvriotolyws. Od Selfovfe St elvan :

AB BI'

1 AB _ BT
ket * AB BT

A A
*Anb e 8bo Lelyn Euotwv Tprydvey (oy. 70, 71) OAB =~ OA'B’ xal
A A
OBI' = OB'I" malpvovpe dvriotolywme :

AB o8 | 8. 0B
A'B OB Bl = OB

Abrég Exouv Td Sedrepa pédn Toug You.
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64 Afoun ebfeaddv

*Apa 0 elvar xal :
AB _ BT
MR s BES
‘Opotewe pmopei v dmodeuyel xal yid 3éopn pé mepioobrepes dutives.

42, Gedpnpa. "Av tpels 1] nepocdtepeg ebbeieg tépvovy o mapdi-
Aheg edBeieg (2) xei (¢7) otd onpeic A, B, I, xai A, B, I dvnoroi-
0s, Etol date va elvan e - = ax tote ol edBelsg abrég

. XE T BY AT fia
elvan dxriveg midic xai povo Séapng, dnladi nepvodv and t6 8o onpeio
i elvan mapaiinhes.

*An6deitn. “Eote O ©6 xowé onuelo tiv AA’ xal BB’ (oy. 70). Tére
A A
elvar OAB =~ OA'B’, dpu:

(2)

AB _ OB
AB OB
A
“Av Q' elvar 76 wowdé onueio tév BB’ xat I'lY, vére elvar O'BI' =
A
O'B'T", &po :

BI’ O’'B
2 B 0B
Az iy dmébeon :’];, = :'II; xob tlg oyéong (2) xal (3) ouvdye-

Ton bree

o8 _ 0B

OB’ O'B’

OB el B 5 OB _ OB
OB —0OB OB —0B BB BB

'An’ adthy Thv dvadoyle oupmepaivoupe &m OB = O'B, dnhadn a
anueia O xal O suprirrowy. “Apa of AA’, BB', I'T" mepvolv &mé <6 3o om-
peto O, Syrad elvar dutiveg wdic xal pévo Séapns.

N !
(g) A B T

Zy. 70 Iy 71 . 12
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“Av elvoar AA’[[BB’, 76 tetpdmievpo ABB'A” elvan oo AAGypaLiLiLo
(o3 72), émopdvars AB = A'B'. Tére # dmébeon (1) ypdperar :

.
B'IY
wod &m’ adeh oupmepalvoupe §m BT = B'I". “Apa. xab 6 BIT'B’ elvon ma-
pohhnAbypappo. ‘Emopévac BB’ | |TTY, 8waadh AA'[[BB'[[IT.

43. Oedpnpa. "Av tpeig dxtiveg mag déopng pé xévipo O tépvov-
Ton Gnd S0o ebbeieg (¢) xai (¢) otd onpeio A,B,I, xkai A B,I" dvueroi-
Bl
G = -l?l;—_ , ol ebBeieg () wai (¢ elvar mapdhinhes.
*AnbdeiEn. “Av ol () xal (¢') 3év elvan rapdddnles (oy. 73), pépvoupe
amb w6 A th ABI',[JA'B'T xal vére, xavd ©6 Bedpnpa 42 B4 elvan :

yos kai elvar

AB, B,I' AB, A'B 3 ;
=l ey L= —— (1). "Amé mbBeon &
AR BT BB v DU, 1 bk X o (B e 11 frovus
AB B AB _A'B k
2B =—ﬁ,%- <= —ﬁ;=—ﬁ,— (2). 'Amé lg oyboeis (1) xal (2), mwod
Eyouv Té Selrepa péhy Tovg low, ouvdyeral &1t I‘;\f{ = —g—?- ‘A’ admh
rpoxdmrer 8 (0. O@af) BB, /[T, mob elvar dtomo, vyl of BB, nal
0
() A 8
=

A/ EI'\ r'\
Iy /3 Ix. 74

I'T,, &nwg g dmobéoape, wépvovrar ot6 O. "Apa xat dvdyxn mpémel v&
¢lvar ABT[JA'B'T 4 ()] /(')

Iépiope. “Av of Eva tpiyove ABT" 4 AM elvar Sapecog, xabe ed-
80ypappo tpfipa B'L” [ /BT, mod Exer td Gxpa tov nave otig nhevpéc AB

xoi AT, Sixotopeitar énd th Sipeco AM.
Mpayparind elvou : -}—;%—=-—I%IT xal, émeidh BM = MT, dpor sl
BM =I'M (oy. 74).
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66 *Opbts mpoPoés
ALXKHZIEIZ
B.

149. Na dnodeuy0ci 6t ) edlela mod dvdver w4 péon K xal A tév Bdoewv dvée tpa-
reliov mepvder dmd w6 wowd onueio B 16y Burywvioy xal dré t6 xowé onuelo Z tav wh
TapdAAAGY TAEUpEY.

130. “Av ol duriveq piiic Séaprng ué wévipo O Tépvouy 8o mapdlhnles edbeize (e)
el (') ot A al A', B xal B, Tyl TV, . dvriatolyes v drodeifere G ol Buydvion
w6y tpameliwy AA'B'B, BB'I'I', TTVAA,. .. Tépvovtar of anpelx, td dnola Pploxovrar
mhve of ik edfela wol elvan TapdhAnAn mebs Tig () nal (¢).

151. ®épvovpe 3o mapdiinres mpds o) Braydvio AT #upTol Tetpamiedpouw ABTA,
mob tépvouy tig mheupés tou otd B, O wal H, 2 dvriatotyws. N’ drodelfete &t ol ebBelec
EZ wal HO zéuvovior mdve oth BA.

152. "And éva onuelo A ¥ Bdoews BT tpuydvon ABT Pépvoupe mapdidnio mpbg
™ Srdpeao AM, mod téuver Tl AB wal AT o014 E ol Z. Né drodeifere 87 16 dbgorapa
AE + AZ elvar grafepé.

153. Alveron évx rapahinibypappo ABTA xal ot B éva onpeio tig Sucywviou
BA."Ant w6 E gépvovpe dné pix mapdiinio wpdg Tl mheugé Tou, moy téuvouy tie AB xal
T'A ava Z ol H dvriotolyog xal tic AA ol BI' atd I xal © dvriatolyws. Nd drodelfete
brielvan @ o) ZO [ [HI, xat ) ol IZ sl HO tépvovrar ndve o BA.

154. Aiverar #vzx xwpté terpdmieupo ABTA nal fotw E #va Tugalo onpeto tig AB.
"Aré 76 E gégvoupe magdhimho tig BT, nob wépver Thy Al 076 Z, xaldné 6 Z pépvovpe
mapdihnho Tig I'A, wob téuver whv AA ot6 H. Né dmodelfere 8t :

a) AE. AH = BE - AH, xa«f 8) EH//BA.

155. Alvovra 8o edfielec (g,), (e4) %l éva onueto A. Ol () xat (e,) Téuvovrar,
@rhd 76 amuein TopRc toug 3¢ Pploxera ptox o6 medlo axedidoews. Nd pépere ebbela
dré w6 A mod vd mepvder wad dmb 16 xowd anueio T@v (g,) xal (g,).

OPOEEL IIPOBOAEX

44. "Opwopol. IMalpvovpe Bva onpeio A xal wid edbelx () (oy. 75).
Dépvoupe Ty AA’ | (). Té ampeio A’ nmdve othv (e) Aéyetan (8p07) mpo-
Poriy w0l onuelon A mévew othy edbelx (c). “H edbeta (c) Aeyetar mpofoii-
koG BEovag xal v6 Tufux AA’ Aéyera mpoPihiovea Tob onuetov A,

"Eteu &v &va anpeio B Pploxeton mdve oréy mpoPohixd &Eove, Tére TaL-
Tiletan pé iy mpofiodd Tou.

ITpopoid &vi edBiypappon Tuhpatos AB mdve ot &Eova () AeyeTan 76 ab-
voho 6w pofoldv Tév onuetev Tob
Tpnpatog AB mave etév dEove (g).

45. Oewpnpa. “H npoPods eb-
O0ypappov tufpatog AB nave of
ebbeia (€) elvan tpfipa A'B" pé Gxpo
tic npoforéc tdv lixpov tob AB
ravo oty (g).

"An6dergn. “Ag Dewphoovpe i
npoforés A’ xal B <év &xpwv
A wal B 708 tpqpatos AB ndve oty edfeta (e) (ox. 75) *Aprel vd. dmodel-
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Eoupe &m mowodfmote onusio M 7ol pfuaros AB, mpofdihetar o anuelo
M’ 7ob Tuhparos A'B xal dvrmiotpbpug &m 76 Tuyaio anueio M’ 7ol -
patog A'B', elvar ) mpofol mhve oTiy etfela (e) &vég onpelov M tol Tun-
patos AB.

"Eorw M’ % mpoBok &vég anpelov M w0l tufparog AB mive oty ed-
fela (¢). Ot edbeieg AA’, BB’ xal MM’ elvon mapdhinhes yuorl elva xabeteg
rdve arhy i edBelax (). T6 amueio M, dool dviixe 676 Tufipa AB, Bploxe-
ran phon ot §dvy T@v mapaddidav AA" xal BB "Apa wat § MM’ 64
Bplowetar péon oth Lhdvy v Tapadhiiwy AA’ xaf BB'. ‘Emopéveg
MM’ 04 ~éuver 76 Tufjpe A'B’ of onpelo M, Snhadi ) mpofodh M ot M
mdve othy edfele (¢) elvar omuelo 7ol Tuhparog A'B'.

‘Opolesg pmopet vé drodevyBel xal v6 dvrlorpogo, dnhads &v M’ elva om-
peto Tol tpuhpatos A'B’, ) xdferog dn’ alté athv eifela (&), dg mapdihnhog
npbe i AA’ xal BB, 04 véuver v6 tpfjua AB of o anpeio M. "Apx 76
anuelo M’ elvar § mpoBoh) Evég ampelon M 7ol Tuhuatos AB.

AELKHEZEIZ
A’

156. Né amodeiyfel ému ol mpoPorés 8bo lowv xal mapddnrav TUNRdTOY TAve
athv 18ux evBela elvar loes.

157. "Av A’'B’ elva % mpoBodd tphuatos AB mdve af ebfela (), vd dmodeifere
4mu elyvay AB = A'B’ = 0. ITére layder 76 mpdvo loov xal méve ©6 Bebrepo;

158. Né drodelfere 87 t6 péao dvée ebBiypappon Tufpatos mpoBdiietar o6 pégo
+He mpoBorfic Tou mhve of b edbela.

159. "Av Bva edB0ypapuo Tufipa AB mpoPddderar whve of Tpelg ebletes (e4), (eg),
(e5) ot A;B,, A By, AyB, dvrioTolywg vé dmodelfere &t ol pecoxdBetor ThHY TpMpETLY
A,B, A,B, uxt A B, Sufpyovral &né 76 (8o onuelo.

160. *Av té péox K xal A tév mhevpdv AB xal AT zprydivon ABT mpofdidovral
ndve of ebfela (¢) até tBio amueio, va dmodelfete &m # mpofoh) e mhevpdis BI' mdve
avhy (e) slvan pndevich.

161. “Av td péax Bdo BaBoyxdv wheupdv dvég Tetpamhiedpou mpofdihovTal wEve
ot Bedopévy edfela até tBio anpelo, vé drodelfere B xal vd péon v 3bo EAhwv TAsupdv
7ol Tetpamietpoy mpoBdihovral o Eva onueio. “Av e péox Sho dmévavr wheupdv Tol
TetpamAslpoy TpoBdAhovTal 76 U8B0 anuelo, vé drodelfete 8t d péon Tdv Bbo EAwy &né-
vavr, mhevpdy Tob TeTpamhebpon mpoBdiiovra Exarépubey Tol mpomyolpevou ampelov
at logg dmootdacic. ;

162. "Aré Bedopdvo omueio T vé gépere pid edbela (c), whve othv drotx ol mpofie-
M v wopupdv Tprydvou ABT vé bolfouy 3bo Yoo Tphpata.

163. "Anb BeBopévo onusio I vi épete wd edbela, mdve athy bmola ol mpoBoiés
<év wopugév Tprydvou ABT v bptlovy 8o BuaSoyixd Tpfuate, mob T Evo vd elvan Bumhd-
oo &mh T6 dhho.
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METPIKEEL IXEZEIE ETA TPIFTQNA

46. Metpueh oxéon yewxd omh yewpetpla Aéyerar xdde oyéon mwob
ouvdéer T pétpa edbbypappwy Tunpdtwy, § xal hov duoadiy YEWRETPL-
@y peyeliy, drav abrd perpolvron pé thy (e povdde petphocws. 'Ereldy
7 uovéda petphoews elvar adbalpern, xdbe perpuch oyéon elvan dveldprnmy
dmb v povada petphioews xat elvar xabapde oyéon Abyov.

Kdfe yewpetoin ayéon elva perpixh axéon Snradh oxéon mob dineber
v drowdimore povddu pevpfioews, xal elvar duoyevig de mpbe Td wihxn
mob mepiéyst. "Oha o yewpetpixd Oewpfipata xatadhyowy of bpoyevels
yeopetpinés oyéoeig.

"Av o, B, v elvar edBbypappa Tuhpata, § oxéon 2(a)(p) = (v)? mod
dvapéperar ovd pérpa (), (B), (y) vév Tpnpdrav, elvon peTpixn oyéom
dpoyevig Sedtepou Bubpob xal mib dmid 04 vedpetar 2uB =y ‘H oyéom
3ut 4 B =y® 3év elvon perpud) oyéom, yiarl 8év elvan bpoyevig.

METPIKEEZ ZXELEIL LTA OPOOIOQNIA TPIFQNA

47. Oedopnpa. Lé xabe dploydvio tpiyevo 1 kabemé ané tig mhev-

pEg Tov elvan péom dvadoyos tiig broteivovoag kai tiig mpoPolfis tng nave
otijy Omoteivovea.

"Andderln. "Eotw dploydvio tpiywve ABT (’R =1L) ué mhevpéc «,B,y.
(ox. 76). ®épvoupe AA | BI. T4 vplywva ABD xafl AAT elva Buoua
yueth elvan dpBoydvia xat Exouv T ®ouvi,.
“Apa :
AT AP B AT

= ——
Bl AT « B

A (1) P =a: AT,
mov AT elven ) mpoBohh THg wheupc
e g B mdve amiy Smotelvouae.
r e B ‘Opolwg elvar ABD ~ ABA = L —
o
Ix. 76 __:Ali pry
v
(2) 7? = a-AB.

Iépiopa. "0 Loyog tiv tetpaydvev tdy 6o kadetov thevpldy dpbo-
yaviov tprydvov, elvan laog pé 6 Aéyo t@v mpoPoddv Tovg méve otiv dro-
teivovoa.
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Mpdypatt, &v tig oyéoeg (1) xal (2) 7ol mpomyoduevou Bewphpatog
tlg Swnpéoovpe xatd péhn, malpvoupe :
p? " AL
¥* AB’

48, IMuBaybpeio Bedrpnpa *. LE kabe dpBoydvio tpiyavo 16 EOporopa
v tetpayhvev tdv oo kibetov mhevpdv tov elvar Too pé 16 tetpaynve

tfig Omoteivovoas.
"An6deiEn. Ztb dpboydvio tplywvo ABI (oy. 76) dmb 6 mpoyyodpeve
Occrpnua Exouvpe :
B2 =a-Al' xat y?=«-AB.
Tls mpooérovpe xavd péhn, nal malpvovpe : B2 + y® =a (AT + AB). Al
AT + AB = I'B = a. "Apa # mponyobpevy oyéen ypaperar :
B*+ y* =at

49. Oedpnpa. I xabe dpBoydvio tpiyave 16 Gyog npdg thv drotei-
vovoa elvar péoo dvaioyo thv dbo tumpatov, oté dnola adré Suapel v
bnoteivovoa.

*AnddeaiEn. “Eoro Spoyiio tplyave ABI (A =1t) xal AA =v, %%
Gog Tov wpbs Thv Umotelvovoa (ay.
77). Té Odog Buwupel 6 7plywvo
ABT' &t 8bo A&p.or.u bpBoydvia Tplye-
Vo AzBas ATA, ywetl 16 xobéva &r’
adrd, elvan Spoto mpég 76 Tplywve ABT.
"Amé v Opodtyta malpvoupe ThY

dvahoyle :

£=£é <= AA® =AB:AT' §

AB AA Ix. 77
v, = BA - AT'.

50. Oepnua. Té dde dpboydvio tpiyave ABL (A = 1Y) loyber #
petpuciy oxéon Py = av,. G

*Andderln. Oépvovpe 16 GYos AA =v, xal wapamnpolpe ém BAA ~
B%‘A, yuerl elvar dpBoydvia xab Exouv Th ymv[a,ﬁ xotvi).

(*) MuBaydpas (yewhBnxe ovh Bduo ypw ot6 580 m.X.). Takldede ovhv Alyunro
wab e "Ivdlee wal petd dmoodpbyxe avhy 'lrahla, Smou (Bguae  weplenpn Lyoddy Tou.
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Ao Ay P81 e ) s
AA TA v, B
Py = av,.
51. ch:pnp.a Z‘.é kGe dpBoydvio tpiywve ABT (i = 1L) loyber 1 pe-
£ =t A
tpikh| oyéon Fa- —I—- " .
"Anbdergn.
i ot sl o e o s b il R .|
By B By () aleut ot

52. "Avaxepodalwon T@v petpixdv oxéoewy yid té Sploydvia
Tplywva.

“Av ABT elvon éva 6pﬁoymwo wplyovo pé mhevpés «, B, y xal AA = v,
elvor 76 Gog Tou mpés Thy dmotelvovea, loydouy ol ayéaeis :
i) pP=u- Al", ¥? =a.AB.
s M
ii)
v AB
ili) a? =p%+ v xal &n’ abriv wpowbntouw ol :
B =af—y? xal y®=od—@t
iv) v?=AB.ATL.

V) By =av,
il | 1
vi) —_— .
BS I U‘l

Inpeioon. Kale dpboydvio tplywve, mob vd pérpa éiv mhevpdv Tou
elvan duéparor dpiBuol, Ayerar muBayépero tpiyavo. IMubaybpero tplywvo
elvar my. adtd mob Eyer wérpa mheupdv 3,4,5, yiasl 3% 4 4% = 5% 4=
9+ 16 = 25,

Ol dxéponor dptfuol mod mapiotdvouv td pérpa Tdv mheupdv bpoye-
viou Tpuydvou, Myovran muBaybpeior dpBpol. Ol dmhoborepor mubaybperot
dpwBuol elvar 3, 4, 5.

Trdpyouv 4meioor mubaybpeior &pBpol mod ouwdéovrar pé T oyéam
(02 =) + (2uv'* = (u + v2)3, Bmov w xab v elvar dmoroudfimote dué-
pasar dpBuol. "Av n.y, othv mponyoluevy oyéon Béooupe =5 xal v =2,
Bploxovpe Tode mubuydpeioug dpibuads 52— 22 =21, 2.5 .2 =20 xal 5° 4
+ 28 =29, dnadh tolg 21, 20, 29. IMpdypar elvon 212 4 202 = 29?7 4
441 + 400 = 841.

53. Awaydviog épBoywviov pé Siaotdoeig a xal B. "Eotw dpfo-
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yévio ABTA pé Bunotdaes o xat B (o3 78). Oépvovpe 74 Suepdvia AI' =8

A e
6 a & a
A i B =
Iyx. 78 I 79

wal dné =6 dpBoydwio wplywve ABT madpvovpe : AD? = AB? + BI* %
B =024 B2 % &=Va %

Hépiopa. ‘H Suxydviog evig tetpaymvon ué mheupd o loobras i «V2
(o 79).

54. "Yiog lodmAevpou Tpryddvou pé¢ mhevpd a. “Eorw ABI v tob-
mhevpo Tplywvo pé whevpd a (oy. 80). Dépvevpe w6 Blog Tov AA =, 76
dmolo tépver T BT ové péoo g, bmébse

BA e
2

Téze, drb T6 dpboydvio Tplywve ABT malp-
voupe : AA? = AB? — BA? § A

2 2
o o

bt 2N gt =
2

aV3 8 5 r
£y 80

FEQMETPIKEE KATAZKEYEX ME TH BOH®EIA
TON IPOHTOYMENQN METPIKQN EXEZEQN

55, i) Na xataokevastel £000ypappo wpijpa x, mob va ixavomoiwel T
oyton X = Va? + B dnov 1@ a kai p elvar dedopiva evB0ypappa tpfjpata.

‘H 3edopévy oyéon yphgetaw X2 =af 4 B2, dmb Thv brolx paivetor b1
76 X pmopel vd elvas # morelvovoa ploydvion zprydvou pé xaberes mheu-
péc Td TAOTE O ot 8. T6 Tplywvo xaTaoncudleTal (oy. 81).

ii) Na xataoxevactel £000ypappo Tpijpa X, nod va ixavonoel 1 oyéon

X= Va"-—ﬁ’. a>p'
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“H 3eBopévn oyéon ypdperor x? = — B3, dné thy bmola padveran 4t
6 X pmopel va elvan f pla xdfern
mhevpd Spboydviou Tprydvon pé Smo-
welvovor o xal Ty ¥y xdbem B.
Té tplyave xataoxevdlerar (ay. 82).

. P y . iii) N& xataoxevastel e000ypap-
J po tpfipe x, mod va ixavomowel

a ) X ' oxfon x = Va?  B% £ 4% - 82, Bmov
Zy. 81 Iy. 82 a,B,y kai & elvan Sedopéva edOGypap-

pa tpfjpata.
‘H 3eBopévy oyéon ypdoerou :
X? =o® 4 B2 4 42 4 30,
Haparnpolue &m 16 ¥Bpotops of 4 B? umopel vé dvrixatuctaber dmd 6
AT? (oy. 83), &mou AT elver 4 brovelvous SpBoydvion Tprydivou pé wdleree
mhevpés tio o xal B. Mé 7év {810 tpémo umopoline v& dvtixataoThaoupe T6

Zy. 83 Ix. 84
&0potapa AT? - 2 pué v6 AA? xab 76 AA2 1+ 52 ué 76 AE2 *Amé 16 oyfux
podvetar Thte Bt elven :
X2 = AE? = AA? - 32 = AT? 4 42 4 3% = o2 4 B2 4 vt 4+ 82,
Inpeioon. Mé wév IS0 wpbmo  pmopalpe vé XaTEOXEVAGOLNE TRFua X, mob vé

Ixavomolel ) oyéon x = Ya® + B*+...+ e+ 12 &rav Siveror xafopropéve  mAFlog
ebBbypappwv Tunudrtay o, B, ..., ¢ G

iv) Né xataoxevastei tpfipe X, mob vé Ixavomouet T oxfon x =
=V =P+ y"—&, bnov a, B, v xai 5 elvan dedopéva tpfuata tétowa,
dote a® — P2 4+ 42 —52> 0,

‘H 3edopévy oyéon pmopel vé ypapret :

x2 = g2 + .r'.i__ ((32 + 82) ﬁ xa=;\a__.y‘a.
bmov 7d ed00ypappa Tufuara A xat p Ixavomorody lg axfoeig A2 =of 4 42

ol p? = B 4 82 xal xavaoxevdlovrar e otiy meplntwon (i). Tére mud
umopel vé xaraoxevaorel xal w6 X Srwg ovhy neplntwan (ii).
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v) Kataokevy péong dvaldyov.

Né xataokevactel e000ypappo tpufjpa X, nod va ikavomowel 1 oyéon
x? = gP, Bmov a xai P elvar Sedopéva ebBbypoppa Tpfpata.

Heparnpolpe 87 (§ 49) 16 X pmopel va elvar 6 Oog Tprydvey mobd
olpeton dmb Ty bpB yovlx xal Swupel Thv Umotelvovox oé Sbo Tud-
poze pé pipn « wod B Thd Ty wataoxeuh malpvoupe mave of ik edbele
Swdoyixd Tunpate BA = a xal A' =B (oy. 84) xal pé Sikperpo v
BT ypdgouvpe Huixdxho. "Anb 76 A gépvoups xdfeto ot BIY, mod zépve
<6 fhudde até A. Té tplywve ABI' elvar mpogavésg dpoydivio (’A\L = 1L).
‘Eropéverg 16 {nrobueve tufjux elvar vé6 x = AA, 76 émolo Ixavomoiel )
oyéon x? = af.

vi) Na xataokevactel edf0ypappo tpfijpe X, mod va ixavomorel ti)
oyéon ax = P2, mov a xai P slvar dedopéva e0BOYpappa tpfpata.

“Av B elvon 76 Odog dpboydvion Tprydvou mpbs TAv Imotelvousa xal «
elvan 76 Eva Gmb Td TWHpaTE, oTd dmola T6 Odog adtd Banpel Ty dmotelvouon
(o 85), vbte 76 x 04 elvor 76 &ho.

Karaoxevalovpe dpboyavio tplywve ABA (ﬁ = 1L) pé xdBereg mheupés
i @ xal B. "Ané Thv xopugh A gépvoupe xdfeto oty Umotelvousa tou AB,

Iyx. 85 Lx. 86

mod téuver T BA ot6 onpeio I Té wufijpa TA elvan 6 Tnrodpevo, dnhadn
FA = x, yerl natd oy § 49 Ieavormoiel ) Sedopévn oyéon o - I'A =2
vii) N& xaraokevaotel £0Bbypoppo wifipa x, mod vé ixavomorel 11
oyéon x =a V6, 6nov 16 a clvar dedopévo tpfjpa.
‘H 3edopévn oyéoy vpdperan X2 =60 § x2 =3 20 ‘H xaraorevy)
elvor Bpota pé Exelvy g mepintdoems (V) xal palvetar oté ayfjua 86.

56. IpéPAnpa. Na xoraokevootel tpfjpa X tétoro, dote :
o r

a? v

Bnov t6 a elvar dedopévo tpfjpa kai 2 sva dedopévog aprpmTikidg Adyoc.
v
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Karaoxeof). Mé Budperpo BI' = BA 4 A" = 4 v ypagovps Hpuei-
wheo nal dné v6 A gépvoupe wdBero ot BID, mod téuver 76 fuuhniio oré A,
Méves oty Al malpvovpe tpfue AH =a xal @épvoups tqv HZE[[TAB
(0. 87). Té tufua AE = x elvar w6 {nrodpeve.

"Anbdergn. Dvopilovpe éu (§ 47. mop.) :
AE? EZ ", 2t EZ

(M) o= =

AH* ZH e ZH'

A
'AMa, xate w6 Bedhpua tiig Séauns, elvon :
EZ BA
(2) s

2 ZH AT v

ST 7 . Anb <lc oyéoeg (1) xat (2) mabpvoupe :
ol )
Ty 87 ol v
ALKHIEIZL
A,

164. L' #var bploydvio tplywvo ol 8bo wdletes mhevpés tou elvar 15 em xal 20 em.
Ndé BpeBolv # dmorelvovoa 1ol tpiydvoy, ol mpaforéc tdv udbetwv wheupiv Tou Tdvw oThY
brotelvovoa xal 6 GYog tou dnd Thv Bpbh ywvia.

165. Ol mpoPorés tdv xdletwv mhevpdv &vég bpbay. Totydvou mdvw othv Hmotel-
vouaa elvat 2 cm xal 8 cm, N& BpeBolv ©6 Gog dnd thy bpbh yovla xal of xdbereg wheupéc
7ol TpLyhvou.

166. Na& Ppefolv ol mheupés évée bplloydvion tprydvon mob ¥yer mepluetpo 84 cm
xaxl Omorelvovex 37 cm.

167. Na dmoBeiyBel 1t 4 Swxgopd tév tetpaydvov 8bo mhevplv dvég Tuyalon
Tpryrovou elvan Yom pé o Bxpopd tédv Tetpaydvey t@v mpofordv Toug mdve othy Tplty
mAeupd.

168. T’ &va bpboydwvio tplywvo ABT (K: 1L) gépvoupe dmd t6 péoo A =ig AB
x&0eto AE athv dnotelvovaa. N4 drodelfere 61 elvar EI'? — EB? = AT,

169. "Eva tetpdnievpo ABT'A ¥yer xaberes vic Bxywvioug tou AT xal BA. Na
droderyfel 8t elvan AB? - 'A% = BI'® + AA®

170, Abverar ped yovla xﬁy = 45° xal &va onueio M at6 dowTepixéd . Amd
76 M gépvoupe edBelx xdlern othv Ox, mod whv éuver oth anuelo A, b thv Oy hv Té-
wver ot6 onueio B. Nd dmodeifere §7u AB? + AM? = OM?2.

171. Aiveron éva bploycivie ABI'A xal #va omusio E oté dowtepind tou. “Av quv-
3¢oovpe 6 B pé vl xopupés tob dpBoyavlou, v' dmodelfere 8= elvar EA? + EI'? =
= EB? 4 EA%,

172. Né xataoxeuastel tufipa X, ol vk lxavoroiel = axéan x*=a? + B! + ¥4,
dmou d &, B, v elvon Sedopéva edBiypappa Tufpata.

173. Né xataoxsuzotel tufipa X = a¥V30, &nov 16 « elvar Sedopévo edBiypapuo
Ty,

174. Alverar $vx tetaprondniio AOB, "And &va onpeio I' o0 4oy AB pégvoupLe
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~
TE_| OA mob téuver oh Suwotbpo tiis dpbils ywvlas AOB oté anuelo A. N& dnolelfere
&n elvar TE? + AE® = OA®,

175. Né& raracwevactel Tufipe X =a Y3 +BY5, 8mov vd o xal B elvar Bedo-
péva TpAmaT.

176. N’ droSetfere 7u 4 xowd EEwtepuns) Epantopévn 8lo wixhwy, mob dpdrrovral
twrepnd, elval péon dvdhoyos petald thy Suxpérpov Tav Bho whrhav,

177. Né& Omoroyotel 6 pfixog i xowiis swrepuefic wal tig xowfg towrepixic
dpuntopévns Sto xixwy mob Exouv dutlve o xal ba, dv h Sudkxevipog TGy nixkwy elvar 6a.

178. Né xateoxsvaorel tufua X = Yo® — Py, brou 4 o, B, v elvar Sedopéva
Thpatoe.

179. Né xazaorevaorel Tpfjpa X = Yoi & BP—y3, bmou 4 a, B, v, & elvar 3e-

Bopdve Tuhpera.
180. Alveton &vax Tetpdywvo ABI'A pé mievpd o MéE Bdonig tlg mheupés tou xal EEw

dnb 6 TeTpdywvo xataanevdlovpe td lodmhevpx wplyava ABE, BT'Z, TAH, AAO. Né
dmodeiyOel 87 76 tetpdmhsupo EZHO elvar tetpdywvo xal vé droloylotel 4 mheupd tou.

181, Né waraonsvaorel tufpe X = Yaf — Vy3, énov t¢ o, B, v, 8§ slva Sedo-
péva ebBiypappa Tpfpata.

182, Alvovton 8o edBeleg (e,) xal (eq) mod téuvovral xabérwg. Né& Bpelel & .
cbriog 7@v onuelov M, mob 76 dBpoiopa T@v Tetpaydvey Thv drootdoedy Toug dmé Tig
e0feies (e,) xal (g4) mapapéver otabepd.

183. N4 wnaraoxevaotel tpfpe x = Vab + 2B + 8y, 8nov «, B, v elvar 3edo-

ubva elBlbypappe TuhpaTa.

184, Alveron fvag xixdog (O, R) xal 8lo dmoreadiimote yopdés sou mwob thuvovran
nabéroe oté anpeio M. "Av «, B, v, 8 elvat 7d tphpata otd dmola Swupolvra ol yopBég
4mé 6 M, v’ dmoBelfere i 76 &0poropa of + B 4 vy 4 8% elvar orabepé.

185. Alvetor Bvag windog (O, R) xal éva otalepd onuelo I atéd towrtepnd Tou.
Abo petaBintés xopdés AZB xal TEA mepvoly dné 76 I xal téuvovral xabérwg. N dmo-
Selfere 871 16 H0potopa AB? + T'A? elvar otabepd.

186, N& xoraoxevactody 300 edBdypappa Tpfuate X xal y mod vé lxavorololy
g oyfoes x* 4+ yt=o? nal xy = B2, &mou 7d o xal B elvar Sedopéva Tphpata.

METPIKEE IXELEIL £E TYXAIO TPII'QNO

57. Oedpnpa. LE ke tpiyovo 16 tetpdyovo pulis mhevpls, ol Ppi-
oketar anévavr and ofeia yovia, elvar Too pé t6 &dpoopa v tetpayd-
vov thv 500 Ehhov mhevpdv Ehattopive katd 16 Suthacio yivopevo tiig

mig an’ adtég ini thv mpoPorf thg HAANG nhve otfiv mphn.

*Anodeitn. “"Eoto tplywve ABT, oté émolo elvon A < 900 (ox. 88).
Dépvoupe wh BA | AT xal 04 Selboupe &7u elvan

a® = BY 4 2 — 28 AA.
Od Sraxplvoupe dbo mepimrdoeg Snhadi
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76 Metpicés oyxtoeis ot Tplywva

i) Té onuelo A Polaxevar mdve ovhy mhevpd AD. Tolito oupBalver,

_~
Erov elvon I' < 900 xal

Iyx. 88 Ix. 89

ii) T6 anueio A Bploxerar oth mpobutaay e AI' (oy. 89). Tolro
oupBatver, oy evar T > 900,

"Arb 16 dpBoydvio Tplywve BIA mabpvoupe :
(1) o® = [A? 4 AB?,
Zriy meplnroon (i) elve TA =8 - AA, &6 oty meplnrwon (i) elvan
TA = AA —B. Kal orlg 800 8uwg nepirraosig elvar :

FA? = (B — AA)® = (AA —B)? =% 4 AA? —28. AA.
Tére 4 oyan (1) ypdpera :
(2) o =f2 4 AA? —28. AA + AB2,
"AMi éneidf AAR 4 AB? =2, % (2) ypdoerar
a® =% y2—28. AA.

58. Oedpnpa. Lé kabe appluydvio tpiyeve 16 tetphymvo tiig mhev-

piiG, mod Ppioketar Gnévavi and tiv apPheia yovia, elvar Too pé w6 &Opor-

opa Tdv tetpayd@vay tdv dbo dhhov thevphv, adinpéve katd t6 Sirhdcio
ywvopevo tfig mig an’ abtég éni tiv npoPorfy tfig GhAng mave otiv mphdy.

*An6deiEn. “Eorw 76 tplyave ABD ué A > 900 (o3 90). Dépvovpe 4
BA | AT xai 02 3clfoupe &7 elvar

af =% + y® 4 28+ AA.
*Anb 76 dpBoydvio tplywve BIA malpvoupe
(1) o = TA? 4 ABE,
"AG TA =8+ AA § TA® = (8 + AA)? = B2 4 28. AA + AA?,
Tére 9 oydon (1) ypdperon :
2) of =B 4 28 . AA? - AA? + AB?
nal émeidh) AA? 4 AB? =2, ) (2) ypdoperar :
o =p* ¢y 4 28. AA,
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Tpésto Becopnua Tiis Siapéoou 77
59. Ipdto Bedpnpa tiig Siapéoov. L& kGl tpiyove ABL ioyber
1 oyéon
al
p‘+7'=2“¢’+_‘2‘,
Bmov p, 1 Sukpeoog and 6 A.

*An6dartn. "Eotw t6 tplywvo ABI (oy. 91) xab AA 6 Ogog tou. Mé
o Sibpeso AM 16 Tplyewve ywplletar of dbo ¥a vplyave AMB xaf AMT.

Zx. 90 Iy. 91
~~ ~~
“A¢ tmoBisovpe &m AMI > 900 Tére O elvan AMB < 90° xaf énéd T4
Sl mpomyodpeve Bewphipara B Exovpe :

(1) B = 8 + MI* + 2MT' . MA
(2) +v* = ! + MB® — 2MB . MA.

MpoaBéroupe i ayboeig adrés xard pékn xal yvwplfovrag bm elva MB =
MI = -925— malpvoupe :
(3) B+ v* =21, 4 2MB* §
o 2
g+t =2u42() 4
uﬂ
B =2t

Inueimon. Té modrés mepimrdoeig ypnorponotodue xal th poped (3).

Hapatipnon 1. *Amé tév mponyodpeve timo to5 Oewphparos i Su-
uéoov, wé xwud dveddayh Tév ypappdtov a, B xab v, pmopolue vi md-
povpe dvriotolywg Tobg Thmoug ¢

ET
Mapatfipnon 2. 'Ant tobg tpeic mpomyobuevoug Thmoug pmopolue vd
ndpoupe xal Tovg Thmoug :
ap? =207+ 2y —a?,  dpg’=2y+20*—P’,
an,? = 2a® + 2 —y?

7+ a? = 2p" + P u’+b’=2ﬂv’+%-
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78 ‘ Astrepo Becopnua Tiis Siauéoou

amé Todg droloug pmopolue va dmohoyloovpe td piwn tév Swpéowny dvés tpu-
yovou, Etav yvewpllovue Te phxn Tév mheupdv Tou.

60. Aedrepo Bewpnpa tiig Siapéoov. LE kabe tpiyovo ABI ioyia

1 oxéon :
p? — y:=2a-MA

(p€ v mpobndéBean 6m P ¥), Smov M elvar 6 péoo tijg Bl xai A 4
npofolt 100 A nave et BI.

'AnédeiEn. "Eotw 16 tplywve ABI' pé By (ox. 91). Téve 04 el-
var (§ 58 xal § 57):
2 =p,? 4 MI"? 4 2MI'. MA
¥? = p,? + MB? — 2MB : MA.

"Av 7l dpmpéoovpe adrés xatd péhy, xal énady MB = MIM = ;;-, Eyoupe
B2 —y? = 4MB . MA .—_~4% “MA 4
B2 —7%=2a - MA.

61. Baownd xpitiiplo yud t6 eldog ywvlag dvdg Tpiydvou. *And
& mponyodueva Bewphuara xul dmé v6 IMubayépeio Bedpnua mpoxdnrer Bt
ot éva tplywve ABT

~
) A<lt <= a2 < p2f 42
i) A=1t <> o =p? 4yt
i) A > IL <> a?> Bt 44l

T dvrlotpopa pmopelv v' dmoSewyfolv pé thy dmaywy? of &romo 8-
Aadh) 1 "Av o < B2 4 42, dmoxdelovtar Td vsybueve Raqe A A 1L,
yierl dn’ adrd fmerar o =B+ y? 4 a?> B2+ 42 dvmiorolyws. *Apx 04
elvas A < 1L, ‘Opolesg ol yid he (i) xat (iii).

Ebvinto elvar &5 ¢ éva 7plywvo pé yvworés mheupés 6 xpithoto épop-
wbletan pévo yid T usyahbtepn whevpd, yiarl &v 76 tplywve elvar dpBoydivio
i auproydvio, aité Od cupBalver ot yovia mod elvan dmévavtt dné o peyo-
Abrepn mhAsupd.

ALKHZIEIE
A’

187. N’ drodelfete 67 of xdfe tpanélio 76 4Bporapa v Tetpaydvay Tdv Sayo-
vl Tou looBran pé 76 ¥Bporapa ~@v TeTpaydvey Tév wh napdddniay mheupdv Tou oy
76 Surhdaro ywbuevo T@v 8o Phacwv.
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’Aoxroeis 79

188. T¢ fva loooxerée tplycwvo ABT (AB = AT') gépvoupe mapddindo tiig BT,
7ot tépver tic AB xal AT otd A xail E dvtiatolyos. N’ dnodeliere 7. BE? = EI'? +
BI' - AE.

189, 3¢ #va laooxeréc tplywvo ABT (AB = AT') ouvdéoupe v xopugin A pé dva
onueio A Tig mhevpds BI. N drodeifeve 70 AB? = AA? 4 AB. AT.

190. "By tplyevo Eyer mheupés o, B, v xal yovix A= 1200 N drodelfere §1u elva
ot =B+ 1t + Br.
191. N' dmodeiyfei 471 76 &Bporopa tédv Tetpaydvey TEY Tegodpuv mheupdy Evis
mapaddnhoypdupon loolrar pé <6 Elpotopa Thv TeTpayhvey THY Braywviav Tou,
192. ‘Evég terpamietpoy ABTA ol Buxydwior wépvovron xdfesa. N dmodeifers
§n | AB* — AA | = |T'B* —TA?|.
193. Né Bpebet 6 eldog Tév yavidv tprydvou ABT, <4 dmolo ¥yer mheupés
i) e=3n B=4r y=6r
e A 20
ii) a=2, ﬁu:_z_, : o
iii) «=8% B=15% y=172
iv) a=7%, B=16a, y= B\

B.
194. N’ &rodelfere 7. w6 &Bpotopa t@v Tetpaybvan tév Sirpéswy dvbg Torydvou

loobrar pé vd 3 /4 Tob dBpolopatog Téy TeTpaydvey TOY TAEUPEY TOL.
195. “Av M elvan 76 xévrpo Pdpovg vég tprydivou ABT, v dmoderytel bm

MA* + MBt + M =2 B Y,
3

196, Mé mievps AB =y xatxoxevdlovpe Sto lobmhevpx <olywvx ABA, ABE
Exatépoley adtiic. "Av I' elvar émowdimote onuelo v dmodeuyfct fm T'A® 4+ TE* =
= a? 4 P 4 2, &mov u, B, y elvar ol mheupés 7ol Tprydivou ABL.

197, Alvetan évag winhoc, wd Sidpetpbs Tou AB xal wd yopdh tou TA mapdiinig
wpbg whv AB. "Av M elvar &va dmowoBimote anpeio tis Suxpérpou AB, v' drodsuyel é1
MI™ 4 MA® = MA® 4 MB2.

198. Alverar #va lobmievpo Tplywvo ABT pé mheuvpd o "Av M clvar &va ompelo
70 yyeypappévon xixdou, v' drodeliete &m 6 EBpoiopa MA? 4+ MB? + MI? clvat
atabepd.

199. Awarpolpe thy dmoteivousx B = a dpBoydvion tprydvon ABT of tpla lox
tuhuara BA = AE = EI' xal gépvoupe lg AA xal AE. N’ anodelfere &7 elvar

AA'+AE'+AE-=_2§'£.

200. Nd Bpebei & y. témog tédv ompelov M, yid 74 dmoila loygbe § ayton MA? 4
+ MB® = k?, &mou A, B elva avafepd onpelo xal k delopévo tufjpz.

201, N drodeyDel 871 of xdBe xvptd veopdmhevpo 76 dfporopa wdv TETPUYWVOY
Ty tecodpov mAeupdy Tou loobral pé té Efpoiopa Tdv zetpaydvey TéY Suxyoviey Tov,
adbnuévo watd T6 Tetpamidole TeTpdywvo Tol TpAuaTog nob Exer xpa Tk péoo Tév S~
yovioy Tou.

202. Né waxraoxevaorel tplywvo, o0 dmolou Slvovran # mhevpd &, 76 fgog va wat
<6 40potopa B2 4 y? = Kk®, 8mou 76 k elvan Sedopéve tpijpa.

203, Né& xataouevastel Tolyovo &mb td a, up xal B2 + y* =k?, &mou <6 k elvoe
Bedopévo Tuipa.
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80 "Eupobd

204. No jeeliel 4 v, témog tév anpelov M, nid vé drola laoyde. MA®* — MB® = k2,
Gmov A, B elvar arullepd onpeiz wal k Sedopéve tufpa.
" 205. N& naraoxevaorel Tplywvo dmbd 1d o, ug xaxb B —y® = k2, Smou 6 k elvat
Sedopévo TR,
206. Nd xataoneuxorel tplywve dmd <4 «, pg wal B2 —y® =k® fnouv w6 k elvar
Sedopévo Tpfiue.

EMBAAA KAEIZTQN EYOYTPAMMON EXHMATON

62. "Opiopdg. Mid Bepehidbduc Ewoux, mob ouvdéeron Speon pé dmoto-
dimote yheroté Enimedo oyfiua, elvar # fvvour tHg dwrdoeds Tov mhve oth
énimedo. ‘H Exraom dupiBidg adrh Méyerar EpPadd ol ayhuaros.

63. 'loeuPadixd 7 loodbvapa Myovtar 300 oyhuarx, Brav Eyouv
toa EuPadd.

‘H oyéoy Tijg lobmrag wov EpBadiv tév oynudrav elvar ayéon looSu-
vaplog, Snhadh elvar dvaxhaotinh, oupperpund xal peraBatind.

[ 76 oupBohious Tob uBadol évés mohuydvou ABT...N, umopolipe
vé ypnorpomorhgovue 76 abpBoro (ABT...N) 4 dmriic E, &vav elvan yvooré
ol dvapépetan alTh.

64. "Abwbpata 1ia ta tpPads tdvV

I oyNpatoy.
i) Abo tox oyfjpora elvar loepfa-

I I I Suxd. :

ii) "Av 8bo oyfuara dmoreholvran

Ix. 92 dmé You % loepBadind Tuhuare fx mphg

Bva, téte elvar loepBadind (oy. 92).

iii) "Av ot locpPadid oyfpara mpoaBéooupe loeuPadind oyfuara,
npoxdntouy loepuBadued aoyfuerta.

EMBAAO OPOOI'QNIOY

65. Gedpnpa. "0 Abyos t@v EpPaddv Sbo dploymviev pé pia and
tig dwotaseic toug Tom loobrar pé 6 Aéyo t@dv Ehhov Suatdoedy TOUG,

"Anéderin. “Ag Ocwpiooupe 3o SpBoydvia ABI'A xafl EZHO pé S
ardoe; AB =a, AA =B xal EZ =«, EQ =y (oy. 93). “Av oupBoAi-
oovpe pé E(w,B) xal E(xy) td éuPadd tous dvmorolyws 04 Selfoupe &m
E(a,8) 48 £
E@y) vy
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*Ac Smobéoovpe 8t & Abyos Tiv Swortdoswv B oxel y loolran wé xd-
mowo Gptlunmnd dapa v Snhadi

1) B _e,
it v G b

*An’ abrtd mpondmrer 87 pmopolpe ST
vé Srnpéoovpe Thv mhevpk AA =8
ot p Tunpate loo mpbs p, SnhadA
B=pp, xal Ty mhevpr EO =y o | ———
vé T Suupéooupe of v TpRueTa
o mpbs p Snhadh ¢ =vp. Tére 62 SRSy ke E e |1

elvor mpaypaTt Loaelll B wF TR (T
Y vp v

’Amé vd Supetind onueiax wive

orlc mhevpés AA xal E@ gépvoupe Iz 93

mapoddfhovg mpds vl Bdoei; AB

xab BZ dvriorobyws tav dployeviav. Tére 14 3%o dploydvia Srapolvron of

w xal v dvmarolyws orouyeuddn loa dpboydwa pé Suotdceg (o, p) xat

Yot E(x,p) 6 otouyeddes tuBadt xabevés an’ adrd. Elvon pavepd mag

0d Exoupe yid Tk EuBadd Tév dpywdv bpboywviey

E(e,B) = g+ E(a,p) b

(Eay)  v-Efxp) v

ol Eaurlog Thg oyboews (1) % vehsurala yiveror :

AT, | g7

E(o,8) = - E(sp) wek E(ey) = - Elap) =

E(e,B) = £ i
E(ey) ¢

Enpcioon. Té Bedprux propel va drodeuyBel xal frov 7d tphpatx AA xof EO
elvar dodppetpe. ‘H dnédelyn mopodelmetat.

66. Oedpnua. ‘O Aoyos tdv ippaddv Sbo dpboyaviov icobtm pé
6 Mbyo 1@V yivopévov tdv Sacthoedy Tovs.

*AnéderEn. “Ac Bewphooupe dbo dpboydvic ABI'A ol EZHO pé dux-
ordoeis (&,8) xal (v,8) dvriotolyws (oy. 94).

a I M A
e H
E Cl * +
8 ( 'B) b E(YJ 6) P E(Yr B) B
A 5 S oy Z T K
Zx. 94
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82 "Eupaddv dpboywviou

“Av oupBoMoovpe pé E(a,8) xab E(y,8) vd dppadd rovg, 04 Setfoupe
g L(@B) _ oB

E(v8) y3

Karaoxsudlovpe &va Bonyriné dpboydvie IKAM malpvovroc ik Suot-
ovdoe; ou plo drb w6 xabéve dmb td Sbo mpdta, Srradh ué Sxordoelg
B xat y. ‘Emopévors pé E(v,8) 04 oupforloovpe 76 éuPodé tou. *Amé 76

mpovyolueve Bedpnua Exovps :

E(@p) _ a« E(vf) _ 8
E(v8) v E(v3) @

[oMamhaoidlovpe adrés the oyéoes xotd péhy wuk malpvoupe :

E(aB) E(yB) _ a B " E(«B) _ of
E(v,8) E(yv.3) ¥

3 E(r3) y8

67. Movadeg petpiiosog thv Emeavaidv. ‘H Bewplor xal # mpakn &mb-
Beforv b ol mib wavdhhghes xak ol mié ebypnotes povddes HETPHOEWS THY
EuPodiiv elvar ol erpaywvinds povides, Snhadth td EuPadd TeTpay vy, Tob
7 mhevpd Toug elvan Tom pé T povada petpfioswe Té@v v, Kot Gvohoyta
mpbe tie povddes petphisewg Tav unndv 04 Eyoupe de Baoh povado petpn-
oewg TV émeaveldv 16 Tetpayovind wérpo (1m?) xab vé moAhamhdoix xxl
bromoAamidard Tou.

68. Oedpnpa. T ippads dpBoymviov loodrar pé t6 vopeve tdv Sra-
oTloEdV TOv.

"Anédergn. IMabpvovye i povdda petphocws Tév EuPadav &va tetpd-
yovo pé mheupd 1. Tére 84 elvon E(1,1) = 1 terpaywvixs povdde. Kard t6
Becbpnpa 66 O clvar :

E(«,B) Ll —nﬂzaﬂ.

E(1,1) 1.1
“Ape : E(x,B) =af - E(1,1) i E(xB) =B tetpaywvirés povides, Smov
E(e,B) elvae 16 2uBadé bpBoyawvion pé Swstdoes o xob B xal E(1,1) 6
EuPadd THs Tetpaywvidc povddus.

Tevixd yid v6 £uBalé E dploywvion pé Suordosic o xal B, Eyovpe Tév
Tomo :

E =af.

Népropa. Té &pPadd tetpaydvov pé mhevpd o icobrar npog a,

Hapatfipnon : "Ané tév mponyodpevo wdmo E = af <ol EufBadol bpbo-
Yoviou, mpoxdrerer 8t # dptbuntich Tuh Tob EpBaded of TeTpatywvinés povd-
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Seg lootran pé v6 ywbuevo v dpuntindy Tipndy Tév Tunpdtoy o xal B,
brav adrd perpnBolyv pé thy (o povdda perphocws.

69. 'Epbadé mapadinroypéppov. Gedpnpa. Té Eppadd mapadin-
Loypéppov toobron pé té yivopevo mig nievplis Tov ¢ni 16 dvriotoryo npds

abtiiv Uyog.

*Anbdertn. "Ag mdpoupe 76 mapadhnrbypoysipo ABT'A (ay. 95). Dépvoupe
<lc AE | TA xal BZ | TA. Tére elvar vpuy.
AEA = rpiy. BZT, yiarl elvou bpBoydvia, E-
youv 1l AA =BT, &g dmévavTe TAeupEs o~
padphoypdupoy xab tle AE =BZ, d¢ ma-
pddNmhe Tuhpare pevald mapudiihwv. “Apx
04 ¥youv EuPadd lox, Snhadh

(AEA) = (BZT).

Tére 04 elva : Iy 95
(ABTA) = (ABZA) + (BZT') = (ABZA) 4 (AEA) = (ABZE).
"AMMé 16 ABZE elvon dpBoydvio xal dmopévers elvar (AZBE) = AB - AE.

Tére 4 vehevtala oyéon ypdperar !
(ABI'A) = AB . AE.
@érovge (ABT'A) =E, AB =8, AE =v xal malpvoupe év zbmo

E = fu.

Sphads 76 EuBads mapadhnhoyphiLuou loolitan pé 76 ywépevo Tijg Bdovg Tou
int 76 dvrloroiyo mpbg adriy Olos.

Tiépiopa I. Ao napadinidypappa pé loeg Pdoerg kai toa Gyn slvar
loeppadixd.

Mépropa I1. "Av 560 napadinhéypappa Exovy loeg Paosis, 6 Mbyog v
tppaddv toug icobtar pé t6 Aéyo tdv avniotoiywv otig paoerg dydv, Kai
v Egovv Toa Dyn, 6 Lbyog @V Enpadirv tovg loobtar pé t6 Aoyo tdv dvri-
atoigov pacewv.

T hy ambSetn dg Oewphoovue dbo mapaddnréypappa pé loeg Bhoeg
B ok By vy xal vy Tére 7d duBaldd voug 04 elvar E; = Bu, xal By =fuy,
GuveREG s o gl T B *Opoleag pmopet v' dmodeiyfel # mpbraon xal

E, fug Vg

othy meplntwaey @y lowy Spév.
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84 "Euadd Tprydivou
ALKHEEIZ
AL
207. Né Ppelel <6 &uPads dpboywvion mod 4 wlx Sudorach tou elvar & m wal &
Ayos Tng mpse Thy &AMy Bidotaoy elvar 0,5.
208. "Eva dpléydvio Eze. Bdon 8 m xaxl ¢uPodé 36m?. Nd Ppebel w6 Sog ou.

209. Mo elvar 74 §uPaldé retpaydvan, molh # mepluetpbe Tou elvar 4% m:

210. "Eva dpfoydvio xal Bva terpdywvo elvar loepBadind. "Av 4 Béon Tob 8p00-
yeviou elvar 45 M xal 76 Gyog tou elvae 14 4 /9 e Bhoedss Tou, vé Bpelel § mheupd Tob
TETPAY VO,

211. "Evég mupadindoypdppou ol 8o mpoaxetyeves mheupés Eyouv wihwn 6m xxl 8m
naxl aynuasifow yovix 600, N Baelei w6 éuPads tov.

70. "Eppabds tpiydvou . Oetbprpa. To 2nPadd wibe Tpry@von igolton
pé 16 fuinvépevo mibic mhevplg tov Eri 16 avtictouyo mpég adriv Hyoc.

"Aréderdn. “Eotw 6 tplywve ABT (oy. 96) xal AA =u, 16 Oog
7o mob dvriotoyel athy whevpd BI' = o *Amé 1 A xal T pépvoupe Tapoh-
Mhovg mpbs i mheupés BTN xal BA dvrmisrolyws, mob téuvovron of anpeio
Z vat Eror oynuatilerar t6 mupaghbypappo ABTZ. Elva yooté &t o
Tapodhqhbypappo ywpllerar pé xabeud dn’ Tl Surywvious Tov of 3o Low
vpbyewve. Tére 04 elvar ABT' =I'ZA xal &v Bégovue (ABI') = E, malpvoupe :
(1) (ABI'Z) = 2E.

"ANMG, xotd 76 mponyodueve Osdbpmpa,

elvau

(2) (ABI'Z) =BTl AA =a- v,

"Amb 7l oyéong (1) xal (2) malpvoupe
2E=«.vu, §

Zy. 96

=—a-u,
. S ain = 1 1
Opolws pmopet v* drodeyfet ér: E = 75 g = —2—7 ‘U,

Iépiopa I. T6 pPadd dpboydviov pryévov lgobrar pé 6 fpiyive-
HEVO tOV KkdBetov mhevpdv tov,

TIépiopa I1. Ado tpiyova pé loeg Pacerg xai foa Uy elvar loepPadixd.

Iépropa III. “Av 8v6 tpiyeva Exovv Toeg paoeig, & Aéyog thv Eppa-
d@v toug loobtan pé 16 héyo tdv avtictorgev npéc tig Paoeig bydv. "Av
Exouvv Toa Gym, 6 Aéyog tév EpuPaddv toug looBton pé t6 Abyo tdv dvri-
atorymv npog ta Hyn Pacemv.
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T ©hy dnédekn ¢ Oewphooupe Bbo tplywva pé loeg Phosig B xal
pé 8Ym vy xal vy “Av Ey xal Ey elvan va dufadd toug, 04 Eyoups :
E, = —;—Bu » Eg= -;- Bug. Auwntpobpe tle oybaeg alrés xord wéhy nal
matpvoupe %-=i. ‘Opolog wmopel v dmoderyel # wpbraom pé td
2 Vg

Toa Om.
71. 'EpPadé labmAevpov Tpiydvou pé mhevpd a. Té Gyog lob-
mhevpoy Tptydvou pé mhevpd o looUTan mpdg 5_];—:1 (§ 54). "Apx 16 EpBad

Tou elvet @

E=-—1-m.a_.y:_3_ ﬁ E=....u_i.v_3__
2 2 4

72. 'EpPadé xuptold tpameliov. Bedpnpa. To ippadd xdbe wvp-
700 tpaneliov loobrar pé 16 yivopevo toll fpiabpoioparog tdv paoedv tov
tni 16 byog Tov.

‘AnddaiEn. I Bvo wupté tpaméfio ABIA mod ol Bdoeig tou elva
BT =B, xal AA =P, xal v 76 Bog Tov (ay. 97), pépvovpe T urydvio
ATD, pé vhv dmola 76 tpamélio yowplfetar of
3t0 Tplywven YAv dvopdoovpe E 16 Eufadé tod
zpameliov, Exoupe :

(1) E = (ABT') + (AATI').

*AXnd td 3o tplyeve ABT' xal AAT Eyouv

Ix. 97 <6 110, Bog v xal Bdoeig the By xal By dvriarol-
ywe' Emopéves

(2) (ABI‘)=—;—ﬂl-u work (MP)=%B|'“-
*Anb tle ayboeg (1) nal (2) mpoxdmret :
3) E=—-:;-(p1+|!,)~u.

Mépropa. To EpPadd tpaneliov igobrm pé 16 ywopevo tfig Srapéoov
tov éni 16 Gyog Tov.

Mpdyuer, & elva KA =38 # Sudpesos 7ol rpamelion, yvepifoupe
& elvar KA = %—ﬁ. Tére & Timog (3) ypdperon :

E=KA:v ﬁ E = du.
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73. Bedipnpa. ‘O Abyog v EuPabdv 0o tprydvey, mod Exovy ma
yovia lon {f raparinpopatiky elvar Toog pé 16 Aéyo t@v yivopbvov dv
nhevpyv, ol dmoleg mepréyovv tiv fon 4 thy roparinpopatxf yovia.

"AnbdeiEn. "Ag Bewpfoovpe td tplywve ABD xal AAE, nob Eyouy H

yovia Toug A lon (o, 98a) % mupaminpwparinh (ax. 988). Od 3elfoups
(ABI') _ AB. AT
(AAE) AA.AE’

Dépvoupe vh BE. T4 wplywva ABT xal ABE #xouv 76 U3t 8dos BZ
dmb Thv xopugh B. "Apa (§ 70 mbp. I11) 04 elvar :

&m elvon :

(1) AART) L AD.
(ABE) AE

‘Opoleg 7é wplywva ABE xal AAE éyouv dné thy xopugh E 76 tio 8o EH.
"Apa 0d elvau :

(AAE)  AA

HoMamhamdlovue s oyéoeis (1) xal (2) xavd péhy xal ralpvoupe
(ABI') (ABE) _ AT AB P
(ABE) (AAE) AE AA

(ABT") _AB-AT

(AAE) AA.AE’

EMBAAA TQON MOAYTOQONQN

7. Oedopnpa. To tuPasdé molvydvov mepryeypappévov ot xbxho, toob-
tar pé 6 fuiyvopevo tiig mepypérpov tov dnl thv axriva tod Eyyeypap-
pévov xibxhov,

"Anbéder§n. “Eotw ABTAE éva moddywvo, meptyeypapuévo oé xbxdo
(O,p) (o 99). Dépvoupe =lg OA, OB..., OE. Tére 04 elvas :

(ABT'AE) = (OAB) + (OBI') + ... + (OEA) =
1 1 1
= —AB. -—BI'. oot —EA.p=
2 P+ 2 pt...+ 3 P
=AB+BI‘+...+EA_P
2 )

“Apx (ABTAE) = % (AB+ Bl +...+ EA).p.

Iépiopa. T6 EuPadd tprydovon Bivetar énd tov tomo :
E = 1p,
brov t slvar ff fpinepipetpog tob tprydovoy xaf p 1] dxtiva tob &yyeypap-
pévov xixiov.

WnionoiBrke amoé 1o ivotirouto EknmaiSeuTikrg MoAmkrg



*Eppadd TroAuydveov 87

75. 'Epabé dmoloubimote moAuvywvov. Iid vi Smoroylooupe b
uBadb dvbs dmotovdhimote mohuydvoy, 6 dvakboupe of dpoioua # Suepopd

Zx. 98a Zx. 98B Iz 99

ey yvootdy Eupady, dvddoye pé td otougeia mob elvar yvootd *40e
gopd. Trd Embueva wdvovps pepuds Omodelferg yik v Tpbmo Epyastiag

i) Toryowaubs pé Suyovioug dmé wd xopugh (oy. 100).

(ABTAE) = (ABT') + (ATA) 4 (AAE).

i) Terywvioubs pé Sulpeon 7ol mohuydvou of Tplywva pé xowh xo-

pugh yvwoté onueio O (oy. 101).
(ABTAE) = (OAB) + (OBT) + ... + (OEA).
jii) Avadpeon 7ol mohuydvoy o dpBoydwia Tplywva wal Tpamélia (oy. 102).
(ABTAE) = (AB®) + (BI'Z@) + (I'AZ) + (AEH) 4 (EAH)

AVIRV=E S

Ty 100 Tz 101 Ty 102

76. Oedpnpa. To ippadd xade tetpandeopov, mod Exer kabereg dwo-
yoviovg, elvar Tao pé 6 furyivépevéd tovg.

*Anbdetn. “Ac mhpoupe & tetpamieupo ABTA, wob Eyxe tlg Suxyw-
vloue Tou xdBeteg, Smradh AT L BA (oy. 103). Mé v Suyavio AT adré
ywpllerar of 3%o tplycve ABT xat AAT xal ouverdg elvor :

Iy. 103
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(1) (ABT'A) = (ABT') 4 (AAT).

Té wpiywva adra Exouv xowh o Phom AT xal Gdm v BZ xat AZ dvri-
otoiywe, dmov Z elvar 6 onpeio Topds Téiv Suaywviwy.
Tére a=i v (1) malpvoupe :

ABTA) = %AI‘ .BZ -{—-—;—AP AT
1 1

=—2—AI‘- (BZ+AZ)=—2—A1"-BA A

(ABTA) = % AT - BA.

Hapatipnen. "Onwg drodelybnxe, 6 mponyodpevo Bedipnua toyder xal
Yi& 76 p) xupTé Tetpdmievpo Tl oyfpatos 97 mob Exer xdberes tic Suaya-
vioug 7ou. Aév loyder Suwg 76 Oedpnua yid T i xoprd xal Srxotaupodpeva
TETpdmALLpAL.

Népropa. "Av Evag pbpPog Exer Srayaviovg 3,, xai 8, 16 ipPasé tov
divetar ané tov tomo :

E=M,
2

METAZXHMATIEMOEL ITIOAYI'QNOY

77. MpéPAnpea. “Eva wuptd modiyove va petasynpatiotel of Hilo
foepPadiks, nod va Exea ma mhevpd Avybrepm.

Abon. “Ag Bewpnoovpe T6 xuprhd
mevtayove ABTAE (oy. 104). MnopoB-
ue vé 6 petaaynuatioovps o &o locy-
Badueb, mob vd Exer téooepeg mheupés,
ag EE7g 1 Qépvovpe T Suxydwio AT xal
amd Thy xopupy B pépvoupe whv BH [f AT,
mob Téuver THv mpoéxtaan tis Al' oté
H. Téhog gépvovpe whv AH. Té mevrd-
yovo ABIAE elvar losuBadixé ué 76
terpdmievpo AHAE. IMpoypamud elvas :

(1) (ABT') = (AHI),

yeatl Eyou thv e Bhon AT xal Tow G¢m, dpob elvar BH [fAL. Zrd péhn
i lobmyrag (1) mpooBéroupe t6 (ATAE), Snradih

(ABT') + (ATAE) = (AHT') + (ATAE) #
(ABTAE) = (AHAE).
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Mapatipnen. “Av gépovpe T Sraydwio AA, tlg EO [[ AA xal v AO,
wé o 7pbmo Pploxovue 6 (AHAE) = (AH®). "Eror vehwd elvan :

(ABT'AE) = (AHAE) = (AHO),

Snhad 16 Soopévo mevtaywvo ABIAE petaoympoatiomxe oté loepBadixd
tplyovo AHO,

78. Té ywépevo 8bo edBidypappwy Tpnpdtwy Of yewperpind
uéyebog. Merd v eloaywyn i Ewotag tob EuBadol w6 ywépeve Sbo ed-
Boypappev Tuqudrey mabpver dmbotadn yewpetpixob peyélous wal ouyxe-
uprpéve dmbotaoy EuBadod.

“Evoi, # Buoueh oyéon o = P2 4 y? 1ol mubayopeiov Bewphpatos, #
dmoloc dvapéperon ord Spboydvia Tpiywva, malpver Ty Ewore oyéocwg épPa-

Ix. 105 Zy. 106

Siv Tetpaydvey wob xatacxevalovrar ué mhevpés Tic mheupés Tol dpboyd-
viou Tpiyavou (oy. 105).

*Enlong, § yveor) oxéon dmé e dploydvia rplywve v,2=AB-AD
(oy. 106) dnrdver 8m 76 retpdywvo AAZE Eyxer Eufadé Yoo pé 6 EpBadé
Tob &pboywviow ATOH pé Swoerdosig I'A xal AH = AB.

Kal 4 yvworh oyon 8 =aV 2, mob cuvdéer h Suxydvio § Evég tetpa-

B r B a
A a 2
o . ap a
2l
o
pen >8 :
. i v B
s speaghly : i
R
Niokn
g
Zy. 107 Zy. 108
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yévou pé T mheupd Tou a xal # émole ypdperar xaxb 32 = 2a?, Snhdver &t
©6 Tetpdywvo, mod xataoxevdletat pué wAeupd T Sixydvio Tol TETpaYDVOU
elvar Sumhdoto dmb t6 tetpdywve (PA. xal ayfpa 107).

Pevixa xale dpoyevic oyfom Sebrepov Babuob, dg mpde 6 piuog, ép-
wnvedetar G oyéan EuPaddv. “Eva dxdpe mapdderypo elvar #) yvworh tauté-
e (o + B)? =a? + 208 + B2, bnov vd « xal B elvar edBbypappor Tud-
pore abt) mapioTdver ayéon duBaddv, drwg paivetar oté ayfiux 108,

ALKHZIEIZ
A,

212, Na& fBpefel 6 Olog &vég Tpiydvou, mod dvriorouyel of mhevpd 5m, v 6
£ufBadb 6l tprydvou elvar 10md.

213. 'Opfoydviou tprydvou ol 8bo xdfeteg mheupés elvar 3m xal 4m. Né Ppebel
16 Eufadd tou xal w6 Gdog mpés TV Umotelvovoa.

214, Tplywvo xxl bpoydvio Exouv loeg Pdoeg xal elvan loepfabdind. Né foelel
oyéan mod vi ouvdéer Td dvrlotorya Gdm Tous.

215, N’ dmoferyfsl &m td tuPadd vdv Tprydvay, mod Eyouv xopupr $va onueio
tig mepiuétpou dvég mapadhknioypdppov xal Bdoeg tlg Saywvioug tou, Exouv avabepd
&Bpotopa.

216. Né Ppelel 76 duBadb <prydivou, t6b dmolov ol 8bo mhevpés elvar 12m  xal
8 m, xal oynuatifouv yovia 309 § 1500 Ni ouyxplvere xal v& aitiodoyloete Td dmoTeré-
opata atle 800 mepimTdog.

217. N’ égnodetfete &t ot xdbe tpiywvo pla Sidpeoo; 6 Suupel of Blo loodivapa
Tplycwve.

218, Nd Buxipelei éva vpiywvo of pla looddvapa pépn pé ebleies mold gpépovrar
dmh d xogueh Tou.

219. Nd Bpebei ©6 EuBadd tpamelio, Tob dmolov ol Bhoewc elvar & m xal 6 m xai
7 arwbataay toug elvar 3 m.

220. ‘Evéc vpaneliov # pix Bdon elvar tpurhdowe dmd thv &y, Né Peebobv adrés,
&v 76 Giyog Tou elvar 3 m xab 6 EuBadé tov 12 mi.

221. *And éva onuelo thHe wdc Suaxywvion Evbg mapadinhoypdupov Pépvoupe ma-
padkihoug mphs Tig mheupés Tou, N’ drodelfere 8 dmd T Téooepr mapadlnibypapua ol
oynpatifoviat, td 8o mob 3év mepéyouv Tufpata THg Suaywviou abtic, elvar loodivapa.

222, "Av guvBéooupe pé elBdypappa tpfpate éva onueio T towtepiud vig mapak-
anhoypappon ABIA pé <l xopugés tou, v' dmodeuyrel &tu:

(ZAB) + (£I'A) = (EAA) + (ZBT).

223, "Av ouvBtaoupe Bva onueio T thg Suxywvion BA  Evég mapadinhoypditpou
ABIA pé tig xopupés A xal I' v drodeifere &t 16 mapaddnibypappo Sapeizar of ddo
Ledyn looddvapwy Tprydvay.

224. "Anb tic xopugés Evig tetpamieipou @épvoupe mapaAkfloug mpés Tig drayw-
vioug tou. N’ dmodeifere 47 76 mepryeypopuévo o6 Tetpdmieupo mapailmAbypuppo wob
aynuarileran Exe duBadé Sunhdaio dmé 6 EuPadb Tob Tetpamiedpou.

225. N’ dmodelfete &m ¢ 3o tplywva, mod Exouv xowh wopuen T6 amuelo Topis
Tav Sraywvioy dvbg Tpeemelion xal Bdoeig tlg uh mapdidnies mAsupés Tou elvar looivapa.
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226, Avo tplyove ABT xal AEZ ¥yoov A=A xal B + E=2L. N' droBeiybei
G elvan _gg -—-2;‘ .

227, Alvera éva wplycove ABT, "Ané éva anpelo M gépvovpe nalétous atig AB xal
AT xal mdver o* abvég malpvoupe spfpara MA = AB xal ME = AD", N’ drodeixfel &t
elvar (ABI') = (MAE).

228, "Eva vplywve ABT ¥yet AB =48 m ual AT =12 m. Né& Bpelel w6 pHixog
nabepds dmé tlg loes mheupés looaxehols Tpuydvou looBlivapou mpdg abtd, mob # yewvia

@y towy wagupdv tou laobtal pué th Yuv!u? 7ol Tpryavou ABT,

229, Alvetay 76 wplycvo ABT. 'Aré éva ompeio O Eawrepind 7ol ABI' pépvoupe
wabérous avig maeupés AB, BI', TA xal mdve o’ abrés malpvoupe tphuate OA = AB,
OE = BT, OZ =T'A dvniavolyws. N’ dmodeiyfel m elvar (AEZ) = 3 (ABI').

B’
.

230, Né& Buxipefel verpdywvo ot Tpix loo8ivapa péon pé eblieles dnd ud wopugsh Tov.

231, Né Buxipelei mapaddnddypappe of tpix looBivaps pépn pé edbeles dmd pid
®opuph Tou,

232, N4 Braipelel mapadindibypappo ot 8bo looBivapa uépn pé edBela drd dva om-
uelo I g mepétpou Tou,

233. "Av ouvdéaoupe 6 uévtpo PBdpoug Evdg Tprydvou pé tig wopugés Tou, V' dmo-
BeuyOel &7 76 Tplywve adrd Suxipeltar of vpla loodlvapa Tplywva.

234, Nd dmodewylel ém 76 mupaddnhdypappo pé xopupés td péon Tav Theupdv dvbg
tevpamiedpou ¥yel dufadé Voo pé t6 wod EuPadd 7ol Terpamiedpov.

235, N’ dmodelfete &7 76 EpPalé tpameliov loolrar pé 76 ywbuevo thg widg dmé
i wh wapdddnies mhevpés Tou émi Thv dmbotaoy Tl péoou tHg dhAmg dn’ adTh.

236, Alvetar mapaddnibypuppo ABTA xal onueio O, mob 3¢ Bploxetan péox om)

yovle ’A‘. ofite péox othv xataxopuen ™g. N' dmodelfere 6 elvar (OAT) = (OAB) +
+ (OAA),

237, Zé 7plywvo ABT mpoextelvoupe vl mievpés tou xatd wuxhinh oeipd xal athy
nafe mpoéutagn malpvoupe tpfuara AIY = AT, BA' = BA, TB' =I'B. N¢ txgpaorel
76 tufadé 1ol tpiydvou A'B'TY émé 6 tufadé E <ol ABT,

238, 'BEvée mapaddngloypdppouw ABTA mpoextelvoupe vl mheupés vou xatd wurhixh
aepd wal othv xdle mpoéxtaan malpvoupe TpApata AA' = AA, BA' = BA, I'B' = I'B,
AIY = AT. a) N’ dnodelfete &7 76 A'B'TVA’ elvar mapaddnibypappo, B) vé éxnppuaatel
76 EuPBadt 100 A'B'TVA’ dné 6 Eufadé E wol ABTA.

239, Tetpdndevpo ABTA elvar mepiyeypappévo of xixro pé xévrpo. O. N° dmo-
Seiy0el & elvar (OAB) + (OT'A) = (OAA) + (OBT),

240, "Evo 3edopévo xuptd mevidywvo v petasynuxtiotel of loo8ivapo dpfoydvio,

241, Alveva éva tpiywvo ABT xal éva onpelo I g mieuplic BT, "Ané thv xopugh
A oépvoupe eblele (e) | AX xxl dré vé B xul I' gépvoupe <l BB’ xal T'T" xdBereg

orfv (e). N’ dmodelfere &7 elvau (ABT) = __;... AZ . BT,

242, Alverar bEuydvio tplywvoe xal & mepryeypapuévog tou xixhog, N’ dmodelfere
71 16 wwpth Edywvo wol Exe xopupés Tl xopupés Tol Tprydvon xal Td dvmiBlapeTpuxd Toug
oneln, Exer duPadé Sumddolo dmé T6 EuPadé Tol Tprydvou,
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243, 'Anb th plox téHv Daywviov Evbg xuprel Tetpamielpou gépvoupe dmb pud
Tpddhnho Tphs Thy & Saydvio xal Eotw &t abrés Téuvovtar o6 O. YAv ouvdéooupe
16 O pé 4 ptox TGv mheupdy Tod Tetpamhedpon, v dmodeifete f7u w6 Tetpdmienpo Buaipel-
tor of téooepn Loodlvaps Tetpamhevpa.

244. "Av O elvar 16 péoo tob tphpatos mold Eyxer dxpa v péon Tiv Surywvlay xup-
tol tetpamhetpon ABTA xal ouvdéaoupe adté pé tig xopupés tob Terpamheipou, v' dmo-
3elfere 67 clvar: (OAB) + (OT'A) = (OAA) + (OBI').

245, Tdver oty mievpd BT évég torydvow ABT xal éxavépwlev Tob péoow g M
malpvoupe tpfpate MA = ME. 'Ané v6 A gépvoupe mapddimho mpbs Tiv AB, mod téuver
whv AT o716 Z. “Av % BZ tépver vhv AE ot6 I, v’ drodeifere druelvar (ABH) = (HZI'E).

246, *Ané fvo anuelo ¥ tHc whevpdc AB SeSopévou tetpumieipou ABT'A vi épere
edfela, mod vé Siatpel 76 tetpdmieupo of Sto loodivausx wépn.

247, T’ #va tplyovo ABI' & wixdog pé Budpetpo v BI' téuver 76 Gog ou AA
a6 E. “Av H elvar 16 5p0bxevtpo 7ol tpiydvou v' drodelfere bru :

g (EBT) _ (HBI')

a) AE? = AA . AH xal B) TABT) “EB)

248. "Eva tplywvo ABT ¥yet AB=1y, AT' =f xal A =300, Iéve atlg mhevpés
AB, AT xal #e dmé w6 tplywvo nataoxeudfovpe tetpiywve ABAE, ATZH nal pépvoupe
thv EH. Né& Omoloyiotel ©6 ¢uBadé (BIZHEAB).

79. "EpLabdd tpiydvov &mé tig mhAevpég Tou. IMpéPinpa. Na dmo-
loncm:t 6 ¢pPadé E tprydvov ABI and tig mhsvpég tov a, P xai v,

*Eotw tplywvo ABI' ué B<it (oy. 109).

A Dégvovpe 16 Bfog AA =vu, xal Eyovpe :
1
¥ B (1) Ex=ga:ve
Va

= _ - *Apxet vé Gmohoyiorel 6 Udog v, &nd ig
R s g— mhevpés Tob TpLydvoy. "And v6 dpboydvio Tpl-
Iy 109 yavo ABA Eyouvpe :

(2) u,2 =y? — BA?

Té mpbPhnpe dvdyetor atéy Smohoyiopéd ol BA dmé tlg mheupés Tob
Tpuydvou. “Améd 6 Bedpypa 57 malpvoupe
ol -1 Tl el BI

82 =o? 4 y? —2a - BA. "Apa BA = 2
%

®) 7 B e ok i 2
bo?
*Ané ©h oyéon (3) ) (2) ypdeeran :

oy ke (o 4 y2 — p2)? pn hatyd — (o 4 y2—p2)2 ¥
ot el o i
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by~ 8] - [88  (p g y])
ho?
—let+y+p) a+vy—B) B+a—y) B—a+y)
ba? )

"Eretd) Spwg elvan :
a+B+y=2r énetr x+p—y =2(r—y),
«—B+y=2(t—B) et B—a + y=2(r—a).
Tére 4 vehevtala oxéon ypdperan :
_ - 2(r—a) 2z —B)-2(r—7)
bo?
(4) u.=2V'r('r—a) (:—B) (r—v),
Tdpx dré <ls oyéoeg (1) xal (4) mpoxdmre:
E=Vt(t—a) t—B) (x—1).
‘0 Timog abrbs o0 EpBadol &vég Tpuydivou dmé tig mheupés Tov clvar
Yeotos o tonog tod “Hpova.

2
Yy

A

YINOAOTIZMOE TON AKTINON TON KYKAQN ENOE TPIFQNOY
AIIO TIE MAEYPEE TOY

* 80. Bewdpnpa. Lé xGBe tpiywvo 16 yvdpevo TV 560 mhevpdv tov igolrm pé
0 nivopevo tfic Swapétpov oD mepiyeypuppévov tov kioxiov inf tH Byog, 16 Oroio
avniotolgel otfiv tpitn mhevpd tov,
‘Anéderln. "Eotw 16 tplywvo ABT, AA = ug,
6 iog Tou dmé Thv xopugh A x ' AKE = 2R # Sud-
petpog toll mepryeypappévou Tou wixdou (oy. 110),
T <piyeve AAT xai ABE elvar 8poia, yuath elvat
SpBoydivia (A?E:l'— g Eyyeypapubvn of fuud-
Ao) wal Exowy ?=ﬁ, g tyyeypappéves atd 8o té-
go. "Ané thy bpowbTnre malpvoupe :
AB AL o X 3B
AA AT Vat g
"Apa Py = 2Ruq. Zy. 110

NMépropa I. To 2pPadd xade tpiydvov ABIT divetan dnd tov tomo E = %':%. .

Tlpayparnd, &v i oyéon wob mponyoduevow Bewphuatos Thv moAhamAxctdaouLe
tnl o, malpvoupe

afly = 2Ravg 4 afiy = 2R « 2. "Apax g=.;:%:f_.
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94 Ndyos tupabidv duofwy ToAuydvwy

Mépropa 1. “H dxtiva 1ol nepryeypappévov kbxkov of tpiyevo Sivetar and tov

ono R .
ki Vie—) =P t—1 .
Mpayparind, dmé Tév mponyolpevo Timo walpvoupe R = %'éf. ual, tredh elven

(§79) E=Yx(r—a)(r—B) (r—¥), Eretas 87 :
R= =
4Vie—a) c—P =’

* B1. ‘Yrodoyiopdg tfig dxrivag tol Eyyeypappévov xikdov of tpiymvo. Dvept-
Coupe & (§ 74, whp.) 76 EuPads Tprydivou elvar E = ¢ - p. "An’ abrd Tév Timo malpvoupe :

iy e THESEERVETS
T =
% oo=10—® —B t—7,

T

* B2, 'Yroloyiopdg t@v dxtivov t@v napeyreypeppévov xixkov. "Eote <pl-
yave ABT', K 76 xévrpo vob mapeyyeypapubvoy xixhov oth whsupd & xal Ra # dutiva
wou (ay. 111). Té tuBadéd E ol <piycvon ABT propel vé tuppxatel dg €57 !

E = (KAB) + (KAT) — (KRT) = L yRq + -1 BRa— -3 2R =

—-;—-(y-t-ﬁ-u} R¢=-;—2(1—-u) Re= (t—a) Re § E= (r—a) Ry &

Ry = Ea fi
Ry = Yilr—2) (F—B) (v—ﬂavr(r—m E—Y)
T—a T—a
fpr  Ra= vm e

Mt (80 Tphmo malpvoupe :

25 V8 r—a) s —1)
o c-l!"v T—p

wal R'(" t ET =vt“—a) (‘_p)

y Ry

AOT'OL EMBAAQN OMOIOQN IMOAYT'QONON

83. Qedpnua. 'O Aéyog tdv Eppaddv 8o Bporav tprydvev teobrar
pé t6 tetpayovo tod Adyov tijg dpordtnTag Tovg.

*AndderEn. "Ac Bewphooupe 300 Suowr tplywva A,B,I'; xal AgB,T,
(o 112). “Av A elvar & Abyos T dpoibmrds Toug xal &, B, v, elva ol wheu-
tég 7ol AgB,ly, 7ve Az, AB, Ay 04 clvau ol wheupés Tod A,B,T';. 'Emeidh
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Noyos tppabiv duolwy ToAvydvey 95

~~ ~~
7 dbo Tplywva Exowv Ay = A, d uPadd toug E, xal E, 0¢ ixavorotody
™ oyom !

E, = A,B, - AT, = Ay - A =2
E, AgB,- AT, AP

Ty 111 Ty 112

84. Oewpnua. ‘O Liyog tdv EpPaddv dbo Gporwv rolvydvev icod-
tar pé 16 teTpdywve tob Adyov tiig dpordTntag tovc.

"Amddertn. “Ag bewphiooups ddo dpote moddywve AiB YA, &= ALB,INA,.
M Suaywviovs dmé Suo oy.olnyeg xopupés Td Siipolue o-é Ceu-m Epotmv

Tpryevey, Snhadi A,B,l" == AEB,F.., (6. 113) xat AII‘A e A,l",ﬁ2

Ty 113
"Av elvar A & Myog duolbmTag TéHY moAvydvey, xatd T6 mponyadpeve Bed-
prpa O Eyoupe :
o (ABT) _ (ADA) _ (ABT) + (ATA) _ (ABLA,)
(AgBoly)  (AglaAg)  (AgB,ly) + (AglhA,)  (AgB,I4,)
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96 TMpéTo Becdpnua ToU TTroAepaiou

AZKHZIEIZ

A

249, "Bva zplyevo Eyer mheupés 25 em, 52 cm, 63 cm. Né Smoroytatel 6 fu-
Badé Tov.

250, ‘Evée mapuddproypipuon ol Bio mpooxelpeves mheupés Eyxouv pihxn 9 em xal
10 om i # whx Swydviog elvar 17 em. Né Boelel 76 EuPadé Tou.

251, Té uBadé dvbg tprydvou loobron pé t(r—a). N drodeiyfel &7t t6 Tplywvo
abrb elvar dpboydvio.

252, “Bva plywvo ABD #ye dufax8s 90 cm?. "And Eva omueio M 7ol Gdoug A4,
noh 76 Slatpel of B0 Tuhuata pé Aéyo 2/1, pépvoupe rapdddnho T BI, mod téuver ic
AB xai AT otd E xat Z. Na Bpedel 6 éufadé Tod Tpiydvou AEZ.

253, "Eva tplycvo ABT ¥t o =17 cm, B=8cm, y= 15 cm. i) N° dnodeyfet

&7 elvan dploydmio ii) Dépvoupe <6 Gyog AA. Nd Omoroyrarel & Adyos ————

METPIKEL EIXEZEIZ ETA TETPAIIAEYPA

* 85. Ipito Oepnua Tol Ttorepalov. EE xGBe Eyypaywo 1ETpanhevpo
16 ywvopevo thv Sayoviov tov igod pé th G0poropa TV YvopEvoy TV anévavn
nAELPEV TOV.

*AnodeiEn. “Eate 16 dyypadipo of xb-
who Tesparievpo ABI'A, 6 molo Eyer mheupés
AB=a, Bl =B, TA=y, AA =38 xal 8-
yovioug BA =1 xal AT =p. ©Od Selfovpe
G elva @

BA.AI'=AB.TA + BI'- AA §
e =ay + BS.
Mé mhevpd Thv AB xal xopugh A xa-

L raonsvdlovpe yoviay BAE —IAA =uw, (oy
Iy 114 114), &mou E elvar % 7oph Tis AE xal tig

o~ ~
Buryeviou BA. Téte 04 elva iy ABE = wpry. ATA, yuatl #xowv BAE = TAA = © dmé
thy waraaxevf Tovg xal AﬁE == ﬁ A &g Eyyeypappbves até Lo t6Ea. “Apa Od elvar :
AB _ BE o BE «
bl e e ]
(1) AT Fﬁﬁg 5 pox
-~ -~ -~
"Enlang Epovpe wply. ABL == tpiy. AEA, vyt #goov BAT =EAA =0 + EAT
ok B/l‘\A = FEA. be Eyyeypappbves oth (8o <6E0. "Apa Ok elvar :

j Br Al , B _ #  vAge: u-EA=P.
2) okl W | vy, g P

TlpooBéroupe xavd pédn Tis cehevTaies dmd tlg ladmyres (1) xal (2) wxl Bploxoupe
@(BE + EA) = ay + B§ wol, dnedh elvar BE 4+ EA=BA =1} 4 tehevrain lobryra
YphpeTaL:

p+ BE = ay.

ap = ay + P
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Aettepo Bedpnpa ToU TTroAepadov 97

& B6. Aeltepo Oedpnua tol Ilvohepalov. Lé xale Eyypaypo terpanicupo
6 Loyog thv Sayoviny loobtar pé t6 Loyo tod dbpoionatog thv Tivopbvev thv nievpdy,
nod cuvipéyouvv ota Gxpa tfig kale Saywviov.

"AnodeiEn. "Eotw 16 tyypddupo of xixio terpamievpo ABIA, 16 dmoio Eyper mheu-
péc AB=1g«, B[ =8, 'A =+, AA = § xal Sweywvioug BA = xal AT =p (oy. 114).
@4 Belfoupe b7 elvan :

R e cfy ik
e o8 + By
Dveplfoupe 87 (§ 80, mép. 1) elvar :
1) (ABA) = %:_ xork
(2) (TBa) = 2L,

&rov R ) duriva tob mepryeypappévon wixhov oté ABTA.
MpoaBéroupe tig oxéozig (1) xal (2) xatd péin xel nalpvovpe :

— A8 + By)
ABTA) = i
(3) (ABra) = 224
"Enlong Eyoupe :
 pap AAT) = K18
(&) (BAT') R xal (AAT) .
Tlpbaléroupe adrés watd péhn xal walpvovpe :
ABrA) = H(eB +v8)
(5) (ABrA) = loB 4
Tdpa dnb tlc aytaeg (3) xab (5) malpvoupe :
A _op+vd
(a8 &= 3 —_ 5
PEER) S aibch 90 =
ALKHZIEIEZ
A

254, T Evav xhxdo Eyypdpovpe lodmievpo tplywve ABT. “Av M elvar &va onpeio

100 ppbrepov T6Eou ﬁ‘. v dmodeiyBel & elvar MA = MB +4 MT.

255, Abveror fvag xdxhog (0, R) xaxl tpla ompeix tov A, B, T'. "Av elvar AB = a,
BT = B, v& dmodoyiovel 6 pijxos vis xopdfis AL’ dmé =d a, B, nal R.

256, ' fvx wupth byypddipo tetpdmicupe ABTA Slvovtan t& whxn vév Teodpuv
wheupdy Tou &, B, v, 8. N& dmodoyiatolv td whn Tév Sirywviny tou.

B.
257. Alvero mapadinidypappe ABTA. "Evag xinhog mol mepvder dmb Thv xopugd
A thuver tle mievpéc AB xai AA ovd onpsiz E xal H dvnovolyes xal t Suydwo AT
ot6 anpeio Z, N' drodelfere &t :
AB: AE + AA - AH = AT - AZ,

258. Ildver otls wasupés Sedopéwms yoviag ﬁy malpvoupe Blo tpfpate AM xal

AN mob ouvBéovrar pé v oybon o AM + B.AN =23, &mov a, B xal A elvar SeSopdva -

poree. N dmoSeyfel 871 & xixhog, & meptyeypappévos atd tplywvo AMN repvder dmé Evo
otalepsd omuelo (BA. dox. 257).

7
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98 BOecopnua TV BiyoTouwY ywvias Tprydvou

OEQPHMATA TON AIXOTOMON I'QNIAL TPIFQNOY

87. Qewpnpa Tig owtepixniis Sixordpov. "H Eowtepki Siyotdpog
widg yoviag tpry@vov tépver thv drévavn mhevpd of dbo pépn avaloya
npbg tig mpooxeipeves mhevpég Tod tprydvoL Kai dvTioTpéms.

“Av AA elvar 9 dowTepuan Suyotbupog Tig ywvlag ’X. 8¢ dmodelfovpe bru
AB AB
AT AT
"AnédeiEn. 'Anbd Thy wopuph B gépvoupe mapddiinho mpbs Th Siyotéuo
AA, % ol téuver Ty mpoéxtaon g I'A ot6 E (ay. 115). Tére, xatd 76
. 19, =ép. Oa elver:
AB AE
(1) =
AT AT
~ P -~~~ o~
AW, Ereds EB[fAA, Eyovpe By = A, xal E = Ay xad, énady el-

o ’A\l =/Eg 0c elvor nocl ﬁ: = ’F:: 3rpadh w6 tplywve ABE elvan icooxehig
b émopbvwe AE = AB. Tére 4 ayéon (1) ypdgpetow :

AB AB
(2) T T

AT A

*Aviiotpogas ¢ “Eotw ém o016 tplywvo ABD loyder 4 oyéom (2). Od
dmodetfovpe 1§ AA elvar Siyotbpog THe ywving A Dégvovpe tHv BE//
AA xab matgvoupe Thy dvadhoyia (1). Ot oyéeeg (1) nal (2) Exovv Td mpéita
uédn toug tom. "Apa B elvon wal

iy B xal Emopéves AE = AB.
AT AT
-~ -~

“Qore 16 tolywve ABE clvar lovonehés xal ouwvemdis B, = E. "AN

and tig BE [/ AA Eyoupe :

-~ ~~ ~~ ~~
B, =A; xal E= A, "Apa A1 A,

R

wal Emopdvag f AA elvan Suyorbpog Tig yoviag A.
Hapatipnon : ‘H mponyodpevy dvedoyla (2) ypaperas

o M | % LS O, % AB _ v

AP+ =@ AB+ AT B+vy’ « B+v
"Apa: AB = — XY “‘Opolwg Peloxovpe AT = e,
B+T B+

88. Gebpnpa Tiig eEwrepniig Suxotépov. “H diyotopog tEmtepikiis
yovieg tpry@vov tépver Ty npofktacn tiig dnévavn mhevplc of onpelo
10D onoiov of droothoerg ané ta dxpa tiig nhevpl adriig elvar avdloyeg
npdg 1ig npookeipeveg mhevpés 10D tprydvov Kai dviiotpdoas.
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Oewpnua Tiis EwTepikiis BixoTdpou 99

YAv AZ elvon % Buyotbpos tis EEwtepiiis yavlag X, 0e Belbovpe &
ZB AB

Zl'e AL
'Anoderitn. Oépvovpe thv BA[[AZ (oy. 116). Tére, xard 6 ©. 19
mbp. Eyoupe :

(1)

elvar

ZB _ AA

Zy. 115 Iy 116

-~ -~ ~~ ~~
elvar A; = A, Emeton 8 B, = A, 3nhadh) v6 vplywve ABA elvar looaxedés.
*Apx AA = AB. Tére § dvahoyla (1) ylveraw:
ZB _ AB

r AT
*AvrioTpbpag : “Ag moléooupe 81 oté tplyawve ABT loydel % dvaho-

vl (2). O Belboupe b ) AZ elvar Suyotbuog tig EEwrepiniis yovlag A
Oépvovpe Thy BA [ AZ. Tére loyder 9 dvadoyle (1). Ol oyéoeig (1) xal (2)
Eyouv Ta TepdToL péhn Toug Yo “Apa B elvan xal
A = A—B, xal émouéveg AA = AB.
Al' AT
o~ S
“Qote 76 wplywve ABA elvan loooxehés, &pa elvar By = A, "ANAa drb
wl¢ BA[[AZ ¥Eyoupe :
~
ﬁ, =‘Xl xak ?1 =X,. "Apx A, = K‘., Srpadh ) AZ elvon Suyordpog
e wrepiiic yaviag A.
Hoapatnpiceg. 1) Té onuelo Z Pelonerar mpde 6 pépos Tis wunpbrepys
~~ -~ o~ N
mhevpic (ay. 116). Mpayparind, fotw B>y, tére B>1"§ B—I'=¢>0.
‘H yovie A,, tnedh elvar 16 pod g wtepuedis s A, loobrou pé

WnpionoBrke amod 1o ivotirouto EkmaiSeuTtikrg MoAmkig



100 'Aokrioels

B T S T g ~ v ,
iy Apxel vi Beifovpe 8t Ay + By <2t émov By elvar 4 otepinn
B+T BT
A AN -~ -~ —
Wl e T - (5 N gt G
2 2 2
“ii) “Yroloyiopog t@v anoctasemv tob Z and ta B kai I':
ZB vy % ZB e % ZB v
r B ZI'— 7B B—+ o Bg—vy

o o
YApa: ZB = T2 ‘Opotes Peloxovpe ZT = B :
P—v B—x
Y26 ayfipa 116 Oewphoxpe B > y. "Av frav v > B, téte ol dugpdaeg t@v ZB xal
ZT elvar of ZB = JLE wal 4 = —EB—B . "Nave yevra Pplovovpe @
X =

ZBm L% sl ZT w2
TB—yl TB—v1

ALKHEEIZ
A',

259, Of Suyotépor 76w ywwdy, tlg dnoicg oynuarifer ) Skpesos AA &vbg Tpurydivou
ABI" pé =i mhevgd BT, =épvouv tlg 8o ¥ides mhevpés otd E xal Z. N’ dmoBeifere 6mt
elvar EZ /| BT

260. “Eva tpiywvo ABI' #xee AB=7,5cm, BI'=8cm, xal AI'=4,5cm. N&

Beeboly Td whwn Tév TunudTy, otd dmola Stnpeitar ) BL dnéd o Biuforépe s ywviag A
261. Tté tplywvo THg mponyodpevns donigens vk dmohoyioTel T6 pixes Tob Tuh-

pazos pé dxpx v onuela, atd dnolx ol 3bo Sugotduor The yevixg A (towsepuch xat Eo-
gpueh) Tépvouv ) BT,

262. "Eva tplywvo Exev maevpés 3x, 4a, Sa. N# Bpclel #) dmbotaon t@v anueloy,
otd dmoix céuvouv T wipdtepn mheved f EawTepunt xal § twTepueh Biyotépog TR dré-
vayTy ywviog,

263. Téooepig huiendeieg pé xowh dpyh éva anueio O oxnuatilowy Sudugixés yo-
vieg Taeg pé 450 §) xabeped. Tépvoupe abrés pé ebbele ABI'A ¥or, date va elvar OA = OA.
N’ dmoBetZeve &7 elvar AB* = AA . BI',

B’
264. "Av elvar AA, BE, T'Z ol Bugotépor tév yovidv évég tprydvou ABT, v’ dmo-

Betiete G danleber # oyéon BA . I'E . ZA =TA . BZ - AE.
265. "Av o’ éva tplywwo ABT, H, @, K elvat ¢ onpein, atd dnolx ol éZntepixég

Bugotduor ThY Yawdv :&\, ﬁ: i:"ripwwv dvmigtolywg Tls mwpoextdoelg Tév wheupdv Tou,
v dnodelfere 671 elvar HB . O« KA = HI'« ©®A . KB.

266, "Fva bdploydvie tplywve ABIT FK:BO“) EyeL B=159 xal AB=2> N&
bmodoytotolv ol dAdeg mheupés Tou,
267. ‘Evés zprydvou ABT elvar yvwatés ol whevpés o, B, y. Nd Urodoyiotel 6
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‘Apuovikr| Sialpeon TpfjuaToes 101

£pPadd Tol Tpuydivou, 76 dmoto Eyer xopupés T anuela, ok dnoix ol tonteginés Suyotdpot
Tév youdv Tou téuvouy Tl mheupés Tou,

89. “Appovuch Sialpeon Tufpatog oé Sebopévo Adyo.

“Av ¢" &va tpiywve ABT (0. 117), AA xal AE elva ol 80 Siyorépor

~~
Ths yovizg A (éowrtepinn xal EEw-
Tepeny), yvopllovps dn’ td Sl
Bewphpata tév Sigordpnv i :

AB _ AB . EB _ AB
AT AT El AT’
'An’ adtég ouvdyetow Bt :
AB EB
(1) AL -~ Er 4 Zy. 117

dhady) & Abyog év dmoordoewy Tob A dné td B xal I clvan Toog pé 6 Abyo
wév drootacewy 700 E dné v¢ B xal I Ta onpeia A xal E mdve oty eb-
Bele BI, y1d d dmoine loyder ) oyéon (1), AMyovra dppovika ovlvyq orusio
o mpds 7& B xal T, Té A Myeron dppovid ovluyég toi E dig mpbs w¢ B
waf T, bpotwg xal w6 E elvan 16 dppovind oufuyés o8 A g mpbs ¢ B xat
[, *H revpddu tév oqueiov E, B, A, T' Aéyeton Gppoviki tetpada anpeiov
# appoviki) enpewosipa. ‘O Abyos -ﬁ—?‘- Ayeron Adyog Topfic Tob Tufpatos
BI. *Eriomg Mpe én 76 wpijua B Exe Sonpedel tootepka kei 2orte-

AB
1KG of Loyo — .
P i | AT

Haparipnon. "Ovov Aépe mag éve wufjpe BIY Exer Suapebel and éva on-
AB A’
10 A of Aéyo p, Ewoolpe §nt —— = Lo ——=p.
peio A oé Abyo p, Ewoolpe &7 o p ol 8y AB [

90. Oewpnpa. "Av 16 A xkai E elvar dppovixa ovuyi, g npog té B
kai I, 1ot¢ xai 1@ B xai ' elvar dppovikd ovluyi) g npos 1@ A xai E.

'Ar6derln. "Awé v Sméleon Emeton Em 2? = %]l?'—. 'Amb T oyé-
AB AT BA ra
U] { ’ X t oy -, 1 { dn'
on adry malpvovpe THv dvehoyte 5B BT 4 BE e xol

adth mpoxbmrer whs T B xal I elvar dppovixd ouluyd dg mpés T4 A xal E.

91. MpéPAnpa. "Eva edbbypappo tpfipa AB vé Suanpedel iootepxa
kai éfwtepika of dedopivo Abyo p/v.

Aven. 'Amb 6 A pépvoupe pud huievbela Ax, mdve athv bmola malp-
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102 ‘Apuovikt) Bialpeon TphuaTos

voupe Tufiue AE = u (oy. 118). "Ané 76 B gépvovpe edfela mapddhqhn tiig
Ax xal malpvoupe Thve o abth éxarépwlev Tol B rtpfpara BZ =BH =v.
Oépvovpe 7l EH xal EZ, mob wéuvouv thv AB ovd {nrobueva onpeia I
xob A

*AnodeiEn. Mé tig napmnlsq AE wak HBZ cmpm-l(ovm 3bo Gedym

Spotwy Tprydvay, Snhadi I‘AEna I‘BH ok AAEau ABZ 'Aﬂ: abrd malp-
FTA _AE _ AA  AE .
& ¢ gL =t gl S =t "Apx T
VOUUE QVTLOTOLYWS | I'B BH = ot AB BZ " P

I' %l A elvor 7 {yrodpeva anpeia.

Avepedvnan. 1) “Av elvae p[vek 1, dnbre kv, 76 mpbBAnua Exer Ao,
i) “Av elvar pfv =1, dmbre p =v (oy. 119) 76 retpdnievpo ABZE
elvon mapodhnhbypamuo xal cuwvends f) EZ 3¢ 3lve oquelo A mdve oty AB,

Iy. 118 Iy 119

¢vés 4 EH 8lver 76 T' o6 péoo 7ob mpfpatos AB. ZupBatind Seybuacre émi
Omdpyer Non, wé vh Sieuxplwnon &t 6 A Eyer dmopopuvBel oté dmerpo.

iii) ‘Trdpyer wlo wévo Aday 7ol mpoPMiparos, Snhadf wd onuelo I' xal
A mdve othy edfela AB elvan povooipavia (xard éve pbvo Tpbémo) dpropéva

PAL T i TA m
IT & ambd ton —— = — mal =
paypaTind dnd Th ayéen 5 e, Wfpvanyss o T8 A #
—E% = + ; 4 TA=AB. E_—— 3nhadh 16 onuelo T’ mhves o7é Tuiua

AB d’méxn orafeph dmboraon dmé v6 A xal émopéverg elvar povoafuavta
dptopévo. ‘Opoleg xal yid 16 A (oy. 118) 76 émolo Peloxera ¥w dmb
76 tufjpe AB xab mdver athy fuevbele AB, dool elvar p > v, malpvoupe :
Al palun e np b e AR S B ok Ahobn -,
AB v AA—AB p—v AB upu—v p—v
3nhadh t6 omuelo A g fuwevlelag AB dméyer ovafeph dmbataom dmd 76
A xal Emopéveg elvon povoahpavre Spiapévo.
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*AokfioEls 103
ALKHZIEIZ
B.

268. X' éva volyevo ABIY gépvoupe tls BE wal I'Z  xdleteg oth Suyutipe AA THg

yevlag A N4 anoBeiylel b ta B xal Z elvar dppovixd auluy? dg mpbs td A xal A.

269 Alvera huaniuio pé Bukpetpo AB. ®épvuupe tlg dpuntéueves otd dxpa A xal
B g Suapérgou xxl drd €va anueio M 7ob fumuxhlon gépvoupe &hin Epantopévn mod
Téuver antés otd onpela I nal A xal vy mpoéuraon ¢ AB otéd E. N& dnoBeuyOel 67 a2
anuela M xai E elvan dppovixa oufuyh dg mpés 7d T xal A,

270. 'Ané Eva onueto O gépvoupe Tl bpantbpeves OA xal OB of #vav winho xal
= Suapetpo I'A, mod Srav npoexsalel mepvaer dmd w6 O. "Av 4 z0p8% AB zépver i T'A
a6 onpeio B v drodeygletl &n v O xab E elvar dppovind auluyn dg npbg 74 I xal A,

271, X' #vav wiwho Blferan pla Budpetgog AB xal yopdi DA xdfetog othv AR,
OL ebBeteg MI™ xal MA mod vdvouv 76 dmowodfimote anuelo M 700 xdudou pé w& I xal A
<éuvowy THv AB ovd enpeia IS xal 4. N4 drodeny0el dn v E wal Z elvar dppovied ouluyh
O mpbg T& A xal B.

272, Alvetar xnixhog pé xévtpo K xxl Sudpetpog AB. lldve otfv mpoéxtaon tig
Suxpétpou AB maigvoupe aqueio E xal dnd ©6 E gépvovpe tig épantépeves EI wai EO
wab Th zopdh HO mol téuver o Sudpetpo AB a16 A. Na dmoBauybel én: a) <6 EK el-
vat & apluntinds péaog v EA xal EB, B) t6 EH elvar & yeopetpinés péoog (¥ péoug
gvdhoyos) 7@y EA xxl EB xai v) 6 EA elvar & dppovinbs péaog <év EA xal EB.

Enu. "Av A, T', H elva navd aepdy & dplluntnds péoog, b yewpetpinds péoog xal
& dppovinds péang 80 tpnpdTwv A zal g, Téte elvar yvwotd drd v dayePpx Gt elvar :
Am At Mg, H=of

2 A+

273. Alverar edfiypappo tufpe AB xal onueio I’ <fc edbelag AB. Nd Boellel <6
dppovind ouluyés Tob I' &g npdg t8 A nal B, zav <6 T' i) elvoe e dnd <6 tpfux AB xal
ii) dvfxe. a7d TpFux AB.

ATIOAAQNIOZ KYKAOZ (*)

92. IpéPAnpa. Na Ppedel 6 yewperpikdg témog thv onpeiov mod
ol aroctdoeig tovg amd dbo doopéva onpela 1ol Emnédov Eyovv yvmatd

Aojo X a1,
v

Abon. Qzwpolpe ddo Sedopéva onueia A xal B xal &va dnoodfimoete an-
peto M 1ol vémou pé iy (BubmnTa
MA @

i ST

(*) "Arodh@viog (yewnOnxe weplmou w6 247 m.X. ). Merénoe o yeouespia <is ©¢-
aceg Snhadt The Lopeiis xal TH oxdotws Ty oynudrtwy. X' abtév dpeiretar 6 Epyo mepl
wevixdv af dxtd Bufhla. A’ altd éntd odbnxav. Té dydoo dmorataotalnxe dnd Tév
datpovbpo Halley v6 1646, Baoer mhnpgopidv 700 Ildmmou. Té #pyo tou frav 4 alrla
véd 7o 8olel f dreowula Tob xareboyiy yeopéton (Méyas yeopéreng).
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o~
Avyotopobpe éowtepied xal Ewrtepd T yovie M 1ol tprydvon MAB
wal &g dvopdooupe I' xal A dvriorolyws Td onuela, ovd dmolx ol Suyotéuor
wéuvouy Ty AB (oy. 120). Téte 6 Abyog E tyer peragepel ué tig diyoté-
v

povg mévew oty AB, Snhady :

TA , AA
ﬁ.=% (§ 87) wai AB =—|:— (§ 88).
M
A L o <
z
N
Ex. 120

Té onpeta T xal A elvor Evrerdg 6p|.o-y.évo: woel Emumhdov elvan dpuovind ou-
Loy ov A xal B pé Myo Topdis £ Avbpa elva r'™MA = 1L, emedq

oynpatileton dmwh 'rqv Sowrepun nal fEmTepr.xn Suyotbuo The ywvixg M “Apot
76 M Pploxeton mave of whxho pé Sukpetpo T4 A,
"Avtiotpoga. "Eotw N &va ovusio tol wixhov adrol. O Seifovpre b7
A _©

NB e
*Ané 76 B pépvouye tic BE [| N nat BZ /[ AN. Tére, éneidy I'NA = 1L,
Oé elvas xab EBZ = 1L, "Ané tlg mapdAinheg Spwg Exovpe :

NA TA _

elva

(2) woek
‘NE TIB v
NA AA
3) — = ==t
NZ AB v
Tahpa dnb lg oyéoeg (2) xal (3) mpowdmret A
NA A NA
NE NZ
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"An’ abth matovoupe NE = NZ, Sqhadh 16 N elvon 16 péoo vol EZ xaf,
emerd) 76 Tplywvo EBZ elvar dpBoydivio, Emerar &m :

(4) NE = NB = NZ.

Tére §) oyton (2) EEartiag i (4) YodpeTar
NA B
‘NB v

"Apa & Unrobuevog yewperpixbs témog slvar & xbuhog ué Sudpetpo h TA.
Karaoxevfl. "Orav 80000y 14 A, B xal 6 Abyog 1=, Buapoiipe dpuo-
v

vixd 6 Tpijua AB Eowtepud xal Ewtepind o Ayo pfv 8rwg o7é mpdBhnpa
91, xal Bploxovue 4 ' xat A. Mé Siudperpo mh T'A Yedpoupe Ty xhxho.

Inpeloon. “Av el 2 — 1, 6re & Cnrobpeves témog elvon & Témoc

v
@y onpelwy, mob lounéyow dré T4 onusix A xal B, Sl ) pecoxdBeroc,
Tob tuhuxtos AB. Tobro &nyeitar xal pé thy Tponyobpevy xataaxeu,
vt w6 ' 04 frav 76 péoo ol tufuatoc AB, &vi 16 A 04 elye dmopaxpuvBet
o6 &meipo. “Apa 6 wbxhos pué Sudpetpo 4 T'A 04 elye dmeipy dxriva, dmopéywc
b Frav edBela mob Od mepvolioe dmé w6 péoo vob AB xal 04 fray xal xdBe-
Tog atnv AB.
‘0 mpoyyabuevos yewpetpinds Throg Adyeta amolléviog kOkhog, dmé 16
Svopa ol "EXve pabnuatixe’ *Amelhdviou ot mpéitog uerétnoe 76 Béua.
Pevixd dmodhdviog xbhog &g mpbs 7d oqueia A xal B, Myetoar ndle
wlxhog ué Budperpo I'A, Smouv v I xal A elvar dppovind ouhuyh Tév A xal
B. *Emouéveg dmdpyouv dmeipor dmolhdivior xhxdor dg npbs 8bo onuela A
xal B. T'd vé dprorel fvag dn’ adrods, Srav SoBolyv 1¢ A xal B, yperdle-

7o v SoBet & Abyoc 0 =5 § v dmb T ompein T xal A.
v

ALKHZIEIZ
A’

274. Né xataoxevaovel tplyavov ABT, dné ¢ ovtouyein Tou &, ug xal 16 Aéyo
E iy 800 @awv mieupdv Tou,
v

275. Né& xataoxevaotel tpiywvo ABT dné <4 orougela Tou a, REL, nal 76 Adyo
E 28y 80 8wy mheupdy Tou.
v

276. Na nataonevaotel tplywvo ABI' é&ré td atougela Tou &, vg xal 16 Adyo A
v

Tav 8ho Erkev wheupdv Tou,

277. Né xaraoxevxatel tplywve ABI' 4né <4 atotzele Tou a, B xal 6 Abyo
H civ 300 Biwy TALUP®Y TOU,
v
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278. Nd xaraauevxatei dpboydwo wplywve ABT (ﬁ"—* 1L) dmé td orouyeia Tou B

v
279, Né wataoxevaarel wplyovo ABI' dmé v orouyeix Tou a, 84 xal 6 Abyo

wol 6 Myo 2= K
Y

B B zév 3Yo &av mhevpdv Tou.

Yy v
B
280. Na xataaxevaotel plycve ABL dmé td avougela o, f* —y' = Al &mou T6 A
elvay yvwath Tufip, xal 16 onueio A oté brolo # Supotbues i yaviag A tépver wh BIN.
281, Na Bpefei & y. témog tév onpelwv dmb v4 drola 3o yvwatol xbdor (C,)
xal (Cy) patvovrar Omd loeg yuvies.
282, Alvovrar ndve of wd ebfela Sxdoyind téoaepr ompeia A, B, T, A, Na Ppebet

-~ ~~ -~
anueio M tétoro date vé elvar AMB = BMI' = I'MA,

AYNAMH IHMEIOY ITPOX KYKAO

93. Qewpnpa. "Eoto kikkog (K, R) xai onpelo A tob g¢minédov tov.
"Av anb 16 A Osopficovpe b edBeia, mod vé tépver tov kOxko otd B xai
I, t6 ywopevo AB . AT elvar otafspé, dnhadi tb 6o yud onowadfimore té-
pvovaa.

*AnodaiEn. Awxplvoupe 3o mepimradoeis SmAadh

i) Té onueio A Pploxeta Ew amb v xixdo (K, R) (oy. 121). ®ép-
vovpe xab Thy dpamtopévy AA xab i AB xal AD. Tére mapatypolye bt e

A A
ABA = AAT

~~ o~ -~
yuarl Exouv T yovie A xowdq xal AAB=T
(4md yopdh xab Epamtopévn). “Apx 0 elvau :

AB _ A
AA ATl
(1) AB. AT = AA%.

AWM 6 piixog THg tpamtopbvng AA elvan é-
propdve xal dvefdprnto Gmé T Oéom Tiig Té-
uvovoag ABI. “Apa amé w oyéen (1), Guvd-
veton i t6 ywopevo AB - AT elvar atabepb.
Ty 121 Th oyéon (1) pmopolipe vé T peraoyn-
potioovpe  pépvovrag thy AK =38 xad Ty
doerive KA &= R. Tére, dmb w6 dpfoydvio wplywvo AAK maigvoupe :
AA? =32 — R? xal % oyéon (1) ypdperon :
AB . AI' =8 —R%.
ii) Té A Peloverar péox otéy xhdo (K, R). "Egre ABT' pua 7é-
uvovoa mol mepvder dmé T A (oy. 122). ®épvovpe xal T Sudpereo AE
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mob mepvder dmd 76 A, xal tlg BA xal T'E. Tére maparnpoye 67t elvay :
A A
ABA = AET,
~ -~ _~~
yeatt Egow Tl yovies toug A loeg, dg xataxopuphy, xat B = B, d¢ Eyye-
Yoauuéves oté (8o t6ko [A. “Ape 0 elva

AB _ AA 3
AE AT
() AB.AT = AA . AE.
AN elva :
(4) AA-AE = (R—38)(R+8) = R2—3®

brov AK = 8. "Apa 4 oyton (2) ypdoerar :
AB : AT = R? — 2,
3nhadn 76 yvépeve AB « AT clvau arabept.

Iy 122 Iyx. 123

94. ‘Opiopdg. Advapn ompeiov A g mpég xbxho (K,R) Aéyeran 16
otabepb yivépevo AB . AT, 6mov ta B xai T elvar xowvé onueia tod kiKhov
xai piag edBeiag mod mepvaer dnd 6 A.

“H 3bvapn 7ol A dg mpbs tév xduho (K,R) oupBorifera ué DA /(K,R).

YAv 16 A elvar EEw dmbd téy xdxho, elvan DA/(K, R) =32 - R? =
AA? (oy. 121), &mov 8 = KA xal AA 76 dpanvépevo tufiua drb 6 A.

"Av t6 A clvor péoa oty xbxdo, elvar DA [(K, R) = R2 —§2,

Téhos, &v 6 A Bploxerar mdve atéy wdxho, elvan § = R xal ol Tpanyel-
peves oyoeis dlvowy DAJ(K, R) = R?— R® =0, Sndadh yid onueio 7ol
whhou ) Stvapy elvan punSevieh,

95. Bewpnua. "Eote tetpandievpo ABT'A xai O 16 onpeio topfig tdv
oo antvavii nhevpdv tov AB kai I'A. Mg évaykeia xaf ixaviy ovvBijxn
Gote abté va elvar Eyypaynpo of xixho, elvar @

OA : OB = OI': OA.

‘Anodeign. i) Elvar avaykaia. Tpoypatied, dv t& ABCA elva dyye-

Yeuppévo o€ xhdho (C) (oy. 123), v6te 76 xabéva dmb td ywbpeva OA . OB
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%ol O+ OA mapiotdver mh Shvapn Tol onuelon O wpbs by %o (C),
émoudvag elvay @
1) OA - OB = Or - OA.

i) Elvar ikavi}. "Evo loyber § ayéon (1), & dmobéoovpe mog 6 ABI'A
3év elvon Eyypddepo. Tére ypdgoupe Tév wixho, wob dpilouy 7d onueiz A, B, T
wal Eorew §m adtég téuver Th OT ot Ay "Apx w6 ABT'A, elvan dypagupuo.
Tére 0d elvan :

(2) OA-OB=0rI'-0A,.
*Ané tlg oyoerg (1) watb (2) mpoxdmrer it
(3) 0A, =0A.

“Ag onuewwlet é t6 A, Peloxerar oy fureubeix OF, yuoti, &v Hrov
mdves othy dveifern fuievBela, 6 O B& Fray dowrepind onpeio w0l xdxhov,
0% elvon &8tvaro, yrast 76 O PBploxeton oty mpoxracy Tig yopdTc AB xai

N e 0

(€,)

(Ep Fi

(€a)
Iy 124 Ty, 125

Emopdvarg Ew dmb oy whidho. "Apa, &nb T oyéan (3) Ereta b w6 Ay oup-
mrrer pé w6 A. ‘Emopévag 16 t=madmhausn ABTA elvon dyypdgiuo of xixhe.
Mé 130 tpdmo pmopel v amodziylzn ol w6 mapomdre Bewpqua :

96. Oepnpa. "Eoto tetparicvpo ABI'A kai © 16 onpsio topdis oV
Sieyoviov tov AT kei BA. Mié avaykeia xoi ikaviy ouvdikn dote
abtd va eivar Eyypayapo of kiokho, eivar :

©OA-OI = OB OA.

97. Metacopd yivopévou. Té molhd yeoperpind Bipata ypadlerta
vé perageplei fva ywépevo OA - OB dmé s edbeia (=) oviy omola Poi-
ovovrar T onueix O, A, B, oé #0on elbela (g5), § dmola Bpog mepvde
ar’ 16 0. Abté ylveton pé roig Sbo mapaxdrtw Tpémous.

i) 'Ané t6 A gépvoupe thy AD L (ey) xal dmb w6 B gépvoupe iy
BA | (e;) (oy 124). Téze elvar OA - OB =OT'. OA vzl 76 wevpd-
mhevpo ABIA elvan dyypddrpo.

il) Dpdpoupe évav whdo mod ve mepvaet dnb Td A bl B, nat v tEuver
v (eq) o7d oqusia T xab A (oy. 125). Tére elvar OA - OB = OI' - OA.
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98. MpéPAnpa. Né& ypagel xikhog mod va mepvier anb 560 Tvoeth
onpela kai va dpdntetm of Sedoptvn edbela.

"Avédvon. "Eotw A xal B v yvoortd onusin xal (c) Sedopévy edbela
(ox. 126). “Tmobéroupe 8 ©6 mpbBhnua Exer Abei xab foro (C) & Un-
Tobpevos xhxhog, mob Epdmretar orhv (e) até onueio I ‘O whioc (C)
npoodioplleral dmb vd anueix A, B ol I\ *Apxei vé Bpelel houmdy 7 Oioy
w00 I' mdver athy (e). Oewpolpe v onueio O The Topdis tav elfadv (&)
xab AB, 76 émolo elvar. capédc xabopiopévo. Tére 04 elvou (§ 93).

(1) 0OA - 0B =0r

(g)

(e)

Ix. 126 Iyx. 127

ZovBeon - Kataokevf). Tpdgoupe &va Bonbymind oy (C') pé pbvy
draltyon vé mepvder dmé 1é A xol B. Ané w6 O pépvoupe Thy dpamropdvy
OA. Tére elvan :

(2) OA - OB =0A2,
"Amé <l oyéaes (1) xal (2) mpoxdmrer fru
(3) OI' = OA.

Meragépovpe vére 16 pixoz OA ové OI' mdve oy eifela (g) xai
amé vd A, B xal T' ypdgovpe tév xixho (C), mob elva Cnroduevos.

"Aréderin. IMpayuarind, dmé tis (2) xab (3) mpoxdmrer & :

OA - OB = Or™.
‘Ermopévas % OT elvar Epantopévn tod xdudow (C).

Awepeivnen. *Aqgol ol edbeieg () xal AB 3év elvay mopdAAnhes, Smdpyet
mdvrote v onuelo O xal, &v adrd elvar Ew dnb 16 Tuipa AB, Omdpyouv
ndvrote Sbo Adoeig, SnA. ol whkor (C) xat (C,), mob mpoodioptlovrar dmé
tig Tpukdeg 1év onuetwy A, B, T’ xal A, B, Iy, 8mov vé T xal Iy ©d natp-
vovpe éxatépuley ol O mdve othv edfela (&).
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Av ABJ[ (¢), bmdpyer wd Adam, & xixhog (C) (oy 127), mod mpoo-
Buopileras dmb & onueia A, B, T' émov =6 T elvan % Toph Ti¢ peooxadirtou
zob AB pé v ().

Ay téhog b onueio O Tig Topfis Tdv AB xal (&) Hrov towTepind Tod
wufuatoc AB, 8¢ 04 nfjpye Moy, yuerl 76e 76 O 04 Hrav dowtepied xal
ol BonBrmixod whxhow (C'), Emopdverg 3¢ 04 Frav Suvath vé gépovpe &’
abrh th oqueio 76 tpantéuevo Tuiux OA, Sare worbm vé mpoodioplooupe
76 I méves oriy edfela ().

Né #Eerdoere hy neplnrwon ovhy émola 76 O oupnintes pé 76 A § 76 B

KATAZKEYH TQN PIZQN AEYTEPOBAGMIAL EEIZQLEQE

99. ‘Opropévor hmot Ersdioewy Sebrepoy Babpol Emdéyovron xal yew-
petptah Abom, bvav Seytobus bm ol cuvteheotée xab f Gyveor petafinTh
raprotdvouy e pétpw elBlypappay TUNRETEY.

Alvoupe T yewperpixh Aon TpLiy THRWLY tEradioewy Sebrepou Pabuod.

i) x4 20x —p2 =0
i) x? —2ax —p2 =0
iil) x* — 2ux + 2 =0
o vk o xal B elvan T uévpa Bedopévev eOBbYPAULOY TUHAETGY.
i) ‘H #lowon abmh yphoerton :
x(x + 2a) = B

Ey. 128 Iy 129

Dpdpovpe Svay ko wé dutiva o xal pépvoupe o éva onuelo Tou A &gumnTo-

uévy, mave othy bmole malpvoupe Tufux AQ =B (og. 128). “"Av K elvat

6 wévrpo ol xhxhov, pépvovue Thv OK, ol Téuver Tév wdxdo otd B xal T
Té <pipe OB elvar 76 Lyrobuevoy X, yrath elvan

OB - OT' = 0A® #

x(x 4+ 20) = B
ii) ‘H &lowen adth ypdgetol : .
x(x — 20) = B%

“H naraoneuh elvar 18 ué v mponyovpévn (o 129), @’ €36 16 e X
elvae ©6 O Ipaypoarixs elvar @
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- ovd I xal A, ’Ané 76 T gépvovpe vh I'E | AB
- xod thTe méve orhy AB épilovran St TR Lot
% AE =x, »at EB = x,, =& émoix elvar of plles

Xpuot) Topr

Or'- OB = 0A® % x(x—2) =p2
iii) x®—2ux + B2 =0. Muparneolipe &r, &v Xy

| piles e Ehrodoews, 04 Eoupe Xy + Xy = 2a
- wal X)X, =B Tére xataoxevdlovpe Huued-
| o pé Sudpetpo AB =2 xal gépvoups ed-

Beto mapddhnhy thHe Suxpérpon aé dmbataoy B
(ox. 130). Abrh ¥omw &7 tépver 76 Huixdo

11

wal X, elvar of

-. - xl T
S-SR [l SRS
'

B

Iy. 130

ijs deBopévns dhiodozws. [lpayparing elvan :

A X3+ Xy = AB = 2u xab x,x, = ['E? = § (§ 49).

B T vé dmdpyer Mow, mpéner mpogavése vé elven B <L a, dmbre orhy

8 mepintoon mob elvan B =« Eyovpe X, = X, = o

Kal atls 7peis mepintdioeis of ouvrerzoréc o, B, xobdg nat 7 dyve-

o petainT X, Oewpilnuay ool Berinol, dool mapiotdvouy T4 pETpaL
| ebfbypappov TunudTov.

4 100. Awaipeon edBiypappov Tuhpatog oé péoo xal dxpo Adyo
o (XpuoW Top).

Hpépinpa. "Eva eb80ypappo tpfijpa va Swarpedei of 8oo pépn, mod
16 peyaditepo va elvar péoo Gvidoyo toli Hikpodtepov pépovg kai dAhoxhy-
" pov tod Tpfjparog.

Abdon. "Eotw AB =a 76 pixos vol 3elopdvon edBbypappon tpfua-
7og el T' 76 Uyrodpevo anusio Sunpéoews (ay. 131). *Av bvopdooupe 6
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pixog 7ol peyahdrepov tufpatos Al = x, véte 0k elvon I'B = o — x xal
0 mpéner vé loyder 4 oyéom: AT2 =AB-TB 4

(1) x? = ofx — X).

‘H élowon (1) ypdgperar X+ ax —a® =0 xal dviyerar om) popen (i)
The mponyobuevns mapaypapow. ‘H xavwoxevd elven & (8w, 3nrady ypd-

povpe xhixho (K, 921) » ol Epdmreton oté Tipe AB = o otd &xpo Tou

B. "Ané v6 A gépvoupe T Sidpetpo AAKE. Tére 16 piinog AA elvan 16
Cnrodpevo piixog X, yett elvas: AA < AE =AB? 4 x(x + a) =a?, #
dmoler ypdperar X2 4 ax —a? =0 9 x? = a(x — x). 'H rehevrala elvar 5
B pd Ty Elowen (1). Meragépovpe véte 76 piixog AA ové AT mdve oté
Tuipe AB = o« xal Ero mpaypatomololue T Suxipeoy Tol AB ot péao
nat &xpo Abyo, Snradf AI® = AB . I'B.

TNapompfioe i) T oxéon AA « AE = AB? umopolue vé ) ypddoupe wal dg EEfc:
(AE — AE) : AE = AB® § AE*=AE - AE + AB? xal tnedf elvar AE = AB, #youpe
AE*= AE - AB 4 AB®*= AB: (AE -+ AB). "Av ndpovpe ndve oth BA (mpbg 6 pé-
pog 1ol A) tufjux AZ = AE, Pploxovue AZE = BA . BZ. "Erov xal ©6 onusio Z 3iu-
pet Thv AB oé péoo xal &xpo Ayo, pé mhv Ewowr T eEwtepiic Simpéascig.
ii) Ol piles iz tiubooemg X2 =afe —X) % x? + ax — a® = 0 elvar :
— -+ a¥5 —a—al5
2 2

Xj = xal Xy = . "Amb tig 800 adrég plles f X, elvar % dhye-

Bpuen w100 AT xeal 9 X elvae §) dhyePoind tipn 1ob AZ, 3nhadh (AT') = .ﬂlﬁ_i:_”_

et (Am:ﬂf‘"_ﬂ,

Inueioon. Té mpéfinua tolto wébnxe dmé wév Edxdeidyn oav Siaipean edBbypappon
pfpates of péoo xal Gxpo Aéyo. "Apybrepa 7 Suxlgeon abrh dvoudomue ypuvof) topd,
&meg dvapéper & Ohm, vyt Bewphbnxe dg ) mib dppovinn Suxlpeon Evég tuApatos ob Sdo
Swoo pépn Eror, date 16 Eva vi piv elva dvriaobnmind peyaditepo dméd 6 &aho. “H Bal-
pean abTh ypnaipomositar xal oThy dpyirextovieh, xal motedetar &t dmdpyer xxl ot
@iy my. 76 Odog 7ol dvBpdmivou adpatog elvar ywpiopévo oé péoo xal &xpo Abyo dré
76 onueio oté dmolo Pploxetar %) péon 7ol dvBpdimou.

AZLKHZIEIZ
A

283. "Eva onpeio A dnéye 10 em dmé v6 xévrpo dvbg wdudou mob Exew dutive § cm.
'Amé ©6 A gépvovpe thv téuvousx AAB mod dpiler T xopdh AB = 6 cm. Né Bpefel 16
wijxog AB.

284. Alverar Evag wixhog pé dxziva 8 cm xal onpelo A, mob dméyer &b 6 xévtpo
12 cm. @épvoupe dmé 16 A edbfela mod wéuver vév xbuho xatd yopdh BI'=2 cm. Né&
Ppebet 6 pijxog Tie AT

285. Abverar $veg wbhidog pé dutive R = 12 cm xal &va onpeio E, mod dnéxe dnd
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6 wbvrpo 6 cm. Dépvoupe TH yopdh AEB, mob Exer pRixeg 21 om. Né Ppebolv wd pwhnn
<&y tpnpdrov AE xal EB.

286. Méox o Evav xixho mob Exer dutiva 13 m malpvovpe fve anpeio 4, mob dmné-
et &b 76 xévtpo 11 m xal gépvoupe hv AAB. "Av 16 tufua AB elvar tpimidoto anb w6
AA, vé Bpedsi 16 wixos i xopdfic AB.

287. Abo whxho tépvovrar otd A xat B. "Ané fva anpeio I +Fg ebBelag AB @épvoupe
800 edfeieg dnbd g bmoieg 4 pla Tépver Tév Bvay xbxdo ovd I xal A xal % 80m 6 Sedrepo
whsho a7d B xab Z. N* droBeiy0el ém 76 tevpdmieupo pt xopugés td ompela T, A, E, Z
elvar Eyypdirpo.

288, 'Amé Eva onueio M, mol Bploxeron ¥w dmé dvav xixho (C) pépvoupe 76 dpa-

rvbusvo Tyiua MA xal ula séuvouoe MBT. N’ droBelfeve & elvar i‘;: - %’4_?,. "

289. Alvetat pié yovia x?)y xal 860 ompeiz A i B mdve ohy Ox. Né& Boebel

anpeio M i Oy tévow, bote # yovix AMB vé elva # ueyahhrepn Suvath,

200. Afvovrar 3o mapdddmies ebfeles \eq) xxlb (e4) xal Bva onuelo £ ¥Ew dnd
h Ldwy voug. Né pépere xdBern AB npbe tle mapddiinhes Eror, dove # yovie AZB v&
elvar ) peyxiirepn Suvath.

291. Aivovra 3bo edBeieg (g,) wal (e4) xal &va onueio A. Zimreizar vé ypagrel xi-
¥hog Tob vé Tepvder dmb 16 A wah v tpdnrevar otlg (g,) xal (eq).

292, Alverar &vag xiwhog (O, R) xal éva arabepd ampeio tou A. Ildve of Wi
efela (¢) mob vé mepvde. dmd 16 A malpvoupe éva ompelo I tétow, Hore vé elvar
IA - IB = k2, &mou B elva =6 Sebrepo onueio Touis 7ic (€) pt wov (O, R) xal k Bedo-
ubvo Tufipe. Né Bpeel & v. témog Tob onuelou L

293. "Ané &va ompeio M mod Poloneran Ew dnd tvav xbdo (C) pépvovpe h Sidr
perpo MBA xal 76 tpantépevo Tufipe MI. ‘H xdferog oth MA &mé <6 M tépver thy
AT oté A. N’ droBelfete Stu elvae AT . AA = MA® — MI'%,,

294. Né xavaoxevaotoly ol pifec 7ig tEiodosws  3x% — 2hx = 12p, &mou &
» xab p elvar Sedopbva Tuhpara.

295. N xataoxsuxatoly ol plles g todoeng x* —8x + 15 =0

296. Alvezar fva dpboydvio xal loooxerés wplywvo ABT. Na Bpefei mdve athy
smoretvovoe BT &va anuelo A, &né w6 dmolo, dv gépoupe g xdbereg avlg mhsupés AB xal
AT, v oynuaratet bpfoydvio noh vk Exer yvwatd EpPadé 23

297. Né ypagrel wbxhog mob vé mepvder ané Bho yvword onpele A xat B xal vé
tpdnretor of ywaté xixdo (K, R).

298, Alverar pd e0fela (¢), &va ompsio g A wal v oqueio B #Ea dn’ adrh.
Mé névipo 6 B vé yoagtel xixhog, woU vé& téuver thy () otd T xal A ¥ror, dote vé
elvar AT « AA = k?, 8mou <6 k elvar Sedopévo Tpfipa.

209, *Arh tva aqpsio T owrepind il yoviog x?)"y vé pépere elbela mod vd Té-
e i mheupés THe Yovlag otd A wal B, ¥rat Hove 6 tufpx AB vé Sunpeitay dnb w6 Z
at péoo wual dxpo Adyo.
300, "Ozav S00el 76 peyakirepo (% 6 wpbrepo) pépug dvdg dyvoaton TRARETOS,
ol Eyer Buupedel of péoo xal Sxpo My, vé xataonsuaotel Th Tufinx.
8

WneionoiBrke amod To ivotirouto EknmaiSeuTikrg MoAmkrg



114 Pilixés &Eovag
PIZIKOL AEONAZ

101, MpépAnpa. Na Ppedet & YEOpETpIKdS TomMOg TdV onpeinv, mod
Exouv Toeg duvaperg dg npég oo kiklovg (O4,R)) xai (O,,R,).

Abon. "Eore M &va onpsio 7ol wémou mob fploxera ¥w dmb tote Sbo
xbxhovg xal &g dvopdaoupe 8, xal 8, g dmoordoeis tou dmb d wévrpa O,
xat 0y dvniovolyws (ay. 132). Tvepifovue (§ 94) 8r elvan : DM/(04,Ry) =
=8 — R} xat DM/(0,, R,) =8, — R;. "Eneid¥ ol Buvdyrerg ToB M dg mpbg
Tobg 8bo xbudovg elvar loec, Emeton &1 :

(1) 3, — R =3 — R
"Av broBéaovpe bm elvor R, = Ry, % (1) ypdperan :
(2 3, —35, = R, —R.

"Amb T oyéon (2) mpoxdmrer bm % Suxpopd TGV Tetpaydvey Tév drootd-
gswv 8; xal 8, tol onuelov M dné td 0, xat O, elvar otabeph. 'Epapps-

M

Iyx. 132

Soupe tére 76 ebrepo Bedpnua tie Sxpéoon (§ 60) yid 6 Tplywve MO,0,.
Dégvovpe Thy xdleto dmé w6 M orhy 0,0, wob hy téuver 616 H xad Exoupe :
3 3, —3, =23.KH,
bmov 8 = 0,0, elvar # Bdxevrpog wiv 8o A xaf K <6 péao g,
"Anb le oydoes (2) xal (3) mpoxdmrer fr :

25-KH = R, —R, %

S vt
25

Tespxe dmbd thv (4) ovpmepatvovpe 87t w6 piixog KH elvon avofepb. “Apa 6
onuelo H elvean dvreddls dpropévo mdve ot Sudxevrpo xal pdhiora, Emeidi
Occpionpe 8t R, 3 R, dné oh oyéon (2) mpoxdrrer ém 32 8, "Apa
w6 H dg mpbs 76 K 0d Bploxerar mpbs 6 pépog wob puxpbrepon xdiov.
"Amé td mponyobuevae cuvdyetar 8, dpol dmb 6 dmotodimore onueio

WnionoiBrke amod To ivotirouto EknmaiSeuTikrg MoAmkrg



Pilikés &Eoves 115

M 7ob Témou % xdberos oth Sudxevipo mepvdst dmb 76 otafepb onueto H,
Bax Té omuela 7ol Témou Pploxovrar mdve o abrh Ty xdbero.
*Avniotpbpag. "Eotw N &va oypeio tig MH, mob elvar xdletn oth
Budnevrpo 0,0, Ok Selovpe 81 76 N Exet loeg Suvdperg ¢ mpbg Tols 8bo
whhovg. "Ag dvopdooupe 8, xal 8, tlg dmoatdoeg 108 N dmé 7k xévipa
0, xal 0, dvnorolyws. "Epupuélovpe 6 Sebrepo Oedpmue T Sapbaoy
yid 76 tplywve NO,04 xal Exovpe :
33 —32=23.KH.
*ANMG € abrlag Tig (4) % mpomyoduevn oxéam ypdgetou :
RI—R!
28
% 31—32=R—R,
gmb Thv bmole malpvoupe :

33 —32=23.

32—R)=383—R,
' Amé hy rerevtalo palverar §m ol Suvkuelg ol N g mpbs 7odg 300 xhxhoug
elvon Yoec. “Apa & {yroduevas yewpetpixbs Témog elvar ) xdBetos ath ik~
xevipo 0,0, ovb onueio H.

102. ‘Opiapdg. Pifixég &ovag S0 xOxhov Aéyetar b yeopstpixds 16~
nog tOv onueiy, t@ orola Exovv loeg duvipelg g npbs tobg Sbo xixdovs.

Mopiope. ‘O plixbs &Eovag dbo xnbhdawv elvar etfela xdBetn ath Sud-
#Hevtpb TOUG.

Karaoxevh tob pifixod &Eova. Pevixh pédodog. “Orav 3obolv 8da
xixhot (Cq) xat (Cg), # BietBuvan 7ol piiinol #Eova elvau yaort, xalem

© ©

Iy 133 Ix. 134

ovh Sukxevrpb Toug. “ote dpxet vé Bpolpe Eva onusio Tol &fova xal ér’
abtb v gtpoupe xdbeto omh Budnevrpo.

Tpdgoupe Evat Bonbnmixé xbharo (C), mod vék réuvel 7obg (C,) xal (Cy)
otd onuein A, Bxal I, A dvmatolyws o, (133 § 134). O AB xal TA,
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Yevixd tépvovtar o* fva ampeio M, 16 émolo elvan onpeio ol pulinod &Eove
wév (Cy) xed (Cy). Mporyparind, elvay :

(1) MA . MB = MI" . MA = DM/(C).
TANNG

(2) MA : MB = DM/(C,) »at

(3) MI' - MA = DM/(C,).

"Arnb tig aytoews (1), (2) xat (3) mpoxdmrel Emu ;
DM/(C,) = DM/(C,).
‘Emopévarg w6 M elvan anusio ol piliod dEovee i (Cy) »al (Cy). Tére
amb w6 M géovoupe xdfeto MH ovh Sudxevtpo Tdv by ¥ dmola elvan
6 plixde Toug EEovac.
Eidwcég nepintdoec. i) “Av of 800 xdxdor Téuvovras (oy. 135), tére &
pultxbe &Eovag Toug elvan % edBelw, mob Spllerar dmé Thy xowh x0p8#h Toug.

() ©) ()

Cy)
e (€

—0y 0,

X

Iy. 135 Ix. 136 Iy. 137

Abrd elvan Qavepb, dool T xowd onpeix woug Exouv umdevixd Sdvauy, d¢
npbs Tode 3o xlxhovs. YApe elvan onuela ol pulinol &fova.

ii) "Av ol 8%0 whuhor 2pdmroviar xal elvar H =6 anueio érapic Toug,
1) x&Bevog dné 76 H orh Sudxevrpo elvar & pilixdg Toug &Eovag (ay. 136, 137),
yrl 76 H, dig xowd anpeio t@v xbhay (Cy) xal (Cy), Exer pndevins 86-
vapn o mpbe adrods. “Apa elvay anuelo
7ob pelikol &fove.

i) "Av ol windor elvar Subxevrpot
(ox. 138), ~bre plinde &Eovag Sév Umdp-
xes yarl By pévov 8¢ epilovpe Thy
SiebBuva) Tov, dpol xal 4 BietBuvay 7iig
Bunddvrpou 7dv (Cy) xal (C,) elvar &-
mpoodibpioTy, dAAd 8év pmopoliye vé Bpoi-
pe obte éva onueio vov. Mpayparnind, &y
O elvar 76 xévrpov é@v (C,) xal (Cy)
Iy. 138 xat K 76 wévrpov &véc Bonbymxod xi-
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whov (C), mob Tépver toig (Cy) xxl (Cg) otd A, B xal I', A dvTioTolyws,
elvar ABJ|TA, dg xdfeteg athy OK. ‘Emopévag 3&v véuvovtar. “Apa 8év
propolpe vé Bpolpe onpeio Tob prlinol &Eova,

* 103. Piulixé xévtpo tprddv whdwv. "Ag Ozwphiooupe Tpeig xixdoug (C,),
(Cy) xat (Cy) nxl kot (py) & plxde #Eovag i (Cq) xal (Cy) xal (pg) & plds &Eo-
vag wéw (C,) xab (Cy). OL 8Yo adrol pulixol &Eaveg Téuvovtar o Eva ompelo P xuxl tbte
0d elvan :

(1) DP,’(C,):DFHC,),
yert w6 P dvirer o6 plied dEova (py), wal
(2) Dp/(C,) =DP/(Cs),

yrast 76 P dviner ot b &Eova. (pg)-
*Ané tle (1) xab (2) mpoxdmrer

DP(Cy) =DP/(Cy),
mob anualvet & w6 P elvan anpelo 7ol pilinal Eova (py) TGV whxhav (Cy) xal (Cy).

Pa)
(P (Py)
(3

(C)

£y 139

*Apx ol Tpels pilixol &oveg v whdov (Cy), (Ca), (Cy) &vav Tods walpvovpe dvd 3bo,
repvotv &ré 16 (B0 ampeio P, 74 émolo Aéyetor pilikd xévepo @y TpLdv  winhwy, xal

Eyen loeg Suvapeg dg mpds abroig.
YAv 1t wbvrpa oV TpLdv xbrhwy Bploxovrat athy (8w ebBela, TéTe 76 pilmé névrpo

3év bmdpyer, yrash ol Tpelg pilinol EEoveg Bd elvar mapdldnhor b xdBetoL athv (3o elbelo.
SopParnd Seybpaate Tore nt 6 pulund wévrpo Exer dmopanpuvlel at dmelpo.

ALKHZIEIE
B.
301, "Av & pufixde #Eovag 8o whnhov 8év téuver tv Evav dr’ abrols, v dmodeuyfel
Bt 3bv Tépver xal w6y EXho,
302, Alveran vag x0og (0, R) xal onpelo A, Né Bpebei & y. témog Tév onpeiov

M, y1é 7é dmola elva MA = MB, &mov MB elvat 76 épurrépevo Tpfjpx drd w6 M otby
xoxro (0, R).
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303, Alvovrar 860 wiuror (K, R) xab (A, p) al bocw (8) & pilindg Tous dfovas.
"Av MA elva 4 drédoraon évés onueloy M tob xiwron (K, R) and 16 plid &Eova
v dmoBeuylel &tu elvar DM [(A,p) = 2KA + MA.

304. Alvovrar 7pla onuela A, B, I'. N& ypagrel xdahos, mod <d Epantipevd toy
Tuhpate dré td A,B,I" vi Erouv Selopéva whn o, B, y dvriotolyec.

305. “Av 7aels winhor Téuvovran dvd 8bo, v’ dmoBeiylel Bt ol wowig FopBtc mepvoiv
dmé w6 8o anueio,
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BIBAIO TETAPTO

KANONIKA TMOAYTI'QNA

104. ‘Opiopég. "Eva mohbywvo Aéyeron kavovikd, Svav Exe. fheg ig
mheupée Tou Loeg xal heg Tlg ywvies Tov Toeg (oy. 140).

105. Kavovinh moAvywvieh ypapph Aéyetor  tehaouévn ypapwh
nod Eyer Bheg tle mhevpés g loeg xal Sreg Tl yovles g loeg.

106. ‘Yroloyiopbds tig ywving évég xavovixod moAvywvou. "Av
Zva wavovixé morbyove Eyet v mheupés, téte 76 Dpotope TEY yewidy Tou,
§mwg Eépovpe, elvan 2v — 4 bpBiés ywvieg. "Emedn) 8eg ol yowvieg Tob xavovi-

=8 e,

%03 Tohuydvoy elvan Toee, fmetar 8t % webepa loobron pé
w

Mapdberypa. ‘H xafepid dné =g loeg yuvieg Evbe movovixol TevTa-
2A 0 LB bebég = .g, . 909 = 1080,

yéwou elvon -
5

«

107. Oewpnpa. Kade kavoviké nokbymvo elvar Eyypayio xai nepi-
ypayipo of kOKho.

*AnoderEn. “Eore 16 xavovixt mohiywvo AjAg..A,, ol § mheupd Tou el-
var A wolb 76 pérpo xaBepnds dn’ tig loeg yovieg Tou elvar 20 < 2L (oy. 141).

~~ A~
Avyotopope g yovies Ay xab Ay Ol Suyotépol tépvovtor o Eva ovpsio
0, vt adrée oynuatilovw yuwvies ué v AjA,, mod Eyouv dBpoiopa

Ay H, Aa
:. Hy Q» Ha
Ay s A
ph wuptov Hs
(dotepoelbEg )

WUPTDV
A,

Zy. 140 Ix. 141
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120 Kavovikd moAlycva

o+ o =20 <2t Té tplyove OA A, elvar loooxeréc, ytl Eyer g yo-
vies g Bdoews A A, loes. Dépvoups thy OA, xai rapaTnpolpe Bt elva :

OA,A, = OAA,,
vl Exouv AjAy = AgAy = A, Ty OA, xowd) xad T yevia mob mepLéyeTon
otig loeg mhevpés Ton pé w. "Ape 04 elvar xal w6 OA4A, lovoxerée, guve-
mig Eyoupe :
0A, = 0A, = 0A,.
Mé 8w tpbmo malpvoupe :
OA; =0A,; =... = 0A,.
"Apx 6 mohbywvo elvar dyypddipo of xbxho pé xévipo O xal driva OA,.
Té mohdywvo tdpa pmopei vi ywpiorel of v low %l iooonehn) Tplywva
OR,A, = ORQAa =, = O&Ar
Tére xal vd Gm tous 04 elvar Lou, 3npadh OH; =OH,; =... = OH,. "Apax
6 xbuhog pé xévtpo 76 O xal dxrive OH | dpdmrerar oric mAsupéc Toll navo-
vixol mohuyavou xab cuvemds T6 modbywve elven meptypddiuo o adtéy.
Hapatipnon. Té onueto O, ds xévrpo 7ol dyyeypappévon xab mept-
Yevpapuévoy whdov yid 76 mohbywvo AjA,..A,, Ayetaw dmhidg kévepo
b xavovikeD modvydvon. ‘H durive OA; tol mepiyeypappévov ot mods-
yovo xirhov Ayetar dxtiva tob modvydvov xaf 4 duvive OH, ol éyyeypap-
uévou 6" adrd xhhov Myetar dnbotnua Tob mohvydvou. ‘H yovie A,ﬁA,

0
Myerar xevepixd] Yovia tob modvybvov. Adth loolrar mpopavivg pé 2
v

L
3 —f—, 8mou v elvar 76 mATilog Tév mheupdv 7ol xavovixol moAvydivou.
v

108. I'evixol ovpPodopoi. Tvé &g 04 oupBoriloupe pé :
A, 6 pijxog Tig mheupds dyyeypapuévou atéy xhdo (0, R) xavovixod

v = ydvou.

@, 76 dmbomua Tob dyyeypapubvon atéy xdxko (O, R) xavovixod v-ydwou.

Xy 76 pijxog Tig mhevpdEs Tol mepiyeypappévon of xixdo (O, R) xavo-
vixol v - ydvou.

P, v meplyetpo 7ol Eyyeypappévou otéy xbxdo (0, R) xavovixod
v = ydvou.

P, iy meplpetpo ol mepiyeypapuévov of xixdo (0, R) xavovixo
v = ydwou.

E, 76 £ufadt vol yyeypapuévou arév o (O, R) xavovinod v - ydvov,

E', 76 ¢uPadé tol mepiyeypapuévon ot xiro (0, R) xavovinod v - Ydvou.

109. @ewpnpa. "Av Evag xixhog Srapedel of v loa tola, v Srmpe-
uxé onuela elvan xopueés Zyyeypappévon xavovikod v-y@vov, kai ol 2go-
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ntopeveg ot onpelo adtd opilovv éniong Eva mepryeypoppéve kavoviké
V- yovo.

"An6deiln. “Ag mhpovpe Gvav wlho pé wévrpo O, mod Exer Suxipedel
ot v loo T6Ex pé 7d onuela A, A,,..., A, (og. 142). Tére 0d elvan :

(1) AjAg=AA, =.. =AA,,
dg xop&éq lowy T6Ewv 7ol '|:8!.ou xux)\ou Emn}\éov Eyovpe :
(2) AI Ai = - A‘u

vt elvar yovies Eyyeypappives of fact 765 7ol {8ov xbxdou. "Amé 7ig
oyéoeig (1) xal (2) ovpmepaivoupe &7 76 mohbywvo AA,.. A, elvar xavovixd.

YAv ot onuelo A,, A,,...,A, pépovpe Epantéueves ol wdxhou, adrég
xafog tépvovrar Gpllowv Td onuele By, B,,...,B,, ta émoix clvar xopupés
xavovixod v - yovou. Ipayparind vd mpiyeve BiA A, ByA,A,,..., BAA,
elvar loooxehn, vl dn’ v6 Emotodfmore onpeio Bk, k =1,2,...,v pmopolpe

As

A A A!

Iy, 142 Iy. 143

vé pépouve Tow dpamrépeva Tufuata atéy xixdo. T wplywve elvor xat Lo,
yarl Eyouv foeg Bdoeig, xal ol yovies ot ﬁécm elvon Uoeg, Emedy oympati-
Lovran dmd loeg xop&é; 7o {diou x.uxlou xal tig écpumép.svaq "Apa :

B AIAB —BlAlAa =.. _BvAvAl
Tére 0 elvar xal
A 24
(3) B,=B;=... =B, xaf
(4) BiB:=B.B. = .. =HH.,

*Amb Tl oytoeig (3) xatb (4) ovpmepatvoupe 8t 76 moddywve B,B,...B,
elvar xavovind ol Exer w6 (Sro mAFlog mheupdiv, pé 6 A A, A, Té wept-
yeypapuévo xavovixd wodbywve B;B,Bg...B,, Aéyetar dvriorotyo Tol éyye-
yoappévon xavovixol mohuydveu A A,AL. A, xal dvriotpbpws.

110. *Epabdéd xavovixol moAvywvou. Bewpnpa. Té Epfoudd xadz
kavovikoD mohvydvov elvar foo pé 16 ywvopevo tiig fpinepipétpov tov Eni
6 dndotnpd Tov.

*AnodeEn. “Ag mapovue Eva xavovixd mobywve AjAg. A, pé mAevpd
Ay ué dmbotquo o, xab xévrpo tou 6 O (oy. 143). Adté pmopet va Suou-
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pefet of v tplywve low mpdg w6 OA A, "Enopéves, dv E, elvon 76 duPasé
wovu, O Eyouvpe :
(1) E, =v.(0AA,).

AN (0AA,)= %Lu, xal téte §) oybon (1) ypdgperon :

W, Po

1
Ev—""?Mv— 9 v 9

v P
Apa = —-;P'—.

bmou P, elvaw % mepipetpos toll moduydivou.

111. Zvpperpla otd xavovixd modbywva. Oedpnpa. Kabe xavo-
viké v-ymvo Exer v i&oveg ouvppetpiag.

"Anéderln. i) "Eatw v =2k &prioc. O xopupés 7ol mouydvov tére,
tmedh elvan onpela tol mepiyeypapuévon o advé xihov, elvar dvd Sbo
avridiapetoivd onpein xab cuvemdg opilowv k Supérpovs, wofepid &’ tic
dmoieg elvon &Eovag ouppetplag Tob moduydvou (oy. 144). *Emmdéoy, meds
ol mheupée 7ol mohuydvou elvan dvd 8bo mapdhnhes, % pecoxdBetog pidc
mhevpls, TEpV@VTAG dmé T6 xévtpo Tol mohuydvov, elvar pecondBetog xal

Ag As

Ly. 144 Iy. 145

THe dmévavtt mhevplic, xal dmopévag elvon EEovag cuppertplug Tol oyhuaroc.
"Eredy Egovpe k Lebyn mapdiiqhov mhevpév, Exoupe k térowovs #Eovec
ovppetpiag, “Apa ol dEoveg oupuetplac tehind elvar k + k =2k =,

ii) "Eote v mepirtée (oy. 145). ‘H xdfe Sudperpos vol mepiyeypappé-
vou 016 mohbywve xixhou, 7 émola Siépyetan dmd pid xopued, elvar pecoxd-
fetog yik Thy dmévavt mhevpd xal Emopbves elvar #Eovag ouppetplag Tob
ophuatos. O &Eoves abrol elvan v, Boeg Snhadh xal of xopupés Tob molu-
yehvou.

112, *Opodmra otd xavevikd moAdywva. Bedpnpa. Ao kavo-
vikG moldywve pé t6 ibo mhfjfog mhevpdv elvar Bpowa. ‘O Abyog TV
dxtivav kel 6 Mbyog 1®v dnootpatov tovg toobtar pé 16 Adyo tijg dpors-
mdg Tovg.
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"Anbderln. "Aq Oewphooupe 3o xavovind woAbywva AgA i AL,
AlA g Al pé 76 tBio mAFBog mheupdv v (ay. 146). *Ané <4 wévpe Toug O
xal O" pépvovpe tlg duriveg OA,,0A,,...,0A, xai O'A’ Ay, O'A', xal
Bunpolpe 76 e mokdywvo ok v Tou xal laoouedh Tplywva. "Enedh A:aA. =

0 A A
=A I@Agz-@—, Gpa xal Aj0A = A’ 0'A,. ‘Ermopéveg vé 8%0 xavo-
v

ixd morbyave elvan Spow, yuath elvar ywpioudve of lodpiBue Tplywve Spos

Iy. 146 Ey. 147

xal dpolwg vomoBerquéve. “Av A, xal V', elvan ol mhevpée vé@v Sbo oAUy -

vov xal ay, oy 74 dmooTiuata toug dmé d Spowr Tplywve, A0A; xal
0A R Ay a,

A O'A’; matpvoy Ko AL .7 oL, S .
1 2 PUOVHE Nv O'A'1 R’ x‘ “'v

Mépiopa 1. "0 Miyog v neppétpov 560 Spowwv xavovik@v molvyd-
vov elvar Toog pé t6 Abyo tiig dpordtntag tovg,

Mpwypaming, &v P, xal P, elvou ol meplperpor tdv mohuydvew, Eyoupe :
(3) Pv o R K\! Ay

P'\r V'Nv —-X::.

Hépropa II. 'O Léyog tdv ipPaddv dbo Spowy xavovikdy molvyd-
vov elvay Toog pé 76 tetpiyave tol Aéyov tiig dpordrnthag Tovg,

Hpayparid, &v E, xal E', elvar 74 eufadd tovg, &xoupe (§ 110) :

Pv %y
T gtk s s _i=_"v_._b_=(_"v_)'
Efy ﬂ‘.&:}’_ iy &l ;\"v Ay Nv -
2

% 113. HpéPAnpa I. Na drodonotel th drdotnua a, &vég kavovikod v - ylvov
nob Exer mhevpd A, ki dxtiva R.

Abomn. "Ag mdpovpe AB = A, thy mheupd Tol xavovixol v - ydvou moeb elvat tyye-
Ypopuévo aé wixko (O, R) (ay. 147). ®épvovpe thv OA | AB. ‘Emopbverg 76 OA elvas
™6 dmboTnua oy 1ol moduydvou. 'Emumhéoy 76 A elvar péoo tHic mhevpdic AB, Yot ot
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louaxerés wplywve OAB 16 Odog OA elvar xal Sukpeaog. Lt dpboydwio tplywve OAA
(ﬁ: 1L) 7 Ymozelvovsn elvar OA = R xal # xdfetog AA :-)-;-. "Apa Eyoupe OAY=

2

4R? —
= 0A? — AA® 4 u.: = Rt — (_;\2."_)2 - e , amd Thy brola Emetan Gt :

4
VaR® 3¢
o —2—v
% 114, Tpéfanua II. “Av Sofel Eva kavovikd modbymvo pé mhevpd A, xai dxriva
R, v& bneloyiotel 1) nhevpd vol kavovikol nokvydvov, mod elvar Eyyeypappévo otdv IS0
kOKlo xai Exer Swthdoio ambpd mievpdv.

Abon. "Egve AB =), # mhevpd 7ol wavovixol moduydvou mol elvar Eyyeypop-
wévo atéy xixke (0, R). "Ané 6 xévtpo O pépvoupe xdbero athv AB (o, 147), mob
téuver Thv AB 076 péoo g A xal tév xldo atéd I 'H AT elvar mpogavésg % mhsupd
ol {nrolpevou moduydvou xal ¥otw kg 76 piixog g Adth elvar 4 Omoteivouga 7ol
dpboydvion Tpiydvou AAT, oté émoio elvar :

AA=.’;_ seael

Al'=0I' =0A =R —a,, 6mov «, elvar t6 dndompua 7ol Sedopévou moduydvou.
Atté elvar :

) Viri =5}
v 51
2R — V4R2—3?!
Tére : AT=R —ay= VQ———' “Apa AT'* = AAY 4 AI* #
2 —\ 2
Ay 2R — QR.—I, e
?\:,=(T) + (__,__}1.2__._-__.‘1 =2R? —RV4R:—2) %
(1) Aay =v2R’—-RV4R'—-l: (TYmog <00 "Apxwuhdn).

* 115, IpépAnue III. "Otav d00el Eva kavovikd molbywvo pé misvpd A, xal
aktiva R, vé Omoloyiatel ) mhevpd tob xavovikoD roluvydvov mob elvan mepryeypappévo
otov (8o kokho kai Exev 10 16w mhfjflog nievpdv.

Aban. "Eotw AB =13, # mhevpd 10D xavovixol moluydvou mod elvar dyyeypou-
pévo atéy xixdo (O, R) (oy. 148). "Ané 6 O pépvoupe xdbeto athv AB, mod Thv téuver
at6 onueio A xal tév xixho otéd onpelo I'. "Ané 16 I' pépvoupe Epantépevn ol xbxhov,
mol téuver tig mpoextdoeg Tév OA xat OB ovd E xal Z dvriovolyws. Téte ff EZ elvar
i mheupd ToD meplyeypxpuévoy xavovixoD moluydvoy otév [Bio xixho xal pé T6 1o wAH-
Bog mheupiiv. Kal abtd oupPaiver, yiatl 16 tplyovo OEZ elvar pév loooxerds, dgol 6
Oog Tou OI' Syotouel o yovia tou O, dpowo 3¢ mpds 76 OAB pé atafepd Adyo dpois-

Tag gg =_R_. ‘Enopéverg, 76 mohdywvo, mol xataoxeudletar pué tév tpémo abrd
%y

xal &gew mievpd Ty BZ, Sunpeivan o tplywve Spowx mpdg T dvrlotoura tol dyyeypap-
wévou xavovixol mohuydvou pé masupd thy AB. "Apa elvar dpowo mpds aldtd xal émopévag
elvat xovovixd, “Ag onusiobel duduy ét Sha td mepiyeypappbva (dvtiotolywe dyyeypop-
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wéva) xovovixd mohbywva otéy [8to wduho wal € 76 8o miifog mhevpdy elvan low, el
elvar Spoia pé Myo dpotbryrag, ._g..z 1 (§ 112).

A A
'Ané ¢ OEZ a= OAB malpvoupe

EZ or 3
(1) AB T OA°
Té OA elvar 6 drboyua Tob dyyeypappévon mohuydvou xal elvat Loo ué
|
ay 3 .
Tére % oyéon (1) Yedperar :
A 2R
== N = A
a, Vire—3 £
(2) Ay =t
A T O Ix. 148
ALKHZIEIZ
A,

306. Né& PBoefei of poipes 4 yovlx T8 xavovixod a) mevidywvou, B) dutdywvou,
Y) Bwdexdywvou,

307, Né& foelel of poipeg 4 xevipied) yovla o0 xavoviral @ «) nevTdywvou, )
Sexdywvou, v) Sexanevrdywvou,

308. N& dmodeiyfel &7t % yovla xavovixod v - ydvou, yid v > &, elvan dpBielx,
fd ) xevipuh yeviz tou elvar bela,

309. ITowd xavovixed wohuydvou H wevipueh yevix elvar 360

310. "Trdpyer xavovixd mokbywmvo pé xevrpuch yovia a) 150, B) 259, ¥) 249 xal
nod elvar adré ;

311 "Trdpyer xavowixd morbywve pé yovle o) 1400, B) 157° 307, Y) 160° al
motd elvar abrd ;

312. ‘Evég xavovixol moduydvou h deriva elvar 8 cm xal 6 dméarnpx 4V3 cm.
Né Beefel 4 mhevpd ou,
313. 'O Adyog rdv dmooTnudrav Bbo xavovixdy Sxtaydvov elvat % Né& Bpe-

Bet & Aéyog Tdv mepuubtpov Toug xal & Myog tév uBadav toug.
314, Né droBeuyBel fru petal tiic mevpds 2, ol dmoothuaros a xal tH durlvag
R &g xavovixed moluydvou Omdpyet N oyéon A% = &(R* —at).

315. "Av A, B, T, A clvar BiaSoyunés xopugés dvig xavovixol moluydvov, v' dmo-
SeuyBel & AT?— AB*= AB . AA,
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126 Tetpdywvo - kavoviké Efkywvo

ETTPA®H KANONIKQN IOAYTQNQN ZE KYKAO

116. Mpépanpa I. L' Evav kixko (O,R) va Eyypagel tetpiymvo kal
vé dmohoyiotel 1) mhevpld kal 16 drdoTnpd Tov &né v dxriva tob kdxhov.

Abdon. 'Eredh of Swxydvior tob retpaydvou Tuvovtar xxbétwg woek
mepvolv dmb 76 xévipo Tou, Ypdgouue 860 Supétpoug AT xal BA 7ol xb-
xaow (O, R) ol émoleg vépvovra xabérac. Adtég dpllowy mhve otbv wbho
lg wopupés Tol TETPAYGVOL ABTA (oy. 149).

Tére dmb ©6 dpboydwa Tplywve OAA maipvoupe

AA? =0A%+ 0A* % A2=R*+ RS,
dmb Thy bmola mpoxdmrer ©
).‘ o] Rv-i .

YAy an’ 76 xévpo O gépovue mapdhhnho Tpés THY AA, aynporiferar w6
bpBoydvio AEZA, oté dmolo elvar mpopavids EZ =2z, 'AMa EZ =
AA =2 "Apa 204 = RV32, éré thv dmola mabpvovpe :

a9

117. Mpéfanpa II. I' Evav xikko (O,R) vé tyypagel xavovikd &5a-
yeovo, xai vi drokoyiotel 1} nhevpa xal t6 drdotnpé tov aré v dxriva
tol xbxlov.

Aban. “Earw ABPAEZ 6 {yrobpevo idywvo mob elvan Eyyeypupévo
oty whoro (0, R) (ay. 150). ‘H xevrpuxh ywvla Tou AOB elvut Lo pé

B r £ A
£ G4 O/ a Vi " / A
. \VAV/
A A
A p B
Ty 149 Ty 150

360° L 2
s = 609, Apx 16 looaxerés Tplywvo OAB elvar labmheupo, ouvemidg
AB=0A=R 14 =R,

‘H xavaoxewh) yiverar eixora &v mdpouue adfulpera Eva omueio A
ol xbrov (O, R) xal pé hy B dxriva R dplooupe SwSoyued pé 6 dux-
Bhmn slg Uméhowmes xopupés 7ol aydvoy, Eron bote vé elvar

AB=R, Br=HR,...; EZ = R.
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Té dmbornua g = OH elvar 76 Gfog loomhedpoy tpiydvou pé mhevpd
R émopéverg elvar :

=g
Adré EMhware elvoha mpowinrer xal drbd 16 dpboydwio Tplywve OAH,

mod Exer OA= R xal AH = %

118, IpéRAnpa III. E’ Evav xixko (O, R) va Eyypagel kavovikd
tpiyovo (lobmhevpo), wai va Omoloyiotel | mhevpd xai 16 dnéotnpa tov
amd thv dxrtiva tod kdxlov.

Aben. ‘Opifovpe mdve atéy xhwho Swdoyid tig xopugés A, Z, B, A,
IE xavovixol &Eayavoy (oy. 151), Tére td onueia A, B xal T' elvar xopu-
@és xavovxoh Terydvow. [Mpaypatind Eyouvpe :

AZB=BAT =T'EA. “Apx AB=Bl'=TA,
Snhadh 16 tpiywvo elvon lobmheupo.
I 7év dmohoyiond i mheuplis tou mpoextelvovpe ) IO, mod &g

Buyotbpos THe -Yr..wﬁaq? 0¢ mepdoel dmé vé péoo Tob TéEou .ﬁB, Fnhadh dnbd
v xopugn Z 7ol éyyeypappévon otév L8o whide xavovixod EEaxydvou.
"Apx ZB = R. Té 7piywvo BI'Z elvar dpBoydvio oté B, yrart § I'Z elva
Sudpetpog Tob wdxhov, X' adré elvaw I'Z =2R xat ZB = R.

"Apa I'B*=T72—Z7ZB* 4

A?=4R2—R2=3R? % A,=RV3.
o ZB
Ié 6 ambornpa Exovpe OM =ay = 7

. R

Apo : ay = 1
vtk Td Sxpa Tou elvan T& péow TEV WhAeupdiv
I'Z xai T'B 7ol ~piyavow TI'ZB, mob #e

ZB = R.

119. IMpéRAnpa IV, I’ Evav xixko (O,R)
va &yypagel kavoviké dekdywvo kai v Omo-
hoyiotel 1) mhevpd xai t6 dndetnpd tov and
v dxtiva 100 xdxlov. Zx. 151

Aben. "Eotw AB 9 mheupd 7ol xavovixol Sexaydvov mod elvar éyye-
yeaupévo otév ko (O, R) xai ds dvopdoovpe x 76 piixog mg (oy. 152).

~ L]
‘H xevrpues; yovia AOB elvor 3?_(0)# =36 "Apx 016 lovoxehés Tplywvo OAB
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180°— 36° "

% webepnd dmd vlg Toeg yovieg Tov elvon ——-—-—2-'--—=72°. Av pépovpe T
Suporbpo AT 7ig yaviag A 6 tplywvo OAB ywplberon o 8bo laooxehn
wplywve, prarh w6 TAO Eye 0 = 36° xat A“jg— = 369 "Apax
(1) T'A=T0.

Té tplywve ABI' Exet A =36% xl B=720,
"Ape T = 1800 — (360 4 72°) = 72°, ‘Emopbvaag
(2) AT = AB.

*Amb i oyboeg (1) xab (2) mpoximrer ndg AB =AT'=T0 =x.

“Av whpa tpapuboove w6 Bsdpmux i Bixordpov vk w6 Tplywvo

OAB, pPploxovpe :
AB TIB

A A0 TO
x _R—x

¥ R x
(3) x*= R(R—x).

a AT Th oybon (3) palveton
ém 76 Tufpa x elvon 76 pe-
yalbrepo dmb Td 8o Tudpe-
<o g durlvag R, Srav admh
Suupelsi of péoo xal dxpo

Iy, 152 Ix. 153 Abyo.

gl

#

Karaokevfi. (Elvox 3w pé vhv xataoxev) g xpuoiic wopiis § 100).
Dégvoupe ot6 onpelo O ol xbxdov (A, -2—) Thv dpamtopbvy Tive oTHY

mola dpllovpe Eva ufipx OA = R. "Av M elvan 76 oqueio ovd dmoto %
AA épver tov xbxho (A, %) 76 tpipe AM O¢ elvon ) wheupd Tol xavovi-

%0l Sexaydvou.
“Yrohoyiopés tob pAxovg e ‘H lowen (3) yedgerar :
x? 4 Rx— R?=0
xah 4 Berind plloc g elvan 76 piixog e mAeupds ol xavovixol Sexaydvoy,
Snhad™ :

—R+VR*F4RE_ R(V5—1)
e - 2 q]

A=

1'10 - R(Vsz— l_)' .
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Té dnbornue Imohoylletar dmb Eva xevrpind tpbywve OAB (oy. 154).
Oépvovue why OM | AB. Elvar OM =0y, AM = *2& "

adyo = OAT— AM? = R“—[M%:Hr=

R:(5—2V541)  R2(10 + 2V5)
5 16 - 16 K
R 1/10 + 2V5

= R?

120. MpéPanpa V. I’ évav xikhe (O,R) va Eyypagel kavovikd nev-
tdywve xai va@ droloyiotel 1) mhevpd kai té drdotnpd tov ané Ty dxtive
tof kixkov,

Aten. Keraorevdfoupe mpidte Eva xavovid Sexaywvo xal tére ol

0

Ty 154 Iy. 155
xopupés Tov mepLTTig Tabews Ba elvar ol xopupés To0 xavovixel mevtaydvou,
dnadh w0 ABT'AE (oy. 155) elvar xavovixé mevtaywve.

Tt vév Omodroyiapé Tic wheuplis Tou A;, dpxel atév Timo (1) the § 114 va béouupe
v=75, yvwplfovrag b7 k= .B_(I‘E__”, xab vé Emddooupe g mpds Ay Téte
ralpvouye :

h =3 Vio—2vs.

Té dmborqua Omodoyifetar dmé dva xevrpd Tplywvo :

o = R'-—(.’;L)' T [.E:.. Vm-ﬂ‘s‘]’ -

_ R2(10—2Y5) R2 (6 4 2V5) 5
6 W 16

u,m-g-}’s-{-zvi,'m'_ii_‘_’.

= R?
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121. IlpéPanpa VI, E* Evav kixho vé Zyypagel xavoviké Sexamev-
Taywvo.

Abon. "And v dplBunticd lobryta __ém — -% == -11—5 TapaTnpoiue Eri

yuk vék Bpolipe 76 Séxaro méunto Tob xbxhov, mpébmet db 6 Exto Tou v’ deport-
péooupe 76 Béxato. “Av howmby dmé 6 w6Eo mob dvriorouyei oty mAsvpd
xavovixol eLuydvoy dpaupéooupe 6 w6Eo mob dvmatougel oThy TAEUPE Xoi-
vowixoll Sexaydvou, 0& Bpolpe 76 téfo mob dvriatouyel oThv Theupd Tol
xavovixol Sexameviaydvon. Metd dné thv maparhpnon adth f xataaxeud
elvor elinody.

AELKHZIEIE
A,

316. N' dmodelfere mde wafepid Suaydvios xavovixad mevTaydvou  elvat mapdi-
kghn mpbs ik mheupd Tou.

317. N Bpefel ) dorlva dvdg wduhou dmb hy mhevpd A 7ol tyyeypoppévon 6 adtby
wavovixol © o) Tpryaveu, B) EEaydvou, y) Tetpaydvou.

318. Né& Boelei v6 2uBadd wavowxob ) zpuydvou, B) TeTpaywvoy, v) tEaydvon
ard thv dxtiva R 100 mepiyeypappévon wixiou,

319. I¢ yvooté wixho pé dutive R vd dyypapel xavovixd dxrdywve xal vd Omo-
hoyiotel § whevpd xal 16 dnboTnud Tou.

320. Té yvooté xixho pé dxtiva R vd Eyypagel wavovixd Swdexdywvo xal vé Gmo-
hoyiotel %) mwhevpd xal T6 dmbatrud Tou.

321. Né Bpelel =6 duPadb xavowixod z) tpuydivou, B) Tetpayevoy, v) eEaydvon
nepryeypappévou o xdxro (O, R) dn' vhv dxrtiva R.

322. N’ dmodelfere & & Abyog T@v uPuddv Tob Eyyeypappbvou uxl 0d mepr-
veypappdvou otéy 8o xhdo lobrmhevgov tprydivon elvan 1 /4.

323. N’ dmodelfere 871 & Adyog tdv EuBaddv Tob Eyyeypouudvon xal Tob meplye-
Yeappévov otév I8io winko xavevuod EEaydvou elvar 3 [4.

324. Mé mieupés le mhevpés dvde xavovixol Eaydvon xal #w dn' adtd xartaoxeud-
Qoupe vevpdycwva. N’ dmodelfete 8t ol xopupée thv Tetpaydvay, ol brnoleg 3év elvar

xaxb xopués ol Efaydvou, elvar xopugés xavovixolh Bwexaydven xal vé Bpeite o du-
Badé tou.

325. Xé Eva xavovid tEdyavo ABIAEZ pé mhevpd o ouvBoupe Thy xopugpn A
pé w6 pbao H tiig mheupds T'A. Né Ppelei 6 EuBudd xabevée dné ¢ 8o wépn, o7d brola
Sraipeltar 76 eEdymvo.

326. Na drmoderyfel & ) mhevpd &vbg wavovineld mevraydvou Eyyeypapuévon of
woxho pé dutiva R, elvar Omotelvovan dpBoydvion tpuydvou, mob Exer xdbereg mAeups
vt wheupds Tév dyyeypapubvay atéy 180 wixho xavovixod EEaydvov xel xavovixod Be-
HAYOVOL.
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327, &' évav wixho pé dativa R Eyypdpoupe 76 lodrheuge spiyove ABLL M mheu-
sée ig AB xal AT wataonendfovpe td retpdywve ABAE xai ATZH, wob mepiéyouv
<6 zplyevo ABI. Na dmodeiyfel dn ol mheupés BA ual T'Z tépvovrar o Eva onpelo N,
nob Pploxetar mhves avéy whdo, xal ol mheupés BA xal HZ téuvovrar of aqueio M, woi
Belakerar oty mpoéxtaon THe Bauétpou, mwol gépvoupe &mé t6 A. Na fpebel xal 16
tufadb Tob ayhuato; AEMH.

328. Nd Omodoyiatel 76 uPadé 7ob xupTol navovikud Suderayavou dnb Thv dative
tov geple vé OmohoywaTel A wheupd Tou.

329. Na Ppefei & Abyoq v duPaBdv 7od tyyeypapuévon xal mepiyeypappévon
wavovinold bxraydvou até (3w wixdo (O, R).

330. Né Ppefel & Adyog vév EpBaddv Tol Eyyeypappbvon xxl MERLYEYPRUUIVOL
wovouinolh dwdexaydvou ordy B xixke (O, R).

331, N4 Orodoyiovei # mhevpd wal 6 drbornua 70D xavovixed ®) Gataydvou,
B) Bwderaydvou, v) elwoaaydvou, tyyeypappévon of xixdo (O, R).

332, Alverar terpdyeve ABTA pé xévrpo O, Mé wévipa vig nopugéc Tul TETpR-
yéwou xal dxtlve AO ypdgouue wuxhind ThEa, wob téuvouy Tig mhevpés Tol TeTpaydvoy
ot burds oqpeta. Né drodeyyBel b 7d onueln adrd elval #opupéG xavovixol dxTayhvou
wal vé Umodoyiotel 6 EuPadé Tou dmbd Thy wheupd ol TETPAYHVOL.

333, N4 Omoroyiotel T6 dpPado xavovikold moluydvou mob elva tyyeypappuévo of
wivio (0, R), xal #ew 35 Suywvioue.

METPHIH TOY KYKAOY

122. Oedpnpa. Kabe xavoviké mokbymvo Eyyeypappévo of kikho
(O, R) Eyev mepipetpo pikpdtepn amd thv nepipetpo Eyyeypappévov otév
1510 KOKAO KavovikoD moluvydvov pé Sithdoio dpBpé mhevpdy.

*Anoderln. “Eota AB =i, % mhevpk Tol Eyyeypappévoy othy whrho
(0, R) xavovixol mohuydvov pé x mheupés xal AA = AB = A, % mhevpa
o Eyyeypapuévoy xavovixol TOAUYGVOU aT6Y 13t xixho pé Sumhdoto dpi-
Bub mheupdv (oy. 156). "Amé 76 Tptycwvo AAB raipvoupe :

AB<AA+AB  §
1) dige P
“Av T oyéan (1) Thy molhamhacidoouue éml %, malpvoupe :
%A < e Rhgw A
(2) P, < Py,
mou P, xal Py, clvar ol meplperpor tév mohvyavey wé mheupés x i 2x

dvtioTolywe.

Hépropa. ‘H dxolovdic
() Py P“, P“,...,P,’,,...|V=0,1,2,...
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tdv neppitpav 1OV Kavovik@®y rolvydvoy, tod to kabéva eivar tyyeypap-
névo otdv idro kixdo (O, R) kai Exer Sinhdoio apbpéd mhevpdv and 6 npon-
yoopevé tov, elvar aiéovoa, Snhadf :

Po< Py < Pis < v < B < s | Wi 012505

123, Oewpnpa. “Av ivég perafinrod kavovikod roluydvov, tyye-
ypappévov ot atabfepd kixko (O, R), 16 mhfjfog tédv mhevpdv adbaver xai
teivel otd Gmewpo, tote :

i) Té pfikog tfig mhevplic tov A, pikpaiver teivoviag rpbg 16 pndév.

ii) To pfikog tof arostipatés tov @, peyakdver teivoviag npbg TV
axtiva R tob mepryeypappévov kixhov.

iii) To pfixog tiig nepipérpov tov P, peyahdver teivoviag mpég 16 pij-
kog L tod mepiyeypappévou xixdov.

"Anédeln. "Eotw fvag atabepbs winhos (O, R) pé pinos L (meplpe-

£x. 156 Ty 157
wpo) xai AB = A, ) mheupd &vég éyyeypapuévon ¢ adrév xavevixol moAu-
yovou pé v mhevpés (oy. 157).

i) Té wixog 700 (wixrbrepou) tofov AB elvan loo pé 16 1fv 7ol pn-
xoug L 7ol xdxhou, Snhadh elvou :

(1) KB ke
v
o : = . L
lére lim AB=lim — =0 (*).
v—>® yv—>oo V

* 16 aduBoho lim aquxiver Gplo,

WnoionoiBrke amod To ivotirouto EknmaiSeuTikrg MoAmkg



Métpnon TolU kUkAou 133

"Eneidn Bpwg elvat
(2) A = AB < AB,

mpoxtmrer dmb Tl oyfoeig (1) xal (2)  &m lim A, =0.
¥ —>
i) “Av O = «, elvor t6 dmbornue ol xavovixol mohuydvou xab AT =

= AB _ —)é“. , &mé 6 dpboydwio Tplywve ATO mob Exer dmotelvovon Ty

AO = R, maipvoupe :

A\ y TN
AQ® = OI* + A" § R’=u:+(—2-) % a;=aa—(_2.) "

4 lim « = lim [R%—(ﬁ)’]=nn—nm (ﬁ)’__.
Vv —> ® v—> 2 V—> ® 2

=R:—0=R? % lim « =R?4 lim a, =R ({pbaov & oyéon dvagé-
v—>8 v ®

peton 074 pétpa YewpeTpixdy ueyeldv), Inradh 6 dmboTnua o telver mpée
why dxrive R, &tav 6 v tebver mpbg 76 dmerpo.

iiii) Té piixos xuxhixod w6Eou, &n’ Tév dproud, elvar loo ué 76 bpro mpée
<6 6molo Telver wovovixd moALywvLl ypauwdh Eyyeypaupévn o abté, Btav
76 mAT00g Tév Theupdy TG Tebvel Tpos t6 dmewpo. "Apx 76 pijxog L 1ol xi-
xaou (0, R) elven too pé 76 Bpro mpés 76 dmolo teiver # mepluetpos P, pe-
TaBhnTol xavovixold mohuydvou dyyeypappévou o adwéy, Erav 16 mAFBog v
@&y mheupdv Tou Telvel mpdg T dmerpo.

Toppuwve w' aitd, dpboov § mhevpd A, = AB dvég dyyeypappivoy xa-
vovixo v - ydvou o7éy xbxro (O, R) elvar pixpbrepn én’ 76 dviloTouyo
a adtiv 7650 AB, dnadh A, < AB 04 elvar v - A, < v - AB 4 P, <L xat
tnedt tmmhdov lim P, =L, &meton ém 6 piikog tic petafhnTic TepLué-

v—> ®
wpou P, adfdver telvovrag ot pinos L i mepuutpou Tol xhxAou.

Mé &y Swrdrwoy,  dxohovbla Py, v =3,4,5,..., 7év mepuué-
wpwy TV Eyyeypapubvay xavovixdv Tohuydvey otéy xbxho (0, R) elvae
abEouan xah gpaymévn dmb why mepluetpo L 708 winhou (O, R), xal suyxdiver
o’ abthv.

124 . Oedrpnpa. Kabe kavoviké molbyovo nepryeypappévo of xokho
(O, R), Exer nepipetpo peyaritepn ané 16 nepryeypoppévo otév IS0 xixko
kavovikéd moldywvo pé Swnhdoio apBpd mhevpdv.

*Anédeén. "Eate AB =N, § mheupd Evég xavovixol moluydvon mept-
yeypapudvou aé xixho (0, R) xal T 76 péoo g wal T6 onueio émapic ™5
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pé Thv whwhe (0. 158). Dépvoupe tle OA xai OB xab dg Bewphooupe émt
wbrés Téuvouy T6v xixhe otd I xal K. Xrd I xat K gépvoupe tle pantépevec
76b 0oy, mob 6pilouy mavw oty AB td enusia E xal Z. 'H oupperpla
G¢ mpbe v dEova OT, xabdg xal dg mpég Tolg dEoves OA xal OB, Wi
EEoogahiler thv xavovikbTyra yidk T6 moMbywvo T6 meplyeypapuévo oty
wixdo (O, R) pé mhevpd whv EZ. Té mohdywve adté AEZH... ¥xer Sumhdoro
gpuBud mhevpdiv dmb v6 mokbywve wé mhevpd THv AB xal Eatw X'y, T6 piikeg
xoleprds wheupds Tou.
Ané va bpBoydvia tplyeve AIE xal BKZ Ejoupe :
AE > IE xal ZB > ZK. Tére elvar :
AE + EZ +ZB > IE + EZ + ZK 4§
Yoyt e g
(1) N> e,
"Av 1 oyéon (1) thv moManhacikowwpe ént x, malpvoupe :
Ay > 2 gy
(2) P, >P,
Iépiopa. 'H dxolovbia
3) | AW ) AR RS L D e T N
iy neppétpov 1Y KavovikGv nolvydvev, xabéve dnd ta dmola elvar
nepiyeypappéve otdév dro kikdo (O, R) xai Exer Sirkdoro apibpé mhevpdv
ané t6 mponyodpevé tov, elvan @Bivovea, Snhadi :
| e O O U St SR BT ) [ I

N>

Iyx. 158 Iy. 159

125. Oedrpnpa. Ol nepipetpor S0o petaPrnrdv xavovikdv molvydvov
pé 16 iho nhfjfog nhevpdv, mod 6 Eva elvar Eyyeypappévo xai té6 &rlo
nepiyeypappévo otdév Ido xixdo (0, R), teivovv npdg xowvéd Gpro, mob slvar
6 piixog tob xbxhov, Grav 16 mhfilog tdv mhevpdv touvg teiver mpbg 6
dmnelpo.

"Anédaibn. "Ag Oewphioovpe pid whevpd AB =), ol Eyyeypappévou
ravovinol mohuydvow xul dvtlotouze mpbs abth Thv A'B'=1N, 7ol mepiye-
Ypaqpévon xavovixol wodvydvou (ay. 159). T& ddo mohbywve, dpol Exouv
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AB or
6 180 mATfog mhevpddy, elvan § i Ero — =
76 (3o mATlog mheupdiv, elvan Gpox xal uéveg AR or #
Sy b 0, g "ML e e e B i S
7\", R b l R V= ® P’v vy—>® R
lim P, lim a, lim P, R
pre iR g Y2% = =1 % lim P, = lim P, AN
lim P'\, R lim P‘,' R V= ® v—> ®
v —> ® V—> =
lim P,=L (§ 123). "Apax hm P,= lim P', =L, émov L elvar 6 pij-
v—> ® L ]

xog Toh ®0xAou.

126. Oedrpnpa. (‘Innokpary tof Xiov). ‘O Aéyog tidv prxdv dbo xb-
xhov elvar Toog pé 16 Aoyo tdv dxtivav tovs.

‘Anodeiin. Xé d0o xhdovg (0, R) xat (O, R’). ’Eyypagouvps dmd
v, xovovixd moMiywvo pé w6 8o mATfog v mhevpdv (oy. 160). Tére <o
mohbyave elvon Spote wal & Abyos Tév meptuétpwy Toug elvan loog pé 6
Myo TiHg bpobtyTag  Toug

(§ 112). *AMA& & Abyog 8-
wotdTyTes :;" elvan Toog pé
by Abyo ‘r&‘:v dxtlvay Toug . B S '
:, "Apu : 3 v ol fon P8

P,
(1) P,

oz
kg £ 160

"Av 16 mAfflog Tév mAevpliv TaV mohuydvay Simhacidletar cuveydig
wal telver oth dmewpo, Tére ol mepluetpor TéV moluydvew ocuyxhlvouv otd
whxn Tév xinhav xat § oxéon (1) yedperar :

i e R i
e
vllll-nwpv = R ﬁ
lim P, R’
v—> g
L R
2 L. B
(2) Thle

Tépiopa I. 'O Léyog tob pixovg Evog xdxhov mpd tfi udpetpd tov
elvor orabepdg aprpbde.
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Hexppavina, 7, ogéon (2) yeapetal

Jl'i‘ - % i dxbua
" Lo
' 2R 2R

'AnG vy (3) mpoxinter &1L dgol yia 8bo dmeiwuadimute alrious G
] o ] -

Mopog 7ol piroug Tob Evég mpdg T diapetpd Tou Bpélinxe lous pé 6 ndye
o0 wihxou; Tol Ehhou Tpbg TH Sapetpd Tou, & Adyos abtbs 8¢ petaldiieTa,
Snaadd, elvar otabepbs.

‘O oraliepbs abrbs Aéyog cupforilerar Suebvids we 16 Ennnuind yadupax
w, Snhadi

L
4 — =
(4) R
Mépiopa I1. Té piikog évog kbkhou eivar
foo mpog 16 yvopeve tiig Biapétpouv tou pé

tov apibpd «.
Mpaypartixd, dné ) ayéon (4), nalgvoupe:
L = 2rR.
127. *Opiopde. "Eva elbiiypappe tuipx,
mob T pijrog Tou elvar loo pé t6 wixoeg vig
Ly 161 wixhou, Mystar dvantoypa 7100 xixAou.

* 128. “Ymohoywopds vol &piBpod m. I'd vd Omedoylguupe tév ol =
osentéuacte wg &£7g ¢

‘0 wimeg (4) vhs mpumynipevne magaypdgen Blver tév dpliné o dg nnelae TR
mepipétpon L bvbg windou meds T Budpetpd tou 2. "Av émopévas yvwpilaue Thy negh-
petpo L dvbg wixhou pé yvaots, Sutuetpo, B¢ propotoape vd dmaioylooupe tév gplpd .
Mé 0 oxdyn abth Eewwviue vd ypddoupe #vav wixho pé Sudpetpo 2R — 1 = 1L — T; :
drmbre & Timog (4) THs mpunyeluevng mapaypdpou Siver m == L, 8qhadt 4 mpdfngux dua
yetar otéy Hmoheyiopd Tul pAxous L tis mepuuétpuu Tl wixhou pé detiva R - %

"Av otbv xixho Eyypddoupe xal mepuypdijovpe xavovind moklywva pé th Lbw
nibug whevpdy, Eatw Eddywva (oy. 161), elvar gavegd 6t 4 neplpetpug L U aiahou
mepéyetar petalld Thv mepubtpwv td@v Sbu moduydvev. Hpaypatikd, w6 byveypappéve
mokbywve Egew mepluetpo wixpbrepy dnd Thv meplpetpo Tob wixdoy, dxedt elvar whetath,
®upTh Ypapeh woU xhelvetar dmbé ENhy (vév wixdo). "Eniong & wixhos ¥re neplpetpo
wicpbrepn dm' Thy mepluetpo ol mepLyeypapuévou wohvyduou, Emedh elva ®AELOTY,
xopth Ypapph mob xhelverar dmd dhkn (76 mepuyeypaupévo modiywve). "H mheugd ol

Eyyeypappévon E5aydvon elvan Ay = R — % nal tropbvag ¥ meplpetpd tou elvan g

=6 - _;'.. = 3. 'H mheupd 700 nmepiyeypappmévou eiaydvou dmuroylletar wé th Bunbeu

Tob thmou (2) TRG mapaypdpou 115 mpuoeyyiotind ovéy deilpd 0,57745 wxl trupdvos;
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h mepluerpbs Tou elvar P’y =6 0,57785 = 83,4641, "H8n Peénxe ped mpditn mpooéy-
ean ik tov dplBpb m, h =3, yarl Pa < < Py =3 < ® < 3,4641.

Mé Bimhaaiaepd 1ol mifloug tév whevpddv tdv EEaydvey malpvoupe Swlendywva,
uetd 24 [ywva w0 wal x40e gopd propolue va Hmoroyllovpe tle mheuvpée tdv xavovi~
#iw makuydveay, tod fpoxdntouy pé th Bohlewn tév thmuy Tév mapaypdpey 114 xal 115,

Mé <6 auverh Bumdaowaopd tod mhifous THY mARLpHY ThY mOAYhVELY, TE xavovixd
oddymve telvouy va tantiotoly pé thy wixdo xal pé tév tpbme abth Bnuioupyolveat 840
wendonfiies meprubtpov mod ouyrdhivony mpbg Ty dpBubd -

Py Pig< Py < vavgmc e Plgy< Py Py
ol 4moles mepuoplfouy tév m bhodva of etevirtepa dpbunTind mialoux.

Karadafalvoupe elixorn mig oo meproobregous bpoug dnd tic mponyodpeveg duo-
rouBies Omodayloovpe, thoo peyaddtepy mpookyyion yid thv dpfud n Bd mdooupe. “Ag
anuernfel e ol Ymodoyiapel adtel ol eldoug, mplv dn' thy dvaxdiudm tév Rhewzpovi-
ziw hmadoyatéy, frav Buoyeptotator wxl dmxoyblneny yid modhd yphvix otz palr-
stz Budgopov Etoydv.

xpxnd=e Blvovpe mhvaxa tév mepysbtpav tév Eyyeyeaupbvoy wal mesiysyzan-
kv cxvovikbv moluydvey ot wixde pe Sdpetps 2R — 1.

v P P
6 3 3,46410
12 3,10582 3,21540
24 3,13262 3,15967
48 3,13935 3,14609
96 3,14103 3,14272
192 3,14145 3,14188
384 3,14155 3,14166

'O dpfpbs m meptéyetar ndvrote petald tév dpfudv tév 8lo arardv P owal P,
I'4 dvpeBn Sevadnd Yngla 7ol 7 elvar mpogavidg T xowd Ynplx tév 8o mposeyyloewy.
‘Ard thy mponyoldueve mivaxa mpowdmrer Bt 3,14155 < n < 314166, Snaaldn 4 dpfpdc
= pé td tpla npiite Sexadind (mpla tou elvar ™ = 3,141 ...

‘O m elvar dadpperpos dplBpds xal pdietae SmepPatinds, &nwe dnédefe 6 1882
i Tepuavég pabnuxtinés Lindemann, 3nhadh Sy pbve 8év pmopel vd mopratalel pé
vdmoto dpifunTind xhdops, dIad 8év pmopel v elvar plla wawds diyeBpunfic tiodoeng
ut hxéparoug guvteieatés. “Eror dmoSelyfnxe 47 8bv elvan Buvard vd xataoxesaotel pé
Thv wavbve xal w6 BunBhity e00ypapyn tufpe, mod vi Exeu ufjxos loo pé tév dplbps T
‘H Buniorooy adth Slver dprovid dpvnrind) drdvrnan ath Aben w0l mpoPrhpatog Tob
sevpayenvtauol toll wixdon, mob télnue dnéd todg dpyalong “Exinves, Snhadh <R watx-
avendis Tetpaydvou ot ¥yer éuBadb Yoo pé thH EuPadé yvwatol wixinu,

"Ard <h Dedpnpa ol ‘Inmoxpdtn galverar Bt & dptBuds m frav Yvaathe xal atoic
spyalons; "Eldnves, mod Omofudlovray pdhora 1 adtds Sév pmopel vd mapxratafel pt
whmown dp0unied sdapr. "0 "Apyihlng (287 - 212 n.X.) #Bwas wd mpooeyyioTueh

Ttwh s, Thy W 2_2. = 13,1428 =o' Buxpbpe. meplmon wx=d 1 dnh kv mearur-
7 1000

Trd, Tl 20h
Srtv mpdin dvrl nd thy 400pd m o yemmunmawtvea ol mpageyylaez Ton

3,14 # 3,1416, # 3,14159,
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dvidoya pé Thy dxplfera mod ypeudfeta yid Thv dvriperdmion tol xdfe mpoBhfuxrog,
*AE(e. vi onuerwbel &t td Ymplx tHe tehevtalug drd <l mponyodusves mpogeyyioelc,
mot elvar yvoorh dné td péox tol 160v aldva meplmov, oupguvolv ué <6 mhfbog <év
yeaupdrav Tov Mfeav tis gpdoswg !

Gel 6 @edg 6 péyag yeoperpel
A ! 1 5 9
Thuepx yid vig dvdyxes THg dotpovantiniis, mod dmautel dnpiBéoTatoug hrolo-
yiopods, ¥xeu Bpefel pé hrextpovixd dmoroyiath npootyyian 100 dptlue m pé 10000
Bexaduwd Ynela.
Alvope wpoatyyian Tol dpBpol © pé 15 Bexadind Ympla :
n = 3,14159 26535 89793...

MHKOZ KYKAIKOY TOEOY

129. "Opiopég. Mfjxog 4 dvdmtuypa €vog xuxhixol T6Eou pé dxpa Ta
onpsiz A xal B Mystou 16 8po, mpbs 76 dmoio telver 16 pixog xavovirig
mohuyeviic yeaupie wé T e dxpax A xal B éyyeypaupévng oté Télo,
Grav 6 mAFlog-v Ta@v mhevpdv g adfavbuevo dmepudprote Telver mpdg TH
&newpo.

130. ‘Yroloyiopdg 7ol pfixoug xuxdixol téEov. Elvar yvaoeréd
nde td yeopetpund peyedy aréba dvbg wixhoun xal wdvrioroiyes mpbs abrd
tnixevipeg yovieoy elvar dvddoyo. “Av émopévag oupfolioovpe | 76 pijxog
wurhixod TéEou, Tol émelou ) émlwevrem yovlx, 8rav petpnfel of wolpeg,
elvan w9, 04 Exovue Thv dvahoyle :

i o
(i) Gty L]

L 3600
&rov L elvar 76 piixog 7ol xdxdou (O, R), atdv
dmoto dvixet t6 T6Eo.

v il Tére dmbé h oyxton (1) el yvaptfovrag
én L = 2nR, malpvoupe :
ar A AR o
Iy 162 (2) L 360

131, "Axtivio (rad 4mé =6 radian = dxtivie). "Eva xuxuxbé t6fo
Myetar w0 &vbe dwrwlov (R dxsivio 7680) rav 6 dvamtuypd Tou (76
uiixog tou) elvar too pé Thv dxtlve 7ol whxhou, oTéy dmolo dvfixer. *Ave-

otolyws % Enixevrpn yovla tov Myetar yovia &vbg dxrwlov. Idupova pé
2R

adtd fva mATpeg TéEo (vé&o 360°) Eyet —PT= g e =2n axtivwa. 'Avri-
orolyws § Emixevrpy yovia tov, Sphadh i yevia Tdv 3600, Eyer 2w dxvivia.
‘H yeovla tvég dxrviov mepréyerar perald tév 57° xat 58°. Mia mpooty-

yioh g elvan :
s 1rad = 5717 44, 3.
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YAv 1§ énlxevipon yovie évég thEou I, petpnuévn of dxcivia, elvar , &
wmeg (2) ypdpeta :

EMBAAO KYKAOY

132, Tiugowva pé td mpovyodpeve umopolue vd Bewphooupe 81 th
¢ufodb évés whdov (0, R) tebver va xoduprel dmd 16 2uBadé petaPin-
Tol xavovikol Toluydvou Eyyeypoupévon o adthy, frav 6 mATOog Tév
mAcupdv Tou Simhacwalbpeve ocuveydg telver oté dmerpo. “Av E; elvar T
EuPadt xavowrol moluytvou pé A mheupés, yvwpllovpe (§ 110) mdz elvar
E, = it?-.ﬂ- Tére dnutovpyolus thv dxohouBia Tév EpBaddv

1) By B B BY . {v=042,. ..

YAv 4§ dxoroubBla (1) auyxdiver, tére 04 Smdpyst 16 2uBadsd E 1ol whdon
wak 0 elvar Yoo pé 6 Bpro tHg dwodouBing (1). "Adra § dxohouBia (1) ouy-
»hver, yrath (§ 123):

fim Ey% = lim | Pele- g’ ] s T Pt T gt %l R

v—> 8 P ] 2 2 v—> ™ ]
= % -2rR. R=nR2 "Apa
(2) E = nR3,
*Av d = 2R elvor % Srduetpos tol wduhov, thre & Tinos (2) ypkpetar :
nd?
3 E=—.
(3) %

133. KuxAmxdg topéag. "Ac mapovpe &vav xdxdn (O,R), Eva téEo tou

AMB xail tig Bbo dxpaieg dxtives Tol t6Eow OA, OB
(oy. 163). Té xheiotd Eninedo Tufux, wod dplleTor
anb ©6 téEo abth nal dmé tlc Bbo dupaieg duriveg
Tou Aéyetor wukhikég topfag. ‘H imixevipn yovia

AOB ob t6Eou Aéyeton wal Emixevipn yovix Tol
xuKAxol Topée.

‘O wixdog (O,R) pé 16 towrepixb tou pmopel
vd Bewpnlel xwhinds topéag, mod % Emlxevion yeo-
via rou elvar mifpne yovia, Snhadh yovie 3600,
Abtéy 04 tév Mpe xal mARen xuxdind Topéa. Iy. 163
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134, *EpPadé xuxhixol vopéa. Elxorx pmopei v Suamiorwlel én
v yewpetpind otoryein «xuxhixol Topeic tob ov xhxdoun xal «dvrioTor-
yes mpbs adrols énixevipes ywvlegy elvaw dvdhoyoe.

Tére, v B, clvar 76 EuBadd xuxdivod Topéa, mob 7 Enixevren ywvia
tov ot poipes, elvan pf, nal E = nR? 16 uBadb 1ol xdxhov, atév bmaio dvi-

xev & Topéug, Exovue :
Epr, - P-o

=R*  360° ﬁ
II
(1) Eu.1.=—“%-w-"—.

Metaoynpatiopds tod tomov (1). "Av ¥ Emlxevipn yovie 7ol xuxhe-
%ol Topéa oé durtivie elvar @, Tére & Timog (1) ypdoerou :

2,
]i_‘,,"__"=.'“:1:;1.':m =._;.R’m=%ﬂm-ﬂ=—;—l-ﬁ %

1
Eur = TIR!

gmov | elven 76 pijnog 7ol T6Eou Tou (§ 131).

135, KuxAxd tpfjpa. "Ag mdpovpe éva xdxho (O,R) xal pla yopdh
tov AB (oy. 164). ME = yopdhi AB 6 xhdog ywpiletar o 3bo xhewora
tuhpate ABMA xal ABNA, mobd t6 xobéver Méyeron xvxhxéd tpfjpa. X6

xaféva &’ adrd dvmiotougel wple dnixevipn yovia AaB, mob ik 16 mpdTo
elvar xupth, &vd Yk T6 Bebrepo elvan wh xupTh.
Té duBadé xuxhixol Twhpartos Umohoylferar dnbd va éufada ol dvrl-

N

=M
Ly. 164 Zy. 165a Zy. 1658

aroiyou o alth xuxhixoD Topéx xal tol lgooxehols Tprydwou AOB, dg
&Eijq
i) YAv AalB < 2L, th1e:
(ABMA) = (AOBMA) — (AOB).
i) YAv AOB > 2L, ~ére:
(ABNA) = (AOBNA) + (AOB).
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136. Mnvionog. Té xhciord Eminedo Tufue, ol épllouv 8bo xushua
760 (Byr Tol (8ov wbxdou) pé wowd dxpa A xat B Myerar pyvloxoc.

“Av 0 wown xopdh AB Pploxetor EEw dmb 6 pnmvioxo, 6 EuBadé Tou
elvar Yoo pé ) Supopd Tév EpPadiiv tév o wwduxdv Tunudtwy AMB
xal ANB (oy. 165a), &véd, &v % xowh yopd# Peloxeron péoa orh unviexo,
76 EpPadé vou elvon Yoo pé 76 #Bporopa 7@V EuPaddv Tav Bbo xuuxdv
tunpdtoy AMB xai ANB (oy. 1658).

AEKHZXEIEZ
A’

334. Nd Bpefel t6 pfivog w0l wixhou, med ¥yer dutlve 8 m.

335. ‘Evbg abrowwvhzou ol tpoyol ¥xouv dxriva 0,35 m xal Exavav 1800 atpogés.
Iléon émboraoyn Siétpeie 76 abroxivnro ;

336. "Evag xuxdxbs otlfog Exer piixos 400 m. Iléen elvar % duzlva zou ;

337, Ildve of wé edbelx malpvoupe td Buadoyixd tufpata AB, BT xal TA xai
yodpoupe huuwlriix ué Swxpérpous tig AB, BI' xal I'A. N& drodeiyBel &1t 76 pfinog ol
huwedxhon pé Sukperpo thy AA elvae loo pé 6 #Bpoopa @Y unedy TéY TpLdY X0y
Hpurhioy,

338. N& Ppefel 16 piinog tob wdwdov 7ol éyyeypappévou of xavovixd Eidyove
ol ¥yev mAigupd 5 cm.

339. ' #vav xixho pé dutlve 6 cm dyypdgovue Tetpdywvo xal oTé TeTpdywve
Eyypdpoupe véo xixho. Nd Bpelel % dutlva xal w6 pfirnog 7ol véou abrod xiwhou.

340. N& Ppelel 16 yfinog ol wéfov mod dvriorouyel o mhevpd dyyeypopuéve
xavovixoh EEaydvoy of xdxho pé drtlve 4 m.

341, Nd Bpebei 76 pfixog 7ol téZou mod dvriotouyei of mhevgd Tetpaycovoy dyve-
Ypoppévou o wiuho ué dxslva 10 m.

342. T’ &vav ulxho #va w60 40° Exel pfixog 15 m. Nd Bpebel 4 doerlva 7ol windon.

343. Mé xévrpo wlg xopupés lodmhevpou tplydiveu pé mievpd a wal durlva o ypda-
goupe 3 6B, mob Exouv td dxpa Toug ol xopupég Tob Tprydvou, Nd dmodeuyBel 7

dOpotopa T@v pnxdy Toug elvan loo pé 16 uirog Tob xdxhou mod Eyet duriva i;- .

344. Nd Ppelet 6 £pBadé wiudov mol ¥yer duriva 5 cm.

345. Né Bpelel 76 ¢ufads Tl xdxdov 700 Eyyeypappévou oé Tetpdywvo pé mepd o

346. T’ évav »nixdo ypagoupe plx Suduetpo AB xal tlg yopdég AL xal BT, "Av =4
piixos Tév xopdiv elvar 12 m xal 5 m dvrlotowya, vé Ppefel <6 duBadé ol wixdhou.

347. Nd dnodeuyfel bt v6 EuPadd xuxhuol Saxturiov (Snhadh <6 Eupadsd <ob
pépoug, ol mepuéyetar petald Slo dubrevrpwy xlxdwv) elvar too pé 6 uPadé wiviou,
mob Eyew Budpetpo tf yopdh Tol peyadbrepou uindou, H dmola elvar dpamtopévn 7ol wi-
»pbrepou.

348. ' dvav xixho pé dxsive a elvar dyyeypaupbvo fva xavowxd Eidywvo. Ni
Bpelel ©6 EuPads tob pépoug Tob xdxhou, molb PBploxerar ¥Ew dn' T6 EEdywvn.

349. Nz Bpefel v6 &uBadd xuxhinol topéa 1200 o' #vav wixdo pé dxsiva a.

350. "Evag wusdindg taptag 45° yer dpBadé mad. Na Bpebel v6 dpBadé wal ¥ dxsi-
va tob xdxdou,
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351. N& Poeflel 6 tuBadb wabevbs dné vd Bbo pépn, etd drmola Swpelran Evac
whinkng pé dxtive o, &mé Thy mheupd ladmheupou Torydivou mob elvay Eyyeypapptvo o adtév.

352. ‘Opotog anbd thv mwheupd ol Eyyeypappévon Tetpaydvon.

353, Avo laow wivhor pé duciva g, Exouv Sudxevtpo Tan pé V2. Né Bpefel <6
EuPadh <ol xowal pépoug toug.

B’
.

354. "Evag winhog vd Suxipelel of éoaepa laoBivape pépy pé dudxevipoug winious.

355, "Evag winhog vd BumpeBel pé dpédxevtpoug winroug of tpla pépn dvihoya
mpbs & whxn A, @, V.

356. Teels foor whdor pé dutiva R dpdmrovrar dvé 8lo Ewtepd. Na Ppelet <6
tuBadd 1ol pégoug, ol mepthapBaverat petall TEV TeLdy adTEY wiXALY.

357.Tpeis Yoor xbuhor pé dutiva R épdmrovtar #Ewsepind dva Blo. Nd PBpebei
<6 $uBadé ol wixhou, mol pdmretar EiwTtepnd o adrolg xal Tol xixkou mol EpdnreTar
towtepind o' adtols.

358. Atverar éva lodmheupo Tplywve wé mheupd a. Mé xévrpa Tl xopupés tou xal
dutivae o yphooupe dvd Eva t6Eo mod ¥yew td dupx tou otlg Bbo HAheg wopugés Tou. N
Boefel 6 EuPadbd Tob xapmurdyprupov Tpiydvou mol aympatibevat.

359, Alverar v tevpayovo ABI'A pé mhevpd o, ME sopupés tle A xal T xal dutlve
% ypagoupe 30 Tetaproxixha péox atd tetpdywvo, Na Peefel 16 EpBadsé tol pépoug
noY) meptéyeTar dvikpesd Tous.

360. Mnviokot to0 “Inmoxparn. "Eva dpBoydwio tplyewve ABT elvan dyyeypop-
uévo oé Huexixio. Mé Buxpérpous Tl wdletes mheupés zou AB ual AT ypdgovpe fue-
wiviix ot6 EEwtepind 1ol Tprydvon, Na Seuyfel &7 76 &Bparops tév 80 pnvloxwv mod
aynuatilovrar elvar loo pé 6 Eufadd <ol tpuycvou.

361. Alvetar #va tevpdywvo pé mhevpd 2o, ME xévtpa tie nopugés Tou nal dutiva o
yoxpoupe TetapTondxhix péox o' adtd. Na Ppelel 16 éuBadb tol xapmurbypappou atau-
£0b mwob oynpatiferal.

362. Alvetat éva tetpaywvo pé mhevpd 2o, Mé Siaxpérpoug tlg mheupés Tou ypdpoupe
huuehha péox oté Tetphywvo. N Ppelel ©6 éuBadé vod wapmulbypappon ataugol mod
aypnuarileTal

363. Alverar &vag xiwdog (K, R). Mé xévrpx tlg xopupés 700 Eyyeypapuévou o
ahréy labmhevpou Tprydvou wal duthva R ypagpoupe tpla t65a mod Exouv td dupa Toug
azhy wivkn, Nd Bpebel w6 tufaddv ol xapmuhdypapupon tplguilou wol aynpetifetar.

364. L' Bvav xiuno K pé dutiva R @épvovpe 8bo Suxpérpoug AKB xal 'KA xdbe-
zec perafl Toug. Mé wévipo 16 I xal dutlva T'A ypdpoupe 16 v6Eo AEB. Né dmoBeiyBel
A7 th EuPadsd 1ol pmvioxov AABEA clvar Yoo pé 76 éuPadé tob tprydvon 'AB.

365. Aiverar #va lobmhevpo tpiywve pé mheupd a. DUpdpovpe dnd Eva t6Eo, mod
megvaer gmé thg 8bo xopupés Tou xal &mé 6 wévrpo Tob Tprydvou. Nd Bpebet 16 dufxdé
=07 Teleuidou mob oynuatiferar.

366. Alvetar va tetaptonixiio KAB pé dxtive R. Mé xévrpo ©6 A xal dxtiva R

yeapoupe éva toko, wod Téuver 6 TbE0 AB o6 I'. N4 Bpelst t6 EuBadb w0l purtbypap-
uon ayfuxto; KBL.

367. Abveran éva fuuduho pé Sudperpo AKB. Tldve ot Sukperpo AB naipvoupe
xdmoro anueio ' xal pé Buxpérpoug tig AT xal BI' ypagouvpe dmd évav xdxdo péox ath
fuodrho, "Amé 16 I pépvoupe iy wdbBeto ativ AB, mah tépuver t6 fpuixiie oté oqueio
A. N4 drmoSeryfel 87u v4 Eufadé, mod mepihapfdverar petald v Tpudv Huudkitey,
elvae Tan pé 76 uPadd wivion mod Eyew Sudpetpo th A,

WnionoiBrke amod 1o ivotirouto EknmaiSeuTtikrg MoAmkig



'Ackfioels 143

368. Mé wévrpa <l xopugés évbg Tetpaydvnu pé mhevpd x wal dwtive o ypdpoupe
vetaproxinhie péox 016 tetpdywve. Nd Bpefel 16 duBadé ol wapmiddypmppon Tetpu-
yavou mobd aynuatifetar.

369. Avo xiwhor pé dutives p xxl 3p Epdmrovrar tEwtepind oth onuein A. Oép-
voupe Thy xowh Ewtepin) dpantopévn BI'. N Bpelei <6 duPads tob pépoug, mod mep-
hapfaveton petald thHe BT xal tév 8o wivhev.

370, Tldve o wd edfelx malpvovpe tplx tpAuate AB = Bl = I'A = & xal ué
vévrpa h B wal I' nal duslve o ypdgovpe xixhoug, mod téuvovrar otk omueiz B xal Z.
Mé évrpe td B xal Z wal deriva 20 ypdooupe t68x, ol xatadkfyouy a3obg xixhoug ai-
tolg. Né& Poelel w6 EuPadé o0 «doudolcn oyfpatos.

371, Alveran Bva teraprondhihio KAB pé xévrpo K. Mé Suxpérpous <le dueslvee KA
nat KB ypdpoupe drd éva huudnio med Bploxetar péon 076 teraprowinio, Td Bio fui-
wouho Tépvovtar oté anueio I Nd dmodeiyfei 61 : a) Td onueia A, I', B Bploxovrar
atiyv (81a eblela, B) 16 napmurbypappo oxfua KI', mod mepuhapPdvetar petal) tiv Bbo
abtiv fuorhloy, elvar loodivapo mpég 76 &Bpolopa Tév Blo xuxhindv Tpunudtov, Tod
Erouv wopdés <l AT xai BT wal v) vé Poefel w6 2pPads <ol xapmudbypapuoy oyhuxtog
mod wepthapBdvetar petabd Tav tEwv KB. AT xal BT

372. Mé névrpa tlg xopupés évbg tetpaydivou pé mAsupd o wal dwtiva x ypdpoupe
Téaaepig winhous. a) Na Ppelel ©6 £uBadé ol xowod dowrepinol tuhuxtos Tév Teand-
pov wixdov. B) N& Bpefet ©6 &uBadé dhou 1ol oyhpatos.
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STEPEOMETPIA

BIBA1O NEMIITO

TO ENINEAO

137. *Eninedo. ‘H fwoa 100 émumédov 4 énlnedng émpdveins piic el-
vou yveor) dmb Thy émimedoperpla, ¢ npwtapyich Ewown. ‘H émgdve
mac fpeuns Muwng (repropropévey Suxotdoswyv) wmopel va Sdoer Thy el-
wbve dvbg pépoug Erimedng Empdveoc.

138. *AEwbpara Tod émimébou, *AElwpa I. “Eva #ninsdo nepéyer
rovhdyioto tpia anueia A, B, T not 86 Ppioxoviar otiiv Tha edbeia xal
brapyer Eva tovhdyieto onuelo A BEo ané 16 EnizeSo (oy. 166).

*AElwpa I1. *Ané tpia onpeia, nod 88
Bpioxovtan otfjv (e &dleia, nepvaer Eva

koi povo Eva tminedo. " (€)
*ABtwpa III, "Av A xai B elvar 800

onpeto évég Emmédov (I, A ebfeia AB n r

elvan edBeia tob Emmédov (IT) (oy. 166). A 8
Tépiape. Mia eb0sia (¢), nod 8év avii-  F— \

kel o Bva Erminedo (IT), propel va téuver Ix. 166

6 dringdo (1) pbvo of Eva onpeto I'. T
T Aéyeton [yvog tiig edBeiag (€) ndve a6 drinedo (IT) (oy. 167).

*AElwpa IV. "Av A xai B elvar 500 anpela tob yxopov, Exatépwbev
10
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émmnédov (I1), tote kGOe ypappf mod nepvaer Gné td A xai B Exer Eva tou-
Aayioto kowd onpelo I' pé 16 Eninedo (oy. 167).

*AElwpa V. "Eva irinedo ixteivetar areproprota.

139. Oedpnua. “Eva ininedo mepiéyer Ginepeg edleleg,

"An6derln. "Eotw &va inimedo (I1) xal tpla onuele Tov A, B xal T
mod 8¢ Peloxovrar athy (Sux edfela (ox. 168). Oewpoips v eibeta AB,
mob dviixer oté Entmedo (1) (&Elwpea IIT). "Eote dubpo Eve onueio M ¢
eifielag AB. Adré dvier oté (I1) xab owverdsg 7 edfele M dvixer até
éninedo (IT).

Ol dimerpes Oéoeis, mobh wmopel vé e 74 onueio M mave vy edbeln
AB, 8ivowv &merpeg eifsiec TM, mob Tpopavids avixouwy Siec oté drimedo
(IT). "Apex 6 (II) Eyer dmewpeg edfeicc.

HNopatipnen. "Ar’ 16 mponyoiucvo Bedpnua cupmepaivovpe mde dv e
ebfeloe I'M saveizon €vor, Gove w6 onueio I vé nopapéver otabepd xal 16 M
v dvixer mavta othy elfele AB, # edBela I'M Siaypdge Eninedo (I1). *Ax’

ey

Iy. 167 IZx. 168

adté mpoxdmrer §rt 16 dnimedo (IT) propel vé oyquatiorel dnd pid Térola
ubmen < edbelag TM, vy’ advé xal Aéyeton ebBeroyeviig Empavera, ‘H eh-
Belx AB Myeror 08nybs yid Ty xbvnon Hic edfelug M 2v&s <6 ompeio T
Méyeton mOLOG.

Kafe eifetoyevic émpdverr, Smradh xdbe dmipdverr ol Sueypdoeton
amb hv xbvgon xdmowng edbeluc, Sév elven dnwadimote Eninelo (xupartost-
8c Empdvere x.4.).

140. Kabopiopég éminéSov. Tpia onuela nod 8¢ Ppioxoviar eTiv
B evBeia xaBopilovv ) Ofon évéc kai povo Emmnédov.

Aeybyaore bm tpla oquela A, B xat T, mob 8¢ Beloxovrar athv Sia
ebfelo elvar Ixave, yid vé xaBoploowy 6 povadind éninedo (IT) (oy. 169),
w0l mepvaer n’ abra (dElwpe I1).

Ilépropa. “Av 800 rineda Exovv tpia kowva onueia mod 8¢ Ppioxovrar
otijv Swo edBeia, ta Emineda tavtifovrar.
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141. Mg £d0eia xai Bva onpelo EEw an’ adtii xabopilovv th Béam
Evog povo Emnédov.

Mpayporind, €ote wd edbela (c) xal &va onuelo A o dn’ adtih.
Matpvoupe 80 browadhimote onueia B xal T <ig edfelag (e). T4 tplo onpein
A, B xat I' xaBoptlouv éva énimedo (1) (ay. 170). ¥ adrté dvhixouy t6 on-

R Ry

Zx. 169 Iyx. 170

peio A xal % edBela (), dool Exer 3bo onuein ™g B xat ' nave até (IT).
Mropobue émopdvers vé Bewphooups B w6 énimedo () éptlerar &mb ThY
edfela (&) xal dnbd 16 onuelo A.

Tlépiopa. “Av bo Enineda Exovv md xowih eddeia xai Eva xowvd om-
pelo BE arnd thv edBeia, toére tavrifovtai.

142. Abo ebBeteg mod téuvovrar xabopifovv tf) BEom Evég pbvo tmuntSov.

Mpayparind, & (c1) xat (g9) elvar ol 8bo edbeies xat A elvar 76 xowbd
woug aqusio (oy. 171), Bewpolue dnb éva onueio B xat I' the xoabepidc
wal ¥otew (I1) 76 énineBo mob mepvier dmb vd tola onuela A, B xal I'. Z7é

(€)
(2
n

Ty 171 Ty 172

(T1) dvhxouy xal ol Bbo edBeies, dpob # xofeuid Exer 3% omueix g oth
(T1) (&Etwpa II1). Mropolue dmopdvar vé Bewpfioovpe &7 6 ¢nlnedo (I1)
Eyer bpuarel amb tlg 3o Teuvbpeves edfeles.

143. Avo mapaiinieg edBeleg kabopifovv i) Ofam Evog povo Eminédov
(oy. 172).

T¢ tobro watahhyovpe dmb oy bpiopd Tév mapaddihav edbeidy, dg Bud
ouvenlmedwy ebBeidv ywpls xowéd onpeio.

Iépiope. “Av 8bo Erineda Exouv 500 kowvig edBeleg (tepvopeves ii
napadinhes), 1 Enineda adré tavtifovrar
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144. "Avaxepadaioon yid tov kaBopropd Evog EmineSov.

"Evar énimedo xaboptlerar mMpws, xal ouvendic 04 Bewpeira eeth,
o7ls dxbhoubec TEPINTHOEL

i) "Orav yvapifovps tpia onpeia Tov, mob 8¢ Ppioxovror otiiv 15 edeia,

ii) "Otav yvapifoupe ma edbeia xai Eva enpelo tov molh Hév avixer
otfv eblzia,

iif) "Otav yvopilovpe §oo tepvbpeveg edbefeg tov.

iv) “Otav yvapilovps §to napaiinies edleieg tov,

Heparfipnon. Zrlc mponyodueves wéooepls oroeiddes mepintdonic,
04 Bewpobuc 6 énimedo xataoxevdowwo. "Entons pall pé wde inlmedo
oxfua wob pdg Siverar (m.y. Tplywvo, xbxdos, xavovixd moAiywvo %.4.) B4
Bewpolipe %l v6 irimeds rou g Sedopévo.

Zrd, oyhpata THe arepeopetplug mob elpaare @vayxaopévor vé dmeixo-
vifovue €va oTeped mhvew oté PoMha oyedidaewe, Tic TEpLOahTERES popts Th
éninedo 0 td anewcovifovpe pé dva bpfoydvio Tufiua Toue, mol B4 4 oye-
Sdlovpe Euws ouviBuc odv mAdylo mapaAhnhbypappo (Bréme ual § 204).

145, Gedpnpa. Mave o Eve tninedo (I1) Oewpolpe ma edbeia (2)
kai Eva onucio A. "Ané 16 A otpvovpe ebBefa (n) //(€). "H ed0eia (m) avi-
kel ot éninedo (IT),

"An6deritn. Of 3o mapdMghec edfeiec (c)

(g) xal (1) xabopllouy éva éninedo ( ox. 173). Adé

pall ué 76 &nixeSo (I1) Exer xowd) Thv edbeto

A (m (e) xal 6 oqueio A xal Emopéver ouuninre

n ué 76 (I1) (§ 144 mbp.). “Apx 4 edbela (y)
Iyx. 173 dvixer oté rlmedo (IT).

EY®EIELZ LTO XQPO
146. Zuveninedeg edBeieg % dpoenineSec edBeiee Myovrar 800 Sua-

poperixés edbeles, Grav dmdpyer érinedo, mod vd tle mepiéyet. Téro of B0
edfeies ¥ Bd téuvovrar oé Eva onueio % 0d elvor mapdinhec.

147. "Acbpupares ebBeieg Myovrar Bbo pf cuverimedes edBeiec. "Amo-
whelovrar T Evdeybueve «vd véuvovrawn ¥ wvd elvan mapdAAnAecy.

EIIIIIEAA TO XQPO
148. Gewpnpa. "Av §bo Enireda (IT) xai (P) Exovv 800 xorvé onueia
A xai B, 161 ¥xovv kai kowi ebfefa tiv AB.
"Anddergn. Ae(I1), Be (IT) = &30, ABe(II). 'Enlong Ae (P), Be (P)
= cif. ABe (P) (ax. 174). “Apot ) edfele AB elvan xowf vk ¢ So éni-
meda (I1) wal (P).
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Mapatfipnon. Té Bedpnue wropel vé tmentalel yid v Emimedo, Snhads:

*Av v Enineda (I1,), (I1),(I1y), ..., (TL) Exovv 800 xowvd onpela A xai
B, t6te Exouv xai xowq edbeia v AB.

Iy 174 Zy. 175
Té v émineda Mue bn dmovedolv dEovind) Séoun émmédwv (oy. 175).
149. Oedpnia. “Av §bo Enineda (IT) xai (P) Exouvv Eva xowvd onpelo
A, tote Eyouv kaf md xowvi] edBeia mod mepvaer amd o onpelo A.

*AnrddeiEn. Oewpolpe i edbela (c) w0l émimédon (P) mobd mepvdel aw
6 xowb oqueio A tav 3o émnédwv (oy. 176). Ildve o adwh xol Exaté-

L/
[ /

Ix. 176 Ix. 177

pebey Tob A malpvovpe 8o onuein B xal A xal vpdpovpe wik yeouwn ()
(Bye edBela), mob dvixer oté Erimedo (P), xal mepvder 4n’ T onpein B xal
A. Abth 0d xbler v6 éminedo (I1) of éva onpeio E (§ 138, IV). Té onueio
E dvhxe. mpopavis xab otd 3bo énimeda xal ovvemdic f edfelx AE elvar
xowh ik td éninedo (IT) xal (P). "Apa # roun 8o EmmeSwv, yevirdc
elvon edBelor.

150. ‘Opiopdg. Ado inirnedo (IT) xai (P) Ayovian rapiinla, v 1
topn tovg elvon t6 kevé olvoko (0. 177).
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ALKHEEIE
AL

373, N droderyfel 8n drb wpla amuein mod Bploxovron athy (B ebbelx, mepvolv
&mepn Emimede,

374. “Av peig ebbeies téuvovrar dvd Bbo, v amodelfere B dvhixouy até (8o énl-
nedo # mepvolv dmé 6 [Bo onpelo.

375. Né dmoBewyfel &t Evag wbxdog (O, R), mab 8év dvhuet o’ &va dninedo (IT),
w6 mokd 8o xowd onpelx pmopel vd Eyew pé 6 (IT).

376. Nd dmodeiyfel 87 300 oo al Subxevrpor wddor, mod dév dvhrouw Buwg
até 8o dninedo, Eyowv ple pévo notvd] Sudpetpo.

377. Aivovrar 300 dodufBartes edfeieg (1) xal (eg). IMdves athv (e,) malpvoupe
onuela A, B xal othy (e,) omueta T, A. N’ drodelere 6 ol edfelec A xal BA elvar
derdufares.

B

378. N& dro8ewyfei 871 10 irnimedn wépvovrat xatd 45 16 modd etfeies.

479. Nd Boebel v6 mAflog wGv edBerdv, xard 7lg bmoleg v énlmeda téuvovrar dvd 3bo.

380. Alvovrar #va ompeio A, pinx edfela (e) xal &vag xbuhog (K, R) otb yipo.
Ne pépete dné 16 A edbeia (§), mob v téuver hy edBela (e) xal téy ko (K, R).

381. Alvovrar 300 elfeleg mob téuvovrar xal 8t dobufBare. Nd qépete edfela
mot vh véuver xal tlg téooepis elBeiec.

EY®EIA KAI EINIMEAO XTO XQPO

151. Béoerg edBelag xal rmiméSou. Tpeic elva ol Sudpopes Buvarrée
Btoerg pudis edBels (&) wal dvée EmiméSon (TI) ové yépo :
i) ‘H ebfelx (e) dviiner ovh inineSo (IT) (o, 178).

\Q\A
[ [s

Ix. 178 Ix. 179

i) ‘H ebfele () téuver 76 ininedo (I1) o &va onueio A (oy. 179). Té
A Myetan Tyvog Tig edbelug (e) mdve ovb inimedo (I1).

Hapatfipnon. Kibe edbeix () wob drminédou (I1), mod Sév nepvdet dr’
w6 A, (o3 179) elvon dodpBarn pé thy efelu (e).

i) ‘H edfelo () elvon mapddnin npd 6 Enlmedo (IT). Mé =év 8po
“mapddAnh» woolpe &vu § edBelor () Bév Exer wavéva xowé anuelo pé b
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trimeSo (I1) (oy. 180). Tére xab 76 énimedo (II) Ayeron mapddinho mpéc
thv edBela (e).

152. EdBela xdfetn mpbg énimedo. "Opiopdg. Mia ebbeia (2) mod
tépver éninedo (I1) o Eva omuelo tov A, Myetar xG0etn npdg to6 Eminedo
(1), t6te xai povo tote, 6tav elvan kaBetn mpdg Bieg tig edBeieg Tob (IT)
rov nepvolv Gmé t6 omueio A.

153. Oempnpa. "Av ma edbeia (g), nod tépver Eva trninedo () o Eva
onueio A, elvar kaBetn of 0o edbeieg tob
tmnédov (IT) nod wepvodv and t6 A, 161e elvar (€)
x@Betn oté Eninedo.

*AnbdeiEn. "Eote &m ) edbelo (&) elvar

x&Betn otle edBelec (L;) nal (§q) 7ol émumé-

3ov (I1) at6 A (oy. 181). Elvar dpxett va n

Bewyei &m 4 edBela (g) elvar xdbemn xal of d
dmawadfmote edfela (q) ol Emmédou (T1), % Tx. 180

dmolo mepvder &mbd 6 onusio A.
R’
A /
n
N

Ty. 182

Mdve othv edBele (&) malpvovpe
30 aqueia B xal B’ térowx, dote v&
elvar AB = AB' xal mwéve otls ()
wab (§g) malpvovpe 3o émorxdfmote
onueia I xal A. Té tplywvo BB’ elvar loooxeréc pé 'B =TB (1), yuari
Ee th TA 6og xal Sukpeoo. “Opolwg xal w6 Tplywvo ABB'’ elvau loooxe-
Mg wé AB = AB' (2). Tbre, améb wle oyfoeg (1) nab (2), mponbmrer 87

zpiy. BI'A =rpry. B'TA (4 TA elvar xowd). "Apa Bf‘\A - BTA (3).
"Eotw M 6 onpueio, 16 dmolo 4 edbela () tob émmédou (II), 4 drota mepvd
gmb 76 A, téuver Th TA. Tére dnb tlg ayfoes (1) xok (3), ovpmepaivoupe
g 7é wplywve BIM xat B'TM elvan low, yiari dxbua Exouw '™ xouwi.
“Apo. MB = MB', 3nhadh 6 7piy. BMB' elvat loooxehéc. Adtd Eyst w7
MA &g dudpeco. ‘Emopéves elvan xal og tov, 3yhadn MA | BB = (e) L (n).
“Apa 4 edBelar (¢) elvar xdBemn otb éminedo (IT).

Hapatiipnon. Kdbe edbela (§) mod répver éva érclmedo (T1) xal Bév
elvar xdfern o abrd, Méyerar mhdna dg mebg 6 (II) (o 182).
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154. Bedpnpa. "Eoro ma edbsia (¢) xai Eva onpeio g A. Té o0-
vodo t@v ebBsdY tod xdpov, mod elvar kaleteg oty eddeia (&) ot6 anpelo
A, Grotedel 2ninedo (IT) xaBeto otfiv (g) oté A.

"An6derEn. Ado dné tle edBeiec tof guvdroy advol, of AB xai AT,
waflopllowy va énimedo (IT), mob elvar xdbero oty edflele (¢) oth oqueio
Ayt (e) | ABxal () | AT (- 185). "Eores dubpn plo eiBela AA | (e).
"Apxei v' dmoSeryfei i AAe (T1).

Oewpolpe 76 éniredo (P), mod xoboplleror dmh tie edleieg (2) xal
AA. Advb tépver w6 enimedo (IT) dvayxaorind ward v edfelx AA. Tiaxd,
Sv Erepve 6 (I1) xat’ &0y ed0elx AA’, B4 Frav (=) L AA', émerd¥ elvar
(=) L (IT). "Améb iy mbbeon Bpws Exoupe () | AA, mob elven &romo,
vl mdve oté éninedo (P) 04 On¥pyav 80 edfeicc AA xal AA’ wafereg
omiv (e). “Apa (IT) N (P) = AA, 3l f AA dvhuer até Erinedo ().

Ilépropa. "And Eve enpeto A pifg ebBeiag (e) Onapyer pévo Eva éni-
nedo xabero atfiv (e).

Iyx. 183 Iy. 184

155. Oedprpa. "And Eva onpelo A nob 8év dviiker of edleia (), Eva
xai pévo Eva Enlnedo xabeto oty (e) Orapyer.

"Anbderln. "Anb 16 A gépvouue thv AB | (¢). '"H AB elva plo xak
uovadixh). "Amé 76 B Bewpolue t6 xdfeto drlmedo (IT1) oty (e) (oy. 184),
mob elvar Ever nal povadind (§ 154 mip.) xal mepidyer v6 A, yixtl AB | ().
“Apa Srdpyer dmb v6 A Bva énimedo (I1) | (2). Elvar xal w6 povadind, yiort
%v dmb 6 A dnFioye xat Sebrepo Eninedo (1) | (e), adré 04 Exepve thy ()
o' Eva oquelo ' wal 04 Frov AT | (e). Anpadh) dmb w6 A B SnFpyay 8o
xdfetes, ol AB wat AT, athv (c), dA\" adth elvar dromo, YApx th (IT) elvan
wal wovaBixd,

OEQPHMATA TQN TPION KAGETQN

156. @ewpnua. Mia edbeia (§) clvor kabetn o Eva Erinedo (am et
Eva anpelo A, "Anb t6 [xvog g A Bewpodpe edBeia AB | T'A, Srov f TA
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glvar ebleic tob Emnédou (I1). "Av E elvar Eva dmowodinote aonpeio tiig
ebBeiag (§), vote elvar EB | TA.

"Anobeiln. Td onueta I' xal A td nalpvoupe Exa, date va elvar BI'= BA
(oy. 185). Tére ©6 vplywve AT'A elvar lovauehés, yiast Exee viv AB dc
Odog wal ddpece. "Apa Al = AA. T4 bploydvia vplywva EATD xal EAA
elvae fou, yratl Egouwv iy AE xowd xal AT = AA. "Apa EI' = EA, dnhady,
76 tplywve ETA elvar lovoxerés. Alrb Exe viv EB b Sdpess. "Apa elvar
xab Ofog Tou, SnAady EB | T'A.

157. Oedprpa. Mia edbeia (§) elvar xabetog o” Eva éninedo (I1) of
Eva onpuelo A. "Av and Eva onpzio E tijg ({) pépovpe xdbeto EB ot ma ed-
0cla TA 1ol Emnédov (IT), tote | AB elvar xGBerog atijv ebbeia A,

"AndderEn. “Av 74 onueix [ xal A <d mapoupe €rol, date vd elva
BI' =BA (oy. 186), 76 wptywvo ETA elvar loooxerés, pué EI' = EA, vl
breo hv EB ag Odog xal dudpego. Tére wd dploydwa tplywva EAT xal
EAA elvau low, yeatl &xouv thy EA xowh xal ET = EA. "Apa elvar xaf Al =
AA, 3npadh 6 tplywve ATA elvar loooxehés. Alté Exer tiv AB dg dud-
wego. ‘Emopéveg elvar xal Bfog tou, Snradn AB | T'A

Ly. 185 Lx. 186

158, Bewpnua. Avo fpievleles Bx xai By pé xowvhy dpyd, elvar kabe-
teg of tpitn edbeia BI'. O Bx wai BT dpilovv th BEon évég Emnédov (ID).
*Anb Eva onpelo E tfig By gépvoupe EA | Bx. Tote elvar EA | (TD).
*Andderln. "Ané iy inébeoy elvar EA | Bx
(ox. 187). *Apxei va Bexfei &v % EA elvan
xdfetog xal of pid dxdpun edfela Tol Emumé-
dou (IT).
Ta =piyeva ABE, ABI' xat EBI' elva
bpboydvia. 'Egappélovpe o abra 6 mubayb-
peto Bedpypa xal Eyovpe dvriotolyws: BE!= n
= AB? + AE? (1), AT'? = AB? + BI' (2) xal Iy 187
M'E* = BI'* 4+ BE? (3). ’Ané < aytoy
(1) malovoupe AE? = BE®? — AB? (4). [lpooBétoupe tapa tic ayéoe (2)
wal (4) xavd péhn xal malpvoupe : Al 4 AE® = BI™ 4 BE?® (5). "Ané
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g oyéoeg (3) xal (5) #xoupe TE? = AI® + AE? xal 4n’ wdthy elvou
pavepd &1 16 tpiyewve ALE elvae dpBoydvio a6 A, yiatl o adté toyder #
ayéon Tob mubaydeeiou Bewphuaros. “Ape EA | AT xal érouévag EA | (TI).

159. Kavaoxevy eibeiag mod va mepvaer and Eva onueio A xai va
elvar kabetog o Eva irinedo (IT).

i) "Av ©6 oqusio A 3&v dviixer 616 dnimedo (I1) (oy. 188). *Amé w6 A
wépvoupe elfcia AB | (c), &mov (e) elvar wed tuyale edfela tob Emimédou
(IT). "Aré 76 B gépvovpe eiBeie Bx | (c) mob vd gvixer a1 (I1), *Anéd
76 A gépvoupe A | Bx. “H AT elvar 4 {nrobpevy xdferog ové Enimedo (IT).

ii) "Av 76 onueio A dvixer 676 émimedo (IT) (oy. 189). Dépvoupe
AB 1 (), émou (¢) elvar wud edbelo ot Emmédou (IT). "Ané 76 B @épvoupe
Bx | (g), mo) 8év avijuer oté (I1). Ol AB xaxf Bx xaBopiliouy éve émi-
medo (P). [ldve o adté péovoupe edbeta AT | AB. “H AT elvou # Cyrod-
pevn xdfetog até Emimedo (IT).

‘H anédeiln xal ovic 8o mepimsdoec elvar elixodn pé Th Bonleia 7ol
Bou Bewphuatog tiv Touiv xabérav (§ 158).

A

YL

Iy 188 Ix. 189

laparfpnon. MEé <ic 800 mponyelusves xataonsuée dmodelyfnxne 1
bmapln eifelag xdberng o’ Enimedo dmé &va oqucio mob Bploxerar Ew dmé
% énimedo ¥ ndvw o adté.

160. Oewpnpa. 'And Eva onueio A, moh Bév aviiker of Eninedo (IT),
otpetar pic poévo kaBetn edbeia ato iminedo.

"Andderdn. 'Ané 16 A Smapyet xdfetog AB (oy. 190) 076 éninedo (IT)
(§ 159, i). "Av On¥pye xab Sebrepy xdberog AT avé (I1), t6 tplywve ABT
0é Frav dploydvio orls 8bo yevies Tou B xal T, 420" adré elvar &tomo. "Apo
i AB elvar 7 povaduch xdfetog dné w6 A até (I1). Zed embpeva B Seuybet
v albrhy elvan xad 76 pixpbrepo TuFua pé dnpo <6 onueio A xul éva om-
peto tob (I1).

161. "Andotacn onueiov A émd Erinedo (I1), Aéyetar <6 uixos 76U
xafetov Tufuartos dmé 16 onuelo A oté énimedo (I1).

162. @ewpnpa. "And Eva omuelo A Evég Emimédov (I1) pépetar pia
poévo kaberog otd Erinedo.
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"Andderln. "Ané t6 A Omdpyer edBeta () | (1) (§ 159, ii). "Av URpyE
ol dedrepn elbela (L) wdbern oté (I1) oté A (oy. 191), tére 16 énimedo
vov edfleidv (e) xal (7) 0 Erepve ©6 énimedo (I1) xurd thy edbeia AB xat

A 1e) €
I B
iy ==
Iy. 190 Ix. 191

0a Hrav () L AB xat (3) | AB. Adté Bpews 8év pmopel vd oupPaliver yiati
B dnFipyav a6 (8o éntmede dn’ 76 A 8o xdfetes avhv AB. "Aza t () L (1)
elvar # povadixy xdBery oté éninedo (I1) a76 oqueio A.

ALKHIFEIX
A’

382. "Eva onueio A dnéye. dnd énlnedo (11) dnbataay 10 cm. Oégvoupe A | (I
wal waves 076 (I1) ypagouue xixhe ué xévzo B xal dutiva 8 cm. Oépvoupe dpantiyevy
7D wixhou até aqueio Tou I xal whve o abth malpvoupe sufpe FA = 2Y7 em. N4
Umoroytetel T6 pfixog Tul Tufpatos AA.

383, 'Amb 6 xévrpo K évég dpboyevicy ABI'A qépvoupe edbela (e) | (ABLA)
xal mdver o adth malpvoupe va anuelo M. "Av Z elvar w6 péao tfic AB, v' dnodelfere
ém elvee MZ | AB.

384. Alverar éva éminedo (II) xaxl wid edfein (e) madywx mpbg adté. N’ dmode-
7lel mhg Omapyer pla pévo edbela 7ol Emmédou (II) xdbern othyv edbelx (g).

385, Alverar #va Eninmedo (I1), éva anueio tou A xal éva onueio B #w an’ adté.
Na fpebel & v, témog vév mpofokdv tol B mdvew o7lg ebbeleg Tob (I1) mob wepvoly dn' 6 A.

386. 'Ané 16 péou Tig Umotelvovoug évdg bploywvion tpiydvou gépvoupe xdfeto
atéd Eninedd tou. Na& dmodeylel 6t xdle onpelo tig xabérov abric dnéye Eloou ané
tlg xopupés Tob Tprydivau,

387. Alverar #va loooxerés tpiywve ABI'. "Anéd thv xopugn tou A gdpvoupe Thv
Ax xdBeto otd Eninedo 7ol Tpiydivou xaxl évdvoupe Eva onueio A i Ax pé 16 péoo M
tHe Pdoewg BI'. Na dnodeiyfel 87 elvar ) AM | BI' xal §) BI' | (AAM).

388. Ado énimeda (I1) wal (P) vépvovrar xate thv edbela AB. "Anéd &va onpeic
I' gépvoupe TA | (IT), TE | (P) xal én’ ¢ A zal B gépvoupe xabéroug ovhv AB.
N drodeuylel §7v abrég mepvolv dnd w6 18w anusio.

389. Atveran éva énlnedo (I1) xaxl &va onueio A EEw dn’ abtd. Né Bpebel v6 alvoro
1@v onuelwv tol ¢mmédou (I1), med dnéyouv dnd 16 A dmdazaony A
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390. Aiverar éva emimedo (I1), #va onpelo tou A xai éva onuelo B ¥ anéd 6
(I1). N& gégere dnd w0 A edBeix vob ([1) mod vd dméyer dméd ©6 B dmbortaon A,

391. Alverar éva énimedo (II), #vag wixros (K, R) wdve o' abré xal éva onueio
A ¥o anb 76 énimedo. Nd gépeve elfela tol Emmédou (I1), mod vé Epdntetar atév xixho
(K, R) xal v& dnéye. dmd 76 onueio A émboraon A

392. Na fpebel ¢ . Tdmog tév onpelov, td dmola loanéyouv dméd tpla Bedopéve
aonpeia A, B xal I', nod 8¢ Bploxovrar oty (S edBeta.

393. Nd fpefiel 6 v, Témog T@v onuelay, vd dnola loanéyouv dré tpels ouvenine-
8eg edleieg, mod Téuvovtar dva 8bo.

394, "Av gk eifelx () oymuatiler laes yuvleg ué tpeic edlleleg évég emmédon (I1),
va amodeiyfel d7 elvar (g) | (I1).

395. Alvevas v émimedo (I1) i fvx edB0ypappo tpfpe AB = 20 ¥iw dnd <6 (IT).
Na Bpelel & y. tbmog tév onueiwv <ol émnedou (I1), drd 74 dmola 76 tufiux AB qal-
vetar Umé opbR ywvia.

396. Aiverat éva tnimedo (I1) xal éva onpelo A Eiw dn’ abtd. 'Amd 16 A gépvoupe
76 nabeto Tufpa AB 16 érninedo (I1) xal 8bo mhdyia tpfuate AL xat AA. Ildve ¢ adrd

_ - v o e AE _ AZ _ AH )
ratpvovpe ¢ onueiz B, 4, H dvriotoiya ¥tar, mod vi elvar e N
grodelfere 61v AB | (BEZH).

397, llave of énimedo (I1) Siveror &vag wixdos (K, R). "Ané éva oqueio A 7od
worAou pépvoupe T Srdpetpo AB xal bddvoupe x4feto AX o1d dnimedo Tol xinhou. Tty
Ax maipvoups #va onpelo ' xal w6 ouvdéovpe pé Eva onusio A 1ol wduiov. o) Na dmo-
SewzBel 61 I'A | BA. B) ®épvoupe AE | BT xal AZ | T'A. Nd dmodeiyfel 8tu
wpvry. 'BA &= wpvy. TZE. y) N& dmodeyfel 87 BI' | (AEZ).

398. Aivetar #va émimedo (II) xaxi 8bo onueia A xai B #£w dn’ abtéd. Nd Bpebel
4 y. témog t@v onpeiav M 1ob émmédon (IT), yid vd dmola elvar : MA? + MB? =32,
dmou 6 W elvar yvootd pfixog.

399. Abverar va edBbypappo tufjpa AB. Nd Bpebel & y. témog t@v onpeiav M,
yudk 7a dmola elvae @ MA® — MB? = 2%, &mou ©6 & elvar yvworé pixos.

163. MeooxdBero éninebo évég edBOypappov Tpiparos. ‘Opiopds.
Meooxkabeto Eninedo Evog ebBOypappov tufiparog AB Aéyetar t6 Erminedo
ro0 elvar x@Bero o160 tpfipa AB xai nepvaer drd 16 péoo tou.

164. Bewpnpa. Kabe onpeio tod peookadetov iminédov (IT) Evég edBO-
ypappov tpipatos AB, loanéyer dnd ta dxpa tob tpfpatog kai dvaotpégang,
xafe onpeio, t6 omolo ioanéyer and tG dxpa tod tpufpatog, Ppiokerar oo
pecoxkadeto éminedo.

*Anodertn. "Eorw [N &va onueio 1ol pegoxdferou émimédon (IT) tob
tufuartos AB. Tére M | AB (oy. 192). *Eready) énumiéov elvar MA = MB,
76 tpuy. 'AB elvan loooxshéc, ool &xer w0 I'M dg Gfog xal Srdueso. "Apa
I'A = I'B.

‘Avuotpo@eg. ‘Eotw A éva anueio, mob lowméyer dné vd A xafl B,
tote 16 Tpuy. AAB elval loooxehés. "Apa % Sigpeaos touv AM elvan xal Gog,
Snhadh AM | AM. "Apa 76 onpsio A dvfixer avd peaoxddero énimedo (IT)
700 TpAuxtos AB.
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Hapatipnon. "Amé w6 mponyoluevo Bedpnpa ovpumepatvoupe é7 6 yew-
petpuebs Témog Tév onueiov ol ydpov, Td bmola loaméxowv dmé Sbo oy
pela A xal B, clvar 76 pesoxdBeto dmimedo ol Tufuaroc AB.

165. Gewpnpa. "Av 8bo edbeieg (s,) xai () slvar mapédinies wai
i pia tépver Eva Eninedo (IT), tote wai ) HAAn tépver 16 (TI).

"Anéderin. "Eotw & 4 (¢;) wépver v6 énimedo (I1) oté ompeio A
(ox- 193). Ol 8lo mupdddnhes edbeicg (21) xab (e4), xxfopilovwy Eva érmi-
medo (P), mob Exer pé w6 (I1) xowb v6 ompeio A. “Apa Exouy xal xowh eb-
Oeie, ) dmola, dpol elvan edbela 70l (P) xad véuver why eifelx (g,) ové A,
Ba ~euver xal Ty mapdhnhhy g ov6 B. Té B émopévag dviner othy toh
v Jbo dmmédov, xal xutd cuvémewx dvixer 016 (I1). "Apx xal % edfela
(eq) wépver 6 (I1).

Ix. 192 Zy. 193

166. Oewpnpa. "Av dbo edbeles (g)) xal (g,) slvan kGBeteg o Eva ini-
ngdo (IT), eivar perald tovg maphrinhes.

"Andderln. Etiv dpyn wapatnpolue &n ol edbeieg (e) xal (ep) dmo-
rhelevar v Tépvovrar, yiart Téte dmb T8 xowd omueio Toug B4 mTpyayv dlo
xafeteq ot6 1o émimedo (II) (oy. 194). *Apxel émopéves v dmodelfovue
87 ol (e4) xal (e5) elvar ouverinedec.

"Av A xal B elvon d Upvn 7é@v (e4) xal (g5)
mavew oté éninedo (IT) dvriorolywe, én’ 76 A
pépvovpe ebfela tob (IT) xdBery oriv AB xal 2
navew o abth malpvovpe AT = AA. Tére 76 3
wory. BI'A elvan loooxehés, yarl &xer viv BA
ag Opog xat Sutpeso. "Apa BI' = BA. Of eb- B A
Oclec (g,) xat AB xafopllouv 76 pecoxdBero n -
éninedo tol Tuhpatog I'A, yuart (e;) L TA xal
AB | I'A. Té onpeio B tig (g;) dvixer mpo- Lx. 194
pavéds até éninedo adtd. “Eorw Z éva dmoto-
dhmote onueio Tiig elelag (e). Ta dpBoydvia wpiyewve ZBIN xal ZBA &youv
™ ZB xowd) xal BI' = BA, "Apa elvar toa xal émopévarg ZI =" ZA. 'Anéd
Thv Teheutaln lodmre mwpoxdmrer &t v6 enueio Z dvixer oT6 pecoxdfero

(€ )]
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éninedo 7ol Tufparog LA, Tére nal % edbela (g5) avixer ové Enimedo adrtd
xal Emopévag elvar ouverinedyn tig (e,). “"Apa elvar (g1)/[ (g5)-

167. Qewpnue. “Av dbo edbeieg (g) xai (g,) elvar mapalinles xai
Eva tninedo (IT) elvan x@Beto ot ma an’ adrég, toéte 6 (II) elvar kabeto
kai oty EAhn.

*Anddeln. "Eotw &va Emimedo (IT) L (e,) ové onueio A (oy. 195).
Té éninedo (IT) B téuver bnwodhmore xal viv edbela (g,) o évar ompeio
B, yrl elvar (2,) [/ (e5) (§ 165) i 04 elvan (e;) L AB dpx (e5) 1 AB.
"Apxet émopbvarg v droderyBel bt elvar wabern xal o€ &g ik edbela wob
tmmédou (IT).

(48]
(€ (Eq)

Zyx. 195 Ix. 196

*Amb 6 onpeio B xal mdve oté inminedo (I1) @épvoupe v BI' | AB
nob Eotw A Eva onuelo tijg edbelag (g,). Ivwplfovpe & AB | BI' (Bedp.
Tpiv xofétewy) xal Emopévewg BI' | (ABA). Té éninedo Suwg (ABA) cup-
mimver pé v6 Emimedo (P) vév 800 mapadiihwv (e,) xal (g5), yrarl advd
Eyouv xown v ebBsla (e,) nal t6 onueio B. "Apx 0& elvan (g5) L BT\ Tére
Bpog elvar xal (e5) L (IT).

168. Oewpnpa. "Av 800 edbeieg (g,) wai (g,) elvar napahinies mpog
tpitn evBeiv (§), elvar kai peradld Toug mapdiinhes.

"Anddertn. “Ag Oewpiiooupe &va Enlmedo (I1) L () (ox. 196). Tére O
elvon (I1) L (g,) yrowl (e4) /[ (§) (§ 167). I'id wév (3o Adyo Od elvan xal
(IT) L (ep). *Apa (1) /[ (52), émerdh elvar xabeteg ot (80 Eminedo (IT)
(§ 166).

KAQETA KAI ITAATTA EYOYITPAMMA TMHMATA

169. Oewpnpa. "And Eva onpelo A mod dfv dviiker of &mimedo (I1):

i) Té kaOeto tufjpa otd Eninedo (I1) elvanr pikpotepo drd kGOe mhayro.

ii) Ta ixvn 800 loov nhayiav tpnpatov leanéyovv arnd 16 Txvog tod
k@Betov Tpfpatos.
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ili) Ta Ygvn &0 Gvicwv tumpatov anéyovy dporoatpépng ivices dno-
othoels Gnd 16 Iyxvog 1ol kGBetov tpfjparog.

'ArodaiEn.

i) AB | (IT). Té tpiywvo ABI' elvar bpBoydvio até B (0. 197) xad
tmopévag elvar AB < AT l

i) Mabpvovpe 8bo Yox mhdyie edBbypapua Tuhuate, td¢ A xabi AA.
Ta dpBoyovia tpiyewve ABI xai ABA Eyouv i bmoreivouaés toue losc xal
v AB xowi. "Apa elvon Yo mére, BI' = BA.

iii) "Agelvow AE xai AA b0 dvioo ed0bypappa Tuhuate, frou AE > AA.
[levew otiv EB malpvoupe éva anueio Z, tétowo dote va elvan AZ = AA,
onére BZ = BA xal AE > AZ = BE > BZ = BE > BA.

Zyx. 197 Zy. 198

170. Oedpnpa. Lt6 civoko téHv edlbypoppev tunpatev ta dmola
Sexwvobv ané Eva onpelo A nobd Sév dviker of ininedo (IT) wai Exovv 16
GiLho Gxpo tovg mave oté (IT):

i) pixpotepo an’ Bha elvar t6 kabeto.

ii) 800 tpfpate elvar foa, &v ta@ Tyxvn tovg mave ot irninedo (I1) ioa-
néxovv and o ixvog tod kGBetov Tpfjpatog.

iii) 800 tpApate elvar Gvica, &v ta Txvn toug mave oté Eninedo (IT)
anéyouv dporoatpéeawg tviees drostaoels and 16 ixvog ol kabetov Tpfpatec.

*AnoseaIEn.

i) Qépvoupe 76 xdbero tufjuaw AB | (IT) xat v mowodhmore Tufiua
AA maayto mpbg 6 (IT). Té tplywvo ABA elvan dpBoydvio oté B xal imo-
pévos AB £ AA, Snhady 76 wdbeto tpfpa elvon pixpbrepo dmé wae mhd-
Yo (76 = loybel othv mepintwoy, othv drmola t6 A aup_rcf.nzsl. wé 13 E).

i) AB | (IT) (oy. 198) x«t éo7es BT = BA. Téte ABI' = ABA, vyiatt
elvar bpboydvia pé BI' = BA xaf &ouv why AB xowd). "Apx AT = AA.

iii) "Eorw BE > BA. [lave ot BE natpvovpe Tpfjpe BZ = BA, tére
AZ = AA ol énedh) BE > BZ 04 elvar AE > AZ 4 AE > AA.
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ALKHEEIZXZ
A,

400, Alveran pid eblele (e) xab 800 oqueix A xal B 7ol ydpou. Né fpefel mdva
othy ebbeix (g) Eva amuelo M, 76 dmolo vé loanéye. dnéd td¢ A xxl B.

401, Alvovrar Svo omueix A xal B xal wd edfela (c) o76 xépo. Nd Ppebet éva
onuelo I' g edBelag (g) vévowo Gate w6 wplywvo ABT v& elva laoaxerés o) pé xopugn
w6 T' B) pt xopugh 6 A.

402. Alvetar fvar enbmedo (I1) xal 8Vo onuela A xal B Ew an’ abrd, Né Baebolv
w4 anpeiz o émmédou (IT), vd omolx loaméyouv dméd ¢ A xal B.

403, Né dmodeyybei ére té péon 7@V mhevpdv évég otpeBhol TeTpamhedpou (mod
ol xopupée Tou 8¢ Bploxavon oté (8o dnlmedo) elvar xopugés mapuhinhoypdipon, Ilite
abtd elvar pbpfos ;

404, Alvetar #va mapaddhphdypappo ABIA. N droferyBel &7 ¢ A wal I’ loamé-
zow dmé xdbe EnimeBo meld mepuéyer v BA.

B.
405, Alveras énimedo (I1), pid edfela (e) xal €va onpelo A, "Amb w6 A vé pépete
ed00ypappo TRApa mob vi Eyxel Td dxpx Tou B xal I ndve otiy edfela () xal ové éni-
nedo (I1) dvmiorolyws, Eror dove vé elva @ i

AT —a
406, Tldve o' #va EnimeSo (I1) Bivovraw 800 onuele A xal B, "Amé vd A xal B

pépvouye mpbg 76 8o pépog Tob (TT) xabévoug oé tnlnedo (I1) xal mdve o abréq malp-
vovpe Tpfpate AT = % xxi BA = A N& Ppelel & vy. témog 7év onpelwy tol dmumédou
(IT), dmd <4 bmole vd tphuate AT xal BA qaivovral Umé Yoeg yevies.

407. Né Ppedeil éva ompelo, wod va loaméyer dné végoepa Joapéva onuela A, B,
I, A 74 broia 8¢ Bploxovrar 076 18lo érnimedo.

408, Alvera fva orpePré ezpdmieupo ABI'A (otpefré Myetar 76 TeTpdmAEUpO,
nob ol hagepyy xopugks Tou dév dviixouy oté (8w Enlnedo). 'Ané vd pton E xal Z tav
S0 dmévavt. mhevpdv tou AB xal TA pépvovpe énlmedo (II), 76 dmolo 6& ver tlg AA

wxl BT oté onueln H xal @ dvnovolywg. N’ drodeiBel ému:

"A © er’

TIAPAAAHAIA EYOEIAZ KAI ENINEAOY

171, ‘Opiopég. Mia ebBeia (¢) Aéyerar napidinhn mpbs gva Eninedo
(I0), &v 1) topf Tovg elvar 16 kevd obvodro dnh. (g) /(D<= (&) N (I) = &
(Zy. 199).

Tére xat 76 dnimedo (I1) Myetaw mapddihgho mpds whv ebBela (c).

172, Oedpnua. Aivetar Eva Erinedo (TD), mé edbela tov (£) xai Eva
onuelo A mob 8év dviker otd (). "An’ 16 A Bewpolpe gblzia (2) //(§). Tote
1} ebBsia (g) elvan mapaiinhn npés ©6 Eniredo (I1).

*Anbdagn. Ol edbeieg (2) b (L), dg mapdiinhes, xaBoptfouv Enimedo
(P) (oy. 199), 6 omolo wéuverar pé 76 (II) ward Thy edBela (%), ‘H eb-
Ocla (c), g edBela oD Emmidou (P), dviner éEohoxdipou a adré, ‘Emo-
wéve, dv # (e) Evepve w6 (I1) o Eva omueio I, 0d Empeme abté vi dvixer
o6 xowd pépog Tov Bbo Emiméduwy, Snhadh othyv edfela (§). Adré bpwg elvan
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Sromo, vt elvar (€) /[ (). "Apx % edbela (e) elvon mapdhinhn npbg 16
¢rinedo (II).

l'lo.putﬂp'qcn. *Anb 16 mpomyodpeve Bedbpmua oupmepalvoupe bt amd
fva onueio A wob 3év dvixer of émimeSo (IT), Omdpyouv &meipes ebbeieq

nupdMnhes mpbs 76 Emimedo (I1). Abrég dmoteholv énimedn Séopn edbadv
ué méro o A.

Iépiopa. "Av pia edbein (g) sivar napadinin npbg tiv topfii AB dbo
tmnédav (I1) kai (P) (Zy. 200) kai 8év avijker of kavéva an’ abtd, tote
elvar mapahdinin xai mpog v dbo énimeda.

A (€)
\
®© \ F\
/ / / JB
Zy. 199 Iy. 200

173. Oedpnpa. "Av ua edbeia (g) elvar mapdhinin mpdg Eva Eninedo
(IT), kae Eninedo (P) nod nepiéyer iy ebbeia (8) kai tépver 16 &rinedo (IT),
6 tépver katd edbeia (§)//(e)-

*AnodeiEn. Ol edfeles () xab (§) elvan ouvenimeSes (oy. 201). "Apuel
Emopéveg vé Seuyel &mu Bév Eyouv xowéd omueio. *Acpahi Suwg Bév Exouv
xowé oqueio, yrath, v Onfipye v xowé ompeio I, abré, dg oquelo Tig
edfelag (L), Od Bproxbray mdve otd émimedo (I1). A& tére 1 ebbeia (e)

04 elye 6 onueio Tng T ovd émimedo (I1), mpdypa mob elvar dtomo, yiast
elvae (e) /[ (I1). "Apa elvar () /[ (Z).

174, Oehpnpa. “Eoto Eva irninedo (1), Eva onpelo tov A wai ma
ebBeia (g)//(I1). "And 16 A Oeopodpe edbeia (§)//(e). Tote 1 ebbeia (§) elvar
evfeia tob Emnédov (ID).

*Anodertn. Ol 300 mapdhinhes edfetes (g) wal (§) xabopifouy éva éni-
nedo (P) (oy. 202). Td 3%o émimeda (IT) xal (P) Eyouv xowb onueio 76 A.

(€)
(P) (E)
‘\ P\
\‘ “
v $
¢ / A {9)]
n n
" Ex. 201 Lx. 202

11
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‘Emopévor B Exouy xal xowh) edbelo xal pddora adth mpémer vd elvan mapdh-
Anhy mpbg Ty edfela (e) (§ 173). "Emed? dmimdéov mpémer vé mepvi dnb
6 onpeio A, abrh Sév elvar &My mapd § WSix # edBeler (%), “Apa # edBela
(€) d¢ xowh yid td 8o Emimedo dviixer xal o6 Ermimeda (I).

175. Oewpnpa. “Av |.u6: ebBeia (g) elvan mapadinin npog Eva ininedo
(ID, 6ho 16 onpela tng loanéyovy arb 16 Eninedo xai dvniotpoépos.

"Anbderln. [alpvovpe 8bo equeia g edfetug (¢), 1 A xal B (oy. 203).
Pépvoupe AA" | (IT) xat BB’ | (I1) té1e AA'// ) A B
BB'. Ot mapdiinies AA’ xal BB’ xafoptlouv
gva Eninedo (P). Té (P) véuver ©6 éxlnedo (IT)

xote v edfele A'B’ nal Emopéveg 04 elvar
A'B' ff(e) (§ 173). Tére r6 =erpdmievpo A B’
ABB'A’ elvar mopadnhéypappo, yrarl Eyel tic n

amévavtt mhevpés Tou Topdhinhes. ‘Emopdvas Iy 203
elvae AA" = BB'.

"Avtietpbeag. “Eotw §tu vd onpela A xat B tig elfelag (e) louméyouy
@ 16 Eninedo (IT), 3nAads elvar AA" = BB'. Tére v6 terpdmheupo ABB'A’
elvan mopaldhbypappo yiart Exer vl AA’ xal BB’ Yoes ol mapddinheg
(xdBeres av6 (I1) ). “Apa elvar AB[fA'B’ xal émopévews (e) [f (IT1) (§ 421).

AEKHZIEIEL
A’

409. Ado Enimeda (IT) nal (P) véuvovrar xavd ebela AB, “Eva ixinelo (Z) napdh-
xno mpbs Thy AB téuver 74 Enlmeda (1) xal (P). Nd droBeiyfel &7 ol vopés elvar ma-
paAhnhes.

410. "Aré Evax onuelo A vd pépete ebfela mapddhnin mpds 8bo énineda (IT) xat (P).

411. Abverar pd edfela (e) xal 3bo tepvbpeva énimeda (I1) xal (P), N& pépete
éninedo mob va mepiéyer Thv (&) wal vé téuver td (I1) xal (P) xard edBeieg TapdAAnAes.

412. Nd gépete Eminedo mob va mepuéyer wid Sedopévn ebbela (¢) xal vd loaréye
dmé 8bo onuela A xal B.

413. Né& gpépeve tninedo mob vd mepvde. of loeg dmoardoeg dnd téoaspx yvword
onueix A, B, T, A.

B'.
414. Abvovrae tpelg daduBaves edbeleg (e,), (e,) xal (¢). N& gépeve dmé <ic (e,)

xal (ep) %o érmimeda (II) xal (P), mod vé wéuvovran xatd ebfela AB// (e).

415. Abo wplywva ABT xal A'B'T’ elvar tomofernuéva Erou date va elvar AB//
A'B, BT/ BT, TA|/I"A". N' &roBeiyfel & ol edfeieg AA’, BB, TT" mepvolv dné
6 180 anuelo ¥ elvar mapdiinhes.

416. Alverar &va érminedo (IT), pik edbelx () /f (IT) xal Eva omuelo E. N& qépere
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4mé 16 L edbelax mod vé téuver vy (¢) of anpelo A xal 16 éninedo (l1) ot onpeio B ¥xoe
date vé elvar AB = ), 8nov A elvar yvoratd ufixog.

417. Alverar éva énimedo (11), 80 onueia A, B xal #va edBiypappo tufipx = // (11).
'Ané td anpelx A xal B vé gépete 3o mapdddnhe edbeieq wal vé tépvouv T6 énimedo
(I1) otd A’ nat B’ dvrigrolywg, ¥vaw bovte vd elvaw A'B' [ = a.

ITAPAAAHAA EIIITIEAA

176. ‘Opiopég. Ao énimeda (IT) xai (P) Aéyovrar napalinra, Gv
i topi toug elvar t6 xevé oOvoro. Anhadf (IT)//(P) <= (IT) N (P) = &
(Zy. 204).

177. Oewpnpa. Ado inineda (IT) kai (P), xabeta otiv b edbeia
(g), elvar petald tovg mapahinia,

Sty
XN

Ix. 204 s 203

*Anodertn. "Ag dmobécuupe & A edfela (e) Téuver 7d énminedu (I1) xal
(P) otd oqueiz A xal B (oy. 205). Ta éninedn droxhelerar va téuvovtar.
Tuart, &v Smiipye Eva xowd anuelov toug Z, drd 76 L O nijpyav Sbo edbeleg
YA vl B xdbereg orhv edbela (), &' abrd elvar dromo. 'Apo: td énlneda
(IT) xaxl (P) elvan mopdddnha.

(E)

178. Qewpnpa. “Av dbo Erineda (I1) wai
(P) elvar rapaiinie, ke edbeia (€), mod 1é-
pver 16 Eva an’ abrd, tépver kai 6 Ehdo.

*Anéderln. "Eotw &t @ elfela (e) wéuver / \ \)(
76 énimedo (1) o6 onueio A (oy. 206).

Matpvovpe &va onuelo I' 1ol émnédov (P) Ix. 206

xal 4’ abrh gépvoupe edbelx (§)//(e). T émi-

nedo (I1), dopol tépver vy edbela (¢), 0% véuver xal THv mapddinhé Tng
() o &va onpeio A (§ 414). "Apax 7 ellela (7), agol &yer v onpeio ¢
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A Ew amd 6 énlmedo (P), 3év elvor edfela 1ol (P). Té éninedo (P) Spwg
wéuver Ty ellela (§) otd I' nal émopévag B& tépver xal v mapddhnié g
(e) " #vo onpeto B.

179. Qewpnpa. "Av dbo Erineda (IT) xai (P) eivar mapdhinda, kabe
tninedo (X) mod tépver t6 Eva an’ adrd, tépver kai to6 dAho.

'Anoderdn. "Eotw 8t 76 éininedo (X)) téuver 6 (I1) ward +iv edbelx
AB (oy. 207). Qewpolpe puck edbelx (e) Tob émmédou (X) 4 dmola téuver
v AB o6 I'. 'H elfelx (e), dool téuver 16 eninedo (I1) otéd onueio T,
Ba veuver xal 6 mapdAAnié Tou iminedo (P) o' éva ompeio A. ‘Emopévag
w6 éminedo (Z) Exer 16 omuelo tou A mdve oté éminedo (P) xal ouvemiig
wéuver 16 (P).

180. Oewpnpa. Oi topig dbo napaiinrov imnédov (IT) xai (P), and
tpite Erinedo (X) elvar mapdrinhes evBeies.

"Anddergn. "Eotw 1 76 eninede (Z) téuver T mupdAnrx émineda (I1)
nat (P) watd vig edbeleg AB xal I'A dvrioroiywg (ox. 208). Ol eifeicg AB
xxt IA elvar ouverninedeg, dg eifieies 7ol émmédou (Z). "Amoxheterar va
fyouv xowé omuelo, yuetl dvhixouwv otd mapdAnie énimeda (1) xaf (P).
“Apa elvar AB[[TA.

Iy. 207 Iy. 208

Mépropa. Avo naparinia eddbypappa tpipata AB xai A pé ta dxpa
tovg nave of §bo rapalinha inireda (IM) xai (P) clvar loa.

‘Anodergn. Ta mapdddnha e9Bbypappn tpiuate AB xal T'A xabopi-
Touv Eva éxinedo (Z), mod téuver v éximeda (IT) xal (P) xatd 7ig Al xal
BA (oy. 209). Téve 04 elvar AT'//BA (§ 180) xal émopévwe t6 ABAT
clvan mapadiniéypappo. “Apa AB = TA.
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181. Qewpnpa. "Av dbo Erineda (IT) xai (P) elvar napddinda, kabe
gvbeia (g), mod elvar kaletn ot6 Eva an’ adrd, elven kdbetn xai oté Hhdo.
*Anoderln. "Eote én () L (IT) (oy. 210), “H edBela (g), dpod téuver
<6 éninedo (I1) o #va onueio A, Od téuver xal t6 mapddinré vou Emimedo
(P) oé xamoo onpeio B. "And 16 A Bewpolpe dbo, droteadiimore, edbeieg
AT xal AA 7ob Emmédov (I1). “H (e) xal of AT xal AA xafopifovy 8l

Ix. 209 Zy. 210

¢nineda (B) nal (T) dvriorolyws, Td dmota agol Téuvouv 16 (IT) xarta g
AT xal AA, B4 vépvouv xal 76 mapdddnhéd tou &mimedo (P) xatd tic BE
xal BZ dvtiorolymg xal O elvar paimore AT'//BE xal AA[/BZ (§ 180).
Eredy (¢) L (IT), 0 elvar () L AT wal (e) L AA. Tére dpwg Od elvon
xab () L BE xal (e) | BZ xal émopéveg (¢) L (P).

182. Oewpnua. ‘And Eva onpeio A nod dév avixer of iriredo (IT),
pépetar Eva povo Erimedo mapdhindo npbg 16 (IN).

"Anodeign. "And 16 onuslo A gépvovpe edBele AB | (IT) (oy. 211).
Bépvoupe émiong tig A | AB xaf AA | AB, mobd xabBoptfouv 16 povadixé
xabeto éninedo (P) oviv AB oté onueio A. Elvar pavepé tdhpe v (P) /[ (IT),
yraeth elvan xdbeta oviv (B edBela AB. Té (P)

elvar wael 76 povadind éminedo dn’ 16 A mapdi-

wMho mpds w6 (I1), yrarl, &v Omipye wal 3eb- A ‘7
tepo émimedo (P') /[ (IT) 6a frav (P’) L AB, P g
vzt AB | (I1). "ANA& tére Bd Omhpyov Slo

nafeta énmimedo dmé v6 A mpbg v AB, 76 [

(P) xat 6 (P'), mpdypa mob elvar &rtomo. “Apa B

@ 16 A Omdpyer Eve pévo énlmedo mapdAinho 1

npbe 6 (I1). Ix. 211

n

183. Andotaon S0 rapaiiniov imrédeov (I1) kel (P) Aéyetow 76
pijxog o tob xabetov e0Obypappon Tufpatog AB tév dbo dmmédov. Ta A
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xal B elvar onueia tév dmnédwv (I1) wal (P) dvrotolyws (oy. 212).

~~
184. Qewprnpa. Ao yovieg xO0y kai
et A
x'0’y’, mob Exovv tig nhevpé tovg rupahinieg A ¥ /

xai opodpponeg, elvan foeg kai ta énineda mod [ @ 7
xabopifovtar an’ abdrég, elvar napaiinia. P Bl

"Anodeign. Iloave otlg mapdhinreg eb- -
' e 3. 202

Oeiec Ox wal O'X" madpvovpe 7o onueia A

xal A" dvriotolywe Etor, bote va elvar OA = O'A’. "Apa 16 OAA'Q" ba
elvar mapedinhdypappe ométe xat OO’ [f = AA" (1) (ox. 213). 'Oupclag
nivew atlg Oy xat O’y malpvovpe OB = O'B’, émbre 6 OBB'O" O elvar
mapaaAnAdypappo xal émopévwg O0'[[ = BB’ (2). "Ané tlg oyéoes (1)
wak (2) ovpmepalvoupe e AA' [ = BB’ dipa 6 ABB'A’ elvar mapadhnhb-

Yoo, on:c'rre AB A'B' "Apar. OAB = OA B, (IT-1II - IT). ‘Eropévag

B elvar xal O =0' A xOy =X O’y'.

/N j
[e /
/e /

Ix. 213 Iy 214

Ot 80 ywvleg xﬁy xack x’ﬁ’y’ rablopilowy ta énimeda (I11) xai (1I')
dvriotolyws. 'Eredn Ox [fO'x" Oa elvae Ox [f (I1") (§ 172), dnrads % Ox
aroxheletar v téuver 16 éninedo (I1'). *Enlovg énedh Oy [/ Oy, 04 elvar
Oy [} (IT"). Tére amoxdeletor va tépuvovrar wat ta émineda (I1) xel (I1°),
yiatt, &v Téuvovtay xatd wia edfelax KA, adth, dg edfelx ot (II), Oa
Enpeme va téuver Touddyioto ik dmd tle Ox xal Oy xal adté onuaiver
&t wd Tovhdytoto amb tig Ox xal Oy 04 elye éva omueio Tng mdve ot
éntrnedo (I1'), &N adtéd elvan &rvomo. “Apa elvar (I1) [/ (IT°).

Iépropa. "Av dbo ebBeieg évog Emintdov ol dmoleg tépvovran, elvan
rnapaiinieg dvaotoiymg npog 0o edbeleg Evog Ehhov Emnédov, td Enineda
elvar mapalinha.

185. Oewpnpa. "Av d0o irireda (I1) xai (P) elvar napalinia mpog
tpito tninedo (L), elvar xai petald touvg mapaiinla.
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*Anbdeitn. (IN)// (£), (P)/|(Z) (oy. 214). Ta émimeda (I1) xal
(P) dmoxheleran v téuvovrar, yiarl téve dmé Eva dm’ T OWE TOVG oMpele
0d Smhpxoy Sbo mapdihnla énimede mpés T6 (Z), & adté elvar dromo
(§ 182). "Apa elvar (IT)[[ (P).

186. Gedpnpa Tobd Oadij. "Av tpia tovhdyoto irineda (IT), (P)
kai (E) elvar napdhinhe xei tépvoviar dné dbo edBeleg (2) xai () otd on-
peie, A, B, I xai A, E, 2 dvnigroiywg, t@ tpfjpata v edbeidy, 16 drola
nepiéyoviar peratd t@v imntdov adidy, tvar dvaloya.

5 28, AB AE e

Anodertn. Od dmodulfovpe &1 BT Tz (o 215). "An’ <6 oy
psio A gépvovpe edBeia AB'IY [[ABI. Ot 3bo mapddinhes edbeieg xabo-
plfouv éva énimedo, mob Thuvel Td tninede (I1), (P) xab () xavd edbeieg
mapddhnhes AA[/BB' [[TT. "Apa 7d verpamievpar ABB'A xal BI'T'B'
elvar mopodhMbypaupe. ‘Emopéve; AB = AB' xal BI' = B'T",

\ﬂg E)
(E)W{) 7 chD)
A
M e

’
Iy, 215 Ex. 216

Ol repvbpeveg edfeieg ALZ xal AB'TY xaBoplfouv &va émimedo, mod
céuver 7d énimeda (P) xab (E) xatd efeleg mapdiinhes B'E[/TVZ. “Apa

0 elvor (Bedbprua ol Oudi om émimedo) a0 g8 gy 4
BI" EZ BT EZ

Té Bedpmua pmopet vé émexrabel xal yid meproobrepa dmé Tpla enimeda.

187. Qedpnpa. Tpelg edbeteg (8), (2) wai (§) By tod idwov Emnédov
tépvouy b0 mapdiinha Enineda (IM) xai (P) ovd anpela A,B,' A, xai E,Z
avioroiyeng (oy. 216). "Av nave otig ebBeleg ndpovpe onpele H,O wxai I
avtiotoiyng kal npog 6 Bro pépoy tod Emnidov (P), tétora dote va elvan :
AB TA _ EZ
BH A@ 21
pakinho npog ta Erineda (M) xai (17).

*Anodertn, "Av 16 éminedo (Z) (oy. 216), mob xabopiferan dmé td

, 14 onpele H,0 xoi I xaBopilovv Eninedo (X) na-
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onpeia H, © xal I, 8év Hrav mapdiinho npbs td éntmeda (I1) xal (P), dné
t onpela H xal © O nepvoloe &va pbvo Emimedo mapdihnho mpég d (I1)
xal (P) xal Ok Erepve v edbela ({) of onuelo 1, mpbe 16 pépo vév H xal

0 dg mpés 16 (P). Téze Ba Firav (mpoyyodueve Bedpnue) : A (1).
BH ZI
*Ané iy UmbBeon Spwg Exouue : A—B = —EE (2). Topa ané lg oyéaeig
BH ZI
(1) =at (2) émetan L3 = o] i ZI' =ZI1, 3mhudy 04 Engene Té onuelc

r ZI
I' va rowrileron pé 16 onueto I. *An’ adtéd Emeton n () [/ (I1) /] (P).

ALKHEZEIL

AL

418, Alverau &va dmimedo (L1) al pud edbewn () [/ (I1). N& gépete éninedo (P) /)
(IT) mob vd mepiéyer Thv (e).

419. Teeig edbeieg 10l ywpov Ox, Oy, xal Oz Egoww xowd 16 onueio O xal téuvov-
tau ané 8o wapdMnha ntmeda (I1) xal (P) otd onueix A, B, T xat A, E, Z dvriatol-
yws. N dmodeiybel &1e elvar tpry. ABI = tpiy. AEZ.

420. Alvetar #va éninedo (I1) xal pud edBeix () wol 8év dvixer o’ adté. N& tome-
OetnBel Tufipa yvwotol phAxoug A pé ta dxpa Tou oté énimedo (I1) xal othv edbela (c)
xob va elve mapdddnho mpbs yvwoth Sebbuven (8).

421. Alvovrar 3bo mapdiinie érimeda (I1) /) (P) xal éva omueio A 7ol émimédou
(I1). Né BpeBet & v. témog tév anpelwv 10b émmédou (I1), mod loanéyouv dné v6 ompelo
A xal 16 tninedo (P).

422, 'Anb &va onpelo A vd gépete ebbiela mapdddhnhn mpbg émimedo (II), mob vd
wépver yvwoth sbfela (g).

423. Tplo mapddinra énlmeda (I1), (P), (Z) xatd oepd dméyouv td (I1) xal
(P) 12 cm, v (P) xal (£) 8 cm. Mk edbela (e) véuver adrd ovd anueia A,B,I, dvri-
atoiywg xal elvar AB = 18 cm. Né& dnohoyiotel w6 piixog BT.

B.

424. 'Anb dva onuelo A va gépete bnimedo mol v loaméyer dné tpla yvwotd ov-
uelx B,IA.

425. Ildvw of 8o mapdiinia ¢nimeda (I1) xai (P) Bploxovrar 8ve wixior (K,R)
xal (Ap) dvriotolyws. Nd gépeve ebfela mapdddnhn mpée yvworh Swebbuvorn (8), mol
vé tuver xal Tolg 8t xixiouc.

426. Na Bpebel & v. vémog tév péowv Tév Tunudtwv, 76 bmolx Eyouv Td dxpa
Toug whve of 3o mepdddnia Emimeda (IT) xal (P).

427. Alverar évo éminedo (I1) xal éva onuelo A ¥iw drn’ abrd. ‘Evdvoupe 6 A

wé bva anpeio M 7ol dmnédou (II) xal mdvw oté tufipe AM malpvoupe &va ompelo 1

tétoto, dote —Il% = % . Né& Ppebsi & y. témog Tod onpelou 1.
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428. Aibverar #vag windog (0, R) xal €va anpelo A. “Av M elvar &va dnowdfmore
anueio Tob xixhow, v Beefel & v. tomug tob péoou A tob TphHpatog AM.

429. Alverxs fvac winiog (0, R) ual 890 enueix B wxl T ¥w dnb w6 Eninedsd cou.
“Eva perafintd onpeio A Sraypdoer 4y wivdho. Na Bpefel & v. thmoz 10D ». Bhpoug 703
rpryewnny ART,

ALYMBATEZL EYOEIEZ

188. “Opiopdg. Zriv § 147 eldope b dovpBares edfsics Adyovrar
3o p# ouvenlnedeg edBeiec.

Méprope. Kabe irinedo (1), mod meméyer pid and tig 6o aodpPateg
eblzieg () xai (§), tépver tiv &Ahn fi elvar napadlinlo npég avti (oy.
217 o wat B).

189. Twvla 8Vo dodpRarwy edBerdv. "Ac Bewphioovus Sbo datuBu-
teg efeleg (g) nal (§) (oy. 218). *And &va onuein A e eifelug (=) pép-
voupe edfela Ax[ff (§). 'H yovie o vév eifady (¢) xal Ax elvar dvefdp-
™™ ané ) Béon T0l A mdve otiy eilela () wxt Adyerar yovia tév 390
godpPatov edfadv (g) xal (L)

Mpryporixa, &v A’ elvar &va 800 onpsio 7 edbelng () xab dn’ adré
pépope edficle A’ [[(T), O& elvar Ax[JA'X’, 45 mapdddqhes mphs THY

~~ ~~
B enBelo (7). "Apa 06 elvor xal A=A = .

(§) (D
\\ R /A0
(€) fV/
B

. 217 Iy 218

4 0

190. 'OpBoywvieg edbfeieg Aéyovrar 800 daodpPateg edeieg, mod #
Yovia tovg elvar opbi.

191, Qevpnpa. “Av ma eibeia () elvar dploydvia npég Sbo ed-
Oeleg (§) woi () évég mimedov (M), W edeia (e) elvon xaBetn ot6 Emi-
redo (IT).

"Andderln. *Arné 16 Tyvog A tig eifelag (e) maver otd ErnlmeSo (IT)
pépvovpe tig edbeieg (L) [[ (X) »al (0')[) () (7. 219). O e3Bsizz ()

WneionoiBrke amoé To ivotirouto EknmaiSeuTikrg MoAmkrg



170- Kowf) k&betos 8Uo &ouppdtwv elfaidv

wal (') dvixowv oté énimedo (IT) (§ 145). *Emedy slvar (e) L (8), 0z
elver () L (%), "Oporex elvon wal () L (). "Apa 4 ebBela (e) elvon xdBetn
orb éntredo (I1), éned elvar xdbemn of 800 edbeieg wou.

192, Oewpnpa. I SO0 dobpfateg edbeleg () kai ({) Omdpyovv &do
povo napahinia trineda, mod 16 kabéva nepéyxer Tty xabeprd.

"An6derEn. *Anb ¢ onpeia A xal B tév 8bo dodpfarwy edbedv (s)
xal () dvnarolyws gépvoupe dné pla edbele Ax xal By mopddinhn mpée
tlg (L) xal (e) dvrorolyws (oy. 220). Té 8o énineda (I1) xal (P), mol
dpllovrar, elvar mepdinha, yixtt 800 eifeieg 7ol &vég elvar dvriorolywg
mapdddnhes nipbs Sbo edbeieg Tol dAdov.

& Vi X

n

(€)
B

(v

P
1]

Ix. 219 Iyx. 220

Elvor xal ©d pbvae mopdddnha Erlmede, mob mepiéyouv 7lg 3bo dolp-
Bareg, yiatl, dv dmd Smotodfmore omueio A’ g edbelag (¢) @épvape A'X’
/] (%), 04 Frav A'x" e (IT) (§ 174).

IMépiope. TG dbo dodpPareg ebleieg (8) xai (§) dnapyer Eva pévo Eri-
nedo (IT) rapidinlo npbg v edbeia (g), 6 dnoio nepéyxer thv edela (§)
(ox. 221).

KOINH KAGETOZ AYO ALYMBATOQN EYOEIQN

193. Oewpnua. ' 800 aodpPateg edleieg (g) xal (£), drapyer pia
xai poévo pia edBeia xdBerog kal otig 300 doippares.

*An6derEn. "Anb éva onpelo T g edBelug (L) pépvoupe edbela I'x [[ (g)
(ox. 222). Of 3o edbeieg ({) nal I'x xaBopllouv éxlnelo (IT). *Amé &ve
onuelo A vic edfelag () pépvoupe AH L (IT) xal dnbd v6 H iv edbelo
HB/[ (e). ‘H ebbele HB dvhixet kopards ot énlnedo (IT) (§ 174) xal
Emopéveog tépver Ty eblele (§) o€ onpelo B (droxdelerar vé elver mupdi-
Ak, yioel téte 0 Frav xab (e) /) (§) ). Ol 300 mapdddnies (e) xal BH
nabBoptlowy eminedo (P), ové émolo dvijxe. mpopavédg xal %) AH. "Amé 76
onusto B gépvovpe edfela mapdhhnhn mpds 0 AH, mod dg edfelo ol émi-
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nédon (P), tépver v edbelx (e) oé oqueio A. Th rerpdmievpo AAHB elvar
4mb ThY netaoxevh Tou mwapahdnibypapuo xal pdherta Aploydvee, yiarl £l-

(€) LI s

18] (0

eyt b TP D X
r _—
n B H
\

o

Ex. 221 Ix. 222

var AH | (IT), dpe AH | HB. ‘Emopévers 04 elvan xal A=1 7 AB | (g).
'Eneidd) émméov elvar AH | (1), 64 elvar AB | (IT), émére AB | ({).
‘Emopéves f AB elvar xowf xdfetos tév 3o dodpfatwv edbadv (e) xal (7).

‘H xowh) xdfztog AB tdv 3bu aodpPutav eifady elvan xat § povadu).
Mpayparind éare 8n f) IK (oy. 223) elvar pla 800 xowh xdBetog téiv 8ho
dodpBarwv. "Ané 16 K pépvovpe Ky/[ (). Tére § IK 04 elvar xaBetog
othv Ky, émedd elvon xdBetog othiv mapdddndh g (). ‘H Ky Buwg dvixer
otb érninedo (I1), yrari Ky// (e)//Tx. "Apa IK | (I1), dg xdBetog otig
3o edfeieg tou (§) xal Ky. Zuverdic AB[[IK, dz ndberes oth (810 éxi-
nedo (T1). "Apa ol AB xal IK xafoptlouvy éninedo, o6 dmaio dviner f AT = ()
uat § BK = (¥), 3nhadf ol dodpBareg edbeies (e) wat ({) elvau ovvenmine-
Beg, &' abrb elvan dromo. "Apx uplo pdvo elvar 4 xowd xdBetog 8do dadp-
Barwy ebbzidv.

194. Oedbpnpa. "An” Bha td edBOypappa pfipata, mob Exovv ta Gxpa
toug mhve of 6o dobpParteg edBeieg (2) xai (), pxpotepo elvar t6 xovéd
k@fero tpfipa AB thv 8o dotpfarov.

*Anédeitn. "Eotw AB 4 xowd udbeto tufpa tév dodpBarev eibedy
(e) xat (§) (oy. 224). "Ané w6 B pépvovpe vhv Bx /[ (), mod pall pé v

(€) A K
(€) A 1
(N__ WhB Lo j
) P
A (m
Iy 224
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edfeta (§) naBopller &va dminedo (IT)[f (). "Av KA elvar Eva dmolodfimore
e0B0ypappo TuHue pé Td Expa Tou mive ortlg Sdo dolpfares edbeleg (c)
nal (§), dpxel v dmodelfoupe 6t AB < KA. ®épvovpe KI' | (IT), odp-
pauve pé ohy § 175 6& elvar AB = KI'. "Ané 76 dpboydvio tplywve KI'A
natpvoupe KI' < KA, Emopéverg AB < KA.

195. *Erdy oty dnboraoy §vo dobpParwy edbeidv fj dnhdg «ano-
otaon d0o GobpPatwv edberdv» Aéyetar 6 pfikog 100 xowvod kGbetov £d-

B0ypappov tpfipatds tovs.

ALKHEEIE
A,

430, Alvovran 8bo dodpPates (e1) xal () xaxl €va onueio A, Nd qépere &b 76
A ebfela mod vé& téuver xal tlg 8o dabufares.

431. “H xowv) udbetog AB 8lo dobpfarwv ebbeddv (gy) xal (gy) Exer piixog 12cm
wal f) yovle tév dodpParov elvoar 60° Ildve othy (g,) malpvovpe Tpfipe AD' = 6em
wal mdves othv (g,) tpijpe BA = 8 cm. N4 Omoroyrorel 16 pfixog 1ol tphpatog I'A
(80 mepimrdioeis).

432. "Ané 16 péoo T’ 7ol mowed xdBetov tufparog AB 3bo dadpfatwy edbedv
(e,) nal (e5) pdpvoupe énimedo (II) mapdddinho mpbs tlg dodpPates. N& dnodeyfel o
xdfe Tufipa pé td drpa Tou méve otlg 8Vo dobpBares Suotopelton dné 16 dnlnedo (IT).

433. Alveran éva Enimedo (I1) xal 800 dobpPares edbeieg (€,) xal (g4) mapdiinheg
mpbe 6 (I1). Né drodeiyOel &t 4 xowh xdbetog v 8bo dadpPatwy elvar xdbertoc avé
énlnedo (I1).

434, T’ Bva atpefré tetpdmievpo ABT'A elvar AB = I'A xal AA = BI'. N' émo-
Seuyfel &1 % ebbelo mod dvdver T4 péox TdYV Suxywviov tov elvar § xowdh xdbetde Tous.

B.

435, Alvovras 800 dobpPares edbeieg (¢y) xal (e;). Na pépete elfela mod va tépve
Tl 8o doduPates xal vd ¥y yvworh SwdBuven (3).

436. ‘Evég petafinrol otpefrol tetpamiedpov ABT'A ol xopugpés AB,I Siawn-
pobvrar otabepés, évi # xopueh Tou A Suypdpe. wdk edfele (e). Nd Beelel 4 Oéon 7ol
A mive athy edfela (e) ¥rol dote T6 mapaddnhdypapupe, mob Exel xopupés td péox Tdv
mheuplv Tob Tetpamhetpov, vi elvan i a) dploydvio, B) pdufos.

437, Alvero #vee émimedo (I1), Bva onuelo tou A xal wd edfela (g) mod Tépver
16 (IT1) oté B. N& gépere dnd 76 A eblela (§) 7ol émnédou (I1) térorx, Hate & xowh
*40etog v davpBatov (e) xal (§) vd mepvd i) dmé ©6 omuelo A, ii) dné ©6 omusio B.

438, T vd elvor dploydvia 800 dadpBata edfiypappa tpfueta AB xal TA,
v dmoBelfere 87 mpémer wal dpxel vé elvar T'A'—T'B? = AA?— AB3,

439, Alvovrar 8Yo dedpfares edbeleg (g,) xal (g4) mob tépvouv Eva drinedo (I1)
otd onpela A xal B dvriotolyws. Né xoraoxevaarel tufjpa yvaotol phxroug A, mepdh-
Ando mpés T6 Fmimedo (II) mod vék Exer td Sxpa Tou mdvew otlg 8bo dodpfates edbelec.

440, Alveron fva éninedo (II) xal 8o dodpfares edfeles () xal (§) mod répvouv
w6 (1) ovd onusla A xal B. “Eva perafinré edBiypappo tpfipe TA #ye v dxpar tov
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méver otle Blo doduBates edBelec xal mapapbver mopdiinio mpbe 16 Emimede (11). N4
Bpebet & y. tbmog 7ol péaov Tou I.

441. "Av o’ Evax otpefhd terpdmienpo ABI'A elvar AB = I'A xal AA = BI', v
armodewyfet & % edbele, mod mepvd dnéd td péoa ThHV Bxywviev Tou, elvar wdfetog avd
trimedo mwol dplleran dmd vd péox Tdv mhevpdv tol otpeflol Tetpamieizou

OPOEE NMPOBOAEZX

196. 'Opbi mpofolfy £vég onpueiov A mave of ma edbeia () Aéysrm
6 Tyxvog A" tfig kabétov &ndé 16 A orfv edbeia (&).

*0Opb1y mpofoln £000Ypappov tpfpatog AB mave of pia edbeia (8) hé-
yeral 16 oOvoho tdv dpBGv npoPoldv tdv enpeiov tod tpfpatog AB nave
otijv ebBela (8) (oy. 225). Té onperoodveros tolito elvar ebBiypapuo Tufus
e Sxpa o bpBéc mpoforés A’ nat B’ tév
A xal B mdves oty edbeta (e). Kdbe onpeio (€)

A 1ol tpfuatog AB mpoBdidetar o fva -

onpeto Z 1ol tpApatos A'BY pé ini- / A
nedo (I1) dmé 6 A xdbero oriv ()

xal dvniotpbows, xale onueio Z 1ol e
zunuatos A'B’ elvar % mpofolny dvbe om- / 7 T y
petov A 7ol tpnpatos AB, dnov 6 A

elvow # Top# Tob udbetov Emimédov oty

(e) d&mb 16 Z. /_%B' 7
197. "Opb1} npoPorf Evég onueiov A B

navo of Erinedo (IT) Abyetan 6 Tyxvog A’ / I
tfig xdbetng edbelag dnd 16 A otd Eni-
nedo (IT) (oy. 226). Iyx. 225

198. *Opb} npoPorn Evbg exfpatog (X) mave o Eva ininedo (1) Aé-
yetar t6 olvolo v mpoPfolddv thv enpeinv tol exfpatog (L) mave oo
Eninedo (I0).

199. Oewpnpe. ‘H opbfi mpoPorn edbeiag (¢) of Erinedo (IT) elvan
ebBeia 1] onueto.

"AnodeiEn. ‘H edfelo () yevixdde tépver 76 émimedo (I1) of omucio
A (oy. 227). 'Anb &va onueio B tijc edBelag () pépvoupe v BB | (T1).

(OB
N A
/" - / </c': B'x'fr\‘\

Iy. 226 Iy 227
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‘H elfele BB’ xal 16 onueio A xafopilouwv &va énimedo (P), mob téuver
6 énlnedo (I1) ward thv ebfele (¢'). Té dmoedfmote onueio M tig edbelag
(e) mpoParetar ndvw 16 éninedo (I1) of onueio M’ tig edlelag ('), yrarl
f MM, éredy elvan wdberog ot6 dnimedo (IT1), elvoan mopdidgin the edbelog
BB’ xai émopéve elvar edBela 7ol Emumédov (P). ‘Emopévers w6 onueic M,
676 bmolo wépver t6 énimedo (I1), mpémer vd dviner otd nowd pépog Thv
8o emméwyv (I1) xal (P), 3nradd oriv edbela ().

Kat dvmotpbpoe, div M’ elvar &va onpsio tig edbelag ('), gépvoupe
ar’ adté v xdlero ot (I1), # dmolx elvor mapdddgin ~is BB’ xal émo-
uévarg mepéyeton ovb émimedo BB'A. "Apa tépver v AB of oqueio M.
"An adtd oupmepatvoupe mag f pBN mpoPord tHe elfeluc (¢) atb éninedo
(IT) elvae 4 edbelx ().

() A M B mi A

® =
Py 7 =
() A ™ B l a B

Iy. 228 Iy. 229 Iy. 230

YAv ) edfele (e) elvar mopadhnin mpbe 16 Emimedo (I1) (oy. 228), %
op0% mpofory g (') 016 Emimedo (IT) waBoplleron dmbd =lc bpBéc mpo-
Borés A" xal B’ 800 onueiowv A xal B t¥¢ edbelag (c) orbd énlmedo (II).
Mpoypoarind, of AA" 1 (IT) xal BB’ | (I1) elvar mapaddnhes xatl dpllovy
énimedo (P) L (T1). "And xdbe onuelo M t¥g edbelag () % MM’ L (IT)
avixel oth (P) xab émopévag tépver 76 (I1) at6 M’ € (&) nal dvriotpboug,
amb éva oqueio M’ tiic (¢') § ndBerog oté (II) dviuer ové éninelo (P) nat
émopévorg Téuvel v (e) of anuelo M. Ol edleiec (2) xal (¢'), d¢ ouvent-
medeg xal ywpls xowd anuelo, elval mapdinies.

YAv téhog # ebfela (g) elvar xdberog até Erlinedo (IT) (oy. 229), 4 6p04
mpofor g oth (IT) elvanr t6 Tyvos tng A mdve oté inlnedo (IT), Snhaldh
elvar anpeio.

Mapatiiprion. ‘H &pbh mpoPors edfiypappov tufuatos AB ndves of
éninedo (1) elvar edBbypappo tufue pé dxpa tig bpBés mpoforés A’ xal B’
v A xal B maver ot (IT) (ox. 230).

IMépropa. "H opbf npoPolsy évog eddiypappov oyfipatog nave of éni-

nedo (IT) elvar ed@hypappo oyfipa pé xopupég tic mpoPoléc tdv xopuedv
tob dpyxod oyfparog (oy. 231), .

200. @ewpnpa. ‘H dopdfy mpoPorfi £vég edBOypappov tpfipatog AB
rnavo of ininedo (IT) elvar pikpétepn #| lon ané t6 tpufipa AB.

"An6daiEn. "Eate A'B’ # npoford toll tufuatos; AB mdve até énlmedo
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(I1) (oy. 232). Tére elvar A'B’ £ AB, vyt 76 tpfua A'B :'fv;u'ﬁ &b~
oroon Tév mapdAAnAwy edfedy AA’ xal BB'. Té = loyber pbvo oty mepl-
nrwoy THe mapadAnilag ol Tufuatos AB pé 76 éninedo (IT).

201. Qewpnpa. Ol dpbEg mpoPorés 800 mapalinlov eddabv (8) xai
() nave of érninedo (IT) elvar edBeieg mapadinies.

| ]
A : 4 A :
] ' 'I |B
/i_—‘——&r
A B ;
n T
1

Iy 231 Iy. 232

'Anodergn. [Malpvoupe 800 anpeia A xal B g edBelag (e) xat td mpo-
Bdrhoupe mdvew oté Emimedo (II) otd onpeia A’ xal B’ dvtiorolywg (oy.
233). Td onpeia A’ xal B' xabopllovy 076 énlmedo (II) v bpB% mpoPorn
w7 edfelug (g). ‘Opolweg % edbela (§) mpoBddietar mdve otéd Eximedo (IT)
oty edfele ({') ué tlg dpbéc mpoPorés IV xal A’ 3o onuetov g ' xal A.
Ol mapddinhes edbeics AA’ nal BB xafoplfouv éva érimedo (P), ové dmalo
avixer % eiBela (g). ‘Opolws ol mapaddnies ebbeieg I'TY xal AA’ xabopt-
Cowv érinedo (X), o6 dmolo dviner %) edbela (). *Emeadn elver (e) /[ (§)
xal AA' [ITT" dg xdBeres 76 t8o Entnedo (I1), oupmepatvoupe wig (P)/f
(Z) (§ 184). 'Emopévwe xab (¢') ][] (L), yiorl elvar Topés mapdddniwv Em-
médwy dmbd Tplro Erlinedo.

202, Oewpnpa. “Av ma edbeia (g) tépver Eva Eninedo (IT) ot6 onpuelo
A, oynpartilel yovieg pé tig edeleg 1ol Emnédov (II), dnbd tig dmoleg pukpd-
tepn elvar adti) mod oynpartiferar pé v mpofodf tng ().

*Andderkn. *Ané éva onueio B ¢ edbelag (e) pépvoupe BB’ L (IT)
(oy. 234). “H elbela AB’ = (¢') elvan % mpoPor e edbetag (e) mdve otéd

B 1)

Iy, 234
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érineSo (I1). Ag Bewphooupe nal wd dnowadhmore edbfele (§) Tol Emimédou
(1), mat mepvder dmb 16 onueio A. [ldve o adrh matpvoupe Tpfipa AT = AB’

nal dpxet V' dmodelBovpe Emu BAB' < BAT.
BB’ < BT, ytarl #) BI' elvar Ymotetvousa 7ol dpboydviou rprydivou

BB'T (ﬁ' =1L). Tére dmb 4 tplywve BAB’ xal BAT, mob éxouv mh BA
wowh, Thy AB’ = AT xal BB’ < BT, oupnepalvovue md BAB' < BAT.

203. Twvia edBeiag xal émmédouv Aéyerar 1| yavie mod oyxnpatiler
abti 1 ebbeia pé v npoPorfy g mave ot6 Erminedo.

‘H B yovle Myetar xal yovia xhioewg Hg edbelag dg mpbs 6
éninedo.

204. Ta oyfpare orfi Evepeoperpla. ‘H orepeoperple, dg émé-
wroon Tig émimedopetplog, pé mpditn oxédn 3¢ 04 mpémer vd mapovordler
peyoritepn SuoxoMa otiv dvriperdman Tév Oepdtav ™, drbd Exelvn mod
napovaraler ) émmedopetpla. Evrodrorg Spwg dmdpyer peyoadirepyn Suoxodba
xal Tolto dgelhetar oté yeyovég bt Bév Epyalbuaore pé abrd td (S oreped
i atepeopetplag, ahhd dmewovilovpe advd of éninedo (plhho oyedudoewg
¥ mivexa) xal pyalépaote pé tle elwbveg Tous.

Ot elxbvec adtés tédv orepedv, 8év elvar tlmore &Aho, mapd of dpbés
mpoforés Tév oTepedv mdvew oté Eminedo oyedidoswe. Mk T oyedlaoy dmo-
péveg Tév oynudtoy mpénel vi Exoupe O’ Bm Spopévoug Paotxals xavé-
veg, SmAady :

i) "Av 16 oteped mod mpbueitar v dmewxovicoupe mepiéyer mapddinhes
edfele, adrés Od oyediaortoly dig mapdddmres (§ 201).

i) Td when yewxd 8¢ Swwmmpolvrar, &AM mpoBdMovran oé puxpé-
epar (§ 449).

iii) Ado mapddhe xal Yoo Tuhuoara Exouv mapddnies xal loeg mpo-
Bohée.

iv) Ol yovieg yevxd 8¢ Buampolvran, dMAd mpoPdihovrar ok peyodd-
Tepeg ) pixpbrepeg yuvieg xal tolito 04 Eapritar dnd ) pavracTinyy Béom
Tol orepeol g mpds 16 dnlmedo oyedidoewe. T émimedo Tpfuora Ay mwod
v pavralbpacte dg dploydvi, td oyedidlovpe ouvhBug de mAdyie mapak-
Aqhbypappe, Sqhadd dmb tlg dpBéc ywvles Toug ol Bbo dmévavtl Tpofdihov-
ton g dpPAretec xal ol &Aheg 8o b dEelec.

Térogs % oworh xal mapxoratind oxedlaon tév oynudrov EEaprita
xatd mokd xal dré v Epmetpla Exelvov mob doyodeivor W' adriv.

205. *AEovinf) gupperpla. ‘Optletar dxpiBds, brwg xal otbd Eninedo
&g peratémon. "Eror v6 ovpustpind dvbg omuelov A, dg mpbg ¥Eova ud
eiBela (e) (oy. 235), elvar &va ovueio A, 76 dmolo mpoxdnrel dméd THY mept-
aTpog” ol onuelov A ylpw dn’ hv ebfelx (e), xard yovia 1800, Té érninedo,
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rdve otb bmolo ylveton ) mepratpogh 70D A, elvor xdBeto otéy &Eova oup-
perplag (e). Té Tpijpx AA’ Eyeu G peoonddere Ty Lo oupuetplag (e).

Té ovppetpnd (Z') Evég ove-
peol (Z) dg mpbg Evar dEova ovp-
perplag (&) dmaprifetar dmb w6 av-
yoho TOV OURUETPIXGY THY o7~

(€)

(€)

Iy, 235 Ix. 236

petwv 7ol atepeol (Z) o mpbe thy 8o EEova (ay. 236). Ta 3o oreped
(B) xab (Z') elvou tow, yrari w6 (T') mpnwdnTel dmh peratbmion (mepi-
otpogh) Tol orepeot (I).

206. "AEovag ouppetplag orepeol. "Av yid Eva greped (Z) Gmdpye
edBelor () xal elvon Tétoux, diate 76 ovpperptnd M ol dmowoudfmote ov-
pelov M 7ol atepeol (E), g mpbe §Eova ouuperpiag Ty (), v& dviper 076
(Z), whre Mue b w6 areped (X) Eyer HEova oupuetplag ThY e)0sla (g).

LYMETPIA QF INMPOZ EMIMEAO (KATOITTPIZMOEL)

207. ‘Opropde. “Ag mapoupe éva inimedo (TT) woel Eva empeio A mod
8év dvixer o adré (o 237).

Toppetpikd tod onpeiov A, mpdg 6 tninedo (IT), Méyerar Eva onpeio
A’, tétowo, dote 16 Eninedo (I1) va glvan t6 peookdbero tod TpHpatog AA".

Metd 4’ adté tév bplopd, ik vo xeru-
oxevdooupe 6 ovppetpixé A ol ompeiou A

&g mpbe 6 énlmedo (I1), gépvoupe dn’ w6 A —_—
hv AA; L (1) ol othy mpoéutaad g Talp- / A ;
voupe Tuipe A A" = AA. n W tal

Tépiopa I T6 cupperpixé tof onpeiov A ;
nob elvan copperpiké 100 A, bg npog 6 Eni- A
nedo (II), elvan 16 onueio A. Ix. 237

Mépiopa II. Ta enpeia tob Emnidov (IT) rapapévovy dvarloiota oth
cuppetpia dg npog 16 (IM), dnhadfh coprintovy pé Ti oUPpPETPIKG TOLS.

A

12
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208. ‘Opiopds. Evpperpikd Evég oxfipatoc (), g mpbg Eva Eninedo
(IT) Aéyerm Eva oyxfipa (T°), 16 dnofo araprifetar &nd @ ovppetpika thv
onueiov tob exfpatos (I), hg npég t6 irinedo .

"Av dmapye. énimedo, dg mpbs w6 bmoto T6 ouppetpind (L') évbe ayh-
patog (X) oupminter pé 6 oyfipa (X), vore 04 Mue &n 76 oyfua (Z) &y
éninedo oupperplog.

Hapadevypa. Td Eubux bvra tig ghocwe yevind Exouv énimedo quppetplac,

209. @ewpnpa. T6 ovppetpixd még edbeiag dg npég Eva Erincdo
elvan edBeia,

"Anédergn. "Eote wid edBele (¢) at (IT) 76 ninedo ouppetplag (oy.
238). Malpvoupe ué onuein A xal B e ebfelag (e) xaf waraoxendfovpe
T ouppetpikd Toug A’ xal B avriotolywg, g mpbs 76 énimedo (I1). O
ebleles AA’ xal BB’ tépvouv 76 énirmeSov (IT) dvnsrolywe, otd onueia
Ay xob By, td émola 6pllovy hy b0 mpofodv () g edbelug () mdve
a%6 éninedo (IT). Tére § oupperpla g edbelag (e) dg mpds 16 Enlmedo (IT)
propel vé OcwpnBel xal dfovind cupperpla dg mpds &Eove v edbeler (e4).
‘Emopévag, dnedh suvundpye &Eovury ouppetple, 76 oupperpixd T &d-
Oelag () dg mpbe 76 nminedo (IT) elvar edBeter (e’).

IIépiopea I "Av ma edbeia (c) tépver Eva EnineSo (IT) of onpeio O,
M ovppstpikn edBeia () tfig () ag mpbg 16 inimedo (IT) nepvher and 16
onueio O.

"Av 1) ebfeia (2) firav mapariniy npbg 6 Eninedo (IT), xai | ovppe-
Tk g 84 firav mapadinin npég t6 (IT).

2 (€)

B A
¥ | | (Ep),
r_’ S B, i &1 100,
g A';/’
Ix. 238 Ly, 239

Mépropa II. Té coppetpixsd £vég ebBOYpappon tpufpatog AB ag mpog
Eva &ninedo (IT) elvar e00Oypappo pfipe AR, mob Exer na Gxpa vé oup-
peETpIKG 1BV Hkpov Tob wpufjuatog AB (oy. 239) kai elvar Too pé 6 AB.

Iépropa IIL To ouppetpikd &vég tprydovov ABT, dg npbg Eva éni-
nedo (IT), elvar oo tpiyave A'BT, Tati i dbo tpiyave Exovv tig mhev-
pég tovg dvrioroiywg Toeg. Tuvends kai 16 oVppETPIKG dmolovdfrote Eni-

=
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nedov ebBOypappov oyfipatos hg npog éninedo elvar oo oxfipe xai yev-
xbtepe 0 ovppetpikd drorovdfrote trninedov oyfpatog elvar loo oyfipa.

Mapatnphoeis.

i) Té oupperpns (E') vés orepeod (X) dic mpbs w6 ¢ninedo (1) ye-
vixd Bév elvar oyfpa loo pé 76 oyijux
(2) xal 7olto, yuerl & Bbo oreped el-
von  dvmlbérws  mpocavatohouéve (0%
240).

Mapaderypa. Ol mahdpes 7Gv ye-
puév pag, Brav Tefodv dvripérones, pro-
ooty vé Bewpnloiv oupuetpunés, g mpbs
tdidpeco dninedo. Ebxora Samatdvou-
pe bm 8év elven ltoeg, yioth, &v Frav
Iuhee, 8¢ O pmopolony vé TauTioTolv pé
romofbtnon THe Wwig mdve oty &M

i) ‘H ouvpperpla dg mpbs Emlmedo Ty, 240
Myeton xal xaTomtplopds, yrazl 8o ore-
ped ouppetpund petakld Toug g mpde tninedo Exowv térown oytom, Gmowx
aytoe Eyer t6 dva dn' adtd pé 16 waromtpid Ton eidwho péax ot Exinedo
RATOTTPO.

KENTPIKH LYMMETPIA

210. ‘Opiopds. Zuppetpikd Evog onpeiov A g npog kévepo Eva fikdo
enpelo O Léyeran ¥va anuelo A’ tétolo Garte 16 tfipe AA° va Exew né
péoo tov to kévepo tig ovppetplag O (oy. 241).

Tépiopa. T coppetpikd tob enpeiov A’, mob glvar ovpperpixd tob A
&g npbg 6 xévrpo O elvan 16 onueio A.

211. ‘Opiopés. Evpperpikd Evig oxfipatog () g npbg xévrpo onueio
O Meyeta Eve oyfipe (X7), mod anapriletam and ta ovpperpikd tdv on-
peiov 100 oxfpatoc (E) dg npog th kévrpo O (ay. 243).

_ ,\B @ . s YT
A 9 it W N

Ly. 241 Iy. 242 Ey. 243
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"Av 16 oyfipa (Z') tavnilbray pé w6 ayipa (L), 04 Myape 87t 16 (L)
Eyz uévrpo oupperplas th oqueio O,

212, "H kevipikfy ovppetpla drewoviler fva elflypappo Tufpa AB
ot loo tuifipa A'B’ xol dnopbves d dnimeda oyhuata Yevixd Td drmeixo-

=
viter ot loo oyfuara. “Eva mposavatohouévo Tufpe Suwe AB t6 dmer-

— — —
xoviler ot6 dvrifierd tou A'B’ (oy. 242), dnhadh elvar AB — — A'B’ xol
emopbverg T oTeped Td dmeirovile ob dvifétwe mposavarohaubve, Snhad
i Epapubauue, dpo Byt loo (oy. 243).

ALEKHZIEIZ
A,

442, "Av Bva edB0ypappo tufiux AB mpoBdiietar mdve of énlmedo (I1) oé A'R;
v’ dmodelfere d7u elver AB = A'B = 0.

443. N dnoBeiyDel &7 76 péoo vée edBiypappon Tuhpatos mpofldiietar ové uban
The mpoPodfc Tou mdvew of Enimedo.

444, Tpla aqpeia AB.I' Bplovovrat othy (8ux edBela ual mpoBdidovral mhve of
énimedo (IT) otd A',B'I" dvnigroiywe. N' dmoderydel 7 -%]_1?. = %IE_

445, Abverar Eva énimelo (I1), Eva onueio A o 4n' adtéd xal 8o onuein B xai

I' =0l (IT). "H drébaraan tob onpelov A dmb w6 énlnedo (IT) elvae B2 ual drd Thy edbela
BT elvar 5. "Av A’ elvan § mpofodf) 700 A ndve até (T1), v dnodewyOel &~ (A'RT) =

=24 (ABI).

]

446. "Eva ebbbypappo tufiux AB pé pHxoc 20 em Eye npoforhy A'B' oé tninedo
(IT) pé pijuog 10 cm. N Smohoyiozel § yeovia xiioews Tob TpApaTos, g Tpbg T6 érimedo.

447. "Eva onpelo A dméye. dré dnlnedo (I1) 8 cm xal &30 anueio B dnéyer dnd
6 (I1) 10 em. "Av % yeovta xhloews T8 tuhpatos AB, de¢ npbs 16 Eninedo (I1), elvar
30, v& Odmoroyiotel 6 pFxoc 700 Tphpatos AB, Brav: o) ta A xxl B Pploxovrar mpbe
=6 180 pépoc tob dmimédon (I1), B) 4 A xal B Belovovrar éxarépwbev ol (IT).

448. Nd ifevanel w4 mpomyoluevo medBhnua. v $ veovla xiloeme w00 Thupatoc
AB, &g mpée <6 (IT), elvar 45°.

449. Nd drodeurfel 87 ol mpoforés 8o mapddinheov xal ooy e0fBbypappov T~
pdrov mdve othy (B edfelx elval loec.

450. Alvesar g p0h yevix xﬁ:. YAv 4 pd mhevpd g elvar mapdidnly mpde
Evo émimedo (IT), v dmodewyBei ém 4 mpoPoih e bpbfic yeviag oté énlmedo (IT) elva
befh yovia.

451. Alvetar wid edfela (e) xal bva ompeio A, Nd Ppefei & ¥. vhmag tév bpbisv
mpoflordv Tol onuelov A méve otd EnimeSx, td bmoix wepvoly émé thv ebbele (e).

452. Alverar éva énimedo (IT) xal 8%o enuein A xal B mob Sév dvhixouy @' abth.
Nd Bpefel Evex ompeio 700 émmédon, wob 6 &poropa T@y droatdoedv Tov drh Td anueia
A xxl B va elvor w6 mé pixpd mod umopel vé Omdpler.

453. Té (8io mpéfnua, Brav % Siagopd tév drootdorwy dmé vd anpein A xal B
npémer va elvan  méb peyddy mob Omdpyet.
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454, Né xaroovevaotel bva ebfbypappo tufua mod vé éxen dg péao dva yvwoth
onpeio O xal t4 Sxpa Tou vé Pploxovral mdves of pud edlela (e) nal o' Eva Erinedo (I1)
dvriorolyws.

455, Alveror 6p0f yovia x’l?y, mat ol mheupés g tépvowy Eva Eninedo (I1) otd
A wal B. N’ dmoSewyfei &7 5 mpoPodh tis 8pfic yovlag mhve até trimedo elvar dufieta
yeavie.

456. Tlbze § mpofoid) wic bpBic yavlag wdve of Emimedo elva belx yavia |

457, Alverar wud dEela yeovia x@y. YAv % wle mhevpd g elvar mapddinin mpée
érimedo (1), v drmodeuyfel &vu % mpoflord ig yuviag mhve ath éninedo elvar dEela
yevie.

458. N4 dmodeyfei #ru 6 HBpoiopa Tdv Tespaydvoy Thv bpBiv mpofoldv tvbc
ebBlypapuon TpApatos mdve of tpeig edleles, dvd 3o bpBoydvie, elvae Yoo pé 4 tetpd-
yevo 7ol Tpfpatos adrol.

459, Alvezar va otpefhé tetpdmievpo ABT'A xal éva onucio . Nd gépere dmé
6 5 bva dnlmedo, mdve ot brolo 16 TeTpdmALupo v TpoBdiheTar xath mapahnhbypaie.

460. Mé mouks owBiines % Bigotbupog i yovlas mpoPailetar mave of émiredn
watd th Supotdpo ThHe mpoPorfic ™S

461. Alvovrar Bbo dotpBates edfeies (£,) xal (gp). "BEva petafdnté xatd Otor,
7 uu ué otadepd piinog A Eyxer T dxza tov otlg 8o dodufarec. N’ dmoderyOetl &y drdp-
e inimedo, bg mpdg 76 dmolo 76 TuRux aynuartife orabeph yovia xiloews wal mpoBdh-
AetaL mave o odté watd otabepd piixoc.

462. Abvovrar 800 dobuBates ebleie (e,) xab (g5). N& drmodewyfel & Ordpyouy
3ho &foves ouppetplag, pé xalbvay dmé Tobs bmoloug # wd dmd <le dobuBares edbeles
drewovllsTar athv &,

463. Alveror wd ebBela (e) xal fva onpelo A mob 3bv dvixer o' abrd, Né& Boeel
b y. wémog Tév ouppetpndy Tol A, e mpbe Td dxlmeda, mod mepvoly dn’ Thv edfela (e).

464. Alvovrar 800 dpBoydovieg edBeies (e) xal (§). "Eva edBbypapun tpfjpa pé
atofepb Ao A Exer Td dxpa Tou otlg Sbo dodpfares ebfelec. Nd Bpebel & . véwog ol
wéaou M 7ol tpApatos AB.

AIEAPEZ TOQNIEZL

213, ‘Opropég. Abo huenineda (I1) xal (P) pé wowh dpyh pud edfelo
xy Buupolv 16 y@pov o Bho mepoyés 1 xal I (oy. 244). 'H waBepid dm’
~ig meproyée adtée Myetou Sledpy yovia pé dxpd Ty edBele xy xal ué €dpec
<3 futenizzda (II) xal (P).

T4 Siedpn yovia ™ ovpPortfovpe ué (IM)xy(P).

214. *Avriovolyy émimedn pidg Suébpou. “Ag Bewphoovpe wa Bledpy
yovto (TDxy(P) wol Botw A Eva onusio tig dxpfis ™5 Xy (oy. 245).
"Amb 6 A gbpvoupe t6 xdfeto Emimedo oth Xy, mob Téuver i €3pec THe
Bdpoy xord 7l HusevBeicg AB xal AT, "H oynuamidpevy trlmedy yovie

BAT elvar dvebdprnmn dmb ©h Béom ol omueiov A wdve oTh XY xal Myeso
«vrlororyy éninedn yovla tic utdpov (M)xy(P)».
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Mpoyparind, &v A’ elvar éva 83ho onueio ¢ axpfic Xy xol pépoupe
dn’ oitd 4 wdbeto Erimedo oth xy, B4 waBopuarer avtlorotye % Emimedy

11 I

Iy. 244 Iy. 245

yevla B’:‘t’l’", mob elvon mpopavédg Yon pé o B/A\P, yiarl Eyowv <lg mheu-
pés Toug moapddines xal dubpporec (§ 184).

Mpémer vé anpeteBel §m o mhevpbe he avrioToyng ninedng yevlos
Beloxovrar ovlc &Bpes g SleSpne wab elvar xdbevec OTHY Guph TS,

215. Oewpnua. "Av 860 diedpec yovie (T)x,y,(Py) xai (I,)x,y,(P,)
elvan Toeg, téte wai ol avtioroiyee éninedeg yovies tovg elvar loeg xaf
avuetpopng.

"An6dergn. "Agob ol 8ledpec elvan loee, umopolyv va TauTioToly pé
perarémon xal Eropévwg pmopolv vé droxrhoouy wow), Spu lom dvriorotyn
Enimedn yovia, pé xdBeto dnineSo arhy ®otvd) deph Toug.

"Avtiotpépag. TMalpvovpe B,’}'\\,FI = B;{,I‘, avrioroiyes nimedes yo-
vieg av Bidpewv (oy. 246). Davralbpacrte pertatbman tHy éninedns yovlag

B,T‘\\ZI‘2 bror, dore v& Tavmiorel pé h B:A\II‘I. Tére warvavdywn # dxpsh
Xy 0 Tavmiotel pé vhv dxpd x,y,, yiarl Suepoperind ot nlnedo B,A, I,
B Smijpyav 3o xdbetes edbeles ovh onuein A, mpdypa dromo. Tére Buec
w6 fueninedo (I1,) oth véa Oéan tou B4 TavrtioTel pé w6 (I,), yarl 04
Exer pé adté xowés tis A B, xal x,y,. ‘Opoles xal 16 fuieninelo (P,)
O ravmiorel pé w8 (P,). "Apx of SleSpec elvon Yoec, &onT umopotv véd Tau-
TLaTolv pé petatbmiay,

216. Koat' dupf Slebpeg Méyovrar 8io 3ieBpes yuwvieg (IT)xy(P)
wab (IT)xy(P') (oy. 247), mod &roww wowdh e Xy nab elven gupperpr-
ks g mphg &Eova ouppetplag Thy dxpd Toue xy. ‘Eropévars 8o wat’ deypk
BieBpes yoviee elvan toec (§ 205). Of dvrlaroiyes dnimedes yovles toug, o)

WnionoiBrke amod 1o ivotirouto EknmaibeuTikrg MoAmkrg



Aiyoropolv ¢mimedo 183

mpoximrowy dné 16 8o xdbero émimedo oThy doepd) Xy, elvan xotd xopu-

ghy ywvie.
X, Xa X P’
— n

Iy. 246 Iyx. 247

217. Awxoropoly énimeSo wig dledpng yovlag (I1)xy(P) (oy. 248),
Myetar 16 éninedo (Z) mob ywpllew vh Siedpy at 3Vo loeg Bledpes yuviec
Abwb Spileran dmb Thv dxpd Xy Tie ledpmg yovias wal &mbd h Buotépe
AA g dvrlotoyme Enlmedng yaviag g BAT. Mpoyparind elvar ([1)xy
(Z) = (P)xy(E), yort BAA = IAA.

218. Xapaxtnpiotieh I8iémnra Tod Siyotopolvrog dmimédov. Kade
onpelo tob Emnédov mod Suotopel ma disdpn yovia foanéyel anod tig Edpeg
e xai avriotpégas, kabe onpelo EowTepikd pulg Siedpng mod loaméyer
ano tig Edpeg g dvfiker oté Eninedo mod Siyoropsl ] diedpn yovia.

*AnodaiEn. "Ag Bewpnooupe wa ledon yevie (I1)xy(P), éote (Z) 16
Buyotopolv Enimeds g xaxb M fva onusio ol (Z) (o 249). *Arnb 6 M

Iy. 248 Iy. 249
pépvoupe MA | xy, MB L (IT), ML L (P), émére AB | xy »af AT | xy
(Bedbp. Tprév xabérwv), dmadh # yovia BAT elva # dvtlaroryn énimedn
iic 8édpne (IT)xy(P), xabdig xal ol BAM ol I'AM o gvrlatoryec Emime-
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deg tav (M)xy(Z) xal (P)xy(Z). Emetdh) v6 onueio M dvixer avé &ni-

medo mob Suoroust h Sledpy (I1)xy(P), Emera & BAM = I'AM. “Apoa
d bpBoydvia Tplywve BAM xat TAM elvar tow, vt Exouv xal ) MA
wowd, dpa MB = MT",

"Avnietpboms. “Ac dmobésoupe 1 of dmoordoeic MB xab MT o an-
petov M dré <ic #8peg g Sledpng (IT)xy(P) elvar loec. "ISua toyalbpasTe
xal Téte td mpomyodypeve bpBoyavie Tplywva elvar mdh low, yiart Eyouv

MB = MT xal ) MA xow#. “Apx BAM = FAM nel mopéverg 6 aqueio
M dvixer atb Enlmedo (Z) mod Buyoropel T Sledpy (IM)xy(P).

219. Mérpnom SleSpng ywvlag. 'Ané =4 mponyodueve (§ 215, 217)
suumepalvovpe 8§ Sugotbunon e Bledpne yovias ouvemdyerar ) Suyo-
Téunon i dvriotoume nlmedie g xal avrlotpogpe. "Opote propsi v' dmo-
BeryBet &mu 4 Siatpeon pidc Siedpne of v Toeg 3iedpes quvendyerar v Naipeon
ot v loeg éninedes i dvrioroumg éninedye. “Apx T4 yewpetpixd gToyeia
«Bledpec yewvieon xal wdvriotoryeg énimeSecn elvon avidoyo xal émopbvac
Séyovrar dpbuymind pévo tle ISieg povddec petpioews. Adue hy. &n pla
Siebpy yovia elvar 600, &v xat pévo 7 avriotou) Tng dnlmedn elvar 600,
Edvénro elvar étu 8heg of povddeg peTpoEws Y yaviiy Eyour Tie dvri-
avorxés Toug yik T pétpnon tév Sledpwy YWVLEV.

Ot mpdZers tiic mpaaBéoews xal tig dpaupéaccg petald Sledpav yovdy,
xafldsg wat Tl moMamhaoixopold # Smpbocwe 3ut8pon ué guowd dpbuo,
dvdyovran otle dvtlotoiyes mpders perafd tav dvriotougeyv Emméday yo-
VLG TOUG.

220. Elbn SleSpwv ywvidv. "AvtioTouy mpbe td yvwatd €l8y tév
infredav yowdy dpifovpe xal g SteSpec yovies :
i) "OCeia 5iedpn, drav % dvriarouyn enined? g yovle elvoy Eela.
ii) "Op®i) diedpn, bvav % dvriovouyy émimedh) g yovla elvar 3p04.
iii) "Appheia Siedpn, &rav ) dvriotonyy Emimed? tng elvon dpPiela yovla.

221. Tvpminpwparinég Sledpeg Myovton Blo Bledpec yavies, mob
6 &lpotopd toug elvar wd SpbY SleSpy.

222. Haparminpwparinés Sledpeg Abyovrar 8ho Stedpes yovies, mo
Hporopd voug elvar pla memharuapévy Sledpm.

223. Oedpnpo. “Av dnd Eva ompelo A tiig akpfic xy mag Siedpng
yoviag (INxy(P) gépoupe tpievdeicg AB xai AT kGBeteg otig ¥dpeg tijg
diebpng xal npbg t6 pépog 1@V Epdv ™g (P) kai (I) avriotoiya, ol fmev-
Beleg AB wai AT bpifouv Siedpn pé dxpf th xy rapaninpopankn tiig
diebpng (IMxy(P).

‘Anédeign. AB L (1) = AB | xy, AI' | (P) = AT i xy (oy. 250).
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"Apa 6 éminedo tav fuevbedy AB xal AL elvar xdbevo oty dapd Xy
xal émopévarg ol topés Tou AA xal AE pé tic Edpec Tig Bledpys Slvouy THv

=y

/

Iz 250 Ty 251

avrlotouyn Enlnedy vovia Ax!ﬂ i 8tedprs. Elvar dpxetd v’ dmodeifoupe drusl-
var BAT 4 AAE — 2. "Anng BAA — 1L, [AE = it = BAA + FAE=2t»
— (BAT + FAA) + (FAB + BAE) = 2 = BAT + (FAA + I'AB +
4+ BAE) =2t = BAT 4 AAE = 2t.

KAG®ETA EINIIEAA

224. ‘Opiopég. Abo tepvopeva énineda (ID) xai (P) héyoviar xkGbeta
petakd tovg, brav mé an’ tic téooepig diedpeg mod oyxnpatilovy, elvar
opOfy (oy. 251).

Edvénro elvan dm véte xal ol téooepig ledpeg mad oyyuarilovron elva
bpbiés.

225. Qewpnp.a. Ocwpodpe pié edbeia (g) kabetn o ininedo (I1). Kabe
rinedo (P), nod nepiéyer v ebOeia (g), elvar kdBeto o1 Erninedo (I1).

*Anodeiln. "Eotw A t6 lyvog tis edbelag (e) mive ové éninedo (11)
(oy. 252). Té érineda (1) xal (P), dpol Exouv xowd oqueio 6 A, b
Eyouv xal xowd) edbele, T xy. Ev6 éninedo (II) pépvovpe edbeia AB | xy.
"Eneid?) (¢) L (1), émeron 8m (c) L xy xal (¢) L AB. "Apa # 689 yuvia
(s)/A\B elvar % dvtlotongy dnlnedn yovie tig dledpng (I)xy(P) xak dmo-
pévore td S0 émimeda (I1) xat (P) elvonw nabera.

226. Oedpnpa. "Av dbo inineda (IT) xai (P) elvar xabeta petagd toug,
ke edBeia () tob Emmédov (IT), kadetn oty Topf Toug Xy, elvar kabern
kai ot6 Eninedo (P).

*An6deiEn. “Eotw A 6 Uyvos T elfelag () mdve ot Xy (oy. 253).
‘H elbela () elvor xdBetn omiy edbeia xy vob émmédou (I1). Elva doxevd
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émopbvars va Seyfel &ru 9 edBela () elvon xdBer xal ob pdy Ay edBela
Tob émmédou (IT).

Dépvoupe o076 dnimeSo (I1) etbelx AB | xy. Tére 4 yovia (cJAB
elvar 7 dvriooryn ininedy tic 3ledpne (I1)xy(P) xal émedh elvon (IT) L

/ ¢ / ;
X / V. /
Zx. 252 Iy. 253

(P) téte (¢) L AB. *Apa (e) L (IT), &¢ xdletn otlc Blo elbeieg Tou xy
xal AB.

227. @ewpnpa. Iaipvovps 560 xadeta perali tovg inineda (IT) xai (P)
kai A Eva onpelo tof Eminédov (P). épvovpe iy AB | (IT). Tote 1} ebBeia
AB davfiker at6 Eninedo (P).

"Andderln. “Av § elfela AB 3év
frav edbele 7ol (P), 3¢ 04 Ereuve thv
Topq Xy tav Sbo émmédwv (oy. 254).
Od nfipye Emopbveg edfeln AB’ | xy.
Tére 8uwe, odugpuva pé 16 mponyoduevo
Becdpypa, B Hrav AB' | (IT), Sphadsh 04
Orefipyay 800 xdlete AB xal AB' dn’ <6
onpeto A mpbs 76 énimedo (IT), mpdyua /
mob elvat &romo. “Apa %) AB | (IT) dvhixer X
oté éninedo (P).

Iyx. 254

228. Oewpnpa. “Av S0 Emireda

(P) xai (X) slvar xiBeta of tpivo Eninedo (IT), t6te xai 1} topf| toug elvan
ebleia xkabetn o6 Emirnedo (IT).

"Anédeibn. "Eotw A Eva onueio tic topdis tév tmnédav (P) xab (X)
(oy. 255). "An’ adté oépvoupe AB | (IT), dmére ABe (P) xxt ABe (Z)
(§ 227). "Apx % edBelx AB elvar § Topn vév émnédav (P) xal (Z) xat émo-
péverg elvon xdBern avé Emlmedo (I).
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229, Oedrprpa. "Av b0 edbeieg elvar dpboydwieg, brapyer Eva xal
povo Eva ininedo mod mepiéyer v pa xal elvor xaBeto otfiv Hiin.

An6daitn. “Ac fcwphooupe Blo bpboydvies edbeieg (ey) xal (e4) (oy.
256). Mépvoupe Thy xowd Toug xdbero AB xal dré 76 B v Bx [/ (e,), érbre
Bx | (e3)- Ol 8%o mapdihnres Bx xat (g,) dpilouv émlmedo (IT), mwod elvar

(&)

B

(€3
Iy. 255 Ly. 256

xdBeto othy (e4), yrast elvar Bx L (e;), xal AB L (eg). "Apa Umdpyet
tnlredo (I1) mod mepiéyer thv (g;) xab elvon xdfeto amiyv (g,).

"Extbe anb 16 (1) Bév Omdpyss nho. Diasl, dv nfpye xal Bedrepo
Eninedo (P) L (e4), mob véd mepéyer vhy (), abvb & Evepve wiv (e,) of
onueio T xal tére 04 Frav (e,) L (P), dpa (g5) L AT\ Adté Spwg elva
dromo, ywatl dné 76 A B4 OnFpyay dlo xaferec aThy (g4), § AB xal 4 AT
“Aoo. Bév Omdpye dedtepo émlmedo xdfeto othv (eg) xal mob vék mepuéye

v (g,).
AZKHEEIZX

A,

465. N4 droBeugBel 87 td dnimeda wod Sigotopcly 8o ot dupdy Sledpes ywvieg
drotedolv bva dninedo.

466. "Av %0 magdianix Erimeda (1) xat (P) tunolv &né tpite énimedo (£},
v dmodeiyOet B ol dvrég nal bvadMdE oxnuanléueves Bledpe elvar loeg, &vd ol dvrdg
wal éml vd advd péom Bledpeg elvar magamhnpuwpatixés.

467, Né dmoBeiyel 87 #dBe ebfela, mob dvixer até émimedo mol Sugutopel wd
3ledpn yavla, ayxnuarife loes yeavies pé sic €8pes g,

468. “Av Bio Bledpeg yuwvies Eouv Tl E8peg Toug mapdiinies, v ancleiylel &t
ol dxpés toug elvan mapdhinies.

469. Nd Bpebel & y. témog 7év aquelwy T00 ydpov, mob loanégouy dnd 8o Bedu-
wéva drineda (IT) xat (P).

470, Né dmoderylel St vd dnimeda mud Sugutopolv 8o Epeilc xal mapaminpw-
patuets ledpeg ywvieg elvat xdfeva.
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471, Mia edfeix (e) elvar whdyia mpbe Eva énimedo (I1). N& dmodewyBel &t dnd
v (e) mepvder éva pévo éninedo xdbeto oté (II).

472, "Av e edbela (e) elvar mapdddndn npbs bva Enimedo (IT), v' dmodeiyOsi &x.
xale éninedo xdfeto mpds thv (e) elvar xdBevo xal mpbg 76 énlmedo (IT).

473, "Av &va éninedo (II) elvar xd0evo othv Toph Vo émmédwv (P) xal (Z), v
amodeyOel &7 w6 (II) elvar xdbeto atd (P) xal (Z).

474, "Av pud edlein (¢) elvon xdlern o éva bninedo (I), v' dmodeiyBel 87 # mpo-
Bor g ot Eva émimeSo (P), 76 dnolo téuver 76 (IT), elvar xdBern athv Toph tév Bbo
tmméSowv.

475. Xt lodmhevpo vplywvo ABT pé mhevpd « 9 mhevpd BT elvar mapdddmhy mpbe
éva énime8o (I1). "Av 6 nlnedo to0 tprydvou aynuatife. ué v6 tninedo (I1) yovia 600,
v Onehoyioei w6 Eufadb g bplfc mpofodfis Tol Tpiydivou ABT avé dnlmedo (IT).

476. N4 &Eevaatel 76 mponyoluevo mpbfinua, &v  oynuatiléuevn Sleden yovlx
elvar 45° % 30°.

477. Nd PBgebel & y. wémog tdv anuelov, ol laaméyouy drd Slo mapddinhes edbeiec.

478. N' droBeuyBel 871, dv éva oveped ¥xen Blo énimedu ouppetplag xdbeta perabd
Toug, thte Exer wal &Eova oupuetplag Thv Toph TEV EmiméSav.

479, Abveraw évx érlmedo (I1), 8%0 omueia tou B xal I xal fva onpelo A mod Sév
avixer at6 (I1). "Av A’ elvan 4 pB% mpoPodh) 1ol anueiov A oté énimedo (I1), v dmo-
deigfel 47 elvar (A'BL') = (ABI) « ouvg, &mou @ elvar # yovle, mod aynuatile 76
énimedo (1) pé vé énimedo (ABT).

480. Nd PBpefel & y. vémog é@v anpelwy, mob ol drootdoe; Toug dmé 8o Sedopbva
émineda (1) xai (P) ¥gouv Adyo p:v.

481, "Av d elfela oymparilen loeg yovies pé <l €peg wids SleSpyg yavlag,
v dmodeyel &7 vd Yyvn g mdve otls E8peg g Bledpng loanéyouy dmé thy dupdh xal
AVTLOTROPWS.

482. Abvovton 800 énimeda (IT) xal (P) mob véuvovrar xdeta. N’ dmoBewyfel &,
yia va elvar wd ebbela <ol Emmédou (I1) dpboydwia dg mpée pid edbelx tol Emmédou
(P), mpémer xal dpxel wd toukdyratov dn’ adrés vd elvas x4lety atiy Toud Xy tév 8bo
EminéSwv.

483. "Eva ed00ypappo tufjpa AB Exer td dupa touv A xal B otig #3peg pedg Sle-
Beng yoviag. Té éninedo mod Siyotopel v Sledpn téuver 76 Tufpa AB ot ompeio T
N" dmoBeiyOet dm & Mbyog vév dmoatdaewy o0 anuelov I' dmé 1d A xal B elvan loog ué
w6 Myo t@v drmoatdaewv Td@v A xal B dméd vhv duph hic Sledpng.

ETEPEEZ IFT'QNIEZ

230. ‘Opiopés. ME Gpyfy Eva onpefo K Ocwpolpe ma Sadoxf and
nuevdeieg KA, KAy, KA,,..., KA, KA;, v 3, mod 8¢ Ppiokovear dva tpelg
Sradoyixég oto 1o Erminedo (ay. 257). Té gdvodo thv (Erinedwv) yowndy,
nod Exouv mAgupés d0o Siadoyikég dpievleles, draprifer Eva ateped oyfipa,
rnob Aéyetar v/eSpn oteped yovia.
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Té oqueio K Myeron xopugf| T oveped yowviag, ol Hueubeics KA,,
o~ o~ ~
KA, KA;,..., KA, Myovroun dxpés xod ol yovieg A KA A KA., AJKA,
Edpeg.
Té xdpia otoryela Wi v/edpns otepeds ywving elvan ol v Edpeg g
(énclmedeg ywvies) xal ol v Sledpeg ywvieg g ué dxuég the dnpée Tig oTepeds

K

A!
Ey. 257 Ly. 258

yovizg, Away@vio ininedo Aéystar xdfe émimedo, wol dpilevar dmd Bho wn
Suadoyinis dxpés. Td Suaydvie énineda widis v/edpng yoviag elvar téou, Socg
slvon xai ol Staydvieg v/ywvou, mod mpoxdnter ué Emimedn Toud Tic ovepeds
§ : —3
ywviag, dnhady it .
Mix v/e8pm oveped ywvia Aéyetar xavovuxd], dv Exeu 8heg vig €3peg s
loeg xal Gheg tle Bledpéc g Emlomg losc.

231. KuptH oveped ywvia. Mia oteped ywvix Aéyetar xvprth, v
slvae Suvard Breg ol ESpeg g va Tunbolv dnd éninedo xal % towh vé elvan
®upté moAbywve (oy. 258).

Mud xvpth aveped ywvia Sapel T6 ydpo of 8bo meproyés I nal II. *Ax’
adteg, f meproyn | Exev whv R idbmyra 1 ik xabe feliyos onuelav g
76 e0bbypappo Tufpe wé dwpx Th onuein abrd dvixel othv meproyd. ‘H
mEpLoYH abTH AéyETaL %upTH mepLoyh Tob yhpou xabl imotedel t6 fowrepuxd
i xupthe artepedig ywvieg, ‘H &y mepeyh II, 8mou Gmdpyer éve Touhd-
sravo Leliyog onustov {B, I'} tévoe, dote 76 wpfpa BT va uhv dvixer éoho-
xMpou ativ meproyh) 11, Aéyeran wy xvpth weploxn xal dmotehel 76 E5wre-
pIxG THG xupThg oTepeds ywviag,

Ot 800 meproyés, atig dmoleg Sumpet 6 ydpo wla ph xwpth oteped yo-
vix, slvae pn xuptég meployés.

232, Tpiedpeg avepeés ywvieg. Elvar ol amhodorepes, dMAG xal ol Pa-
cwbTepes amd Tl oTepets (moAbedpeg) yuwviss, yiatt xale mohbedpn ywvla propet
va Suaipelel of tpledpes ué Srnydvia éntneda mod mepvoly dmd Wik dxph ™.
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“Ag mhpoupe pid Teledpy oteped yavia Kxyz (oy. 259). "Av tomofe-
Thaoupe mave otlg dxpés Tng Tpla amuein AB xat I, téte vd €5 xbpiax
otogeia T ¢ gupBohifoupe G &5 Tic 8tedpeg yuwvies Tng ué X,ﬁ,?‘
neel Tho &8pec g pé % whth wod Bploxeton amévavry dn’ o) Sledpyn X, ué E

—~ ~~ Py
wab ¥ dvriatobywe, abrég mol Pploxoviar dmévavtt ar’ ~ig Sledpec B wal I

Té Oewphpata, mod dpopolv ol tpleSpes yevies, elvar avtiotouya
npbe Exciva mob doopelv oTd Tplywva, bmwc Ewote Bk pavel xal otd Ené-
peve. Alth pdhora Bieuxobver oThv dmopvqubvevon.

233. Ipocavartodiapés tpledpng orepedis ywvlag. "Ag Bewpiooupe
wid tpledpy omeped ywvia pé xopugh K (oy. 260x). Iave atl dxpés g
nodgvoupe Tpla onusia A, B, T xal Bewpolue &va wvqté onueic M, mob
Srrypdger Thv mephuetpe ol Tprydivou ABT xavd plav Spuopévn popt Sia-

Tx. 259 Ix. 260

vpugiz, fatw Thy ABPA. Tére # pledon oteped yovia K Bewpeiza mpoou-
varohopdvy, pé Th Ewoix B Swaypdpetar dmb Ty Hutevbeta KM xata 14
gopi ABI'A. Elvar gavepd 87 800 elvon ol Suvatés gopéc Suaypapis i
orepeiic yoviag K, pé why éwoix ABTA 4 pé oy dwoa AI'BA. Mix dn’
abtée, mob Th Shéyoupe abbaipera, Aéyeton Oetund wal f &hdn (dvrifem
g mpdiTrz) dpvamind. Abté mod xvplag pEs évdapéper elvar dv dlo Tple-
Spec avepets ywvieg elvar dporbarpopa § drepboTpogu TpooavaToMauéves,
Snhadh wé tév o ¥ dvrifeto mpuowvatohoub. L6 ayfua 260 ol 8bo ave-
peé yavies K.ABT xal KLA'B'TY elva érepbotpoga mpogavarohapéves.

234. Kavaxopuph oveppeés ywvieg Aéyovrar 3bo grepeés ywvies pé
wow? wopugn K xal ouppetpuds wetafh Toug @ mpbs Thv xowh xopueh
Toug (oy. 261).

Abo xaraxopuph atepets ywvies Exouv tig Edpeg Toug Yoeg xal Tig dle-
Spéc Taug Emlamg loeq, ddAd ol arepeés ywvies Bév elvan Toeg (3nh. ph Epap-
phowuee), yiorl elvar dvrifere mpoouvarohopéves (§ 212).
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235. HNaparinpwpatinyg pids tpledpng orepeds ywvlag, "Ag ma-
povpe pin tpledpn ateped youvia K.ABT (oy. 262). Oépvoupe fuievbela KA’
waBetn oty €8pax BKT ual mpbe t6 pépog the dxpis KA. "Opox pépvoupe
KB’ | AKT xal npds v6 pépog g KB, 8nwg éntomg xat KIV | AKB xal

Iyx. 261 Ly. 262

mpbs 6 pépoc i KI. O zpeic Auievbeieg KA, KB’ xal KIY épifouv pua
Tpledpn oteped yovia, med Myetour mapaminpwpatin e tpiedpns K.ABT.

'Ané Tév mponyoduevo dpioubd THE mapamAnpwpaTixils widg Tpiedpre
arepedic ywviag Emovtan Td €ERg :

i) ‘H mapominpopatuc) KLA'B'T' t7ic K.ABI épiletor xatd éve xal
pévo tpbmo xal Emopéveg elvan povadud.

ii) ‘H xdbe €3pa s KA'B'T elvar mapamhnpopatixf T dvriatol-

~ —~ ~ ~~ ~ ~~
ans 8ledpne i KLABT. Snhadh elvar o' + A=2L, '+ B=2L, ' 4+ I'=
=2L (§ 472).

iii) ‘H vpledpy K.ABI elvar napaminpwparicn tijs K.A'B'TY. Ilpa-
ypamxe elvoar KB’ | AKT, énére KB’ | KA (1) xat§) KB’ Bploxetar npbg t6
pépos i KB. ‘H KIY | AKB = KIV | KA (2) xal §H KIV Bploxeras npbs 76
pépog the KI. "Amé tic oyéoeg (1) xat (2) ovpmepatvoupe én KA | B'KIY
xal i KA Bploxerar mpde w6 pépog whg KA’ ‘Ouolws elvar KB | A'KIY xal
KI' | A’KB’ xat oi KB xai KI' Bploxovrar mpbs v6 pépog tédv KB’ xal KIV
avriotaiya. "Apa i KLABD elvan 1) mapaminpopartind i KLA'B'TY (nal émo-
péves 7 Ewote i mapamAnpwpatinds yovias elvan cuppetpun xal yid Tig
Tpiedpec).

iv) “H =pledpn K.ABT, mapaninpoparua ths K.A'B'TY, elvar tétola,

o~ -~ -~ -~ A~ o~
Gote: a+A' =2 B+ B =2, v+ TV =2L

OEQPHMATA THX IZOTHTAL ITIZ TPIEAPEX ITEPEEZL

236. Oewpnpa. "Av dbo tpicdpeg otpeég yovieg Exovv 8o Edpeg dvni-
otoiymg ioeg pia npds pia xai tig diedpeg yovieg, nod meméyovrar and tig
loeg ¥8peg, (oeg, ol atepefs yovieg elvar Toeg 1 1) pud toobtar pé tiiv Kato-
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wopueilv tijg dhhng, avardywmg tod dv elvar dporbotpoga 1 Etepbotpogu
npocavatolopéveg.

Anddeign. Oeopolps 8do tpledpeg orepeéc yuvies KA B I'; xat

- ~~ —~~ e -~ AN ~
KyABl, pé Br=By vi=vs Ay=A, xal pé tév o mpooavartoriowd
(o 263). Ol 8%0 <pledpec mpougavids wmopolv v Tavtiotedv pé petatéd-
-~ -~

mion tétowx, Gote va oupméaouy ol dbo loeg Bledpeg A, xal A,. AlTé 04
3 A I3 A ' W A Rl o
Eget odv ouvémelo va cuumécouv xal ol Toeg E3peg By, P xal vy, Yoo "Apa
ol tpledpes elvon loec. "Av ol otepeés yuvieg elvan pé dvrifeto mpoocavarto-
Aopb, tote 7 pud loobrar mpbs THY xaraxbpuphy Tig &MAng, yatl 8o xota-
wopugty otepeés yovies elvan dvrifeta mpooavarolopéves.

Ki M
a
Ba 2
I N
A, : As
Ly. 263 Ty 264

237. Qewpnpa. "Av dlo tpiedpec otepetg yavieg Exovv ma Edpa avri-
atorya fon xai tig npoakeipeveg atijv lon Edpa diedpes yovieg dvriotoiya
iosg, ol otepetg yovieg elvan Toeg i f) mé loobtal pé tiiv xataxopuilv tig
dhhng, avaloya tob Gv elvar dpordotpoga ff Etepbatpoga npocavatoliopéves.

An6dergn. Ocwpolpe 8%0 zpledpes KA BT, xal K, AB,I', ué

P N TN

P ~ ~
oy =ay, By =By, '} = [y xal pé <év 18w wpocavatoriopd (oy. 264).
Oi 800 tpicdpes mpogavds wmopolv va Tavmotolv pé petatémon Téroux,
—~ ~
oz vo guuméaouy ol loeg &3psg @y, xal ap. Adté 6 #yer odv ouvé-
r z 1 o [ 2 £ =
mewe va oupméoouy wal ol Exatépwlév toug laeg Bledeg By, B, nal Ty, 'y,
“Apa ol tpiedpes slvan Uoeg. "Av ol 8bo Tpledpes atepeés ywvleg Frav ué dvrl-
Bzto mpooavatohopd, thte f uek Bd Frav ton pé Ty xavaxopuey Tig EAANs.

238, Oecwpnpa. "Av dlo tpicdpes otepeig ywvieg Exovv tig tpelg Edpeg
toug avrictoya Toeg, ol tpiedpeg otepets yovies elvar Toeg #f N pua {oobrar
ué v xataxopueiiv tiig &hing, avaloya tol dv elvar dporborpoga 7 Ete-
pbatpoga mpocuvatolopives.

*Anodern. Otwpoup.t Tig ‘rptaapeg a‘rcpzsg yovie; KA BI'; xal
K, AB,I'; ué m1 = u,, [5, - [3, ok 'h = w{, (ay. 264). At Prdmreron #
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yevixbrnta v dxbpa dmodéauupe Erielvar K A, = K B, = K,y = KA, =
A a a
K-,Ez = K,I',. Tére elvar gaveph mag A K B, = AK,B,, B,K,I', =

B K Iy, F,IA{PA, = I‘.‘_.‘IS(ZA2 yratt Egouv Sbo mwhevpds loeg ol THv Teple-
ybuevn o adtée yevla ton. "Apa A B, = A,B,, BT, = B,l',, ')A, =
A, = A:&Bll"1 = A:BSFZ. Dégvoupe KA, | (AB,T), dmbre 7a bpflo-
yéwie plyova K A A, KB A, KiT'A, elva tox, yuxtl Eyovv loeg bro-
refvovoee al thv K,A; xowd, dpx A A, = AB; = Ay, 3nadd w6 A,
elvar meplxevrpo 7o tprydwou A B T “Opolwg gépvovpe v KA, L
(A B,I';) xat t6 A, B elvan ©6 meplxevrpo Tl TpvyEivou A,B,T'y. Tére
oupmepaivoupe &n petatontfoviag v KA BT, Ero, dave b Tplywvo
A B I', va tovriorel pé 76

too 1tou AB,I'y, 76 onueio A,
84 gupméoer ué 16 A, 'Axbpa
dmb Thv maparhpmon bt Td bp-
Boydvie Tplywva K A A, xal
KA A, elvan fox, yatl Exouv
K/A; = KoA, xal AA, =
AyA, ovpmepatvoupe Tag xal
AK,=AK,; "Apx ath petd-
may 7 wopueh K; 0d oupméast
pé Ty K, ‘Emopévag ol tpledpeg
elvar Tose, vt pmopelv vd Tautiorolv. “Av ol 3lo tpledpeg elvan pé dvti-
Bero mpocavatohiowd, Thre # wd loobrtar pé THY xaTaxopuely THS &AAMG.

239, Oewpnpa. “Av 8bo 1picdpeg otepeis yovieg Exovv tig Tpeig die-
8pig tovg avriotorya loeg, elvar Toeg § 1 pia loolra pé TV KaTaKopueinyv
tijg GAdng, dvaloya tod dv elvar dpordotpoga i ttzpbatpopa npocava-
T0ALOpEVES.

*Anoderln. "Ac elvar KA B[ xal K, A BT, ol 3bo vpledpes ave-

o~

~

~ -~ A~ ~~

pebe yoviss pé Ay = A, B, =B, I'; =T, (o7 265). Davralbpacte Tig
raparhnpwpanicés Toug tpledpes (§ 235), mobd wavavdyxny O Epouw Tig
€8pec Toug toeg, yuti ol dpyinés Exouv wlc 8ledpég toug loeg xat Emopévag,
watd 6 mpomyobuevo Bedpnuax, 0 elvan loes. Tére Buwg xal ol tpledpeg
K.AB.T';, Ky A BT, 04 elva loeg dg mapamhnpupanixés lowy tpledpwv.
“Av ol bo tpledpeg elvan ué dvilfero mpocavatohops, téte § wa loolral
pé ThHY xotoxopughy ThHe &ANG.

ANIZOTIKEL EIXEXEIL ETIZ ETEPEEL I'QNIEL

240. Oedpnpa. Lé xabe tpicdpn oteped yovia kabe Edpa elvar :
i) Mikpbtepn and 6 8poropa tdv dbo Hrhwv.
13
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i) MeyaGrepn éroAvta &nd o Siagoph tdv 560 E)rwv.

‘AnbdeEn. i) Elver gavepd mde 76 Oedpnua ypewdlerar dnbdetn pévo
Yid ™) peyodbrepn Epa (oy. 266). "Ac ﬂcmp:ﬁcroup.t &7 elvou ?;/ﬁ\xmi
?}? Méoa orhv !8”? malpvoupe Auievbele KA, térowa, Hote véd elvou :
KA = r'KA =§: émére BKA =?—? (1). Aé Brémreran ) yevixbryra,

&v Bewphaovpe 8tu elvar KA = KA xal 87 vd onueix A,B,I'A elvar quve-
mimeda. Tére elvar vpry. TKA = 7piy. TKA, yiast &xowv mhv 'K ®ow,

KA = KA xai TKA = I'KA. “Apx TA = TA, émére AB = I'B — TA (2).
"Amé 16 wplywve ABI' malpvoupe: AB > I'B —TA (3). ‘H oyéam (3),
eEatlag tHs (2) ypdpetr AB > BA = BKA > BﬁA. yerl ¢ Tplywve
BKA xai BKA &youv 800 mhevpés loes xab tic vpireg mheupés Toug dvioeg,
~~ -~ e T e T ) A -
“Apa v > BKA xal dné o oxbon (1), 04 elvon Yy>a—pf Ha<B+y.
A~ ~ A ~
‘Enfong elvar B < + v xal vy < a + B.
-~ AN _~ N ~~ Pl AN AN A
i) "Amodelye i el B<a + v H a> B —y (4) xal y < o+f
AN A -~ -~
f «>y—B (5). "Ar’ tlg oxéong (4) xal (5) gquurepatvoupe §m a >|A——-'ri.
-~ ~~ -~ ~~ e )
‘Opolws v B> |a—y| xal 'y > [a— B].
Ol mponyodueves v dvicomnés oyboeis umopoly vé guyywveutolv ot

A -~ AN -~
Sumh) dvigoTueh oyéom: |B—y| <a< B + y.

241. Oewpnpa. T6 EOporopa tdv E8pdv Khbe rolbedpng xvptfic ote-

peds yoviag elvar pikpétepo and 4 opbég yovieg.
K

B
Iy. 266 Ix. 267

Ocwpolpe Ty xvph oreped yovle K.ABTA. Od dmodelfoupe &m elvar :
ARB + BRT" + I'RA + ARA < 4,

"Anéderin. Méoa oth oreped yovlx malpvoupe #va eb@bypappo Tufpa

KE xal dné w6 E gépvoupe &ninedo xdfero oriy KE, mod Téuvel tlg dxpég

otd onuele AB,INA (oy. 267) xal ¥ror oymuariferar 76 xupTé moAbywvo

ABT'A. (TH Béoy <iic KE vhv Sudéyovue ¥ror, Gove v6 xdBeto émimedo

WnionoiBrke amod To ivotirouto EknmaibeuTtikrg MoAmkrg



S ——

*AvigoTixés oyboeis oTls oTepets ywvies 195

éné 6 E othv KE vd téuver heg ig dupés g ovepeds yoviag). Dépvoupe
EZ | AB xat dpe KZ | AB. 'An’ 76 bpBoydvio wplywve EKZ &youpe
ZE < ZK. "Av mepiotpélovpe 6 Tplywve KAB ylpw dmé tiv AB, o,
Sote w6 inlnedé Tov vé méoer mdvw oté ABTA, tére ) ZK, dg xdlern orhy
AB, 04 méoet otf ZE xal, énedf) elvar ZE < ZK, téte 76 K 04 méoet
omhy mpobxraan tig ZE, fotw oté oquelo K, Dépvovpe xal 1l EA xal
EB. Tére Eyovpe :

-~ ~~ ~~ o~
AK,Z < AEZ, ZKB < ZEB.
MpooBérovpe xard péhy xal malpvovpe :

-~ . o~ -~
(1) AK,B < AEB, dnadh AKB < AEB.
“Opota pmopel V' drodeuyfel mhg elvon
~~ ~~ o~ o~ ~ o~
(2) BKI' < BET, T'KA < T'EA, AKA < AEA.

MpooBéravue xard uéhy tlg dpotbotpopes dviabmres (1) xal (2) xal

mabpvoupe :
-~ o~ -~ -~ _~ ~ -~ o~
(3) AKB + BKI' 4 I'KA + AKA < AEB + BET + I'EA + AEA
xal, tmedh ol ywvies wé xopugh 6 E &pouv dpotopa Yoo pé & bpbéc yw-
vleg, 9 (3) ylveras :
- o~ o~ -~
AKB + BKTI' + I'KA 4 AKA < 44

¥ 242, Sth yowwh mepintooy 16 Bedpnua pmopel v dmodeyBel dg £57c ¢
*Arddetn. "Eota 4 wwpth oveped yovix KA A, A, (oy. 268), bmou T4 onpeia
Ay, Ay, A, Boloxovron of dnlmedn woph. Od oupfollovupe pé oy, gy, By Tig €8peg

THe otepeds yovlag xal pé ?l, ’.A.‘,,... ;\\, lg yovles tob mordywvoy A A AL Ay dvti-

orowya. Tére, dméd vd tplyeve KA A, KA A,,.., KAJA,, Erovpe:

-~ ~

e (Eh Agt KA )T, m g — KR, 4 KRA) oy =2t — (KRGA,
o~

+ KA A,). TpooBétoupe xatd wékn vig mponyodpeves v lobmres xal malpvovpe @

~~ -~ ~ -~ A~ ~ A A~

B+ By + 2 =2 (KRA, + KRA; + KR A, + KR A, + .. +KAA, +

KA,A,) (1).

Té onueic Ay Ag....,A, tlva xopupés TpleBpayv orepeiv yavidy xal éropévag
(§ 240) Ba elva :

-~ ~ -~ ~ ~~ A~ o~ ~ 2~

Ay <KA A, + KA AL A, <KAA, + KA, .., Ay < KAA-, + KA,
TlpooBéroupe xatd péhy adrég tle v dwiadmres ol malpvoupe :
~~ -~
Bt Rt o+ < KEA, + KA, + KRAs + KRA, + ... + KAWA, + KR,

Tvesplloupe &7 Ay + Ay + ... + Ay= (2v — &)L xal tmopévars § tehevaia dviobrnTa
YphpeTal &

(2) (v — k)L < KR A, + KR,A, + KRA, + KR, + ... + KRA, + KR A,
ITpoaBéroupe xatd wéhy tdg oxéomg (1) xal (2) xal Epovpe :

~~ -~ -~ ~ ~ o~ ~
Oy gt oy b (B —L)k < 2L = oy 4 ag oy . oy < 4L

WngionoBrke amoé To ivotirouto EkmaibeuTtikrg MoAmkrg



196 *AvicwTikés oytoels oTls oTepets yoovles

243. Oewpnpa. L xabe tpisdpn oteped yovia 6 @dporopa tdv die-
dpov yovidv tng Ppioketar petald 2 kai 6 6pbdY yowndy, ivd 1) kabepmi
drav adgndel katd 2L Eemepvaer to ifporopa tdv Sbo Ghiwv diedpov.

‘Anddern. "Eoto K.ABI' it ~pledpy oteped yovia (oy. 269). "Ag

K

B

Ly. 268 Ly, 269

pavrastolpe Ty mapamAnpopatixg te K.A'B'TY (§ 235), mob of &3peg g
AN A A ~ ~ -~ -~ -~ ~~
ebvar o, B, ¥'. Tvepllovpe 8mt A+ o' =20, B4+ B =2 '+ vy =2
~~ ~~ ~~ ~ A ~ -~ -~ ~
FA+LT+BLB+T4+Y =6t (1) A+BLT <6t (2). *Ans <6
mponyobuevo Bedpnua yvwpllovue Bt elvan ™ +/{;; +? < 4L § 4L >% +’é\' -
? (3). MpoaBéroupe xard pékn tls oyfomg (1) xal (3) xab malpvoupe :
~ ~~ -~ ~ ~ ~ -~ ~~ ~ ~~ -~ ~
A+B+T+a' +8+y +4>6t+ '+ +Y § A+B+T>2
Ol avisbryres (2) xal (4) ouyywvebovtar oth Sumhd) dwiebrnra 2L <ﬁ+
ﬁ-f—/ﬁ < 6L,
-~ -~ -~ ~~ ~~ ~~
"Emione elvar (§ 240) ' + v > o, bméte 2L—B + 2L — TS 2L — A
~ ~ ~ ~~ ~~ -~ ~ ~ o~
H#A+2>B+T. "ISw Bploxovpe B+ 2> A+ T xat T' 42t > A 4 B.

ALKHEZEIE
A

484, Lé xdfe tpledpm oveped yovla v' dmodewyfei 8t wd Tovidyloto E3pa g
elvae pupbrepn &mé 1200,

485. Zé wdfe tpledpn oteped yovin v dmoBeuylei 6te pud Tourdyreto Sledpy elvar
peyarbtepn dné 60°,

486. Ztig dwpés s tpioopboydviag otepedc yoviag (wé i €8pec g dpbéc)
nalpvovpe tufpate KA = KB=KI'=a. N’ dnodewyfel &7 6 tpiywve ABI elvat lad-
mheupo, xal 76 EuPads Tou elvar Sumhdowo dmd t6 EpuBads lobmreugoy Tpiydvou pé wheupd o

487. Mudg tprooploydviag avepedic ywving ol dwpés téuvovrar pé EnineSo ovd
anueix A,B,I'. "Av elvar KA = 3a, KB = 4a, KI' = 5a, 8mov K elvau 9 wopuph THG
otepeds ywviag, vé Smokoyiatolv ol mheupés tob Tprydvou ABT.

488. Tépvovpe <lg dxpés vpioopboydviag otepeds yoviag K pé dninedo atd an-
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*AoxnioEls :
peie ABT. N & roBewyfet &7 #) xopuph K mpoBdidetan oté dpbbxev. ¢ Tf‘-i "9""{:":’”“” ABF_'

489, Trhv 1 ponyodpevn downam, dv H elvar 1d 4pBbuevrpo TOU TRUYGVOY ABT,
v gmoderyfel &7 s
x) (KAB)*- : (TAB) (HAB), §) (KAB)* + (KBT)? 4 (Kra, *= (ARD)

490. Mix tpio wpBoydvie oteped yuvia téuvetor pé éninedo o4 o '“—"‘_t’* ABT.
*Av o,8,y elvae ol A wpés Tob Tprydvou ABT, v Omoloyiavelv td tufpara KA,KBKT,
smon K elvan § xopug Tis Tpioopboyaviag ovepeds. e

491. "Av ol 88pe 7 pudic avepeds yeviag elvar 60° 4 xafepd, néoeg w6 1 or E3peg
wmopel v& Eyer A arepe & yovia

492. Té (w0 vé &%eraorel &v ol EBpes mc elvan 90° % xobeped. )

493. Musg tpleSpmg orepeds yoviag ol 8bo €3peg elvar 70° xal 90°. Tlowg elvat
ol Suvarée meég v Thy -plmn E€8pa g ;

474, Té xdle tpledpn oveped yuwvia v dmodeiyfel 8t ta tpla énimeda mod Suye-
topoby tlg Bledpés g mepvolv dnd thy S edbela. :

495. N’ dnodewyfei 67 T vplo Emineda, wod mepvolv dmé tlg dwpés wdg wpledpng
arepedig yovlag xal dné tlg Jurorbpoug Tév dmévavt. €8pdv, Tépvovtar xatd THY (S
ed0eto.

496. N’ dmoBewyel &7, dv Blo tpledpeg ovepeés yuvies Eyouv vlc 3ieSpes ywvieg
roug loeg pla mpbs pla, tére ol mapamdnpupartinés Toug 04 Eyxouv tis E8peg Toug loeg pix
npbg plx xal dvtiorpdgug.

497, 'Anb thy wopuph K wis tprooploydviag otepeds ywviag pépvovpe pid Hueu-
Bela Kx o1 fowrepixd i ovepeds ywviag. N dmodeiyBel &7 ol yovies, wob aynpari-
Tew ) Kx pé tic tpeic dupés i ub tle wpels Edpeg e ovepeds yuvixg, Eyouv &0potopa
arafept.

498, N’ énodetyel 6m 76 dbporgpa T@v yuwidv évég atpefrol tevpamheipou elvar
wxpbrepo dmd & bpbég yuwvles.

499, "Av dio E8pec pidg vpledpng orepedis yoviag elvar Yoeg, v dmodeyBel & xal
ol dmévavtl toug Bledpeg elvar loeg xal dvriotpépws.

500. "Av wid tpledpn oveped yovia ¥xew tic Tpelg Edpeg g loeg, v dmodeyfel
o 0 Eyee xad i Tpeic Sledpés e Toeg xal dvtioTpdgws.

501. "Av pla tpledpn oveped yovia Exer 8o loeg Sledpeg, v dmoBeyfei 6t 16 &ni-
ne Bo mob Bugortopel Thy tplry Biedpn elvan xdbeto otiv dmévavre E3pa.

502. Alvezo wd xupth tetpdedpn oteped yovia xxi &va onuelo . N& pépete dmd
=6 'npeio I dnimedo (II), wob vd téuver T oveped yovia watd mapaAknAbypappo.

503. N’ dmoderyfel &7 ot xd0c tpledpn arteped yuvia dmévavr dmé peyahirepn
Biedpy, Omdpyer peyaditepy E8px xaxl dvmiatpigws.

304, Alveras puid tpledpn oreped yovia K.ABI'. ®épvoups hureubein KX péox o

~ -~ ~ -~
ateped ywvla. Nd dnodeiyfel §m XKA + XKB < I'KA + I'KB.

505. N’ dmodeiyOel &1 16 40potopa tédv Sledpuv yovdv pudg xuptic otepeds yo-
viag pé v Cwpés mepéyetar perafd 2v - 4 xab 6v - 12 dp0éc yovles.

506. Alveto tetpdedpn areped yovia pé xopueh K xal 800 otalepd ompeia A xal B
mdver ot Bbo Jadoyixés dxpés g MetaBhnté Eminedo mepvi dnd Td A wxi B xal tépve
tlg dhhec 800 doubs tng ord M xai N. i) Nd drmodeiyfei &= 4 edbela MN mepvi dnd ava-
Bepd ompeio, ii) N Bpebei 6 v. témog THg Topfic TG AM xat BN, iii) N& Bpebe’ & v. v6-
mog THe Topfig @y AN xal BM.
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244 . "Opiopdg. Ilohbedbpo Aéyetar t6 oreped, mod televdver mavrol
of, tnineda Tpfpate.

Td Enimeda adrd tpdpare elvon xatavdywny mobywve xal Aéyovron
Edpeg Tol mohdedpou (oy. 260). Ot mhevpés tév mohuywvindy E3pdv Aéyovton
Gxpég Tol mordedpou xal elvar of ropés 3o mpooxelpevev E8pdv. Ol nopupég
T@v moAvyevixdv E8pdv Ayovtar kopupés Tol moAbedpou. Altég dvijxouv of
Tpelg Tovhdyioto E8peg xal elvan onpela, otk dmolx qupBdilouv Tpeig Tou-
Adyiotov dupés, "Eve edObypappo tufipa mob Exer dxpa 0o xopugés, By
THe Brog E8pag, Myerar Sraydviog tol mohbedpou.

"Eva moAbedpo Myetar wuptd, &v 76 EmimeSo bmoxodfimore E8pag Tou
gohver mpbg Thv T8wx meproxh Tol ydpov GAdxdmpo Té moAdedpo.

Zé xdfe xvprbd mohbedpo ol #8peg elvan xupTd moAbywve xal dvtioTpbpws.

‘H roph) tvés xuprol mohbedpou pé értnedo, elvan xupté modbyowvo, évid
pig edbela, mod 3év dviixer of E8px, Exer 16 mohd Slo xowd omueix pé Thy
mohvedpixy, émtpdveta.

TO TETPAEAPO

245. Td ovouyeia tol verpaébpou. T4 terpdedpo elvan 76 dmhol-
otepo Gmb T morbedpa. “Exer téocepig tprywvinég €8pes, Téooepic xopupls
xal € dxpéc. Terpdedpo pmopolpe va mdpovpe, &v xéfovpe The dupée wide
tpledpys orepeds yuviag pé éninedo (oy. 271).

A
— \ A
B £ \
g
\
Ix. 270 Zx. 271
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Kdfe tetpaedpo elvar xuptd mehdedpo, €xz €Eu 8ledpeg ywvies, mob
gvriatoryelv otle #E dxpés tou, xal téoosps Tpledpes otepeés ywvleg mob
GvrioTolyoly oTlg TEGOEPLG KUPURES TOU.

"Yyog évég tetpdedpoy Aéyetar 16 nafevo tufjpa, dmb pud xopueh Tou
orhy dmévavte Epx tou (oy. 271). Té tetpaedpo Emopévac Eges téaoepa
Oym. Ta Ggm evig tetpdedpov yewixa 3év mepvolv dmé 16 (o omuelo.

Avapeaog Evbg Tetpdedpau Abyetar TH TuRua mob Exe dxpa pid xopugd
ol 6 wévrpo Pdpoug Ths dnévavre E8pas. Té vetpaedpo Emopdvwg Eyxer wéo-
azplg Srapéaouc.

246. Elby tetpaébpwv. Xt6 olveho Bhwv Ttév Tetpredpwv dfiuom-
pelwre elvar o vovovud xal ta bpboxevrpund TeTpaedpa.

Kavoviké tetpaedpo Aéyetan #vo tetpdedpo mold Exev xaxl tig €5 dxpée
tou foee. Ol #3peg &vbg xavovinal tetpaedpou elvan louw lobmheupa Tpiywva.

*Opfokevipikd Tetpaedpo Aéyetar &va Tevpdedpo, mob T téooepa
tou mepvolv dmb 6 8o onueln. Té xowé onuelo tév bdv Tou Aéyeton bp-
Ooxevipo tob tetpdedpou. Etd dploxevtpuxd Terpdedpx wéve xab T Tpla
Lebyn tév dmévavtt dupdv toug elvan dploydwia (BA. dox. 511).

247. Bedpnpa. LE kae tetpacdpo ol téoaepig Sidpeaor nepyodv and
16 1810 ompelo, mob Aéyetar kévipo Papovg tod tetpaedpov xai dréyer and

kafe xopven amnéotacn fon pé ta % tfig avtiotoiyng Swapéoov tob te-

tpaedpov.

"Anodeign. "Eotw t6 tetpasdpo ABI'A
xal KA 7d xévrpa Bdpoug tdv &3pav Tou
BI'A, ABI dvriotolywg (oy. 272). Té ompeio
K Bploxetar mdvew oth Suducoo AE i E3pag
BI'A xai 76 oquelo A mdve oth Sutpeso AE
tic &pag ABI. ‘Emopéveg ol dudpsoor AK
xal AA tol Tetpdedpou Téuvovtar of Eva o-
ueto O, yarl elvar éowtepind Tufuarta Tob Iy 272
Tpiywvou AAE.

‘Enedy ¢ onueiz K xal A clvar xévrpa Bapovs &8pdv, émetar 7
s s Lo dpo AA [ KA, émbre tory. EAA = tpuy. EKA, émopé-
TR TR vy : ' : :
et 9.
1

. "Entong, ambd iy mapaddnila tév tunpdtev AA xal KA,
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4 e OA AA 3
i oc OAA = OKA, & =—=—, &
oupmepaivoupe TG ~= pot OK KA 1 TopEvwg
OA _ 3, A0 _ 3 A0 _ 3,0 3,
OK 1 AO 4 OK 341 AK & 4

"Opota pmopet V' &moderyBel % e oyfon xab yid vl &Aheg Sxpéooug
7ol Terpacdpou, ol dmoles mepvolv dmd 6 (8o onucio O.

T#v dvopaole kévipo Papovg 1ol tetphedpov vk 76 aonpeio O Ty
Eyovpe wdpel dmh Th uowk, ywatl oupminTtel pé v6 xévrpo Bdpous Tob Te-
Tpaedpov, &v ftav dmd duoyevés Huxd.

ALKHZIEIZ
B

507. T¢ xdBe terpaedpo : o) N’ dmoderyfel é1u td Tpufpata pé dxpa td péox Tév
dmévavty dxp@v wepvolv &ré 16 Y30 onpeio. B) "Av ol dmévavre dxpés elvar dva 8do
loeg, td mponyodpeva tphuata elvar xdletae npds tls dmévavtt dxpés xal dubpa elvar
dxpée tproopboydviag otepedc ywviag.

508. L’ &va xavovixt tetpaedpo v' dmoderytel T td pecoxableta émineda tdv £
dxpiv Tou elvar Enineda cupperplag xal ol xowés xdbetol tav drévavte dxpdv Tou elvat
¥Zoveg ouppertplag.

509. Tepikevipo tetphedpov. Lé xdfe tevpdedpo v’ dmodeyfel &t ol xdbevor,
mol @épovrar ozl €8peg tou dmb T mepixevtpd Toug mepvolv dmd 6 (3o omuelo. Té
anpeto abréd Aéyerar mepixevipo tol tetpdedpou xal loamdyer dmé tlo wopupés Tou.

510. "Eyxevtpo tetpaedpov. Zé xabe tetpdedpo v’ dmodeytel 81 td Supotopixd
émimedu TV € Sledpv Y@y Tou mepvoby dmd T6 [8to emuelo. T4 onueio adtd Aéyerar
¥yuevrpo 1ol tetpdedpou xal loanéyer dnd tig E8peg Tou.

511. N’ dmodeiylel &7, dv &va tetpdedpo elvar dpboxevrpind, ol dmévavre dapée
Tou elvar dpboydivies xal dvriotpbpug.

512. N’ dmodeuxfel 8t oé xdbe dpBoxevrpind tetphedpo ta lyxvn tév Teoodpwy
Sh&v tou elvar bpbdxevtpa tiv #8pdv Tou.

513. N’ dmodeuyfiel & ol xowés xdbetor tdv dmévavt. dupdv dvég bploxevrpixol
retpaedpou mepvoly dnd 6 dpBbxevrpo Tol Tetpdedpou.

514. N’ dmodexfel 67. vd €5t peooxdBera Emimeda @v dxpdv Evég tetpdedpou
nepvoly dmé 16 (8o ompeio.

515. 'Av o' #va tetpaedpo KABI' 4 ateped ywviz tou K elvar tpiooploydvia, v’

dmoBeiyBel $tv w6 Gog KH T o L flcead TS EnaRy -
modeuyOel &ru 16 Gdog Ixavorotel 9 oyéon KD — &+ — + %75

516. Zé xdbe tevpaedpo v’ dmodeiylet St & dmimeda, mol Gpilovrar dnd ndbe dxpt
xal dnéd v6 péoo TR dmévavre dupig, mepvolv dméd T6 (B0 empeio.

517. Alvetar Eva tetpaedpo ABI'A. "Eva éninedo clvar mapdiimio mpbs vhv €8pa
BI'A xal vépver v6 terpdedpo xatd v6 tplywve B'IVA'. N' dnodewyet &1 ol edbeieg, mod
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auvBtouy td péoa Téhv mAeupdv Tel Tprydvoy BTVA" pé tic dmévavt xopupés Tol tetpde-
3pau, mepvolv amé T6 I3t ompeio.

HIYPAMIAA

248, ‘Opiopol. Mupopide Aéystar 16 molbedpo, mod W ma Edpa tov
elvar Eva molOyovo, 16 dmolo Aéyetar Paon tiig mupapidag, Evd ol Ehleg
Edpeg tov elvan Tpiymva pé wowvi) kopuof) Eva onpelo, mod Léyevar xopueh
tiig mupapidag.

Mupaptda pmopolpe vé mhpovpe, &v xboupe Tl dnpés pds oTepeds
yoviag pé énimedo ovd onpeln AB,T,.. (oy. 273).

Mg mupaulda elvar xupth % ph xvpth, dvdroya pé h Baon s ABTA,
&y dnhadh adrh elvan xupTé ) uh xuptd modbywvo, Ol tpiywvikés E3pes KAB,
KBT,... Ayovtan mapanhevpeg Edpeg i mupawidag xal ol dxués KA, KB,

Iy. 273  LEy 274

KT..., med cuyxhiveuy othv xopueh) K s mupapidas, Aéyovrar maplrhev-
peg Gpéc.

M nupautda yopaxmnpiletar dg Tpiywvind, TeTpamheupixd, TEvTH-
yovieh, ®Aw., dvddoya pé 6 mATfoc Tév wAcupdv Tol moAvydvou Tig Pd-
oedis TS.

“Yyog e mupauiduc Aéyetar t6 xdbevo tpfua KH dn’ whv xopugy
5 K mpée 16 Eninedo g Bdocws.

Kavovikf) Aéyetor xdfe mupaptda mod Exer dig Baon &var xavovixd mohd-
ywvo, xal 4 xopueh Tng mpoPdiietar oTé xévtpo Tol xavovixol mohdywvou
ijc Phosws (oy. 274).
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249, Oedppa. Lé x@bc xavovikf] mupapida ol mapamhevpes ¥dpeg
elvar Toa {oooxehf) tpiyova.

*Anbderln. “Ag Dzwphoovpe wd xavovixn mupawidae KA A, A, (oy.
275). ®égvovpe 76 Hoc KO, &mov 6 O elvar 76 xévtpo 10 xavovixod mohu-
yéwou THe Phocwe. Tére elvan OA; = OA, "Apx t¢ bdpboydvia Tplywva
KOA, xat KOA, elvar tow, yrarl Eyouww thv KO xowq xal OA; = OA,.
‘Emopévog KA, = KA, M¢ B0 tpbmo pmopel v dmodeuyBel én KA, =
KA, = ... = KA,. 'Eneid9) dubpa elvar AjAy = ApAy = ... = A, A, oup-
mepalvovpe &t td mapdmhevpa Tplywva elvar toa loooxedy.

‘Avtiotpopmg. Ocwpnbpe hv mupautda KA A, A, pé KA, =

KA, =.. =KA, xal AjA, =A,A; =... = A A, Dépvoupe mdh 6
A A a

8log KO, émére KOA, = KOA; = ... = KOA, dg bploydvia pé loeg g

Smoretvougeg xal Thv KO xowd. "Apa OA; = 0A,; = ... = OA,. Téze 7a

tplywve OA A, OAGA,,..., OAA, elvar Too looaxekn xab Emopévarg 76
mohbyavo AjA .. A, elvar xavovixd pé xévtpo Ty wpoforn O ol A mave
o adrh. "Apa %) mupaplda elvar xavovien.

250, Qedrpnpa. ‘H topfy pldg mupapidag pé ininedo mapalindo mpdg
iy paon g, elvar rokdywvo Spowo npbg th Paon.

"AnddeiEn. Té Bedpnua 04 dmodeylel oty doyf) yid Tptywvixnn mupa-
pide K.ABT (ay. 276). "Av A'B'I" clva #) mapahinhy toph) mpbe w0 Baom

K

Ty, 275 Ty, 276

ABT, rapatqpolpe 6m A'B'[[AB, B'I"[[BI' xal I"A'[[TA, &g topée
napddhnhov Emimédav dné tpiro. "Apa elvar wpy. A'B'TY = tpiy. ABT,
yioath Eygouv Tl mhevpés Toug mapdAinies.

”Ag Bewphooupe Thpa pik mopapida K. ABI'AE xal tiv oph A'B'IVA'E’
ué nlmeSo mapdddnho mpbs T Paoy (oy. 277). ME vd éninedo AKT, AKA,
nob téuvowy T Bdon xal Thy mapddhqhn Touh xatd Sxywvious, Sumpeitor
% mupaulda oé Tprywvixds mupapiSec. “Apa elvar A'B'TY ~ ABT, A'T'A" =~
ATA, A'A'E’ &= AAE xat émopévos A'B'IVA'E’ = ABT'AE, yuxtl drove-

Aotvrar drb Buowx telyove »o i dpolws tomnlernuéva.
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HMapatnphoes:
i) ‘O Adyog Tig dporbTTag —1—:%— cGv 3o Buotwy mohurdvey slval

m

¢

Ki:-, yuart elvan KA'B' ms KAB. ‘O Buog Abyoq RETOQE-

taog pé T6 Adyo

peron of xdbe tufpe KM'M, pé 7 M xai M méve ot 8bo mapdihnia
tnimedo nab dopurds xal méve otic dméloimes mapdmhevpes dxpés KB'B,
KI'T, sam. Tobro mpoximrer dnd 16 Bedpypa 7ol Qard.

04

TS
"

£y 211 Zy. 278
if) Td éuPadd vév 300 Buoiwy mohvydvay Exouv Abyo loo pé 76 retpd-
(A'BT'A'E’) _ (A‘ B’)’ _ (KM )’
(ABTAE) AB ( KM/’

ywva Tob Abyou duotbtytag, Snhadt

KOAOYPH ITYPAMIAA

251, ‘Opuopol. Kohovpn mupapida Aéyetar t6 pipog mis mvpapidas,
nob mepiéyetn perafd tiig Paocns kai mds mapidining mpég th Phon
topfis *fig nupapidag.

Mie xbrovpn mupapiSe ABTA.EZHO (ay. 278) Eyeu tlg &8pec ¢
ABTA xai EZHO mapdiiniec. Adréc Ayovrar Phoeig tie mupalBas xal
elvar Gpote mohbywve (§ 250). Ol mapdmhevpes E8pec g elvan Tpamélia.

‘H érborxon KA tév 8bo Bdocwv Mystar Gjog tic xéroupng mupauldac.

Mix x$houpn mupouiSe Aéyrroar wavovikf, &v Exel mpoxdder dmé xavo-
v, mopaulSe. "Apa pla xavovih) xéhoven mupaulBa Exer @¢ Paoer xoavo-
vikd Bpora modbywva, Evi T6 wudpa, pé Sxpx T xévrpe Pdpoug Tdv dlo
fdoeay, slvan xdBero otlg Bhonic.
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Meoaia topfy % péon toud The x6kovpne mopapidug, Adyetaw 3, Topd
T &mb EnlmeSo mapdhhnno mpde Tl Bhoete ™ wal mob loaméyer dr’ o dréc.
‘H peoata top# elver modbywvo Spowo mpby g Pioew; xab Suyoropsi vig
mapdmhenpes dupés ThHe x6hovpng mupapldc.;, Erwg wal t6 Gog T, ul
vevid wdfe tpfjpo pé vd dipa Tov mave otlg Bdoew.

252, Oewprpa. LE k@b xbhovpn xav ovixfy mupapida ol mapinde pe;
Edpeg elvar Toa loooxein tpanélle xai vt ietpboas.

"Andderln. “Ag Oewprioovpe pid wbho spn xavevinh mupautdx ABTA
EZHO (oy. 279). Adm Eyee mpoxder ané ofv xavopnd -twpauida K.ABL'A
ué éminedn topq EZHO mopdidnin
npbs ) Pdon. Tére cupfaivouy Td:

THPAXETE

i) T6 moAbywvo ABTA elvat xs.-
vovixd, &pa AB =B =T'A = AA,

ii) Té mohbyevo EZHO, dg 8-
poto mpdg T6 ABIW, elvan xavov .xé, A

dpo EZ =ZH =HO =0E.

iii) Of yeviee tév tpanelio v atig
nopupés A, B, T, A elva loes, £1tetdy B¢
Bptoxovtar otlc Bdosis lowv o roxe-

Adv Tprydvov. "Ape Td Tapdm \evpa Iy 179
tpamélio elvon Yoo Lrooxerd.

‘Avuiotpépog. “Av 7 xbhouym mupapida /BIA.EZHG Eer ta nopd-
mhevpe Tpamélie Toot nak loooxel ), elvar xavoveef). Tlpaypa tixd otiv &pyd
mapatnpolpe 8t ol mapamheupes E3peg ouyibvouv € amueic K, yiatl xdfe
#bhovpn mupaptda Eyer mwpoxher dmé mupaptda. 'Apxel Emopivig V' dmodet-
¥0et ém # mupapide KLABTA ¢ lvan xavovixd). Tolto fpwg oupPatver, yraest
¢ tplywvae KAB, KSI', KT'A, KAA, nod Eépovpe ém Eyxouv lseq Pdoeig
AB =BI' =TA =AA xab 1ls ywvteg otlg Bdoeg Tous g (dmd td low loo-
oxer) tpantlia), clvar {oa looo kel tplywva nab dmopévae § K.ABIA elva
wavovinh, Spa f xbhovpy) muparaida ABITA.EZHO elvon o rovexs.

AYKHIETIX
A,

518, Né& Gmohoytarsi 70 Oog dvbg xavovixoel tetpdedpou dnd thy dxud Tou a.

519. N’ dmoBeuyfel S5t 76 navovind Tetpdedpo elvar xavovund) Tpvye vk mupaplda.
¢ 1l Suxpépe 16 navovind “evpdedpo dmd pid wave axh Tprywwixd mupeude: ;

520. Té tuPads <ig Pdutws s rupapldag clvar E. Thv vépvoupu: 1t Eximedo
rapdidnio mpbs T Phan mwob vi Tepuder dmd T4 pow widEs mapdmheupns dwuis. Na éx-
ppaovel T4 duPads <Re topfs dnd 1 EuB.8é E tilg Pdocws.
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521. Té Gpog weis mupapidag elvar v, dvid & Bdom g ¥xer duBads E. Thy xbéBoupe
pé Erimedo mapdhinio mpbs T Pdom o¢ dnboTaon « &né THV xopueh) (x < u). N& éx-
ppuatel 6 EuPadé ig Topfis dnbd td E, a xal v

522, N Omoroyiatel 6 pijxog g &méd tig mapamievpes dupés xavovirijs TeTpa-

# T mupaiBug.

yovixie mupadllag dmé v dxph o thHe Bhoewg xal w6 Odog v=

523. Té (8o mpdPhnua, dv 4 xavovieh] mupapida elvar a) tpryovid, B) Eaywvud.

524. Té pud wbhovpy mupapida Bo budhoyes mhevpds Tév Paoewmy Exou Abyo 1 /3 xal
4 éuPadd tiv Bhoewy elvar By xai B, N& drodoyiorel w6 &uPadd tic peoulag voufs.
Né yiver dpappoyh, &v ol Bhaeg elvan lodmhevpa tplywva pé mheupés a xal 3a dvtiatolyomg.

B

525. N’ dmoBeuyBel &t 1o xavovixd Tetpdedpo elvar dpboxevrpixd.

526. Mid xavovixh) Tetpaywvind mupaulda Erer Sjoc hTu wal # dupf, thc Phoeds
g elvar 2o YAv thy mupaptda abth thy xéfovpe otéd Vo pé Eva Enimedo mol vd mepvder
dnd b dupn ThHe Pdoeds tng xal vé oynuariler wé Th Bdoy yavix 459 a) vi drodei-
Eete 871 4 toph vHe mupapidag elvar looaxerés tpanélio xal B) vi Bpelte 6 EuPadé tig
Topie adrie.

527. N’ dmoderyBel &ru vd tpfparta pé dxpa td péoa Tév mhevpdv THe wiis Bhoewg
x6houpng Tprywviiic mupapldag xal tle dmévavtt xopupés T Ehng Pdoewg mepvolv dméd
76 (8o onpelo.

528, Mg xbrovpng mupaptdag té Eufads tév faccwv elvar B, xal E, Thv <¢-
uvoupe pé Ernlnedo mapddinho mpéds tlg PBdoetg, mol Suxipel t6 Gjog of dvo TufuaTta pé
Ayo wfv. Nd Omoroyrartel t6 ¢pPudd tig Topds.

529, ' #va xavovxd tetpdedpo ABI'A ' dmodeiyBel &t ol edfeieg mol évdvouv
76 péao E tob Sdoug AH pé tlg xopugpég B, T' xal A, elvar dupés tpraopBoyaviag arepeds
yoviag,

TO NPIEZEMA

253. Hpiopatnh émupdvela. Ozwpolpe wd Swdoyh dmé edbeleg
(1), (23), (£3)yeees (g,) mopdddmhes mpbs peck SiedBuven (3) (oy. 280). Kabe
3bo SraBuyinés oynuatifouy Enimedec [H-
pes, xab Bheg adrés Snuiovpyolv pud
émupdvera, mod Aéyetar mpropaniki. Ot
Emimedeg Ldvec Méyovran Edpeg Thg mpt-
opatinils émgdveing xob ol mapdAinies 8 (€) (€,
edfcies Aéyovrar axpés . ‘H mpiopa- €)
T Emupdvelr Myetar Kopti), &v N Toud

(
g Gmbd Eva éninedo elvon xvptd moMd- »
Yovo, Stxgopetixd f| TplopaTIXh EmiQd- /_
Vel AéyeTor PR Kupti.
Kabetn topn) il mpropatinis €-
/ /

TLPdvElxg Aéyetan ¥ Topd TMg dmb éni-
nedo xdfeto otlg dpés . ‘H xdlery
Top elvor mohbywvo. Lx. 280
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254, Hplopa. "Av mé rpropanixf dmpaveia tundetl and Sbo mapi-
Anha énineda () xai (P) (ox. 281), 76 oteped petald t@v ininsdov adrdv
Atyetar mpiopa.

Of mapdddnres topés elvan morbywva (ABT'A xal EZHO), mob Aé-
_yovtar Phoerg Tob mploparog, &vid ol dhheg E8peg Tol arepeel Adyovrar mapd-
mhevpeg Edpeg.
Tapanlevpeg dxpég Tob mploparog Myovrar of dupés tou (AE, BZ,
I'H xoi A®) mob 8év dvhxowv atlg Pdoelg tou.

KaBetn topfy 7ol mplopatos Aéyeran 76 mobywve mod mpoxdmrel dmd
hy toph Tou wé énimeSo xdbero orhv mapdmievpn Empdveix, STy adtd
Téuver Eheg tlg mapdmieupes dxpés.

“Yyog 1ol mploparog Aéyeton ¥ dmbartaoy h tév Bdoewv Tou.

"Eva. mplopa yapanmnpiletar dg tprywvixd, tetpamhsupixd, mevtayw-
vib A, dvddoya pé T6 mATfog Tév mheupdv Tav Pdoedv Tou,

Awvaydvio Emimedo Aéyetar xdle émimeSo mol bplleron dmb Bdo mupd-
mhevpes dupés ol 8¢ Pploxovron oty wx €pa (my. AEHI oy 281).

Iy. 281 Ix. 282

255, @ewpnpa. Ol naparievpeg Edpeg xdbe mpiopatog elvar napak-
Anhéypappa.

"Anodeitn. “A¢ mépovpe fva mplopa ABTA.EZHO (oy. 282). "Ané
tév Spropd tol mploparog elvar AE [|BZ [[T'H [[ A©. *Axbpe elvar AK//EZ
odv Topés mapddnhwv émimédwv (tév Phoewv) dmé tpivo. “Apa T6 Tevpa-
mhevpo ABZE elvon mapaddnibypappo.

M¢ t8io tpbmo pmopet v dmodeiyfel i xal of &AAeg mapdmhevpes ESpeg
elvar mapadhnAbyporpui.

Iépropa. Ol napandevpes dxpés xabe mpiopatog elvar Toeg.
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256. 'Op06 mplopa Aéyeran Eva mplopa mob ol mupdmieupes dxués Tou
elvar xdBereg otlg Pdoeig Tou. g

Kavovikd nplopa Aéyetar éva 0pB6 mplopa mob ol Bdoeg Tou elva
xavovixd Tobywva.

257. @edpnpo. Ol Paces ke npiopatog elvar loa rokdywve.

Anoderkn. “A¢ Oewphoovpe Eva mplopa ABI'A.EZHO (oy. 282).
'Ened¥ ol mapdmhevpes dupués tou elvan loeg xal mapddhnhes, oupmepalvovpe

8w, &v % Pdon ABTA peraromorel xatd 76 Selwwy XE, 04 oupméoer pé
whv &0y Béon EZHO. "Apa ol Béoeig elvar lon moddywve.

AELKHEIEIL
Al

530, "Av fva mplope Tunbel dné inimelo mapdddmho mpds tig raphrieupes dnpds
zou, v dnoBeiyfel Bri 4 Topd elvar mapakinidypajpo.

531, N' drodelfere 811 4 toph 8o Sraywviny miméduy dvég nplopatog elva mapdh-
Ay xal ton mpég sl mopdmheupes dupés Tou.

532, “Eva navovirb piywwixé mplopa téuverar pé dminedo, mol mepvdm dné pud
dxpth THe Bhocwg wal dmb Ty drévavty xopugh tHe &hhng Bdoews. Na brodoyiotel t6
Bdog tob mplopatos dné Thy dwph x THg Bhoedg Tou, dv 6 mimedo Topdis oympatile
pé Th Phon yavia 60°

833, T6 (B0 mpbfihnua, &v 76 Erninedo topfic oynuatile. yovix 45% ué th PBdom.

534, "Eva xavovinb tpryevind mplopa Exe duph Phoews o xal Ggog a. Té téuvoupe
ué dnimedo mob mepvd dmd pud dupd THe Paoswg xal mob oynpatile youle 60° ué o
Baoy. Na drodeiyOel &7 § Toph elven lovaxerds Tpamélio xal vé Umoloyiorel 6 Eufads
Tou dmé Thy dxph a.

535, Tépvoupe éva tpiyavixd mplope ABTLAEZ ué tninedo mwapddlinlo mpés THY
€px BTZE. N* droSeiyet 6m a) # oph elvar mapardnrbypappo B) & Abyog Tob tufa-
8ol g touhe mpbs 76 EuPadé i mupdlhning EBpac elvar Loog pé 76 Abyo Tav dmogrd-
aewv The dupfic AA drb 76 émimedo Toufic xal tiig mapddining £8pas.

258, Mapaiinheninebo Aéystar Eva mpiopa, mod ol paceig tov elvan
rapaiinhéypappa (oy. 283).

'Amb tbv dprowb oupmspxivovpe &t Bheg ol E3peg Tol TapaAAAeTLIE-
Sou elvar mapadhnhbypeupc. “Apa 76 mupahhqheninedo umopel vee Bewpn-
fei bmb wpimhhy Ewoia mplopa pé Baoeis 8o dmoweodimote dmévavm E3peg
tov. *Apa ol drmévavry Epeg Tov elvar low mapahhmhbypauue xat ol dxnpés
cov dmoreholy tpeic 6uddeg, mov N nabewd Exer Téooepic mapdAnhes xal
loeg dupds. Téhog 76 mapaihnreninedo Eye zpla .

259, Qedpnpa. Ol Swydbvior kGbe rapariniemnidov nepvobv dné t6
1810 onuefo, mod Aéyerar kévrpo Papovg vod rapaliniemnédon.

WnionoBnke amod 1o ivotirouto EknmaiSeuTikrg MoAmkrg



208 "Opfloydovio TapaAAniemimedo

‘Aréderin. "Eorw ABTA.EZHO &va mupaddqleninedo (oy. 284).
Ot dxpés vou AE xal TH elvor faeq xal mapdhinheg wat emopévag 6 TeTpd-

Iy. 283 Iyx. 284

mhevpo AEHTI elvar mapoddnhéypappo, Spx of Sueydvior AH xafl TE <é-
pvovtar o€ anuelo O, wob pahota elvar xal 76 péoo Tig xafeprac.

‘Opolewg dmbd o mapadiniéypappse ABHO xai AZHA oupmepaivovpe
b7 walk ol Suxydvior BO xat AZ dvrlotouye mepvoiv dré w6 péoo O THg S~
yoviov AH. "Apa ol véoospic Staydvior t05 mapokhnheminédon mepvoby dmé
w6 180 anueio O, mold Myetor xévipo Papovg Tol mapudhnhemiméSou.

HNapatipnon. Té onueio O, dg péoo ig xdbe Saywviow to7 mapah-
Anhemimédou elvon xal xévrpe ouppetplag Tob oreped, i adré nal mohric
popéc 6 héue péve xévrpo Tob maprAlnhemimiSov.

260. "OpbBoydrvio mapadinrenineSo Léyerar 16 raparinherinedo,
mob ol Edpeg tov elvan dploydvia (oy. 285).

Ob orepeés yowvies tvdg dploydvion mapodhnhemiméSon elvar tproopbo-
yevieg xal te wpla Bn tou elvar Low mpbe Tpeic dupés Tou, mob cuyrhlvouy
of puk xopuh, Myovta pilota xol Suxetdoes Tob dpBoydviou TpothAn-
hemuméSou.

261. Oedpnpa. Of Siaydvior 100 dploydviov napadiniemnidov el-
var fogg, ‘

"Anéderln. "Eata «, B, v ol Suordoeis &vée dpBoydvion mapohAnhe-
minédou (oy. 286) xal AH =8 g Sroydwibs tou. "Amd =6 dploydivie Tpt-
ywvo AEH malpvoups : 32 = EH2 + y2 (1), ’Ané 6 dpBoycivio Tplywvo
EOH malpvoupe : EH? = o 4 B2 (2). Tdpo dné tig oyéoec (1) nab (2)

cuvdyeTar 6Tu:
P=at+ B4 yt=d=VaE P Tyt

Té 80 pmopsti v' dmoBeryfei xal yik tic #Mhes Sraywviovs. "Apx of
ttoaepls Burydvior Tol dpBoydvion mapedinieminédon elvan {oee,
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262. KoRog Méyetamr 16 dpboydvio rapadinieninedo, mod ol Edpeg tov
tlvan tetpayova.
"Amh tév boropb ouvdyetar 8Tu of Tpeis Sxotdoec Tol whBou elvan losc.

R o A B
A A 4 T
5
Z H Y EAy\o 7
B
E 8 = a H
Ly. 285 Ty. 286

“Av o elvan % dxpd 705 xOBov (o, 287) xal 3 § Sweydwite Tov, dnb b mpon-
yotpevo Bedpnua cupmepaivoupe & & = aV3.

263. KooPé mplopa. "Av ma npropanki imoeavaa tpunbel ané d0o
pf mapadinha irineda (1) xai (P) (oy. 288) dnmovpysitar oteped, mod
Léyerar xohofo mpiopa.

Iy. 287

Ot topdc dmb d 8o émimeda (IT) xab (P) elvar mohiyova (ABT'A
wol BZHO &yt Yon), mod w4 Aépe Paoerg voi xohofol mpiopatos. Ol &hhes
2Bpec Myovrow maphmhevpes Edpes nal xaTd wowbve elvor tpaméfia. "Yiog
516 woroBé molopa Sév bplleran.

264 . Ipiopavoetdés Aéyetan td mohbe-
3po, moh Eyxer 800 mapdhinkes Edpeg, ol dmoleg
Léyoviar Pacerg, kai SEv Exer dhreg kopuotg
#xtbg and tic kopupis TV Phaccev (oy. 289).

01 #ec &3pec mob Aéyovrar moapdmheu-
pez, elvar tplywva ) tporméliz. “H gmhoTo-
on tév Sho Boocwv Mystar Oog ol wpu-

auatostdoie. Iy. 289
14
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Meoaia topfy Aéyerar % topd 7ol arepeot dmé 76 pegortapdiinio dmi-
nedo Tév Bdoccv Tou.

ALKHEEIE
A

536. N* dmoBeuy0el 470 w6 #0poiapx TGV dnoatdoewy Thy xopupdv vég mapaiin-
remcimedon dnd Emlnedo, mod Bév w6 téuver, loolra pé 6 buramddoo tHg droatdeene Tob
xévtgou fdgous Tel mapaidmhenineSou dnbd t6 dnimedo.

537. "Av ol Buaydvior bvbg mapardnreninedou elvar loeg, v' droBelyDel & abré
elvar dgloydvio.

538. N' dmoderyfel & t6 #Bpooua thv tetpaydvoy T@v Ttocdpmy Sutywvioy
&ubg bpBoydvion mapadinheninedoy elvar oo pé 74 &0gotopa Thv tetpaydvoy 6y BdSexa
dupdy tou.

539. N& dnodefel 870 x20e bploydvio mapadhnheninedo Eye tpla dmineda oup-
petplag.

540. N drodeiyet 87u 6 wiBog Eyet névrpo aupperplag Th Topd) Tév Sywvloy Tou.

541. Alverar tpioopboydvia oreped yavla Oxyz xal ot towtepud e fva Tufpe
OA =38. N’ drodeuyBel &1 v4 dfpoopa tév TeTpaydvay Ty ntpofordy 1ol Tihparog
mhver otls tpels €8peg i TpLaopBaydviag atepeds yovlag mapapével atabepd.

542. N' dmoBeiyfel B1u af xdOe wifo % mpoBord) g dxpfic ndve of wd Bayd-
wio elvan fon pé w6 1/3 =fig Buxywvion.

543. "Av o' Bva mapaddnieninedo 8o mpoonelyeves E8pec elvar looBivoues, v dro-
BeuyBel &7 # toph w0l maxpxAmaeninedon dnd dnlnedo xdbero athy wowd duph thv loo-
Bivapey E8pdv elvan pbpfloc,

544. "Evég #0roBol tpiywvixol mplopaxtos Stvovrar td whxn «, B, y tév tpLiv
mapdmheupey dupdyv Tou, Né Groloyiotel 1 dnbataon v Papuxévrpwy tév fdoedv Tou.

545. Alvovrar tpels bploydivies edBeles (e,), (e4), (e5) xat petafinté xatd Oton
ed0bypappe tufiue ué orabepd phxog 8. N° drodeuyOel 871 w6 &Bporopa TdY terpaydvey
TGy mpofordv tou otlg tpelc devufates eifeles mupapéver atabepd.

546. Alvetar wifog pé dwph a. Tév tépvovpe pé 6 pegoxdfero énimedo pilic Bua-
Yoviou tou. Na dmoBeyBel 8v 4 top#h elvar xavovixd EEdywvo xal va dmodoyiatel T
EuBadb tou dmd ThY dxpd a tol %9fou.

547. Alverar évx napadinieninedo ABIA.EZHO. N’ droBeryBel 87§ Baydviog
AH =piyotopel=as dnb <d énineda BAE xal I'ZO.

METPHIH TQN IOAYEAPQN

265. Mérpnon tiig émipdveiag évdg morvedpou. Ik vé petphoovye
Thv dmpdver Evbe mokdedpou, petplipe tie mipdverec THv 8pav Tou (Ep-
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Badd irmimedwy mohvydwav) xab té mpooBézovye. 'H tpyacie adth Bpug,
ot pepinés elduée mepimrdioets, TumoToteiTal wol Emopéveg dmrouaTeleTal,
dnwg 04 gavel otd émbpeva.

266. 'Emuphvela xavovixol tetpdebpou pé éxph a. * Amoteheiton
dmb téooepn lobmhevpa Tplywva pé mhevpd a (ay. 290). Té épPadb 7ol
«2Y3

xafevée an’ abrd elvon loo pé A

wal dmopéveg % Emigdvein 7ol xavo-
2Y3 -
vixol Terpdedpou elvat 4—ETV3—— = o?V3, Snradf :
E = a®}3.

267. 'Emupdvela xavovixfig mupapidag. Iriv xavovixd mupaido,
mov Shec ol mapdmhevpes E3peg slvan low loooxehy Tplywva, dmoroytloupe
6 duBadb dvbg pévo Tprydvou xal petd T6 moarhaoialovpe ué T6 TAT-

[+
Zyx. 290 Ix. 291

Boc v tév mapdmievpewy E3pdv. “Av a, elva ) mhevpd Tol KoVOVIXO0D TOAU-
vévou g Phosws xal v elvar 76 mapdmheupo Gos (oy. 291), we mopd-
mheupn ESpar Exer EuBadé % ap xal tropbveg § mapdmievpn émodveln el-

vat v -—;— o= ‘%—" V= —P;- u, Bmov P, elvar # mepluetpog 7ol xavovixol mo-

Auydvou g Bhoews. “Apa ) mapdmievpn Empdvela pidg xavovindis mupapi-
Sac Slveran dmb vy Timo :

E,,=—I:‘Lu.
2

“Av othv mgdvewr abTh mpocBéooupe xal 76 tupadé E, 7ol xavov-
%ol moAvydvou tig Baoews, nalpvovpe Thy THmO ©

h,=%u+m

g SMxflg Emopdveng THG xavovixii mupaptBeg.
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268. "Empdveia xéhoupng xavovixiis mupapibag. Ol mapdmievpes
E3peg i wbhovpre xavovixie mupaptdug elvar Tow loooueh Tpamélia. *Av
oy, By xab v elvar of Pdosg xal 16 Gfog dvrlotouye Evée dn’ adrd (oy. 292),

76 EuPadd Tou B4 elvon a'.; B, v xal émopbvag ¥ mapdmhevpn Emipdvela

Tiie x6hovpng mupaplBas elvar: v - “'._._‘;’ B,y ¥kl | _PBotp,

2 2ty
Gmov P, xal p, elvar ol mepluetpor t&v xavovix@dy modvydvey Tév Baoeev.
"Apa % mapdmhevpn Empdveln e xavevixdic xéhoupng mupapiSug Siverar
&nbd Tév Thmo :
En _— m ..
2

“Av otiy tmgpdvein adt) mpoabéooups xal 4 EuPadd E, xab e, tév

8%o Pdocwv, malpvoupe tév Thro :

P‘J+p0

on,= U+E.,+S\,

Tie hxiig Emipdveins Tol orepeod.

269. Hpopatinh dmpavera. Ol mapdrhsupec E3peg xdfe mploparog
elvor mapoddAbypappe, mob 4 ik mhevpd Toug Exel pikoc o oo pé Thy
mapdmheupy dxph Tob mplopatos (oy. 293). Mépvoupe pudk xdbety Toudh
KAMN xai elvar gavepd mde ol mheupés ol mohuydvoy KAMN elvar G

| deg K

av

Iy. 292 Ty, 293

v Tl mapdmheupes E3pes ol mplopatoc. Tére % mapdmhevpy émpdveln, dg
&Bpotope Tév mapdmhevpwy E8pdiv, elvan Yo pé o - KA + o+ AM + o - MN
+ a - NK =a(KA + AM + MN + NK) =« - P. "Apx % mapdmhevpy ém-
gaverx xdbe mploparog Slvetar dmd v Thmo :

Er=a-P
bmov a elvar 4 mapdmhevpy dupd Tob mploparog xal P 4 neplpetpog i
xdfetne Topfs Tou.
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"Av othy mponyobuevn dmepdvein mpooBéaoupe xal tic Sbo Tosg Pdoeic
B ol mploparog, malpvoupe tév timo :
" Egp.=a-P42B
e Sxic Empaveias Tob mwploparos.

270. ’Emwpdaveia bpbot mploparog. Of thmor <iig mponyeduevng mo-
paypdpou loybowy BéBora xal yid < bpOd mplopota, dxel Suwe ) weplpe-
wpoc P e xdBetne topde elvon 4§ ISux pé iy meplpetpo Tig Bocws, Evdd
w6 wives a THe mapdmhevpms dwufic wmopel vé dvruxrtaotadel dmb v6 Hog
h 7ot mploparos. "Etor matpvoupe :

E:=P:-h xafi Ep =P-h-+ 2B,

271. ’Emipdéveia dployddvion wapai-
AnAeminédou. "Av ol dixatdoeig dvbg dpbo-

ydviou mapahinheminédon elvar «, B, ¥ (o
294), & thmog THg TpoOMYOLREVNS TXPXYP- L I
pou yid THY GAueh Emupdverd tou yivetan
Ea. = (2 + 28)y + 208 = 2(aB + v + BY), = P
Snhad)

Eop, = 2(ap + ay + Br)- Iy, 294

Mépiopa. ‘H tmoedvara xofov pé axpf @ elvar Ton pé 6’

ALKHZEIZ
A

548. Mud xavovid $Eaywvinh mupapida Eyer dwph Bhoews Sa xal Ggog ba. N
Bpebel # tmopded ™

549, Mud xavovind, tetpayowiny mupaplda Eye mapdmievgo Gfog loo ué T 56
T dwpiic tHe Bhaews. "Av § dhuh Emgpdverd g elvar 384cm?, vd Bpedet # docpsy THe
Bdoewe xxl T4 Gdog ™S,

550. Mt xavovid tetpaywvoch mupapiSa el Pdon pé mieupd x xal ol mapdmien-
pec EBpec Tne oymparifovy wé Th Bdom yovies 30° Na Beebel 4 émopdverd s

551, Mud xavovixd Tetpayevied mupaulBa Eye dxpd Bdocwg o xal RApITAELET
doepdy o N Omohoyiartel # dhnf) Emedvard Tne.

552, ¥’ #va tetphedpo ABTA of &5pec ABI xai ABIN elvar lobdmheupa wplyove pé
mhevpd o wub # Bledpn BI' elvar 609 N& dmohoyiotel % émgpdverd Tou.

553, T’ fva bpBb tpryevixd mplopa § Bhon elvar dpBoydvio Tpiywvo pé xdfeveg
mheupés 9a xal 124, N Bpelei 4 mopdvera w00 mploparog, dv 6 Bdog elvar loo pé thy
Ymotelvovex THg Tprywvikic Bdoews.

554, Nd Ppelel # hxh) tmpdvea dpB00 mplopareg pé GYog 2a, Brav 4 Bdom,
tou elvar xavovixé &) tpbywvo, B) Tetpdywve, v) EEdywve, dyyeypappévo af wixko e
ixshe a.
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555. "Eva dpoydvio mapaidnheninedo, nob % Bdon tou elvar tetpdywvo pé mAgupd
a el 76 Ogog tou elvar 2a, téuveraw dnd éninedo mod mepvd dné td dxpa T@V dupdv thg
WBiag otepeds yeviag, N Bpedel 4 Sk dmpdvarn tig mupauidag mod mpoxdnrel.

556. Ol Suxordoeis évég dpBoydwiou mapaiknheninedou elvar dvddoyes mpbg Tolg
dpipolc 1,3, & xal § modverd tou elvar 342cm?. Né bmohoytatolv ol Bixardaee Tou.

557. "H Buxydviog &vég x0Bou elvar 4¥3 cm. Nd& Omoroyiorel 7 tmgdved tou.
B

558. Tpledoy oveped yovia pé xopugh K Exer tlc E8peg g 600 why xofeprd. Mdve
of pud duph g malpvoupe Tpfua KA = o zal gépvoupe drinedo (ABT') | KA, mob
wépver tlg deg dupés tHe tpledpng ot B xal T. Nd Gmohoyiatel ) Empdvera Tob Te-
zpaédpov KABT.

559. N& Omohoyratel & Adyog tév émpaverdy 8o xavovindv mplopdTov, mod ol
Pdaeig toug elvar tetpdywvo Tolb dvée, tEdywvo Tob dhou, Eyyeypappébves ot losug xi-
rhoug pé dxtlva R xal 1 O¢n toug elvan oo pé td droothuata Tév Bhoewy dvtiatolyws.

560. Téuvoupe éva x0fo pé dnlredo mob mepvd dmb Td dxpa TpLidv dxpdv tou, mol
ouyxdivouy otiy Bix gveped yuvia, N& Smokoyiarel & Abyos Tdv émpaveldv tiv ore-
pedv, otd dmola Sumpelrar & xifoc.

561. "OpB6 xohoPb mplopa Exer Baay lobrheupo Tplywve pé mievpd o, Ol 8o meepd-
mhevpes dnpés tou elvar a(l +¥3) xal 4 plen a. Nd Umodoyiotel 1 émipdvea 7ol
aTepenh.

OI'KOI TQN ITOAYEAPQN

272. Oedpnpa. Lé kaBe tetphedpo t6 yivopeve o0 EpPadod g
Edpag tov ini 16 avtiotoiyd tng Byog elvan 16 150 1 Bheg tig Edpes.

"Anbderen. Ocwpolpe Eva tetpdelpo ABTA. Oépvoupe td Gyn AE, BZ
(ox. 295) xal 0" dmodelfoups 6t (BI'A) - AE = (ATA) - BZ.
Dépvoupe AH | TA xai B® L TA, émére EH | T'A xal ZO | TA

(Bccop. Tpdv xaférwv). “Apa of yavles AHE xal BOZ elvat dvrloToyyeg

éninedec tig Sledpng TA, émopévers AHE = BOZ. Tére dpBoydvia Tpl-
yovee AHE xal BOZ elvar 8powx kal ouverndc

1) .0
BZ BO
Té wpiywva AT'A xal BTA &ouw th TA xowd. “Apax
£ (Ara) _ Au
(BIr'A) BO

"Aré g oyéoerg (1) xal (2) ouvdyeta : g—: = %%% 4% (BI'A)- AE
= (AT'A) - BZ.
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273. ‘Opiopde. “Oyxog tetphedpov Aéyetar 6 yivépevo tol EpPadod
Mg ané tic Edpec tov i 16 dvtiororyd tng Gyog, iri kdmoto atabepd ovv-
tedeoti) k, mod 2Eapréitan amé thv adbaipetn Exhoy tfig povadag petpfi-
oewg thv dykov *.

‘O Byxog évbe tevpaédpou ABTA oupBorifetar pé (ABTA) % Vianra) !
dmhotorepe pé V, Brav Eépoupe mol dvagépeton adrbs. Ob uon supfoe-
apol dmentelvovron xal yid Téy Hyxo dmotoudfmote mohuédpou.

Avo tetphedpn % yevixd 3%o oreped pé looug Byxous Aéyovra laodi-
verpha.

Mépropa 1. Abo tetpisdpa pé ioeppadixés Phaoeg kai foa Tyn elvan
{oodivapa.

Mépiopa IL ‘O Aéyog tdv Byxav dbo tetpatdpov pé loepfadikés pa-
oerg elvar avebaprnrog amé th povada perphoeng (16 cvvieheoti k) xai
loobtar pé t6 Aéyo tdv avristoiyev mpog tig Paceg dydv.

Mépiopa IIL ‘O Léyog t@v bykwv dbo tetpatpdov pé loa Byn igod-
tay pé 16 hoyo tdv avrictoiyov mpég adtd Paocov.

274. Oedpnpa. 'O Bykog mupapidag elvan Yoog pé to yvdpevo k- B - h,
Brov B ) Paon xai h 6 Hyog tiic mupapidag.

A 0
B A ~|h
— | — A
q A
5]
[ B r
Iy. 295 Ty. 296

*An6dertn. "Eotews O.ABTAE pid mupapida pé Odos h (oy. 206). T+
Stnpolipe of terpdedpa pé td Enimeda OAT, OAA. Tére Egovus :
1) (0.ABTAE) = (O.ABT) 4 (0.ATA) + (0.AAE).
Kartd tév dpropb Spews (§ 273) elvar @ (0.ABT) = k(ABT)h, (0.ATA) =
k(ATA)h, (0.AAE) = k(AAE)h xai éropévac % oyéon (1) ypapertor :
(0.ABTAE) =k { (ABT) + (ATA) + (AAE)}h =k (ABI'AE) h #
(O.ABT'AE) = kB.h.

(*) "H mp#h o0 ouvteheotd k dpilewar magawdza (§ 277). dpod MO YIEVnS
Aplamel f povadx perpoems T@Y Gyrov.
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275. Oedpnpa. Kabe tpryovikd mplopa propel va Swnpeel of tpia
loodlvapa tetpacdpa.

‘Anédein. "Eotrw ABILAEZ  éva tpryovixd wplopa (oy. 297). Té
Buapope oé Tpla Terpdedpa :
(1) (ABT.AEZ) = (A.ABT') 4- (I'.AEZ) 4 (A.BTE).
Napatnpotpe v (A.ABT) = (ILAEZ), ywrtl &xouv losg Bdoeig xob oo
Odm. ’Eniong elvar (I'AEZ) = (A.BT'E), vyiazt Eyouv loeg Bdoeg tig ['EZ
xal TEB xai Yoo GUm dn’ thv xow) xopueh tovg A. “Apa 6 tprywvind mpl-
ope Suapelron of vpla loodlvapa Terpdedpa xal Emopévas 4 oyéon (1) ypd-
QETAL

(ABI'.AEZ) = 3 (A.ABT).

Ilépropa. "0 Bykog tpryoviked mpiopatog sivaer ioog pé 3k-B-h,
fnov B 1| Péon tov xai h 16 Gyog Tou.

276. Oewpnpa. ‘O Bykog Evog mpiopatog elvar Toog pé 16 yvdpevo
tiic Paocewg ini 16 yog tov, &ni 16 o1abepé cuvteheoti 3k.

"Anédeiin. "Eorw ABIAE.ZHOIK &va mplopa pé Odoc h (oy. 298).
TAmb puk mopdmhevpn dpd Tov, Ty AZ, glevovpe 8hx Th Suxydwea éni-
meda xal 76 mplopa Swupsitar of Tpryevid mplopara.

Ty, 297 Iy. 298

Tére Eyovpe: (ABT...K) = 3k(ABI')h + 3k(ATA)h + 3k(AAE)h
—3k(AB1"AE)h "Apx & Byxog 7ol mploparos elvan foog pé 16 ywbpevo
3kBh, &rov B #) Bdon 7ol mploparoc.

Iépiopa. "0 Syxog dpboydviov mapadiniemnédov pé Sraotaceig a, B,
¥ loobtar pé 16 yivépevo 3.kafy.

277. Movédba perphoews Ty dyxwy. Hpoadiopiopds Tod ouvre-

Aeat) k. Tlpaxrixol Adyor Exovv émPdier dic povada petphosme Tav Eynov
v woBuch, Snhadh dva wifo pé dxph Th povdda petphocws Tob phxouc.
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‘0 ¥yxog Tic povadag petphosws, xaté T6 mponyoluevo mopLoa, elvo
toog pé 3k-1:1-1 xal Befaiog mpéner v& elvar 3k-1.1-1 = A% Apa'

k=t
3

Ilépiopa. "And ta mponyobpeva ovvayetar Bt :
i) ‘O Bywoy mupapidag divetar and oV timo V = %Bh.

ii) ‘O yxog mpiopatog Sivetor and tov tomo V = Bh, dmov B elvay 1y
paon tob orepeod xai h 6 Gyog tou.

iii) "0 Byxog dpboydviov mapadiniemnédon pé deortdoelg a, B, v dive-
ol Gré tov tomo V = afly.

iv) "0 Byxog 1ol kOPov pé dxpf a divetor dné tév TOmo V=ud3

278. Oedpnpa. Kabe npiopa elvor loodivapo mpéc 6pB6 mpiopa pé
paon tiv xabetn topf xai Byog tijv naparhevpn dxph Tov.

*AndderEn. "Eorw ABTAA'B'T'A’ &va (mhdyro) mplopa pé ok~
mheupy dxph AA’ = & xal KAMN pla xdBemq topf tou (o 299). Hpoe-
wrelvovpe e mapdmheupes dwpés Tou watd Thy IS gopd xal malgvoupe
ruhuata A'K’ = AK, B'A’ = BA, I'M' =TM xaf A'N' = AN. Tére
rapatypoipe 8 elvan KK' = AA’
=, ywrt dmoteholvrat ambd 76
nowd Tufue KA’ xal énéd 1o loa
tphpate AKX xab A'K' avm-
otolyws.  ‘Opolwg elvar AA" =
MM’ = NN’ = a. "Apx pmopolpe
vé. Oewproovpe ému 6 aTepeb TuTpa
ABT'A.KAMN Eyev peratomiorel
watd 76 delum A_..Z' othv Béon
ABTAKANMN  xal énopé-
voc elvae : (ABTAA'BTYA") =
(KAMN.K'A'M'N’) (1). AN« 6
KAMN.K'A'M'N’ elvar ép06 mpl-
oy, pé Bhon thy wdbemy touh (KAMN) =B xal Ofog iy dnpn KK = a.
‘Emopévarg elvar (KAMNKAM'N') =B a nal vére f oxéon (1) ypaepe-
tav: (ABFAA'BT'A’) =B - a.

Ix. 299

279. Oebpnpa. "Av Sbo tetphedpa Exouv pid otepEd yovia ion, 0
Abyog @V Gykov tovg elvan Toog pé 6 Abyo t@Y Yivopévaw ThV axpddv,
ol omoieg mepéyovv tig loeg otepeég ywvies.
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"An6deln. "Ag mdpovpe Sbo tetpdedpa ABI'A xal A'B'IVA’ (oy. 300)
tonofetnpéva Erol, dote vd oupmintouv ol Yoeg orepeéc yovies Tovg oté
A. @épvouue BE | (ATA) nat B'E' | (AIVA'). Tére 04 elvon :

1) (ABT'A) - 1/. (AT'A) BE " (AT'A) BE )
(AB'TVA") 1/, (AT"A") B'E’ (AI"A') B'E

‘Eredy) ta tplyova ALA xat AIYA" ¥ouwv xowh T yovix K\, Equupe
(AT'A)  AT-AA

(A'A)  AY.AA"’

AB'E’ maipvoupe %— = % Tére ) oyéon (1) yedperar :
(ABl'A) ~ AI':AA  AB (ABI'A) ~ AB.AI'.AA

(ABTA) _ AT .AAN AR (ABT'A’)  AB' . AT .AA'

tvad amd ta Bpowx dpboydvie Tplywva ABE xal

280. Oewpnpa. ‘O byxog tiig k6hovpng mupapidag Siverar ano tov
t6mo :

V=§(B+Vn—p+mh.

Zx. 300 Zy. 301

"Anédeign. "Eotw ABI'A.EZHO ulx xbhovpn mupauida pé Bageg ta
Buox moMdywva (ABTA) =B, (EZHO) =p xal 8dog h (oy. 301).

Ocwpolipe 6 onueio K, 016 bmolo téuvovran ol mapdmhcupes dxpéc
™8, xab 76 xdBeto Tpfiux KAM otls Bdoeic Tig x6houpyg mupautdag. ‘O
Byxos Tng V elvar loog pé ) Biagopd tév Syxwy Tév 3bo mupauldwy K.ABIA
xal K.EZHO, dnhad¥) elva :

(1) V=-1-B-KM-~%13-KA.

3
DPvewpifovue 8t (§ 250) -%= ;XI: =
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M VB
‘2 —_—
(2) KA V 8
] , KM VB \
Amé £ 2 1 = — =
wh oyéon (2) Beloxovpe bm KM—KA ~ VB—V3 #
KM VB e DVR KM—KA
VB — Vs % KM= W ,» xab dxbun i W =
YB—VB 5 h _ VB—Vp §. Ki= bY@ > Avricafi-

VB KA VB T ¥B—Vp '
otolpe tlg Tiwés t@v KM xal KA oth ayéay (1) xat malpvoupe :
BBy MR df R
VB—V3 VB—Vp [ YB—VB

%(VB’+ VB + VA )b = (B4 VBB + )b, dnpad

v___

=%(B+V3ﬂ+ﬁ)h

281, Oewprpa. ‘O Byxog wohoPod tpryowviked mpiopatog Sivetar and
v thmo : -

V=§B<a+p+~n,

Smov B elvar 1 xafetn top tov xai
o, P, v ol mapanhevpes dxpég Tov.
‘AnbderEn. i) "Av 16 xohofb ~pt-
yoviné mplopx ABILA'B'TY (0. 302)
elvar 8p06, téve #§ Pdam 7ou (ABT)
=B elvar xal xdBern Toph Tou
wub & 8yxog tou V dvakberon of &-

Ogotopa iy Bynav Taudv mupauldoy, dg Iyx. 302
£Efc ¢
(1) V = (A".ABT) + (A’.BB'I") + (A".BIT").

"Extedolpe tols mapaxdre avepods petacynuatiopots (§ 273 mép. I):
(A"BB'T') = (A.BB'T') = (I".ABB’) = (I.ABB’) = (B".ABT') =—%— Bp

xal (A'BI'TY) = (A.BI'T") = (I.ABI'") = %By. "Enedf, dxdpo elvar
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(A".ABI') = —;TBa, W oyéon (1) ypdgetor : V = % Ba -I-—;— Bp + % B+

£V =2 B +p+7)

ii) "Av 76 tprywvixd xohoPé mpi-
opa 3év elvar dp06 (oy. 303) : Dép- )
voups pid xdfery wopd (KAM) = B A
wal téte 16 oreped dvahderar o dpor-

opoe 8bo dpB&v xohePdv TpLywVIREY TRL- § : :

oudrav pé xown Peay thy (KAM) = B, A r
Snhabdi

(2) V =(KAM.ABT)+ (KAMABT). A '<

Katg ©6 mpomyodueve 0& Exoupe : B
(KAM.ABT') = %B(KA + AB + MTI')

T¢. 303
xol (KAM.A'B'TY) = —:13; B(KA" + AB’ + MI"), d&pax 4 oxéon (2)
ypdpeTal

V= -;—B(KA + AB + MI') +%(BKA’ + AB' 4+ MI") = —%—B(AA' +
+ BB + IT") = — B(a + B + v), miadh:

V=—_Ba+p+1)

] -

ALKHZIEIZ
AL

562. N Boefel & &yrnog xavovixod terpaédpou pé dupth «.

563. Misig xavowxis retpaywvieiis mupoutdug § dxpd thg Bdoews elvon a xaxl ol
mapamicvpes E8peg g oympatilouv ywvieg 459 pé T Pdon. N& Omoloyiorel f énipi-
verr xal & dyxog .

564. Abvovrar tpels mapdddmres edfeies (e,), (e3), (€5), &xr o76 B0 énlmedo.
Ilavw omiv () hoBaiver Sva Tufjpua AB pé atalepd pijxog xal mdve arle (e,) xal (i5)
800 onuela ' xal A dvriotolyws. N’ dmodeiyel 67 & Eyxog Tob petafintol tetpaédpou
ABTA elvar otabepbs.

565. ‘O 8yxog dvbg xavovixol tetpaédpou va éxgpactel «) dmb 6 Gdoc tob h B)
amé Thv dmigdverd tou E.

566. Na fpelel & Sywog xal # Emedveix il xavovixfis Tprywwixiis mopapidag
« Y17

T

mod Eyer dxph) Bhorwg o xol mapdmievpn dxph
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567. Mg xavowixiic vetpayovikis mupapiduc % duph the Bhotwe elvar o xxl %
rapdnhevpn Empdvela elvar Sumidorr &n’ T Pdan. Né Omohoyiatei & Synog Tig mupauwidac.

568, N’ dmodeiyfel &7 & Bywog tetpaéSpou elvar foog pé 16 1/3 tob ywopévou
dis dnpdic vou ént Thv mpoBuld Tob ovepeod of Eminedo xdfeto oThv duuh abTh.

569. "Av o’ &va tetpdedpo ol Bbo dmévavm dupés elvan bpboydivies, v' dmodeuyBel
87 & Bynog Tou elvae loog pé 76 1/6 tol yvopévou tév depéiv abrév, énl viv Edyraty
dmbatasy Toug.

570, "Av &vbg tetpatdpon ) pla wopuph mpofdihetar othv drévavr E8px até bp-
Oéuevtpb g, V' dnoderyfel 8t 6 ywidpeve Sbo bnotovdinote dupdv tol terpaédpou
el v xowh Toug x#Bezo elvar dveldpTnto &b Thv Exdoyd Ty Axpdv TobTwY.

571. ‘Evfig zevpaédpou ABT'A ol #8pec ABT xal ABI elvan lobmieupx wplymva, H

doephy AA = o xal % Sledpn ir elvar 60° N4 Smohoyiorel & 8yxog Tou.

572. Mg mupapidag KLABTA 4 Bdoy ABTA elvar mapadimréypappo. N dmo-
BeuyOet f7u & Bynog g loolvar ué 1d 2 (3 ig Epag KAB éni iy Erdyiorn drbotaon tév
dnpiav KA xal TA.

573. Mg xavovixiic Tetpayoviniy mupapldac § dupth e Bhoews elvar 2o xal ol
mapamhevpes €dpeg oymuatifouv pé T Bdon yovies 15° Nd Omoloyiotel & dyxoc te.

574. Abverm tevpdywvo ABTA pé mieupd a. "Ané 7ig nopupés A xal I' pépvoupe
xabézoug a76 Eninedo ol TeTpaydivoy mpbs 4 18io pépog Tou xal ndve o xitée malpvoupe
wuhpata AE = AT xai I'Z = AB. Né& Smoroyiotel & Uyxog <00 atepeod ABIAEZ.

575. Alverar tetpdywveo ABIA pé miepd o, "And i xopupés Tou B xal A gépvoupe
wdfeta TpApata ov6 tninedo Tob tetpaydvon BE = Ba, AZ = 2u xal wpég <6 8o pépog.
Né Omoloyiovel & Syxog 7ol retpuédpou ATEZ. ’

576. Na Ppefet & Syxog xavovixic Eaywvinic mpapidag, mod % wapdmieupn émi-
paverd g elvar 12a xal ol mapdwhevpes E8peg e oymuarifouv Sledpes yovies 300 pé
™ Pday.

577, Tewopboydvie oveped yovie K tépveroar pé énimedo otd A, B wal I'. "Av
KA = 2«, KB = 3a xal KI' = 4a, v& Smodoyiotel i) ©6 &uBadé ~Hic toufic xal ii) ¢
Ggog KH 7ob tetpaédpon KABT.

Al

578. Na fpelei & dyxog mpiopatog, mou # Bdon tou elvar xavowxé a) tplywve,
B) tetpaywvo, v) Edywvo éyyeypapuévo of xixho pé duriva R xai #xer Gfog Sumhdoto
ané Thy dwpn the Bdoewc.

579. "Oplch tprywvixel mpiopatog %) Paon sivar dpboydvio tplywve pé xdbeteg
mheupés 20m xal 15x, véd 16 Hdog Tou looltar ué v dmotelvousa Tig Tprywikiic Bdoews.
Nd Ppefet 6 Bynog Tou.

580, Tprywvind mplopa Exew Bdon lodmrevpo tplywvo pé mhevpd o xal ol mwapd-
mheupeg doepés Tou oympatifouy yovia 600 ué énimedo tig fdoews. Nd dmooyiatel 16
ipPadh tHg xdBetng Topfic Tou.
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581 N’ drmoderyOel &7u & Synog tpiymvined mplapatos elvan Yoog pé 16 wied ol
ywvopdbvou wdc mapdmievpns ESpxg Tou éni Thy dnbotaen tig dnbvavrt dupfic dn’ adeh.

582. Nd Bpefel & Abyog tav Byxov Sbo mpapdtwy, nod ol Bdaeis Toug elvar xavo-
vixd Efdywvo ol dvbs, lodmievpo Tplywvo 7ol #Aov, dyyeypaupbves af Yaoue wdxioug
ué dxzlva R, dvis vd O rtovs elvar loa pé Td dmooTiuata Thv Bhoedv Tou.

583. N’ drmoBeiyfel 8ru t6 &Dporopa tév Gyxov tév 8o mupaulduv, mob Exouv
xowh xopugh Eva onuelo Eowepind dvéc mplopatos xal Beoew tlg Pdaeig o mploparoc,
elvar arabepd,

584. Nd Poelel & Eynog dpBoydivion mapaidnleminédon, nod ol Suatdoeis Tou dmo-
Teholv dpibumTueh mpbodo pé 40poiopa 27cm xab mob # émpdved tou elvar 454cm?.
585, Né fBpebet & Yyxog 7ol xiPou, 7oB 6moloy # Emedvein elvar 486cm?,

586. Né Omohoyiorel & Syxog xOBov a) dmé  Beydvib tou 8 wal B) dné hy dmi-
paverd tou E.

587. Ol 3wxotdaers dpboydvion mapalmheninédon elval dvddoyes mpde Totc dpt-
Ouods 2,3,4 xal & Eyxog tov elvar 648cm?. Né fBeebolv ol Bixardosig Tou.

588. Ilaver atls 7pels dupés mod auyshivouy athv 1Bix xopugh A dvbs xifou pé
duph a, malpvoupe Tufuate AB = ATV = AA’ = 9 [8. Né reloyiarel & Aéyog tdv
Synwy 1ol wifoy ual Tob Tetpaédpon AB'TVA',

589, "Evdc befoydvion mapadimreminéSon ol Sraatdoeic elvar 3a, 4a, 5z. N& Omo-
royiovel & Syxog tou, Hv dg povdda petphioeas 1Oy dyxov ypnotuonoioouue Tév Syxo
xavovikol Tetpaédpou pé duph 2o,

590. N& bmoroyiabolv ol Brxordaerg dpboywvion mapaddinemlénon, &v § Suayd-
vidg Tou elvar 26cm, I Burydiviog il Edpag o 10 cm xal % ¢mpdveid tou 768cm?,

591 Nd Ppefei & Abyos t@v Byxev ropoddneminédoy xal tol tetpaédpov ol
dmolow tpels dupée ouywilvouy of pla xopueh tol mapadinieminédoy.

592. "Eva mopadimrenineSo vé Suxpefel b tpla looBbvapa pépn pé énlmeda mod
mepvoly dmé wid duph Tou.

593. Nd& Bpefel & Mbyog zav Gyxwv dpBoydivioy mapadAmiemiméSon xal tob bxraé~
Bpou pé xopugés Td wébvipx TV E8pdv Tol mapadinieminédon.

594, N' dmodewfel &ru ol Syxar 8o ropadiniemimédav pé pix oteped yovia xowh
elvar dmwg 1 ywbpeva tév dxpéiv wol mepibyouv THY wowd ateped yewvia.

A,

595. N’ &moBeuyOei &vu & ¥ywoc wéhovpme nupapidug Siverar dmé tév Time V=
-;— B(1 + A 4 2%)h, &mov X elvar & Abyog bpobmtag tév Vo Pdoewy.

596. Kavovuch terpayevinh mupapule pé dxpd Pdoewg 2a xal Glog aV3 zéuverar
pt Enimedo mapddinho mpbe T Bdon mad mepvde drd 6 péoo ol Gdoug. N moreytorel
) Shueh) Empdvera xal & Syxog e oxnpatiibuevme xéhovpns mupauiSac.

597. 'OpB6 xohoBb mplope ¥xer Pdan lodmievpo Tplyevo pé mhevpd « xal mapd-
wheupes duués o, 2a, u. N dmodoyiorel % mupdmheupy Emedveir xal & Bynog Tou.
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598. N' drmodeyfel 8. & Byxog xohoBol tprywvixod mplopatog elvar loog pé té
tuadd tHe xdfstne Toufi Tou Enl Thy dndotaoy T@v x. Bdpous T@v Phacwv.

B

899, Mudq xavovufic tetpayovieis mupapidag 4 Bdon Exe mheupd 2o uat ol mapd-
mhevpeg dupks axnpatifovy yovia 600 pé 16 dninedo Hc Bhoews. Nd Bpefel oé moudk
dmbaragy ¢né v Bhan wpémer vd pépoupe Eximedo mapddindo mpéds TH Bdon ¥rat, dote
T oympanibopevy xéhoupn mupaulda v& Exer Byxo 1_04;1:!3_

600. 'Evég tprywvined mplopatog ol mapdmieupeg duués Exouv pfixog 20em. Ildve
ot 8bo mapdmheupes dupés malpvovpe omueia H xal O, mod dnéyouv dnéd tig dvriotouyes
xopupls TH¢ 18ixg Bdoews dmootdoei; 12¢m xal 15cm. Ildve atiyv tplry mapdmieupn
dxuh vd dpravel onueio I ¥ror, dare 16 dninedo (HOI) vé Suupei 6 mplopa ot Bbo lao-

Slvapa péer,

601. N' dmodeyOel &1 & Syxog xoroBol maparimiemimédou elvar logog wé 76 1 /4
tob ywopévou THg xdletng topfic énl 6 #Bporopa T@V mapdmhevpwy dxpdv Tou.

602. N' drodeiygfei &7 & Bynog xohaPol mapaddnremiméBou elvar loog pé 76 dupads
i ndfemg Topfic Tou Enl Thv drbataoy Tév xévipwv T@v Pocdy Tou,

OMOIA IMMOAYEAPA

282, "Opoia verpdedpa. ‘Opiopdg. Ado tetphedpa Aéyoviar Spora,
brav Exouv tig Edpeg toug Gporeg pia mpég pia xai dpoiwg tomoBernpéveg
(ox. 304),

‘0 Myog dpobTnrag Tév Taiywvixdy E8pdv elvar & (Biog yid Bha Td
Cebyn védv Bpowwy Edpdv xab Myetar Abyog dpoubtyrag Tév tetpatdpav. Ol
avtlotoyes otepeds, Emwg xal of Sledpeg ywvieg Tév bo Tetpatdpwy, elvan Toes.

4 @

Ex. 304 Zx. 305

283, "Opoia mordedpa. "Opropdg. Ado moliedpa Aéyovtan Bporo, dv
propoby va SionpeBobv pé inineda mob nepvobv Gmd prd xopvef tovg dvni-
otoiywg of bpowa tetphedpa xai dpoing tomoBetnpéva (oy. 305).

'And ¢ mponyoldueva quvdyovtan Td TapaxdTe

i) “Trdpyew dpppovoshuavry dvriotoyle 8wy Tév otoyelwy Tob
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dvbe mohbedpou (£8pec, wopupés, dupés, ywvles ¥An.) mpbs Td aToyeln ol
&\hov. Aué dvriotouye arouysia Aéyovtar Spbloya.

ii) Ol éubroyes #8pec elvar Bpor mohdywve pé tév (8o Abyo bpots-
™Tes Ty moAledpwv.

iii) Ol éubhoyeg yovies tév 8o mohdedpwv (éminedes, Sledpes, ove-
peéc) elvan Yoec.

iv) ‘H oyéon tic dpotbrnrag 8bc mohbedpwv, mod ocupBohiletar pé
T6 ==, elvar oyéoy dvodhaotind), ovppetpinn] wel petaPatieh), SnAadi :

a) (Z) =~ (Z),

B) (Z0) = (Zy) = (Zy) ~ (%)

¥) (Z) = () A () = (Z9) = (Z) ~ (Z).
"Apx ) oyfon ¢ Sporbryrag elvar oyéon looduvaplac.

284. Qewpnpa. "0 Aoyog tdV Empavardv dbo Sporwv moluvédpuv elvar
foog pé v6 tetphywvo told Adyov dpordntag.

"Andderfn. “Ac Bewpriooupe 8o Bpowx mohdedpa pé Adyo bparbthTag A
(oy- 306) xal vév dmolwy of E8peg Exouv 2uBade E;, E,,..., E, xai E'}, E',,...,
E', dvtlotorya. Eneidf) ol Spbhoyeg €3peg elvonr Spote mohlywva pé Abyo
dpotbyrag A, &yovye :

E; E, o <

ol e iBpgtigy s B iyoeh oleagrliing 07 (R
E, E, E, Fpo: Mg s

Ey+E+..+E _ E
BB, e, By B

mohbedpwy. “Apa elvan —-E:T = AR,

AW

Zy. 306 Zy. 307

, 6mov E xal E' elvan ol émgpavetes tév 8o

285. Oewpnpa. ‘O Aoyos tdv Bykwv S0o Bpmev tetpatdpuv civar
foog pé 16v kOflo 1ol Adéyov dporbrnras.
‘Anbderln. "Ac Bewpiooupe Sto Suowx retpdedpx ABTA xal A'B'IVA’

(ox. 307) wal €0t A & Abyog Suoibrotdg Toug. Tére Bd elvar : -:g' =
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ot oot .
Al I\I AFAI
o] ~
of pledpes yuvies A xal A’ elvou loes, oupmepaivoupe bmu (§ 279) :
(ABrA) _ _AB-AT'-AA AMB AT QAN N, "Apa
(A'B'T"A") A'B AT - AN A'B AT AN
(ABT'A) "
———e =0,
(A'B'IVA) :

; & . .
286. Oewpnua. 'O Abyog TV 'ﬂv ‘1»

byxmv 800 Bpowwv molvEdpov elvar

loog pé t6v xOPo 100 Abyov dporbin-

thg tovg.
"AndderEn. “Ag Bewpfoovpe lo

Buote. morbeSpx (oy. 308), mod ol

Byxor toug elvar V xal V', "Ané 8bo

dpbroyes nopupés A xal A’ pépvoupe

inlneda xal Suwupolpe Tk Blo oreped Ey. 308

ot Lebyn Spowwy Terpatdpuy pé oy 8o

Abyo buobrrrag A, xal & cupBorfioovpe pé Vy, Vg, Vy xal Vg, Vg, ¥y

tolg &yxnoug Toug. Tére Od elvan (§ 285) :

=2 4§ AB=2A'B’, AT =) A'l", AA =2A'A". *Enedh

Bt W s Tp Sptels, LA
v Ve v, Ve V) v,
_ Vit VattVe _ V.
‘VJ‘ 4+ vr’+ - +v1v v
“Apa elvar :
_Y._. =3,
ALKHEIEIE
A
603. Alverar tetpdedpo ABT'A xal dvopdfovpe K,AMN rd névrpa Bdpoug TV
t3piov Tou.

o) N’ droBetyfel 6. ABI'A ms KAMN.
B) Né Bpebei & Abyog thv imgpavedv xal & Abyos Td@v Syxwy Thv 3bo Te-
TpakBpwv.
604. Abverar mupapldx K.ABTA. THv tépvovpe pé dérninedo mapdhdndo mpbs T
Bdon tnc xxl mod mepvder dmb t6 péoo A’ Hg doepfic KA.
o) N' drodeyfet 8m oynpariferar véx mupaplda o ut oh BeSopévm.
B) Né& Smohoyiarel & Abyog tév mpavedy xaxl 6 Abyog v Gyrav @y 8o
mupapiBuy.
605. 'H Pdon pidg mopaplBug fxer éupadé 144cm?, Thy téuvoups pé tninedo ma-
16
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pdAnho fipbs ) Bdem of dnéataen hem drb hy xopuph xal § touh Exer duBuadd 64oms?,
Nd brodoyiatel 16 6o tHe mupaplBac.

606. Ao mupauldes ué Yoo O¢n Exouv Pdaeig 120cm® xal 180cm? dvriartolyws.
Tle réuvoupe pé énineda mapddimla mpbs tle Bhoeg Toug ativ B drboraan dn’ ad-
vé wal 4 topdh +fig mpchng mupaiBag elvar 70 cm?®. Nd Bpefel 4 toph e Bebrepns
mupauidag.

607, N’ drrodeiyBet & ol wifior vhv Empavery Yo Bpowwy moAuéBpwy elvar Smas
©d tetpdywva thv Byxav Toug.

B

608. N’ drtoBeuyfel 61u 14 whon vlv dupliv dvig verphelpou elvon nopugpés dxtdedpou
mod & Bywog tou loolron pé 76 (hed Byxo ol rerpdedpou.

609, Alverou Eva mobe8po ABT'...N. [Tdves avlg huievBeieg AB, AT,..., AN malpvoupe
onpele B, I",.. N’ dvriorolyws ¥ror, bote vk elvar AB' = ATY =.= AN' = i
N* dnoBeiyBel b1 16 mokbeBpo AB'T"...N' elvar 8poto mpés ABI...N.

610, Mid xéhoupn mupaulBa vd Buxipelei pé énineBo mupdidmio mpbe tlg Pdoeig
ne o€ 8lo Suoieg xbhoupeg mupapldec.

611, N& xéfere wd mopaplda pé énlrnedo mapddinho npbs o Bdon Erar, bare abrh
vé ywpatel of 8o loodbvapa pépn.

612, N& noere pud mpaplda ué dninedo napdddinho mpbs v Bdon Erat, dote adth
vé ywpiatel of 8lo ateped wé Abyo pjv.
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ENI®ANEIEL KAI LTEPEA EK NEPIETPO®HE

287. ‘Opiopol.

i) Kdfe ypapuh (I'), Srav mepiotpagel ydpw dnéd &Eova xx’ KT [Lid
mvhen yavia (360°), Suypdpe Emodvein E, mod Aéyetan Emphvara dx mepr-
otpoofi (oy. 309).

i) Kdfe oyfjua (A), Srav meprotpagel ybpw dmé &fova XX’ xatd wd
mien yaviay, Smutoupyei ateped (I), mod Myetar oteped ik mepiotpogfis
(o 528).

Inpeioon. Itd émbpeva 04 Mue yid owropla «oyfiua orpégeta
vhpw dmb dEovan xal 04 dvveolpe woyfjpe ovpépetar mAfipy aTpogh yhpw
dmb &Eovan.

(r

lx'
Iy. 309 Ix. 310

Népiopa I, ’Ané Eva onueio M wic ypapuiic (I') (ox. 309) eée-
voupe MO | xx'. Etfyv mepiotpoph 76 Tufjua MO mapapéver ovabepd xavd
uéyebog, 76 omueio O ovadepd xavd Béoy xal Emopévag 76 anusio M dua-
vedoer xhxdo (0,0M), mob 16 éninedé tou elvau xdbero améy dEova wepi-
atponiic. “Apa ) topf| Emeaverag x nepiotpoefis dnd ininsdo xaeve avdv
GEova slvar xixlhog.

Iépiopa II. “H topfy otepeol ik meprotpogfs, and Eminedo wabero
otbv GEova mepiotpogfic (o 310), elvan yevikd xvklixdg daxtoiog,

Hépropa 111, Kabe imeaveia 1| xdBe greped &x meprotpoefis Exer
Eova ocoppetpiag tov GEova meprotpogfig, mod Aéyetar xai Giovag ol
oxfipatos.
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KYAINAPOZX

288. Tevuer) Evvola wudwvdpuniig émpdveias. Kuhwdpuch Empdvei
yevixd Myeton udle edberoyeviic Emipdvera, &mou # edbelx (e), mwod T Sia-
Ypdper, mapupével mhvre mapdhAn mpds Soouévy SweliBuvan (8) xal Téuver
ovabeph yeapph (T') (oy. 311). ‘H ypapph (I') Myera 05nybg tig xuvi-
oewg T edbelag (e). "H xuhwdpuns) Empdvein yevixd 8év elvar éx mepi-
oTpoRTs EmipdveL.

i X
kE)
)
% IX'

Iyx. 311 Iy 312

289. "0pBv) xuAwvBpin dmipdvera Aéyetam 1) éx repiotpogfic Emod-
vela, nob Sweyphgerar dré eddeia (g), mapdddinhn npbg Tév EEova EPL-
atpoofis xx” (ox. 312).

Ol Bundoyinés Oéaeic g edelag (e) ovhv mepratpogh Aéyovtar yevé-
wepeg dxpés g xuhwdpundic dmpdveag xal elvan petaEd Toug mapdihnhec,
yerh ¥ nabeuid elvar mapdddmin mpbe tév dEova mweplaTpoplis. Itd Emé-
peva 0d doyohnBolpe pévo pé bpbéc xuivdpunée Empdveies (x TEPLOTPOGTG )
wal Emopbves, Sray 0% Mus xudvdpudh Empdveia, 04 éwoolpe 6p0h xuhiv-
Spuch) Emodverx Ex mepLotpopiic.

290. "Eganvépevo éninedo xurvdpudic tmpdveins Myetar xde éni-
medo (IT), mob Exer pé mhv wrwdpwd Emopdvein xowh ik wove yevéteipa
doph) (o, 313). Kdbe edbelor (n) 7ob tpantbuevoy Emimédov (ué EEaipeom
™ yevétawpa duph) Myeran dpantéuevn edfeln 6 xvAwdpixiic émpdvelng
xal Eyer Eva pbvo xowé omueio pé thy Empdver.

291, Oedpmpa. O topés xvhivdpikils Empaverag and inineda xabera
otov GEova tfig imedverag elvan loor kOxlor.

"Anoderln. Ocwpolue 3bo toubs e xwavdpikiic dmpdvewag dmb
émlmeda (I1) xal (P) xdBera otév &Eova xx' e émpdverag (oy. 314).
Ol 7opdg elvon dmwodimote wixhor, yratl 4 Emodvery elvar éx TEPLOTROGTS
(§ 287 mbp. 1), nal €orw K xal A 7d xévrpa Toug mdve orbv dEove xx’'. Mid
Yevétewpa dxuh) Téuver Td énineda Topdic ovd A xal B. Té terpamhevpo AKAB
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elvar dpBoydovio, yiatl ABJ[ = KA xal KA L (P). "Apa elvar KA = AB
wal Emoptvac ol Blo xixhou slvar tonl.

X 1
/ K
n
A
R
Iy. 313 Iy. 314

292. KoAwvbpog. "Av kbyouvpe pud xvhivdpikly Emeavela pé tnineda
(IT) xai (P), x@Beta otév Gova XX’ (oy. 314), 16 oreped petald tdv im-
nEbov abdt@v Aéyetar dpBog wuxhikég kbAvdpog.

Ol oo xixdor, xatd Tobg dmolovg Té 8bo énimeda téuvouv ThY xvhwv-
Spuch Emupdvewr, Myovran Phoeig ol xDAwdpov xal # dmboTagh Tovg Aé-
verar Dyog Tl arepeot. Té tufua AB g yevérepag dxuiic i ®xuAwdpL-
¥ic émedvewas Myetar yevéteipa dxpd 7ol wuhivBpou. ‘H yeveteipa dxpd)
o0 xuMivdpou othy meploTpogh g ydpw dmé tév EEova xx' Suxypdge. Thy
napdrlevpn dmpdveia Tob xuAlvdpou, mob Aéyetar xal wupth impavera 70D
arepeal.

Mapatipnon. 'k dpiopé Tob dplol xuxhixol xuAlvpou pmopebue vé
ypnowpomototpe xal Thy dxbroudy loodbvauy mpbracy.

293, "Opbbg muxAmdg wOMvdpog Aéystar t6 oteped mob mapdyetar
ané v mepiotpogf] Evog dpBoyoviov AKAB yipo and pma nAevpl tov
(oy. 315). Erd émbpeva & bpbos xuxhixbe xOhwvBpog Oa dvapéperar yid ouv-
wopla g wihvpos.

294. 'Eyyeypappévo xal mepiyyeypappévo mplopa oé wOAwdpo.

i) "Eva mplopa Myevaw dyyeypappévo of wbhwvdpo (oy. 316), &rav

X
A K
B A
X'
Iy. 31S Zx. 316
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ol Bdosts Tou elvar moMbywva Eyyeypapubva orode wdrhoug - fdoeg 7ol
xukivBpov, Ol mapdmhevpes dxpée Tob nplopatog elvan yevéreipeg duués yid
oy xbAwdpo.

i) “Eva mplopa Myetar mepryeypappévo yipw dmé xohvdpo (oy. 317),
brav ol Pdoeis Tou elvar mohbywva mepLyeypappéva atods xduhous - Bdoeg
7ol xulivlpou. Ol mapdmhevpes EBpeg Toll mploparog elvar toantiueve; Tig
wohvdpuxiic Emipdvelas.

— i |

-0

e R— g

Ix. 317 Iy 8

295. Mérpnon 7ol xulivbpou. “Ac Bewprooupe Evav bpB6 wihvdpo
ué Baon xdxro (O,R), 6doc h xal dyyeypapubvo o' adrdy xavovind nplowe
(ox. 318). Davralbpasre 6 mplopa petafinté Erov dave v6 mAfbog rav
mhevpdv T Pdoeds Tou, abfavéuevo ouvéyeir, vé Telver mpbe 74 dneipo.
Tére w6 mplopa 04 Tautiorel pé wéy xdhwvdpo xal ol Thmor, mod dpopody
ore mplopare, loybouv odoixarixd xal yid Tode wuAivdpoug, ool petaayy-
patioToly xatdAlnha.

Tére :

i) Mapardevpn Emeavela kvptf] Emedveia xvhivépov Aéystan 16
Gpro, mpdg 6 dmofo teiver 4 raparlevpn émopaveia petafinrod xavovikod
nplopatoeg pé dxriva faoeng R xai Gyog h, Brav 16 nififog tdv nhevpdv tiig
paoeig tov teiver oté Gnerpo.

[ vy mapdmlevpy émpdvein dpBol mplopavac ywplfovpe Tév Timo
Ex=P,-h (§ 270). Tére % xvprh) (mapdmhevpn) tmpdvera 7ol xuhbv-

v—> m

pov loobrar pé E, =limP, - h = 2xRh (meplpevpog Rdoews X Gfog) 8y-
hadh) elvan :
E, = 2nRh,

Ty dhach) émipdvers ) Bploxovyue dv ahy xupth tmigdvela mpoaléaoupe

ig b0 Bdoeig ol xuhivBpou, Snhadh elvar :
Eo. = 2rRh 4 27R? = 2nR (h + R).

i) "Oyxog xvhivépov Aéyerar 16 Epro mpdg t6 dmolo teiver & Hywog
netafintod xavovikoD mpiopatog pé dxrive Paoswg R xai Owog h, Brav 16
mAfifog thv mhevpdv tiig Paceds tov teiver npog 6 Hnerpo,
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‘0 tirog, mob Blver 7év Syxo V 7ol xullvdpou, mpofpystar dmb Tév
wimo V= Bh ~oll Byxou ol mploparog xal elvar: V =lmEh = =R,

V= 0
bmov E, elvar 76 ¢uPudb tHe xavovuniis Bhosws 7ol Eyyeypaupbvou mplopa-
7og. “Apo elven :

V = nR*h.

Hapatfipnon. ‘O mponyodueveg Ti-
mog 7ol Gyxou loydet nal yid 7olg mhd-
yloug xuxhxols wuhlvBpoug (oy. 319), h
3nhaldh Tods xuAlvBpoug wé rlg yevérewpee
dxpés Toug mAdyieg phg Tlg xurhinés P~
oeg toug. Devind loyder & tdmog «"O-
Txog = Baon X “Yyogr vk xdfe xd- Iy. 319
Avpo (6pB6 % mAdyio), mob 4 Bdom Tou
8év elvar dvayxaomind wduhog, nal tolto, yatl umopolpe, bmws xal mpoy-
youpévess, vé Bewphaoupe 8t & xdfe xihwvdpog mpoépyetar dmb xdmoto peTo-
Bayrd dyyeypapubvo mplopa, Erav v6 mATBog tév mheupdv Tou Telver mpée
76 &netpo xal raurbypove  xabe mheupd Tou telver oté pmdév.

ALKHEEIEL
A’

613, “Av 800 pBol xidwvBpou Exouv laes Pdoes, v’ dmoBeiyBel 811 & Abyog tiv xvp-
Tév tmgaverddy toug loolrar pé 6 Abdyo tddv Odv Toug.

614. “Av 300 dpbol xtMvBpor Exouv lox Gdm, v' dmodeiyBel &mi & Adyog Tdv wupTédv
tmoaverdy toug elvay loog pé 16 Adyo tév dxtlvav 1dv Phoedy Toug.

615, ‘H meplpetpos thHe Phaswe bvée pBol xullvdpou elvar 31,4 em xal ©6 Gog
Tou 6 cm. Né& PpeBel 4 Emopdvera xal & Byxog Tou.

616. “Bvég 5p0ol xuhlvBpou 4 xupth émipdvera elval tpumhdaia dmd ) Pdom Tou.
Né PpeOel & Bynog tou, &v % dwrlva tH¢ Pdoews elvar 4 cm.

617, 'H Sudpetpos tiic Phoewe bvég 800D xullvBpou elvar 10 cm xal H xupth émi-
pdverd tou elvan 125,6 em?®. Né& Omodoyiarel & Syxog tou.

618, N’ dmoBeiyfel &1 & yxog bpbol xuhivBpou lovbrar pé 16 1/2 7ol ywvopévou
tie durlvag tou dnl h xupth Empdved tou.

619. 'Opfoydvio ABI'A pé Bueardoeig AB = ha xal AA = 3a otpégerar Yipw
éné thv AB. Ildve otls mrevpés tou AA xal T'B nalpvoupe tuhpate AE =TZ =a.
Né dmodoyiatel # émpdvera xal & Syxog 7ol orepeol, mob Suxyphpetar dmé 76 dpbo-
yéwo T'AEZ.

B
.

620, 'O Yyxog bvbg xavovixod EEaywvined mploparog elver 63 em®. N dmolo-
yiatel & Byxog tol mepiyeypappdvou o' abrd xuiivdpou.

621. Alverar fva xavovnd tetpaywwixb mplopx pé dxph Bhoews a xal Gjog 2a.
Nd Bpebel 4 dmpdveia nal & 8yxog 1ob o) yyeypauuévou tou xudlvdpou, B) mepryeypau-
pévou 1ou xuhivdpou.
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622, 'Evég dpBoywvlou ol Buaotdong elvat o xal B pé o < B. Mpw dnd moud mhevpd
tou mpéner vé atpagel 16 bploydvio, date & wikwdpog mod mpoxinre. va Exer o) Th peya-
Mirepn tmupdvela, B) 6 peyaditepo fyxo |

623, "Av wOhwBpog Tunlel pté énlnmedo, mapdidnro mpbe wév Eovéd tou, v drmo-
BevyBel &t A topdh elvan dpbloydvia.

624. Né Ppefolv 7d énimeda ouppertplag dvbg dplol wuklvBpou xal v6 sévrpo oup-
netplag Tou,

625. 'Aré Tév dEova dpBol xuhlvBpou gépvoupe Bio Huenineda mod oynparifouv
yoviz 60° Nd Bpelel 6 Abyog tdv Syxwy tdv 8bo atepedyv, otd dmola Sumpelran & wd-
AvBpog.

626. Alveron dpBbg xdhvdpog pé Bdomn windo dutivag R xal Odog h. Qépvoupe yop-
87 AB tijg Bhocws lom pé mhv mhevpd dyyeypapptvou o' abrhv ladmieupou tplywvou xal
amé thv AB dninedo mapdddnio mpbs tév 4Eova 1ol xuhivdpou. N& Bpebel & hdyog thv
xupthv tmpaveldv xal & Abyog tév Syxwy tév Sbo atepedv, ortd bmola Sxipeital & wi-
AwvBpog.

627. Xopdfi xvhvipicty; Emedveiag Aéyetar fva edBiypappo Tufpa pé T dpa
Tou mdve othy xulvlpudd Emipdvex. N’ droBeiyBel 8tu ) xowd xdberog 1ol EEova pudc
bpbfic xulvdpueiic dmipdverag xal wdc yopdfc ™c mepvd dmé 6 péoo g yopdis.

628, "Eva bpBoydvio otpépetar yipw dmwd HEova 1ol EmméBou Tou, mapdAinio
wiiig mAeupdig Tou xal & dmolog 8év téuver v6 dpBoydvio. N' drodewyfel 67 a) “H émpdvela
o0 ortepeol mol mpoximrer loobrar pé thy meplpetpo tol dpboydviou dml Té piixog 1ol
xixdou, mot Suxypdeer 16 xévrpo tol bploydwion. B) 'O Byxos ol [Biou orepeod lool-
tar pué 6 EuBadd tol dpboydwion ml T uijxog Tol xixiov, mwob Baypdper T xévipo
10l dpBoydiviou,

629. Alvoyran 7pla dnimeda (I1), (P), (), mob téuvovrar dvd 3bo xal mapddinia
npbs thy [8tx elBetx (8). N' drodeiyBel 8t Omdpyouv téooepis bpbés xuhwdpunés Emipd-
veteg, ot h xafepud dpdnretar xal ot tpla émimeda.

630. Na& Bpebel & y. témog tdv onusiuv mob % dndataoh toug dnd wd edbelx (e)
elvar a.

631. N4 Bpebel & yv. témog tdv elberdy mod Exouv orabepy, Sielbuvarn xal tpdmrovra
of yvwarh dpfh xulwdpuch Emgdvea.

632, Alvovtar 8Yo mapdddnires ebbeieg (e,) xal (e,). Na Ppelel & y. témog téwv
anuelov M, mod & Adyog tév dmootdaedv toug dmé tig Bbo elfeles elva x i

633. Alvovrar 8bo mapddinhes ebbsieg (e,) xal (e,). N& Ppelel & y. témog thv
anpelwy M, mod 16 &0poiopa tdv tetpaydvwy Tiv drostdaedv Toug drd Tlg Tapdddnies
elvar otabepd.

KQNOZ

296. Tevuxy] ¥Evvola xwvinijg émupdvelag. Koviny émpdvein yevind
Myetar xdfe elBzioyevis dmpdveix, &mou # edbele (2), mod T4 Swypdyer,
mepvi mavta dmd Eva otabepb onpeio K xal vépver pia otalepd ypapph (I)
(6. 320). Té anueio K Aéyerar xopogf| Tis xovxis émpdveias xal # ypap-
ph (T') 8dnyds e xwvfioewg tie edfetag (e). “H xowvind) Empdvein, yevind
3év elvan Emipdvern éx meploTpopis.

297. '0p0f) xwvixy émupdveia Afyetar ) &x neprotpogfis Empavera
nob Siayphgerar &nod £dBeia (), mod téuver tév HEova nepratpogfis xx' ok
onpelo K (oy. 321).
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Té onueio K Myeron xopu@f tic xwvinie émpdveias xal ol Sredoyt-
ke Béoeig The edbelag () otfv meptatpogy T AéyovTal yevétaipeg Gxpég
i xwvidic dmpdveiac. Ltk émbpeve 0k doyohnfolpe péve ué 7l bpbéc
xovixée Empdvetes (8x meEpLaTPOPC).

|
K
K
)
(€) (€)
‘x’

Ix. 320 Ix. 321

298. 'Epantépevo émimedo xovixic émgdvens Aéyeton xabe émi-
nedo (I1), mob Eyet pé Thy xovixd Empdvelo xowd wid pévo yevétetpa duui
(oy. 322). Kabe eiBela (g) o0 Epantbuevon Emimédou (ué EEalpeay h vye-
vézenpn dxpn) Exeu Evo wbvo xowd onuelo pé Thv xwvixd Empaveta xal Aé-

veton Epamtopevy edbelx ic émpdveras.
b

Iy. 322 Ix. 323

299, Oedpnpa. Ol topég mis xovikfls impbverag Gnéd Eninede xa-
Osta otév GEova tng elven kikhor xai & Adyog TdV axtivev toug sivar Toog
pé 16 Aoyo 16V Groctdsedv tovg Gmd TV KopuQi.

*AnodaiEn. Oewpolpe 3bo Topée il xwvindis émpdveiws dmb Enl-
neSo (I1) xat (P) xdBeta ovby &Eova xx' Tig mpdvewns (oy. 323). Ol
Topés elvar dmwodfmote whxdot, yiarl ) émpdverx elvar & meploTpogic
(§ 287) xut fotw A xal M 74 xévrpa Toug mdve ovév &Eove xx'. Mud yevé-
tewpa duph) THe xowd Empdveias téuver ¢ énimeda Toudc otd A xat B.
Té bpboydvia tplywve KAA xal KMB elvar Spota, yixrl Epouv xowh 74

AA KA KA

MB KM KB

yovla toug oté K. "An’ adrd malpvoupe :
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300. *0pBdg xuxAinég x@vog. "Av b xovikf imeaveia tpundel pé
Eninedo (IT) xaBeto otév GEové g XX (oy. 324), 16 ateped mob mepiéyetan

petald tfig wopugfi K tfis xovikfic impaveias xai tfig ninedng topfig
Afyetar k@dvog,

o

Iy. 324 Ix. 325

|x'

‘0 xhxdog, xavd Téy bmoio véuvetan ¥ xovind émpdvein, Myetaw Phon
o0 xavou xal % dnéotaon KO ic xopugiic K dné wh Bdoy Aéyeron Byog
700 otepeod. Ievéreipa dupi) 1ol xdvou Myetar 76 Tuijpae KA éré mhv xopu-
@h Tob xdvou dg Téy whho T Bhoews. “H yevéreipa duph KA 7ol xdvou,
oTiyv meploTpoph TN Yhpw &’ tév ¥Eova xx', Buaypdger Thv mapdmieupy
tmpdvela Tol xdvov, mob Myetar xal kvpt Emeavewa Tob orepeo. Ttk
Embpeva Bd doyonBolue pévo ué dpBols xuxhixobs xdvous xal 0 Tolc Mue
ATTADE XGVOUG.

Mapatipnon. Tid bpiopé 7ol &pBol xuxhixol xdvow pmopalpe vé
yenatpomornaoupe xal v dxbhoudn loodivaun mpbtacy : Kdvoeg Aéyerar
6 oteped mod dnprovpyeltan dnd tiiv nepratpopt dploydvion tprydvon OKA
1opw dnd pa waetn mhevpd tov (oy. 325).

301. "Eyyeypappuévn xal nepiyeypappévn mopapiba oé xdvo.

i) Mia mupaplSa Myetar Eyyeypappévn of xdvo (oy. 326), tav 4
3o oteped Exouv xowd xopueh xal § Bhon THe mupapiSag elvar moAbywvo
éyyeypaupévo otéy xbhado - Beon ol xdvou. Ol mapdmhevpes dxuds Tic
mupapiSag elvar yevétepeg dupés yid Tév xdvo.

i) Mix mupauida Ayeton mepiyeypoppévy of xévo (oy. 327), Brav

Zx. 326

WnionoiBrke amod To ivotirouto EknmaibeuTikrg MoAmkig



Métpnon ToU kdvou 235

74 8Yo areped Exouv xowd xopuph xal ) Pdon Tic mupapidug elvar moRl-
ywvo meplyeypappivo otdv whxho - Pdaom Tol xdvov. O moupdmhevpeg €8peg
g mupapiSug elvan Epamrtéueves Tig xwvixig émipdvelac.

302. Mérpnon tob xwvou. "Ag Bewpfiooupe Evay xéve pé Baon xbxio
(O,R), Boc h, yevérepa o A nal pid Syyeypappévy o adréy xavovueh
mopapida (oy. 328). Davtalbuxore Thv mupaptde perafhnt Eta, dote 6
mAFBog Tav mheupdv Tig Phoeds g v& Telvel mpbg 6 dnewpe. Téte i peta-
Bayrh mupautda tebver vd Tautiotel pé Tév xdvo xal ol thmo, mob dpopolv
otle mupaptdes, loydouv olotaotindg xal yid 7ol xdvous, dpel petaoyn-
pamiorolv xatdihnia. “Etor Eyoupe :

i) Mapanievpn émopavera 1 xvpth Emeaveia kdvov Aéyetm té Bpro,
ot6 drofo teiver f| mapandevpn Emeaveia perafinriic kavovikiis nupapidag
pé dxtiva Paoemg R kai napanlevpn dxpfy A, drav 10 mhfjfog v nhevpdv
tfig Paoeig tng teiver ot Eneipo.

T thy mapdmieupy émipdvels Tig ravovieis mupapiSas yvwpifoupe Tév
P,u

imo E; = (§ 267), &mov P, elvar % mepluetpog 7ol }roluydwou e

Bdoewe xal v 76 mapdmheupo Bog. Téte i xupth (mapdmieupy) Emtpdveia Tob
xawvou loolrar pé: E, = lim P, L geBl wRA, Snhadh elvor :
v—>m 2 2

E, = nRi.
Thy &hxd impdveie ©H Bploxoupe, &v ativ xupt) Empdveix mpoahé-
covpe T Bdon Tob xdvou, Snhadh elva :
E... = nRA + nR2 = =R(A + R).
ii) "Oykog k@vov Aéyetar t6 Gpro, atd dmoio teiver 6 dykog petafin-
iig Kavovikfig mupapidag pé dxtiva Paoewng R kai Hyog h, §zav t6 mhfjfog
v nheupdv tfic Paceds tng teiver ot dnerpo.

‘0 tomoee, mob Siver tév Byxo V 1ol xdvou, mpogpyetar xmh Thy TiHTO

Ty 329
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x .

V= - Bh ol $yxov g mupamidag xat elvar : V =lim o Eh = -1— nR2h,
3 v—> o 3 3

dmov E, 16 &uPads tig xavovixis Bdoewg e Eyyeypapuévng mupaptdas.

"Apa El'vav. ~ ;

™

. IR
3

Hapatfipnen. ‘O mponyodueves Timos ob Gyxou loyder xal yid Tolc
mAdytoug xdvous (ay. 329) xal yevixd loyder 6 Thmog «'Oynog = _Ei’T [Béomn x

“Toc]» yid tols tugatovg xdvous, Snradh xdvoug mob # Bdaon Toug Sév
elvar dvaynaorind xdxhos. ‘H dmbdeln yiverar ué thy Bux Sudixasta mod
axodovifjoape otiv Eyyeypaupbvy mupapiSo.

ALKHZIEIE

A" iy

634. "loomdhevpog wdvog héyetxr & xdvog, nol mapdyetxt &mé Thv TEPLOTPO-
oh lobmhevpoy Tprydvou yhpw dmé Eva Gdog Tou. Nd-Omohoyiotel # émpdvera xal &
yxog lobmheupou xdvou dmé Thv mhevpd x 7ol lebmhevpou Tpryevon, dmé t6 bmoie
npofiile,

635. 'lodmhevpog xé@vog Eyer dhunh) Emodvers E = 3ma?. Ni Smokoyiotel ) peoalx
TouR Tou.

636. N&t Omodoyiorel & Byxog xdvov, mob § xupth émipdveid tou elvar 20w cm?
xal % dxtivae the Bhoeds Tou elvar 4 cm.

637. Nd Omodoyiorel # mpdvera xdvov, mob & dyxog Tou elvar 72m cm?® xal 6
Gog tou 8 cm.

638, Alvetor wavovuih éEayowixy mupauida pé mheupd Bdoews Sx xal Odog 126
Nd Omodoyiarel & Sywog xal # Shxd Emepdvewr tol RERLYEYPEMUEVOL XGVOL.

639. "Opowr  xk@vor Aéyovrar 8lo xd@vor mob mapdyovrar &mé ThHy megLatpogn o
Buowav dpboydviwy Tprydvay yipw dré tic dubloyes xdbetec mheupés Toug dvriotolyws.
Adyog dporbnrag Myetan & Adyag Bvo duéhoywy Yeapptxdv oroyelov toug. N dmo-
BeuyBet &7 6 Myog wav Empaverdy 800 Suowwv xdvoy loobrar pé <6 Tetpdywvo ol Adyou
bpobrntds Toug.

640. N’ dmodeiyfel 87 & Adyos Tév Syxwv 8o Suowsv xdvav elvar looc pé Ty
#0fo 7ol Adyou dpobytdg Touc.

641. Albverar pid xavovixd) Tetpaywvieq mupaulda pé &yxo 6 cmd. Né Omoroyrotel
1) & 8yxog 7ob mepiyeypappévou xdvou ii) & Syxos ol dyyeypappbvou xdvou.

642. "H xupth dmipdvern vég wdwou elvar 24w cm? xai 16 6goc tou h = 4 cm.
Né Ppebel 6 Byxog tou.

643. Nd yopiotel #) xupth Empdvein évég xdvou of 8o looBivapa péen pé éxi-
nedo mapdlmro mpbe T/ Pdon Tou.

644. "Eva lovoxerés tpiywvo ABI wé AB = AT = xal A=1200 atpépe-
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cae ybpm dmé thy AB. N& dmodoyretel § émpdven xal & Byxog Tob mapaybuevon
oTEPEUD.

64%. N’ imodeiyOel d7t & Hynog ndvou elvan loog pé w6 13 ig ®upTig émupdveldg
zou dmt Th divbotean Tod whvtpou THe Phoeds Tou dmb wid yevétepn dxpen.

B

646. “H xupth dmiphverx dvég ievou elvar E = m(33 + 7¥33)em? xal b yxog
tou V = k4w cm?. Né BpeBei 4 yevérepa duph xal 16 Sog 700 xdvoy, drav yvwptfovpe
47 éxqpdfovrun dnd dnéparoug dptbpois.

647. “Eva dpBaydvie tpiywvo otpépetan Bradoyid yipw dmé tlg Tpelg mheupée TOU.
“Av V,, V, elvar ol 8yxor mod mapdyorvtar ué Thy mepiatpogh Tou yipw dmb tlg xabeteg
mheupée Tou xab V elvat & & yroc mod mapdyetar pué Thy TepLoTpogh Tou YipW gmé Thy o=
Pk

V4t Ve

648. ¢ ud vpledpn oTeped yovia vi meprypapel Mol Empdvels.

649. T¢ wd wpledpn o eped yovia vé dyypagel xwvuel Empdvelx.

650. N’ dmoBeryBei 47t O Byxog 76l xdvou elvan Toog pé 76 Eppadd tob dpBoydvion
zprydivou, &mb T4 bmolo mapdyerar, &l 6 pikog 7ol whxdou, Tbv bnolo Suaypdper T6 %.
Bdpoug 7ol 6. Tprydvou.

651. Alvezar x@vog pé duriva Bdoews R xal Ggog h. N& droroyiotel h dmbaTaon
Mo mapdidmhov mebe thy Bhor EmuméSwv, mod 16 Eva Stapel Thy xupTh Emipdvelx 700
ubvow of 800 loodivapr péen xal 6 &Mo Sunpel tév Syxo 7ol xdvou of 3bo looug
& yxoug.

652. 'H wupth Empdveix ivbg xdvou va Staipelel pé Enimedo mapdddnho mpbe ™
Bdon tou of 8o Tufparta wi Ayo v

653. "Evas xévoc vé SuapeOel ué dnimeSo mupddinio mpbe Th Bhon wou ot Blo
T thpata, mod & Adyog té@v Syxwv Toug v elvar pfv.

654. Alverar xdvoc pt xopugh K xal oth Bdon tou gépvoupe yopdh AB Loy wé
Thv Theupd ol dyyeypappévov o xbTh xavovixol Tprydvou. Na droloyioTel § Abyog Tév
& xov T@v atepedv, oth dmola Suxipeitan & xdvog dré 76 Emimedo KAB.

zelvonan, v’ dmodewybel &t -
4 Vi

KOAOYPOZ KQNOE

303. ‘Opiopég. Kohouvpog xvog AEyerar th tpfjpa Evég Kdvov, noh
nepibyetan petabid tiig Paocwg nai mids mapahining mpig T paocn topfic
ol Kdvo .

Ol 8o mupddhnhor xdxhot tob xéhovpou xdvov Aéyovtar Phoeig Tou
xod % dméaraci, Tovg Ayerar Byog Tol arepeod (oy. 330).

Tevétepa Gxpf Méyetan 76 2000ypaupo Tufpe AB g wwprilg Empd-
verde o, wob Srav mpoextadel, wzpvd dmb Thy xopuen K Tob xdvev, dmé
tév 6molo mpofiABe: 6 wbhoupog xdvIg.

Meoafa topf] x6Aoupou xdvou Aéyeton 7 Topd Tou pé Eninedo mapdh-
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Ao mpég tig Bdoelg, T6 dmolo Suyovopel T6 Gdiog Tou (oy. 331). ‘H peoata
Topd) elvar wbxhog, wod ) dxrive tou OM loobrar pé t6 Hurdbporope Tév
deriveov KA xal AB tév Bdoswv tob xbhovpou xdvov. Adté mpoximrer dné
76 tpamélio ABAK mob Exer Sidpeoco thv OM.

Ix. 330 Zy. 331

Moparipnon. Dt dpropd tob &pBal nuiixol xéhovpou xdvov pmo-
polpe va ypnopomofioovpe xal thv EFg looddvapn mpbraoy :

Koéhovpog wdvog Aéyetar 10 oteped mod maphyerar dnd thv neprotpoed
opBoydviov tpareliov ABAK, yipe énd v nhevpd KA, mob elvon kabetn
otig Paoeg (oy. 321).

304. Mérpnon xbhoupou xdvou. “A¢ Bewpfooupe Evav xbrovpo
xé@vo pé Baoerg whhoug (K,R), (A,p), Oog h xal yevérewpm duph A (o3
332). ’Eyypdgovpe o adtbv xavovixd
x6hovpn mopaulda, mod Buwg Th Bew-
podue petaPinth #ror, dote 6 mATBog
TGV Thevpdv Tadv Bhosdv g vd Tebver
npbs 6 &mewpo. Tére § xblovpn mupa-
pide velver vé Toutiorel pé Tév xbhovpo
xévo xuf émopévwg ol Thmoi, wod deo-
polv ot wblovpeg mupaptides, loybouv
xal Yk Tobg xbhoupoug xdvous, dpol Ix. 332
petaoynuattaloly xatddinia.

) Ioparkevpn Emodavera ff xvpth im@aveia xéhovpov Kdvov Aéyetar
t6 Gpro, mpég t6 Omofo teiver 1) mapanhevpn Emeavein perafintiic xavo-
wvikfig k6hovpng nupapidag pé axtiveg Paornwv R,p xai napanievpn dxpdq A,
Grav 16 nhfibog tdv nhevpdy 1@V Paoedv tng teiver 016 Hnerpo.

Mé thv mapamhevpn Empdvelx THs xavovixfic xbAoupng mupaiSag

yvapilovue’ v vimo By= E;-Bi v (§ 268), &mov P,, p, elvas ol meplpe-

TpoL Tév Bdoedy g xal v 16 mapdnisupo Blag. Tére ) xupm) (mapdmievpn)
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o . P+
dmpdvete ToG xbhoupov wdwvou elvar lom pé: E,= lim 52 Tl . TS
y—rx

2nR + 2
i—;——lp A = n(R 4+ p)A, dnhadn elvar :
E, = n(R + p.

Thv St émpdvein ™) Bplonoupe, &v otiv xupth Emgdvern mpoohé-
soupe Tle Bbo Bdoeig Tob wbhovpou xdvou, Syhad elvar :
E,;. = n(R + p)A + nR? 4 mp?.
ii) "Oykoc kdAovpov K@vov Aéyetar 16 Gpro, mpbdg 16 dmolo teiver b

dyxog petaPhnciic xavovikiis k6hovpng nupapidag pé axtives Paccwv R, p
xai Gyog h, Htav t6 mhijfog t@v mhevpdv tdv Paoedv g teiver ot Gnsipo.

‘0 Thmoc Tob Gyxou 7ol xbhovpou xdvou mpoépyetar dmb ToV THTO
V= % (B+ VBB + B)h 7ob Eyxou xbhovpns mupapidas, g &
V—lim (B, +VE& +e)h= — (R® + VaReng® + mp)h =

v —> @ 3 3
= % (R? + Rp + p?)h, émou E, xal e, 76 2uBada tév xavonxdyv Pdoewy
s byyeypapmévng xbhovpme mupawidag. Ao elva

= %(lv + Rp + pHh.

Hapatipnon. ‘O mponyobuevog Thmoeg 7ob Syxou iaybe xal v Tolg
mAdyLoug wuxhixolg xbhoupous xavous (o 333). Tevixa vk 8houg Tolg

wbhoupoug xdvoug loyder & timog V =—%— (B + VB? + B)h. 'H anbddely

viverar pé whv B Swdiacla mob dxohoubfcape oty Eyyeypauuévn xb-
hovpy upaplda.

Mépiopa I. "H wvpt Emgaveie E, = n(R + p)h xéhovpov K®VOU
peraoynpatifetar dg £Efg :

E, = 2nrk,

dmov r elvar 1| axtiva tfig peoaiag topfic.

Tobto elvor pavepd, yrarl R + p = 2r, brwg mpoxdmret and ©6 Tpame-
Zwo ABAK (oy. 334).

Ty. 333 Iy 334
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IIépropa I1. *H kopti) Emeaveia E, = 2ark kélovpov kGvoev petacyn-
potilerar dg &g :
E, =2nMI - h,
tnov MI t6 pecoxdBeto tpfipa tiig yevéreipag AB Gg tév GEcva.

Abtd ouvdyetan dmd ta Bpowx dpboydwvie Tplywve MOI xai BAA
AL PN R

MI  BA ~ MI 2

A= MI . h. Tére é mpoyyoducvog tinog E, = 2nrh peraoynuatifetar otéy

Ey=2r-MI-h.

(BA | KA), dré ¢ émoia malpvoupe :

ALKHEEIE
A’

655. 'Evég xbhoupou xdvou ol Phoerg elvar mepryeypauuéves of xavovixd e5dywva
pé mhevpés 2 cm, 10 em dvriororge xal 16 Gfog Tou elvar 15 cm. N4 Ymoroyiotel § xupth
tmpdverr xal & yxog 7ol wbhovpou xdvou.

656. "Evag xbicupog x@vog ¥xet Syno V = 700ma®, Gfog h = 12a xal fi wd dxrive
Tou elvar Sumhdowa dr’ thv @n. N& Omodoyierel ) wvpth émpdverd Tou.

657. "Eva 3oyelo of oyfjpa xblouvpou xdvou pé xdtw Phon Eowtepixis Stxpérpou
20 cm, mdve Bdon dowtepixiic Srapérpou 40 cm xal yevéteipar dxpd 26 cm, yepller pé
metpéhato péypr Gdog 5em dmé Thv whve Bhon. N Omohoyrotei & 8yxog Tob mepeyé-
pevou metperaxiou oé Altpa xal 16 Bdpog Tou (eld. Pdpoc merpexion 0,8gr /cm?).

658. Ablvetar xUxhoz (O,R) xal pud edbelx (g) nod dpdntetar ¢* abtév. Ocwpolue
wid Sutpetpo KA xal meprotpépoupe 76 oyfipx yipw &mé thv ebfext (g). N dmodeuyBel
ém ) Empdverx, mod Swxypdoer § Sudpetpog KA, elvar ortalepd.

659. "Evag xbhoupog xdvos ¥xer Pdoerc pé dxtives p xxl 3p. Né dmodoyiorel & Ad-
o5 Tév xuptdv Empaveridy xal 6 Adyog TdV Syxwy TV 8o xbhoupwy xdvwy, atols bmoloug
Suupeiron & Sedoopévog xbhoupog ndvog dmd T peomio Topd Tou.

660. “Eva xovovixé EEdywvo otpépetar yopw dmé #va &Eova cuppertploug tou. Né
Omohoyiotel 7 dmpdverx xat & Syxog 7ol mapaybpevou atepeol (8l mepimrdioes).

661. "Eva loooxeréc tpamélio ué Bdoeig o, 2o xal Oog c:};i atpépeTar Sadoyi-

%k ybpew dné ~ig Pdoec Tou. i) Nk dmohoyiorolv ol émpdveies T@v 8o mapaydpevov
otepedy xal vd ouyxptOolv. ii) Na yivouv td {8tx yid ol Syxoug.

662. T4 U380 ioooxerés Tpamélio <ig mponmyolpewns doxfioewms otpépetar Yipw
dnéd wd ph) mapdddahn Thevpd Tou. N Omoloyiorel 7 émpdverx wal & Byrog Tol mapa-
Yopevou gtepeot.

663. Alverar gvx dpboydvio ABI'A xxi ot K 76 péoo tig mievpis I'A. Oépvoupe
wic KA, KB xal KO | AB. Té oxfiux ovpéperar yipw drwéd tév &Eova ovppetplag tou
KO xal 16 bploydvio Sraypdper xihwwdpo v 6 loooxerés tplywve KAB Suxypdge
®Gvo, mol Abyetu Eyyeypappévog oty wOMwdpo. N Omodoyiotel 6 Adyos Tév xupTdv
Emipaverdy Tdy 800 atepedv i) dv 16 dploydvio elvar tetpdywve, i) dv elvar j:g = % 2

664. Atverar évx loooxeris tplywvo KAB (KA = KB). "Eyypdgoups o’ abtd bp-
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Ooydvio TAEZ pé tiv EZ mdve othv AB xal gépvoupe KO | AB. Té ayfipx otpéperat
Yiper dmé tév EEova ouppetplag tou KO xai t6 tplywvo Suxypdper x@vo, &vi v6 dpBoyd-
vio Blaypdper xOAvdpo, mob Aéyetar Eyyeypappévos otbv xéve. N& dmoloyiotel & Adyoc
T@Y xuptév Empaveiiy v dbo atepedv, dv t6 tplywvo elvar lodmieupo nal 6 bpboye-
vio elvat Tetpdywvo.

B
665. "Evag xéroupog xivog ¥xer byxo V = 124ma®, Ofog h = ba xal xupth Emed-

vetx E = 55ma?. N& Bpefolv ol dxrives Tou.
666. Aiverar xbhovgog xdvog pé atoiyeix R, g, h. Lé roud dnbotaoy dmé thy pe-

yahdrepn Baan mpémer v gépovpe dninedn toud mupdddmin mpds tlc Pdoewc Etal, dote
) wopTh Empdvela 1ol xbhoupou xdvou vé SraipeBel of Bto looBlvapes xuptée Empdveres ;

HNEPIZETPO®H TPITQNOY T'YPQ AIIO AEONA

305. Oewpnpa. "Eva tpiyovo ABT, btav atpagel yOpm and thv niev-
pi Tov @, mapayer Hyxo Too pé %nau’,.
) -~
i) "Av 76 zpiyave elvor duydvio otl yavieg tov B xal T, & &yxog

mob mapdyetar dvaletar of Elporopa Sbo xdvwv (oy. 335) pé xowh Bhon
xixho pé duriva v,. Tére Eovpe :

1 1 1 1
V= —m? -AB+ —m?, - AT = — n(AB + A%, = — nar?,.
3 3 T8 s =g

Iy. 335 Ty, 336 Xy 337

ii) “Av 16 Tplywve elvar bploydvio of wid dn’ vl yovies Tou ’ﬁﬁ i"\,

fotw m-:'],]; (ox. 336), & Syxoc mob mapdyerar loobrar pé Tév yxo xdvou
mod Exe Bhan wdrho ué dxtive AB = v, xal 8o BI' = «, Snradh elva :

V= L nv?, - BI' = L nav?,.
3 3

iii) "Av 76 tplywve elvar duBhuydvio of ped dmd tlg yawvieg Tou B
16
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) /l:. éotw a-n'],ﬁ (0. 337), & Byxog mod mapdyeron dvardetar of Swxpopd
o wdverv pé xowd) Bhom fvav wixho pé duriva v, Tére Exoupe :

V= L] no?, - AT — X mo?, - AB = ) n(AT — AB)W?, = 3 nav?,.
3 3 3 3
“Apax xakb otle tpeis mepumrdiong & Byxog mod mapdyeTon elvar Toog pé :

V= % nav?,.

306. Qebpnpa. 'O Byxog, mob naphyetar &nd tpiyove 16 dmolo otpé-
petar yopo ané HEova tol immédov tov, mob mepvd ané a xopuef tov
kai 8&v tépuver 16 tpiyovo, looltar pé 16 tpito g tmoaveiag, mod Sa-
ypaoger | anévavn mhevpd, ini to6 Dyog mobh dvtiotoryel ¢’ abri.

*Anodaitn. “Eote tplywve ABT xxi xx' 6 &fovag TEPLOTPOPTG, TOY
mepvdel ¢ Thv xopuen I

i) "Ac Bewphicovpe b7 6 Eovag XX’ mepiéyer ThHY mhevpd BT (oy. 338).

Tére & Bywoc mobd maphyetar lootrar pé Vi ABI‘)=%T‘G\J‘¢ (§ 305) xat
: . 1 1
petaoynpatiferar @g EE7g : Viasr) = ? (0w, Ju, = ? T (Yuy Vg =

= -—;— (g oy = —;— Eagvy, 8mov Eap = muy elvau 3 tmpdveia, ol Sux-

yodoetar dnb Thv mhevpd AB.
i) "Eotw 6m # mhevpd AB, &tav mpoextafel, téuver tév &Eova mepLe
otpogiic ot onuelo A (oy. 339). Tére & Byxog mod mapdyetar Vianr) loob-

Iyx. 338 Ix. 339

tan ué ™ Spopd Viara)— Visra) el xatd why mponyodpevy mepinTwaoy
elvon ©

1 1 1 1
Viasry = 3 Eaavy,— 3 Epavy, = 5 (Eaa—Ega)u, = 3 Eanvy.
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iif) "Eotw &t % mhevpd AB elvar mapdhhnhy mpbs vy &Eove mept-
otpogiic. Pépvoupe AE | xx', BZ | xx' xal elvar wpopavise AE = BZ =
Uy- "Av 16 I' mpofddheran mdves orhiv AB of oueio A dvdidpeso év A xxt B
(0. 340), & Synog mod mapdyevar Viapr) dvahbetar dg e8ic :

A A B A A B
g Vg
E r go otk r E z
Iyx. 340 Iy. 341

1
Viasr) = V(apze)—Viare)— Visrz) = i AB— -é- nu’.,EF——éi— md 2 =

% [3muAB — mu ET — mu, ZT' v, = —;— [7v,(3AB — ET' — ZI') Ju, =

3 [PNBAB—AB)l, = = fra, (AB)l, = 3 (o ABl, = < Eyan,

“Av 1) mpoPory A 10l T mdves othv AB elvou 8w dmd 76 Tufpa AB (oy.
341), & Byxog mob maxpdyerar Vianr) dvekberan dg eE7i¢ : Viasry =V (apze) +
Viare)— Vipzr) xal 8rwg mponyoupévas xataddyovpe oté 8o dmoréheous.

“Apa xal atl tpeic mepimtdong & Eyrog mob mapdystar looBrar pé

1
Viasr) = Rg Eap - vy

ALKHEIEIZX

667. “Eva dpBoydio tplywvo, mob Exer xdBetes mheupbs 6 cm xab 8 em orpégerat
SaBoyind yhpw dré Tl 3bo xdberes mhevpés Tou xal yipw dmb Thy dnorelvovod tou, Né
dmodorpiotel 76 duPadd He Shuddic Emopdveiag xal & 8yxog Tob orepeol mob mapdyeral
xdBe popd.

668. "Eva dpfoydvio tplywvo atpéperar SaSoyixd yipw dné Tl 8o xdfetec mheu-
pés tou. Nd dmoderyfel &1t ol Syxor mod mapdyovrar elvar dvriotpdouwg dvdioyor mpde
tls mheupbs, ylpw dmé tlg dmoles mepratpépetar 16 Tplyeve.

669. "Eva loémheupo wplywvo pé mheupd a otpépetar yipew dné #fove, mob Sév 6
Thuvel xal mob aympasife yovix 300 pé thy mpooxeluevn micupd tou. Né brohoyraTel
& Sywog xal t6 duPadé i Shudc émodveins Tob atepeod wol mapdyeral.

670. “Eva loooxerds vplyevo ABT pé Yoeg mieupbs AB = AT = a xab pé yovix
®opuedic A= 1200 atpépetar yopw dmd Thv mhevpd tou AB. Nd Smoloyiatel & Byxog
xol 76 duPadd g Mg Emedvewng Tob oTepeod ol mapdyeTaL.

671. "Eva SpBoyavio tplywve ABT a:ﬂ-) otpépetar yhpw dméd dEova ol
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tmiméSou Tou mob mepvi dmb thy wopueh A wal mol dpditetit aTdy neptyeypapuéve Tou
whwho. Nd Srodoyrorel dmé tlg mhevpbs T08 Tprydvou & Byxag mob mapkyeTaL,

672 "BEva tplywvo ABT pé a > B > v atpépera Buxd wixd yopw dmb le -pels
mheupés tou. N& Bpefel & peyalirepog dnd todg Tpeis Byxous oY TopdyYoVTaL.

673. "Eva dploydvio tplyavo arpépetar Sxdoyind rpw dmd i Tpelg mheupés Tou.
“Av V, xal V, elvan ol mopaybupevor Syxor drb whv mepuetpogi) Tob Tprytivoy Yhpw dmd
ic 800 xdberes mheupée Tou xxl V & Syxog b mxpoybpevoc dmé ThHY TEpLaTpOGH TOU Y Ipw
dmé thy Omotelvouox, vi Ppedel dyfom mol vi ouvléer Tolg $yrioug V,y, Vg xat V.

EQOAIPA

307. ‘Opiopol. "Eotw &va atafepd oqueio O wl Eva dpropévo £104-
veapuo Tufpe phxovs R. Tére:

i) Eoaipa dvoudlovpe 6 obvoro 7év ompelwv M ol ydeou ik Tk
dmoix loyder % ayéoy OM £ R. Té onuelo O Aéyeran wivipo Tis op’.pog
xat 76 pixos R dxriva tic ogalpas. TH opalpa mob Exer ««dvrpo O nal dxrive
R 64 h ougBorfovpe pé (O,R).

Elducdrepr 6 obvoro tav onuelov M yid té émofa loyder 7 aytomn
OM = R 04 =/ dvopdlovue opouupixs émupdvera.

i) Xopdf Aéyeror xde edBbypappo Tufua pé Th depa T TIVE o™
oympikf Etmeaveia.

ifi) Avpetpog Méyevar xdbe yopdh mob mepvder dmb 76 xévtpo TG apuk-
pac. Elvar # peyadbrepn dn’ 8heg tic yopdés xal Eyev piijxoc {oo pt 6 &i-
mhdaoo e durivag. Td dxpa pidc Sixpérpov Ayovral dvndaperpind -
peia xal elvar ouppetpind G mpbg T6 xévrpo THg opalpas.

*Amé Tobe mpomyoduevoug ptopolds mpoxbmrouy elwcha T wag IRET® !

A¢ Bewphoovpe éninelo (I1), mob mepvdel dmb 76 wévrpo O T opai-
pag (O,R) (oy. 342). Mdver ¢ adrd & ompeia M ~ijs oparpueiic EmLOaVELLS
elvar térowr, dote OM = R xal émopévers dmaptifouv xdxho (O,R) wmdve
oté trxinedo (IT). “Evac térotog wduhog Myetar péylotog kOKAog Tic apal-
pag xab 76 énimedé wov Myetow Srapetpikd Erimedo.

308. Zuppetpleg ot opaipa dmdpyovy :
i) Kevepiky ooppetpie g mpbs 76 xévtpo e,
ii) "Afovixf} ovppetpia g mpds xdbe Sukpepd g
iii) Toppetpia Emnédov g mpds xdfe Baperpind énlnedo

309. "H ogaipa elvan oteped ix meprotpoeiis. Napdyeror dmé T
nepratpoph xhhov (O,R) ylpw dmb wed Sukpespd Tou.

310. 'Andotacy évég onpelov &méd pid opalpa. "Ac Bewphooup e
wé opalpx (O,R), &va oqueio A xal pid Sidpetpo BT mod Tepvdel &mb "6
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A (oy. 343). "Av M elvar éva onpeio tig opmpixiic Emipdvelas, dmb 16 Tpi-
ywvo AOM malpvoupe :

Iy. 342 Ix. 343

i) AMN|AO—OM| # AMN|AO—O0B| %4 AMXMAB % ABLAM.
"Ané v tedevrale oyéom, T6 tpipa AB 16 Splfovpe dg thv Ehdpiotn dmé-
otacn tol onuelov A dnd ) opalpx. Adté elvar oo pé |8 — R|, &mov
3 = AO. h =

ii) AMLAO +OM 4§ AML AO+ OT 4§ AM L AT 4§ AT AM.
"Amb iy tehevtala oyéon thatufpe AT 16 épilovpe d¢ Th péniotn dno-
otaon tol onuelov A &né ) opalpav. Adré elvan Yoo pé § + R.

311. Zyerinég Béoerg edbelag xal opalpag. Mg eibela (2) xai
e ogalpa (O,R), &mwg nat &v Bploxovrar, Exowv mdvta ¢ énimeSo oup-
perplag 16 Swxperpixd EmineSo (A) THc opalpag, mod mepéyer ThHY elfela
() (oy. 344). ‘H edBela () 8év pmopei v Eyer omuein ™ Ew dn’ 16 érni-
nedo (A) xal émopéverg td xowd anpeix tav dbo oymudtev B4 T4 dvaln-
Thoovue mavew oté (A). Té énimeSo (A) répver th opalpa xartd wéyioro
whxho (O,R) xal tmopéves of oyetinés Ofaeig edbelus xal coubpag dvdyov-
Tl otle yvwotés oyetixés Béoerg edbelag xal xixhov, SnAadd, dv a elvar H
émboraan 7ol xévipov Tig opalpag dmé Thy edBela, Exouvpe :

i) ‘H opatpx xal % edBeix Exouv 8bo xowd onuela (véuvovrar) <= a < R
(oy. 344).

i) ‘H opalpe xal #) edfele &gouwv Eva xowd onueio ((pdmtovrar), <=
a'= K '(oq. 345).

i) ‘H opalpa xal 4 edfelx 8év Exouv xowd oqueia <= o >R (oy. 346).

Iy. 334 Ix. 345 Ix. 346
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312. Zyerinég Oéoeig opalpag xal émnédou. Mk opalpa mupd-
yeran dmb meplotpogh xbihou ybpw &mé wd Sikuetpd Tov. “Eva Enimedo
mapdyerar dmb mepiotpogh ebbelug yipw dmé &Eova xdfeto ¢ adm. ‘Emo-
péves 16 oyfipa wopalpn - Eminedon mapdyetar drb 6 Enimedo oyfjux «b-
whog - e00elan rav adré otpépetar yhpw dmé &Eovk, mob mepvder dmh 6
xévrpo Tob whxhou xab elvon xdBetog otiv edfeler. “Apx ol oyetinés Ofoeig

ogalpac - Emimédou elvan dvrioTolyes pé dxclves Tol ayfpetos xixhov - edbelug

A

Ix. 347 Iy, 348

076 &ninedo, Snradh, &v a elvon ) dmbotaan Tol xévrpou ogalipas (O,R)
mod Suaypdperar dmb whxho (O,R) xat (II) elvar 76 dmimedo mod Siaypa-
petal dmb edfeta (e), Exoups :

i) ‘O wbxrog (O,R) pé thv edbela () wépvovrar ovd B xat I' (oy.
347) <= % opalpx (O,R) pé 76 iniredo (I1) véuvovran, <= a < R. Td
B xat T, 8rav otpépovron ydpw &’ T weooxdfeto OK =i xopdfs BT, Sux-
yedpouv 616 inimedo (I1) xhdo (Kp). “Ape # Topf| oaipag xai émnédov
slvar kOkhog pé dxriva p < R. "Av 76 éninedo (I1) 3&v mepvd &mb ©6 xév-
<po THe ogalpac, elvar p < R wal & wbuhog (K,p) Aéyerar pikpdg kiwhog
e opalpxe, vis &v 6 (I1) mepvder dmé 6 xévrpo Tic opaipas (Suxpetpind
ininedo), 04 elvar p = R xak % toph a elvon péyorog wdkhog s opaipas.

i) ‘O xhwrog (O,R) pé vhv edBela () dpdmrovron oté A (oy. 348)
<= 4 opaipa (O,R) pé <6 irlnedo (II) tpdntovrar ové A (Byouv Evar pé-
vov xowd onueio) <=+ a=R.

jii) ‘0 xhdhog (O,R) ué whv edbela (e) B&v téuvovron (o 349) <= 4
opatpa (O,R) pé 76 éminedo (IT) 8év wéuvovron <= a > R.

Iépiopa. "And tpia onpsia pis compkiis Emedavelag nepvaer Evag
k0xhog tfic copaipac.

313. Eyerinég Oéoeig Svo opaipdv. Auikevipog dbo opapdv (K,R)
xol (A,p) Myetar t6 tpfpx KA pé dxpo vd xévrpa 7év 3o oponpdv xal
oupBorlerar pé 3. Abo opalpes mapdyovron drb Thv mepiaTpogy dlo wbxhwv
Yipw &mb Th Sudxevipé Tous. ‘Emopbvag ol ayetixég Béoeig 3o opatpdv
elvo dvrlotoiyee pé Tl oyetinés Béosig 8o xbhrhwv o076 éminedo xal émo-
uévog Eyoupe :
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i) Ado xbxor (K,R) xal (A,p) téuvovrar otd A xal B (oy. 350) <=
ol opaipes (K,R) xal (A,p) wépvovrar <= | R—p | <3< R+ p. Td
wowd onueia A xal B tév 8bo whxhwv, &rav otpépovrar yhpw dmb Th peoo-
wafero KA, Buwypdgpouv xdxho. “Apon 1) topd) 0o cpmpiv elvar xixhog.
Té névtpo tou O Bploxeron ovh Sudnevtpo tév Sbo opaipdyv xal 6 éninedd
Tou elvon xdbeto oth Sudxevrpo.

==

Iy. 349 Ix. 350

if) Ol xbdor (K,R) xal (A,p) dpanmrtovior EEwtepid o€ onueio A
(oy. 351) <= oi ogaipes (K,R) xnal (A,p) Epamrovrar EEwrepixd otb ov-
ueio A (Eyouv &va xowé onueio) <= 8§ = R + p. Té omusio A PBploxerar
mhve) oTh Sidxevipo.

iii) O xisdor (K,R) xal (Ap) dpdnrovran Eowtepixd of onpeio A
(0. 352) <= ol opaipes (K,R) nal (A,p) épdntovror éowrepixd ové6 A
(Exouv Eva nowb onpeto) <> 8 = | R—p | . Té onueio A Pploxetar mdve
oth Sukxevipe xal N uk opalpa Pploxerar péox othv &Ny,

iv) Of xdxhor (K R) xal (A,p) & Eyouv xowé onuelo xal & &vag Bpl-
oxeton BEw &’ Tév Mo (oy. 353) <= ol 3o opaipes (K,R) xal (A,p) 3év
Eyouv xowd onuelo xal §) wk Pploxetar Ew énd mv & <= 3> R + .

SSICich

Iy. 351 Iy, 352 Iy, 353

v) Of wharor (K,R) xal (A,p) 8év Exouv xowb ompsio xal & &vag Pol-
oxetar péon ovbv Mo (oy. 351) <= ol opaipes (K,R) xat (A,p) 8év Exouv
xowé onpeio xal f ik Pploxerar péoo otiv M +=>8 < | R—p |.

314. Twvia 800 opaipdv. *Avagépeton wévo otl Teuvépeves oopai-
pec xal elvar f yavia tév 8%o xdxhwy mob dmd Thv wepLoTpoph Toug TPOTA-
Oav of 800 coaipes.
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315. "Opiopol.

i) "Afovag xokhov Aéyetar % edfela (x) mwob mepvd dmb T6 xévipo (0}
ol xhuhou wob elvan xdletn avb émimedo Tob xbxdhov (oy. 355).

i) T6hor koxhov ogaipag. “Av xbxhog (0,p) dvixer oé opatpa (K,R)
(7. 356), 74 onpeia I, xal Ily otd mola & &Zovag Tol xduhov Tépver
o oalpx, Myovar méhow Tod xbxhov (0,p) e opatpas (K,R).

(a)
k>
|

Iy 354 Iy. 355

jii) TlodikA améotacn. 'O xdbe mérog (oy. 356) loaméye dmé Eha
w4 onpsic M 7ob xbuhov (0,p), yratt v SpBoydvia wplywva MOIL, otk
MOII, Swxrnpoiy oralepb uéyeloc ik tis Sukpopes Béseis 1ol M mive ovéy
whiho (0,p). ‘H xaBeprd dmé g drootdoee whrés Aéyerar molkf drdotaon
=05 whwhov. KdBe xdrhoc Emopdvarc Exer 8Vo mohunée dmoatdaeig py %al 9,
"Erewd?) of méhot T, xod IT, elvar dvmBiaperpind omusia 7c opulpag, 6
obyeve TI,MTI, elvar dpBoydvio xal émopévers Bd elvar p? + % =4R%

iv) "Eyyeypoppéve mokbedpo of ogalpx Ayetar xdfe mohdedpo, mol
ot xopugéc Tou dvixouv othv [Sux opatpu émpdverr. ‘H opalpa Ayeta
repryeypappévy ot moAdedpo xol 76 xévrpo g Aéyetar mepikevipo ToD
mohuédpou.

v) Mepryeypappive mokvedpo oé opalpa Aéyetor xdfe mohbedpo, mwob
of €dpec Tou dpdmrovton othv [Six opatpuch) Emadvein. ‘H ogalpn BploxeTon
o7é towrepind Tob mohuédpov xal Myetan dyyeypappévy o abté. Té xévrpo
™ Myetar Eykevepo tol moAuédpou.

316. Oedpnpa. “Evag xixhog (O,p) avijker of lnepeg ogalpeg, mod
16 kévipa tovg Ppioxovian ndve otdv GEove tob xdxiov.

*Anédailn. Apxsi v dmodelfovpe éru 6 Tuyalo ompsio K Tol &Eova Ox
703 winhow (O,p) loaméyet dmb vd oquela M ol xhudou (O,p) (o 357).
Tobto Buwe elvar gavepd, vzl yid Tl Sudpopes Oéoers woi M mave atéy
whxho (0,p) é dpBoydva wplywve KOM Samqpolv ovabepd péyebog, dpod
o abrd, ixvbe amb thy bpBh ywvia ot6 O, mapauévouy oraepés xatd pijxog
of mhevpéc OK xaxt OM = p. "Apa xak t6 pijxoq KM mapapéver oralfepé xal
Emopbvig 16 émowdfmore amueio K 7ol dEova Ox elvow xévipe opalpac,
othv dmole dvixer 6 whxdog (O,p).
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loyher xat t6 dvrlotpopo, SnAadh, &v 6 xidhog (O,p) dviixer ot opalpa
(K,R), 76 xévrpo tng K Peloxeror mdver arév &Eova Ox 7ol xbxhov (0,p).
Apxei v gmoderyfel dm f) KO elvan udlers; oté émimedo (I1) 70l wbxdou
(0,p). "Av E elvor 6 dvmSraperpnd 06 M, de mpds tév xdxdo (O,p), elvar
gavepd =g KM = KZ, %pa KO | MZ. 'Opolwg pmopel v' dmoSeiyBet

Iy 356 Iy 357

8§ KO elvan wdfem of pudv dubpy Sidpetpo 7ol xdxhou (0,p) xal émo-
pévwg KO | (I1), Snradh 76 xévipo Tig agpaipag dvixel oty &Zova OX
76U xdxdov (O,p).

*Ané td mponyodueve auvdyetor Bt & y. Tomog TEY kEVTPWY THV OPAL-
pév, otic bmaieg dvixer 6 xhidhog (0,p), elvor & &Eovag Ox Tob xbxhov.

317. Kafopiopdg apaipag. Mix apaipa clvar xafopiopé, drav el-
vor yveotd T dxdioubax aroiyele g :

i) Kévtpo kai dxriva. "Av yvopilovue T6 wévrpo xal why duerive g
opatpas, B Bewpolue Bt yvoptlovpe ) opalpe.

ii) Téooepa onpeia tng By otd dwo Erinedo. "Av A, B, T', A elvau
téaocpa onpeia byt oth 180 Eninedo, vd wpla dn’ adtd A, B, T dpifouv xb-
xho. Té xévrpo tic agalpas, mob mepvder dmé td oqueix A, B, T, A, dpl-
Cerar dmé <hv toph 7ob &Eova 7ol wbxhov (ABT') xal Tol pecoxdferov émi-
nédou &vbg dmb T4 Twhpatx AA, BA, TA. Té pecoxdfera émineda tiv AA,
BA xat T'A =épvouy v &Eova Tob whxdou (ABT) oté 8o omucio.

AZKHZXIEIE
Y, G,
674. Alvezon pud opaipe pé dxtiva 5 cm xal dva Enimedo wod dméyer dmd 16 névipo

e 3 cm. N& Bpelel & 8yxog 7ol &yyeypappévou oth agatpe wokivipou, mob § Baon Tou
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elvor ) Toph ¥ opalpug xal wob dmmédou. (‘Eyyeypapuévoc wilvdgog ot opalpa Aéye-
war Evag whiievdpog, mold ol fdoeg Tou elvar whhor tHs agalpag).

675. Ao opuipes pé dxrivegs 5 em xxl 12 cin dvtiotolyems Exouv Budxevrpo 13 em.
Né& Omodoyiorel v6 &pBadbd g touiic Toug.

676. N’ dmoBewyBel 671 xdfe bplbc xunhindg wihwvdpog elvar dyypddipos of apalpa,
SnAadh dmdpyer opalpa, mdve othv dmolx Pploxovrar ol fdoeg ol xukivipou.

677. Alverar ogalpa (O,R). Nd Smoroyrotel § émopdverr xal & Syxog 1ol dyye-
Yeappévou o adth xurlvBpou, o Exer dxtiva Pdoewg R /2.

678. Nd Bpelet % auvliun, wé thv drolx Evag dp0bg xuxhixds xbAwdpog elval mepL-
yeypapuévog o opalpa, 8n\84 vé dmdpyer apaipa mob vé Epdrretmr otig Pdoeig wal athy
»upTh tmipdverd Tou.

679. "Av Blo xhxdot, &yt 7ol [Hon Emmédou, téuvovrar, v dmoBeuyfel v dvixnouy
athv [a opalpa.

680. N& oqépete dmimedo (I1) 2pantbpevo yvworis ogaipag (O,R) xal mapdi-
Ao mpbe Edo éminedo (P).

681. Nd oqépere ininedo (I1) épamtduevo yvwotis opuipag (O,R) xal mod va
nepvix dméd pd ebbela ().

682, Nd wataoxevaotel apaipx pé dxtiva R, mob v mepvi dmd tpla yvwotd on-
uelx A, B, T.

683, Nd xataoxevootel opalpa pé dutlva R, mod vd épdrretar otlg E8peg yvor-
atiig Tpledpng otepeds ywviag Kxyz.

584, "Av pd opalpa mepvd dmé Eva onpelo A xaf Epdnrtetor atlg €3peg Sledpng
yoviag, v’ drodeiyBel St mepvid wal dmd 16 oupperpind Tob A, g mpdg T6 Sirotopolv
trinedo thc 3ledpne.

B.

685, Ni dnodeiyOel 8t xdbe vevpdedpo elvar i) dyypddrpo of opuipe xal ii) mept-
yedlruo of apalpa.

686. Né BpeBolv ol ouvBiixes, ué <lg dmoieg Blo xiudor, mod 3¢ Peloxovrar 676
[Bo Enimedo, dviirouy othv 18ia opaipa.

687. Nd Omahoyiarel % docriva Thg Topfic 3bo tepvbpevav opuipdv dré tig dxriveg
<Gv apapbv xel Th Sukxevipd Toug.

688. N' dmodeiyfel 87 xdfe wuwhxde x@vog elvar dyypdiipog of opalpa, Smradhn
Yrdpyer opaipx, mhve ethv mola Pploxerar #| Bhon xal % xopugh 7ol xdvou.

689. Alverar opaipa (O,R). N& dmodoyratel # émpdveia xat 6 Byxog lodmisupou
wavou éyyeypapuévou o' abth, dnd thy dxtiva R e opalpas.

690. N’ groderyOel 811 xdOe dpbbc xunhixde xdvog elvar meprypadipos aé opalpa,
Anhadh Omdpyet opulpa ol Epdmretar oth Pdon xxl othv xupTh dmipdvere Tl xdvou.

691. Nd Omoroyiatel # dmipdverx xul & Syxog lodmhenpou xdvou mepryeypappévon
ot ogaipa (0, ¢), and thv dxslva p.

692. N& Omoroyatel ) dxtlva tie opalpas The dyyeypappévng of xdvo pé dutiva
S5a wal Odog 12a.

693. Alverar xavovixd tetpdedpo KABT pé dopf a. Nd Omoroyiorel ¥ dutlva tig
opalpag mo) dpdntetar otiv &8pa ABI' xai otlc dxpéc KA, KB, KTI'.

694. N’ dmobeiyOel &7, dv fva mapoddnlenimedo elvar dyyeypappéve of ogalpe,
elvar bpBoydiviu,
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695. N’ dmoBeuyBet &ti, y1d vi elvan Eva mapaidnieninedo meptyeypappévo of opalpa,
st tee wal donel ol £8peg tou vi elvan loodbvapa mapuddnidypappa.
696. N’ dmodeuyfel 8t & Syxog meptyeypappévou of ogaipa morbedpou looltar pé
6 1/3 t¥e Emedverds tou énl thv dutiva THe opalpag.
697. T’ &vx tetpdedpo KABT 4 aveped yovia K elvat tpioopfoydvie xat Exet KA =a,
KB = 8, KT = v. N& dmoloyratel dné 1d a, B, ¥ # durive tig mepryeypapuévng o’ adtd
opalpas.
698. Na bmodoyratel 7 émipdvere xavovixod Tetpdedpou
i) éné thv duriva R tHg mepuyeypapuévng o abtd apalpag
i) &md v duslve p i Eyyeypappbimg o abté opaipas.
Né& Bpebel oyéon mod v ouvdéer tlg dueriveg R xal p.

318. 'ewpetpixol Témor. "Extés dmb ™ opotpins dmpdvern mod dmd
Tév bpropé g elvan 6 yewpetpixds Témog Tév anuelwy, mod dméxouv aTa-
Beph) dmboraoy drb otabepd onueio, onuavtirol yewpetpixol Témor elvon xal
ol @xdrovBor :

i) ‘O ysoperpikdg témog thvV onpeiov tod yhpov, Grd td dmola Eva
e0B0ypappo tpfijpe AB gaivetar dmd opBf ywvia, elvar cpaipiki) Emedvela
pé Sapetpo AB (ay. 358).

Iyx. 358 Ix. 359
Heoyparind, &v M elvan fva onueio tHe ooaipixis émdvelag, Ereldn
elvar MO = AB /2, 6& clven AMB = 1t. Toyber xal t6 dvrictpopo, Snhady

AMB = 1t = MO = AB |2 nal émopévws 16 M elvan omueio g opaipixis
Emipdveng.

ii) 'O yeoperpikég toémog thv anusiov tob ybdpov, mod & Aéyeg ThV
anootaoc®@v tovg and dbo yvoetd onpela A xai B elvan -5 , Elvar apaiprxii
tmeaveia pé Siaperpo TA (dnodddvia ogaipe), nov 16 I' xai A Sunpodv
16 tpfipa AB tomrtepika xai 2Eotepikd of Loyo l:— (oy. 359).

MA

Mpoyparind, & M elvor &va oqpeio tétot, dote —M—é—=i, ToTE
v

mdve otd Enimedo mod Ooptlerar dmé 16 M xal Thv edbela AB, & y. Témog
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o0 M elvar dmodhdiviog wbuhog pé orabeph Sudperpo TA (§ 92). "Av <6
oyfijna otpapel yhpw dmé Thy AB, 6 dmodhdviog whxhog Bd Buxypdder dmoh-
Aovia coatpixd Empdveter pé Sdpetpo T'A, mod elvar & y. Témog 7ol on-
petov M.

IFPA®IKEL E®APMOTEZX

319. Zpaipidg SraPhitng. I'id vd yapdEovpe évay wbxdo mdve othy
dmupdveia pidc opalpac, ypnoipmomnotobue 6 cpapikd SwaPftn, dnhady Eva
By, wob Td onéhy Tou elvar xapmida xal By edBlypappa Erwg Tob
xowob SwaPhry (oy. 360). Znpilovpe 6 Eva Sxpo Tou o’ Eva amueio TiHg
opaipag xal pé 6 ¥Aho dxpo Tou pmopolpe vd ypddoupe winho wave oTH
opoipteh) Emupdveta. A

320. IpéPAnpa. Na Ppedel 4 axtiva n
Sedopévng ogaipag.

Abon. Mé xévtpo Eva omueio I1 ¥ opal-
pag I xok dxtive Tol opaipixol Safhm, fotw
v IIA (oy. 361), ypdpoupe xdxho mdve
oty émoave Thg opalpas xal malpvoupe
vple onueix A, B, T' 7ol whrov. Katbm pe-
tpolue pé 6 opaipikbd Swfhmn tio dmootd- 7
oeig AB, BT, AT xal pé mhevpée adrée xato- n
oxevalovpe 76 &xninedo tplywvo A'B'TY (oy. Iy 360
362), oté dmolo mepiypdpovpe Tév  whxho
(K',K'A’). Elvar gavepd 8m elver A'B'T = ABI' xal &pax K'A’ = KA.

"Emeite mdve o wd edfela XV malpvovpe &va onpeio A (oy. 363)
xal pépvoupe T AE xdfern omh XV xal lon pé viv K'A’. Mé xévrpo 76 E
xab dwrive Ty mohuef dmbotacy AIl ypdgoups téEo, mobd Téuver thv XV
ot6 onuelo Z. Dépvovpe thv EZ' | EZ, wob tépver miv XV a16 Z'. Tdpa

(1))
rZ
> A

E
. &
A i
@r‘ .Z’

X

A ! B

Ix. 362 Ix. 363
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elvar tply. AEZ = KAITI tneid) elvon dpboydvia pé AE = KA xxl EZ = ATl
*Ertone o ‘BZZ' = ATV, Yol fgoov B ="A =909 EZ = AIl el

EZZ' — ATIIT'. "Apa I = ZZ', 3nhadf §) ZZ' elvar Sudpe:pos tHs opal-
poc T xal &pa 9 dutlva g elvar / T'Z = %—

321. Ipépanpa. Mave oty imeavaa
piig opaipag va ypagrel péyrotog xoxhog mod
va mepvael arnd 600 yvmord enpela g, E

Abon. Me xévrpa v Sedopéva onueia A
xat B (0. 364) xal &vorypax Tol opoipixol
Swfhmy loo pé Tetmpmubplo, Snhadh pé iy
dmotelvovoa dploydviou loooxehals TpLydvou
mod Eyer udbetec mAevpés oeg pé Ty dutive .. 364
THe ogaipag (thv dxrive T Pploxovpe rwg
oté mponyolpevo mpdPAnua), ypdpoupe dlo TéEx, mob téuvaviar oté om-
peto I'. Metd pé wévrpo 76 I xal v {8 duriva ypdpoupe suhxho, mob elvat
6 Tmroduevos.

ALKHEIEIEL
A

699. Alvovrar 8%0 otabepd onpeia O xal A. N& Ppebet & y. téivog : i) tdv mpofo-
AGv Tob A mdve otig edBeieg wol mepvolv dné 16 O xal ii) 1dv oup.petpdy Tob A dg
npbs tlc edbeleg wod mepvolv &md 6 O.

700. Alvetar opalpe (O,R) xat omueio A. "Av M elvar éva onpeio THg opatpt-
nii tmedveias, pépvoupe Thv AM xal mdve o abth malpvoupe MK = MA. Nd Bpefet
4 y. témog tob ompelov K.

701. Né Boebei & y. témog Tév onueley M 1ob ydpov, yid 7¢ (imoix elvar : MA? +
MB? = k2, 8mouv A xal B elvar orafepd onpeiax xal k Soopévo tpwhpa.

702. Nd Bpebei & y. témog tév onpeiwv M tob ydpov, yid td émola elvar 1" MA? —
MB?2 = k?, §mov A xal B elvoar oralepd onuela xat k Sedopévo =pijpe.

B
703. Alverar ogaipa (K,R). Mid petafinth eibelx (c) elvar mapdddndy mpbs
ywath edfelx (8) xal dpdmretar ot opaipx oé onueio M. N Pprdet & y. témog tob M.
704. Alvetar opatpa (K,R) xal edfetx (e). "Eva petaPiniéd éximedo (I1) mepvd
ané iy ebfela (e) xal téuver ) opalpa xatd xixio (O,p) Nd 3pefel & y. tbémog Tob
xévrpou O,
705. "Eva petafinté tplywvo ABT Suxtnpet otaleph waté: Béam xal péyefog )

Béon BI' = & xal otabeph xurd péyeBog h Sidpeco AM = py. Né& Ppebel & y. Témog
THg xopugiic A, &v AB = 2AT.
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706. Alverar opzlpa (K,R) xal orabepd) Sutpetpés s AKB. "Av M elvar bva
onueio Tig opapixiic émpdveins, gépvoupe th BM xal ativ mpoéxtach tne malpvoupe
Tufjpae MI' = MB. Na& Ppefel 6 y. témog i) 700 onpelov T, ii) tob onusiov I t¥g touic
tév AM xal KI7.

707. Abverx ogaipa (K,R) xaxl otalepéd &rnimedo (I1) mob mepvd dmd 16 xévtpo
s K. "Av M elvar Eva onpelo 1iis opapxiic dmodveias, gépvoupe ™) MA | (IT) xal
wmdvw ot KM malpvoupe KI = MA. N& Bpefel & v. témog 1ol onuelou L.

708. Aiverar énimedo (II) xaxl 8%o atabepd onueia touv A xal B. Ado petafintéc
oqaipes pé xévipa K xal A dpdntovrar oté éninedo (I1) otd A xal B xal petafd tcug
até M. N& Bpebet & vy. témog Tob omuelov M.

METPHIH THI ZQAIPAZ

322. Zoapued) Tdvn Afyetar 16 tpufipe tfis opmipikfly Emedvelas,
6 dmolo mepihoppaveran petagd dbo mapalinhov émnédav, mod tépvovv
) opaipa (oy. 365).

Ot topés elvar xbxhor xal Aéyovran Pdaers Thc opotpxis Ldwng xal
ambotacy Tdv Phoewv Myetar Odog .

Ix. 365 Ix. 366

e ©n pérpmom tic émpdvelxs g opapixiic Ldvne Bewpolpe Eva
Huxhido pé Srdpetpo KOA (oy. 366) xat &va w60 tou AB oré émolo gy-
Ypdpovpe xavovixy moAvywvixn ypapph, ATAB. "Av t6 oyfjux orpagel
vipw an’ ) Suduerpo KA, 76 fuuddio 04 Sweypdder apalpa, &vé 6 téko
AB 04 Sraypdder opaipinn Ldvn pé Ofog A'B’, Smov AA’ | KA xal BB' |
KA. ‘H &yyeypapuévn modvywvien yeouph ATAB 0a Swypdder émipdvera
ton pé v6 &poiopa tév Empaverdy, mod Surypdoouv ol mheupés g Dép-
voupe I'TV | ‘KA, AA" | KA xal 74 droomipara o &n’ 16 xévrpe O 7ol
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Huoewrdlov. Ol Empdveteg, mod Saypdpouy ol mheupés THG TOAUYGVIXTS YR
uic, elvar xvptée Empdveies xbhovpwy xdvawv xal Emopévag Exovpe (§ 304)
wép. I1) : Ear = 2maA'T", E pa = 2nal"A’, E ap =2maA'B’. Tig mpoohé-
toupe xab malpvoupe 1 E apap=2ma (A'T" + VA" + A'B’) =2nzA'B" (1).
“Av gavragroipe &m 6 miFfog Tév Thevpdv THe moAuywVIKTS Yeappis ol-
Edver xalb telver oth dmewpo, thre # mohuyavich ypappd velver va TauTioTel

ué 16 76E0 AB xal tmopbverc % Empdveir mob Suayphpetal dn’ adTh Telve
ot Lyrobuevy dmipdvewr tie opapudiic Tdvne pé Ofog A'B’ = h. Zwhy
neplnrwoy adth, t6 pévo mod B4 petaPrndel ot oyéom (1) elvau 16 dmé-
ompa @, mob 04 Tovtiotel pé hy duriva R xal Emopévec Eyovpe yid Th
tmpaveln opaipixiic Ldvng tév Thmo !

E = 2rRh.

323. MovoPaoixf apatpuch Ldvn. "Av éva dnb i 3do mapdhhnha
tnineda dpdmretar oth opalp, § opapuel Ldvy mod xaBopiler Eyev pud
Bdom xat Aéyerar povoPacikf. ‘H émpdverd g Slvera dmé tév o thmo
Thg mpovyaldpevns Tapaypd@ou.

324. Zpaipih) Emipdvera. ‘H opaipixh émi-
pdvelr propel va Oewpnfet dmpdvern cpupikis fo-
vng pé Gpoc h = 2R. Tére 6 mpoyyodpevag timog Slver

E,, = 4nR2
Iépropa. ‘O Abyog thv Emgavardv dbo opar-

pdv ioobtar pé 16 tetpdymvo tob Adyov thv dwri-
VOV T0Vg. Iy. 367

* 325, Eqaipid dtpantog Aiyera o wpfipe tiig cpapudis Emoedveiag nod mep-
LapBaverar petakt thv £8pdv diedpng yoviag, mob f dwpf g AB elvar Siapetpog i
ogaipag (oy. 362).

Efxora Siamatdvoupe 81t 8bo apaipinés frpantor tie g opalpxs # lowv opat-
p@v, mob dpifovrar dmé loeg Sledpec ywvieg, elvar loes.

"An’ abré ouvdyertor bt 4 mipdvela wmdc opuipikis drpdxtou elvan dvdhoym Tob
uétpou © Tig SleBong yovlag, dn’ iy émola waboplletar, xal Bd Myerar opmpix Grpa-
K106 YOviog o.

"Enedh # opatpuch Empdvera pmopel vi Oewpnfiel apatpuh drpaxtog yeavixg 360°,
# imgdvewr B i opupiic drpdutov yoviag o 04 elvar tévoux, date

E _ 4nR? % E= 4mR%0
(2] 360 360
Inpeinon. "Av & yovlx ©°, petpnlel of dxrivia xal elvat 2, & mpoNYo eV THTOG
2
7ig Emupdverag wiic opuipixiis dtpduton petaoynuatiletal &g tEfe: E= ir%l:;t_. =

= 2R%.
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ALKHZIEIZ
A

709. Mk opaipe pé dxrlva 5 cm Téuvetar dmd Slo mapdAdqia éninedx, mob dmé-
xouv dmé 16 wévrpo ThHe ogatpac 3 cm xab 4 cm. N& Ppebet t6 dufadb the opupiniic Ld-
wng mob mepuhapPdverar petafl Tév dmmédav (Sbo mepimrdoec).

710. N& Smoroyiorei t6 Gloc opapixiic Ldvng loodivapne wpbe péyioto xixdo
opuiprg pé dxriva R.

TI1. Té éminedo évig pikpold whxdov opaipug mod ¥yer dwtlva & em, dréyer dné
6 xévtpo THg ogalpas 1 cm. N Smodoyiotolyv of dmpdveres Té@v Sbo povoBaoikdy fw-
vév, otlg dmoleg Supeirar # ogaipa.

T12. Né Ppefel ) imodvera thg ogaipug the mepiyeypapubvng ot xovopixd Te-
wpdedpo dupfic a. ‘Opolwg Tig dyyeypapuéne.

B

T13. Mid agaipind) Emodvern pé durtlve R va Siapefel of wplx looBtvapx péer
wé drnimeda mapdddnia.

714. Tépvovpe opuicx (O,R) pé énimedo mob mepvi dmé pid €8px tob dyyeypou-
pévou o’ adrh xifou. N& bmohoyrotel ) émpdvera xafeurdic dnd e %o povafaoixéc oput-
prudc Ldves, otic dmoles Sumpelrar # opalpa.

T15. Zoalpa ué dxstiva x putiletor dné onpeianh putevh mqyn @, mod Beloxetar
ot drbotaon 2a dmé 6 xévipo THe ogalpas. N bmodoyiorel § purilépevy Empdveia.

716. Zgulpa (O,R) vé& tunbel dné &nimeda oupperpnd d¢ mpde 16 xévtpo tng
tro, Gote t6 EDporopa Tdv Eufaddv tév toudv va elvar Too pé 6 EuPadé thg Ydvng,
ol mepthapBhvouy.

717. N’ dmodewyfet étu §) ogoupud) Ldvn, mod dpiletar dmd 3o dpbuevtpes opaipeg
ndve of Tpley petafinti ogalpx, mob mepvi dmd 6 xévtpo Toug, Eyel otalepd Emipdvera.

326. Zpaipindg Topéag Afyetar t6 oteped mod maphystar amd wu-
xMké topéa AOB, btav adtdc otpépetar yOpw Gnd Siapctpo oD Emmédov
tov, 1| dnoia 8év tov tépver (oy. 368).

Té <6k0 AB Broypdger opanpixr Ldvy, mod Adyetor Phaon Tol opu-
pueol Topéar. “Ywog Tov Aéyeton t6 Oog tHg Bhoeds Tov, SAadh Tie opat-
purtic Lawng, mod dvriototyel o adrév.

It ) pérpnon 1ol Byxov ol opatpined Topéx Bewpolus o t6Eo
AB (0. 369) 70D xuxhixel Topéa, &’ tév dmolo mapdyeton, dyyeypoyL-
pévn xavovixd) mohvywvixd ypappd. ‘O Byxog, mod mapdyetal &wb TH mept-
oTpoen Tob éminedov oyfuatoc OATABO yipw an’ thv KA, loolron pé 76
&Bpotapa Tév Byxwy, mod mapdyouy td tplywve OAT, OTA, OAB xatd thv
meproTpogn. Pépvovpe dr’ Té xévrpo O vd dmooTipare « xatl Exovpe (§ 306) :

1 ;| 1
Vioar) = 5 Ear-a, Viora)= 3 Era-a, Vioan) = 3 Esp:a=

1 1
(1) Vioaraso) = 3 [Ear + Era + Eagl r 2 = 3 Earas - a.
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B
"Av w6 mATfog Tév mheupdv THe dyyevpaundvre oté toie AB mohu-
15 ERRE R A LYY
yovds ypapuiis adfaver xai telver oth dmago, T anboTnua « telver aThy

Iy. 368 Zy. 369

axtive R xab 6 maporybuevoc Byvoc loobrar pé wév Byno V 1ol apopined
wopéa. Téte dmb v mponyodueyn ayéom (1) Eovpe: V = % EisR xal, -

mewd EXp = 2zRh (§ 322), ouvdyerar 8t & 8yxog 7o cpaLpixnl Topéa
elvan foog pé:

V= 12 nR%h.
3

327. "Oyxog opalpag. 'H ocoauipr upmopsl vd Bewpendel GpaLpLnhs
Topéag pé Bdoc h = 2R xnat iropdvws drb w6y mponyoduevo tHro nalpvoupe

4
Vi = 3 nR3.

Iépropa. ‘O héyog t@®v byxov 500 opupdv clvar Toog pé tov kopo
tob Adyov tdv dkrtivov tovg.

* 328. Zoaipindg Bvuyxag réyeror 6 Tufipx the oguipas moh mepthapBdveTon
petall @y E8phv Bledpns yovias, mob ) dwph tnge AB elvar Sudpespos tFc ogulpas

(ox. 370).
‘0 Bynog V 700 opaipinald dwoya elvar dvdioyos =g Biedens yovlag zou, dnhadt
elvant = Y99 tropévarr Biveror dméd Thy Thmo :
@ 360

i
3 360
329. Zoaipinég SaxtdAlog réyetar 16 oteped mov mapayetar and
KukAiké tpfjpa AB Gtav adtod otpigetan yipw ané Suapetpo KA tod Em-
nédov tov, 1| dnoia bév 16 tépver (oy. 371).
17
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‘H anbaracy h wév Sbo mapddinrev xhxdhey, o Swaypdpouy & onuela
A xat B, Myetan Ofog Tol opaipixal Saxturiov.
‘Q Bynog V ol oparpinol Saxturlou elvan # Siagopd T@v Byxwv Tob

B

Ix. 370 Ix. 371

opaipixal Topbx, Tob mapdyetar &mé THY meploTpogh TOU xuxhuxol Topta
AOB xal 7ol fyxov, mod mapdyetar dné Thy meprotpogn Tob Tpryavou AOB.
Dépvovpe 76 dmbomnpa « xal Epovps :

Vi= lnﬁ’h—i Eap-a= -2—'A'|:R’h—i (2raxh)a = 2 nR'h—-z— nodh =
3 3 3 3 3 3

2
=ln(R'—a’)h=_2_vt(~£) A anm,
3 3"\ 2 6

“Apx & Eyxog Tob opaipxol Saxtudlou Sveraw dmb Tév Thmo :

V=_:_arAB’h.

330. Epaipixé Tufjpa. "Av Sbo napélinia Erizeda téuvouv mé
ogaipa, 16 wpufjpe tng, mod mepihapPaveran petald @V ¢mnédav, Aéystar
compixd tpfipa (oy. 322).

‘H dnéotaon h tév 3bo mapdddnhav Emmédwy Ayerar Sjog ol opat-
pixol Tpfuatos xal ol xbxdo, xatd Tolg émolovg Td Emimeda Tépvouv )
opalpa, Ayovtar Bdoeig Tou.

*Ac Bewphooupe wid Subupetpo KOA tic ogalpag xdBemy otic Bhosic
700 opanpixol Tuhpatos xal Bva dminedo mob mepvder dmé why KA xal Tépver
wolg xhxhoug - Bhaelg 7ol oparpuol Tupfuatos otd A, T xal B, A dvre-
orolywe. ‘0 Syxog V 7ol oparpixod Tuhuatos loobrar pé t6 &Bpoioua Tiv
Byxov Tl apapixod Saxturiou AB xal ol xéhoupoy xdvou ABAT. "Av g,
xab py elvar of durives Tév Bdocwv 7ol opuipixol Tuhmarog, Exovpe

V= —fi—i_ nAB®h + % n(p% + pips + pl)h = —é— w [AB’ + 2p% +
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+ 20192+ 2¢%]h. ®épvoupe AE | BA, (AE =h), énére AB? =
=h*+ (py—py ) =h*+ p*—2p.0, + p%y xal & ¥ynog peraoynuoriletar

L3 -~ 1
ag &g V= ‘6—7‘[(]1’ + % — 2010, + p%) + 2% + 2p102 + 29’:]]1 =
= —%n [ h? 4 3p2, + 39’,]h = %nh’ - —;—n(p’l + p%)h. "Apx & Eyxog
Tob opapixol Tpfpatos Slvetar dmb Tév Timo :
1 1
V= Tnh’ + iy n(p* + pPph.

331. MovoBaoixé opaipixd tpijpa. Mk ogpalpx mod téuverar dmé
éninedo Srupeizar of o Tuhuate mod umopelue vé T4 Bewpnoovpe opaipixd

K
A L
% lh
B Sk, A
A
Iy. 312 Ix. 313

Tudpate pé Th wd Bdon Ty xixho wé dxtive p (oy. 373) xal THY &N w-
Sevurh. T adrd xal Myovrar povoBacind opaipind Tuhpete. “Av h elvar 76
Odog &vés dm’ alrd, & Syxoc tou Blveroar dmé v Tmo THe Tponyoievns
mapaypdpov, & bmolos petacyyuariletar de 7g :

1 1
V=—nh®4 — nph.
p o 2 p

ALKHZIEIZ
A’

T18. Alveron d ogalpa pé dxtiva 8 cm. N Bpebel & Syxoc wob apaipikol Topée
mob 4 Bdom tou elvan t6Eo 600, xal & &Eovdc Tov elvar wapdihnhog wpbs T xopdh ol T6-
Eou abrol.

719. Né Ppefei & Syxoc iic opulpag g éyyeypappévne oé ®0Bo pé dnph a.

720. Nd Bpebei & Byxog T opalpag tiig meplyeypappévng of xifo pé dxpd a.

T21. "0 yxog ueds opaipag looltar dpbuntind pé v6 duBads péyLoTou xUKAOU TYG.
Né Boefet # duriva xal 6 Syxog wHe opalpas.
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722, llreg elvae % dxsiva Tie opalpxg, mob & dyxog g loubra dpbunTind pé 6
tpBadé the impdverds g ; X

723. Nit PBpefiel & Syxos apalpag dyyeypappéms o wihwdpo mol Eye dxriva Pd-
gews R.

724, Nk Bpebet & Syxog wic opaiprg dyyeypapuévng of xavo b bmolog Eyxel doeriver
Bdoews a xal Gog Ba.

725. N4 Bpebei b Syxog opaipixod Saxtualon, v § yopdh 7ol w65ou mob Tév TapdyeL
elvae {ov wé THY Theupd Tob Eyyeypapuwévou Tetpayavou of péyioTo whixho Tig apalpag
dnrivas R, mvid & ¥Eovas meprotpogiic mepvder &mb T6 Eva dwpgo Tig 70p875.

726, 3¢ wid oguipx mod Exer dutiva R gépvovue xopdh AB ndber at6 péoo THe
durlvag OT. N Bpebei & dyxog ol Saxtuhlov mob mupdyeton dméb <6 wnwhixd TR ol
Eyen yopdh v AB xal otpépetar yigw dr’ wbv dfova OI1, mapdirnro mpée whv AB.

727. N& drmodeiyBel bt 6 fyxog opapiwol Tuhuatos pé wd Bdan elva Toug pé
mh*R — —1— rh?, &mou R clvar % dxslva e opalpag xxi h 6 dgog Tob GPALPLXOD
TUARETOS.

728. £ opuipa pé dxtiva & em gépvoupe Bho mapdhinioug wixhoug mede T6 [Bo
wépog Tob évrpou xai wé Buxpéspous Tls mheupés Tob Eyyeypappévou Tetpaytvoy xal Tob
Syyeyoapuuivoy wavovinod Eaydvou of péyloTo xinho. N Ppelel & 8yxog 7ol oympat-
Zhpevou anmpiwal TuApatos xal 6 Eubadé g opaipixic Lawme Tou.

729. N# Omohoyiotel & 8yxog T@v 30 opaipkdv TUMpATwY, OTd bmola Sropelivat
opaipa dth nimedo mod dméyer dmé 76 wévtpo dméataoy lon pé 153—

730. “Av V, elvar & Sywog wis opuipas, V,y & dyxog 700 TeplyeYpaLpEvoy XUAiv-

Bgou, V, & Bywos Tol mepuyeypapuévou lodmheugou xdvov, V' dmoderyOel bru: % =

= % =z % . 'Eniong vé droleiyfel ém pé iy B oyéom ouvBéovta wal ol Emupaveres
E,, E; E; 1@v [8uov otepeiv.

711, Kuruede topéas 600 pé dutiva p otpéperar yhpw dmd wid dxpate dxtiva Tov,
Né Ormonoyiotel ) Emigdverx xal & Hyxog Tob wapaybpevou otepeod.

132, KoPog pé deuh a yewileran dnb loeg apatpes Budperpou alv, v=1, 2, 83...
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