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BIBAION A’

H AATEBPA KAl Al AATEBPIKAI TTPAZEIZ

KEDAAAION |

‘Opiocuos ths "AAyERpag. Tlotnue tdHV deTindv
®xi TAV apvnTIxdv api@udv.

1. "Eav elg Eumopog &md Thv mMdAnoiv PBoutlpou éképbdioe
1000 dpaxudag, &mo & v mdAnov tupod Exaoe 300 Spayudc,
TEMKOC &md Ta d0o aldta £idn éxépbioe 1000—300=700 &pa-
XHag. "AAN éav Exave &mod 16 Boltupov 1000 Bpayudg, Eképdile
8¢ &amo 1oV TLPdV 300 Bpaxudag, TEAMKGOG Ba Exave 700 Spa-
Xpée. "E&v 82 u&cg elmovv yevik®g, 81 6 Eumopog oltog &md 1O
utv Ev eldog éxépdioev a Bpaxudg, &md 8¢ 18 &Alo Excxoe B
Spayxudg, ik va ebpwuev, E&v éxépdioev fj ELnuiLdon, tpénel Tp&-
Tov v& E€eTGomuey, olog €k TOV &pBudv a kal B elval peya-
Aotepog. Kal, éav pudv elvar o> B, 8& efpwpuev, 811 obtog ékép-
dioev (x—B) dpayudag, ¢av 8¢ elval B> a, B8a elpwpev, 811 Exaoce
(B—a) dpaxudg. BAémouev Aoimdv, 8t elg ta mpoPAfuata el
Ta Odmola Bidetal 10 képdog kai 1 Lnula évég éumdpou kai n-
teltar va elpopev, &v TeAMk®dg éxépdiloev § £{nuidln oltog,
Exouev dlo mepimrdoeig. "Hrol tiv nepintwoly katd v dmolav
kauvouev TNV &palpeov a—PB, OmoTe 10 E€aybuevov elval kép-
Bo¢ xal Thv &vriBetrov mpog adTiv katd v émolav k&uvouev
v &oaipeov B—a, ombte 10 £€ayduevov elvar Lnula.
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2. AAN é&av Bla va Abowpev TolaDta mpoPAfuocta d&v
elyouey avdyxnv va mpocéfwuev, molos éx tdv dotPudv a xal
elvar peyaldzepog, &AN" NduvaueBa va ebpopev 16 InTobuevov
Sia tfig ékteAfoewe ul&g kal 1fic avTfic Mp&lewg, m.X. TAG
apaipéoewg a—P, | AdoIg adT®V B& fjto lov) yevixwréea, BLOTL
&vtl 0o mepimtdOoewy B& elyxopev plav, kal 2o0v) dnldovoréea,
BLoTL &mo 1o EEaybuevov Tig mpaEemg pévov, kal xwplg va xpn-
owpomolfjowuev Aé€elg R ppaoelg, B& évooloauev &uéowg, &v
100TO Qavepdvy képdog §j Inulav.

3. ‘'Oplopog Tijc 'AAyERpaxg.— Q¢ duvaueba va ovunepa-
vouey 4md T& Tponyolueva, ) &ptbuntikn d&v Alelr ta Intni-
patx &nl TV &plBudv yevikdtepov” olte && £v yEéveEL ¥Xpnot-
poToLlel yevikag pebédoug dia v Adowv adtdv. "AAN" 8,11 Bév
dOvatal 7 &pLBunTikr, To &mTLuy)&VveL i} &AyeBpa. -

‘H "AAyeBpa elval yevixn dotuntixny doyoAouuévr HE ToUg
&plBuotc kal Ta & alt®dv Inthuata. AVel & adta UE yevi-
Kag uebédoug amAolotepov kKal yevikdiepov. [Ndg 8¢ émTuy-
Xaver tadta, 8a Bwpey elg T& KatwWTépw.

T

4. "Alyefpik& oVuBolax.— Elg v &AyeBpav (dg xal elg
™V &plBuntiknVv), dld v& YypEP®UEY OUVIOU®C TGC OXETELS HE-
Tafd TOV &plBudv, xpnoipomoioduev cvupoAra fi onueia. Elg
avthv al mp&felg &nl 1OV &pBudv kKal al petald adtdv oxé-
gelg lodtntog kal &viodtntog onuewodvial dia TOV adT®V on-
pelov, did t@Ov dmoiwv onueodvrar kal elg TV &pBuntikny,
fitoL dix t®V +, —, -, }, =, = KIA.

’Entlong Si& va kataotion 7| &AyeBpa to0g¢ cuAAoyiopolg
&mAovoTépoug Kal YEVIK®TEPOUG, XPToLHoTolel cuviiBwg TS
yepduuata 100 &Apapritov, Tpdc mapdotxoly TOV &plBudv.

“Otav ol &piBpoi dlagpépouvv petalld Ty, Maplotavial dia

|  Blapbpwv ypapudtev, TX. «, B, Y. 8, kTA." elval & pavepdv,
| 8t elg Bv IATnua ExaoTov ypduua maptotd Eva kal tov adTdv
&pLBudv.

j Znueiwoig. To ywousvov dvo aplBudv o kal B fj Ttdv 5
' kal B mapwotdupev ©¢ £€fc: af i 5B. "AAAG TV mMap&oTaoLy
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abtiv B&v duvausba va petaxeiplodbuev, Stav auedtepol ol
wapdyovteg elvalr &piBuol, BiéTL td yivéuevov 1.x. 7 éml 5, éav
ntapacTabifj did Tod 75, guyyéeTtal pt oV GplBuodv 75.

5. ©eTixkol ki GpvnTikol GptBpoi.—"Ev &and 1a alta
Sia t& Odmola 1) &ptBuntixkyy Sév ddvatar va AdR ta édnl TtdV
GpBu®dv Inmuata kal yYeEVik@Tepov elval, 8ti elg adtiv i) &oal-
peotg dev elvar mavrote Buvarh. Il x. M &paipeoig 5—8 Bdev
SUvatal va yivn, O6Tt B&v Omdpyel &piBudg, 6 dmolog, Stav
npootedf elg Tov 8, va bidn &Bpoloua pikpdétepov 100 8, fjtoL 5.
"Emiong 8¢ xal 1 &paipeoigc 0 —1 B&v elvar duvarty, bidTt dév
Ombpyer &plBudeg, & dmolog, Stav mpootedfj elg v 1, va 8idn
&Bpotopa 0. "Ev® elg v &AyeBpav n&oa &oalpeoig elval du-
vartf. ZvpBaiver 8¢ to0to, BidTt altn elokyer véovg dotduods.
"AAN Btav elodayn véoug &piBuodg mpolmoBétel Ta £€fg : Ol
véor dplBuol peTa TOV dxepalev Kal 1OV KAaouatk@®v va &mo-
TeEAEcovy Ev YEVIKDOTEpOV glbotnua &plBudyv, elg 10 dmolov kal
N &paipeoig va yiveral maviote, kal va dScaznondody dval-
Aoiwzot ai dpxixal iSitdzmres TV tecodowv medfewy xal tijg
{oéTnros.

6. Aik va yivn Aoimov 1) &eaipeoig 0— 1 duvarty), Tpémel v&
Onapyn elg apbudg, 6 6molog, Stav mpootedf elg v povada,
va 8ibn &Bpoiopa 0. Towobtov &GplOpodov dexdueba, 8t OTT&pyEL
ftot Beyxb6ueba plav véav povdda, 7 dmola, Stav mpootTedf
glg v 1, va 8i(dn &Bpowopa 0. Afyouev 82 v véav adtiv po-
vada dvrideror Tfic MpdInge kal TV maplot®uev ¢ EERg:
—1, fitot v maplotduev ué 1o (dlov gvipBolov Exov pd adtod
10 onuelov —, Brnhadn dexbpeba, 61t 0— 1=—1. 'Emiong, dia
va elval Buvath 7 &oalpeoig 0—2, dexdueba &1L OMépyel elg
dpiBudcg, 6 dmolog, Stav mpooteli elg Tov 2, va 6idn &Bporopa 0.
Aeyouey Be Kai toOtov dviiBetov 7100 2 Kol TOV TAPLOTOUEY QG
£Efjg: —2, fjtoL Bexdpeba, &1L 0—2 = —2. Kal &ix va elva du-
vat t&oa &dpaipeoilg dexdueBa b1’ Ekaotov &plBudv Eva &vtlBe-
Tov, Wote ol dBYo Suod va Exovv &Bpolopa 0, kal 10V dmolov ma-
protduev ué 16 adto obpPorov —, Exov Tpd aditod 10 onuelov—.
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Obt® 1dV &ptBudv

1 2
< i a5 Hee = 0,25
&vtiBetol elvar ol
1 2
_3| '_5' _T|_T|_0.25-
Emopévag elvat
1 1
0—3=-—3. 0—5=—=25, 0——§~=ﬁ*—¢2— K. 0%
‘Oupolwg elvan
soipisgl iR S S ey i G e
§ 2 O e ? 2 e e S T
s sps T (Tﬁ"?)*“v—ﬁ'o B i

7. Todg véoug &piBuotig, ol émolol Exouvv TPd abTA®Y 1O OoN-
puelov —, kaAoDuev devnrixods, TOoUC H& mMpoUmapyoviag Pert-
x0vUg. Ol BeTikol &pLBuol ypagovial mpog diaxpiotv kal pé 16
onueiov —+ (oOv) mpo adtdv. Olitwg 6 BeTikdg &pLBudcg 5 ypadpe-
Tat kai 4+ 5. Of Betikol kal ol &pvnrikol &piBpol &moreiodv 10
cbotnua T@v BeTik®V kal TV dpynuik®v &piBudv. Eic adté,

dmwg ol Betikol &piBuol yivovral ék T®V BeTik®V povadov
Loiaedty e ol

I 14 i L = 3 gatod 4

oftw xal ol &pvnuikoli &piBuol yivovrar €k 1OV &vriBétV
] 1 1

2T TR I R

ai omolal kahoOvrar dGpvniikal.

povadwyv —1,—

Elvatr 82 d&g &d&yOnuev
(+-1)4+(—1)=0
(F5)+{—5)=0
(—{—%)—_{-—-—;——):0 S e o o
Znueiwoes. Eig v elpeov 1OV véwv &plBudv obdnyn-

Bnoav amd 16 £E&Rg:
[MNoAAa mood pg ta 6mola &oyxoAeitar &6 &vBpwmog slval
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avrifera. Il x. x€pdog kal Inuia, mepovoia kal yptog, al elo-
np&eg xai al mAnpwual, tag émolag k&uver taplag Tpamé-
Ing. 6 &vepynTikdv Kal 1O Tabnuxdov évog éumédpou k. &. Elg
altda 8€, ¢ m. Y. elg 10 xé€pdog kal v {nuiav, mapatnpoduev
1o £€fg:

"Eav m. x. elg Eumopog kepdloy plav dpoyurnyv kal Emelta
x&on ulav dpaxunv, Telik®dg olte éxépdioe timote, olte &ln-
wden. "Hrot, &v elg v plav dpayunv képdoug mpooted | Inuia
wag dpayufic, 16 &€ayduevov Ba elvat 0. "Opolwg, Eav elg tag
d0o dpayudg képdoug mpootedhi Lnula dvo dpayxudv, té EEayo-
uevov Ba elvatr m&hv undév K.o.x.

8. 'Opdonpot kxi Eérepdonuot &pLOpoi.—"Otav 8o &pt-
Buol Exovv 10 aditd onuelov Aéyovial dudonuot, SANAWG AEyovial
£ézepdonuor. Obtwg ol &piBuol — 3 kal — 8 elvar dudomuoy, ol

B¢ + {:’—Kc:'t — 8,5 elvan étepdonuot.

9. "AmérvuTOog TLUT &plBuob.— Eav &piBuod tivog dpalpé-
gwuev 1o Tpd adTol onuelov, mpokUMTEL dpiBudg, BoTic AdyeTan
dndéAvroc riuny ad1ol. Ot 100 —7 &mdAvutog tiun elvar & 7
kal 100 —+7 fj toD 7 &ndivutog Tun elvar & 7. Enuetodtal b&
obtw: | —7| =7 xal |7|=7. AnAad ol Betixol &pBuol elvar
ol abtol p& Tag &MOALTOUS TIHES TWV.

10. "loot &pBpoi.—"Ioot Aéyovral Blo &piBpol, Eav Exouy
16 ad1d onuelov kal dmoAvTtoug Tiudkg loag.

KEDAAAION Il
Mpafeig éxi TAV BeTixdv x&xi 1AV apvnTIXdV apidpav.

11. MpodoBsoig.—'H mpdobeoig opiletar dnwg kal énl 100
guotThuatog TV dxepaiwv xal TGV KAaopatik®v &plBudv.

a’) "Eotw, 81t Béhopev va elpouev 10 &GBpoloua 1dv &pl-
Budv + 4 kal +7° &N elval pavepdv, St 4 Betikal povadeg
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Kal 7 Betikal povadeg 8idouv &Bpoiopa 11 povédag Betikdc,

e, ()4 (+ D =(+11).
‘Opoing ebplokouev, 811
(=) (T ve— =i
s
w R

B’) "Eotw 1idn, 81t Bélopev va elpwuev 10 &Bpolopua TGV
Etepoonuwy &plBudv -+ 5 kal — 7.

TANA S ) B e e e 5 = G o e
xal &meildn (+5)-1 (==5)=—0
Enmetal, St (+5)+(—7)=—2.

‘Ouolwg edpiokopev, 811

A+ D=8+t 5 +2)—F2
w@ () ()= (- B+ B) -
—(+ )+ B)H (B2

12. ’Ex 10v &votipw guvéyouev, 8ti

1°¥. To dPgotoua So duocrjuwy dordudvy slvar Sudonuov
7eogs avrovs xal Exst dndlvroy Tiuny 10 dPootocua 1@y droldtcov
TLUGY TV pooTetéwr.

2%V, T'6 dPgoitcua 8o frcpoorjuwy dotdudy slvar dudonuov
mpdg TOV mat dndlvrov Tiuny ueyalvregov EE avrdv xal Eyxec
dndAvrov TiuRy v Siapogdy TEY dnolvrwy TLUdY TV TEOG-

Peréov.
"Evialffa mapatnpoluev, 811 1) Evvola tfic meooPéoews Exel

petaxPAnén” Ev 82 &Bpoiopa B&v elval mavrote upseyalltepov
EkdoTtov 1OV mpooPeréwy,

Znuelwois. 'Eav 6 elc 1®v dbo mpooBetéwv elval 0, 1o
&Bporloua elvar & &AAog mpooBetéoc.
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'"Aoxnfjoets.

1) N& ebpeBobv 1& &Bpolopara:

V) (+8)-+(+9) ) (+3)+(++)
(—8)+(—9) (—3)+(—%)
(+8)+(—9 (+3)+(—%)
(—8)+(+9) (—3)+(+%)

2) ‘Opolwe v edpeBodv t& &Opoiopata:
(++7)+ (+10) V (—2p)+(+15)
(—13)+(—7) V(=93)+(+7%)
(— 25)+ (4-16) /(=104 (+55)
Y (57 (—100) ) (4-3,15)+(—2,50)
)/ (— 100) 4 (+21) ) (2.125)+(—4.625)
(+64)+-0 v (—0,36)+ (—1,2)
0-}=(=57) v — - 2.75)
(+3)+(—=%) v (+6,8)+(—3.975)
(DH(-3) VoD
VD42 L esat(td)
(33 (B

13. MNpbdoBeoig bowvdimote &ptdu®@v.—"Otav ol tpoobe-
téot elval meplogdrepol TV Bvo, MpooBéTouey Bradoxik®dC KaTa
ogelpayv toUg mpooBetréouvg ©¢ p&g didovral.
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MN.x. dia v& ebpwpev 10 &Bporoua
(+8)4(—5)+(+12) 4 (+ 18) 4 (— 13)

épyaléueba g £EfG :
(+8)1+(—5) =143
(+3)4+(+12)=-+15
(+ 15)+(+18)=-}-33
(+33)+(—13)=-+420
&ote elval:

(+8)+(—5)+(+12) 4 (-+18)+(— 13)= -} 20.

14, ’1816tTEQ THG MPooBLoEWG.— To dvewtépw Bobiv &-
Bpolopa ntapatnpoluey, 81t &ToTEAETTOL &TTd 38{=(-+8)+(+12)+
—+(+4-18)] Betikag povadacg kal &md 18[==( —5)4H(—13)] &pvnuixéc.
Al 18 abtal dpvnrikal povadeg 6uod ué 18 Betikac (&x TOV 38)
5(douv &Bpotopa 0. Elvar 8¢ pavepdv, 811 yiverar 1o0t0 K8’
olavénimote t&Eiv kai &v A&Bwuev ToOG MpooBetéoug Kal £mo-
péveg 10 &Bpoloua toVTwV elval waviote 20 Betikal povédeg.
“Qote: To ddgoioua molddv dotdudy dév merafdilierar, Sray
dlidEwuey v tdEwv 1@y mpooPerécov.

15. BAémopev Aowmédv, 8t 1§ doxixy i8itérnc Tijc ;wpooPécewc
Jiarnpeivar xal el td cvornua 1dy Perixndy xal dovnTixdy dot-
Budv. ‘Enouévg dindevovy xal did rods véove dpiduovc xal
Glar al EAlat i8i6tnreg 1iic mpooPéoews. Olitw mpog elpeoiv
100 &Bpoloparog MOAABV &pBudv duvaueba va épyaldueda
®¢ palvetal elg & k&Twb mapadeiyuata :

1) (+9)+(— N+ (+3)+ (— 15) - (+ 6)=
= (+-9)H+3)H(+6)H—T)H(—15)==(-+18) 4 (—22)——4
2) (g ) H—2H(—F)Hn=(+F )+ (—2)—15

16. 'E@appoyi) eig 1OV mpakTikdv Biov.—'H épapuoyn
1fi¢ MpooBéoewg TAOV BeTik®V kKal &pvnuk®v &pBudv el Tov
TpakTikov Blov elvar cuviBng. Awétt ol ocuykekpiuévor &pLBuoi

Wneiomoir|Onke amé 1o lvotitouto Eknmaibeutikng MoAmikrig



13

TPOKUMTOLY &To TTV péTprnoly Moocdv’ &AN’ OTM&pyoLY MOoOA TA
Jomola émbéyovral &vrtiBeolv, TjtoL Exouv Blo popag aviiBétoug.

meaﬁta mooa elval m.X. 10 kK€pdog kal i} {nuia évog éumdpou,
n Beppokpacia i &vwdey xai 1) k&twlev 100 undevédg, N xpovo-
royia i m.X. xai § u.X., f xivnoig énl edBelag ypauphc € &pt-
"mpﬁv—rrpﬁt:‘rﬁ"‘é“e'&d Kal €k BefL@®v mpog Ta &plotepd, 1) Ki-
vnoig éwi edBeixg dslia #| &piotepd, €vog onueiov 16 Omolov
Aaupaveral ©g &pyn k.&.

Al 8Aa B2 Ta Tolabta mood Bexdusba xard cuviiixny,
fitor cuppwvolpev, o £€fc: Ol &piBuol, oi 6molot mpokdTTOLY
amnod v uétpnolv Suoeldd®v Moodv, kKai 1a dmola Exouv ulav kal
my a0tiv ¢opdv, mapioraviatr B’ &piBudv Suoofuwv, T.X.
BeTik®v, 6moTE, STav Exouv Talta THv &viiBetov gopav, Ba ma-
plotavialr Siax T®v avubétov &pibudv. Ofte m.y. &€av 100
dpaypai képdoug mapaoctaBolv dia tod 4-100, f) Cnuia tdv 100
Spaxudv 8& mapxotabi] dia TolG —100.

17. Kata tabra, av Eumopdg tic £xépdioce katda mpdrov
5000 dpaypag kal Emelta Elnudon kata 1000 Spayuag, 10 TEAL-
kv Eé€ayduevov elvat 16 &Bpolopa (5000 dpy. )-+(—1000 dpy.)=
=(-+4000 Bpyx.). BnAadn képdog 4000 Bpayuai. ‘Opolwg, &av
Badiln tig énl evBelag ypaupufic AB defia kal ta daotiuare,
& dmola Braviel, TaPACTHOWUEY DG BeETIk®V &plBudv, Ta TTPodg
1 &ploTEpa SLaxoThjuara, Ta Omola TLXOV B84 dravdon, Ba ma-
paotfjowpev B &pvnuxk®v &pOudv. Obtw B¢, éav &veyodpn-
oev obtog &mnd 1O onueiov O 1fig edBelag AB xal éxiviBn 8o
XtAdueTpa mpog Ta Befia kal katdmv Tpla xlAdpetpa mpdg
Ta &ploTepd, 1) TEALKY) &mdoraoig abtod kal 1) Béolg &md Tfig
&pyfic 6a Beikvietalr OMO TOoD &Bpolopatog (-2 iy )H-(—3
xihu.)=—1 xtAtduetpov" fitor. oOtog eVploketal 7idn d&plotepa
i &pyfic xal elg &nbdoraoly £vog xlAopuétpou &amod tadtng.

Znueiwots a. Kata tabia Aowtmdv 18 mpdBinua tfig
§ 1 &vayetal elg pyiav mepimtwolv kal 8a Avby dia piag pdvov
wp&fewcg, fjtoL Tfig MpooBioewg TAV a kal B, §mov & a elva
Betikdg &ptBudg wai O B &pvnrikdég' €k ToD &Bpolopatog B&
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8a ovunepavouey, éav 6 Eumopog £Exépdloev f Elnuiden xal
moéoov.

Enueiworg B. Yunhpyouv mood, T& dmola Hév Embé-
Xovtal avriBeoiv, 8nwg m.x. elvat al Hpal Thg fHuepnoiag 2p-
yaolag €vég Zpy&tou, 1| xwpntikétng €vec Bapehiou, § HAkia
£vog &vBphmou x.& Ta totalta mood mapiotavialr m&vrote
BLa BeTikdV &plBudv.

'Aexfosic.

3) Na& e0peBolv 1 &Bpoicuata :

N (+-5)-(4-9) -+ (-+13)-(+-8)(+25)(--34)
V(—7)H-(—2H-(—10)4(—6)+(—12)4(—18)
J (—2) 10+ — 8)(-+9)+(—11)
Y (F6)4(—23)(—17)-+(-+45)-4(—50)4(-+55)
V' (+2,6)4(—1,4)+(—3,8)+(+1,8)+(4-0.8)
'f' (*2.25)+(—3.5)—H-|—8,125)—{—(—9‘375)—!—(——15)

¢ (R H )

v (b2 R 1 e

4) N& mapaotfioste &ik Benxév Kal dpvnmik®v &plBudv
Tag Bepuoxkpaciacg 137, 8°, 11“—— T&C Gvwbev ToD undevog xal
Tag 2°, 5° 6° 1ag k&TwOL 10D lu]ﬁevéq

5) Al xpovoloyiai 200, 350, 500 n.X. xal ol 1912, 1936,
1940 p. X, v& mapaoraboly bia BeTik®V kai &pvnTik®V apLBudv.

6) 'Edav A&Bopev O¢ Gpxniv 100 Xpbvou TRV peonupplav
Hiag fluspac, Sia molwv &pBudV B& mapaoctabolv al &pat
8, 92. 11—— Y. kat al dpat 1, 4, 8 p.u. Tfig adTfig Nuépag ;
Kai dia T[O!.OU &piBuold 64 mapaotalf 1) dwbekdatn peonuBpiva ;

Wneiomoir|Onke amé 1o lvotirouto Eknmaibeutikng MoAmikig



15

7) ‘H @epuoxpaoia fuépag Tvog {10 KaTd TIva OTLYURV
—3° K. Meta tivae dpag 1) Beppokpacia 1fig fuépag avtfic no-
&non xata 9° K. NMéoovg BaBuovg £deixvue 16TE T BepuduETPOV;

8) “Ev &epomA&vev &vijABe kat &pyag Omép v yfv elg
Spog 1800 pétpov, Ensita katfjABev €k 100 UyYoug alditod kKata
600 pétpa. Katémyv &vfilBev xata 850 upétpa, katfiAbe maiiv
katd 700 ufétpa kal téhog &vijABe xatda 450 p. a’) Na nmapa-
otfjoeTE TAg &vodoug kal xaBodoug 100 &epoTAdvou Sia BeTt-
K@V Kal dpvnTik®v dplfudv kai B’) va ebpnie did 1@V &plBudy
ToUT®@V TO TEALKOV OYog 10D depomAdavou.

9) "Eumopég Tic Exel 10 mwoodv t®v 10000 Spy., OToAoyilet
B¢, 81 dgeirel elg Biagpbpoug 3250 bpy., 4600 dpy., 1050,50 &py.,
kol 5425,75 8pyx. TolD ogeilovv Buwg &Ahou 675 dpy., 2140,50
Bpyx., 6750 Bpx. xal 3500 Bpx. N& mapaxotfioete todg &piBuovg
a0To0C Bik BTGV wal dpvnTik®V &plBudv kal Enetta va ebpnte
wéoag dpayxuag Ba Exn.

10) "Eumopédc 1i¢ Omoloyile, 81 o¢eirer el dagpdpoug
1723,50 dpy., 2945, 308py., 54. 2,75 dpyx. kai 7015 dpx. Tol ogpel-
Aovv Suwg 1300 Spyx., 2500 dpyx. xal 418,40 dpy.” Exel B¢ elg 10
taueiov touv 8000 dpy. "AdoDd xavovioy Bloug Tolg Aoyapiax-
ouolc tou, wola Ba elval /) XPNUATIK] TOU KAT&OTAOIC

v' 11) Kivntév 11 xivobpevov émi e08elag ypauufic ¥’ x &vayw-
pel &mé Tivog onuelov adtfic A, ¢Baver Emelta elg 16 onueiov
B, Eneita elc 10 I kai téhog elg 16 A. "Eav ol dpdpot elvat AB =
=4+ 7 u., B[ = —5y. kai TA= - 14, wolov elval 10 &Bpotoua;
Kal moia elvar § oyetikd Béoig tdv onueiov A,B.I kal A mpodg
GAANAQ ;

{ 12) Kivnrédv 11, dvayopfioav £k 100 onuelov B edBelag tivég,
€¢pOaoev elg 1o onuelov A, Emelta elg 16 I' xal téhog el 10
A tfig adtfic e08elag. "Eav ol dpduot elvar BA =18 u., Al =
= —18pu. xai FA=-435pu., néocwv uétpwv elval & dpdpog
BA ; MNoia elvat | oxetuxy Bfoic tdOV onuelwv B, A, T kai A
mpdg GAANAQ :
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18. '"Apaipeoig.—'H &¢aipeoig dpiletan 8mwg kal gl 16
obotnua 1OV axepaiv kal TV KAaouaTlk®v &ptBudv.
"Eotw, &1t Bélouev va &oaiptowpev &md 1OV GplBudv

—+ 11 tov + 5.
"AAN eTvan (+11) — (+5) =(+6),
SidTL (+6) +(+5)=-+11.

"AXN’ fibn mapatnpoluev 81t, £av el T& péAn ThC TEAsuTalac
lo6tntog mpooBiéowuev TV — 5,
0& Expey (- 6) (- 5)4(—5)=(+ 11)--(—5)
fitot +6=(+11)+(—5).

‘Opolwg, av v dlagopav (+ 11) —(— 5) TapaCTHODUEY
Bia 8, B& Exwpev B4 (—5)=-+ 11. 'Eav 82 elg dupdrepa ta
uéAn tijg lodtnTog a1 TpoogBéowuey 1oy -5

0c Exwuev 5+ {(—51 (15 =11} =15

fitol &=(+11)+4(+5)=-+16.

Kai mpaypatt, 861t (- 16) - (— 5) = - 11.
‘Opolwg elval ax—(+B)=a—+(—B)

BiéTL a4 (—B)+(+B)l=a«

Kal a—{—Bl—m{ (=)

BLéT ai+(+B)+(—pP) =«

"Ex 1@v avotépw BAémouev, 8T V) depaloeois dvdysrac sic
v npbodeory. Edgionerar 82 1) dirapoga dvo doitPudv, Srav eic
10V pueiwtéov moooPécwusy tov dviiderov 1ot dpatpsriov.

Obrwg elvar: (-6)— (- 8)=(+6)-L(—8)— —2
(—)—(—9)=(—D+(+9)=+2
(—5)—(+6)=(—5)+(—6)=—11

(+3)—(—O=(+3N+(+49)=+7.

HHagazneioete. 1) 'Eviadba Taxpatnpoluey, &1L 1| diax-
Pop& BVo &plOudV bév elval mavrote ulkpoTépa ToD pEL®TEOU,
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2) 'H diagopa 0 —(— 7) looDtal katd T& GVOTEP® &
O+ (+7)=+7

xal 1) Biagopa 0—(+4)
elvat 0-+(—4)=—4.
Talta 8¢ ddvaviar va ypapodv ©¢ £Efg:
—(—7N=+7 —(+4)=—4
D =+7 = =—4

y Snpeiowoic a’. "O &pBpodg o elvan Toog pé tov +a. O
&vriBetog 8¢ 100 a elval 6 — a.

“Qote éav a=—-+5 1t61€ elvar —a=—(45)=—5
wal £av a=——8 =» » —a=—(—8)=-+18.
“Qote ol &pBuoi —a, — B, —y kTA. DBEv Tpémel v& Aap-

Baveaviar &opaAdg ©¢ dpvnrikol. B& elvat & tolodrol, &av ol
&vtiBetoi TV a, B, y ktA. elvar Betikol. "AAN" éav ol a, B, ¥
k1. elval &pvnuikol, 161 of — a, — B, — y xTA. elvar Betikol.

Znuneiwoets B°. ’Ex 1fic &ve mapatnpfge®g 2 ouvaye-
Tal, 81t o onuela diadoyika looduvapolv pé Ev pbdvov an-
ueiov, T® omolov B84 elvan -+, &av t& dvo onuela elval &ugpo-
Tepax |+ i duodtepa — E&v Buwg T& dlo onuela elvatl avilBetq,
toobuvapolv ué 1o —.

'"Aoxifoets.

13} Na yivouv i &paiptoelg:

&) (+25) — (+ 12) e
V 29— (—12) i e e,

e U3
Vo (—25)—(+12) (—3)—(+=)
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14) "Opolwg va yivouv al &paiptoetrg :

(+-28)—(-}- 18) (—2/6)—(—1,2)
L —619) V. (+32)— 029
(—34)—(+13) | (+0,04)—(—1.6)
) (—48)—(—15) (— 3.63) — (+5,875)
2)-(+3)  veosm—(—2)
(9-(-3) s (reR)—csm
Vi) —(+ (—1.75)—(+23)
(o) (+03) v (+9d) 1
(—75)—(—32) v (—08)—(—3)

15) ‘H éAaxlotn Beppokpacia fuépag Tivec fjito —2.,5°, §
8¢ ueylotn - 17,6° TNéon elvar 1) Siapopa Thc élayxiotng adrfic
Bepuokpaociag &nd Tg ueylotng kal émouévwe méowv Baludv
fito 1| adénoic Tfig Bepuoxkpaociag kata v Auépav adTiv:

16) Elc 2py&tng &mwd 18 fuepopioBiov uiac nuépag EmAn-
pwoev &v ypéog 25 Bp. kal 1ol Eusivav 85 Spaxpal. Na wapa-
oToeTe TO0g &pLBuolic altolg Bid BETIK®V kal &pvnuxkdv &pt-
BudV kal katémv Bk 1AV &pBudy 100tV va ebpete 1o Hue-
poulodiov tfic Yuépag altfc.

17) "O loohoyioudg éumdpou TIVEC KaTd v &pxnv Erouc
TLVOC Gopfjke TtaBnTikdv 4850 Spayudg, elc 52 16 TéAoc 100 altod
Etoug &ofikev Evepyntikdv 35150 Spx. Na £0pebfj 1d xépdog TOD
gunbépov kata 16 Etog TodTO, @¢ &lg 16 Mponyoluevov mpéPAnuc.

19. Ze1px npooBéoswy xai Goaxipéoswv.— Egtw #idn,
8t Bélopev va edpwuev 1o E€ayduevov 1OV k&rwb mpafewy :
v (—8)—(—7)—(+9)+(+ 11)—(— 14).
ToDto kata t& &votépw edploketal, 81t elvar Toov nmPoC
10 &Bpoloua
V(=84 D+ (—9)+(H- 1)+ (4 19).
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*AAAG 10 TEAsutaiov T00TO &Bpolopa MaploTdUEV &TAOD-
gtepov yp&povieg xazd cvrdrixny T00C mpoobBetéoug TV Eva
pgeTa TOV &GAlov kal Exactov uetra 1ol onpelov Ttou, fitoL ma-
ploT®uEV altd og £EfG:

L —8L7—9-+-1+414

To 88 &Bpowopa

(+ D+ (— 9+ (—8)+(+18)

YpaPeTal : +7—9—8-118
kol énedn) sic adtd & mMpdrog &piBuodg elval BeTikdg, ypapetal
10010 Kal 7—9—8-+18.

20. 'H dumAf} onuooix t®@v + Kal —. Kata 1& dvotépw
A mapdoraoic 8 —5—11413 —9 §{ dovarar va Bewpnbj
&c &bpowpa THOV dpdpsv 8, —5, — 11, 1113, —9, | &¢
gavepdvovoa Tag Mp&Eelg tfig mpoobéoews kal Tfig &paipéoewg
1&v Bemixkdv apBudv 8, 5, 11, 13, 9, idt elvan, b eldopev:

(+8) — (+5)—(+ 1)+ (+13)— (+ 9=
— (+8) - (— 5V (— 1) (- 13) - (— 9) =
SR e T B o R

“Qote & onuela -+ kai — Exovv dumAfijv onuaciav, fitol §

a’) pavepdvouv Tag mp&elg Tfig MpooBécgewg Kal Tfig &Ppai-
pégewg &nl TOV &pBudv, Tolg dmoiovg ouvbéovy, dndTe ol &pt-
Buol oOtoL Bswpolvral Betikol, {

B') pavepdvouy, Eéav & &piBuodg mpod 1ol Omolov evplokov-
T elvat BeTikog f) dpvnuikdg, &mdte petald TAV Beukdv Kal
16V GpynTIKO®V ToUTEV &plBudv mpEmel V& VONOWUEV 1o a1
ueiov 1fijg MpooBioewg. Tolto BE, &g eidopev &votépw, BEv
mpokahel oUbeuiav obyyuov.

Zpueiwoss. Ta onuela + xal —, Stav €lvat tpd pepo-
voutvav &ptbudv, d¢ + 9, — 20 k1., deixviouv &mnAbg, 8t ol
&piBuoi elvat Betixol fj dpvnrixol.

21. NMpooBeoig &Bpoioparog eig &pBpdV.—"Eotw, St
8élouev va mpooBiogwuev elg Tov 48 10 &Bpoloua 18— 7 —15.
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"ANA& 10 GBpolopa TOV &ptBudv - 18, — 7 kai —15 elval — 4.
“Qote elvau :
48 - (18 —7 — 15) = 48 - ( - 4) = 44.

"ANAG 10 E€aybuevov ToDTo BuvaueBa va elpwuev Kal &g
é€fic: To &Bpolopa 18 —7 — 15 yp&oetrat (- 18)L(—7)+(—15)
T00t10 B2 BfAouev va mpooBéowuev elg tov &pBuodv - 48.

"ANAG kat& THY yvootiv Blédtnta 1fic mpooBécewe &Bpoi-
opatog elg &piBuov Exoueyv :

C1-48) - (+18) - (—T)+(— 15=
=(-+48) (-} 18)}(—7)4(— 15)—48-}- 18 —7—15.
“Qote elvan :

l/ 48 4+ (18 —7 —15)— 48+ 18 —7— 15 (1).
Zuvdyouev Aotmév, 81i: dva va mopooPéocwusy EPgorocua eic doc-
Pudv, Svvdueda va yodyowuev uera toév dotPudy Sdove rove mpoo-
Peréovs oD dPpolouaroc uerd Tdy avrdv cnuciov Towv xal
Enctza va mpooPéomwucy.

22. 'A¢aipeoig GBpoiocuatog &nd &ptBuol. —Eav 8é-
Awpev v& doaipéowuey 10 &dvotépw &Bpoloua &Td Tov 48, Ba
Exoueyv :

48 — (18 —7 — 15) =48 —(— 4)— 48 - 4 — 52
A (+48) — [(++ 18) 4 (— D)+ (— 15)] =

=48 —{+ 18— (—T) — (— 15)=—

=48 - (= 180 T 15)
fToL : 48 — (18 — 7 — 15)—48 — 18 -7+ 15 (2).
2uvéayouev Aowmtdv, 811 : dia va depargéowusy dPgotoua dnd dot-
Puot, dvvduePa va yodywwuev uera rdv dotPudv Slove rode
ngocPeréovs 10D dPgoicuaroc ué dviidera onusia xai Exeira va
mpooPécwucy.

23. ©fo1g kil &poig mapevBéoEwV.— Exk 1@V &va looTh-
t@v (1) kol (2) ouvayouev, 811 &av Bélwuev va Oécwpev &pt-
Bupolg évidg mapevBéoewy 1, Stav elval ¢vtdg mapevBioewy, va
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ypaywuev adtodg &vev mapevlégewv, 8& ypaywuev ToLg &pt-
Buodc pETE TOV adTdV onuelwv Tov éav tpd TOV Tapevlioewy
dm&pxn T® onuelov 4, ug AAAaypéva BE T& onuela &&v mpd
v mapevBéoewv UOmdpyxn 1o onueiov —.
Ob6tw yp&Ppouey :
5—8+3—9=(55—8+3—9)=—(—5+8—3+1+9)
xal (9—4-+-3)—(8+-6—9—4)=—9—4+3—-8—-6-1+9+4.

‘Aoxnoeis.

18) Tac k&twbHL oelpdg Tmpoobioewv kal Gpaipégewv va
ypayne mpdrov &g &bBpolopata Bemikd®v kal &pvnukdv &pt-
Budv kal katdémyv Talta va ypayng &TAoUCTEPOV :

V(- 12) 4 (—9)— (++8) — (— 15)+ (+ 10) —(—6)
Y A—T)—(— D+ (— 1)+ (+ 13)—(—2)—(—5)
— (—20) — (— 32) — (+44) — (— 28) — (- 11)+(12)

19) N& s0peBolv 1a é¢aybdpeva 1OV KE&TWOL Tphiewv:
A e s e e G e o sl bt v
18— (— 95—+ 15) 1)
P (—3)—(—2)(—5)+(+2)—(—3)+(—5)
—9— (7)) 18)—A— 16)—(1 25)- {(—25)
VDD (1)
(e AR
Y —(—0,02)+(—4,27)—(— 1,1) — (— 1,83) — (— 2,5) 5

3 fie) 1
(+3)— =05+ (+ 5 )—(—15)— (=27
20) Na& e0pebodyv ta katwbi éaydpeva :
74 7— 18
e AT Ly
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1
]

T 2
7= aaaiam b
1 2 2
B e e e

— 0,542,251 4,625 — 7,25
—1-+0,125— 0,375} 0,5 — 1,875
21) Na eOpeBolv 1 k&TwhHL EE€aydueva :
35-1-(28 —30—12)
100 — (— 24 49 — 36)
(7+-9—8—12)4(—15+4—7 — 10)
(8—15*~24)-—ﬁ(11—]9—’—13—2)
—(—8+3—7)—(4—6—17-123)
(27 — 12) — (32 — 40) — (— 24 + 50)

}

Elc 106 cbotnua t&v Beik®v kal

24. Mol AaxmAaxoixouocg.
&pVNTIKOY &ptBu®dv 6 MoAhamAaoiaoudédc, 8tav é ToAlamAaoia-

otig elval Betikdg &piBudg, dplletal $mwe kal elc ToUC KAa-
ouatikovg &piBuotic. "Hrol Exopev:

(+5)-(+3) —=CE 91D
(—5). 3 —={—9--5-{{-5)
G —5 —5, —5
(—5)-(—%*4—)37—#7??‘

CEDl ) —a

(D). (42} ==35

25. Znuooia 100 MOAAomMAxolxopuolD G&ptBpod £mi —1.
"H8én uével va EEetaobfj 1) nepintwolg, katd TNV dmoiav & TOA-
Aamiaoiaxotic elval &pvniikdg &ptbubdg. [pdg Tolto Buweg Ba
bplowuev mponyovuévwg v onuaclayv 100 moAAlamAaciaguod
olovdnmote &piBuod &mni v &pvnuikhv pov&da —1, Hote »a
diatnodvrar ai doxixal (8idrnzes to¥ noldamdaciacuo® (6nhabn
N TA¢ &Biagopiag Soov &pop& TRV T&EV 1OV Mapaydvrov kai

1] EMLUEPLOTIKA).
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*AAAG kata iy Bbtnta tfic &Biagopiag, v dmolav dia-

tpoluev, Exousvy wm.y.

-5 D= (—1)} 5)
"Eneldn 52 elvat
(— 1D+ =(—D+(—D+(—DF+(—D+(—1D=—5,
Emetar, 6tL mpénel vaelval kal (+—5).(—1)=—5, fjtoL mpémeL
v& dpicwuev, &t :['d yevduevov doiPuod éxi v dovnrixnv po-
vada —1 eivar 6 aviiderog avrob.

AN 81L 00T Tpémel va Splowmuev To ylvéuevov &plBuod
éni — 1 Bexvietar kal og E€fg:

"Ac A&Bouev 1d ywbpsvov (+5).(4-1)=-+ 5. AAN &-
medy 1= (-+ 2)+(—1), Emerar 811 kal 16 ytvéuevov 100 +5
imi 10 &Bpoiopax (+2)4+(— 1) mpéner va elval m&v 5.
*AANA& 16 ywvépevov 100 -5 E&ni 16 &Bpoiopa (4 2)4(—1)
katd THY EmueploTikiy Bidtnra, TV dmolav Siatnpoluev, elval

=9 GE2) - (- I5)— 1Tk
Tobto 8¢ elval Toov ué 5. _
"Hrot elvat (+—5).(+2)+(+5).(—1)=—+5
f 8+ 9+ HB(—1) =15
*AMN’ Tva 1o mp®tov pfrog tfic lodtnrog adtfig looltal
ut¢ 1+ 5, mpémet va elvar (4 5) + (+5).(—1)=0. Aux va&
yivy 8uwg tobto mpémel 1d ywwduevov (5).(—1) va& elva
&p1Budg &vrtiBetog 10D 5. TowoOtog B¢ elvar pévov 6 —5°

&vaykn Aotmdv va dex8ouev, 8t (+5).(—1) = —>5.
‘Ouolwg, ¢&v A&Pwpev 10 yvbéuevov (—5).(+1)= — 5,
8a Eywusv
(—5)-It+2)+H(— ) =(—5).(+2)+(—5).(—1)=—5
firou (—5)+(—5)+ (—5).(—1) = — 5.

"AAN’ Tva 10 mpdtov pérog tfic lodtnrog avrtfig elvar Toov
pé —5, mpémnetl va elval

f—=5) - {—5k{—1—=0
“Qote 16 yiwvéuevov (—5).(— 1) mpémel va elvar &pBudg &v-
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tlBetog 100 — 5, fjtoL -5 &vaykn Aoimdv v BeyxBoHuev, 8T
(—5).(—1)=-+5. Tl'evik®g 82 &vayxn va elvat a.{—1)= — «.
dmou a elval tuxov &pLBudg.

"Ex to0tou E€movial ta £E€fic:

1) To ywvduevov tijs dovnriniic mwovddoc — 1 Exnl zdv favidy
tns {ooUrar ué v Perixny movdda 1. "Hror

(14— 11— 1.

2) IIas Govnrinds doitPuds elvar ywwduevov oD dvridérov

tov Petinol dotPuod énl v dovnrixny pmovdda — 1. "Hrot
5 P
—8=(+8(-1. —F=(+F)—0

26. Mol hamAaxolxopdg 800 olwvdfmote &pBudv. —Ka-

oMY 1OV dveTépe EYopEev:

(+6).(+5)= +30 fi &mAobotepov 6.5 =— 30
(+ 6).(— 5) = (+-6)(--5)(—1) =—30 » 6(—5)=——30
(— 6).(+ 5) =(+6)(+5)(—1) =—30 " » (—6).5=—30

(— 6).(—5) =(+6)(+5)(—1X—1)=+30 » (—6).(—5)=—30

“Qote: Té ywduevov 8vo dotPudy elvar d yivéusvov tdv
dmodvtwy Tiudy altd®y xal ué ©d onueiov —— uév, &v ol magpd-
yovies elvar dudonuor, ué td — 84, &v elvar frepbonuot.

Znuelwois a'. To yivduevov 8o mapaydviev, &k 1OV
dmolwv 6 elg elvar O, looDtar pé 16 0, fitou elval w.y.

(- 5).0 =0.(+5) = 0.

Znueiwoes . Té onuelov 100 yiwvouévou Bvo &pi-
Budv Aaufdveral kat& 1ov émduevov Kavéva, & dmolog Aéye-
Tal #xavey t®v onusiov. "Htol:

—+ émul - &bl +
= Ry o

e e e

— Rsel

27. 'I516tnTEG.— AgoD 1o ytvduevov 80o &piBudv elvar 16
YLvopevov 1@V &MOAVT@V TLHOV adTdV, elval pavepdv, S1u ) IBis-
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™mg Tiic &blagoplag d¢ mpdg TV T&ELY TGV Tapaydviwv &AnBelEL
kel £nl SAy TOV &pBudv 100 véou guoTApatog. 'AAAG xal 1
Emueplotiky B1éTng &AnBedelr b w.x. Bia 1O yvduevov

5L 73
Exouev (—5-+7).3 =(—5)+7+(—5)+7-+-(—5+7=
=8Bt A—D) - {—59+7-+ 7+7—(45)3—734
firor elvan (—5-+7).3=(—5).3+

'AMN &9oD &AnBeleL 1) lodtng adth, 6& &Anbeldn xal 7
(—5+7)(— 3)=(—5).(—3)+7.(—3)

duéTL ol &pLBpoi (—5-+7)(—3)

Kai (5 A2 4= 8)

elvar &vtiBetor TV lowv &pBudv Tfig lodtntog (1). ‘Emopé-

vaoe kal attol elval Toot.

Ex @&V &voTtépo ovvayouey, 8ti: "Odar al ididrnres To¥
nmollandactacuo®, tdac Omoias Euddousv els v dorduntuajv,
éAnPevovy xal &ni tdv dotPudy tol véov cvorijuaros.

'Aonnoeis.

22) N& eOpeBodv 1 ywépeva

«) (+12)(+9) yi(pg (g
(++12).(—9) vi+5) (%)
V==12)i49) (—%)-(++5)
=9 S abreds
23) Na& eOpebBodv 1a yivdueva:
24.15 (—4%)-1%
(— 35).11 v (—-1%).(— 4—:;—)

v 101.(— 13) 2,5.(—0,4)

(— 225).(— 75) ¥ (—=0,2)i(—0,5)
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(—7).2-2 (—4%—).2,4
: 2%(—%) y (—-0,004).(_2%)
(—1%—).(_3%) V52 (~a,5)

24) N& e0pebolv 1a £€aybueva TOV KATWOL Mpalewv katd
8o 1pbdToUg:

7 (5L Ty V. L2l 6) . (6—5)
(B 1702 6) (=3 RBY D
(-3 7 5y 3—4-5) 6L ¢—2-8B 1D (9
(12375 09511 of =501 3) (- AOY } (54} .(—3)

28. I'wvépevov MOAADY MaxpaxydvT®V.—To yivéuevov ToA-
ABv mapaydviov dpiletar Smwe kal el 160 cbomua T@®v &Ke-
paiov Kal 1OV KAaouaTlk®V &plBudv.

Obte &ia 10 ywvépevov (4 5).(— 3).(— 4).(+ 7).(— 2) Acwu-
Bavouev diaboxikdg

G+ 5).{—3)—-—15,
{— 15).(— 4) —-1- 60,
(+ 60). (- 7) — -} 420,
xad (=400, (~ D)oz gD,
“Qote elval:
(+5).(— 3)-(— 4).(-}-7).(—2)=— — 840.

29. Znustov 100 YyLVOHEVOU MOAADV MTXPXYOVIWV.— AL
(8tétnTEg TOD yivouévou MOAADV TTapaydviwy, 1&g dnoiag éudk-
Bouev elg v &pBunTikgv, &AnBedouv, d¢ eidouev, kal éni TOV
Gplbudv 100 véouv ovoThuatog. ‘Emouéveg &AnBedel kal 1
(didtne tfig dviikataotdoewg. 'Eav Aowwdv eic 1o TpornyoluE-
VOV Map&Belyua &VIIKQTaoTHOWUEY To0¢ BeTikolg mapd&yoviag
(+5) xal (4-7), Ba edpwuev Betikdv yivéuevov 10 -+ 35. 'Eav
6¢ elpwpuev Emelta 1O yivéuevov 1@V Aotmdv &pvnuik&®v mapa-
yévtwv, 16 onuelov adtod elvar ¢pavepdyv, 81l Bev B& &AA&En.
Stav Ba 16 MoAlamAaoldowpev E€ni TOV OeTikdvV Mapdyovia
—+35. "AAN" E86 ol &pvnrikoi mapayovieg elvar tpeic. "Emeidn
8¢ ol dVo €€ alt®v didouv yivéuevov Betikdv, To0TO TOA-
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ramAaoialéuevov £mi tov Tplrov &pvnuikdov mapdyovia O«
Sdon yivéuevov &pvnuikdv, 10 — 24. “Qote 10 SAov ywwbuevov
f& elvar dpvnuikdv: (— 24).(-+ 35) = — 840. "Av Suwg ol
dpvntikol mWap&yovieg fjoav TETOapES, obtoL TMoAAamAaolax-
Léuevol &va d0o B& Eddov yivéuevov Betikdv. “Emouéveg xal
15 SAov yiwvbuevov Ba fito Betikdv. Zvvayouev Aolmoév, B1i:

V' T onusiov oD ywouivov moAldv magaydviwy éEaprdrat
aévov dnd tov dotPudv tdv dovnrixdv magaydviwv kal 1) Elval
o010 Perendy, &v & &plOudg 1OV &pvnTIKOV Tapaydviwv elval
dgvios (| 0). 2) Elvai dgwvnrexdy, &v O &piBudg 1AV GpvnuUIK&OY
napaybviev elval stegirrds.

6. (—7)2(—3).(—6)=—252
(—2).3.(—5).(—4).(—6)=-1720

Znueiwoisg a’. EOplokopev taxdtepov 10 yLvopevov
TOAA®Y Tapaydviwyv, &v edpwuev mpdrov 1O onuelov altod,
dc &ve slmoupev, kal Emeita ebpwuev 18 yivéuevov tdv &To-
AVTOV TIHAV TOV Tapaydviwy.

\,—-" Fnueiwoeg B’. “Orav elg 1OV mapaydviwv ylvopévou
elvat 0, 16 yivéuevov elvar 0. “Otav 82 16 yLvéuevov mapa-
yéviov elvar 0, elg ToOA&XLOTOV 1OV Tapaydviov adtol
elvan O.

30. 18161t Thc ilodtnTOoC.—Edv loovs dotduovs sTod-
Aanlacidowusy Exnl tov adrov detPudv, AauBdvouey ywwiueva
foa. Avatl;

‘Aoxnoetc.
25) N& eOpeBolv Ta yivéueva:
(+ 3).(— 5)(—8).(+2)
(—4).(— 5).8.(—6)
Y (—10)(—2).9.(— 3)(—1)

T S MEONCE
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1 2 5 3
tr a2
(—1)(—2)(—0,3).(— 0,5).(—4)
(—15).6.9.0.(—7,25).125
(—1.5).(— %).1%.(—4).(A0,2)

31. Awxipeoig.—'H diaxipeoig xkal elg v &AyeBpayv bpile-
Tal &g mp&iig &vilotpogog TOD MOAAamAaciacouoD.
"Eote 1) Biaipeoic (—8):(-+4). Td Inroduevov mnAixkov

elvar —2, didTL (—2).(+4)= —8.
‘Ouolwg edplokopev, 1t
(+-8):(—4)=—2 1§ &nAobotepov 8:(—4)=— —2
(—8):(—4)=-+2 H &nrolorepov (—8):(—4)=—2
L/ g “Htot: T'é nnldirxov dvo dotPudv civar td mniixov t@dv dro-

AVtwov Tiudy adrdy xal ué 1o onusziov — uév, 8v oi dotduol elvar
Sudonuot, ué to — 8¢, v ovzor elvar frepdonuot.

32. To mnAikov 100 0 BiaipeBévrog Bi° oloudAmore &AAou
G&piBuod elvar 0, fjtot TS" =0, BTl elvar 0.a=0.

Aira 100 O obbdeic &piBudg dOvatal va Bialpedfi” fitol 7§ Sud
zo¥ O dialgeois slvar ddvvaros. Kai mpayupatt oddeic &pLBpoc

dOvatatl va elvar mnAlkov tfig TolavIng Biaipéoewg, BLdTL T&C
&pLlBuodg moAAamAaoialéuevog énl 0 Bidel yivéuevov 0.

Aoxnoets.

26) Na éxkteAeocBolv ai SLalpégELg :

o) (L5 8 BN(++) - (4+=5)
Y (+56) : (—8) (+ %) : (_ %)
50t A3) (43
50 P4
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27) Na& éxkteAecBo0v al dlaipéoelg:

150: 25 V' 9.0 —1,2)
(—240):(—15) (—3,4):(—1,5)
L/ 216 : (—18) 0,4 :(—0,15)
(—216) : 12 (—O oy (—0008)
iU 2 f - 91) V (—2 5):
1 1
v (—2 %) . (——2 —;—) P 7,4) 8 5
(—1;).1—% ( 2} :(—0,35)
28) Na eOpeBolbv T& mnAlka :
;_.-' 2(—6):(—12) ¥V (—600):2.(—3)(—5)
(—30):(—3).(—5) L 2.(—3).(— 5):(— 600)
5(—7):(— 0,35) (—2)(—9):(—6).3.15
L (—36):(—0,3).(—4) 3:(—0,1).0,03

29) 'Entl molov &piBuov mpénel va moAlamAaociachy 6 —25
Bia va ddon yivéuevov 225; Kal énl molov &piBudv mpémer va
moAlanAicolaxoBf] kabeic TO®V kaTwb &pBudv, dia va ddon
vivéuevov tov &mévavit adT1ol &pibudyv;

: 3

o e 1,6 —0,016

—75 R __:SL 0,12
o1 —4 | {—075 —1
30) Na& e0peBolv 1a éEaydueva 1OV KATWOL Mp&fewv:

(36 —45—18-+-9):9 v (—120):(7 —124+11—21)

(56—64—80 — 120) : (— 8) (+-38):(0220,2)

Y (5—7+3—8): (—) Y 9:(0,05—0,5).
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31) Kuvntév 11, xivobuevov £&w’ evBelag, &vaywpel &mnd on
ueiov avtfic A xai ¢pBavel el 10 B elvar 62 (AB)= 18 pérpa.
Katémy wiveltal &avtibérwg pd taxOtnra 1 pérpou elg 5°. Elg
molav &méoraolty &mod 100 A B& elplokeral TO KIVNTOV UETA
mapérevoly Nuioelag dpag, &P’ fig &vexdpnoev &nd 100 B;

32) Elg 10 avetépw mpéPAnua va eOpebf petd méoov xpd-
vov &mod Tfig &vayxwpnoedg tov &nd 100 B 1o kivnidv, Kivolue-
VOV KaTd TNV &pvnTiknv ¢opdv, B8& slpioketal elg &mwdoraoty
&md 1od A Tonv pg — 12 pétpa;

KEDAAAION 111
Avvausis xaxl epixaxl ididtnreg xdthv.

33. 'OpLoudc.—To yivépevov 5.5.5 Aéyetal dOvaulg tod 5,
16 8¢ ywvopevov 100 (— 5).(—5).(— 5).(— 5) Aéyerar dOVa-
uig o0 —5. Kal 16 yivépevov aaaaa Aéyetal dOvaulg 1ol a.
“Qorte: Avvauis dotPuot Aéyerar 10 yvdusvov lowv wapaydvrwy
TEog oY dotPudy adrdv.

Al Buvéapelg maplotavial Snwg kai elg TRV &plBuntikinv: &
B¢ €xBETnNG adTdV, Katk 1oV dploudyv, elval &pLlBuodg &répalog Be-
TIKOG Kal Byt pikpdtepog 100 2. Obtw ypapouey:
5.5.5—=>5" xat (——5).(—5).(—5).(—5)=(—5)»
Kai aacaa = a®
elval b2 (— 2P =(—2)(— 2).(— 2).(— 2).(— 2).
34. Znuelov t®V SuvapuEwv.— ‘Aol ol duvaueic elvar
yivopeva mapaydvrwv, Emetal 1 (§ 29)
1) Ai dvvaueig t1dv Perindv doiPudy elvar swdvroze Serexai.
Obtwc elvar:
(+2r=48 (+2r=+16 (+2F=—-+32

2) Al dvvducic t®v dovnrixdy dotPudv ceivacr Ferival uév

v
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drav 6 éndérns elvar doriog, dogvnrixal 88, Stav 6 éxdérng eivar
mepirrdés. Oltwg elvar:

3r=—+49, (—3y=——27, (—3)=-}81, (—3y=—243.
VY Znuelwoes. A& — 3= —9, 86t — 3' = —(L-3)'=
=—29. ‘Opolwg elval kal — 3* = —81.

"Aoxnjoecc.
33) Na e0peBfj A devtépa, N Tpitn, N TETGPTN Kail § WEuTTN
SOvaulg kabBevog TdvV &plBudv:
1, 2, 3, 4, 5
oAk =28 3 (—4) (—5)

34) Na e0peBolv 1a é€aydueva 1OV K&TWOL duvapuewy:
(+6) (—6r v —e
10° L/ (— 10p y —10°
W3 -3 D
35) ‘Opolwg T®V duvauewY :
(0.1 02, (— 0,3)
v (—0,02) (0,03)° V(—15)
35) Na& ebpeBobv ta é€aydueva tOV K&1wOL Tp&Eewyv :
Bk i o et e et ik e F s
R0 lP T —(— 1)
A G o el ol e DGR
R0 P -0 {4
¥ — (— 10 - (—2¢ — (—3)¢ +(—4F
37) N& ebpeBobv éniong t& éEaydueva 1OV K&TwOL tpafewv:
YF2rH(—3r 33 [ 24 (2
Wok—BP L bdr P —{—dF 22
e i o g M e L L Y
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38) Na ebpebolv 1& EEaydueva 1OV KATWO Mp&fewv:
24 42 VJ 58 24 v (_ 0!2)1_(____ 3)3
Y 25 108 (0,1.(—0,4)

AS

y Cor—2r e VoS Ay

V=3 (—2p V(— 1P (—4) (m _%W)(_ %)

35. "Apyikai 1BLoTNTEG TV BUVGEUE@WV.—"AdoD al Suva-
pelg elval yivoueva, Emetal 61t al Bidtnreg abtdv edplokovral
&md tag BétnTag 100 MoAAamAiaoiaopol. Elval 62 al &pyikal
idLétnTeg TGV duvauswv al £&fic:

1) . o’ a'. = caa. aa. caaa = a® (=a****) kal yevik&g
Elval at et Ui of = g¥i¥t-Te Swou. g, W.. o pefval GicEs
patot Betixol.

“Qgote: To ywwdusvoy dvvducswy 1ot adrtod dotPuot elvar 8u-
vauig tod idiov dotPuod ué Exdérnv 16 dPgoicua tdv Exderdv.

Td. (— 3V (—3r{—23P—(—3)"

2) "Eotw, 811 1hv d80vauly (— 5)° Bélopev va v OYdow-
pev elg TAV teTdpInVv dOvautv. "AAAa téte elvatl:
[(—5) ) =(—5)"(—5)P(—5).(—5P=(—5p+>H1+1—(—5)p =(—5)"
Kal yevik®dg elvat (ar - =—al=",

“Qote: “Oray Exyowuey va dydoousy Svvauwy dotPuod sic
dAAny dVvaurv, moddanmdaciaousy tovs éxérac.
| 3) "Eotw, 81t Bélouev va OYPdowuev 16 yivduevov 2.5.7 eig
| v tpitnv dovaprv. "AAAa téTE EXOUEV:

(2500 =2 5.7 2850 27 — 25 5% "

v’

Kal yevik®g €yopey (a.B.y)t = a®.pr.y*.
“Qote: At va dwdoousy yvdusvov eis Svvaury vywobusev
Exactoy t®v magaydviwy avrod eig v idiav Svvauer.
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4) "Eotw, 811 B&lopev va OYdDowuev 10 KAAoUQ —g- elg v

1eTé@pInv dOvauilv: &AA& 161e ExopEv:
( 2 )'___ 2 2 2 2 2

3 2

=l il ok Rag: SRBEEY.

@ \B Lo L
xal yevik®¢g Exouev (_ﬁr) " i

VY “Qote: Ada va dywdowusy xddoua ele dvvauwy dywobuey xal
tovc dvo Sgovg rov elg TNV adiny Svvauwv.

36. Awxipeolg dVo Suvapewv 1oL alTol &pLBpol.—
"Eotw 1} dlaipeoig a’:a’. "AAAG 16TE EXOHEV:

- RS 0 v 2B T e o s Dl S
i ..ot s
2 s 2 oh S
kal yevik®g Exopev, Stav u>v, R

?/’

Y “Qote: Té mnlixov 6vo dvvduewy oD adtod dotPuod slvar
dUvauic tob dotPuod rovrov Exyovoa Exdéinv v Siapogdv Tod
ExPérov 0T Sratgérov dnd rol éxérov tobD Siatgeréov.

37. Inpaciax Tig duvapewg o'.—"Otav elg v dg &vw
Siaipeoity & €xkBEtng ToD daipetéou elval katd povada peyalv-
TeEpog TOD £kBétou TOD BLaipétov, ¢ elg v dialpeowv a®: af,

8

161 KaTa Td &veTépw EYOUEV gsr—-—a‘-‘_f’ =ga!. "AAN’ elbo-

pev mponyouvpéveg (§ 33), 1t 6 éxBétng mdong duvauewg elvat
aplBudg &xépaiog Betikdg xkal Syt uikpdtepog 100 2. “Qote 1)
BOvaulg pg éxBétnv v 1 Bév Exel onuaoiav: &AN" Emeldn

. SNEERE RN L, —a, bexdueba, 61, fav a0, elval a'=a.

a® ...

Kal pé v cupgpoviav 5 adtiv al dpxikal 8idtnreg 1dV duva-

pe@v bBiatnpobvrial,
SiéTt . X. a‘.a=acax.a=—a’

xal O al—o gttt =
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38, Znpuoxoiax Tjg duvapewg ax’.—"Otav ol ékBétal 1dv Bu-
vauewv 1ol &pBpod elvar (ool, o©g elg v dralpeoiy a®: af, 161E
Kata v § 36 ExopEV (;5 = a’ &AA& kai Bk Tov éxkBéinv O

Tapatnpoluev &,TL Tapetnpfioapev kal did tov éxkBétnv 1. "AAN’

£meldn 10 mnAlkov tfig dlalpéoewg lowv &ptBudv elvar 1, fjtot
£meldn %—; = 1, dexbueba, 811, &¢&v a0, a’* =+ 1. 'H ovpopw-
via b2 altn dév petaPaAiel tag dpyikag Bidtnrag TV duvapewv
dLoTL a¥: T—uo¥

Kal ot Lat—artt —aN

'Aonfoecs.

39) Na ebpne ta ¢Eaydusva 1OV k&Twb. Mp&iswy, Katdk
Vo tpbémovg, fiTol a’) va elpng ywplota TAc BuVEapE Kal
EmelTa va kaung tag &AAag mpdafeic kai BY) va épapudong
mp&1ov 14&¢ BLétnTag TV duvapE®V:

2427 V' (— 3)*.(—3) V6282024

Valllok H—2 =1

(2.3.5)® y (—3).(—5)° 8/ (1:2.3.4.)*

2 A\4 3 \s 2 1 A=

v (3) s Vi
L/ 3°:3 T e A P e i

40) Al duvapelg 9% kai 4* va tpanolyv elg duvauelg tod 3
Kal toD 2.

41) ‘Opoiwg ot duvapelg 125 kal 8¢ va tpamolv elg Buvd-
pewg to0 5 kai tod 2.

42) N& eOpebolv t& éEaydueva:

25 —15 S(—5) V (—2r—2)
Y/ ase (—59)° (% A
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8.3 (—9Y(—3) . (— _g-—)! (_._ %) [(—5)']
85°.(— 42)° (— 5). (90)° (7°F 7y
V150, (]3_1)0 (15_%)0 , 1 ?1 \ 150, ]310
Nt r iP5 —9rE—Tr.6—7
(— 0,375°). (%)’-(27 — 45y, y/  (8—3.5y. ;_ci_m

'Eav 8£Aw-

pev, va 1} loding z—:=a“"‘" &AnBedn kai dtav p<v, 8a edpi-

39. Auvauelg EXovoxt ApvNTLKOV £KOET V.

okwuev elg Tag mMepMTOOEIg adTtag duvauelg pg éxbétag &pvn-
a!

UKOUG" T.X. 5 =—a ’=a % Al duvauelg Suwg pé ExBétny
&pvnuikdv elvar &vev &vvoilag. "AAN &meldn z—:: -a—gffa

-—:7};, dexbueba, 811, v a=£0, a = ;2 kKal yewik®g 61t

c:""=—alf. 8mou A &xépaiog kal Betikdée. “Qote: Hdoa dvvauis

dotPuot (Biapbpou 100 0), 1§ émola &xer éxdérnv dxépatov dovn-
tixdv, locobrar wé xAdopua &xyov dotPuntnv Hv pwovdda »al mago-
vopactnv thHv SUvauly tod adrol dorPuod, 1) Smoia Exer Exidhé-
v dviiderov. Kata tadta elvar:

o — =3l ==t (31

Znpelwotrs. "Aviiotpdpwg 82 elval

1

¥ =

—=2—° xalfmr=5""*

40. Al [BidTnTEG TOV duvapewv ut éxkbBétac &xepaloug Be-
Tikog loydouv kal did Tdg duvauelg adtdag, O oLVAYETaL &mod
& KGtwd tapadseiypata:

1 1 i

/ 1 E
—3 R e —— TR
1)V2 & Al > T e 2 e

SR R, S Bt o
SEIN TR A e
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"Aoxijoees.

43) Na& e0peBolv 1 éEaybueva TOV KATWOL duvauewy :
Mo 2 V25 J(—2p2 (—2r¢

43 121 By (—3)y 5% (—8)y:?

1 \—1 1 \—s 2—:7_3’_—1 N
(=) aF 2F B ey
44) Na épapuocBodv al Bidtnteg TV duvauewy elc Ta x&-

Tl mapadelypata:

et I/ 59 58 S e Vit V4342
B35=1 et V(52 {(2.3.53 ‘5/7(4'3'7'9)—2
28 D1 g 20 0 202 WV 58510 7 g o

KEDAAAION IV

Mepi avicoThATWV.

41. "Aviodtng BETIKOV Kol ApVNTIKDV &plOu@dv.—Eldo-
pev elg Tiv &pBunuxknyv 811, éav a>B, f &opaipeoic a— B elvar
Suvath. 'Aviiotpdgpwe BE, Eav f) &oaipeoic a — B elvar duvarn,
téte elvar a=>PB. ‘Emopévog, éav ) &paipeoig a—pB elvar
&dovatog, t6te elvat a<B, # pué &AAoug Abdyoug, &av 7 Bia-
popa a—PB elvar Betikdg &piBudg, té61e elvar a=>p, &av &2
altn elval &pvnrikdg &piBudc, 16t elvar a<<PB.

Trv BétnTa adtiv dexdueba O¢ &AnBA kal elg 10 gbotnua
OV BeTik®V kal &pvnuk®v &ptBudv, fjtoL deyxdbueba &ti: Elg
dotPuds a Aéyerar ueyaldregos dddov doiPuot B, édv 7 dia-
@opd a— B elvar Perindg dotPuds.

'Ex tobtou Emovral ta £&fig:

1) 'H diaxgopa (+ 5) — O looltal pg + 5° &pa elval +5=>0-
émiong 1) diagopa (+8) —(— 9) looOrat pg¢ -+ 8+ (- 9), fjtor
elval Betik]” &pa 8> —9. “O8fev s Petindc dorPuds elva
ueyalivzepog tol undevds xai mavids dovnrixod dptPuod.
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‘Emouévog ) map&otaocig a >0 ¢avepdvel, 81t 6 a elvat
&ptBuodg Betixdg.

2)’Emetdy O —(—5)=0-+4(+5)=-+5
xad : 0—(—7N=+47
EmeTOL, L —5<<0 Kol =T =20,

fitot 8ty Has doePuds dovnrinds eivac pixpdregos vot undevis.
‘Emopéveg elval uikpbdtepog kal mavidog Betikod &ptBuod. “H
nap&otaolg dGpa o< 0 gavepdvel, 8Tt & a elval &plBuog &p-

YNTLKOC.
3) 'Enedn
e Ty S e i e e o
Emetal, 511 —5>=—7"
dpolag, tnady) (—9) —(—4)=——9-}-({+4)=——5,
Emeral, 611 e

Zuvayetal Aotmdv, &1L .\*Ex dYo dotPudv dovniixdv ucya-
Avzepog eivat 6 Fxyowv v uixgorépav dndilvrov niurfv.

42. 'I816tnTtEG.—1) "Eotm 1) &vigdine 7 > 4" 1é1e 1] Sragopa
7 —4 elvan Betikdg &ptBudg. "AAN 1) diagopd alTh dév peta-
paiieral, ¢av mpooBéowuev kal elg Todg 8Co Bpoug Tng TOV ab-
ToVv &pilBuodv m.yx. oV 5° Hote M) duagopa (7-+5)— (4 +5) elvar
Betikn) xal émopévegelvar 74+ 5>4-5. ‘Opolwg &modeikvie-
T, 81, &&v a>P, 84 elval xal a1y >p-+y - 86ev:

*Eav elc dupdtega ta uéln dvicdérnros moooPéocwusy tov ad-
Toy dotPudv, 3 dvicding uévee.

2) "Eotw ail &vigétnreg 8>3 kal 64" &AAa 161€ al diago-
pal 8—3 kal 6—4 elval fstixal’ &pa kal 10 &OBpotopx abTdY
(8—3) -+ (6—4) elvar Betkdv' &AAa 16 &Bpoiloua T100TO Yp&PE-
Tal kat ©f £€fg: (8-1+6) — (3-1-4). "Qorte elval 8--6> 314" dpolwg
&modeikyOetat 81, €av a>p kal y>8 8a elval kal aty=>p-+5°
Sote:V Eav ngooPécwusey dvicovs dotPuovs elc dvicovg dlda zov
meyal pov els tov ueyalidtecgov xai TOv uixgdrsgov el tOv Wt-
xpdbzegov, 1} dvicdTng uévee.

3) "Eotw 1) &wviodtng 2>—9° 161e ) dragopa 2— (—9) elvar
Betixf]. "Eav 8¢ moAhanmAaoctdowpev abtnv &l Betikdov &ptBudv,
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Tt. X. &ml OV 5, 16 yivéuevov, 16 dmolov B8& A&Pwuev, B elvar
é¢nlong Betkév. Elvar 8¢ tobto 2.5 — (—9).5. “Qote elval
2.5=>(—9).5. "Av Spwcg 1V Betiknv adtrv diapopay mMoAAamwAa-
oldowpev énl &pvnrTikdv &ptBudv, m. x. &ml —5, TO ywvduevov
2(—5)— (— 9).(—5) Ba elvar &pvnuikdév. “Qote B& elval
2(— 5)<<(—9).(—5). ‘Opoiwg &modeikvietatl, &1, E€&v a>p kol
u Betikdg, Ba elval au>pu’ &v duwg 6 p elval &pvnrikdg, Ba
elvar ap <pu. "Hrot:

'Eav noAdandacidowuey ta 8vo uédnm dvicdrmroc &mi tov
adzov dotPudv, Stdpogoy to¥ undevdc, 7 dviodrng uéver upudtv Edav
6 moAdandlaciactic elvar Perindc, dviiocroéperacr 6 dav eslvac

dovnTixndg.
[15. 'Eneldn elvan —3>=—5
8a elval (=33 a)=t—2){- 123
fiTot —12>—20
kel (—3)(—4)< (— 5).(—39)
fjToL 12 <20.
Y 43.Topropax lov.— Eav dratpéowuecy za 8vo uéin dvicdrn-

zoc Ota To¥ adrol dotPuod, 1 dvicdrnc uéver udv fav 6 dtatpoérng
elvar Perinds, dvrioroéperar 62 2av elvar dovnrexds (§ 31).

[15. 'Emeldn elvar —4>= —8
8a elval (—4):( 1 2)=(-8):(2)
fitot —2>—4 kai (—4): (—2)<<(—8) : (—2) fjtoL 2<4.

44. Moéplopa 20v.—’E‘g dAldEwusy za onueia duporégwy
T@Y ueAdv utdc dvicdrmrog, 1 FrE'e:b't:h:‘ng dviiozpépezat.

[l. x. éx Tfjg dviocdtnTog —6=>—12 MPpOoKOMTEL BL&G TOD TMOA-
AamAhaotaxgpod éni —1 (oL &ua 1fic dAAayfic T®V onueiov)

16412
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'Aoxnjoecs.

45) Al x&1wBL oepal 1AV &pBudv va katatayxBolv kata
a8y peyéeoua aOgavouévou :

+ é - 3 5 3 4
T ERT e S g o 4
| Al 2 i ] 3 . 4 ] 5 1 6 1 7
» ) 2 L
e R R . 5%
L ] 4 Y B ] _‘.l 4
o { v B 6 % 1
-3 2 ¥ <
0, —1, 0,64, e iy —0.,9

KEDAANAION V

'Ai\.yéﬁptxa‘t MRPROTRGELS ®axl Sixgopae €idn «%dTAV.

45, TOmot.— H &pBuntixn Aboig évég mpoBAfuatog v pa-
vepavel Tag mpdfeig, al dmolal Eyivav dia va AdBouev 10 é€a-
youevov avtod. "Ag OUmoBéowuev m.X., 6Tt BfAhopev va ebpwuev
1oV téKoV KepaAalou 17500 dpyx. mpog 6°/, &nl 3 €. *O Inrod-
HEVOC TOKOG KaTta T1I& yvwota £k 1fig &piBuntikfc elvar 3150
dpaypal. "AAAG 16 £€ayduevov To00T0 58V Pavep@VEL TNV OEL-
pav tOv np&iewv. al dmolal Eyivav, évd, £av TapaOTOWUEY
Tov téKov Bk ToD T, Td KEPGAaov Bid 1ol k, TOV YXpdvov
elgc E1n B 1oD ¥ kol 10 émrdkiov Bid 100 €, B4 elpwpev 1oV
&yvwoTtov T0KoVv, #av ékteAféowuev tag mpafelg dOg delkviEeL 1)
Bk it 6
100 108 -

‘H lodtng ot Adyetat, dog eldopev (dpBu. § 232), zdmog
100 Tékov. Tevikdg 8é: Tvmos Aéyerar 1) ioding, B émola der-
»vUet tac mopdfeig, al érotar mwpéner va yivouv énl tdv Sedoué-
vov (ta dmola maplotaviar dia ypapudtwv), va sdeedf
o6 dyvworog.

TMapdoTaotg freow efvel - T—

46. MisovexTiipata TOV TUNMWV.—1) Elg tdmog deikviel
Katd Tpémov gadpfi 1ag oyéoeig, al Omolar Omapyouv petad
T®v debopévwv kal 100 dyvdotov €vog mpofArfuartog.
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2) El¢ tOmog &mitpéner va AdVowuev SAa 1ad mpoPAfjparta,
T& omola Biapépouv pdvov kata 1& &plBuntika Sedopéva.
[Mpdg 10010 88 &pkel v& EVILKQATAOTHOWUEY T ypaupata did
TOV TIUOV T@V.

3) Aia 100 petaxoynuatiopod évog tUmou edploxouev véoug
tomoug, Bk t@®v odmolwv duvauebBa va AVowpev véa TpoPAn-
pata. Obtwg £k 100 TOTOL TOD TédKOUL EVploKOUEY TODG TUTOUG :
100.t 100.t 100.<t

X e et Ry D

S, . o ¥

B, K.E KX
bl Tdv dmolwv Abouev 1a mpoPAiuata, elg Ta dmola Inreital
10 kep&Aaiov, & ¥poévog Kal TO EmMTOKIOV.

47. Znpooia @V tOnwv.—Elg v &plBuntiknv 1 xpfiolg
1®v tomwv elval moAd mepiwplopévn, Evd el TV &AyeBpav
elval yevikr, BiétL alt Intel va ddoy elg mav {RTnua padn-
patikov plav Abowv yeviknv, éxgppalopévnv pé Eva i moAAolg
TUToUC.

‘O 1pémog, kata 1ov émolov al dikdopot moodtnreg, al
dmolal elotpyovrtal elg & diapopa LnTAnaTa, mapiotaviar ye-
VIK®G dd ypapudtwv, kali & &AAog, katdk Ttov oOmoiov 1) n-
Tovpévn Aloilg évog Intiuatog bidetrar Bia toOWMouv kal Syt
o1’ &ptBuod, elval omovdaloté&ing onuaciag. ‘H tayxeia 52 &va-
mtullg TdV padnuatik®v ypovoloyeltal &mod tTfig émoxfig (&mo
100 160vL al®vog), katd v dnolav Eyive xpfolg TOV &vw TPO-
mwv. 'AAAG mplv Bdwuev Aemtouepelag TOoUTWYV, B& Tdwpev
ndg 1) &AyePpa katardoosel ToOg TOMOUG kKal TAC XTMAOTOLEL
altolqg.

48. 'AAyeBpikl) nmaxp&otxolg f) GAYEBpLKOG TUTOG.—To
&Bpoloua Bvo &plBudv a kal B maplotatal dua tod a-+pB. ‘H
nap&otaole aOtn Afyetar ddyeBowxn smapdoraocis §j diysBoixos
tUrog Suolwg al mapaoct&oelg

' — P, 5aB ., S5 + 2p(aB + By + ya)
elval &Ayefpikal. :
Cevik®g Bé:}/ﬁiyeﬁmm} magdotacic #H dAyefoixds tvmog

WneiomoirOnke amé 1o lvotirouto Eknaibeutikng MoAmikrg




41

léyerar m@v odvolov ypauudrwv # yoauudrwy xal dgidudy cvv-
dcouévwv dia TdY onuelov tdv modEewv.

Elg tag &AyePBpikag mapaoTdoelg UMoBETOUEY TPOG TO Ta-
pdv omuelovuévag pévov Tag Téooapag BeueAidderg mpaéelg,
BidTL pdvov altag eldopev pExpt toddE.

./ 49. Movovuux.—Elg 1&g Tapaotdoelg :

2 5 8
+x —x. 7aB, —3aB, —Fapt, . —2,

ntapatnpoluev, 8ti &¢v elvatl onuelovpuévn olte mpbobeoig, olte
&opalpeoig. Al tolxbtal mapaot&oelg Afyovial povdvvua.
Tl AéyeTal AoLTOV HOVAVUUOV ;
\L 50. "Aképatlax Kaxi KAXOUXTLIKG poveovupo.— Elg ta &vw
ovovuua :

: ; 2
+x(=+1.x)» —x(=—1x) 7ap, —3a’B, — 5 af’
napatnpoluev, 81 Bév mepiéxetal bialpeoig Bk ypdupatog: Aé-
yovtal 8¢ dia 10010 dxfgata, EVR T 5—;, — -%‘—3-. elg T &

nola mepiéxetal diaipeoig dia ypduuatog, Aéyovial xAlacuarixd.

[Méte hownov Ev povdvupov Afyetal dxképalov Kal TOTE KAa-
OUHaTIKOV ;

51. ZTuvteAeoTig povwvipou.—Elg 1& povodvopa tfig § 49
napatnpoluev, 8t Omapyovv kai &piBuntikol mapdyovieg, ol
dmoiot elval ypauuévolr mpdToL.

‘O dotPuntixdc mapdywv uovwviuov (Sotic ypaopetal mph-
tov) Aéyerac ocvvredectis avrod. “Qote TOV &ve HOVOVOU®Y

ovvteAeotral elvar ol &piBuol

2
L, —1, 7. —3 ———3—.5.—8.

Znueiowois. "O &pBunuikdg tapdywv poveviuou elval
cuvieAeoTc adtol &g mpodg SAa Ta ypaupatax, T& Omola TE-
piéxel. Avvaueda Suwg va Exwuev kal guVTEAEOTV povevipou
dg mpodg Ev pdvov yphupa abtod fj kal mpdg mepioodTEpa.
Téte ocuvieAeoTng 100 povevOpou Aéyetal 10 ylvéuevov 1dv
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AomdV ypapudtewv adtol énl 1oV &pBuntikdéy TOoU MapdayovIa.
Obtw 7100 povovipou 3aPy ouvieAeotig O¢ mpog x £lval 16
yivéuevov 3af, ©¢ mpog By 1O 3a kai &g mpog B 16 3ay

52. BaBuog &kepaiov povwvopou.— Elg ta &xépaia uo-
vovoua E€etalopev kal 1ov BaPudry fi mpdc Ev ypduuax, 1o
6molov Tepléxel 1O Bewpoluevov povavupov, fj Tpog MOAAX
ypduuata abtol. Kall/faPuds dxepaiov movwviuov mpds Ev
yoduua avrol Adyerac EnPérng To¥ ypduuaros vTovrov' ITEOS
stodlda 82 yoduuara avrot Aéyerar o ddgotocua tdv Exderdv t@dV
yoauudrwy rodrwy.

Ob1tw 10 povovupoy 9’y elval mpodg 16 a tpitouv Pabuod,
Tpog 10 B devtépouv Pabuol, mpog TO Yy mMpdtov BxBuod, mpog
Ta ypaupata a kal y tetdprov Babuod, mpdg SAa 1& yp&upatx
abtod Ektouv BaBpuod k.o.K.

Znuefwotc. ’Emnedn

S’y — 9a®Bry. 6 —Ha'Bry £,
Emetal, 611 M&v povavupov o¢ 16 9B’y elval Babuod O mpodg
n&v yphuua, 10 Omolov Bév mepiéxetatl elg adtd.
53. NoAvovupax.— Eav Exwuey MoAA& povdvuua O¢ TS
—+ 8a®, — 7a’B, — 3ap?, - 5p°
Kal ypagwuev 10 v peta 1o &AAo kal Ekaotov peta Tol on-
pelov Tou G¢ £ETQ :
—+ 8a® — 7a*p— 3ap’+ 5p°
fj 8a® — 7ax*’B— 3ap*+ 5B°
(€meldry 10 onuelov 100 Mpditouv Gpou elvar +), téte Exouev
Gfpoloua povovopwv. Aéyetal 88 16 &Bpolopa To0TO ZOoAUd-
rvuov. [MToAvdvupov elval kal | map&ortaolg . X.
— 5x* 4 4x*p — Sxy* + 9y,
7 omola elvar &Bpolopax TOV HOVOVOHG®V

Bt Sxd‘ 4X!q}‘ i 5x¢3' gq,l.
"Emiong xai ) mapdaotaoig
x*— 2y + 3.
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“Qote: HoAvdvvuov Aéysrar 1o ddgoitcua movoviuwmy xal
évoc yvworoD dotPuob, Sotic SUvarar va sivar mal undév.

54. "Opot 100 MOAVWVOpOU.—T& povdvupa xal & yvo-
otog &dplBudcg, €€ HOv AmMoTEAEITAl TO MOAUDVUUOVY LETG TGV PO
auTdv onuelwv TV Aéyovial Seot 100 MoAvwvipou. Oftw 100
BeuTtépou moAvwvOpou TRiC Tponyouutvng Tapayp&douv Spotl

elvan ol — 5%t 4Ax'W, — 5yys, 9yt
Tob 5 teAevutalov, Spol elval ol
SR e ey e

55. Awovupov, TpLt@vupov.—Eav ol 8pot 100 mMOoAL®VO-
povu elvat 800, té1e ToOTO Afyetal Sidvvuor, E&v BE Tpelg, TOTE
Afyetal zgidvvmor. Kata tadta 1§ mapaotaoic «®— B? elval
didvupov, 1) 8¢ o® 1 2apf + p* elvar Tpidvupov.

56. 'Axképoia ToAv@vupx.—Eil¢ 1& &veTtépw ToAvdvLlLa
mapatnpolbuev, 81t fAa TG pyovavuua, ék 1OV Omolwv &mote-
AoDvratl, elvar dxképaia. Aéyovrar 8¢ Sia 1oDtO dxégata wo-
Avddvvua.

I[Néte Aowtmtodv Ev mMoAvdvupov AEyetal &KEQQLOV ;

" 57 BaxBudg &xepaxiouv moAvwvOpou.—BaBudg dxepalou
moAv@VOUOUL TPdg Ev ypdpuua adtod Afyetal O péylotog 1AV
BxBudv Tdv Spwv adtod mpdc 10 yphuua todto. Oltew 1o mMO-
AvOvuuov a* — 3a’ -+ S5ayx® elval tpog 1@ o Tpitov Pabuod,
Tpdg B8 16 ¥ mMEumtTov BaBuod.

Znueiwotg. TO Gvotépwm mMoAvdvuuov mpdg Ta ypdu-
pata a kal ¥ elvar €xtov Babuod.

58. MoAv®vupx dSpoyevij.— Té moAvdvupov 5a*— 8a’B -
—+ 7PB° mapatnpobusv, 81t dmoteAsltal &mé povdvupa 1ol ald-
100 PaBuod mpodg Ta ypaupata a kal B. Aftyetal 5¢ dud tolbto
Suoyevés. ‘Ouoyevij elval kal T& moAuvdvupa
=0 - P o |
Twpog Ta ypdaupata x Kai . |
Méte Aotmodv v moAudvupov Aéyetal SUOYEVES; |
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Aoxnijoecc.

46) Adboate pepika mapadelypata drepalov kal kAaopatt-
KOV wovaviumyv ©O¢ Kal MoAvvOopmyv.

47) loTog elvar 6 BaBuodcg mpdg kKabiv yp&upa ywpltota f
Tpog Sha T ypaupata TOV KATOOL povavOuoV ;

3ap?, — 5a’By, — «’By*6, S —73— X'
lNoTot elval ol cuvieAeotal TOV dveoTépe® pOVOVOU®Y ;
48) Iotog elval & Babudg TOV MOAVEVOU®Y
1) ex*+PBx+y wpodg Td X
2) ax + Buw mPOC TO X TMPOG TO Y
3) 5a®* —4a’B’+7a‘B*—pB°* TWpodg TO a; mpdg 1o P
4) ax® +Bx'¥ -+ yxy® 4 d¢*  mpdg Tt& X kol y;

'Ex 1®&v molvwviuwy to0twv elvat kavév duoyevég; Kal
ToloVv ;

59. "ApBunTiIKY] TIuN GAYEBPLKTC TEXPXOTEOEWG. — [vo-
pllouev 611 1& ypaupata, Ta omola Umdpyouv elc Tag mapa-
OTaoElg, TaploTodv &ptBuodg. "Eav Aowmov elg plav dAyeBpikniv
Mapaotaoly Ekaotov 1AV ypaupudtwv &viikataotabfj Ond &pti-
6uol xal éxteAeocBolv al onueiwpéval pdafeig, 16 é€ayducevoyv,
10 émolov B& AdPwuev, Aéyetal detPuntien Tiun 1fic mapa-
0T&oewg. ‘O &pBuodg dia 100 6molou avilkabLoTOUEV ypaupo
TL Aéyetal Tty tod adtod ypappatog.

Obtwg 1 &piBuntikd Tiun THC MapaoT&oewdg

3a*+4-5 B — 2 elvar 3.2 +5=—=12+-5=17,
N 82 Tiun 1fic TapaoT&oE®g
a'*+1-3ap -3ap*-p* B'a—4 kal B=2
elvar 4°-3.4°.213.4.22 | 2" —=64 196 148 }8=—216
kal & a =4 Kal g=——2
elvalr  4'4-3.4(—2)+3.4.(—2)4(— 2)*=—=64—96-{-48 — 8=8.
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’Ex 100 mapadsiypatog 82 adtol PBAémopev, St ) &plBunTikn
TP MaApaoTAogewg EEapTatal £k TOV TIPOY TAOV YPaOUUAT®Y,
ta Omola mepLéxel, &AN’ Stav al Tipal 1@V ypapudrwv dobolyv,
A py adtfic elval évieddg GOplopévn.

Znuelwors. Kata v elpeowv tfig Tipfig tfig &AyePpixiic
MaAPAOTEACEWG EKTEAODUEY YEVIKAC TMp®TOoV TOUG MoAAamAaoix-
ouolg kal tag diaipéoelg kal Emelta tdg mpooBégelg kal &pal-
péoeig. 'Eav mepléyn 8pouvg xAaopatikolg, ExTeEAoDUEVY 1&g OT-
peiovuévag mpafeig ywprota elg 1OV dplBuninv xal ywplLota
elc 1oV mapovouaotiv. 'Emiong, €av Exn mapevBtioeig § &yxi-
Aag, ExTehoDuev xwplota Tag mp&éeig 1OV mapagrdoewyv, al
omolal ebplokovral évidg TV Tapeviéocewy | TOV &ykuAdv.

Aoxnoets.

49) Na eOpeBobv al &plBuntikal Tipal TOV TXPACTETEQ®V :

1) x — 3y gav x =10 g =4
2) x + 3¢ ) skl o

V 3) xy*—7y » =5 P =4
4) X— 9y » xy=—-—3 Yp=—2
5) 2x*+3y® » y=—1 n=—4
V6) X 2xw +y » x=7  ¢=—3
) ot 2axp - B2 St e
8) «*+ 8 » g——35

vV 9) a*—pB® 3w —3 B=—2
10) «<*{p* » cme—1 B=——6
il) (ca—B) » a=—4 PpB=1

V 12) (2c — B)® » a—8 B=11
13) a4 3a’f + 3B+ B > a=6 B=—2
14) a*— 3« + 3ap’ — B* » g=1 B=—2

V- 15) a*—B* S p=—3
16) ‘| 5By ¥ Gei— 3 B——4, y—4
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17) 8a’— 9p*— 11y} 6By tav a=1 p=3 y=—-5
18) 2y 20y*— 309 — XY e ¢yp——4, p=10
19) 3x — 8y » y=3 4,=+

20) 9x — 5y » x==—;,— wz_ﬁ;_

21) 2x*— 3xy 1 6y° » x:—% w=%

22) (2¢ - 3w)* » ¢=___21_ m=_3_1-

23y (& —pita -+ B)—1a"—p") » ax=35 geacey

24) (a — B)*—(a« + B) » x=—9 PB=—5

25) (at+-B—yi-B-t+y—a) > a=2 P=—Z. 92
26) (4a—3B—6y)(a+88+7y) » a=—Pp PB=2 y=—5
2 — 3422 > =3 e—t

R > =3 =+

2g) YR+l 3 w2l 0.1, 2.3

30) 2x*—5x + 2 » X=,_%‘__;_,o__§ﬂ__;_.

60. "loal dAyeppikai mapxotr&oelg.— 'Ex tfic &Ayeppt-
kfig mapaotdoewg a-+-p-+y-+8, cvveneia tfig IdidTnTOC Tfig &BiLax-
¢oplag, mMpokvTTEL 1) Map&otaoic a—+d5+y—+pB. Al mapact&oelg
avtal Afdyovrat loai. Eniong Toatr elval kai al mapactaoelg
¢(X¢¥) = ox—+oy, didT 1) devtépa mpokOWTEL €k TAC MPDING
ovvemeig Tfic émpuepiotikfic (Bidtnrog. “Qortel/ 4vo diyefoixal
mapactdoeis Aéyovratr loat, Szav 1) ula mpoxvmzer &x rijs ddnc
dia zijc Epaguoyiic t@v idtotrjrwy T®y mmodfewv.

61. TavtdéTnTEG.— ElSopev mponyovuévwe, 81t elvat
atp+y+d=at+dty+Pp
Elvai 62 gpavepdv, 61 1) lodtng adthy &Anbedel, olacbnmote Tipag
kal &v A&Bouv 1& yp&upata «,B,y,8. ‘Opolwg elvarl pavepédyv,
8t kal W) lodtng ¢(x—+1-¢)= ¢ox+oyY &Anbedel, olacdfmore TIL&S
kal &v A&Bouv 1& ypdupata ¢,.x.P. Al toradran lodtnteg Af-
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yovtal zavidrnzec. [ evik®dg 8¢ : Tawviding Aéyerar 73 iodng, 7
dnoia dAndevec 8id mdoac Tdg Tiude TGV yoauudiwv, Ta omolia
megLéxet.

62. 'AAyeBpikOg AoYyLON6G. TKOoMOg xTOU.—"Otav piav
&AyEBpixTiv tap&oTaoly petaoynuatilopsv eig &AAnv lonv, du-
vauel 1OV Blothrev 1oV tp&fewyv, éxteAoduey ddysfowxny med-
Eiv. Td cvolov B2 TV &AyePpik®v mpalewv Atyetal diyeBot-
x0c Aoyeouds.

‘O &AyeBpikdg Aoyloudg, fitot al &hyeppikal mpafelg, yivov-
tal Enl TV &AYEBpik®V mapact&oswv Syt dia va ebpwuev Ev
apiBunuikdv E€aydpevov, ¢ yivetat elg v &pBunuikfv, &AA&
Biad v& petaoxnuaticouev Tag¢ mapaot&osig elg &AAag loag,
&AM’ dmdovotégac. 'O usrtacxnuaricuds 02 odtog tdv dAyefoi-
x@dv wapactdoewy elvat el éx tdY »voLwrépwy oxomrdV Tis dl-
yéBoac.

KEDPAAAION VI
MpxEeig Emi TAV FAYELPIXIV RMAPRSTTHIEWV.
AL NHPOZOE=IE

63. Elg tfjv § 53 eldopev mdg mpooBiétouev pyovovoua Kal
St 10 &Bpoloua povavouwv elvar év yével Ev moAvdvopov. ‘H
npboBeoigc Aowmdv BYo moAvwviuwv elval tpdobeaig oo &Bpot-
cp&twv. Kal katd cuvéneiav : did va mgoocdéowucy Ev molvo-
vopov elc &Ado, doxel va oxnuaricwusy Ev molvdvvuov megtéyxov
6ldovg tTovc OSpovg Tdv dvo molvwyvduwy xai Exacrov usrd tovU
onueiov Tov.

Obtwg elvat

(Ba*—7a® Bp1-5p*) + (—Sa*{-3a’B—4ap’—2p%)=
=8a*—7«® B1-5p*—5a*|-3a’ B—4ap*—2p".

Davepdv B¢ elval, 8t 1& dvetépe loxlbouv kal 8tav Exw-
HEV va mpooBéowpev doadfimote MoOAvOVUUQ.

‘Opoiwg elvar pavepdv, &1t §) &pBunuikn Tiun tod &Bpoi-
cuatog (ooltal peé 1o &Opolopa TOV &piduniikwv TIUOV TOV
mpooBetéwv (MoAvwvipwy § xal povavipov).
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64 "OpotoL 8potl.— Eig 16 &votépe mapddeiypa mapatn
poluev, &1L ol 6pot Ba® kai — 5a® 100 &Bpoicuatog Bdiagépouv
pHéVoV KaTd TV CUVIEAECTIAV' 16 al1d mapartnpoluev kal il
T00¢ Spoug —7a’ B kal 3a’B dg kai elg Todg 5B* kal— 25%
oot ol dnoior Siapégovy udvov xara tdv cvviedeorny (f 00Bs6-
Awg dladépovv) Aéyovrar Suocot.

65. 'Avaywyi dpoiwv Spwv.— Té &Bpoioua TOV duoleov
Spwv 8a® kali —5a* fitol @ 8a®*—5a®* elvar pavepdv, Bt
looDtat yé¢ 10 yuvdpevov

(8 — 5)a®=—3a".
"Eniong elvar ¢avepdv, 81t
—7a’B1+-3a’B=(—7+3)a’B=——4a’B
Katl 5p* £ 2B*=(5—2)p>*=3p".
BAémouev Aotndv 811 ¥ To dPgoiocua duoiwy Sgwy elvar els Sgoc
duotog eds avrovic. Svviclectny 8¢ Exeir 1o dfpoiocua TdY cuv-
teleotdy 1dy adrdv Spwv.

‘H mpboBeoic dpoiwv 8pwv Aéyetalr dvayowoyn cOtdv. To
&Bpolopa Aowmdv, 10 Odmolov elpopev avotépw elg v § 63,
HETG TV &vaywynv 1&v duolwy Spwv abtod elval

3a®— 4a’p — 4ap* 1 3P°.

Znuelwoes. Ol Buoltol Bpoi, toOg édmolovg eibouev elg
& dvetépem moAvdvuua, slvar Suolol ©g mpog BAa Ta ypap-
pata adt®dv' ¢avepdv b elval, 811 Suolwot 8por moAuvwvidupov
&¢ mpbég 1L fj mpde Tiva ypaupata adtdv elvar ol Biagpépovieg
HOVOV KaT& TOV OUVTEAEOTAV @©¢ TPog 16 adtd #f Ta adta
ypéupata. O8twg év 1 molvwviue ax-—X'— Bx-+ yx Suotlot
8poL dg mpag x elvar ol ayx, —Bx, ¥X. N 5& &avayayn adtdv
BideL 1oV Spov (a — B+ yix.

66. AlateTaxyéva ToAv@vupa.—'H dvayeyn t@v duolwv
Spwv moAvwvipov ylvetal edkoAdtepa, &v ol Spoir altod ypa-
¢odv xkaB’ dpiopévnv t&&iv: elval 88 altn, Stav ol Spot Tod
TOAV®VOHOU YPpAP®VIaL KaTd tolalTInv oeipdv, dGote ol éxBé-
Tat &vog ypdauuatoc avtod £EAattobviat fj adfavoviar &and

WneiomoirOnke amé 1o lvotirouto Eknmaibeutikng MoAmikrig



49

Spov elg Spov, xal elg udv v Mpd NV TEPIMTOOLY T MoALBOVU-
pov Afyetar SiaTteTayuévov KaTa Tag xastovoag duvapeig 100
Bewpovuévou yp&upatog, elg 8¢ v deutépav Aéyetar Bdiate-
Tayuévov katd Tag dwmovoas duvauelg 100 ypaupatog adtod.

O8te 1d mMoAudwupov ¥* —3x*—5x+ 6 elvar diatera-
yuévov katd Tdg kartioboag duvapeig tod ypauuatog X TO
a0Td MoAuvdvuuov, &v ypadfi 6 — 5x-— 3x* + x°, 6« elvar dia-
TeTayuévov kat& Tag &vioboag duvauelg 100 adtod yp&upuatog.
‘Qoabtog Td dpoyevig moAuvdvupov X* — 2x¢ +¢* elval dia-
TeTayuévoy Katd TAg katioboag duvdauelg 100 yp&upatog X
xal katd Tag advioboag duvauelg 1ol ypauuatog §.

‘H mpéobeoic 1OV datetayutvov Tolvevipwy yivetat odtw
eOKOAWTEPpa” B16TL Té1E yphPouev T& uév Omd 1& b¢ elg tpdTOYV,
éote ol Buolol Epot va sbpiokwvral elg TV abTAV XXTAKOPLPOV
othAny, xai mpooBérouev Emelta, mpooBétovieg ToUG duoloug
Spoug Exk&otne otiAng. I.x.

gt i i W

4y* — 3y —7

2x° +2x +1
o W O ani.

25 —3x* +4x —2

'"Aonnoets.
50) Na& éxteAecBoiv al k&twbdl nmpoobiosig:

vV D 4 3a — 6B 4 8a? —7x* — 5y*
L mei B o SRR
1 12 1 2 L5
2) e s 5 e xS e w3
1 7 1 1 3.
o s T xS X 5 X
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3) a — o’ 2x® —By*
i —p  —p 3y 7y
4) @+ Gof . o e =X
il ~=§ ors e e g G
5) =1 BELE Sprlioge Eaeel gt omn ey
af-l1 g3 32" 9@ B Pis
6) 5a’—7p*' . da®—3p° p*—>5 2v®* —3 Sx® — 2y
3p* —2a* —4p*—Ba® w1 —3v—1 2x*—7
7) 8a®—3p*43y—4 a® — 3B + 3ap? — B*
S5a®—4p* — 5y -9 a®~+ 3a2B + 3ap* 4+ B
8) 5 —9' 5a*—3p"  ar B4y
“3)( qu — Dy 5B: a.s o= 5:_}_.},3 =t 6:1
7X 94,: 6&’ + ?Bs e = B: e Y' o 52
.._6)( _54,1 __763_451 ,__aa_;_B:Hyn_az
9) 8x* —7x*+5x —1 6x—¢ +3¢p—5w
S Ml o e e —3X+3¢ —7¢ + 4w
Iy byt Ty - — X+ — ¢—o
SR =T —6y et 20
10).]_0:_4i34__%_y+5 Sidan a1 5 2 ]
2 ARG g X 5 ¥ —235¢12350
S AEete 3 3 ! B
Bl e T S—lgxt2u¥tse—3-a
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67. 'Apuxipeoig povwvOpov.—"Eotw, 811 8€lopev va &oat-
péowpev &md TR TMopaotaoewg a® — 2af-p? 1d povdvuuov
—4aB. TAAN elval pavepov (§ 18), &1L

(a® — 2B +B*)—(—4ap) = a’—2ap +- p*+-4ap
f. HETE TRV &dvayoylv 10v duolwv pwv — 2aP kai 4af,
o’ 2ap-+-pr.

"Ex 1OV dvotépe eOkOA®E ouvdayetar 6 xavov Tfig apatl-
pftoE®C poveviuou &mo &g &GAyeRpikfis mapaoTtdoe®d.

68. 'Apuxipeoig moAvwvOpou. — "Eotw, 81t Bflouev va
doaipéowpuey &md 16 ToAvdvupov 4x*—5y* + 8x— 4 10 TMoAL®-
vopov 4y*—9x—+ 6. "AAAG 10 &PalpeTéOV MOAUDVUUOV TAPLOTR
&plBudv. Ak va todv dpalptowuev BE, Apkel va TPooBECWUEV
tov &vti@etov adtod. Elval 82 ¢pavepbdv, 8t obtog (6 &vriBetog)
ebploxketal, &av &AA&GEwpev T& onuela SAwv 1®v Spwv 10l
&patpetéov mMoAvwyvlpou. Katd tadta Aotmov elval

by By—4— {4y — 9 - 6)—
— 4y*—5x? | 8x— 4 —4y*+ 9x—6 = 4y*— 9x* +17x—10.
Kal mp&ypatt, diétt elvar
dy* —9x*+ 17 — 10+ 4y — I+ 6 =4x*—5x"+8x — 4.
“Qote: Aia va dpatgdowuev dmd uidc magacrdosws dodéy mo-
Avdvvuov, yodpousey xardmiy avrijs 6lovg tovs foovs Tol dgat-
geréov molvwyvduov ud HAllayudva ra onusia adrdv,
Kai &viadfa elval pavepdy, 811 | &ptBuntikn tiun tfig dia-

dop&g looltar pg v Siagopdav TO®V &plBUNTKOV TPV TOV
- &AYEPpk®V tapaotdoewv, al émolal dpaipodvral.

FEnueciwoes. 'Eav BéAouev va Béowpuev mapaotdaelg £v-
1o¢ mapevBéoewy §) &v elval éviog mapevBicewv V& YpaYwUEY
alTdag £€kTog mapevBicewy, B& épyacB®uev cuupdvag pué dox
eimopev elg v § 23. OGrwg elval

15— (3 —2¢"—y)=15—3*+2¢°+y
Kol 3a*— '+ ¢Hx— $=3a"— (X"— ¥*) + (Xx— ¥)-
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N
‘Aoxijoees.
51) N& yivouv al &palpéosig :
y B +9x +7x° —9¢?* —5p* —11A"
—+5x —3y® —10a? —+3pB° — R
2) X X % =% 2x
Y . =P P —5
3) 2u 5p —2u 2u*—+-1 3
3v —4v —3v 't p*—1
4) ge=d X~ 2% —3¢ x*2 Clns &
$—x 2x+3y S gps S o
5) X*—1 X*—4  3x"—4y® 5x*—2y¢* Syl2yr
QJJ_Z 4_qu- 3{#:_4)(3 2¢J'75X5 sw:_;__zxs
V & o f2aptpe 6’ —8B*-L-5y—9 da*— 5"+ 7y* — 28
a’—2af—p* a*==58* ——4}j—'1 S5a*+pB*—3y*—286°

52) Elg tac k&Twbt TapaoTAaoelg va dpBolv al TMapevBETELC
Kal Emelta va yivy 1) &vayoyn 16V duoiev Spwv:

V) et Bt ap) V/3)  5a —(a+3p)
2) (x—2y)+ (x — 3y) 4) 10a— (3a— 5B)
5) (ct+B—vy)—(a—B+ V)
Vv © (Sa—5B) — (3a+-4B) — (a—7B)
7) 44a’+ (853"— 63) — (100p*— 31’ 37)--100
8) 10x*— (23 + 5x*) + (23 —x) — (9x*— 4x°— x)
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53) Eic éx&otnv 1OV KATWOL Tapaotdoewy va 1800V Eviog

napeviéoewv ol BGo mpdTol Spol ut 16 onuelov - MPd adTdV
kal ol Tpelg TeAsvTxiol pE 1O onueiov —.
v 1) X'—¢* —«*-2af—p*
2) B -5xp—3x"+7¢’
v 3) - dmi o Smee L s B
4) —ata'—p'+p+1

54) T{ mpémer v& mpooBfowpev

1) elg Ty map&oTaoLly 5x + 2P bl v& A&Pouev 5%;

) s S » 2y +3p—5 » >» » 3¢+ 5;
[/m:l q) e - TR i S s o e T % 3et—9p;
v 55) Tt &pBudv Aappavopuev, dtav el 16 &Bpolopa (o B)
800 &pLBudv mpoodiowuev Ty diagopav (a—p) frol v (B—a)k
V' 56) Ti &piBudv AauP&vouev, Stav &nd 10 &Bpooua (a + B)
Blo &plBudV &paipéowuev THY Biagopav (a — B) f{j v (B — a);

. MOAAATIAAZIAZMOZ

69. Mol hamiaolxopudg G&rkepaiwv povwvipwv.— Eldo-
pev 8t (§ 35) a.a® =at? = a*. ’Ex 100 mapadelypatog 8¢ ad-
100 elval ¢pavepdv, 1t 16 yivéuevov dlo axepalwv povovopwy
elval povdvupov axépalov.

‘H eiipeoic toD movwyviuov, tod loov meds o ywvduevoy dvo
dxeoalcwy povwviuwy, Aéyetar nollanlaciacuds adidy.

"Eotw, 811 BElouev vd TMoAAaMAaoldowmuey 1 drépala po-
vovopa — 5a®B?y kal 3a’B. TAAN Exactov 1OV povevouwv
ToUT®Y, ¢ Kal m&yv povovuuov, elval yivopevov ToAAdV mapa-
yéviwv. ‘Emouévec wd yivdusvov avidv elvar uovdvvuov, td
érrolov mepitéxer SAovs wovg magdyovriag tdy 6v0 uovwviuwy.
“Qote elvat :

— 5a’B’y.3a’p = — 5.a%p%y.3.a%p"
&AX’ elg 16 tedsutalov altd yiwvduevov Buvéueba va dAR&Ew-
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¥ (’—P%).(—2ap) (Banl B cod d e
. = X }- 12K
(2a—3B+y).5aB A e 2)
(ax*—Bx—+v).(—2¢) V {TX’—T‘P’)-TX‘P
(5a* — 2a’B+ 3af’— 4B%).a*B? (8x* — 6x—4).0,5%
(a*—5a’B+-6af—B*).(—4aB) (15x* —10xy—-25¢*).(—0,2x¢)

61) N& ebpeBolv 1& £Eaydueva TOV KETWOL TTp&EE®Y :
vV (5x — 39)x + By — Sx)y
Ox — 4)x — (29 — Ty
(4 — 5B)y + (2B — 3y)a — (7y — 3a)B
J (a—vy)ap— (B — «)By — (y — B)y«x

72. ﬂoklaﬂkactaapbq dVo dakepaiwv ﬂokumvépmv.
IN'vopllopev, 81t (ax—+B).(y + 8) =ay -+ By + ad - B5. ’Ex 100
mapadelypatog 8¢ adtod ocuvayouev, St 1o ywépevov 800 -
Grepalov moAvwvipwy elvat moAvdvopov &képaiov.

‘H elipeots to¥ molvwviuov, td émoitov elvacr Loovw 7pds TO
ywouevoy molvoviduov énl molvdvvuov, Adyerar modlamlacia-
cuos adTdv.

1)"Eotw, 6t 6éhouev v& moAlamAcol&owuey 1 TPLDVLUOV
X'—2x¢ 1+ ¢* &nl x—3¢. AAN’ & moAAamMAGOLaoUSC aOTOC
Ba ylvp ©¢ Eywve 6 &ve moAlamiaciaoudg (a -+ B).(y - 5),
BiéTL, &¢ yvopllouev, ma&v moAuvdvuupov elval &Bpolopx TGV
Spwv tou. "Hrtoi 8a& moldamAaoi&owuev td B0O2v TPLOVUUOV
mpdTov Eml ¥, Emelta énl — 3¢ kal katédmiv B& TpooBEcwUEY
T& ywopeva, ta dmola 8& elpwuev’ & Exwusv 62

(X’ —2x¢+¢). x =x"—2X¢ + xy¢°
OC—2x¥+9') - (—3¢) = —3x*¢+ 6xy*— 3y

&Bpolopa peptk®v yivopévev =x°*— Sy’ Txy® — Syse.

“Qote: dia va elowuey 1o yivduevov dvo moAvwvduwy, mol-
Aandacidfouey Exacrov tdv Sowv rob mollandaciactéov ud Exa-
agrov T@y Spwv to¥ wollanlaciactol xal ngooPérouey td srpoxi-
TTTOVTIA YLVOuEVa.
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‘H avotépo mp&lig diatdooetat mpog edkoAlav d¢g &Efg :

X'—2x¢ +y°
X — 3¢
X*—2x"¢ 4+ x¢*
e R

XSy Txgt— 3y

Biatdooouev dnAadn &updtepa T MoAuvdvupa TPOG TO adid
ypéaupa opolog” katdémiv moAlamAaoi&lopevy 10 TPATOV TMO-
Avdvopov £€¢° Eva Exagtov 1dv Spwv 100 MoAAamiaoiacTol,
T B8 peEplka yiwvbueva ypapopev 1o Ev Omo 1o &Aho, Sote ol
Suotor Spol va evplokwvial elg THv adTiv Kataxkdpudov TTHAny,
xal Emelta mpooBéTouEev.

\/2) Na yivn 6 moAhanmAcoiaopds: (3a’—4a—6).(2a’™+a-+-3)

3a*—4a —6

2a*>t+a +3
pepikdv yivépevov éni 2a® 6a'—8a’—12a’
» » » Ja* —4a®—6ax
» » 3 9a* —12a—18

OALKOV yLvOuEVOY -ﬁa‘w5<:£’—7q’—18a;—18.

3) Na yivn & moAAaniaoiaoudg : (' x*—+x*t-x+1)(x—1).

) i 0 e g o

==l

e g o D G

sl e e i
e i

73. Hagazneioers. Elg 10 mpdrov mapédayua g
mponyovuEvne Tapaypddou tapatnpoluev, Tl ol pot x? kal ¥,
ol édmolor Exouv Td ypaupa X tic diatdfewg pé tov peyaAlTE-
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pov éxBétnv, Bidouv 1oV Bpov ¥x* To0 yivouévou, Botig ele alditd
Exel 10 X M&ALY pé 1OV peyaAitepov ExBétnv. Ol 52 8por ¢* xai
—3y, ol 6molol Exouv 10 X pé 1OV piKkpdTEpOV EkBETnV (tdv 0),
b(douv tov 8pov —3y* 10D yivouévou, Sotig elc altd Exst m&-
Alv 16 y pg 1ov pikpdtepov ExkBétnv. “Qote ol pot x* kai —3y® Bév
Exouv &Alov 8pov Huotov pg adtodcg Kal B2v peraBailovial Bia
tfic dvaywyfc. ‘Ouolag Tapatnphioelg k&uvouev kal elc 1a &Ala
b0 mapadelypara. Zuvayouev hotndv, 81t 1o yivouevov o To-
AveVvipwyv Exel TodA&ylotov dbo Spoug. 'Eniong mapatnpodueyv,
611 &6 BaBudg 1OoD yivouévou mpog Ev ypdupa lcoDratr pé 1d
GBpoiopa 1OV BabBudv 1OV Mapaysdviev mpdc T avTd ypauua.

74, "AgoonueiwTol TALTOTNTEG. — AfloonuelwTol TauTéd-
nreg, al oSmolal dmavidvial cuxva elg v &GAyeBpav, elvai
al £€fg:

) G+ar=x+a&t+ad=x+2ax+ o
X ta
X =
il
oY - at

"Hrtov: Té zerpdywvov ro¥ dfgoicuaroc dvo dotPudy icobrai
ué tod ddpoicua TdY TeToAYdVOY alidv, £l & mpootiPerar xal
10 dimAdoioy yvduevoy avtdv.

My. y Xx+3r=x"+23x4+3"—x"+6x419

Bx+5r=0CxX’+23x)-5+5"=9x*+30x 1+ 25

2) (x— a) =(x— «).(x— a)=—x'—2ax+x"

"Hroi: Td tergdywvov tic Srapogdc dvo dotPudy icobrac
ué 1o dfgoicua TV rergaydvwy altdv mAny rob dimlaciov yi-
vouévov avrtv.

My ¥ &—7r=x’—2.7x+7"=x"—14x1+49
(2x—3y=(2x)"—2.(2x). 3-+3"=4x"—12x+9
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3) O+ «)-((—a)y=x*—a*
X1 =
X—a
X+ axx
i
X’P o?

*Hroi: Té yivdusvov tot ddpoolouaros d90 dotPudv éni v Stagpo-
ody Ty IlcoDrat ud td terpdywvoy Tol mowrov mAnvy tol TETQA~
ydvov toD Sevrégov.
I ox. G5 —w-—5—x"%
(6X-1+5¢).(6x—5¢) = (6x)*— (5yp)y'=36)"—25¢".
Znueciwoits. Al &votépm TaUIOTNIEG ypagdovial kal ©Og
£€fc:
X*+2ax+ «a'=(x+a){x+a) = (x+ a)
x'—2axt o= <)o) = —af
X —at=—Or ) {x )
‘Emouévog tprtdovopa fi dibvopa dg 1a dvotépe duvaueda
v& T& ypaywuev ¢ yivéueva d0o mapaydviwov.

M. X*+10x+25=x¢"1-2.5x+5"= (x+5)-(x+5) = (x+5)
8 i 2.4 =y —4.0— =9
 ppe . JEBE o e LU = (x-1-6).(x— 6)

75. "AXN\al tauidtnreg &maviduevatr el TRV &AyeBpav,
&AN 8xL Téocov guyva Soov al dvetépw, elval ai £€fg:
¥y 1) (ei+B)l—=(x+iB).(a+ B)=a'+ 3a’B{-3ap’+p°
¥2 (c—Br=(c—pP).(a—B)=a'— 3a’p+3ap’—p"

1) a*+2aB-+ B* 2) a*—2ap|- p°
: a+B a—B
a*+2a’B+Hap’ a*—2a’B+ap?
; «*B-+2af*+ B°  —epiZaft—p
a’+-3a’B-+3ap’+p° «*—3a’p+3ap'—p*
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62) N& yivouv ol katwbi moAAanAaciaouol :

v (o By —B) (2x*—5) (3x*+7)
(7Ta —3).(5a—4) (5x°— 44°). (3% — @)
(2x — 3y).(x — ) |/ (7a®+9B%).(9a*— 7B%)
V (5X — 4¢).(2X + 3¢) (x*-+ B2).(2ax* —3|3’
63) Na yivouv ol k&twbL moAAanAaociacuol :
Vo L2000+ D ¥ (a®— 5a — 6).(ac — 4)
(¢*— ¢ +4).(—yp +5) (1 2p — 3p*)(1 — 5B)
(¢*+ 3¢00+90?).(p—3w) (2u*+ 4uv — 6v).(3p — 4v)

64) N& yivouv ol k&rwbi moAlanAaoctaopof :
(a+B—y)la—B+ V) (xX*2x¥-3¢).(x* — 2x¢ + 397)
V («’+ a+1).(«’+2a+-5) (y*-4po—2¢°).(2y*—yo+-97)
(B*-+2p-+2).(B"—2pB--2) (5— 0 —a?).(34+20—")
(5y*— 3y-+4).(—y*+-4y-12) v O -2x+1)-0~x—1)
V 65) Na yivn 6 moAlanmAaoiaopéc :

(x* +2x—3).(x*—3x+5) |
kal Emeita va yivn )| énaAfBevoig 100 yivouévou Bk y =2 »&

66) N& e0peBolv 1& k&TwHL TETPpAywVva ToD &Bpolouatog
8o &plBudv :

¥ (¢4 @) (x* 4+ 9)
(dx + w)? vV (x +¢)
(x - 3y¢)? (2q>’ + 3%

V(2o +3w) w—~ +)
(14 xg)® [ (F+%)
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67) Na e0OpeBoDv ta yivéueva:

\V (Lp_ -l): (¢z_w:):
(8 — o) Yy 3x* — ¢y
> A /_‘i._ \2
e 1) (5 —v)
|/ (B —3y) !i* %*w;‘?
1 1\
=R SO
e =1) 3 ( x )
68) Ma eOpeBobv Td yivbueva :
¥ (x +B).-(a—B) (49 + 5@).(50 — 49)
(cx —+5).{ax — 5) 4 (X? + q_,a')_(x:_ W?)
(3p+ 1).(3—1) (x—9*).(x+y)
i3 — 7). (3] £ SRE T B DR
v (3y—7).(3y-+7) =5 1/}.1‘ 5 1)
(7a—+-3B).(7a—3B) V(E+2). Q’T“" ——;‘)
69) Ma &vaAuvBodv el yivéueva d0o mapaydviev al tapa-
OTAQoELG :
V cxﬂ AT 5’ G xi gk Lpl
o — 52 Gt — 49
a* — 36 St —
'\_,- 25 — ﬁﬂ V e —g"
9 — 4y —2— = i;i
/ 9a* — 16p 2o

70) Na& Beux0n, 8t elvan:
(a+PB(o" —ap +B?) = + B
(« —B).(a + B +B) = a* — B¢
(@ —B)rla® +-a’B+ ap*+-B')=a' — B*.

..;'

¥
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71) Na& ebpebolv 1a éEaydbpueva TGOV K&T WL Tp&EE@V :
vV x--9P -+ (x—yp)»
(% 9P ——he—ur
V (5a — 3B)*+ (5a -+ 3B)°
(e8P —(a—BP{a Blifa~—F)
72) N& ebpeBolv 1& yrvéueva :

v (X)X + 9)-(x 1 ¥) -Ey
(X —9)-(x —9)-(x — ) v (p—1p
ot — iy =% -1-3) (p+2)

Vv x—1x+2hx'—3) 3 —a) g
(2x—1){3¢-15)(2x - 1) yix —4)

73) Ta k&twbL didvupa elval ol 0o Bpor Tol TETPpaydDVOUL
100 &Bpolopatog f tfic drapop&g Blo &pBudv. Na ebpedf 6

e o - 2aB -i—t-_j 25—10x 4 X J‘
w* + 2pv ¥ 1 —BE Ay
o el i) G A =
T B [ o T e =

A’. AIAIPEZIZ

76. Awxipeolg dxepxiwy HOoV@VOP®V.—Td mniikov ‘;:

yvwpifouev (§ 36), 81t elval Toov pué a’ =a*, fjtot z:— = ax*.
"Enlong yvwpilousev (§ 39), 81 g: ——»—%- MNapatnpoluev BE,
811 16 pév mnAikov a* elval &kepaia mapaoraolg, 16 8& c:, elval

KAQOHQTLKY.
Movovupov &képatov Aéyetal diaigezdy BL” &Alov, Stav
OTapyn &xépaiov povdvupov Togov pé 1o mnAlkov abtdv.
Awaigeoic d¥o0 dregalwyv puovowviuwv Aéysrar 1) eligeoic rod
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dxsgaiov movwvduov (¢av Omépyn), ©d OJmolov elvar anlixov
avTdv.

a?
8

"Ex 1fig TavtdtnTog =

—a' Enetat 1§ a' =ca’.a'. Zvuvayo-

pev Aowmov &tz Té ywwduevor tod diaigérov &ml td dxépaiov xal
wovedvvuov mmlixov elvar ooy ud zov Siarpstéov.

“OBev Emetar ed0kdhwg, &ti: Aa va elvar Ev uovdvvuov
diatperdv ¢ HAdov, moémer xal doxel va Exp tobzo Sla td yodu-
paza, ta omwoia Exec 6 Suaipéing, nal Exactov ud Exdéznv un wui-
HOOTEQOV.

[l. x. & povodvoupov 35a*f’y elval diaipetdv Bk 100 pove-
vopouv —2ax’B*. "Ev® 10 povdvupov 8aB'y div elval Siaipetdv
Bia 100 povwvOpou 3aByd. Emlong 16 povdvupov 9xye Biv
elval Bialpetov Bik 100 povwvopou 3xy’e. “Qote:

‘H diaipeoic d0o &kepalwv poveovopoy elval &dovatog:

s 1) 8tav & Buaipétng mepLéxn ypaupa, 1o 6mwolov v mepté-

L O Bdraipetéog, xkal

V 2) Stav o diaipétng meplExn yp&uua pi ExBEINV peyaliTte-
P

ov &mo 1tov €xBEtnV 100 altol ypaupatog, 16 dmolov OTM&pPXEL
Kol el Tov Sraipetéov.

77. "Eotew 1dn, 81 mpdkeitat va ebpwpev 10 mnAixov 100
govaviuou 42a'f* Bix 1ol 6ap’.

"Enedn) 1a dképata talra povdvupa elval yivépeva ToA-
A®V mapaydviwv, Emeral, 8t duvausba va dialpiowuev To
42a‘p* mp@Tov Bia 1ol 6, Emelta 1d edpebiv mnAikov did 100 «
Kal téAog 1o véov mnAlkov Bid tod B

"AAAG 42a'B®: 6 = Ta'p®
7alﬁ5 r X = 73355

Kol 7a’B®: pr=Tap*
MAtol 42a'B* : 6a B*— Ta*p?

!

V

“"O8ev: “Iva diaigéomusy pwovdvvuov 8¢° dildov movwviuov
(Brav diaipfital), StaipoBuey 1ov ovviedsorny adrod did ro¥ cuv-
tedecrol 0¥ Scatgérov. "Eneiza 82 yodpousy dekid to¥ mndixnov
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atTdv Exacrov yoduua tod Sitatgeréov, dpod mponyovuévws depat-
péawuey dnd tov Exdérnv avrod tov Exdérnv oD adiob ypdu-

patos Tod diatgérov.
"Edav ypaupa 1t 88v Omdpyn elg tov draipérnv, Omobérouey,

6tt Omépyer pé éxBétnv 0.
6. 1)  18a‘B'y*d : 6By’ — —oai~F. Bo—1. y*=2.5 = 3a’B*y"8

12
2) — 12)0t g o ——Typ" = === X
"Aoxnosets.

74) Na ebpebolv 1& mnAika 1@V kK&TwHL BlalpEgewy :

V 14a’p® : 7aP —';’— xqf‘:—%xw
9t ——0 o1 —;— ORI e g— ay®
15a*B5y : Ba®B?
y — 23aBY* : — Saptyt %* XYt : — Satxye
x'Bly*d : —a’P e | i W R —}; aBx

78. Awxipeotig Gxepaiov moAvwvOpov BL” &xkepxiou po-
vovouov.—'EE 8ogwv elmouev &votépw (§ 76) ouvayopev, St
16 mnAlkov &kepaiov ToAvwviuou B° dxepaiov povwvlbpou dev
elval maviote dxépalov moAuvdvupov. 'Eav 1 mnAlkov toOto
elval &képaiov, TOTE TO MOALGVUHOV AéyeTal Seatgerdy Bia ToD
povavopov toltou. ‘H eligeois o0 molvwvduov xal dregalov
aindixov Aéyerar dialpecis oD modvwviuov dia 1oV movwyiuou.

“Eotw 7idn, &t BéAhopev va Siaipéowuev TO TOALOVLUOV
8a® — 12a* + 20a® — 4a® 8 100 povavipov 2a’. "AAAa n&v To-
Avdvupov elval &Bpolopa TV Spwv tou. "Exouev Emouévag
£d0 va Blaiptowpuev &Bpoiopa Bl &ptBuol. INpog tolto &€ mpéE-
mel v& diaxipéowpev Ekaotov T@vV Spwv 100 Bialpetéov Bia 100
Blatpétou kal va mpooBécwuev EMelTa TG TpokiTMTOVIX TMNAlKa.
AXMG Bl va yivy to0to, fltol Bid va Omapyn mnAlxkov g Siat-
péoewe althig, meénet xal doxel, Slor ol oot ro¥ diaigeréov
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modvowvduov (16 dntolov elval &vev duolewv pwv) va elvar diac-
pgezoi Sua tod movwviuov. 'Eneldy 62 cvuPaivel tolto elg 10
ave map&derypa, Emetal, §1L Ondpyel tnhikov 1fic Sobelong diat-
ptoewg kal elvat todto 16 &&fig:

(8a® — 12a*+ 20a® — 4a?) : 2a’ =
Bk 12at 20a? 4a?

2a? 2a? + SOk T 2
= 4a® — 6a’ -+ 10a — 2.

79. 'E€aywyl] Kow@v mopaydviwv EKTOG TMxpevOE-
oewg.— Ex 1fijg mponyovuévng diaipéoewg AauPavopev v lod-
TnTa : 8a® — 12a* - 20a® — 4a® = 2a’.(4a® — 6a® + 10a — 2).

“Qote, Stav Ev molvdvupov elval Biatpetdy did povevduou,
dovatar 10010 va mapaotabii ©¢ yivéuevov 1ol poveviupou
Eni 16 mnAlkov 1fig dlaipéoewg avtol dia 100 povevipou: tav
¢ Ev moAvdvuuov mapaocTioueyv oltw, Aéyouev, 87t EEdyousy
Tols ®otvols stagdyovias T®Y OGpwy aviol Extdc mageviéoewc,

"Aoxnoecs.

75) Na ebpeBolv 1a mnAika T®v K&TwbL dlalpéoewv kKal Ka-
oMy va mapaotadf] 6 Siaipetéog €éxkdotng Sialpéoewg OC yi-
vOUEVOV:

V (24da*>—12a-+1+4) : 4
(25%x*—15x--5): —5
(18ax—24ay-+12a¢): 6x
v (3Ex*—28x*-49%*—14y): —7x
(18x°y—36ax'y'+T2Bx ¢ —18yx'y") : 18Xy
(54B*y” — 18B°y* — 12B°4°+-24By") : — 6By
e, (160 P* — 120 *P*— 40ay®P?) : 20ay P
(108 ‘" —72x "¢ ¢ ~-63xy'¢°) : — IxY'p
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80. Alxipeoig dU0 dKkEpaiwV MOAVWVOPWYV. —Kal 66 Aé-
youev, 81t 1d mnAixov Tfic Blalpioewg dVo MoAvwviuwv HEV
elval m&vtote mapdotaolg &dxkepaia. 'Eav Spwg On&pyn &xe-
paia map&otaoig (moAvdvuuov fj povavouuov) ton mpdg 1o MRAl-
kov Blo dkepalwv MoAvwvOpwy, 16t Aéyetat 10 Ev Scaipszodv
Bl 100 &Ahou. "H etfipeocic 88 tot mmlirxov adrot Aéyerar Seai-
oeois TV dvo modvwviuwy.

‘H efpeoig 100 mniikou (Btav Onapyn) tfic Siapfoewg dlo
&xepaiov moAvovipwyv bBev elvatr téoov elrorog, g elg Tag
TPONYOUUEVaG TEPLITTOOEL Tfi¢ dlaipéoewg. Aila va 65nynbd-
uev ¢ eig tov Tpdmov Tfig eVpéoewg avtod, &¢ &vaxwWPNOWUEV
&Gmo v Tavtdinra

(x+Br=(a—+B).(«-+B)
ATic ypaogetal kal d¢ &Efic (§ 75):
a’ + 3a’B + 3ap®+ B* — (a* + 2af + B?).(ax + B).
AlTn 8¢ Beikviel, 81t mnAikov Tfig Blaipécewg
(«* 4 3a’B -+ 3ap* -B°) : (o + 2ap + B?)

. Omépyxet kal 8t elvar a-+p. "Hdn &g bouev, mhHg 8& slpw-
pev todto dia tfig dlalpéoewg. ‘Huelg yvwpifouev, 81t 10 yivo-
pevov 100 Biaipétou &mi 10 mnAikov looDtal pé 1oV SialpeTéoV’
Eyopev 8¢ oltw :

(a«® + 2aP + BN+ B) =

(x® 4+ 2aB+B)a= o'+ 2a’B+ ap?
kal («?+2ap+P)Pp= = o«’B+ 2ap* P
a* -+ 3a’B + 3ap* | p°.

"AAN" &poD 6 o elploketral &mo TOV MOAAQMAQOLXOUOV
a’.a, Emetal 81i, &&v Blalpéowpev o’:a?, B elpouev 1oV o, fjToL
tov mp®tov Spov. “Qote & mpdrog Spog Tod mnAikou edploke-
tal, £av Blalpéowpev TOv TpdTov Spov 100 Biaipetéou dia tod
mp®dtou Spov TOD Biralpérou. 'Eav thpa moAAQMAQOLACWUEV
1oV Blaipétnv énl Ttdv edpeBévra mpdTov Bpov Ttod mnAlkou, £0-
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ploxopev, d¢ PAémopsv &vetépw, ywwouevov a’ + 2a’f + af’.
‘Eav 82 10010 &paipéowuev admd 1oV diaipetéov edplokouev:

o+ 3B -+ 3ap® -+ B°

— a2« — af*

B+ 2af* B
AAN" 1) eUpeBeloa Siagopda [ooltat pé 1d  yuvduevov
(a*-+2xB--P*) B. fitor p& 1d yivéuevov 100 diaipétou Emi ToV
Sevtepov Spov 1ol mnAixov. “Qote §j dixipeoig

(«*B + 2ap*+ B*) : (a*+-2aP + B7)

8& p&c ddon mnAikov B, fjtol tov dedrepov Spov oD mnAikou.
‘Eav 8¢ okepBduev dpolwg ¢ dvw, Ba 1dwpev, 611 & Spog P
10D mnAlkou eUploketral, tav dlaipégwuev Tév TpdTtov Spov
100 véou Biaipetéov Bia 100 mMpdrou Hpouv 1ol BLaupétou, fijtol
a’B:a*=p. "Enedn 8¢ 16 yrvéuevov 100 Sraipétov E&mi Tov B
looDtatr ut tov véov duatpetéov, fitol Emedn 16 ywvbuevov Tod10
&poipobuevoy &md 1ov Bloupetéov Bider OmbéAoimov O, Emetal
811 1) diaipeoig &redelwoe kal 61t mnAlkov avtfig elval a—+B.

‘Opolwg oxkemtéuevol edplokopey, 81 1fic daipéoewg Tm.X.
(o —3a’B + 3B — B): (a—B)
& npd®tog Bpog 1ol mnAixou elvar 1o mnAikov 1fig dlatpéoewg
a®:a—a’.
Katémiv to0Ttou moAAamAcol&lopey
(a— B)l.a’=a’*—a’B
xal 1d yivéuevov tod1o dpatpoluev amd tdv Sialpetéov
a* — 3a’B + 3ap* —p*
 —2aB-13ap P

“"Eneita Biaipoluev 1dv tpdtov 8pov —2a’f 100 OmMoloimou dia
100 mpdhitov Bpou a ToD Biaipétov xai eOplokouev Tév Bed-
tepov 8pov 10D mnAikov, fitor —2a’B:a=—2af. Tov Bdev-
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Tepov T1o0tOov Spov moAAamAaoidloupev pé TOV Biaipétnv kKol
0 yivéuevov (a—B).(—2aB) = — 2a’B-|- 2ap® &oaipolusy &mnd
T0v véov BLaipetéov

—2a®*p +3af*— B°

Topa biatpobuev (ap—B%): (a—B) did va elpwusv 1oV
tpltov 6pov 10D mMnAikou. [Npdg TODTO &8 BLaipoDuev af:a=—p.
"E&v 8¢ moAAanmAiaoidowpev (a — B).p? kal 16 yivdéuevov adtdv
dpaiptowpev &md tov véov Braipetéov, elplokouev

agz_ ﬁs
g Gﬁ""f— s
= 7677 2=,

“Qote 1) dixlpeoig éreAelwoe xai mnAikov adtfic elvar
oct—Zof——R
‘H np&é&ic abtn diatdooeral dg £&€fig:
a®* —3a’B+3apf—pB* a—B
TE L ER s e dap R
—2a*B3apf*—pB*
—Pat B 2R

Wt
Bl i
0.

81. 'Eav 16 &vw moAvdvupov elval diatetaypévov xatd
tag &vioboag Buvéauelg Tl ypduppatog a, ol ouAloyilopol Kal
& 1pdmog 1fg SLalpéoewg SEv &AA&ooovy, pdvov 8’ &pylowpev
v Balpeoitv &mod t0o0¢ Bpoug, ol dmolol Exovv 16 yphuua Tfig
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Siatdfewc pt tov pikpdtepov ExBETnV, dnhadn &mo tovg Spoug
B* xt B. T1. .

—f*-3ap*"—3a*f--o* —B-t«

G s, p—2apta
2ap*—3a’B-+a*
f2aﬁ’—%2cx’ﬁ
== b
,—‘t_ afﬁ—a‘
0.

82. 'Eav elg plav diaipeoiv Omépyn moAuvdvupov mmAixkov,
elvat pavepdv, 81t ula &k TV uepik®v dlalpéoewy, elg Tdg
dmolag &vayetat 1| &pyikr, 8& Bdoq tov tEAsutalov Spov 100
mnAikouv kal 6& &oefjon OmdAoimov O.

‘Eav Suwg elg plav biaipsoiv dev Omépyn &xépaiov Tmo-
Avovouov Tgov mpdg 10 mMnAlkov adtdv, 1o6TE 1) dalpeoig BEv
dOvatal va teAeldan, §

1) "Eav 6 modros Spogc to¥ Siaipérov d2v Siaigff tov mod-
zov Spov toU Siaiperéov # TOV mpdrov Soov Evdc éx tdv Omolol-
wor §

2) "Eav Stawgfj Slovg totitoug tovg Sgovg, dAd’ o¥démors £0-
gioxerar vxddowmwor O.

I15. 1lov) Na duaipedij 16 moAuvdvupov:

2ax’ +a’y o Sia 100 ¥y —a.

dog-Eay - afiogss
— 2ax® 1+ 2ax Y

T ARG g
— 3a*y + 3a®

R 4a’.
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2ov) N& Biaipebij 16 moAuvdvuuov :
2—9y —5x*L16x* — 7x* Bua 100 1 —x -2y —7y°

2—9y —5x* 16— 7yx* 1 —y—+2x*— 7x°
B T BB S ey s
s Eeol. e s ket v
—+ Tx — Ty? 1 14y® — 49y*
— 16x* - 44y* — 56%*

Hagazrnenots. ‘H terevtala diaipeoig éEaxoAoubel
¢’ &melpov, BL6TL T MoAvdvupx elval BlaTteTayuéva KaTd TAG
&vioboag duvauelg 1ol yp&upatog x, &vd, éav floav diaxtetra-
YHéva katd Tag Katioboag duvdauelg 100 ¥, Ba £épB&avauev elg
UméAoimmov BaBuol katwrépov 100 BaBuoD ToD diaipétou (BiLdTL
elg Ek&otny Blaipeoly 6 tpdrog Spog 1o Biaipetéov dév Onap-
XEL &v 1® Umololne), o6méte W) Bixipeoig Ba Biexdmreto. Al
100710 MpoTIpdTEPOV £l TNV OBLxipeoiv va dlaTdoowWUEY TG TO-
Avovupa Katd TG Katioboag duvdauelg £€vog ypauuatog.

"Aoxnoets.

76) Na yivouv al dLaipéoelg:

(x*—*) : (x1+¢) (5a*-+15a*+-5a-1-15) : (a3}

Oc-+2x+1) : (x+1) (35x*47*—-13x—+1): (5x+1)
(x*-13x*+3x-1+1) : (x+1) (6x*+-x*—29x-+21):(2x—3)

(a*+-aB—2p%): (a—P) (a*—2a*B—ap*1-2p°) : (a*—P7)

{(3ar+af—2B%): (3a —2B) K6 —da’B—3a?P*1-2PY) s (2 —PF
77) N& ylvouv al biaipégelg:

G —x" o1 8 i - —8)
(Ax*—16x*|-25x—25): (2%*— 3%+ 5)
(45%*+-18x*-+35x7+4x—4) : (9¢°*+Tx—2)
(21a*—16a’B+16a*B*—5ap*+2B*) : (Ba*—apf-+B*)
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76) Na yivouv al diaipéosicg:

(et — ) (a—P) < (a+=p):(x+PB)
(c®+P*): (a1 B) ) i (a®* — B*): (a*—PBY)
(a*+P*): (a1PB) : (a*~+32) : (ax—+16)

83. ‘Av&ivoig moluvwvOpou elg yilvéuevov maxpayodv-
T@wv.— ‘H &vaivoic molvwviOuou elg yivduevov mapaydviov
Bev elvar mavrote duvarh &AAa xal Stav elvar duvarth, div
Exouev yevikag pef@séboug B avthv.

MeéBodoL Tpomfic WoAveviuwy elg ywdueva mapaydviwv
Omapyouy ' Opiouivag meptMTOOElg, £k TOV dmoiwv &vadé-
pouev tag £E€fg:

a’) “Otav mavieg ol Spot MoAuvwvouou EX0UV HOVOVUUOV
xo1vdv mapayovia, tE&yopev tolto éxk1d¢ TapevBioewg (§ 79).

Obrwg: ax*+ Bx* v = x(ax*-+ Bx +¥)-

B’) "Eav ol por moAvwvipouv dOvaviar va &moteAécouy
duddag, 1OV dmolwv éx&otn mMepiéxEl map&yoviag xoivolg, Be-
Touev adtovg £&xtdc mapevBéoewg. 'Eav B¢ al mapevBeioeig

abtal meptéxouv THV adTiv wap&otaolv, Oftopev xal TadINV
£x10C¢ MapevBETgE®C.

M.x. ax —Bx ~yX oy —PBYy T yp=
=x(a—B+y)—Pa—pB+y)=(a—B —y)x -¢)
v') 'Eav Bidvupov elval Biagopa tETpaydvev, dvailetal
elc yivbuevov o mapaydviwv (Goknoig 69).
M.x. 16a*—25p'—=(4a)* —(5B)=(4a- -5 4a—>5B).
5°) Tptdvupov, 100 émolou ol pév Blo &poi elval TéAela
teTpaywva &AYeRpik®v mapaotacgewnv, & 82 1plrog Spog elvat
16 JIMA&OLOV Yivouevov TOV TMapaoTAOE®V TOUTWYV, TPEMETAL
el Tetpaywvov 100 &Bpoiopatog §j tfic diagopdc 1OV mMapa-
ot1doewv ToUTwV (onu. § 74). Obtog Exouev:
25>+ 30y - 9*=(5x)"-2.(5x)- (3P} 3¢)y=(5x-1-3¢)
25%*—30x P -9 =(5x)"—2.(5x)-(3¢)—(3y)y=(5x—3¢).
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'Aoxnfoeecs.

79) N& tpamolyv elg yivéueva al napaot&oslg :
Hax—+Bx—¥x

5a - 58
—5a.——bf aX — S5ayp — 3a¢
ay —+ By ‘9a*— 6a’+ 3a
X'— XY 40ax —25a*y 15«9
-« a(x+ )+ B+ )
ap— B a(x— ¢) — B(x — ¢)
. B—aB (x —BI)x—2(x— By
10xy — 8xo (« —B)x —(x—B)

' 80) "Enlong v& tpamodv elc ywvbueva al mapact&oelg -

ax+Bx—+ayp—+PBy 2ax—2Bx+ 3ay — 3By

ayx-+px—+aoa+-B 3ax— 5By —3Bx 1+ Say
ay —yx-—ad—5x ax—PBx T+ yx —oap+Py— vy

oy — ¥R ~—mb -6y (a=BXX+¥)—yx— vy

81) Na &vaivbolv elg yivéueva o mapaydéviwv al tapa-

OTAOELC :
36— 25¢* Syrt— S
I X' — xy*
Jle2—2 a2 ax*—25x
3 S («+pr—y*
g0 (a=—xr—e
3ot— 27 (ax — p)y— 4y

: 82) N& tpamolv elg yivéueva ta tprtdvupa :
) 9% — Bxp =g

W u-2uv v

3 a6+ 9 JMda— 12ap - 9p*
b s - i (1649 — 32¢x 1 4x*
9y 6x -1 81 — 90y - 25y*

125%*-30x +9 1100 — 120%*—+ 36%*
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84, 'AlyePpika KAGOpaTx.—Td mnhikov 800 olwvdfmote
dAyeBplk®v mapaxot&oewv maplotatar ¢ kKA&oupa Exov &pt-
Buntiv 10v Biaipetéov kal mapovouaotiv 1oV dlaipétny. Oftwg
Eyouev :

aip— T (ar-i2p)iapm LT,

aB
SR AT [ 2 TR ok . s il
(X —X$——9*): (axx 3¢) ax — PO
MNMapaotaoeig dg al
= 3a*+2° X*Hxpty?
B aB - ax—py

Atyovtatr ddyeBoixa xddouara.

85. Kal mponyovuéveg elmopev, 61t al &AyePpikal Tapa-
otaoelg mapiotolyv &piBpoleg. “Qote kal ol Spot Evog &AvyeBpt-
kol xAdopatog &piBuodg mapitotobv. 'Ex to0toU howmdv Enetal,
61t kal Enl 1OV &AyeBpik®V kKAaoudtwv &Anbevouv al 1BidtnTeg
1BV &plBunuxk®v xAaoudtwv. Adtt al teEAevtalatl BidtnrTeg
elvai guvéneia TOV &pxik®V BlothTeY 1OV p&fewv. ‘Hueig 62
eldopev, 811 abral &AnBebouv kal énl 100 ocuvothuatog 1OV Be-
KOV kal dpynukdv &plBudv.

86. 'Amiomoinotg. — 1) Na&a &niomondfi 16 &AyePpikdv

5 20csBry
KAdoua : 5By -

'E8® mapatnpoluev, &t ol mapayovieg 5a®By elval xoivol
napayovieg T@V Spwv abtol. 'Eav diapéowuev Aowmdv &ugo-
tépoug toUg Spoug 100 xKA&opatog adtol Bid Tod povwvduou

m ISI 4::!
5a’By, 8& Exwpuev ]5:,&?% = 3y,§ "

2) Na &mwhomowndfj 16 xkAdoupa :

-x: i '~P’ =

"EB® mapatnpoluev, &1L
X CR PG

kal 81t K =lx—ox )
5 ¥ *—2apHpr . e—9O—9) T o,
Qote elvan X¥*—9 0 X—vOY T xtw
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87. Mpbdobeoig kaxi &paipeoilg kioopatTwv. — 1) Ng
npooteboly Ta KAdouata :
@ Y £
R
INpoc tolto Ba 1& TpéYwuey elg Sudvuua, UE KOLVOV TTapovoua:
otiv 10 ywwéuevov 1OV mapovouact®v' 8da Exwuev 8¢ oltw :

Sy £ el oyl R SRS S
RS SO e BsL ' BBZ B5L ’
2) N& mpoo1eBolv ta kA&opata:

= B ap
atp’ a—p’' a—p*°
El¢ 16 map&deiypa 10010 H& A&BwUEV GO KOLVOV TXPOVOUXT TNV
&yt 16 yvépevov 1OV Ttapovouxot®v, dAAG 1o didvvpov o’ —p*,
6161t ToDTO Bratpeital Kal 61" a+B kal 61" a—pB* oltwg Exousev:
B .oy obf . ole—R o Mo} o TP o

x ¥
a+B 1 i oa—pP i 25 a’—p? e a'—p! | a*—B* ' o'—p*7
o= e oo, ot b an bl

o —— ﬁ:l' a? — B2
3) N& &oalpebolv 1ad kKAdoparta:
L 24P e
a® + 3a’B + 3ap*+p* ’ a+B °

Elg abta xowvog mapovopaxorns 8a Anedi o
o 3B - 3af’ P = («—-B)-
Oa Exwuev Aotmdyv : :

g A?aﬁ £ 1 T s {(c+B)*
@ +3aP 3P+ T afp (@B bR
o daf gt g — PP et R 1D S SR RS v P

B (@ + B)® B T = e (ca+Br -

88. MoAAGTMAXOCLXOPNOG KAGOUET@WV.— 1) Na moAlamia-
olaoBolv T& kKA&opata :

P Sk s
i = 1o B
- IR e S o, 8
Exopey o T B Bx+W
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2) ‘Opoiwg va molhaniaoiacBolv 1d KAGouaTa :

12x9 X—w
= )
~Exouev el - IR 4y

X9 e Wel™—¥)  3elx+9) -
89. Awipsoig xAaxop&twv.— 1) Na& vyivp ) duaipeoig
X*—gr 2x—2¢

3aB °  15a°
Té Lnrodpevov mnAikov elvat
= b . Bae ) . Sal-L g
3aB T 2Ax — ) 6axBlx — ¥) 2
90. ZovleTa KAGopoatx.— Té mnAikov
SR
a+p " x—B

naplotatal Sid 100 ocuvBétou KAdouatog
1
.
3 :
x—p
“Iva Ev gbvBeTOoV KAdoua tpani) el¢ &mwAolv, diaipoluev 1oV
&pBuntiv adtol Bia 100 mapovouaotol tou. Obtwg Exopev:

e . 524 Ei%__(a__ - il
I . oiP e R B
a—§B @
IS s i L s VL, e
oo - @ Bla* —B) -

'"Aocxnoeis.

83) Na &mAomoinfolv Ta KaTwbL &AyePfpikd kAdopata:

. e = 24x”Bx —Sa’By 27x*yte?
Xy 10xy* 12axp® 35aBiy® — 18y ot
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oudv kal E€neita va &miomolnBodv talta:

x x
1) T(—.x 3) W' ]2x 5) w aBy
i e a+p ao—B
2) pr ¥ 5 B " ay 6) &—p- afFp
i, i BEE IS e
L X X—¥ i x T ? ).xq!cp
(1P o—P e
g Y _of 11) (o:—f-— = ).a
9) (ex* +Bx*--¥x): % 12) (a— E”:"’).a

X xp X - G A 2y 3xy—3x
X Xp—y* gr—xyp 29+-xy 9¢*—9¢
- ik, 3 a*— p* ax*—ax ax—ax* g
x—wr a?—ap X x—at 6x+18
84) Na éxteAecBolv al mp&éelg :
T i 8 e ke
T S [ R -
L B, 3 2
5 5 &
e 3 SRR
X X 4% 12y
Sx  3x  2x W e e
X % X s R < L
X W Sl dar ]
5 3 R AR @
C. B o S e R
3 4 X¥ ' xo | we
SR e B Srad SEn o
3 5 15 vo | xo | x¢
e el el S A T
4 3 12 20 TE S G o
. Sl BlG Al TR ke
= g 63 21 x—1 T x—0n

85) Na eOpeBolv ta& yivdueva 1AV K&TWOHL ﬂo?\lcxn)\acncx-;

:
|
e . e X |
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86) Na ylvouv al k&twbt dlaiptoelg:

——
e
etk
=B
s OF
x @
s
SaB | 2aB
Oy © 9y
Sapt - 3ap

e 20x7ye

i o) EPNOR - e
23 Tx+1
atB . (atBr
E—p - ar—pr
(a+PB)* | |
e e

foeads Y2 2B LB

e — 5
®*—P* ad—g
i g o b

B 4 Ul o
a—B ' B—«

87) Na &mwlomoinBolv 1t& KAGouata:

i B
el e sl
Y s £ B
£ s - 5 Ty B - W
B « s s P R 5
LSEE s R Sl
B e B Y B [
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BIBAION B’

EZIZQZEIZ TOY TTPQTOY BAGMOY

KEDAAAION |
"Eficticels Tob mputov Balued né Eve ayvwsTtov.

91. ‘Opilopoi.—'EE bowv elmouev elg tag § 60 xal 61 guv-
&youev, 811 Bla TOV dlagpdéprv pETaoXnUaATIoU®V TAV &AyeBpt-
KOV mapactdoewv, ol dmolot yivoviar duvauel TV np&lewv,
mpokOTTOUY Tavtdtnreg. Oltweg al logbdintecg:

(5 —3B).7x = 35ax — 21Bx. (30a®— 15a) : 5a = 6a — 3 KTA.
elval TavTtdINTEG.

“Hdn &¢ A&Pwuev 8o tuxoloag &AyeEBpIKag TapadT&oELg,
Y. T&¢ 5x -+ 4 xal 7x —2 kal &g ovvdbéowuev aldTag pe 1O
onuelov tfic lodtntog, 6méte B Exwuev 5x +—4=7x — 2. "ANA& |
napatnooduev, 8t 1 [06Tng aOTh &AnBedel udbvov dia x =3°
816TL Exopev 5.3 +4=73—2 fjtor 1544 =21 —2, é&v® Bia
x=2,4 xt\. Exopev 104+4>14 —2 kal 20} 4<<28—2 kTA.

Al toiaxOtal lodtnreg karoOviatr £Elodoelg. Tevik®g BE:
'Etficwowy xalouev tnv lodimza, fc dmolas ra wéidn Exouvw
yoduuara xal 1 énoia dAndeder, Stav 10 yoduna # ro ygduuara
AdBovy xaraldijlovs Tiuds.

Toiatn elvar # lodtng x*—3x =10, firig &AnBeder dix
x =5 kai Bia x = —2, 861t 5°— 3.5 = 10 kai (—2) —3(—2)=10.
T& ypauuata 1fic E§lodoewg, T& Omola MPEMEL va AVIIKaTa-
otaBolv ut dplopévoug &plBuolg, Tva &AnBedop 7 lodtng, Af-
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yoviai dyvwozor tiig £fiodoewg. Ol 8¢ dpiouévor &pibuol, ol
dmolol, 6Tav &VILKaQTaOoTAoOLV ToUg &yvdotoug, EmainbBebovy
mv é€icwolv, Aéyovrar dvosis § eilar tfig E§lodoewg. 'Eav de
totoDTOL &ptBuol Bév Om&pyouv, W Eflowoig Aéyetal ddvvazos.

Ol &yvwotol maplotaviat cuviBwg Bia Tdv 1eAsviainyv
ypauudtwyv tob &A¢afniov ¢, X, P, .

‘H elipeoigc t1®v Tiudv 10OV &dyvootwyv Aéyetal kal altn AL-
gic tfic éEiodoewg. Elval 82 1] Aboig tdv £é€lodoemv 10 KUPLD-
tatov Epyov 1fig GAyiBpag, diéTL elg 1obto &vayetal, ©¢ 8&
eidouev, 1 Adoig TV mMpoPAnuaTwyv.

92, Aiapopot katnyopial E€lowoswv. — Al éCloboelg dO-
vavial v& mapouoiacBolv Omd diapdpoug poppdag” oltw T.X.
1) "Exouev tac 2&lodoelg pé Eva pévov &yvwotov ©¢ elval al:

2Xx+5=9, XY¥*—4=—21 x1IA.
A xal pé d0o, Tpelg KTA. &yvdotoug &g elvat al :
X+ ¢ =10, X+—¢+y—15=42, X*— P =5 KTA.

2) "Exopev tag &Elodoelg, ol oOmolar dév Exouv olbéva
&yvwotov elg 16v mapovoucothv, Aéyovial 8¢ dua todro dxé-
gatai, ¢ elval 1 é€lowolg 7x + 13=15x — 3. 'Ev® ol éiod-
oeig, ai dmolatr Exouvv &yvwotov elg 1OV TMapovopaotnv, Aé-
yoviar xdacpatixai. KAaouatikn é€lowolg elval m. x. 1

B asiliedy
i1 _— 2x—1°

93. 'loobUvapol E§owoelg.— Al é€iomoelg 3x +—1=13
kaxi 5x— 3 =17 edkbéAwg PAémouev, 81t Eyouv TV adtiv pi-
Lav 4. Ao £Eiodoelg, Stav Exouv tag adtag plfacg, fltol Stav
al pilo tHg MpdTNg elval pllar tfic devtépag kal &vrioTpdPwg,
Aéyoviar {oodvvamor. “Qote al &votépw dlo &liodoeigc elval
looblvapol.

‘H AOoig uiag éSiodoewg Bev elvar mavrote ebkolog. Ard
To0to petaoynuatilopev adtiv Sitadoyikdg eig &GAhag looduva-
uoug £E&iodoelg, uéxpic ob elpwuev éflowolv loodbvapov, Tfig
émolag /| Avoig elvar mpogavig, @©¢ m.x. elval 1§} Adoig Tfig £&61-
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owoewg x =25, 1fig Odmolag 7 pila elvar 5. ‘O ueraxoynuarl-
OHoOC wag EElodoewg elg &AANV loodOvapov otnplleral éni TGV
Katwbi BrothTv.

IF'evixaxi iSiétntes v Edicdicewv.

94. A’ 1B16TNG.—"Eotw f &€lowolg 3x = 18, 1) dnola &An-
BedeL Bia v Tiunfv x=6. 'Eav #{bn el &updrepa 1& péAn
a01fic Mpootedfj & TUXDOV &pPLBUdg T.X. & 7, mMpokOTTEL 1) éElow-
oG 3x+7=18-+47. "AAN* &¢poD did x =6 Exouev 3x — 18,
Bk v Blay mipyv x =6 6a& €xowpev kal 3x+7=18-} 7,
BiéTL elg Tooug &plBuodg mpooeBéoapev ToV adtdv &pibuodv 7.
“Qote m&oa Abolg tfig MpdIng £§Lodoewg elval Avolg kal THg
bevtépag. Kal avitiotpéowe, &pol i devtépa E€icwoig &AnBedEl
Bid x =6, B& &AnBeln kal f mMpd1n, didTL edplokouev adTAV,
&v and 1 loa péin 1fic devtépag &Ppalpéowuev 1OV &plBudy
7. "Qote al &vetépw EEiodoelg elvar (ocodOvauot. ‘Opoimg
anodeikvietal, &t ai éfiodboelg 3x =18 kal 3x -+ u=18-+p
elval loodOvapotl d¢ kal al 3x=18 kal 3y — u =18 — u. “Qore:
‘Edv mgocPéowuev elc dupdtega ra uédln 2Eiodoswe # dpaigé-
cwuey dmd avtdy Tov avrov dotPudv, laufdvousy éflcwowy ico-
dUvauov.

[l.x. al ¢€lodoseig:

X+5=6x kal x-+5+3=6x-+3
elvat loodvapotl, 8ntwg elval kal al ‘
2X'+X+3=XxX"1+x1+28 xal 2x*'{ 3=x*-| 28.

Mépiopa lov.—"Eotw f é€lowoig 6x — 5=2x + 11. "Eav
el &ugpdtepa & péAn altfic MpooBéowuev TdV 5, Aaupa&vouev
v loodbvapov 6x =2x -+ 1115, &&v b2 kal elg T& péAn Tfig
véag abtfic Eloboewg TpooBéowuev 1oV — 2y, AauPdavouev v
loodbvauov 6x — 2x =11 - 5. "AAN’ 1idbn mapatnpolpev, 811 &
8pog — 5 100 MpdTOUL péAouc elploketal elg To BedTepov péAog
ug &vtiBetrov onuetov. 'Enilong xal & 8pog 2x edploketral elg 1o
uwpdrov pérog, m&Aly ué &vtiBetov onuelov. “Qote: dvvdusda
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YA UETAPEQUEY otovéﬁ_nozs Soov EEtodoews dmd tob Evdc uélovg
elc td &Ado, doxel va dlAdlwuev o onueiov avzod.
Mépopx 2ov.—"Eotw 1) E€loworg
3x*+7+5x=2x"—2y — 5.
'AAMAG KaTd 1O Tpornyolupevov Téplopa duvaueba va pETagE-

pwpev BAoug tov¢ Spoug toD £vdg pfloug elg Td &AAo, T.X.
100 Beutépou el 1O TMPpdTOV' &AM TOTE B& Exwuev: ;

Sea-FT-E3 W2 5=0
A, pETG TNV Avaywynyv:
x*+7x+12=0.

‘Enopéveg: Haca éElocwois dxegaia dvvarar va tvedfi Vo
Ay popenv évds molvwviuov loov mgds o £

95 B’ 1d16tnc.— AL dpolwv ouiroyigudv pé 1o0g TG Tpon-
youuévng BLéTnTog, oUuvayouev STi:

*Eav moAllandacidowusy dupdtepa ta uédn éEiodoewsg émi
oy avtdv dotdudv (adnv zob O) # Siagéowuev dia vod adiod
dotduot, AauBdavouey éslcwoiy lcodvvauor.

Ob6twg al EElodoElg :

31 8= % —4 xal (3xﬂ:—8).3=(-x——a4).3

3
firoal 3x +8=-2% — kal 9x—+24=yx—12
elvar loodOvauot. "Emiong looddvauol elval kai al £6L0D0ELG :
5x = 30 Kadl -5%— == —353 fitoo al 5x=30 xal = 6.

Mépropax lov.—"Eotw f 2€lowoig — 5x =25. "Edv moA-
ramhaol&ouey Ta péAn avtfig éni — 1, Aaufavouev v loo-
80vauov 5y = — 25. 'Eav xk&uwpev 10 abtd xal elg myv é€low-
o — 8y — — 23+ 7, 8a A&Bouev v loodbvapov 8x =23 — 7.

BAémopev Aoitmov St Avvdueta va dlddEwuey ta onusia
SAwv tdv Sowv midc éftoddoewme.

Mépropx 2ov.— "Eotw 7 éflowolg %"——9:4—;-—2‘ Ecav
TOAQTAGOL&O®UEY &uddtepa T& upéAn aodtfig éni &v xowvov

6
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ToAAamA&oloV TO®V TMapovouxotdv, . ¥. &nl 1o Yivépuevoy
adtdv 2.3, AauB&vouev v locodbvauov :

23 % 239—23 %% _ 232
HToL v 15 — 54 =8y — 12,
| émola mapatnpoduev, 81t Bév ExeL Tapovouaotdes. “Qote : Av-

vdueda va dralelwwuey Slove tods nmagovouactdc TdY o
uids é&icdoemwe.

Znueiwotrc "Eotw n é€lowoig 5x — 15 =0, ©} o6mola
Exel plav updvov pilav, THv X = 3. Eav ToAAaMAQOL&C W UEY
T& uéAn adtfic éml x — 2, AauPdvouev v €lowotv

bt=—2X oy — 15 —=0.
AXN' 1) E€lowolg Ot ékTdg THAG pllng x —3 TEPLEXEL Kal Trv
pllav X=2
ot (2—2¥5.2 —15)=—=0(-—5) —0.

“Qote al dVo &dvetépw Eiodoeic d2v elval lood0Ovauol. BAéno-
HEV Aotmdv, 81l tav & TOAAGTAQCLATTC wepLEXNn Eva § mepio-
goTEpoug &yvdotoug Tfig 2ElodoEmg, 1) TpokUTTOUC é€lowolg
Bev elval v yével loodOvauog Tpdc Thv dpxiknv. Aot SOvartal
va mepiExn ulav §j mepioocorépag pilacg, al dmolal 62v elval pi-
Cat xal 1fig MpdINg, fitol BidTL mepiéxel Eévas pilac.

‘Opoiwg, ¢av & Biaipétng mepiéxn Eva # MEPLOTOTEPOUG
&yvootoug tfic éflodoewg, 1) MpokbMtovoa &Elowole Biv elvan
loodbvauog ué¢ v mpdinv. Adt dOvatar va TeEpLEx pilag
SAywtépag TV plldv tfic MpdTNg.

96. BaBuodg 1@v £Elodoewv.—Eldopev mponyovuévae, 81t
n&oa éflowolg axepala dovatar vé Tedff OWMO TV popoRv To-
Avwvidpov Toouv mpodg 10 undév. 'Eav 62 10 &xépaiov todto mMO-
Avdvopov Bév Exn oduoloug Spoug, & PBaBudg altod Afysral
BxBudg tfic é€lodoewg.

Obtwg ol &Elodoselc:

5 — 18=0 Kai 3x+2¢p —13=0
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elvar mpdtov PaBuol, ai d&

X' —7x+12=0 kal x¢-+x—¢p—19=0
elval deutépov PBabuod.

Adcig oV Eiichsswy ToD npdTov Baluel pE Eva ZYVRGTOV.

97. Al& va Abowuev plav éElowolv Tpdtov Baduol ué Eva
&yvwotov, 8& TPpooTabRoWUEV TPATOV V& otpwpev abty &lg

v &mAouvoTépayv NG HOPPNV, Epapudlovieg TAG YyvwoTtag (Bi6-
mrag TV EELoboEY.

M.x. "Eotw mpog Abowv 1) é€lowolg
3 1 1—
ﬁLL"*:_)_ ey __52(_ (1).

Tlpog ToDTO &naAslpopevy TOUC MAPOVOUXOTAG, Tolg o&moloug
Exel, ToAAamAaol&Lovieg ta péAn g éml To yivbéuevov 5.7
6méTe edplokouev v loodOvapoyv

5.7 -0 _574—57"2%

fitot TRV 53(x+1)—5.74.=7(1 —x)
f peTa TRV EKTEAEOLY TOV TpGe®V mv
153+ 15— 140=7 — Ty (2)-

Katémv To0T@V uetagépouev ToLG Spoug, ol dmolol TEPLEYOLYV
1dv X, elg 10 Ev uélog kal To0g YyvwaTolg Bpoug elg 10 &Aho
uéloc, dniadn xwpilopev TOUC yvootodg Spoug &mod TOUG
Bpoug, ol dmoTol Exovv 1oV &yvwaTtov, 81e Aapupavouev v loo-
8Ovauov mpodg TAg AVETEPW (1) xati (2)
15x + 7x =140 +-7—15
fl, yeT& TV &vaywyhny, 22X = 132
Elval 52 7| 2Elcwolg altn mpdtouv PaBuod” é&v dn dlalpéow-

pev &ugdtepa T& péAn Bua 22 edploxopev x = %-——6, BnAadmn

goploxopev, 811 6 6 elval pila tfig Hobelong tlodoews. Kal mp&y-
patt, &v &VTIKAQTXOTHOWUEY TOV X Bid 100 6 elg T|v boBeloav EEL-

1 it
owotv, ebplokouev L o oL R S S

7 5
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Kal peta v éxtéAeoly 1OV p&Eewy eUpiokouev, ¢ Enpene va
ovuBfj, v lodbntax — =1

98. 'Ex 10v &votépm ouvayousy, 8Tl Bid va Abowuev &E[-
gwolv TpdTov Babuod pi Eva &yvwotov:

a’) "Analeipouev T00¢ Tapovopaotag, E&v £xn.

B’) 'ExteAoluev 1ag np&éeig.

Y") Xwpllopev 100 yvwotovg Spovug &mtod éxkeilvoug, ol 6molot
TEPLEXOLY TOV &YVWOTOV.

&) Kauvouev v &vaywyfiv t1év dpolowv Spwv kal

e’) AlapoBuev t& péin tfig TeEAevTalag EElodoewg Bk Tob
ovvieleotol 100 &yvdotou, éav obtog elval Si&gopoc 1ol 0,
ondte edplokouev TV Abowv tiic E€lodoemg, 1 dmola nmpopavdg
elval pla kal pévn.

[18. 1) Na AvBf} © éElowoig

X 5
5 X—=gq7TX

MoAhamAaoi&Zovtec 8Aovug TOUC Bpoug Emi TO Yivoupevov 5.4
eOplokopev 5.45—5(4+x)=544—4(5-1)

fj 100 — 20 — 5x =80 — 20 — 4y
il 100 — 20 — 80 + 20 =5x—4x fjtoL x — 20.
2) Na Av6bf 1) é€icwolg
TR

Kata 1a dvotépo Exouev:
8y +6=12—x—6
A 8+ x=12—6—6

fi he =t
fiTot x=~g—=0.

99. Mepikal MEPIMTOOELG.— ') "Efiodoeisc ddvvaror. Na
Avbfi N é€lowolg :

Sx—+1 s ]
R ke
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MoAAamAaoi&louev SAoug ToOG 8poug Tfig £§lodoewg £

t® &.x. . TO®V mapovoucot®v ftot &mnl 10, ombte edplokoupev
5% 1420 =5x +2°

tav 5¢ 1idn ywploouev TOOG Yyvwotolg &mod THV AYyVOOTWYV
Bpwv xal k&puwUev THV dvaywynv, edplokouey

5y —5x=——20—142 xal O0.x=—19.
'AMA& pé olovdrmote &piBuodv kal &v &VILKATAOTAOWUEV IOV X,
8& Exwuev yivéuevov 0, fitor Ba Exwuev 0= —19. Tolto Bpwg

elval &BOvatov. “Qote kal ) dobeloa £Elowatg elval &dovatog,
fitoL Od oGdeveg &piBuol EmaAnbeletal.

B’) *Eticdoets dmgoadidgioror. Na ALBH 1) éElocwolg:
5{3—‘;‘16)@ i el 8;.(—;—]5 _
Kat& ta tpornyolueva EXOUEV:
15+ 80x — 72x =8x + 15
f 80x —72x—8x=15—15
fi 0.x=0.
“Qote olavdfpmote TiuRv kal &v dbowpev elg ToV X, Taviote O&
Exwuev 0=0. "Hrol f} boBeloa tfiowolg nainbedetal di& n&oav
Tipfv 100 X kal £wopéveg elval Ttauténg.

100. 'Eyyp&upatol £EL0DOELC.
é€lowolg:

Na Aubfj fj éyypaupatog

elg THv émolav mapatnpoduey, &1t ol yvootol &piBuol maplotayv-
tal B OV ypouudtov a xal B. Tpdég todto £fpyaléueba
Bnwe kal elg Tag &piBuntikag £EL0doELG, édndte edplokopev dia-
Boyik®¢ tag looduvéuoug mpdg TV dobeloav EELODOELS.
ax —Bx —B)=a’p
a’x —B* x +B'=a’p
(e — B )x=ap—B*
(e —B)x=B(a"—P").
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"H8n, &&v o’—p*5£0 fitol ¢av a B, Biaipodusv T& péAn Thg
tehevtalag €liodoewg B o —P?, Swodre edplokopsv y—PB.
"Eav 8uwg elvat o= fjtot, &av elvar o — B*=0, 7 biaipeoig
Sia 100 o’—B° elvar &dOvatog kal ¥ mponyovuévn Efiocwmolg
yivetar 0=0. “Qote elg v mepintwolv adthiv 7| dobeloa E£E&i-
owolg yivetat Tautding.

101. Tevikf popon Thg €€0woewg o’ PaxBuod pE Eva
Gyvwotov.—llaoa é€lowoig mphdtov PBaBuod, el ™v Snolav
épapudlopev 1& o', B, y', 8" 1fic § 98, AauPdvel v popPRV
ax=Pp, 8wov a xai B elvalr dGpropévor &piBuol. Elval 5¢ pavepdyv,
81t | &Elowoig avt, N} dmola edpéBn Bix tfig Zpapuoyiic TOV
Blottv 1&v ¢Liodoewy (§ 94), elvarl loodOvauog mpdg THV &p-
Xtkfv. “Qote n&oa é€iocwoig mMpdrtouv BaBuod ué Eva &yvwotov
avayetral elg v Abowv £Elodboswg ©g 1) ayx = B.

"Hbn mapatnpodbuev ta £Efig:

1) "E&v a 5= 0. 1} dialpeoic 1@V peddv 1fic éElodoewg adThig

8" a elval duvath, déte Siaipodvreg Eyouey x — %‘ OmapyeL Aot-

nov elg &piBuodg kal mpopavdg elg kal udvog, Botig Emaindedsat
v é€lowouv.

2) 'Eav a=0 kal B0, ol0démore elvar Buvarhy 7 Lob-
g O0.x =pB. Aév Omé&pxel Aoimdv obdepia Avolg xal fj é€lowaig
elvar &dOvatog (§ 99,a).

3) ’Eav a=0 xal Bp=0, oémowadbimore kai &v elvar 1
Twun 100 X, 6& elval mwavrote O0.x = 0" Om&pyel Aoimdv &meipic
Aboewv kal 1) é€lowoigc elvar Tavtéine (§ 99, B). "Avakedpo-
AcaioOvteg Aowmov Aéyouev. 'Eav elg v éflowov ay =B elval:

1) a0, Dndoxet Avois uia »ai udvy, 7 h‘%—
2) a=0 xai B0, 1 2Elcwois elvar ddvvaros kal
3) a=0 kai B=0 14 &&lowoic elvar ravidrne.

Zousiwoes. Ta xAdoudra
5 5

e o
0.1 0,01 0,001 70,0001

KTA.
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elvar {oa katd oelpav ué tovg &pibuode 50, 500, 5000, 50000,
xTh. Suvayouev Aotmdy, 81t | &€la 100 xA&oupatog, tod dmolov
& &pBuntic elvat otabepdg avldver ouvexdg, tav 6 mapovopa-
otiig a0tol #larrobzar ouvex®c, elval BE 1) &Ela adtol TO0QE peE-
yoxAvtépa, So@ & TapovouaoTig Tou yivetal pikpédTeEpog. Abvatal
B¢ A &Eiax 1ol va OnepPi) Eva olovdimote GplBudy, b60oVvONMOTE
yeyaiov, Stav 6 tapovopaotig yivy lkavig uikpéc. Mevikdg Aot-
mov 1| &flax 1o xAdopatog X = - Elg 8 6 p elvaL dilagopog
00 undevég, & BE x, EAaTTOOUEVOG Blapk®g, TANOLGLEL PO 10
0, abEavel cuVEX®C Kat’ &mdAvTov TuAY Kal dovatal va OTeppi

wévia dptBudv. Ara todto Td % napiotatar dia 1od ovuPosd-
Aou oc, 10 Omolov kaAeltal dseigov, dnAadn &plOudg peyall-
tepog Kat &méAutov TuAV mavidg &piBuod. *AXN &goD dev
OmapyeL TotobTOoC &pidudg, 16 cbupoiov oo = —g— dd¢v ExeL wap-
giav &piBunuikfyv &&lav.

'"Aoxnosets.

88) N& AvBolv al k&TtwdL E6Lo00oELq:

104 x =18 ¥ <=8 2 px=5Y*%
15 x =9V " T Hx=3Y=%
25 = 10— y¥xX - 7.5=3,5+ x V¥4
¥ — 20 = — 9 Y= 14 17.6=20,8-—«—x.b/'£-;—**
89) ‘Ouoiwg va AvBolv al £§lodoelg:
Iy =12 V= 1842x =13 —3x ==&
5y = —35V x=-% 30 — 120 — 2x —Tx =10
—7p—28Y 4= —§ 954 30 — 2% — 100 —113—20%=-5
—3x=—2 "xE=2 Q=191 —8y— % — x—6 ¥x= ‘
4o — 1190z it,,, 15+ 13x+9—11x = 10y—9—12x — 15/=20 ="
S5x — O 2 4/ BT Gy 16 he Dy Liveupes
X =0 . e 100—7x = 10—7y — 15+ 5 — 11 V== 172
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90) N& AuvBolv al #E&iodoelig:
5x+(9 —x) =21

Ix—(7—x) =13
3(5—y)= 9 ¢—6 = 4(¢—9)
30—4=— 2(20—6) 50 — 2(40 —9)—9
5(12—x)= 15(6—x) 5(x—3) = 4(2x—3)
0=3(4x —1)+5(7—4y) 0=9(x—7)—3(2x—14)
5(3x—1)+2(1—3x) =6 45x —2)—5(4x—3)=—7
3x+1)+56x+5)=—14  5(7x+8) —13(3x+4)—4
92x—1)—5(8x—1)=—15  8(6x-}+5)—3(1—9x)— —13
91) Na AvBolv al katwbL éEiocdoslc :
G X sl
i E L s
X AL X ek
% +9=13 X —5=13
.. T AT S
2 e o B S
3¢ L= 5¢ S
g el Eo ¥ ATEE 0 A
p & XD e s A
% 3w A
X R e 2% X = 4
U gas ey - g ey o o
X X X ; G AP, MR LS i
e e e o 3 s aoiimyrn
1 2 1 1
1 1 1 1 1 11
e Y i LT SR o ST w e
0.5 —0,3x =8 1,2x —4,5—0,3x
0,5x — 0,25y — 1 ' 0.3x — X —3,6
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92) Na AuvBolv al xatwbiL éElodoelg:

X2y —30 : 2y~ — K]
2%x-3 _ 4y—5 &p—3 _ Gp-—=5
TRy 4 I D
5()(__12):4)(_3_15. _—_3“‘4_9) =2(x —14)
4—2y) 19 4 3
22 AT L x+B=306x—T7)
5 x5 %9 37 _
;B! B 3 e
93) Na AuvBolbv al éiodoseig::
e e o St M e LS
X X ) X
S T e A S St P S
X @y F s X X %
8 1 e Ao st S iy
. +5=7, = —3=1, e 5
LAl e S S o ity
> L e TR Y—=2 s oy Jro x+3 10
g4 > o LEE B - S el SRS
84+x 3 x+7 = 4° x—4 i1 x+2 11
94) N& AvBobv al kadtwbt éyypdaupatol EELOGOOELG :
x—a=0 X+a=0 X—a= —a a—)x=—«a
XTh=« ¥ip o= u Py x-atPry
ax=P -y b S it
(& Bi)x=5—y X -+ Bx—y—95 ax + y=—Bx15
a—1—p-1x aly —P)=y B(x + a)=ax+p*
95) ‘Opoiwec va AvBodv ol £§lodoelg:
e B <
= s
3R S0 b S T
> e s LR e
TR (R 2 LD ST
a | B ety 2ax 23_2’
e G e a—PBx __ ax—B
B - e B a
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NeecBinuarta
Avéuevae St EficicEwv &’ BxBuod ME Eva &yvwoTov.

102. Eldouev mponyouvuévag (§ 3), 8Tt okomdg tijg &AyE-
Bpag elval 1) Abolg T®V MpoPANUETOV Katd Tpdwov &mAolv kal
YEVIKOV' Kal &TtAovotelel pgv abtn v Aoty TGV TpoPAnuatey,
BLoTL XpnoluoToLlel ypduuata, THV YEVIKEVEL &8 lov) dibre elodyst
véoug doitPuods (eldouev 811 elofyaye todg &pvniikocg) kai 2o0v)
B1éTL dvdyer v Aoy adrdv els iy Adowy EEiodioewv.

1) Hpeé6 BAnua. IHoiog elvar 6 dotPuds, 6 drroiog, Srar
dpatpePi drd td mevramddoiov adrot, dider dragogav 15 ;

Elc v mpdtaociy adtiv mapartnpoduev, 81t Inreirat elg
&plBuéde, 6 dmolog Mpémel va& ExkmATNpPol TRV analinolv kata THY
émolav, &¢&v &opalpedl and 10 MeviamAdoidv 1ov, va bBidn dia-
¢popav 15.

Aita va edpw 1idn tov {nroduevov &ptBudv, fjitoL dia va ALo®
16 MpéPAnuax avtd, Epydlopatl ¢ £Efc: “YmoBétw mpdrov, STt
6 Intovuevog &piBudg eOpéBn kal Bt elvar m.x. 6 x. Kato-
MV ONuUElOVe Bid 1OV dAyeBpik®v cuuPdAiwv £ml 1Tl &pt-
Buod y kal T®V yvwoidv &plBudv 100 mpoPAnuatog Tag mPa-
Eelg, Tag o6molag &maltel 1O MPOPAnua. "Hrot onueidve 10V
TMoAAaMAaolaouov 5y, Enelta v d¢aipeoiv 5x — x kal TéAog
tElodbve v dSlagopdy adtnv ué 1oV &piludv 15, fjtot oxnua-
Tilw v é¢€lowoly 5x — x = 15. ’Eav §idn Abow 1Nv éElowoiy

5% — x=15, eUplokw X:B—z—. 'Eneldn 8¢ A Avoig adtn éna-

AnBevel 10 MPOPANuUa, BLdTL
3 S et e T Ll
5(323)—33=534553—33=15+4+7 — =15
Aéyw, 8Tl & Inrobpevog &ptBuodg elval 6 3%.

2) o6 BAnua "ESwoa eic ntwyotrs xal slc tov xa?éva
2E avrdv 5 dpaxuds. "Edv 8¢ 4o tov dorPuov tdv doaxudy rdg
érolac Edwoa, dpatgécw TOY dotPudy 1@y mrwxdv, egloxw Jia-
@opay 15. Iéoot 1joay of mzwyol;
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Kai é¢vialfa, éav mapaothowuev ik x 1oV &plBuov tdV

nrteOx®v, mpénel va elval 5)(];)(:15. gk tfig omolag £&-
—4—— —=
HEV 11BN, Bt ) Adoigc altn B&v doOvatal va yivy mapadext]. Alk
v& fjto mapadexkTtr), Empenev §) Aboig adTr] va fto &xépalog xal
BeTikdg &plBudg, BidTL TéTE 1O MPOPAnua B4 éAdeto mEayuaze-
x@s. 'Evd elg 16 npdtov mpdPAnua Bév Omapyel ovdelg mepio-
giouds, BLéTL & Inrtobuevog &piBudg elval &onpnuévog. Elg 62
&onpnuévog &piBuodg divatar va elvar Betikdg fij &pvnrikdg,
Grépalog 1} KAaopaTikég.

oWoewg eUplokousev Ma&ALV X =— 3—3—. "AMAa mapatnpod-

103. "Ex t&v mponyovuévev ovvayouev ta £Efjg yevika:

a’) Eic t& mpoBAjuata Inrodviar va edpeBodv elg fj me-
piocotepol &yvwotol &pBuol, ol omolol éxmAnpodv Gplopévag
Grnalthoelg” abtal B2 p&g Aéyouv 1ag oyxéoeg, al émolal Tpé-
mEL v& Ondpyouv peTtafl 1OV yveootdv (tdv dedopévav) kal TdV
Gyvootov (TO®V Intovpévev) &plBudv.

B') 'Eav elg v mpéBAnua & Inroduevog &piBudg elval &on-
pnuévog, oOdeic meploplopdg Om&pxel elg adTév. "Ev, tav elval
couykekpipévog, fjtol £av maploT& moodv T, OmMapyovv guvnBag
meploptopol.

104. "HbBn &g mpdg v Aoy 1dV mpoPAnudtov mapain-
poDuev Td &E&FQ:

1) Ta mpoBAfuata elg v &AyeBpav Abovial SAa &L’ &8t
obhoewv. Elvar &2 duvatov tolto, dBidtt mapiotduev tovg In-
Tovuévoug dyvdoTtoug apibBuodg p ypdupata, énl 1OV dmolwy
Epyalduefa &g €av foav yvoortol. 'Enl t®v &piBudv B 10D
mpofAfjuatog onuetodpev tag mpaéelg, al émolal mpénel va yi-
VOUV KQXTX T&C anmaithoelg (todg 8poug) adtod. Oltw 58 oxn-
patilouev v £flowolv §i 1&g £iodoeig 100 mpoPAfuatog,
mAnciov 1&v dmoiwv ypapouev 100G MEPLOpLOUOLE abTol, dtav
Omdpyouv.

2) Katémv tobtouv Abopev 1nv &flowotv fj tag £€lodoELg.

3) TeAsvtalov é&Eetalouev, &av o6 &piBudg, TOV OmMolov
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ebpouev €k 1fig Aboewg Tfig éflodoewg, elval ocbupwvog pg Tog
meplopiopodc Ttol mWpoPAfjuatog, OmoTE ¥ Alolg elval mpa-
YHXTLKT]. ;

Znuceiwois. Nevikol Kavéveg Biad TV oxnuaTiopdv TG
tliodhoewg || TV EElodoewv, al dmolal dmaittobviat Bk THY
Aoy £vog mpofAjuatag d&v Omapyouv, BidTL 1) MolkiAla TV
mpoPAnuatwyv elvat moAd ueyd&in. 'Ev tobtowg Entetta &md  mpo-
nyovuévnv &oknoiv, 1 émoia v& cvvodevetal WO WpoooxTig, 6
oxnuatiopdg TdV éElodoewy yivetal edkbdAwC.

ﬂpoﬁlﬁpmrm.

105. 1) Na evpePfj dovPudc vod Smoilov zd Hjutov, td tolrov
xal 10 Téragrov xduvouv tdv dptPudv 52.

"Eotw 6 Inrobuevog &ptBuog x. To Huiov adrtol elvai

X, 1 tpltov X kal 16 téTaprov —%» 16 B2 &Bpolouc ToUTWY,
7 P = P 4 P B

= B e IR (R s ¢

nrTot 2 i 3 1 &

0& elval kata v ékpdvnolv Ttod mpoPAfjuatog Toov pé& 52.
“Qote Exopev 1NV éElowotv :

$+E+i—m

£k 1fig Omolag Avovteg, ebploxkouev y=—=48.
2) Na edoedjfj dorPude, 6 dmolos, Stav mpootedf elg tovc 8vo

Spovec 10D xdldouazog va 8idy n»iddoua tcov ud o —;-

2
5%
"Eotw, & Inrobpevog &piBudg x. Toéte Ba Exopev hv

=hop Sicle AVovteg 82 adtiv eOplokouey x =3.

o e
3) Na edpedjj dotPudc rot dmoiov za Sray adfnPoiy

é€lowoly
3
4
xaza 5, looDvrar u& zad 59 To00 doitPuod.

6
"Eotw x & {ntobuevog &piBudg. Ta —3— a0T10D fjToL T& %)-(-.
8tav avfnbodv katd 5, yivovto:t-il-:—- 5. Elvai 8& katd 16 1pd-
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BAnua —3} —+— 5= 'E;S_X Abovteg fibn v é€lowolv adtv edploko-

: pev, 61t =60.

: 4) Toeic vdkeec £vdc oxolelov Exauov Epavov dmég tijc depomo-
- glag rai Edwoav Sduot 1472 Spaxyudc.”AAL 7} dcvidpa tdEic EFdwoe
. dendaciag Soxudc dmd Ny modrny xal 1) rolrn tdEic Edwoe td%
@@y dpaxudv, tas Smolag Edwoev 1§ Seviépa tdEig. IHécac dpa-
- yudg Edwosey ExdoTn;

_ "Ectw, 8t f) mpdtn t4aéic Edwoe ¥ Spayudg’ téTE 1) Beu-
. 1épax Edwoe 2x Bpayuac kal 1 tplin Edwoe 2)(.%=—85l dpX.
elvai 8¢ kata 16 TMPSPANua

8
= = 1472.

TMpénel 82 & x va elvatl Betikdg &piBudg. Adovieg v oxn-
patiobelicav éflowolv ebpiokopev x = 320.

‘H 8¢ Aboig adt) elval obugpwvog pé todg mepilopiopodc Tod
wpoPAnuarog. "Qote 1| a’ t&lic Edwoe 320 dpy., | B’ Edwoe
320.2 =640 Bpx. xal # tpitn 640. o = 512 Bpx.

5) Mia cxodixn émitgony pydgace dicdoa »al povéedpoa Hpa-
via v 6w 50 dvii 10400 Sgayudv. “Eractov dicdoov Poa-
viov fydpace spdc 220 dpayuds, £xactov 08 mwovéedpov mpdg
190 dpayuds. Héca Siedpa nai ndoa uovécdoa Poavia Hydoacey;

"Eav ta diedpa Bpavia elval x, & povéedpa elvar 50 — .
"Enelbry 62 Ev diedbpov Bpaviov &EiLel 220 dpayxpu&e, 1a ¥ ToladTa
Bpavia &Ellovv 220y Bpaypdg. “‘Opoiwg 1t 50—y povéedpa
&Eillouv (50— x)190 Bpayudac. "Exouev 8¢ katd 16 mpbéBAnuUx
myv é€lowary

s ) e

220 x -+ 190(50 — x)= 10400.

lMpénel 8¢ ol &piBuol 16OV Bpaviwv va elval kai ol dbo &képalol
kaxi Betikol. Avovteg v é€lowalv ebplokouev

x =30 Kal 50— x=20.

6) Mia rdfic dvexdonoev 8¢ éxdoounv x tob oxoleiov wnc
BadiCovoa 6 yididucroa wHv deav. "AIL’ el uadnric iic td-
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94 :
Eews alrijc »aPvorépnos xai dvexdpnoey €x toU cyolelov ::g&
cvvdvinoiv tyc 1 dgav xai 20° doydrepov, Téxwv Emi ua&t’l
Adrov ué rayvinta 16 xiArouérowv v doav. Merda wdonv d*)qd!
dnd riic dvayworceds zov Va cvvaviijop 6 wmaPnrns TRy z“i
Ewv tov ; -

"Eotw, 81t 6 pabning 8a cuvavifon v T&éLv TOUL peﬂﬁ
X TpHta Aentd Tfic dpag. 'AAAG mapatnpoluev, 811 pExptl tﬁﬁ
otyufic tfic ovvavinoewg kal & padniig kai N t&éig 61qvuac!"
0 ad1d dikotnua. "AAN 1) &l 1o difvuoe elg x + 80 npszﬂ’
Aemtd pd tayxOInTa 6 XtAtopétpwy v Hpav. “Qote &pol elg 60
Tp®Ta Aemtd divuoev 6 yihbuetpa elc ¥ + 80 mpdix }\em‘af
duvuoe 6(X+80) xiAbuetpa. "EE &AAouv & pabning bijvuoe té’
a0TO BLdotm.lcx el x Mp®Ta AemTd pE tayxvInTa 16 ytAlopérpwy
v dpav. Ajvuoev étouéveg el Ta X TpdTa Aemwid diaoTnue
-6_0)( XtAtbuetpa. “Exouev Aotmodv thv é&[cmcwﬂx—s—g — %‘(
[Mpémel 8¢ & x va elval BeTikdg &piBudg. Adovreg v éElcaa¥
ebplokouev x = 48 mpd1a AemTa.

7) Eic éddveice o %- z00 mepalalov zov m@ds 7°/, xai @
drélotta modc 5°[,. Aaufdver 8¢ xal éx Tdv Svo xepalaiw?
2436 dpaxudc téxov xar’ &ros. Znreivat td xepdiacoy.

3

"Egtw X 10 KEp&Aatov. "Emeldn 6 1« % a0ToD €D avELOE TTRHS
7°/oy Aaupével &md 16 pépog adTd 100 KEPaAaiov elg 1 Erog, ToKO¥

2x 3)(

?'7 14 RiEe

& X— "Amo be 'rdt ——- AauBavel 'EéKov elg Ev Etog ——— T% -
Elvat Bé kata 16 mWpéPAnua x —l- = 2436. ﬂpém—:t 5¢ & X

va elvar Betikdog &plbBudc. Auovraq Tﬁv éflowmolv edplokopev
X = 42000 dpaypai.

8) Ex t®v uadnrdv, ol dmotoi elvar elg #xdpouriv, za —‘-‘—
nailovv moddopaigov, 10 — doyolelirai eig v dvedgeorw a’)ps-

cuévwy purdy did Y ﬂotavolowmr)v cvldoynv oD ocxoldeiov xai

Wneiomoir|Onke amé 1o lvotirouto Eknmaibeutikng MoAmikrig



95

of tndhotmor 8 pmaPnyral doyxolovrar eic v ocvidloynv merow-
pudrwv. Iécor fjoav of uadnrai;

"Eotw, 81t ol pabnral foav x. "AAAG 161 Ka1d TO TIP6-
BAnua Exoucsv v E€lowolv 4__{?( - __;_(_ —+ 8 =x. lNpéneL &2 &6 x va
elval drépailog kai Betikdg &pLBudg. Avovieg v &flocwaiv edpl-
okopev Y = 35.

9) 'Ex tov 213 upuadniedv xal upadnroidv Evds oxolelov

Aaufdvovy uégog sic 1a uadniixa cvoolitia za —;ﬁ @y padnrdv

xal za % v padnroidv. Elvac 82 év 6Aw ol cvooirotvres 104.

Héoor elvar of uwadnral to¥ cyxodeiov aviod mal méoar al ua-
Hjrocac ;

"Eav ol padntai elvat x, al pabirpiat elvar 213 — x. Acyu-
B&vouey B¢ 1éT1E KaTa 10 MPSPBAnua v éflcwatv:

X 4 213X _ 04,
MNpémeL 8¢ 6 x v& elvanr axépatog kol BeTikdg &plBuodg xai pt-
kpdtepog 1ol 213. Avovieg v £€lowolv adtiv edplokouey :
Xx=—150 xal 213—yx=63.

‘H 8 Avoig adthy elval mapadektr.

10) Na edpedfj dorPuds, tot dnoiov 10 néumntov, Srav adbndi
xara 6, looUrat ué 16 Sumddoiov tod Jexdrov, td émoiov &xst

adEndi xara 15.

"Eotw x 6 Lnroduevog &piBudeg’ &AA& té1e Ba elval kata
10 TMpoPBAnua: 3
X = X
—5--{—6—-2(—-1—0——§—15).
Abovieg v £flowalv edploxopev 0.x=24, fitor 0=24. "AAr&

10010 elvar &BOvatov. “Qote kal 10 MpéPAnua elval &dova-
Tov, B16TL oUdelg ToloDTOC &p1Budg OM&p)EL.

11) Na edpedfi docPuds, tol dnolov 1o tolrov latrwuévor
xaza 9, va {cobrat ué o rgiwddotioy to¥ %— 10 dmolov ¥Fxer Elaz-
TP rata 3.

Wnetomoir|Onke amé 1o lvotirouto Eknmaibeutikng MoAmikrig



96

*Eotw ¥ & Intobpevog &ptBubdg’ &AA& t6TE B& Ex@uev kata
10 MPSPANua:

3

Abovteg v 2Elowotv edplokopev 0.x=0 fitor 0=0. "Qote
n&g &ptBudg elval Aboig o0 mpoBAfjuatog avtol. i

12) Elc nathg eivar 58 éwdv, 6 62 vids adrot 26 Erdv.
ITéte % HAixia roD mareds Fa elvar rouwdacia rijs jduxias vo¥
vio® ;

*Eot® peta x Etn. "AAA& tétE ) HAkia 100 matpoég 6Ba
elvat 58+ x E1n kal ) 100 vioD 26 x. "Exouev Aowmév v £EF
cwolv 58--yx=3.(26-L%). [NpémneL ¢ 6 ¥, ©O¢ MapLagTAV HEAAOVIQ
xpbévov, va elval 8etikde &piBuédg, kal tololtog, Hote f HAia
58+ x va elvar duvary, frtoir va un OmepPaivny AV duvatiy
AAkiav 100 &vBpdmov. Avoviee Tiv E€lcwolv eOploxkousev -
x=—10. “Qote 16 MpbéPAnua avtéd, 1o Omolov Inrel uéArovra
xpbévov, mpémel v& Bewpndf dg &doOvatov. "AAAN’ Emeldn 6 &pviy
TIkdC Xpdvog davepdvel TaperBévia xpdvov, 10 Inroduevoy 100
npoPAfjuaToc cLVERN Tpd 10 Etdv. Kal mp&ypatt, mpd 10 £xHV
al HAikiat 100 watpdg kal 100 vloD foav 48 kal 16° elval BE
48 —16.3. “Qote elg 1& mpoPAfuata d¢ T& &voTépw dia va elval
napadexktal kal al &pvnrikal ALoElg (tav mAnpolv kal TOUG
AoLToO¢ TEPLOPLOpOLG ToD TpoBAfuatog), Tpémel va Inthtal &)
uévov méte B elvar ) HAkiax TpimAacia, &AA& kal mote nTo.

Fevik®g 5¢ elc 1& mpoPAfjuata elg ta dmola & {nrovuevog
&ptBudg maploT& moody, TO Omolov EmbdExeral avribeoiv, wal
al dovnuixal Avoeig dvvavrar va éounvevdoty. Elval 5& duvatdv
va mepiExovial kal elg 10 adtd MpoPAnua, tav | Bratdnwolg
tou elval katdAAinlog, ©¢ eidouev TPONYOULUEV®C.

13) *Ex 8vo0 dvdoddncwov 6 udv els Exee 1000 depaxuds, 6 82
dAdos 500 Spaxuds. “Efodevovy 8¢ xad’ njuégav & uév nodzog
30 doayudc, 6 82 devregoc 20. Mera néoas Huégas Pa Exovy
Toas deayuds;

*Eotw perd ¥ Huépag. "AAA& 161 6 pev mpdrog Ba Exn

L—9=3.(—’§‘——3) :
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1000 — 30y Bpaxudg, & 52 debrepog 500 —20% kal Ba elval kata
18 mpéPBAnua 1000 —30x=500—20x. lNpémer && 6 x v& elval
BeTikdg &ptBudg kal va kaun kal ta pédn tfig £§lodoewg Betika,
BiéTL pETG TAQ X Auépag, Tpénel va £xouv kal ol Bbo Ev mogdv
Bpaxudv. 'Ex 1fic Alboewg tfig ¢Elodoewg AaupPavouev x=>50.
PAANT ) AOoig adTh 8&v elvar Bextr], B16TL kal &dv mepagovyv
udvov 34 fuépal oOdelg &k TAVY dlo &vBpodmwy B& Exn ypnuata.

Fnueiwotg. "H Abog adth elvar mapadexth, éav mapa-
BexOduev, 81l ol 800 oltol &vBpwmol, ddvavral va Exovv kal
{oov xpéog.

14) Elc &oydrne #Adufave dia tag doag tijs taxtxijs fgya-
glac tov 6,50 Spaxudc vy doav xal did tag éxrdxrovs Goas 8
doaxudac v doav. A’ dgyaciav 82 60 dodv Taxtixny xal Exra-
xrov, fAafe 510 8px. Iéocar elvar al doar tijs Taxtixic xal
moocar al rijc éxrdxrov épyaciag Tov;

"Eav ¥ elval al dpar 1fic Taktikfic épyaciag Tou, al Tfig
gxtaxtov B& elvar 60—y. “Exopev 82 t6te tiv ¢E€lcwolv
6,50 (60 — x).8=510. lpéneL &¢ & x va elval Betikog &ptBudg
kai oUxl peyaAUtepog 1ol 60. Adovrieg fibn v &flcwolv Aap-
Bavouev x=——20. "AAN’ f) AOgLg ad1r anoppintetat.

15) Elc Exaus uciyua A 6xddwy éx dvo morotrjrwy olvov. Kai
zijc udv uidc moirdrnroc, 1) uia éxd@ dbifer a dpaxuds, Tiis dAdng
dEilee B Spaxuds xal zob ueiyuaros y Spaywmds. Ildoas dxddag
olvov dvéucsitlev €x tifc uidc moidérmrog xal méoas $x s dAAns;

Eav x elvar & &plBuodg tdv dk&dwyv 1fig Tpding molwdtntog
{t@v a Bpaxudv v Oka&v), & &ptludg 1@V Sk&dwv tfig GAANG
mowdtnrog B8a elval A—yx. Téte al x dkadeg &Eilovv ay dpayudég,
al (A—x) dxadeg &&lfouvv (A— )P dpayuds kai 10 pelypa &Ei-
Ler yA Bpaxpdag. "Qote Exopev v &floway ay —(A—y)p=y\"
npénel B2 va elval ol doBévreg &piBuol xal ol y xal A—yx Oett-
xol* 1) 62 Tiun y petald OV Tudv a xkal B. 'E§ altfig Aap-
i ax-+AB—PBx=vyA

ay =Py —y&—Ph
X(ax—B) =A(y —B)
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kal énedn elval a—pB=£0, BT, &v fto a=—B, dév Ba Oufpye
pelypa, Aappavouey = '—;\’_:—;i

‘H edpebeloa iy x elvar Betiky, d16TL €&v elval o> P Ba
elval xal y>B, éav d¢ elval B>a B8a elvar kal B>y~ &AXN" elg

dugpotépag TAC MEPIMIMOELS aUTGE TO 'rtq?\ixov—zi@ elvaL Bemi-

S
k6v. 'Emerdn 82 kal 10 A elval Betikdy, €netal 81t 10 yvouevoy
Al —;% elval BeTikdv. Elvar 68 kal 6 x pikpdtepog 100 A, dudTL

10 KA&oua ;’.(_:mg, elval pikpétepov 1fic povadog, éneldn M) diagopa

a—pB elval dpdonuog kal peyaivttpa kat® dnwdAutov Tiunv THG
diagopag y—PB. ‘H edpebeloa Aboig x = 1;3___5'3) (1) elval & 16-
mog 1OV mpoPAnuatwv peifemg 100 dvoTépw eiboucg. Adovial
52 8" avted SAa ta mpoPAfuata Tol £idovg Tevtou. OlTwg,
tav elvar a=12 dpyx. p=28 dpx., y=9 dpx. kal A==400 éx&dec

eOplokouey: = 40.‘%9__88-}— — 430 — 100 &x&deg

kal A— x =400 — 100 =300 o«.
"Eav 8¢ elvau
B=10 8px., a«=>5,50 bpYx., y=—28 Bpx. xal A =900 ox.

ebplokopev : N— 9_205(3_:_13)_ — _9% = A00

kat A—yx==>500.
"Eav elg 10 mponyoduevov mpéBAnua elval &yvwotov pdvov 10
A, Abovteg TV é€icwoly (1) mpodg A, edplokouev

e Jo PR
A= =6
'Eav 8¢ elval &yvwotov pdvov 10 a elpiokouev maiwy &€ ad1fic
Abovieg TPog @ a= MY_—SH’;B;

dpoiwg edplokopev xal 10 B kal td y. “Qote dia 10D TOTMOUL O~
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100, Stav kKauwuev 100¢ KataAAnAloug uyeTaoxnUatiopolg, du-
v&aueba va Abowuev mévie Suagopetika mpoPAfjuata. 'Ex 8&
100 mapadeiypatrog ad1od paivoviar kabBapd T& TAEOVEKTH-
gata kKal 1) onuaocia 1@v tOmov mepl OV Odmolwv Ek&uouev
Abdyov elg Tag § 46 kal 47.

16) I'papudriov Svouactixiis dfiac A moociweldridn u uivag
pd tic ArjEecoc atto¥ mooc £°/,. Hoia elvar 1) dowreoinn Vpai-
oEGLS;

"Eotw x N| towTteptkn] Ugaipeotlg” 16TE §| mpaypatiky &fix
elvar A — x. Elval 8¢, dg yvowpilouev, 1| towtepikr Opaipeolg,
6 1T6Kog 1fic MpayuaTtikiic &flag 10D ypappatiov éni xpdvov u

mpoc £ .. "Hrou slvar. . 3= E‘_I_z_go)‘»_l-‘-

FNpéwel 82 va elval ol doBévteg &pitBuol kal 6 ¥ Betikol kal x << A.
"Ex 1fjg éElodoewg aUTiig eVplokopey:
1200y = Aep — xep
1200y - xep = Aep
x(1200 - eu) = Asep

s CUNEE
K== TN eu (1.

‘H Avoig 62 adth elval mapadektf). Elvan 8¢ ) é€lowoig (1) 6
TOTog TV mpoPAnudatwnyv, elg & Inreltal 1) dowrepikt) Ogaipeaig,
Stav 6 xpdvog éxppalerar elg pfjvag.

17) Mia Sckaucvn yeuifer dia 8vo xpovvdyv. ‘0 modrog xgov-
voc v yeuiler eic T doag, 6 8¢ Sevregos eic t° doac. "Eav dvor-
xPody xal of 8Vo xgouvvol cvuyxedvws, eis néoas doag Ha ysui-
covy v defauevijv;

Kol

"Eotw, &t elg x Opag 8a yeuyloovv tijv Befapeviv, Tiig
oOmolag TNV X@PNTIKOTNTQ TaploTAUEY pé v povdada 1. "AAN’
Gpod 6 mMpdBTOog KPpoLVAC TNV YERILEL udvog Tov elg T Hpag, elg plav

&Hpav 64 ysulon To --_]E— tfic de€apeviic kal elg x dpag Ba ye-
plon & —f— ‘Ouolwg edplokopev, 81t & Belbtepog Kpouvdg Ba
yeulonq el x dpag Ta —:L— 1fic Beapeviic.
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"Exopev Aowtmov v é€lowoty —?:———i——:—= 1. lNpéwer B8 va

elval ol &piBuol 1, T° kal ¥ Betikol. "Hbn £k tfic £Ciodoswg ad-
tfig AaupB&voueyv :
g e e
x(x' +-x) =717’
T
o T4

‘H Adoig 8¢ adtn elval mapadextn.

18) IHHotov doitPudy noémner va mgooPéowucey elc duporégovg todg

Kadl

dpovg To¥ xAddouazog % St va yivyg Uoov uZ o6 xidoua —g—:

Ol mapovopaoctal B kxal & mpéner va elvatr diagopor 10D
undevéc. Téte, Eav x elvar & Inroduevog &piBudg, Exouev TRV

15 e I

éElowolv: BEr e

EE avtfic B¢ eOploxkouev:

(a+—x®B=vP+x)
B Bt - i
B iy el
X&—y)=Ppy —ab (1).
a’) 'Eav 8 =1y, 8& elvar & — y =0, &a&av b2 elval xal By —
— ad =0 fjtoL é¢av elval kal a=_73, té61e §) &€lowoig (1) yiverat
0=0 fjroL elvar &mpoodibpiotog. ‘Emopéveg na&g &piBuodg AvEet
10 mpéPAnua. Kal mpaypart, dudtt pE 1adg OMoBEgElg adtag TX

B 5
B') "Eav 8=y kal By 5= ad fjtot. a 5= B, T61E 10 pév mpATOV
pérog tiic ¢Eiodoewg (1) elvar 0, 1o B2 Bebrepov uélog aOTfg
elval diagopov ToD undevég. “Qote §j E€loworg (1) elvar &BY-
vatog. ‘Emopévecg kal 10 mpdéPAnua elval &dovatov. Kal ﬂpd-
Y

KAdopata X kat - elvat Tox ué tnv povada. ;
!

yuati, 86Tl 16 uév KAGopa —- looltal ué v povdada, 10 &
—g— elval diagopov adtfic. "Emopéveg kal 16 xAdoua % elva

wavrote Bidgpopov TAg povadoc.

PN PRSI, T
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¥) 'Eav & 5y, té1e Buvaueba va Sialptéowpusv 1a péAn T

Elovoewg (1) Bia & —vy, &mdte B& Exwuev x = 13;::36 (2).

“Htot elg v mepimrwoly adtiv ) &Elowoig (1) &xel plav kal

| pwévnv Aoy, v (2).

INooBAjjuata mwpoc doxnaorv.
A’. 96) llolog &piBudg, £av &paipebij pgv &amo 1ov 95,
mpootebfj B¢ eic tov 59, bibel é€aydueva loa;
97) Tivog &piBuod 10 tpimAdolov ovv 6 elvar {oov pg Tod
MEVTIQMAGoiov abtol wWARv 10;

98) "Eav eig 7o —} &p1Bpod TIvog TMPOOBECWUEV "cé—_l)—
a0Tol kal 12 povadacg &xkdun, 8& ebpwuev Eayduevov 48. lNolog

elvalr & &piBuég:

99) 'Eav elc 1o —%— &plBpol Tvog mWpooBiéowuEV TO —;-
adtol xal &xéun 28, 8a elpwuev Tdv &pBudv. INolog elval &
&piBuodg obtog;

100) "Eav &mod t& %— &p1Buod Tivog dpalpfowUEY TOV 2, Ba
AGBouev 10 —~]2— 100 &ptOuol. Na edpebf] & &pLBudg odtoC.

101) "Eav &nd 16 dimAdolov &piBuold &paipéowuey tov 8,
B8a A&Bousv ‘td—g— att1oD. [Nolog glvalr & &pBudg;

102) To _%_ &ptBuod Ttivog elval katda 3 peyalltepov tod

1

g Y00 Blov. Na eOpebfj & &pLBudc.

< = 5 = 1 1
103) Na ebpeBfi o &piBpog tob dmoiov 10 5 s Kal 16 —
Bidovv 10 -—%— adTol.

104) lNolov &p1Buod o —-;— . D —;—. 130) % kal 1o % &idouv
&pLBudv peyaAbrepov 1ol Inrovpévou kata 3;

105) "Eav elg &p1Budv mpooBéowusv 1tdv 2, 10 &Bpoloua av-
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T®v moAAamAaoidowuev €mi 3 xal &mwd 1d yivdbuevov &paipé-
cowuev 6, fj éav &oalptonuey &’ adtol ToOV 3, TETpamAaold-
owuev EMElTa TNV Slapopdv Kal EAXTTOOWUEV TO YLVOUEVOYV
Kata 3, 8& Exwouev éfaydueva Toa. Illolog elval & &pBuoc
ob1o¢ ;

106) 'Eav &amod &plBudv tiva dpailptowuey 1oV 5, moAAanAa-
OlGOWHEY EMElTa TNV Oiapopav énl 7, mpooBiowuev Katdmiv
oV 2, Balptowuev GkoloUBweg ik 6 kal mMpooBéowuev TeEAsu-
Talwg tov 4, 8& Exwuev Tov &pyikdov &piBudv; lNolog elval &
&pLBuodg odtog ;

107) Na peploBij 6 &pBuog 71 eig Vo pepn toradra, Hote

10 —]5— 100 MpdTOL Kai Td LB 100 Beutépouv va Sibouvv &Bpor-
opa 17.
108) Na& eOpeBfj &piBudc, & émolog, Stav mpootedfj elg &u-

¢oTépoug TOUG Bpoug TOD KAGOUQTOC ’(1-_3— va Bidn xAdouax

Toov pué 1o —;-

109) N& eOpebij &piBudg, & dmolog, Stav mpooTedfj elg &u- |

poTépoug ToLg Spoug ToD KAGOUQTOC —;1—. va kauvn abto foowv
pé v povada 1.

110) Na eOpeBfj &piBude, & dmolog, 8tav npootelij elg Eka-
gtov 1OV &pBudv 3 kal 5, va 8idn &piBuodg, ol dmoiol va Exovy
Abyov Toov pg 3:4.

111) Na& ebpeBolv téooapeg &képalol diadoyikol &ptBuoi, ol
omoloL va Eyxouv &Bpolopa 90.

112) Na& eOpebolv tpeig mepittol Siadoyikol &piBuol, ol
bmoloL va €xouv &Bpolopa 159.

113) Na e0peBolv Tpeig &képalol diadoyikol &ptBuol Tolos-

Tol, GOTE 1O % 100 pikpotépou kai 1o --;— 100 peyaAvtépou

va &moteAolv T& 100 petald adtdv &piBuod.

=
3
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114) Na& eOpeBolv &0o &piBuol, ol émolol va Exouv &Bpot-
oua 66 xai Adyov Toov ug 5:6.

115) N& ebpeBolv dVo &piBuol, ol dmolot va Exouv Biago-
pav 24 kal Adyov Toov pg 8:5.

B’. 116) Tpeig épy&ral éuoipagav petald twv 300 Spayudss.
"EXaBe 82 & uév dedtepog 12 Spayudg mepiocotépag TOoD TMPHd-
tov, 0 BE 1piltog 32 Spayudg meplocotépag 100 deutépou. [16-
oag dpayxuag EAaPev & kabeig ;

117) Tpia mpéowna Euolpacav petafd tTwv 250 dpaypds.
"EhaBe 8% 6 BelGtepog 5 dpayudag dAywrépag 100 MPpdTOL Kal
10 Bpayuag meplogotépac 100 tpitouv. NNéoag EAaBev 6 kabelg:

118) Elg pa®ntic pt 475 dpaxuag, 1&g dnolag elxev, nysd-
paoe BiBAix, TeTp&dia, Ev pehavodoyelov kal 100 éneplocevoav
kual 15 dpayxuai. "H &éla t®v teTpadlov fito dinAacia 1fig &Elag
100 peAavodoyeiov, 1) 8¢ &€la TV BIPAlwv fjto dekamiaocia Tfig
&Elag 1OV tetpadlov. MNboag dpaxudg £dwke 81 Ekactov 1OV
AvwTEépw elBOV ;

119) Metafd tHV mpoodmwv A, B, T dieveunbn &v mooodv
Bpaxudv. "EAaBov 8¢, 6 A 10 —;— attod xal 19 dpayudg, 6 B 10
—:— avtol kal 17 dpaypdg kal &6 T ‘rd-}m‘)roﬁ kai 10 dpayudag.
Na e0pedf] méoar Bpayxual Bdieveundnoav kal méoag dpayudg

EAaBev Exaotov mpdowmov.
120) Elc tijv "EAA&GDa &k 1OV &vépywv 100 Etoug 1937

ebpov épyaoiav 1d mpGTov Tpiunvov 16 —31— adT®v TWARVv 2000, 1o
deOtepov  Ttplunvov T —;}—abrav gy 2600 xai 10 Tplrov Tpi-
VoV 18 —- adT®V" &épsivay B2 &xéun &vepyol 18250, 6o
floav 8Aot ol &vepyotr; Kai méoolr edpov Zpyaciav el kabiv

Tplunvov;
121) "And Ev mooodv dpaxudv, 10 dmolov Biéleoe 16 Kpa-
t0og elg Ev £1oc UMép TAV POPTOEKPOPTOTAV, T % adtod kal
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62500 Spayual &kéun £66Bnoav @¢ &nolnulwoig elg Tovc yépov-
Te; “T0 BE —;— attoD ARV 20000 £666n o¢ obviaig elc Tolg
&GAAoug. [Néoov mooov BLeTédn kal méoal Bpayual £€668noav, &¢
anolnuiwaolg kal méoat dg ocbviallc; |

122) 'Ex t@v 7000 matdidv, & dmola Eénmpdkeito va otaAoDY
elg tadg madikdg €€oyac tfig Bobhag kal tfic INevréing & &pi-
Buog 1OV Tadidv, 1& dmola EotdaAnoav elg THv mpdinv éEoxnV,
Exel Aéyov mpog TOV &plBuov TOV Tadbldv, ta Smola EoT&An-
oav elg v deviépav, Toov pe tov Adyov 5: 2. [Ndoa maldbid
Eotainoav elg ékdotnv £Eoxnv;

123) Al xolveovikal dopaiicelg diEBecav dida 100G &pTEpY&-

Tag pt&g moAewg elg Ev £tog, TA g— £vo¢ moocoDd dpayudv TANV

25000 &py. 81" émddpuata dobevelag” & a®to0 gbv 62500 5px.

2
16
dla ouvtaéelg kal TG -23—0 attoD &L fuepouicbia épyatrdv, ol
6molol Emabov druyfuata. [Nolov fjTo 16 Blatebév moodyv;

124) Eic piav émyelpnolv katéBecav & pév A 7000 Spay-
pég, 6 8¢ B 9000 Spayudag. 'Exépdioav 88 £k 1fic &miyeElpnoswg
attfic 6400 dpayudg. lNboov képdog ElaPev & kabeig; (‘O Adyoc
TV Kepahalwv lcobtal yg 1ov Adyov T@V KEPDHOV).

125) El¢ piav émysipnowv 6 A xali & B katébesoav duod
15700 dpayukg. 'EE adtdv 82 6 A katéBeoev 6900 Spayxuag.
"Ex 1fig émixeipioewg avtfic éxképdloav 3140 Spaxuag. [Néocov
képdog EAaPey & kaBelg; '

125) "Apfpel€é 1i¢ d0o £1dn fAhalov. ToD £vog eidoug ©) dka |
&Ellel 40 Bpaxudg, o0 5 &Ahou &Eiler 30 dpayudac. lNéoag
dx&dag O& &vauelfn &md Exkaotov eldog, €av BEAn v& k&up |
pelypa 1500 6x&dwv &flag 36 Spaypud®v TNV OK&V; |

127) Elxe tig 0o €idn olvou &élag 6,50 Spaxu®v kai 10,50
Spaxudv tnv ok&v' BéAel B va kd&un £€ adtdv pelypa 1200 |
dx&dwv &Elag 8 dpayxudv TRV dka&v. [Néoag dk&dag Ba &va- |
uelén anod Exaotov eldog; _

128) Elxe tig 32 ék&dag olvomvetpatog tdv 85°% lldoacg
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dk&dag Gdatog mpémel v& plyn elg adtd, (va & Babuog tod ol-
VOTIVEDUQTOG KaTéABT elg 80° ;

129) "Exel 1ic 6000 dk&bag oivou 14°. MNéoag dkdadac Hda-
To¢ mpEmel va plyn elg adtd, dote 16 pelypa va EAattwdi
Kot 2%

s 130) Elxe tmic 120 ypauudpia xpvocod Babuod kabapdinrog

0,740 kal &AAov BaBuod 0,880. [Néoa ypauudpia 100 deutépou
KPpGUaTOg TpETmeL va &vauelfn pg ta 120, va & Babuog tod
kpauatog yivn 0,820 ;

131) lNéoov xaAkov mpémet v& &vauelén Tic pé 200 ypay-
p&pta xpvool PB.x. 0,625, iva & PaBuog 7Tod Kp&patog
yivn 0,500;

I'". 132) TokiZetL Tig ué¢ &mAoOV tékoV KEP&Aatov 12000 Spy.
mpdg 9°/, xai &AAo kepdAaiov 15000 Bpy. mpoc 89, Meta
néox E1n B A&Pn &k T@O®V V0 kepaAalwv tékov 6400 Bpy. :

133) TokiZet Tig pu& &mAoOv Té6koV Kep&Aalov 10370 Spy. mPdC
 4,5°/, xal 15320 Bpyx. mpdg 5,5°,. Meta mndéoov xpdvov t& dvo

Talbta kepdAaiax Ba ¢épouv TéKOV v ouvbrw 1571,10 Bpy.:
| 134) "Ex xepaAalov 36000 dpyx. £t6KiIoE TIg Ev pépog mMPoOg
5%, kal 16 Oméhowtmov Tpdc 4°/,, AauBdver 52 étnolwg téKOV
&k T®V dVo kepalaiwv 1740 px. Na eVpedf] Exaogtov TOV ue-

p&v 100 xegpaAialovu.

135) T —2—— TV Xpnuatwy tou &d4veloé Tig mpog 59, Ta

OméAotma mpodg 6 °/, kal elonp&rTel étnoiwg TéxOV duod 21600
Bpx. INMNbéoag &3&veioe mpdg 5 10i¢ ékatov kai mdoac Tpog 6 ;

136) 'Ex 100 kegpalaiou Tou BLéBecé TiC T ; Bl ayopav

olkiag, 7 omola ToD &médide 87/, éni 100 kepaAaiov, T 31 o’

dyopdv kKIuxtog, TO dmolov &médide 6,5°/, kal 16 OTéAoiLTov
&romoBétnoev elg Popnyxavikag Emixelprioslg, £k tdV Smolwv
Exave 1,5%/,. INolov fTo 10 &p)XIKdOV KEPEAQIOV, €&V T KaBapPdV

&€1folov eloédnua ad1od fjto 44000 Spayual ;
137) "Edd&velcé 11C 1& —g— 100 kKepaialou ToOL TMPog 5°/, Kal

Wneiomoir|Onke amé 1o lvotirouto Eknmaibeutikng MoAmikrig

R B B B T e B FE  T E Ve ST AT T S S S RN,



106

10 OmdAoltmov mpog 4°%/,, AauPavel 8¢ kata Tpiunvov téxkov év
A 875 Bpayude. Na edpedij 10 Kep&AaLov.

138) Ato kepdraia diadpépouv katd 1000 dpaxudac. To ut-

kpbétepov £rokioBn mpog 5°/,, 10 B2 &AAo mpog 4% ,. Na ebpe-

Bo0v 14 kKepdAala alTd, Ta dmola yivovialr lox, €av el kabév
ToUTWYV Tpootedf & Tdékog Tou elg Ev Etog.

139) Ao kepdraia diagpépouvv katd 4000 dpayudc. Td ui-

kpoT1EpoV €tokloBn mpog 4°/, kal 1O &AAo mpog 5°/,. Na elOpe-
Bo0v 1a kep&Aaia altd, OV dmolwv ol 1ékoL &€vog Etoug Exouv
Abéyov {oov ug tov Adyov 8 : 11.

140) ’Ex 100 étnoiov eloodnupatdg touv olkovéunocé tig 1500

dpayudc. To éméuevov £10¢ TAg pév damavag TOL NAATIWOE
kata 15°/,, 16 82 elodédnua touv NOERBn kata 10°/,. *Efotkové-
unoev 8¢ oltw 1o delTEpOV ET1og 6000 Bpayuag. lNolov fjTo 10
elgédnua 100 mMponyovuévou Etoug;

A’. 141) Ao ¢irot, Tdv Omolwv al xatoikiar &méyxouvv 18
xLAl6peTpa, Eexivolv &mod adtdg ouyypdéveg TPog cuvavinoty &
elc o0 &Alov. *O elg Babilel 5 xiAbuetpa v Hpav, 6 H& &Alog
4,5 y\\dpetpa v dpav. Meta wdoag dpag 8a cuvavinbodv;

142) Ao ¢pirol, 1OV dmolwv al katotkiar &méxovy 6 xiALd-
petpa €exivodv &md aldtag ovyypdévweg Padllovieg kata TNV
adtiv dievBuvolv. "O elg Badilel 3,5 yAduetpa v dpav. ‘O
&AAog, 100 6molov 1) katoikia elval mepioodtepov &mopakpu-
ouévn, Padllel 5 ytAdpetpa TNV dpav. Metd ndéoag dpag Ba
¢O&on 6 debTEpPOC TOV 'rtp(gi‘nov;

143) AVo modnAaral dvaxwpolv ouyxpdvwg ék Bbo méAhewv,
@dv 1 peTad adt®v &ndotaoig elvar 52 *% XAp., Tpdc ovvavin-

owv 6 elg 100 &Ahov. ‘H taxdinge kab’ Hpav 100 &vog elvai
kata 1,8 xyAp. peyaAvtépa tfic Taxbtnriog 1ol &AAov, guvav-
T@®vTal ¢ perd 1Y/, dpav anod i Ekxiviioewg. Néoa xiAibue-
Tpa Bietpefev & kabeiq;

144) Mia t&ic oxoielov &veyxwpnoev elg €xdpounv. Elg
B¢ pabniig &vexdpnoe mpog ouvavinolv ng uplav dpav Bpa-
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Sotepov, Tpéxwv &mi modnA&rou ut Taxdinta 15 yxiAlopétpwv
v Hpav. Zuvivinoe 8¢ v t&ély Tou petd fHulosiav dpav, &P’
8touv é€exlvnoev olbrog. Mola fjto f) TayvTng, pé v dmolav ép&-
Silev 1) 1&g

145) “Intmedg, & dmolog Biaviel elg 2 &Hpag 17 XIALOHETPQ,
Bibketar OMd &AAouv (nméwg, & dmolog &€ekivnoe 1 Hpav perd
ToV TpdToV Kal Sotig diavidel ele 3 dpag 30 XAbpetpa. Meta
wéoag Spag Ba PpB&on & HeTEPOg TOV MPATOV ;

146) Elg otpatiding modnidng ¢otdin did va petafiféon
Siataynv elg 10 ocOvrayu& tou, 10 dmolov elxev &vaypnoEL
€k 100 abtob onueiov 2 &pag évwpitepov. ‘H taxodmng tod

modnA&tou 1o TA l‘?- Tfic TaxvTnToc, ué v dmolav &R&dile 1o

gOviaypa. Meta mdoov xpbévov 8& ¢B&op & modni&ng 16 olV-
Tayua ;

147) Ado témoL, A kai B, &mnéxouvv uerafd twv 10 xAu. Elg
nelonmépog &vexdpnoey &md 1oV TéMov A TV 10" Mp@iviv Kal
¢8aver elg 1ov B v 127 ueonuppiviv. Elg 82 (nmedg &vayw-
PEL &mo 1oV B v 11" mp@ivilvy kal ¢B&veL elg 1ov A peta 40
mpdta Aenwta tfig dpag. INéte kal mod ovvnvtABdn & immedg ué
TOV WMeldv; ;

E’. 148) To &Bpoiopa T®V AAKIOV 1pldV &BeApdv elval
53 &m. ‘O mp®drog elval xata 5 Ewn usyalltepoc 10l Tpl-
Ttov” oltog 8¢ elval kata 3 £t pkpdtepog 1ol Seutépou. Na
e0pedf | NAikla Eéx&otov TOV &BeAPOV.

149) Elg¢ elval kata 18 Etn peyaidtepoc &Alovu. Elval 2
N HAkia adtod TpimAacia tfic AAkiag 100 &Alou. MMéowv 216V
elval & xaBeic;

150) "H AAuxia évog elvar duimiaoia 1fic HAkiag &Adov,
Ev®d mpd 10 £1®V fro tpithacia. Mola elval 7 mapodoa NALkic
Ex&oTou ;

151) lMNathp 1ig elvar 37 21dv, 6 82 vide avtod 8 E1Hv.
[Méte § HAixia 100 matpdg Hro fj 6& elvar tpimAaoia Thg HAL-
klag To0 viol;
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152) MNathp tig elval kata 30 € peyalidiepog tob vied
tou. [Ipd 8 EtdV 16 &Bpolopa TAOV HAIKLA®Y Twv fr1o 46. MNoia
elvatr | HAkiax 100 matpog kai wola 7 HAwkia 10D LICD;

153) Mathpe TI¢ fjto 42 étdv, & peyaAdtepog vidg 7Hto 10

£T1OV Kal 6 uikpdtepog 4 é1dv. Meta méoa E1n | HAkia oD a-
Tpdg B £xn Adyov mpog trv NAlkiav v Bbo vidv tou Suod,
8v Abyov ExeL & 3 mpog toOv 2;

2T'. 154) Kanvonapaywydg 1i¢ ocuvéEAefev &md pulav ou-

telav 50 6k&dag kamvoDd meploodtepov &nod Soag ouvéAeEev EE
&AAnc. 'EndAnoe 82 1ov kamvov adtov mpog 62 dpx- TV OKEV

1fig Tpdtng ¢uteiag kal mpog 73 dpxu. TRV Ok&v Tfig BevTépacg
kal elotmpafev év 8Aw 19300 dpyxp. [Ndoag oOxa&dag ocvvéiefev
£E Eéx&otng Quteiag;

155) "Hyépaoé tic 10 mxelg Op&opatdg Tivog. "Eav i) tiumg
100 ThAXEwg ATo katd 30 dpyx. pikpotipa, pEé TO adTd TOOOV

dpaxud®v 8a fydpale 2 mnxelg epiocdtepov. [Nola elval A Tipn

100 MNYEW®C;

156) Xwpikog épwtnbeig ti {da kai mbéboa E£xel, &MVINOEV
o¢ £€fg: «"Exyw 8pvibag kal alyag év 8Aw 23 kepalral kal 56

w6deg». IMéoag Spvibag kal alyag elxev & xopikdg;

157) Elg diokttng 1ptdV olki®V eloémpattev ék TGV évol-
kiwv adt@v 16000 dpx. tov ufjva &v 6Aw. To unvialov évol-
KloV Tfic TpdINg ¢§ adtdv Tto dimAdolov 10D altol évoikiov
tfig Bevtépag, 10 B unvialov £volkiov Tfig Tpltng fjto Toov
Tpdg 1O flulov évoikiov T@v BVo &AAwv TATV 200 &pyx. [Notov
fTo 10 unviaiov évoikiov ék&otng olkiacg;

158) 'Okt épya&tar £€etédecav 10 --;— Epyou TIvog épya-

Coépevol 4 dpag xab’ Huépav énl 9 Huépag. lNéoag Spag wpe-

el va fpydlovral kab’ fuépav 15 épydtal, (va dmoteAeidoouvy
10 Epyov elg 3 huépacg ;

159) ’EndAncé ¢ Upaocpa mpdg 69 Bpyx. tov miixvv kai
Exépdiloev év BAw 90 Bpy. 'Eav Suwg émdAel 10 Upaocua Kata
4,60 dpy. tov WhHXLV eVOnvéTEpOYV, B& Exave 23,50 Bpx. [Ndocwv
TXE@V fjTo t6 Ugpaopa;
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160) Eic plav éxdpounv petéoyxov 28 mpdowna, &vdpeg,

yuvaikeg kal madia. ‘O &piBudg 1OV yuvalk®v fjto T ‘31-— 10D

&plBuod 1OV &vdbpdv, 6 B¢ &plBuog 1OV mabiov To —%— T00

&piBuod 1AV &vipdV Kal TA®V yuvalk®v 6pod. [NMdéool foav oi
&vbpeg, al yuvaikeg kal & mwadia ;

161) Mia xpfjvny yeuller defapeviv elg 7 &pag, &AAn b2
Kprivn tiv yepilsl el 9 Hpag. “Otav 8¢ péouv kal al Blo ouy-
Xpoévwg £l 3 &pag, 1) Sefauevr, dia va yeulon Evieddg, xpela-
Letal &xéun 120 oxk&dag. [Téoag okadag xwpel 1) de€apevy;

Z’. 162) IAivBog Exel Byxkov 195 kvBikag maAdpag xai
Luyllel 4 yuhdypauua. MNoTov elvat 1o eldikov Bapog avtfig;

163) Kp&ua &pydpouv kal kacottépouv £xel eldixdv Bapog 9
kal fuyllet 10 yiAdypaupua. [Nécov &Gpyvpov kal méoov kaooli-
TEPOV MEPLEYEL TO Kp&pa alTd, yvwotol Svrog, &1t Td eldikdv
B&pog 100 &pyvVpou elvar 10,2 kal 100 kaocoitépov elvar 7,3;

164) To Bapog cavidog éx EVAou dEuag elval katda 10 xiALs-
ypappa UHikpoTEpov 100 PBdpoug- Tod Om altfic éxktomlopévou
O6datog. To eldikdv Bapog tfig 6&uag elval 0,8. Tolov elval td
Pp&pog tfic cavidog ;

165) lNpoxeipévou va p&bn Tic va xwoAvuP&, BfAer va ka-
Taokeuaan Ldvnv &k peAAoD Totaltny, Hote va kKpatfital 6pblog
£viog 10D UBatog pE TNV kKEpaAnyv £xktog altod. [Nléoov PBdpog
mpénel va Exn 1) Ldvn, yvwotoD OSvrog, 61t obtog Luyller 56
XAbypappa, 8t 10 Papog tfic kepaAfic elval 3 yAbypappax
kal &1L 10 eldikov PBdapog 100 odpatog 10D £€vidg 10D Udatog
elvatr 1,02 xal toD ¢peArol 0,24 ;

166) P&Bdog ExeL pfikog 40 éxatoor®dv 1ol pétpou. Elg 1o
Ev Gkpov aUTfig kpéuatal Bdpog 2,5 x!ﬂuoypdppmv. glg B¢ 710
&Aho xkpépatatr Bapog 0,75 xiAoypdupwy. Elgc molov onuelov
mpénel va UmoPaogtafwuev v p&Bdov, (va looppomron; (T B&-
pog Tfic p&fdou B&v Aaufdaverar OT &yv).

167) lMéoag dxadag Gdatog 100° mpénel v piywpey elg Hdwp
127, Tva Exwpev 100 dx&dag G8atog Aovtpod Beppokpaoiag 28°;
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H’. 168) EvBela unkoug 3.6 pétpov va Biaipedff elg doo
uépn, t& émola va Exouv Adyov 3:5.

169) ‘H yowvia 1fic kopuofic loookeAolg tpirydvou elvat
katda 30° peyaAviépa EK&OTng TV yovidv 1fig Bdoewg. Na ed-
PeBf 1 Tiun 1OV yovidy adtol.

170) ’Ex 1®&v yovidVv tpiydvou A, B, I’ § A elval kat& 5°
ueyaivtépa 1fic B, | 8¢ I’ tpimiacia tfic B. lNéocwv upoipdYV
elval tk&otn TV yovidv adtol ;

171) ’Ex 16V yovidv tetpanAelpov ék&otn elval kata 8°
ueyaAutépa Tfic mponyovuévng tng. MNéowv poipdv elvar £xa-
ot TV yovidv abdtol;

172) N& eUpebfj E&xkdotn tHVv mAevpdv Opboywviov, 10D
émolou 1) pgv Paoig elval dimiaoia to0 Oyoug, §| & meplperpoc
EyeL pfikog 62 uEtpwv.

173) ’Ex 1®Vv 11OV yovidv tpitydvov A, B, T 4 A elvar
katda 2° wkpotépa tA¢ B kal kata 7° uikpotépa tfig I'. Na ed-
peBolv al ywviat attod.

174) ‘H mepluetpog dpBoywviov elvar 40 uétpwv. 'Eav f
B&oic avtod fjto 2,5 popag peyaluvtépa ToD OWoug TOUL, 1) WE-
pluetpog Ba fjto ka1 16 pétpa ueyaivrtépa. Na edpeBolv al!
dlaotaoelg adtol.

6. 175) Tiic Taputomyroc " 2 —¥'— ¥* — ¥ wodizens
uélog ypaoetal x(x—x), 16 8¢ debtepov yphoetar (x——xNx—x)

&ote EYOUEV
:

) =0 13 )
"Edv 82 fjdn Biaipéowuev & péAn dia x—x, eVplokopey x=—=x--x
ftor xy =2x. Na& €0pebfj 10 op&ipua.
176) 'Ex tfigc é€lodoemg
12y — 10=15x — 8

Aapupavouev Ta&e 12y - 8= 1510
i 4(3x -+-2) = 5(3x -+ 2).

’Eav 8¢ dialptowpev ta péAn tfic tTeAsvtaiag EEl00oEwg
dia 3x+2 edplokopev 4=—2>5,

Na ebpebij 10 opdApua.
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I'. 177) N& poipaogBobv a dpayual petafd dlo mpooomwv
ofitwe, Hote 1O uepidlov ToD mMpdTtou va elval 1o vI™ uépog
to0 pepidlov 10D Bevutépou. INdowv dpaxudv H{to 1O pEPidlOV
gx&otou ;

178) N& poipaocfolv a Spaypal HeTald TPpLAV TPOoOT®Y,
obtwg, Bote & MpdATOog v& Ad&Pn dimhaolag dpayudg &nd doag
8& A&Pn 6 dedtepoc kal obtog mM&Ay va A&Pn B Spayudg, meplo-
gotépag, &no Soag EAaPfev o tplroc. lNéoag Bpayudg EAlafev
Exaotov MpdowTOV ;

179) Na& e0pebdf) &pBudcg, Botig mMpooTiBéuevog elg GudoTeE-

poug To0¢ Spovg 10D KAGouatog ﬁg— kabBlotd adtd dimAdoiov.

180) EOpeiv &piBudv, Sotic mpootiBéuevog €lg 1o po™v pé-
pog adtoD, Bidel &Bpoloua 16 Vo uépog adtod odv A.

181) To &Bpoloua dvo &pBudv elvar y. To &Bpoiopa 100
yivouévov, to0 pév £vog éml p, tod B8 &Alovu émi v, elval a.
[Motor elvar ol &piBuotl;

182) ’Epyd&rng xpetaletat a &pag, iva teleidon Epyov T,
Beltepog Epydatng xpeialetal B Opag Sia 1o adtd Epyov Kal
tpitog y &Hpag. Elg mbéboag dpag ol tpeig épydtal 6uod B te-
AELDOOLY TO EpyoV;

183) “HAAwkia 80o &tdéuwv, elval, 100 pév évog a €1dv,
toD 82 &AAovu B &T®v. Meta mwdoa € 1) HAikia 100 mpdToL B&
elval p gpopag peyadviépa tfigc AAklag oD deutépou;

184) AGo kegp&Aailx, TO®V dnolwv 16 &Bpolopa elval o dpay-
pal, étokioBnoav 16 pév Ev mpdg 1°/, xat’ Erog 1d B& &Aho
npodc 17/, kai Bidouv &tholov TékoVv B Spaxudc. Nda edpebolv
1& Bvo talta kepdiaia.
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KEDANAION |1

Tuvothuate £€l0Woswv Teb npdTtou Balued
HET® MOAADV XYVWITWV.

A’. Adcig Eicdcewv Tol lov BxBued pé Sve axyvdsTeous.

106. Avoig pLag £€10DOEWCG pHE Bvo dyvwoToug.— Eotw,
6t BElouev va elpwuev d0o &ptBuolg, ol dmolot va Exouw
&B8polopa 10. "AAN’ Eav Bia x kal P TapaoTowpey To0¢ LnTou-
pévoug GplBuobc, B8a Exwuev TV £€lomov x - p=10. 'AlA&
mapatnpodpev 8t &av Yy=—0,0& elvar x =10, é&a&av 5& elva

=1 8& elvan x=9 xal é&&v elver =2, 3, ... —1, —2,
—3 wEk., O elvon y=—8; 7,.. 11, 12, 13 x3A; Cloxs & &wan
tépw éflowolg Exel tag AVOELC:

i=— 0 1 2 3

x =10 9 8 = 25 G

“Htoi: ‘Ex&otn tpf 1ol ¢ pé 1tRv &viiotoixov Tiufv 100 X
amoteAodv plav Abowv 1fig é€lodhoewg. 'Eneldn) 6¢ duvaueba va
bdhowpev elg 10 Y &meipovg Tiukg, elg kx&Be pulav OV dmoleaw
dvriotolxel kal pia Tiun 1ol ¥, Emetal, 611 1) dobBeioa éEicwalg
ExeL AVoelg drelpovs 10 mAdGfPos. Tod adtd mapatnpodusv kal elg
™myv é€lowoly 2y — 3y =6, £k 1fig dmolag Bia
=0, i N 8 3 xTA.
AauPB&avouev 3 4-;—. & A -;— »

“Qote: Hdca 8Elcwois tiic mogeic ax — Byw—7y, &mnou
a, B, y elvat yvwotoi &ptBuol (f Ttapcxorécac yvootai), Exei
Adoets dnelgovg 6 mAijdoc.

107. AVosilg ovotTiuaTtog BUo fflowoswv o PBxOuod
HET& BUo Gyvaotwv.— Eav {nrijoouev, Tva ol Inroduevol
&piBuol o0 mponyovpévou mpoPArfjuatog Exouvy &)L udvov &Bpoi-
opa 10, &AAa xai diagopav 4 tfjtoL, €av Inifjowuev, iva ol
abtal tipal o0 ¥ kal 100 Y émaAnBetouvv kai tag dlo £Eiod-
gELg X+ =10

X5
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BAEmouev ebkdAwg, 81t €k TOV &vw Adogewv (1) pdvov 1) Adoig
p=—3, x=7, énaAnBelel tac dlo adtag t€lodoelg fj 10 ocbotnua
tdv Blo adtdv éEiohoemy. Aéyouev B2 clotnua EEl0OoE®Y T
cdvoloy moAldv ZEiocdoswv, tdg dmoiag nalndevovy al avdral
Tual tdy gyvoocTov.

A va Abowuev Ev gbotnua 2icdoswv, mtpoonabolusy va
ebpouev v &Alo olotnua {coddvamor, &AAG 16 O6molov va
Avetar sUkoAdtepov. Aéyouev B& d0o cvotfiuata locodivvaua,
#ay al atizal ttual tdv dyvdcrtwy énailndsdovy xai ta dvo.

Ao E€v BoBiv gbotnua Aaupavopev &AAo icodlvapov kata
moAlovg Tpdmoug. [l.x. éav &viikataotiowpev uiav éficwoly
g &GAAnyv loodOvapov mpog adtiv. Olte o Bobiv cbotnua

X+ ¢=10 - 2% + 2¢ =20
R Kal 10 Byl i g

elval loodOvapa. “AAN" év yéver & tpdmog obrog B2v kauvel
sbxolwtépav TNV E£nlAvoly T®v ouvotnuatev. 'O xkatdAiniog
Tpomog S TRV E&niluoily 1OV cguomudtov Ba& fto éxelvog, &
omolog dBid 100 cvvdvaocwod psrtafd 1OV éElodoswv Ba Edidev
éEiowowv, f) dmola va& un Exn Eva t@®v dyvooteov. At oltw
B8& fito duvardv va &vaywuev v Aoy cuotnuatwv elg ™V
Abowv E€lohoewv pE Eva Gyvwotov. "AAAG tolodtog ouvdua-
cpog Umapyet kal Afyetal doalotpn 100 &yvdotou. MéBobdol
drnaloipfic Evog &yvdotou kal Emouéveg utebobdol Tfig AVCE®Q
&vdg ouothjuatog elvar diagopotl. Tadtag B Ba eldouev ka-
TWTEPW.

108. Mé£B80odog 1fg mMpooBicswg i) g Avaywyfg.—

1) Elg 10 &ve olotnua X =10

X—g=— 4 1
naxpatnpobuev, 61t ol cuvieheotal tob ¢ elvar &vribetot &pt-
Buol. "Eav Aowmov mpooBéowpuev tag E§iodoseig ol guotipatog
adtol kata péAn, Sa amaAiewpbii 6 Y. Kal mpdyuatt, diétL €0-
ploxouev 2y — 14. "Eav topa elg 10 508év gbotnua &vitkata-

8

Wnepiomotr|Onke amé 1o lvotirouto Eknmaibeutikng MoAmikrig



114

ogtfiowuev piav 1OV dobelodv E6L0D0E@Y, T.X. THV ¥ -+ w=—10"
Bia Tfic 2 = 14, B& Exwuev Té glOTNUQ :
2y =14

X P9 (2 :
10 6molov elval loodbvauov mpdg 1d obotnua (1), diétt éA&Bo- |
uev v &flowoly 2x =14, &¢oD elg loovg &pLBuodc mpooedé- ©
oapev Toovg. “Qote al Tipxi 100 ¥ xal 100 Y, al dnotatl énain-
Bebovv 16 olotnua (1), 8& émaAnbsbouv kal 10 clotnua (2).
Kal &vtiotpépwg, al tipal 1ol ¥ xal 100 ¢, al dwolal énaAin-
Bebovv 1o gbotnua (2), Ba £main@ebouv kal 16 obotnua (1)
AlbTL, Eav &mo TG HEAN TAC €EL0DOE®C 2X = 14 &PaUPECWUEY
Ta& peAn tfic x — ¢ =4, edpioxopuev

2x =14
kg 8
X-+-¢=—=10

fitoL v mpdInV é€lowolv 100 cvothuatoc (1). “Qote §{ Avolg i
100 cvotfuatog (1) doOvarar va avayxdf elc v Adowv toD ovu-
otiuatog (2), ) dmola elval evkoAwrépa. AldTL ék THG MPOING |
2x =14 ebploxopev ¥ =7 kal &k Tfig devtépag x — ¢ —4 eOpi-
oxkovey 7—y=—4, fitor gp==3. “Qote 1} ALolg 10D dobBfvrog °
ovotfuatog elvat x =7, g =3. Elvar 8¢ kai f pdvn. i
2) Na AvBfj 10 glotnua
3x +4p=—19
— 2% 1+ Biy=——5.
Elg 10 obotnua adtd, éav BeAfjowuey va &taAelPwuev 106V ),
mapatnpobuev, 8t ol ouvieAeotal adtod B&v elvalr &vrtiBetot
&pBuol. Avvaueba Suwg va ToOC K&pwuev &vtiBétoug ¢
tEfig: MoAhamhaotalopev T& péAn tfig Mpdtne £&lcdoewg 100
gugThpatog £ml TOV cuVIEAETTNV TOD Y €v 17} devrtépg, fitoL &ml
5, kal T& péAn tfig devtépag €nl 1év cvvieAeotiv 100 Y év TH
mpdty, fjtot énl 4. "Exouev 8¢ oltw 16 chotnua
15x + 20y =295
— 8y 1+ 20 =—20
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fi, 8tav &AA&Ewuev 1& onuela p&g Tdv EElowoewy, T.X. TG
8x — 20y =20 (2).
*Eav 10pa mpooBéownuev katd uéin tag égiodoelg 10l ovotn-
uatog (2), edploxouev 23y = 115. “Qote 16 d0B2v obotnua elvan
looddvapov mpodg 1o
3y +4dp=— 19
23y = 115.

'AAN' éx Tfic Beutépacg 2Eiodoewg TOD OUOTAUQTOG TOUTOU
AauBavopev x=—>5. Meta 8¢ to0to elpiokouev &k Tfig MPOTING
35+-4p=19 H =1,

“Qote al pévar Tipal TV &yvdotov, al émolal énainbebouyv

16 Bobiv ovotnua, elvar x=25, y=1.
'Eav 8sAfjowpuev va &nalelPopuev 1oV X Ba épyacbBduev
&¢ PaiveETal KATWTEP® :

2) 3x +4¢p =19 6y -+ 8y=—238
23y =23 f| py=1.

Met& 52 10010 elpiokouev 3x-—-4.1=19, fjto. x=>5.
3) Na Auvff} o cgboinua

3y — 6p =30

5x — 8y —44.
Eic 16 obotnua adtd, did va &naleigouev 1oV P, 100 dmoiov
wapatnpoluev, 8Tt ol ouvreheotal Exouv kolvov map&yoviq,
Epyaléueba &g £Efg paiveral:
8) 3x—6y==30 |4)3x—6y=—=30 12x—24y=120 — 12x--24p=—120
6) 5Sx—8y=—44 3) 5x—8y=—44 15x—24y=132. 15x—24yp=132

3x% —§2
fitot X — 4,
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Metd 8¢ 10010 ebpiokouev, m.x. &k Tfig

3x — 6y = 30, 3.4 —6y = 30,
rjTot Y= —3.
“Qote f) Abotg 10D Bobévioc ocvothuatoc elval

Xx=—4, p=—23.

109. *H uéBobog 1fic &maloidpfic £veg &yvdotou, dg EYLVE
elg T mponyobueva mapadelypata, Aéyetalr uédodog tiic mpoc-

Pécews § tiic dvaywyiic. Znpiletar 8¢ alitn, dg &deifauev, &lg
16 €€fic: “OtL duvdueda el ovornua dvo £Ecoddoewy, dpoD wpoa-
Péowuey adrds xazd wuélzn, va dvrixaracrijowusy ulav tdv So-
Petod®v EEiowoswy 81’ Exeivng, v Snolav slgouev dia tijc oG-
Féoewe.

Znpuelwotrg. "AMNAG kol &mod doaodnmote EE&LodoElg
Kal &v &moteAeltar £v gbotnua, duvéaueba vd TPooBiowUEV
katd péin f SAag f| pepikag pdvov kal Emelta va &vilkaTa-
otfiowuev piav 16v éfloboewv 100 cuoTHuaToC, ik Tfig edpe-
Belong dia 1fi¢ MpooBéoews. *Anodeikvietal B¢ duolwe, 81t T
véov ocvotnua elval lgoddvapov npog 10 &pyikdv.

‘Aoxrjoecs.

185) N& AvBolv 1& k&TwbL cvoTHuata :

1 x+¢=97 2) x—4p= 1 3) 5x —p= 62
X —¢=73 X— $=176 3 ¢ =122

4) 7x + 6y =37 5) 4¢ - 7gp= 8 6) 40— 99 — 26
5% -6 =— 27 4¢ +3p=—28 9@ — 49 = 3

7) 3x —-5¢ = 39 8) 21x +4y=10 9) 5x +3p--2—=0
7x — 4y = — 50 3y —8y=—>5 3x +2¢-+-1=0
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1 1 2 =20
10) 5 [ ‘*3_(’.! =8 11) 457—x -t Tlp:]] 12) 2,5y—2¢y=15

‘ 3
13) 7x —4y 26 14)

1 1 1
S T g 15) 0,55 3=y

— = Pp—12 05¢p —4=—x

110. M£60b0¢g TiC AVILKAXTXOTROEWG.
onpa

1) "Eotw 16 00b-

2%t Y=—13
B g (1).
3 2y 9

"Eav OmoBécmuey TV ¥ ©OC YVOOTOV Kal AVo®UEY TV Tp®-
my é€lowoly ¢ Mpog Y, 8& AaPwuev v loodbvapov Yy=13—2x.
'Eav 8¢ xatdémv toltou e£lg v devtépav é€lowolv 100 cuvoth-
HaToC &VIIKATAXOTNOWUEY TOV ¢ ik Tfic Tiufig Tov, Aapfdvouev

3y — 2(13 — 2y)=29.
*AAAG 16TE, &vil va Abowpev 10 gbotnua (1), Abouev 16 gd-
TR =13 — 2y
3x—2(13—2x) =9 (2)

elg 10 &dmolov f) Sevtépa éEiowolg mepléxel Eva &yvwoTtov, oV X.
At 1& ovotfiuata (1) kal (2) elvar loodovapa. Kal mp&-
yuati. Al Tipal 100 ¥ xal 100 W, al dmolal EmaAinbBedouv 16 ob-
otnua (1), 8& &maAnBebouv kal 16 commua (2), xal &vrioTpd-
pc. AdéTL ol mpdTal E€ilodoslg TGV oLvoTUET®Y TolbTwY elval
loobdOvauol, al & debtepal £€lodoelg diapépouy kata todto po-
vov, 811 dnAadn M) ula mepiéxer oV ¢, ) B8 &AAn Exel, &vti 100
g, tov loov mpog altdv &ptBudv 13 — 2x. “Qote 8& Adowuev
&vtl tod ovorThuatog (1), 16 obotnua (2). 'Ex tfig Aooewg 8¢ 1fig

éEloboe®g 3y —2(13 — 2x)= 9
Aaupdavouev 3x—26--4y— 9

=35
kal X = 5.
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'Ex 82 1fic =13 —2x ebplokopev, 811 Py — 13 — 2.5, #rot
g =3. "Qote § Aboig 10D BoBévrog cuothuatog elvan

Xx=—5, Y$gp=3.
2) N& Av6fj 16 olotnua
Xl 8
X 4.
I
Aboviec Tiv Beutépav Eflcwoiy d¢ MPdC ¥ Acufa&vousy
X =4y. 'Eav 8¢ Béowuev elg v mpdinv &€icworv, &vil Tod X
™MV TNy 1ov 4y, AauBavopey 4¢ — =29 f 3y =29, froL Pp=—3"
ote elval x =4.3, fitor. x = 12. "H Aboic Aotmdv 100 HoBévroc
guotfjuatog elvat SR,
111. "H péBobdog, bk tfig dmolag elg T mponyouuévwe So-
Bévia dbo ovotiuata &mnieipauev Eva 1OV dyvdotwv, Afye-
Tal pébodog tfig drrixarasrdosws. Zinpiletal 8€, O¢ EdelEauev,
elg 10 £€Efic: "Ott dniadn) Svvdueda eic ocvornua 8vo EEicdboecwy
va Aowuey v ulay 2§ adtdv npdc &va tdv dyvdorov (Sxbze
6 dAdog dyvworos Vmoriderar yvwords). "Encira 82 va dvrixa
zactijcwuey roUzov Sid i Tiufic tov elc tHv HAdny EElcwoiv.

Znueiwots "ANA& kal slc cbotnua dcwvdnmote £&1-
ohoewv duvaueba va Abowuev plav 16v éElodoswy Tpoc Eva
IOV &yvootey (1&v &GAAov OTotibepuévay yvootdv) kal Enelta
v& avilkataotfioouev tobtov el 8Aag¢ tdac &AAac EEiodoEig

f elg pepikag pbévov. Awét 16 véov olornua elva loodbvauov

Tpog 16 &pxikdv. ‘'AmodeikvieTtal 8¢ 1o0to Suolwg.

"Aoxnoets.

186) Na AvBolv dik 1fjc pebbdbou 1fic &VIIKATAXOTACE®C T&
K&t ovoTiuata :

1) Y =4y 2) 2y = 6y 3) 3x — 99— —12
2x+5¢p—176 Sy — Ty =72 X—5¢—0
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5
45y — 13¢p =— — 36 8y — 7o 6p —5w——4
7) 2x=3¢—5 8) 12x=12¢+5 9) do=—Tp—7
6yp—x-+4 9x —4 = 8y 2¢ — 3w =27

112. M£8odog Tiig cuykpioswg.

"Eotw 16 cbotnua
4y — 3p =11
X+ 9—1 (1).
Abouev xal Tdg dGo &Eiodoelg 10D ouoTApaTog mMPoOC TOHV al-
oV &yvootov, M.X. Mpdg 1OV X, OMoTE edplokopeyv
11+ 3¢
4

x=

X e
"Emeldn 62 ta mpdta péhn 1ol ovotfuatog (2) elvar loa, 84
elval kali 1& debrepa loa, fjtor B& elvar:

43¢  1—u

ST

“Hén Abouev v é€lowolv adtiv xal edplokouev
22+6p=—1—1, fitot Y= —3.

THv Tiuny ¢ = —3 Btouev elg plav 10V éflodoewv 100 guoThua-

1—w
8

T0¢g (2), ™. x. €lg v =

xal eOploxkouey = 1';3 S e _;_ s

‘H péBodog avth, kata TV dmolav Avopev kal tag dlo &&iob-
oeig 100 ouoThApaTeg mPog Tov altdv Gyvwortov kal katdmiv
é€iooDuev tag ebpebeloag Tipag 100 &yvdotou TolTOU, AdyETal
uédodos rijs ovyxgicews. "AlA& »xvelwg elval uéBodog 1fic &vri-
Kataotdoewg. Atdt elg v devutépav, n. ., ¢§lowoly 100 cvoth-
patog (2) dvuxabiorduev 1oV ¥ Sia Tfig TLpfig Tou, TV dmolav
BideL f) mpodTn E€lowoig.

Wneiomoir|Onke amé 1o lvotirouto Eknmaibeutikng MoAmikrg



e

120

‘Aoxrfjoetg.

AT LT T R AT ' Ty

187) N& AvBodv 1& kaTwBL guoTAuata didk Tfic nedbddou Tijc §t
ouyxploewc |

1) x=10y—7 2) x42¢p=11 3) 12x—12¢-L51
X=25¢— 10 X—3y =1 20p=12x —3
4) 9x—2¢y=20 5) 3x —2¢—9 6) 3x-+ 5p—51—0
14y — 4y =24 —9x+11p=—12 6x —15¢ —27 =0

113. Mepikaxi TEPIMTOOELG. a) Sveriuara dddvara. “Eotw
T0 gbotnua
2x-+3py=—28
4y +—6p =12 (1).
Ala v& araAelPpouey 1oV P, 8& TOAAQTAQOLETWUEY T& HéAn Tfic

L

MPp®OING £6l000ewg énl — 2 kai Tta pédkn 1fic Sevtépag £mi 1,
6méTE B& Exwpev

—4y — 6p=— —16 ;
4x 6y =12 )
kal mpooBétovieg O.x=—4

"AAN’ &@oD 1) ebpebeioa é€lowalg elval &dOvatog kal Td Sobév
ogbotnua elval &dOvatov, fjtot ail BoBeloat ¢Eiodboelg elval dovu~
BiBaczoi. Kal mpayuatt, 861t 10010 paivetal &utowe &md 1o
cbotnua (2), éav 16 ypaywuev oOg £EfC:

4x — 6y =16

4y |+ 6 —12.

B) Zvorjuara dngoodidotora. "Eotw 16 oclotnua

23X = hfe=—1=5 :

12y — 9y — 18 (1).
Ald va& analelPopev 16V X, ToAAanAaol&lopev T4 HEAN TAG
mpdINg énl — 3 kal tfig devtépag énl 1, dndte Exousev

— 12 +—9yp—— 18
12y —99p— 18 (2)
kal mpooBétovieg O.p— 0]
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"AAN" &9oD 1) eOpebeloa EElowoig elvar &mpoodibpiotoc Kai
16 Sobev gbotnua elvar &npoodidpiotov. Kal mp&yuartt, idti
o010 galverar &md 18 H00iv clotnua, £&v Blalpéoouev T&
pEAN TR Beutépac EElodoewg Bia 3, BLOTL TéTE EXOUEY

4y —3yp=—=¢6

4y —3p =26
fitot Exopev mpayuatik®g plav 2Elocwoilv pé ddo &yvdortoug, A
dmola yvwpilouev, 811 Exel &neipoug 16 TAfBog AVOELC.

Hagazrenois. 'Ex td®v mponyovuévev mapadelyud-
TV guvayouev, 81l v odornua 8vo 2ficdoewy mpddrov faduod
puera dvo dyvadorwv # Exse Ev udvov clornua Avoeowv, § elvar
ddvvazov, § Exec dnelpovs td mAifdos Avosis. Elg 10 TpoNyoLUE-
vov &Blvartov obotnua mapatnpoduev, &1t ol Adyol 5 wal —g—
TOV OUVIEAETTOV TOV &yvdotwv elval Toot uetald tov. ‘O 62
Abyocg % IOV yvootdv Spwv slval didgopog mpdc adtolg.
"Ev® elc 16 mponyoduevov drpoadibpiotov cboTnua mapatnpoi-
pev, 8t kal ol Tpeicg Aéyom%— ,%— % —]% elval Toot petald 1@Vv.
"Eav 8¢ A&Bwuev Ev 16V cuomnuétwv, ta émola elbouev &1t
Exyouv Ev uévov clotnua AVCE®V, T.X. T cbotnua (2) tfic § 108,
8& (Bwpev &1L ol Abyor T®V oLVIEAECTOV TOV &yvdoTtwv, fjTol
ol Advyor -——';—5— Kol % elval diagopot. Ard va& ovumepavwuey BE,
mplv fj Abowuev 10 obotnua, Tl Aboewg Exel, TPdTOV 64 Pép-
Hev 10 olotnua eic v popenv
Toax -y
B Sk e
xai Emelta B8a mpooéfwuev TOOC OUVIEAETTAC TOV &yvdoT®Y,
@¢ Kal ToUg yvwotovg Spouvg. Kai téte:

lov) ’Eav oi AdyolL %." Kadi % elvar diagopot, 161e 16 OO-

otnua £xet v pdvov clotnua AVCE®V.
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2ov) 'Eav ol Adyor —z—. Kai rg-L elval petadd tov oo, &AAa

diapopol mpodg 1OV Adyov -:T. 161e 10 cbotnua elval &BdOvatov.
3ov) 'Eav elva g_—-—-— FB_ = —:— 161€ 10 oVornua slvar &-

mpoodidploToV. K
i

188) Elval ¢avepdv, 811 &1’ olacdAnote 1V mponyovuévav

Hebbédwv kal &v Abowuev €v gbotnua dvo E&iodoewv, TAG cn’:-’
TAg TIHag TV &yvootwv 8da ebpwpev. lNpotipduev Spwg Hv
plav fj Tiv &GAANV péBodov katda TNV poperv Trv Omolav EXEL &
10 gbotnua.

Ta k&1l guoThuata va AuvBolv dia Tfic kataxAAnAotépag
uEBSBoL.

'"Aoxnjoets.

1) 2y =9¢ + 17 7) 4y =3¢+ 1
8¢ =— 5y -1 6(x — ) =— Sp— 4y :
£
2) 20y - 8y =0 8) 70 =3¢ —5
9% +8p—1=0 6w +5¢p —26=0
3) (2x — )+ (x—2¢)=18 9) 7¢+9+33=0
(x—30)—Bx—y¢)—=—2 9% —7w»+ 15=0
4) 5x=3¢-} 8 10) 4x —3y—14=—0
15y =9¢-}-12 3y —4yp =0
5) X=3y-8 11 Xy —x)-36=0
12¢p —4y — 32 X—(X—¢)+60=0
6) X=5-1-3¢ 12) Pp=—=3x+5
9y — 3x — 15 3¢p=9x +7
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189) "Opoiwg va AvBodv 1& k&Twb ouoTHuata :
1) 23 + 15¢ — 4 6) 24 x-+13 5¢=>31
48y | 45¢ — 18 33 x—12y=33-2
2) TX=2¢+ 7) 45 x—12=4y
3 —y= 3 ey=3-4x—5
3) X =2 4 8) Tx—10y =~
X —24¢—10 11x—16¢ =0, 1
4) %-=10— % 9) Sx—A4y = —2
X _ g 2 L T
5) 2%@:3%4@4 10) 5x—4,9¢ =1
2 ¢g=3-1x—4a7 3x—2.9¢ =0,1

190) N& AvBolv 1& K&TwHL ovoThHuaTa :

1) 3(x—y=2(x—1) 5) X2 g
8(y—4)=2(y—x) %:1?3 L

') 7
- W5 o fggee S
Ax+7)—3(yp—2)=29 =

+1 2

» g R

PRI o -

3 4 Xx+1 i

3x+2__ wi2 e, !
b L S ke
i o o R L et R RS |

e e 0 3
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191) Na AvBfj 10 obotnua:
2 1

R e ;
7 2 - ' :
I |
ToDto yp&oetar dg €Efg:
1 i
B i ey
X Y
7o —a. b oo
X Y
"Eav &8 6tow —;(— =¢ Kol glr’- = @,
Exw va Aow 1o olbotnua
20 — @ =1
7¢ — 2 = 20
£€ ol edplokopev t—6 kal o=—11
1 1
i e — —=11.
oL > 6 Kal m

'EE abtdv 6¢ ebplokopev EmMelta TAG TIHGG TV X Kal Y.

192) N&a AvBolv ta ovothuata : :
e
i x+tm—=a 3

2) 5.—1)(—+2.—iw—=13 6) 17X——3r:'30 ;
4'“1_4“7'71?:5 PGy St 5y H

3) —i——%=n 7) %‘rﬁu%mcz%_ E;
F e

9. p-desl B ST i td o
O w-t=1% |
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193) Na& AvBolv 1ta k&TwbL ovoThuata :
1) X = =B 4) ay - 2p=—1
X — = 3a 2x + 3y =y
2) 5% — = b 5) X —Byp=2
4x — 5¢ = 9« 2Bx + ayp = —2
3) 2ayx ¢ —=7B 6) X+ =3«
ax — ¢ =2B T —x—2
B’. Adcis cuotApxtog dowvdnrnete éficdhoeav o Badpod
RE loxpiBpeovg xyvdctous.
114. "Eotw mp®Tov 16 glotnua tdv tpidv El0boEwy
Xt+4¢-+o=6
X+ ¢ —3¢p=—5 (1)

X—3p+ 4 =7.

Ata &g 1@v mponyouvuévwv peBddbwv &malelpouev pe-
Txf0 1fijg MpdIng kal TAg devtépag ELiodoewg Eva £k TOV
AYyvOOTWY T.X. TOV X, O0méTE evplokopev Y - 5¢ = 17. ‘Opolwg
petafd Thg mpdtng kal Tfic Tpltng &maielpouev 1OV adTdV
&yvwaotov ¥, omote elplokouev —4y+{-3p=1. 'Eav {jdn v dsv-
tépav kal tpltnv é€lowolv 100 BoBévrogc cuvoTiuatog &vilkata-
oTHoWUEY uE Tag eOpebeloag dvo £Eiodoelg, Exouey 10 cVOTNUQ
16 looBOvapov mpog 1o dobev

x+¢+ o=6
Y+ 5¢ =17 (2)
— 4+ 3¢p =1,

elg 8 mapatnpolbuev, 811 al dbo TeAevtalal EELCDOELC TEPLE-
xouv B0 kai Tog altolg &yvdotoug ¢ kal ¢. 'AmoteAodv
Aowtov abrtal [Bixitepov obotnua, 10 émolov yvwpllouev vé
Abwpev. Avovieg BE tolto, ebplokopey =2 kal ¢ =3. Katé-
mv 58 éx 1fic é€lodoEwg X + Y ¢ = 6 edplokopev y—+2--3=6,
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fitor x=1. “Qote al tipxi 1OV &yvodortwyv, i Smolal énain
6ebouvv 1o H0BEv olotnua, elval x =1, y=2, o =3. 'Amote"
AoOv 8¢ abrar Ev cglotnua Aloswyv, 1d Omolov elvar kal 16
udvov.
115. 'Ex 1®v mponyovuévwv PBAémouev, 81t i} Adolg ovoTlh
patog Tpldv EElodoewy i Tpelg &yvdotoug &vayetal elg TV
Abowv ouotiuatog dlo £Eiodoewv pé d0o &yvdotoug. "AAAC
Kal 1) AVolg mavidg guothuato¢ TpwitoPabuinv ELicdboewV
&vayetal el v Abowv guothuatog dlo Efiodoswv ue dLo
&yvdortoug. AwdTL, &v Exwupev m.X. £€v obotnua TEcodpwv £EL-
odoewv a’ Pabuol ui téocoapag &yvaotoug Kal dralelPpwuev
peTafd tfic MpdINg kal EK&oTNG TOV GAAWYV TPLOV Eva kal 1oV
ad1dv &yvwotov, 8a elpwpev tpelg éflodoeig. Altar dE peTa
Tfig Tpd NG ¢Elodhoewg &moteAoDy oclotnua loodvvauov TPdg 1o
800Bév. "AAN’ al 1pelg ebpeBetloal E£&lodoelg, al Omolatl ﬂEpLé"
Xouv 1peic &yvdotoug, &moteioDv (Biov clortnua, T0 OMOTOV.
éu&Bouev va AOwpev. "Eav 82 1&g Tipag TV 1pldY AYyVOOT®YV,
1ag dmolag B& elpwucev, Béowuev elg v mpdinv EElowov,
8a A&Popev €€ adtfig TV Tiunv 10l TETGPTOUL &YVAOOTOU. |
"Eav Exwuev cbotnua mévie, £§ xkTA. £EloboEwV ué MEVIE
EE xTA. &yvhotoug, Ba épyacBduev duoing kal 8a ¢Baowuey
elg v obotnua é€lodoewyv pg dvo &yvodoToug.

Hagatnernoeis. Kata trv Adolv €vog ouoThjuatog ToOA-
A&kl TapekkAivouev &md todg Tpornyovuévoug Kavévag® tolto
82 Bk va ¢pB&owpev taxdtepov elg TNV Aboitv. "AAN 1} mMapék- |
kAlolg altn é€aptd&tal &md v ¢loly TV £Elc®oewv TOoD OvL- !
omuatog, 1 o6mola Ba u&c &dnyhon f elg trv éxkAoynv 10D
&yvootou, & Omolog &malelpetal ebkoAdtepov, fi elg Tov guv-
duaoudv MoAA®V Eflodoewy, fj kal elg v ebpeolv Blattépwv
pémV, ©¢ paivetal elg T& KaTwTépw mapadelypara.

1) Na AvBfj 16 ogbotnua

5x + 3¢ + 2¢ =21
4y — Sp=——7
2 —3¢9p =3
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Elg 1o obotnua adtd 8& dmaleipopuev petald tfic mMpding
kaltfic Bevtépacg 1oV ¥, ©ote 1) é€lowolg, 1) dmola B& edpedf] va
&moteAéon pé TNV Tpltnv oclotnua BVo E&Eiodoswv pé ToUg
aldtovg &yvdotoug Y Kal ¢, fj Buvapeba va drtaielPpouey petald
1fic MpdINng kol Tfic Tpitng oV ¢, dmoéTE V) MpokUMTovoa EElcw-
o1 Ba &amoteAfon ué v devtépav blov clotnua pE &yvo-

. gtoug TOV Y Kai 1oV §.

2) Na AuBfj 16 obotnua
2hy—9p=—0
XY=
e g w2
Eav elg 16 obotnua adtd mpoobBécwuev tag E&lodoelg &va

8o, 84 slpwpev v Abolv 100 cuoTtriuatog sVkoAdIaIA.
3) N&a Avbfj 10 olomnua

s etk

S o b et
¢ g —d
o+ x+¢p=—3.

lNpoobétovieg 1&g Téooapag £EL0GOOTELG KaTta péAn edplokouev
3X+3¢+39+30=6

- A X+ ¥+ o o=2

*Eav fidn &nod v tedevtalayv églowoly &palptéowuev diadoxikdg
1&g Téooapag £ELodoElg 100 BoBévrog ovotiuatog, edplokouey

B=—=—4, =3, $p=—=——2, ¢$=05.
4) Na Avbfj 16 ocbotnua
S i, et
e AR Lt
SRR
INvopllopev, 811 -%u — —4"["— — X?(']q’
&AN" &meldn X+¢p=20
S SO A
i €A W
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“Qote ¢k 1fig EEl0doEwG -g_ = 2 eVplokopev
x =12 «kai éx Tfg %-;2‘ Y — 8.

Znunelwois. 'Eav éElodoelg Tivag To0 ovothuatog, &ool
1&g Exopev mMoAAamAaoi&oel énl &plBudv diapopov tod undevog.
1&g mpooBécwuev kal AdBwuev &Eaybuevov, 16 Smolov BEV
nepiéxel kavéva &yvwotov, 10 ocvornua elvar fj &dOvatov §i
&épLoTov.

116. "Ex t®v mponyovuévev ouvayouev, a’) 81, Stav i &
obotnua & &piBuodg TV dyvdotwv elval peyaitepog 100 &pi-
Buob tdv élodoewv, OmMapyxouv &mMElpa TO TARBOC ouctfr%
pata Abcewv: B’) Stav elg Ev gbotua ol &yvwotol elval io&-j
pLBuol mpdg 1ag 2Elodoelg, Té6TE &v yéEveL Otdpyel Ev xal pdvov
obotnua AVoE®V: kKal y') 8tav & &plBudg TGV EEloboE®Y .'s'hm:r.t?i
pEyaAUtepog 100 &piBuod TV Gdyvdotwy, 10 obotnua elvat
ouvvifwg &dOvatov: BidTt, éav . ). Exywuev Téooapag EELodhoELg,
al dmolat mepiéyouvv Tpelg &yvdotoug, duvaueba &k TpLdv €€
abThv va efpouev v obotnua AVceEwv, &AAG B2v Emetal, BT
al Aboelg adtal énaAinbetovv kal v Tetdpinv Eicwouyv.

"Aoxrnpoecs.

1
1
]
1
|
i
194) N& AvBodv 1d k&TwOL ovoTHuaTa : :
[
[
3
3

1) 2y — 3y +w=1 4) 4x—5¢ }+ 30 =2
3x+2¢y —@=3 2X +3¢ — 6= — 14
dy +5¢ — =7 8+ 2¢y+ 50 =2

2) Xx+¢+¢=>5 5) 3x ¢ —5¢=0 |
3x —2¢pFo=1 3x — 54 4 49 —0 |
2x +y¢ —3p=16 2y +2¢ —3p =14 |

3) 2 —0-t+op=7 6) Y-+ —0=2
3y+20—¢=3 3+ p—w0—28
¢ —4w +2¢9p=28 $— P+ 20=—6
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X+2¢p —30=—16 8) y+p—20=29
g—20+3x=—10 — ¢+ 40 +2y=4
@+ 2x —3¢g=——4 == Ga s — = ]

195) N& AvBolv ta k&TwbL ocvoTHuaTa :

X+¢—op=—2 4) X+ 2¢p=12
X—¢+o=4 g +2w =21
—Xx+y+o—=—12 ©+2x =12
X+y¢+o=18 5) X—2¢p=29
X—¢g+o=12 3¢ —4¢9 =6
T g0 gt — S 10
X+¢p=28 6) 2x —y=12
$-1¢=—10 3y —49 =36
6 o =01
196) N& AvBolv 1& k&twbL cuotTiuata:
Xqu".lq’q) 3) 2-}-4—}—3_24
T A Tt XV E
1% APERSSL. SR S, St
s e e oy I+ F5=2
X Y e
s s e e i 4) —§~+—l§3’——:—c:—=5
X v A
e Te e poa W10
X W ©
e n ST e &
197) N& AuvBobv 1 k&twbL cvotuata:
LI b Ao
3 Tt 2) =
_2__=1 % . =
Xt ¢+1
- = _Xiz
[ ] ¢+1
s
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130

il S e o ool Tl ol e e
3) X 23 e &) p IREL M o
g .l A SEREE SRR
6B T X iy Waws
1 1 ] 1 i
A e Fiw e
198) N& AvBolv 1d k&TwbL cuoTHuata :
1) xtv+t+oto=10 3) x—8+30— pg=—1
) i e gr—Zm— =0
—xtytote=8 HoLEoe
X—4—¢+w=0 4p — 1
2} X—+y—t¢ =18 4) 2x— PYptS50— =11
Y+ot+w=12 2x+ yp—3o+4p =11
totx—15 X+5¢—30+ o= 6
o+x+p= 9 6y— Y+40+12¢ =24
199) Na AvBolv ta k&twbL cuoTHuaTa :
1) X +¢=y 3) P+ —x=—«
yt-o=—a @ X =P
2) e 4) $+ot+p=a
X Ll,_u wﬁ.._(p---.x:-ﬁ
=4 o g G et
@—x =Y X+¢+o=3%

HNepeBinuete.

117. 1) Eig uiav 2xdpounv 6 Nixoc éndijowoe Sia 4 alyad
xal 3 mogroxddia 18 dpayudc, 6 62 Iétpoc Sa 3 avya xal 4
mogroxdiia 17 deaxuds. IHéoov Enidrjowoav 8. Ev avdydv xal
d." Ev mogproxddioy ;
"Eav 8ia 100 X mapactiowuey v &€lav 1ol évog adyold
Kal ik 100 ¢ v &Elav 1ol £€vog moptokaAiiov, Ba Exwpev
4y + 3y =18
3x +4p =17
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Mpéner 82 ol ¥ xal ¢ va elvar Betikol &pBuoi. Abovieg 1o
ogbotnua edplokopev x=—3 xali Y=2.

2) Oi uad®nrai 8vo cxolelwyv dvélafov v dvaddowoiv évdg
Aépov. 'EE adtdv to —;- tod £vdc oxyoldeiov xal o —l— ro0 d&AAov
dnetélecay 6udda dnd 105 uadnrdg, of émoior dvélafov tnv
dudvorEy Adxxcwv. Td 82 —;r toU modrov cyolelov xal o —;— z0D
dldov dmerélecav Sudda dnd 70 uadnrds, ol Sroiot dvélafov
vy @lrevewy tdv OJevdovidiwv. ITéoor elvar ol madnral tod
&vdc oxoldeiov nal swéoot ol ol dAdov;

Eav dia 100 ¥ TapaxoTfo®UEV TOV &plBuov 1OV padntdv

100 mpdTtou oyoAelov kai dia ToD Y 1OV &plBudv T®V pabnidv
100 Bdeutépou oxoAelov, Ba Exwuev

X | g
g D

X + 2 =70
IMpémwel 82 ol x xal ¢ va elvar &xépaiol kai Betikoi &pibuoi.
Avovieg 16 oOornua eUplokopev X =120 xai Y = 180.

3) Na evoed i dcyrjpros dotPudc, ot dnolov 1a ywneia Exovy
ddporoua 8 nai Sotig, Stav dviworpapd, élarrovrar xara 36.

“Eotw X 10 Ynolov tdv dexddwv xal ¢ 10 ynolov 1V po-
vadov. Kata mpdtov Aownodv Exopev ¥ — ¢ —==8. Katbémyv mna-
patnpoduev, 81t & Inroduevog &piBuog Exel 10X+ Y yovadag év
8A@. “Otav 82 &vrtiotpadf 8& Exn 10y + x. Elval 8¢ al pové-

 ®ec 10¢ +x kata 36 dAiydiepat 1OV povéadwv 10y + y. "Exo-

puev Aowmdv v é€lowotv 10x + ¢ — (10 +— x) =36 {
9y — 9y =36, fHrotr X — Y =4. "Exouev dGpa 10 ogbotnpa
XT+9v=08
X — ¢ =4.
lMNMpémelr 62 ol x xal Y va elval &piBuoi &xépatot, Betikol kai pi-
kpbd1eEpOL TOD 10.
Avovieg 10 obotnua ebplokopev x =6 xkali Y=2. "Qote
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6 Intolbuevog aptbuodg elvar & 62. Kal mp&ypatt, 8idtt 6+ 2=—38
kal 62 — 26 — 36.

4) IIgo 7 2rdv 7 HAweia Evds Hro rgumwldacia Tijs Ndexlag
zo¥ vioD zov, dida usra 7 &n Pa elvar Simdacia. Hoia elvas
7} NAwxia rob margdg xai mola 1) rod wioD;

'Eav napaotabij 10D matpdg 1) fAikla dia 100 X, ToD B¢
vloD B 100 P, ol HAiklal abOtal mpd 7 £1dOvV floav ¥y — 7 xal
Y —7, peta éntak 62 £ al AAiklal 8& elvar

X+7 xal 7.
‘Emopéveg kata v ékpdvnolv toD mpoPAfjuatog B8& elvan
Yo =3y —3) : X —3p=-—14
X+ 7=2(y+7) i X— 2¢p=7"
mpénel 82 va elvar &ugdtepor ol &piBuol x xal ¢ Betixol xai
va un OmepBalvouv v duvathv HAkiav 10D &vBpdTou.
Abcvreg 1ag dVo é€iodoelg edplokouev
x =49 P =21,

e OO W

5) Teudyiov dpetydixov, Sotic elvat xpdua yalxot xal wev- |

dagyvoov, Lvyiler 160 yididypauua. "Evidc 8¢ roD Fidaroc ydvet
20 xididypauua. Iéca yididygauua yxalxod xal ndéca wesvdap-
yYgov drroredoy 10 ®pAua avrd, Srav évrds tob Udaroc 9 xidid-
yoaupa yxadlxot nai 7 yxididyoaumua wevdapgydgov ydvovy dnd 1
xtAidygauuovy ;

"Eotw yx xAdypauua 18 Bapog 100 XxaAkoD kal @ xiLALé-
ypauua 10 Bapog 1ol YPevdapydpou. "Exouev Aotmdv katd npd-
tov X+ ¢ =160. Katémv mapainpeluev, &ti, &pold 9 yiLAL6-
ypauua xaAkoD xdavouv éviog toD Gdatog 1 xiAdbypapuov, 1d

1 yutMéypappov x&ver 16 %—- adtod Kal 1d ¥ xitAdypappa x&-

vouv ~9— xtMdypaupa. ‘Opolwg ebpiokopev, 81t Ta P xLALd-

Hax YPeudapyvpou xavouv £vidg TolD Udatog -i.;?- XA ypapua.

“Qortc Exopev Vv E€icwalv
X

X ¥ 20,
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LS

7| Omola perd Tfig Mponyovuévng &moteAel 10 oLOTNUQ

X+ ¢ =160
X s e
<R sk

MpémweL 62 ol &piBuol x xal Y va elvat Betikol. Abovieg td ob-
ornua edplokopevy x =90 xal Py=70.

6) Avo fpydrar, Srav égydlwvrar Suol, relswdvouy Ev Eoyov
eglc 8 Huépac. "Eay 6 nodrog & avidv Eoyacti énl 9 juépac,
6 #ldoc Ha tedsidop td Vrblotmov zob Eoyov el 6 Huégag. IT6-
cac Huégag moéner va Loyacdf xadeis EE adrdy dia va tedeiddop
uoévog tov o foyov ;

"Eotw, 81t 6 mMpd1og mMpémEl va EpyaoBf) x Muépag xai o
Beltepog Y. ‘O mpdtog 161E Elg plav fuépav 84 teAeldon 16-;—

100 Epyou kal eig 8 fjuépag Ta % attod. ‘O d& dsvtepog eic 8

fuépag Ba TeAsldon TS —3; “Exopev Aowmov v é€lowaty
AT, R
p AR
‘Ouolwg evplokopev, 8t
9 6
S e
X ' »

IMpéner 8¢ of ¥ wal ¢ va elvar &pBuol Betikol. Abovieg 7{idn 1o

oUotnua edploxkouev x==12, g = 24.

7) Té “Ynoveyciov “Yywswviic dJiéveius mpds évioxvowy
1250000 dpoaxuac elc toia vocoxousia dvaldyws tdv xdtvdv,
tdc dmolac diaPérovy dia rovg Swpoedv dotreveis. Aradéree & o
wev Ev 17 wxldivac, 16 dAdlo 28 xal o6 zoltov 55. IIécas Sga-
xudc Elafe xdPe voooxousiov ;

"Eotw, 81t 10 MpdOTov voooxkoutglov EAaPe yx dpayudg, 1o
BeOGtepov Y kal 1d Tplrov ¢, "Exouev 1616 xatd mpdiov v

éElowolv X - ¥ —+ ¢ = 1250000.
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"Emneidn 62 ol &piBuoi x, ¢ kol ¢ elvar dvaroyoL mpdg TOUC |

17, 28 xal 55, Exouev

Waoo ey et ol
17 saan e aeh
"AAN £k 1OV lowv To0TOV Adywy Aaupavoueyv
Yorne AT e SR R b
TR S R s T L L
Kal £meldn) X-ys—-¢p = 1250000
-, 1] P 1250000
xepey R e e i
éote elvat » — 17.12500— 212500

P = 28.12500 = 350000
¢ — 55.12500— 687500.

8) To "Ymovoyeiov Ognoxevudrwy xal " Edvixis Haideliac dieé-
Pecev eic Ev Eroc Ev mocov yonudrwy dta va xdup véa Sidaxiijota,
va. énioxevdon walatd xal va dixoreleicdoon Huiteli, év §lew 116.
‘0 doududc tedv émonevacPéviwrv Sidaxinpiwy elvar xata 5 pe-
yalttepoc to¥ mevrandaciov tdy véwy. O 82 dotPuds tdv Hui-
ted@v elvar xara 2 utxpdrepoc ol Nuiceos Tdv émioxsvacHér-
twv. Iéoca eivar za oxoleia £xdorng maznyopiac;

"Eotw x 6 &pBudg 1OV véwv, ¢ 6 TOV EmoKEvaoBEvVTwY
Kal ¢ 6 TdV HuiteAdv didakinpleov. "Exouev émopéveg Kata 10
mpéPAnua 1&g EELoDOELG

X+ ¥+ o=116

g=5bx 15
o=—5 —2 (1).

Mpémer 8¢ ol &piBuol X, P kal ¢ va elvar &xépaiot kal Betikol.
"Eav #dn Abowuev v devtépav é€lowolv mpodcg ¥, Aaupavouev

e “’;5 (2)-

'Eav 6¢ 6fowuev elg v pdnv £€lowolv &vtl 100 ¥ xal 100 ¢
T&G TINGG TV, Aaufdvouev v élcwalv

Y2 et F—2=116 3
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f) dmola Avouévn S5iBeL P="70.
“Qote elval X =l0—;i =—13
xed o= —2=33,

IHapazifenots. 'Eav mapaotioouev tov &plBudv 1dV
tmokevaocBéviwyv Bidakmplov dia Y, duvaueba va EKPpaAo@UEY
Bid to0 Y Tolg &AAoug &piBuodg, dg detkviouv al &Elodoeig (1)
kal (2). Toéte 8¢ 8 AVowuev 10 MPOBANuUa adtd did ul&g pévov
EEloboewg, Tfig (3). To mapadeiypa BE 10010 Pavepdvel, 81y
Ondpyouvv mpoPAnuaTa, T Omola dOvavial va AvBolv kal didk
mMoAABV £Elodboemv kal Si& pi&g. Towabta 8¢ elvat, Soa Exouv
ToAAolg dyvdotoug, &AAa TolodToug, Hote &nd 1oV Eva &yve-
otov va sVplokovial edkéAwg ol &Ahol. Ba mpotiuduev B v
Aboly TV 1ooVtwV mpoPAnuarev did wag E&iodoewg fj dia
MoOAADY, Stav & elg tpbémog fj & &AAog elval ebkoAdTEPOC.

9) Na edgePotiv d¥o dpiiPuol rorobror, dote, Stav depatpé-
cwuey td TotmAddoiov toU Jesvuifgov dmd 10 meviamddoiov ToD
oo, va Exwusy diagpogay 15 Zdav 8¢ doatgéowmusy dmod To
dexanddotov zob medzov tdv 30, va Fxcwucv diapopav 1o £fa-
stAdoioy Tod desviégov.

"E&v x xai ¢ elvar ol Inroduevolr &pibuoi, Ba Exwuev 1o
cbotnua

By —3¢p— 15 & o 5 —3¢p =15 fi té 3 —M—15

10x — 30 — 6y 10y — 6y = 30 5x — 3y = 15.

AAN 1idn mapatnpobduev, 81l kuplwg Exouev ulav é€lowaly ué
Blo &yvdotoug. "Qote 10 TpdPAnua todto elvat &mpoodibplotov.

10) Na edoed i totwrjgpios dotPuds totodzog, dore 10 dfgor-
cua tdv wnelov adrol va elvar 21, 16 wnplov 1dv dexddowv
va elvar OStmAdotoy ol wnelov tdv Exaroviddwy, édv 62 d
wnepla avrol ypagolv xata tdbwv dvriorgo@ov, vda mgoxvmipy
doi1Pudc ueyalvregos xara 99.

"Eotw x ol &katovidadeg, P al dexddeg kal @ al povadeg
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100 Inrovuévou &piBuod. TéTE kKata 18 MPéBAnua B& Exouev |

10 obotnua X+ ¥+ =21
Y =2
100X + 10y + o — (100w + 10 +—x) = —99, fjtoL x — o =—1.

[Mpémer 8¢ ol &pBuol ¥, ¢ kal @ va elvar Betikol, &xképaiol
kal pikpdtepor oD 10. AbGovteg 16 gUotnua sUplokopev

X=5, =10 xal o =6.
“Qote 10 dvotépw mPSPAnua elval &d0vatov.

IHopofAljuata mpodg doxnoiv.

A’. 200) Na e0peBolv BUo &piBuol, ol 6molot va Exouv
&Bpoiopa 1079 kal dragopdav 509.

201) N& eUpeBolv do &plBuol, ol 6molor va Exouv &Bpor-
oua 225 kal diagopdv 531.

202) Na eOpebolv d0o &piBuol, ol émololt va Exouv diago-
pav 4—%— kai &Bpolopa 12 -:—2

203) To mevramAi&olov &vog &plBuod kal 16 EmMTamAdoiov
Evog &AAouv Exouvy &Bpoloua 19. To 8¢ EntanAdotov 100 MpdTov
kal 10 meviamAdolov 100 devtépou Exouv &Bpoiocua 41. Na
ebpeBolv ol &pibuol.

204) Ao &piBpuol Exouv Biagopav 3, 1o 58 TpimMA&oiov tod
peyaAvtépou looOtal ué 1o TETpamAdoiov ToD uikpotépou. Na&
eUpeBolv ol &p1Buol.

205) Na eOpeBodv Blo &piBuol, ol 6molot va €xovv &Bpot-
opa 5 kal mnAlkov 5.

206) N& eOpeBolv Bdvo &pibuol. ol émolol va Exouv diago-
pav 3 kal mnAlkov 3.

207) Na ebpeBodv dVo &piLBuoi, ol dmolol va €xouv &Bpot-
oua 425. “Otav b¢ diaipéowpev 1OV peyaAOTeEpov diad ToD M-
KpoTépou va Exwmuev mnAlkov 5 kal OTéAoimov 5.

208) 'Eav &mo 1oV &plBuntniv £vog kKA&Gopatog &paipebf &
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11, yivetar tobto Toov pé _%‘ Eav 8¢ &patpedfj &n’ adtod &

12, yivetan Toov ug —;—— Na e0pebfj 10 kAdoua.
209) Na& e0pebfj kA&oua, 16 dwolov yivetal {cov pg %. Stav

elg &ugotépoug Tovg Bpoug Tou TPooTEBR & 2 Kal loov ud —;—-‘

Stav &n’ Gueotépwv 1OV Spwv Tou &aipedfj & 2.

210) "Eav elg 1ov &piBuntiv &vég kAGopatog mpooBécwuey
1, &palpéowuev && &nd 100 mMapovopxotod 1, AauPdvopev
Spoug Tooug. 'Eav B¢ &paipéowuev &ud to0 &piBuntod 1,
npooBéowpev 8¢ elg TOV mMapovopaotiv 1, 10 KAdopa yi-

vetatr {oov ug % Na =0pedfj 10 kA&oua.

211) "Eav diaipeBodv d0o &ptBuol, didouv nniikov —% 'Eav
8¢ elg Exaotov TOoUTWV MPooTeBR & 4 kal BiaipeBodv ol véol
&piBuoi, 8a ddoouv mnAikov %. Na& ebpebobv ol &prBuoi.

212) N& ebpeBolv d0o &piBuoi, ol dmolol va Exouv Adyov
% Kai yivéuevov Toov pé 10 bdwdekanidoiov 1ol &Bpolopa-
T6C TV,

213) To —;— T00 &Bpolopatog dGo &plBudv, mpooTiBéuevov
elg tov 13, BideL &Bpoiwopax 17, 1 flutov B¢ 1fig dlagop&g abd-
T®v peiov 1 didel é€ayduevov 2. INoTol ol &pBuoi ob1oL;

214) Na ebpedfj diynorog &ptBude, 100 dmolov 16 &Bpolopua
1@V ynolov va elvar 11. "Eav 82 &vtiotpadfi, va mpoximy
GptBudg pueyalitepog kata 27.

215) Na ebpebfj diyfprog &piBudg, 1ol dmolov 16 1eETpaTAG-
gwov 100 ynoplov 1AV povadov va OmepPalvn katd povada 1o
TpimhGaoiov 100 Ymolov 1OV dexddwv. "Av B2 ypagodv 1a yYn-
¢la Touv kat’ &avriotpogov T&llv, va mpokOTIN &PLOROG WiKpS-
TEPOG Kata 9.

216) Na& e0pebf] duynprog &piBudg, 100 dmoiov 16 &Bpoloua
1@V ynelov va elvar 10. "Eav 8¢ &vriotpa¢f], va mpokOmIp
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&pBubdg, 6 dmolog va elvar kata 4 pikpdtepog ToD TETPaMAC:
olov 100 Tnrtovpévou &ptBuodl.

B’ 217) Eig plav 1&€v oxorelov ol pyabntal elval xata 18
meplogbdtepol TOV pabnipidv. Elval 82 év 6A@ 60. Tbool elvat
ol pabntal xal mwéoal al padiTplatl ;

218) ’Eav el¢ Exaotov Bpaviov uiag tafewg kabloouvv Bl
padntal, 8& pelvouv Bpbiot 7. "Eav Suwg kablocuv 3 pabnral,
8& pelvouv elg 1a Opavia oktd keval BEogeig. Iloool elvar ol
padnral tic t1&€ewe adtfic kal méoa & Bpavia;

219) Elg plav Zxbpounv 1| Mapla émAfjpwoe did 2 motnpla
y&raxtog kail 1 BoutupdyPpwuov 7 dpaxudg, | & "Erévn B 1
TotfpLlov y&Aaktog kal 2 BoutupbyPpwpa 8 dpaxudc. [Néocov EmAny-
pwoav diad td 1 PBoutupdPwpov kal méogov dia 16 1 MOTHPLOV
Y&AaKtog ;

220) Elg tiv adtiv ékdpounyv émAfpwoav & ptv NMikéAaog
dld 4 moprokdAla kal 6 alyd 26 dpaxudc, & d¢ lNedpylog &
5 moptokdAla kal 3 adyd 7 dpaxupag SAitydtepov. Tl émAnpe-
ogav B 1 moptok&Atov kal i 8t 1 adydv;

221) 8 pu&rat olvou &g mowdtnrog xai 4 PL&Aal oivou
&AANG molétnrog &ElLouv 100 dpayudg, £ve 4 ¢Laial oivou T
mpdTNng moltdtnTog Kal 8 ¢iaAal tfig &AANG &Eilouv 4 dpaypdac
nepioodtepov. INéoov &EiZer f pla @gudAn éx&otng moidtnTog:

222) Mapnyyelré 1i¢ elg mavromdAnv 5 ok. Laxaptv kal 2
dk. kagé, Bla T dmola UmeAbyioev, 6Tl EMpeme v& wAnpdon 260
dpayuds. "AAN & maviomdAng ToV Exptwoe pué 360 Spaxpdc
kal to0to, 8161t ToD dmnéotelAev &k A&Boug 6 Ok. Layaplv xai 3
6x. kagé. N& edpebij 1) Tiun tfic k&g ékdoTov eldoug.

223) 5 dk&bdegc tupod &&llovv, Soov &Eilouv 3 Skadeg Pou-
topou” &AM 1) &éla 5 6k&bwv Poutlpou elval kata 288 dpa-
&g peyarvtépa T &flag 3 6xadwv TLpoD. lNboov TIpu&Tal
N O0k& éxdorou eldoug;

224) 7 mAxelc paAiivou O¢p&opatog kal 5 mhxelg Pap-
Bakepod otoixilouv 1315 Spaxuag, éve 3 mrxelg tod adtod

Wneiomotr|Onke amé 1o lvotirouto Eknmaibeutikng MoAmikrg |



1289

paAlilvou Opdopatog kal 9 mxelg 100 abtol PauPakepod otot-
xiCovv 855 dpaxudg. [léoov &EiLel 6 fixug €éx&oTov VP&oUaTOG;

225) Elg yewpydc Nydpace plav dyeAdda kali €va immov
&vtl 5200 Bpaxudv &v dAw” &AN N &fla 10D immou elvat pe-
yarutépa T100 SimAaglou 1fig &flag tfic &yeAddog katd 460
dpaxudcg. "Avil méocwv dpayudv Nydpaocev Exaoctov;

226) 4 mpéPata kai 5 alyeg otoixllovv 990 dpayudsg: éniong
9 mpéPata xkai 7 alyeg otoixilouv 1811 dpayudg. [Négov otot-
xilovv 14 mpépata kal 11 alyeg;

227) 'Eav 6 A ddon éxk 1OV ypnuatov tou 10 dpayxudg &lg
tov B, 8a Exouv Toov &pBudv Spaxudv: &AN’ éav é B ddon &elg
1ov A 10 Spaxpudg, & A B8a Exn dimAaciag 100 B. Méoag dpa-
xpag Exel 6 kabeic;

228) 'Hydépaot 1ic SpviBag mpog 40 dpaypdg v play kal
y&iovg Ttpog 100 dpaxuacg tov Eva &vrti 1400 dpayudv. "AAN’
Exxoe 5 SpviBag xal 2 y&loug émeldn Suwg tag OmoAoimoug
BpviBag émdAnoe mpdg 50 Spayxudg v plav kal todg Omolol-
moug yaAoug mpog 120 dpayudg tov Eva, | dAkh {nuia tou Ao
180 Bpayucl. INéoag GpviBag kal mbooug y&Aoug RydpaoEey ;

[". 229) Tlatip kal vidg Exouv ofuepov 6uold MHAwkilav
72 &1&v. 'AANAG Tpd 4 £1OV 1 HAkia 10D Tatpdg f{to TpimAacia
e HAilkiag 10D viod. [Néowv &1dV elval oAuepov 6 athp Kal
- mbéowv & uidg;

230) MNMathp tic elvat kata 27 Etn peyaAdtepog 1ol vlod Tou,
GAAG peta 5 £1n 1 AAkia 100 mMartpodc Ba elval dimhaoia tfig
fHAikiag 00 vloD. lNola elval 7 HAkia éxdotou;

231) llpo 4 &x®v M| HAkia Evog fto TPiMAaoia tfg HAkiag
100 &BeAgpoD tov kai petrda 8 €1n Oa elval dimhaolia. Na e0pedf
1] mapoloa MAikia Eéxdotou.

232) lpo 15 é1dv || HAkla évog fjto imiaocia 1fic HAkiag
&Alov, &AA& ueta 10 €tn ) HAkia 100 Mpdiov 84 elval 1a& lgl
1iig fHAikiaxg 100 Beutépou. lNoila elvar ) HAkia Exk&otou ;

A’. 233) Miav fuépav elg kabiv &viitpaywuatikdv latpeiov
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1@V 'ABnveVv mpoofilfov 100 maidia kai elg kaxBéva maidikoy
otabudv &ofikav al untépeg Twv 70 maudi&. THoav 82 abta év
8Ae 750. "AAAnv fuépav mpoofilBov elg kaBev &md 1a MpdTa
dpopata 120 kal mapéueivov elg kaBev and 1& dedrepa 60 mar-
di&, &v A 780. Mboa elval T& &vritpaxopatika latpela kal
néoot ol mabikol otabuol TV "AbnvoV

234) ’Ex t®v madiédv, 1 dmola yvuvalovial elg 1 kévipa

maldikfic xap&g, o %— TV &ppéveov kal 1O —l- v OnAifwyv

k&uvouv duod 1oV &piBudv 1600. "AAA& 10 -‘1;—— TOV TpOTLWV Kal
Tc‘:—;f 1oV devtépwv k&pvouv 1OV &plBuov 1550. TNbéoa &ppeva
xal méoa BHAea yvpvalovial elg T& dveoTépw KEVIpQ;

235) 'Eav elg 1.'6-;— 100 tocoD, 16 dmolov BiéBeoe 16 “Ymoup-
yetov [Maidelag tdv )ewpdva 100 1938 dia 1t pabniik& ovo-
oltia, mpooBéowuev 300 xAitadag dpaxudag, Ba edpwuev ToV
&plBuodv 1OV dpayudv, tag Odmolag ditBecav Bid TOV OKOTAV
adtdv al xowvétnteg TGV "Abnveodv. To —;- Suwg TO0D TMpdTOU

moogod, ANy 300 xiAiadeg dpayual, loobtal pé 1o —;-100 mogol,
16 éTolov BiéBecav al kowvétnteg. [Ndoag Spayxudag dieBeoce 16
‘Ynovpyeiov Maidelag xal méoag al KOLVOTNTEG ;

236) To Matpiotikdv “ISpupa bifveiue plav fuépav elg 35
anbpoug unrépag y&Aa kal elg 8 &mdpoug olkoyeveldpxag oa-
cwva. "Hoav 8¢ al dk&deg 1oV elddv tobTV dpod 29 % .
wolwg TRV adTAv Huépav Biévelpe TV adTAV Toodtnra ydAa
ktog elc 30 untépag kal camwvog elg 48 olkoyeverdpyxg, &V
A 87 6k&dag. IMbéoov y&Aa Bitvelpe TV Huépav adtv elg
Ex&oTnv untépa kal méoov odnwva elg EkaoToV OlKOYEVELGPX NV

237) ‘O &piBudg 16V &ypotdv, ol énolol NopaiioBnoav elg
gv Erog Kata THg XaA&lng, elval mevrianAdolog 100 &ptBuol TdY
&ypot@v, ol dmolol AopailoBnoav katd 16 adtd Etog kata Tol
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nayetod. To — Bpwg 1@V tpdtwv OnepPalivel 16 —- 1OV dev-
€peV Kata 1500. INéootr &ypdrar fopaiicbnoav Kcnd: 10 Etog
aUTO Kata Tfic xaAalng kal mdool katd 1ol mayetol ;

238) Ta —5_2;- TV TouploTik®V 68HV, al dmolal kateokeuvd-
obnoav xatd 1o £tog 1938, xal & % TV 685GV, al dmolal ka-
TEoKELVGOBnoav katda 1o 1929 elval 174 yihiduetpa. Ta be ——;—

OV MpdTtwv Kal 1 —;—— T®v Odevtépwv elvar 138 yiAibuerpa.

Méoax y1\ibuetpa kateokeudobnoayv elg Ekactov Et0g;

E’. 239) "Ex 800 ouvetalpwv &6 mp®tog xatébeoev el v
Emyelpnolv BumAdola kepdAaia 1ol Seutépou. 'ANAG et |1
E10o¢ 6 MP®TOQ AA&TTWOE TA KEPGAaL& Tou Kata 5000 Spayxudg,
&v® O Bevtepog t& niEnoe kata 5000 dpayudg. Téte & & A6-

Yoc 10V xepaialwv fto -—g— [Méoa xep&Aaia katébecev Exa-

o0T0¢ &pYLK®AG ;

240) Avo xegparaia diapépouv kata 3000 dpaxudg. Te Ev
E€ abT@v ToxilSuevov Mpdg 4°/, Pépel Kat' ETog TOV QUTOV T6-
Kov, Tov dmolov ¢épelL 16 &AAo kep&Aalov elg Ev £tog toxtl;épe-
pevov mpog 6°/,. Na edpebfolv ta kepd&Aatla.

241) "Ex d0o xegparalwv, ta omola £téxilé T mMpdg 57/,
Kkal 7°/,, éN&GuBavev £tfjolov téxov 2580 Spayudg. 'Eav Evi-
Aaooe ta émrdkia, 6 té6kog oltog B& nof&veto katd 120 dpa-
Xu&c. N& ebpeBolv 1a kep&Ahala.

242) KegpaAaiov 12000 dpaxudv toxkiléuevov mpdg € °/, kai
kepaAaiov 6000 Spayxudv toxilbéuevov mpdg € °/, pépouv duod
étnolwg téxkov 1380 Spayxuag. 'Eav Suwg 10 np®rov kepdAatov
toxtoB8f) mpdg (e + 1)°/, kal 10 debrepov mpog (e —1)°,, | dia-
¢opa 1OV TéKWV Kat' £tog B8a elvar 720 dpayxuai. N& eOpeBolv
Ta Emrdkia € kal €.

243) KegpdAatov 6000 Spayxudv tokilépevov mpocg 4,5°%, &mi
T €11 xal kepdAaiov 8000 dpayudv toxilduevov mpog 5,5%, &l
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1’ Etn ¢tpouv duod 1ékov 2300 dpayuds. 'Edv Suwg ol xpovor
¢vnAA&ooovio, & té6kog TOV Blo kepaialwv Ba fjto 1960 Bpa-
xual. N& ebpeBolv ol xpévor T kai T’

ST'. 244) Ao &vBpwmol &méyouv &n’ dAAAA@Y 30 yihibue
1pa. 'Eav &vaywphoouv tadtoxpéveg Padifovrieg mpdg &viiBe
toug BlevBivoelg, 8a& cuvavinBolv petra 3 dpac. "Eav Suwg Ba-
Biocouv Tpdg TAV aOTAV dlevBuvoly 8& cuvavinBoldv upera 15
SHpag. Na ebpebfj 1| taxdIng EKGOTOUL.

245) AVo &vBpwmotl &méxouv &m &AANAwyY 40 xiAdueTpa.
"ExkivoDv TadToXpdvwg TpEXOVIEC TPdg &viiBétoug BievBivoElg
xal ouvavi®vial elg &méotaoiv 22 xihopérpwy &mnd Tfic B&
oewg, &mo tig dnolag Eexivnoev & elg. "Eav & taxitepog ETpEYE
kat& 1 yihbuetpov v Hpav OAydiepov, & BE BpablGtepog
Etpexe xata 1 ytAbuetpov TRV dpav MEPLOTOTEPOV, 8d cuvnv-
t®vio el 16 péoov Tfi¢ &moordoswg. Na edpebfj | TaxdINg
éxd&otov.

246) Td% uLac dmootdoewg Siaviel elc elg 4 Hpacg. "Eay

Buwg N TaxdIng Tov EAaTT®O Katd 2 XIALSUETP v Opav, Ba
Slavion dAékAnpov THv dnéotaoly elg 7—;»6');30:(;. Na eOpebfj f
&nbéotagig kal N TayxovIng.

247) Elg, &¢od dujvuoe 16 fljuiovu éveg dpduov, édimAaoia-
oev Enelta v Tax0tNT& 1oL Kal oltw difvuoev Elov ToV Bpd-
pov elg 10+§—tﬁq &pag. Kata v émotpogrv tou niEnoe v
&pxikAv Tou TaydINTa Kata 1 xtAbuerpov v Hpav. Obtw BE
dufvuoe tov 1dlov dpbuov elg 12 dpag. Na& ebpebi) 10 pfikog Tob
dpduov, ©¢ kal f Tayxding 1ol ddotmédpou.

Z’. 248) 'Avépeilfé g 7 ytAibypappa olvomveOHaTOg UETR
6 xAtoypdupwv olvomvebuatog Biagdpov Pabuod xal EAafe
petypa 18°. "Edv Spwg &vepelyvue 9 xiAbypauua 100 mpod-
tou olvomtvebuatog uetd 4 xiAtoypauuwv 100 devtépou, Ba EAGy-
Bave pelypa 16°. IMolog elvat & Pabudg 100 mMpdTou Kal molog
& toD devtépouv olvomvebuatog:
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249) 'Avéuel€€ 1ic 16 ypappdpia xpuool pet’ GAA@v 7
ypaupapiov xpvood diagpdpouv Babuod xabapdtnrog kai EAafe
kp&ua B. k. 0,84° Z&v &veuelyvue 5 ypauudpia £k 100 mp&OTOU
kal 18 ypauudpia £k 100 devtépov, & PB. k. 100 véou Kp&ua-
toc 6& fto 0,86. Tlolog elvat & B. k. ExGotou 1OV &pYIKOV
KPOUATOV;

250) Kpapa &md yaixodv kal oldnpov Quyiler 108 yiAt6-
ypauua Stav 52 elvar évidg 1ol Udatog, xavel &and 16 Bapog
tou 13 ytAwdypauua. [Néoa ytAdypaupa €€ éxdotouv 1AV pE-
TaAA®V 00TV OtGpyovv €£lg 10 Kp&ua adtd, dtav yveopllo-
uev, 81t 9 1hbdypappa xaikod xal 8 yiAbdypauua oidfpouv x&-
vouv éviog 1o0 GbBatog &amo 1 YLAwdypauupov;

251) Kpaua &mnd pdAuBdov xal Yeuvddapyupov, 16 odmolov
Luyller 149 xihdypapua, X&ver évtdog toD Gdatog 18 xiAé-
ypauuax. [Néoa xthdypaupua €€ éxdotou TV UETGAA®Y TOD-
tov Gndpyovuyv elg 10 xp&ua adtd, dtav yvoplilouev, 1 11,5
yiAtdypaupa poAUBdou xal 6,75 xiMdbdypaupa Yeudapylpou
xavouv éviog 1o0 OBatog &md 1 xlAwdypapuov;

252) AiBocg ocuvdedeuévog pE PeAidv alwpelitar £vidog Tod
68atoc. To Bhov Bapoc 100 ochuartog adtob elvatr 115 yiAib-
ypaupa. To eldikdv Bapog 10D AiBou elvat 3 xal 100 peArod
0,24. lNécov elvar 16 B&pog 1ol AlBou kal méoov 10 P&pog 10D
peAI0D ;

253) Kp&ua &mod ypuoov kai &pyuvpov, 10 dmolov Juyilel
375 ypaupapia, Luyilel évtog 100 G8atog 350 ypapudpia. Néoa
ypaupdpia xpuvool kal méoa ypauudpia dpydpouv Omapyouv
elg 10 xpaua, 8tav elval yvoordv, 81t 16 eldikdv Bapog 10D
xpuvool elvat 19,5 kal 100 &pyvpou 10,5;

254) "And 1a Gkpa poxioD kpéuavialr dVo ogopata Luyi-
fovra o6pol 42 yudypapua. Tda pfxn 1dv poyxrofpaxidvov
Exouv Abyov —. Na e0pebfj 16 Bapog éx&otov obuatog.

H’. 255) To &Bpoigua tpidv &pbudv elvalr 60. Té &bpol-

gua T@v 8o mMpdOTwVY lgodtal us& 1ov Tpitov. To B¢ &Bpoloua
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100 mpdtov kal 100 tpltou locolDtat pé 1d BimAdoiov ToD Bev-
tépov. Na eOpeBolv ol tpeig obtot &pibBuol.

256) N& ebpeBodv 1peig &ptBuol torobBToL, Hote 1d BimAa-
oglov 100 mpdtov kai 6 devTepog va Exouv &Bpoiopa 85. To &i-
nA&oiov 1ol deutépov xkal & tpltog va E€xouvv &Bpoioua 65. Té
82 dimAd&olov 1ol Tpitou kal &6 MpdTog va Exouvv &Bpoiloua 60.

257) Tpeig &ptBuoi Exovv &Bpoltopa 150. "Edav draipéowpey
Tov dedtepov Biax Tod mMpdTou, AauPavouev mniikov 2, éav &&
Bialpeowpev Tov tpltov Sia 10D Bevtépou, AauPavouev mnAixov
1 kal OméAowtmov 25. Na eOpeBolv ol tpeic obGtol &ptBuol.

258) Na e0OpeBolv 1peic &piBuoi Torobtol, HoTe, &v WpoO-
Béowpev elg Exaotov £ adtdv 16 dimAdolov 100 &Bpolopatog
1@V dbo &ALV, va AGBwpev &vriotolywg tobg 29, 27, 24.

255) Na& ebpebi] tpiyfprog &pibudg tolobtog, Hote 1o &Bpot-
opx t@®v Ynplwv adtod va elval 17. Té Ynplov 1V éxatovia-
dwv va elvat tetpamAdotov 10D Ynelov 1OV dex&dwv. 'Eav b
& Pnpla adtod ypadpolv kat’ avriotpopov t&éiv, v& mpokOTIN
&p1Opodg uikpdTEPOG Kata 99.

260) TMatip Ti¢ &opfike mepiovoiav 258300 Bpayudv xal
SHploev, iva diaveundfi alitn elg 1ta Tpla Tékva Touv elg uépn
dvaroya 1OV HAKIOV, 1ag dmolag 8& Exovv peta 2 €mn. Elval
8¢ talta ofuepov 9, 11 kal 13 &tdv. Na& eOpebff 16 peplbiov
£x&oTou.

261) Tpeic &deigol fiBeAov va dyopdoouv aypdv. ME tag

Bdpaxudg, tag dmolag elxev & mpdTog kal pg 1o fjulov 1dv Spa- ‘A:

XU®dv 1édv dbo &AAwv B& NdOvavio va &yop&oouvv &ypodv &iag

12700 Spayu®dv. Mé 1&g dpaxpdag 1ol devtépouv kal pé 1o Huwou &

1OV Spayxudv 1d®V dvo &AAwv B4 fydpalov &ypov &flag 13400
Bpaxu®v. Mg 1&g dpayxudag 8¢ 1ol Tpitov kai pé 1d fjulov TV
Spayudv tdv dvo &AAwv B8& fydpalov &ypodv 14700 dpayudv.
[Méoag dpaxuacg elyev & kabeig &deApdQ

262) 'Ex tpi&v ¢lAwyv elnev & pdtog elg todg 8bo GAAouvg:
'Eav &nd tag dpayudag, 1ag dmwolag €xete ol 8bo ocag, pod Sd-

oete 40 Spaxudg, 8& Exw TéTE TPiMAaciag Bpaxudg &mod Soag
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8a& o&g pelvouv. ‘O dedtepog &mfAvinoev: "Eav oelg uold ddoete
83 dpayudg, Ba €xw teTpamAaciag &md oag 6& ob&g peivouv.
‘O 8¢ 6 tpitog elmnev: 'Eav oelg pod ddoete 43 dpayudg, B8«
Exyw mevianAaciag &nd tag Bikég ocag. [Néoag dpayuag elxev
ExaoTOC ;

253) Aefauevn Tig yepller dia TpLdv xpouvédv. Ol dvo
nwp®tot TAV yeuilovv Suod elg 4 Hpag, xal ol Bbo TEAevTalol Elg
5 dpag, & 52 mpdrog perax 10D Tplrov elg 6 dpag. Elg mbéboag
&Spag Ba yeulon Ekaotog kpouvvog v de€auevnv;

264) “Iva éxteAécgouv Epyov 1L, Xoel&lovrtal ol pév A xal
B 6uod 12 &pag, ol 8¢ B kail I' éuod 20 &pag of 8¢ T xkal A
6uod 15 &pag. MNéoag dpag xperaletal Ekaotog To0T@Y Bk TO
a1 Epyov kai méoag SAot Sduold;

©’ 265) To &Bpoiloua 1OV TAELPAY TpLydvou &va dvo elvat
19 pérpa, 23 pérpa kai 21 pérpa. Na eOpebij 16 ufikog &€xd&o
TNg MAEUPEG.

266) Elg tpiywvov pla 16V yovidv adtod elvatr 65°, A b&
Biagopa TAV dlo &AAwv elvar 39°. [Méowv poipdv elval éxé-
otn T®V dUo GAA®Y YOVIOV;

267) Elg tpiywvov ABI 16 &Bpowoua tfig éEwTEpikiic yw-
vicg I xal tfic A elval 115° 1o 8¢ &Bpoioua tfic Blag £EwTe-
pikfic yoviag kal tfig B elvar 125°. lNNéowv poipdv elvar €kdotn
TV yovidv 100 tpity®dvou abtod ;

268) Elc tetpamhevpov, éav mpoobéowpuev Tag TAEUP&S TOU
dva tpeilg, B8a Exywuev &Bpoiouata 129 p., 136 p., 145 p. xal
154 p. Na eOpebi] 10 ufijkog ék&otng mAevp&g altod.

269) 'Eav ad&nbfj kata 2 pétpa N B&oig dpBoywviov, 16 BE
Gpog adtol fAaTtTtwbf kata 3 pérpa, N émpdveia adtod EAart-
1o0tal kata 41 tetpay. pftpa, gav &8 adfnbfi 1 P&oig adtod
katd 3 pétpa kai Aattwbi] 10 OPocg kata 2, 1) dmpdveia adf&-
veL Kata 24 tetpay. pérpa. Znrobvral §) Paoig kai 16 Gyog tod
dpBoywviov. ("H émgpaveia 100 dpboywviov Exel téoa teTpay.
uérpa, Soag povdadag Exel 10 yivbduevov tdv dlo &piBudv, of-
Tiveg Exppalouv méoa pétpa Exel 1) P&oig kai méoa 16 Gyog).

10
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270) ‘H B&oig loookehoDg tpiydvou elval katd 8 pérpa ui-
KpoTépa 100 &Bpolouatog 1@V Blo &AAwv Towyv TAsvpd®v adtob
kal kata 1 pétpov uikpotépa Tfi¢ LGS ToUTwV. N& edpeBolyv
al mAevpal 100 TpLydvou.

I'. 271) Ao &piBuol Exouv &Bpolopa a kal mnAikov w. Na
eOpeBolv ol &piBuol obtot.

272) Avo &piBuol Exouv Biagopdav a kal mnAikov o. N& &d-
peBolv ol &piBuol oltot.

273) Abo &piBuoi elval toloDtol, dote T —;— 0D TpdTOU
looOtaL pué 1v BLagopav 100 &ptBuod B &md 10D Beutépou, 1o
Bé—;— to0 devtépou looltrar pé 1Rv dagpopav 10D &ptBuol a
&md 100 mphtou. Na edpeBodv ol &piBuol obtol.

274) "H duagopa dvo keparaiwv elval . Eav 16 peyaio-
TEPOV TOKLOBT Tpdg €%, kal TO pikpdtepov mpdg & ?/,, ol TéHKOL
abT®V Kat’ Etog Ba elval Toot. Na ebpeBolv T& kKepdAaix alT&.

275) Al tpeic yoviar tpiydvou elvar &vaioyolr TV &pt-
Budv «, B, y. lNéowv poipdv elvar éxdorn ywovia adtod;

276) 'Eav dimAaowxobfi §) Baoic dpBoywviou Tivdg, EAart-
Twhf 8¢ 10 OYog katk 2 puértpa, 16 £uBadév adtod Biv PA&-
mretal. Na edpeBfj 10 Gog 100 SpBoywviouv aditold.

Adcig avigoTATWV.

118. 'H &vioétng x >5 &AnBevel 8" 8Aag Tag Tipag 100 X,
al omolal elvar peyaldtepat 100 5. ‘H &wviodtng ¢? << — 4 Biv
&AnBeleL &' oOBeulav TiunRv 100 Y. AldTL 16 TETPAY@VOV TAvTog
&pLOuol elval Betikdg &piBudg. Qg 82 yvwpilouev, T&g BeTikdC
&ptBuodg elval peyaldtepog mavidg &pvnrikoD &piBuod. ‘H 8¢
aviodtng 5¢°> 3¢* &Anbediet 81" olavdfimore Tiunv 100 ¢. ALdTt
navtote 5 tetpdywva 100 ¢ elval peyardtepa &mod 1a 3 tETpG-
yova tod ¢. "Qorte pla &viodtng, Tfic dmolag ta& péAn, £€xtog
@V opopévev &plBudyv, Exouv ypaupata, ddOvatat va &GAn-
8eln fi 8" BAag 1&g TINGG TOV ypapudtwyv fj dia pepikag udévov
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:iﬁ kai 8 oOdeulav. Téte t& yp&upata Aéyoviar yvwozor TQ

- &viodTNTOG.

119. Al yevixai [Biétnreg (§ 94) 1@V £lodoewv &Anbeldouv

kal glg Tag &vicdtnrag, 1OV dmolwv Ta péAn Exouv ypdupartax
 Gyvoota kal amodsikvooviar duoiwg. Mévov mpémel, Stav &
moAlamAiaoiaotic | 6 Biaipétng elvar &pvnruikdg &ptBudg, va
;dwnorpéq’mpev v &vigdtnTa.

-i

120. "AviocdTng mp@Tou Pabuod.
cé‘tnq S5x >18 — x, 7 omola PAfmouev, STl mMEPLEXEL éva &yva-
otov 1dv ¥, elg ToV Mp&Tov PaBudv, elvar mpdtou PBabuod.
 *Opoilwg mpdtouv PBabuod elvar xal f &avigdtg 4x<x— 15
st.xd‘)q B¢ &vicdtne mpdrou Pabuod Aéystar H &vigdtng, 1
- dmola mepiéxel Eva &yvwotov elg 10V Mp&TOYV BaBudv, fitol 1
. dvicéng Thic popdfic ax =P (f ax<B)-

1) "Eotw 1} &vioding

3% X
35 —+8 >"—3——|— 13.

,I MoAlanmAaot&Louev T& dbo uéAn tfig &vigétnrog éni 1é yLvoue-
- vov 4.3 xal Aaupavouev

9y 96 =>4y 1+ 156.

. Katémyv xwpilopev 100G yvwotoLg 8poug &amnd 1@V &yvootwy,

omé1e edplokouev
9y —4x>156 —96 1§ 5y >60.

Eav 82 télog Biaptoouev ta pédn adtiic dia 5, edploxouev
x=12. “Qote | doBeloa &viodtng &Andedel pdvov, dtav & &pt-
Buog x elvar peyardtepog To0 12. "Hrol EAdoauev v dvicdtnra.

2) Motot elval ol &xépatot &piBuoi, ol dmolol Eémainbedouvyv
oLuyxpdveg Tag Katwiépw dlo &viodtnrag

Sy—2 > y=—12

MSX;4 < x—+10;
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"Ex tfig mpdtne &vicétnrog elplokouev
3y —x=>=2—12

2% =—10

X =—>5,

fiTol ol &xépatot ;fxpl(-)poi. ol émolol émaAnBebouvv TV &vicdTnia

avtiv, elvar ol —4,—3,—2,—1,0, 1, 2, 3, 4, 5, 6, KTA. (1)
"Ex 82 1fic devtépag edplokouev

5x + 4<<2xy {20
5x —2x<<20— 4
3x<< 16
X5 -;—
ftol ol &képatol &piBuol, of dmoiot énaAnBedouv TNV &viodinia
ciTiv, Elval el (5,473 0 5 G — S5 goiin e (2).
“Qote £k 1fic AVoEwg TAV Bvo avigottwyv elpouev
Bl % :
Ol Znrobpuevor howmoév &xépatot &plBuoi, d¢ kal &k 1AV oelpdV
(1) xal (2) paivetatl, elval ot
—4,—3,—2,—1,0, 1, 2, 3, 4, 5.
Znuelwoic. 'Ex 1ov avoTépw PAémousv, &1L 1} Adoig

TOV avigoTHT®V yivetal kata tév (Blov tpdmov, pué 1ov dmolov
yivetal kal | Adolg 1V é€lodoemv.

"Aoxrfoees.

277) N& AuBolv al &viodTnTEg

3 5 2X X—4 e s
D TX<5X—'T 3) —5“—3 >_l__5 -

X=E=3 X423 e e x+25
2 AT W e 3 ' S
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278) Na& sUpeBolv ol &xképatol &piBuoi, ol dmolol &maAn-
. @eviouv &upoTépag T&g &vigdtnTag
Sx-—7-]2—>—4x'265 2x—7<x—{—2—;—
279) “Opoiwg va eOpeBodv ol dképatotl &pibuoi, ol dmolot
émaAinBedouvv Gugotépag 1ag &viodInrag

7x — 15 =27 — Ty o o X0

280) Nd& eOpeBobv ol &piBpuol, ol dmolol EmaAnBebouv &ugo-
Tépag TAg &viodINTAC

13— 1 Ty Sx+-1
e e 3 ]

> 281) N& e0peBoDv ol &piBuol, ol dmolol émainBebouvv &ugo-
| tépag Tag &viodTnTag

1 TR i g b 4x—*12>—§(x+7)

e

282) "Epwtndeic Tic Mdowv £1dv elval, &mekpldn dg £&€fg:

"Edv &nd 1a % aOTdv &dpalptong tov 7, edplokelg dmdAoitmov

. peyaAitepov 100 4. 'Eav 8¢ elg 1o —;’m adt®v mpoobéong TOV

1, edplokelg &Bpoiopa peyaAbrepov 1fig diagopd&g 100 4 &To

1& fuion adtdv. Metafd néowyv tdv kuupalvetal 1 HAkia touv;
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EZIZQZIZ TOY AEYTEPOY BAOMOY
KEDAAAION |
"Acbuupstpet apiuoi.

121. "O &p1Buébg, 100 dmoiov 16 TETphGywvov elvar 4, elvan
6 2 (22=4). 'O d¢ &pi1Budcg, 100 dmolov 6 kOPBoc elval 27, elvar
6 3 (3* =27). "AA\& motlog elvar & &pBudg, 100 dmolov T T6-

Tpaywvov icoDtal ué 2;

"Emedn) 1*=1 kal 2?=4, Enetal 811 o0deic &xépaiog &pi-

Buoc On&pyel, 100 dmolov 16 TeTphdywvov loobtal ué 2. "AAN" &g
Bouev yAnwe OTtapyxel KAaopaTikdg dpibudc. "Acg dexBOuev 8¢,

(o4

811 Omapyel toloDTO0¢ KAOUaTIKOG &ptBudg, m.x. O B "Eota 1

8¢ 16 KAdouax % avaywyov, fitot 81t ol Epor 1oL BEV Exouv

Kavéva xowvov mapdyovia. "AAAG& 161e B8a elval (%)’= 2
ﬁrong—:::? N lodtng 8¢ alitn bekvoe, 81t 16 o, fjror T
a.a, elval diaipetrdv dia 1ol PB?, fitor ik 100 B.B xal BTl 16 TN
Alkov 1fic Blaipéoewg tadtng elvar 2. "AAX’ Tva 16 yivéuevov
a.x elval diaipetdv dia 100 B.B, mpémel kai &pkel 16 yivdue-
vov 100 a.a va mepilexn Tobg Tapayoviag 100 B.B, fijtol 10 a va
mePLEXT ToUg Tapdyoviag Tod B. TAAN’ Huelc yvopilouev, St
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ol &piBuol a xai B B&v Exouv kavéva Kowvov tapdyovia. "Qote

18 a® Bév elval Buvatdv va Biapfitat Biad 100 P?. "Apa olte

xAoouatikdg &pifudg Omdapyet, 100 omolov TS TETPAYWVOV va&
toobDtar pé 2.

*Opoiwg dnodeikvietal, 81t obte dxépalog olte KAaoUaTL-
k0¢ &plBudg OMGpxer, oD Omoiov 16 TETPAYWVOV fi & x0pog
kTA. v& elval Toov pé tov &pBuov 10.

BAémouev Aowtmdv, 811 10 glotnua 1OV &xepalnv Kal TdV

KAaoucTIkOV &pBudv (1d@v BeTikd®V xal TV &pvnuik@v &pt-
. Budv) Bév Bivatal va Avon Inmiuara, &O¢ T MpornyolLueva.

s dedi o ol bl e

*AAAG xaBde, did va kataotnowuev TNv dlalpeoy m&v-
tote Buvathv, elonydyopev véoug &piBupodg, TO0g KAaOUQTL-
xoOC kal dla v& xataoTHowuev dpoieg duvativ v &oalpeoly
elony&youev todg &pvnrikodg &ptBuodlg, ob1tw, BLla v& KaTtaoTr-
gwpev duvatny v Adowv 1OV Innuéatev 1dv duocinv mpdg T&
mponyolueva, 8& eloay&ywpev véoug &pLBpodc, pé v mpoiinsd-
geowv Spwg, 8T 8& datnpnbodv, ®¢ mwa&vrote, ol vopor THV
np&fewv dvaiioimTol.

122, 'AcUppeTpol GplBpol.— Awa va ebpwuev 100¢ véoug
atitodc &plduolc, TapaTInPolUEV T& t€fig. Tlag &xépatog &pt-
Bubdg, ©g m.X. & 5, &mworeAelTal &mnd Oplouévov mATiBog dxepaliwy
pov&bwv. ‘Ouolwg kal m&g KAQXOUGTIKSEG &pBudg, O¢ T & % ¢
amotereital &mo Gplopévov TARBog KAaouaTik®v povadwv
lowv pé _ZT‘ *ARAG TtE&ALY yvopllouey, 81L m&g axépalog fi kAa-
ouatikdg &petdudg dovatal va tpamnf] elg dexadixkdv’

50 3 75

.Y 5= H}T)— » T = ﬁ .

*AMAG TAsiota TOV Kolvd®V xhaoudtwyv, Stav tpanmolv elg be-
xadikd, tpémovial elg MEPLODIKG, fitor TpémovTal elg &piBuoic,
ol dmoioL Exouv &mMEPX dexadbika yYnola, Ta dmola &nd TLVOQ
xal £peffic émavaiaupavovral dlapk@g 1a dia kal pyé v ad-
my &y’

18

= T ——0,6863568 ..+ -« 3 m-=0.162162162 ......
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"ANN' &poD Bexbdueba, 81t &melpor 1O TMARBoc Sexadixal
Hovadeg amotelolv &plBudv, &tav 1& yYnola, i 1OV édnolwy |
Yp&govial, Exouv v dO¢ dvwtépw T&ilv, Timote Bév u&c £umo-
5iLeL v& dexBHuev, 8T &moteAodv &plBudv kal &neipol 16 AR
Bog Bexadikal povadeg (Betikal fij &pvnrikal), Eotw kal &v Yyp&-
pwvraL ut oladfnote Ynola, &pxel 16 &Bpoiopa 1OV anslpwy
To0T®V SuoEdBY povadbwy va elval uikpdrepov &xepalov TLVeg
Suoeldolg. Obtw 10 &meipov wAfBog 1,41412135624 . . ., 100
6molou 10 &Bpolopa TOV &meipwv povadwv elvalr wpopavde
Hikpbtepov 100 2, Bewpoluev &g &piBudv. Elval 8¢ obtoc Bik-
¢opog TdV &kepalwy kal T®V KAaouaTk®V &plBudv. Adtt, &y |
fito Toog ué¢ &xépatov, 6& £tpémero elg Bekadixdv, & Smoiog
Ba elxev dpiouévov &piBudv Ynolwv. "Av 82 fto {0oC u2 kA&
opa, to0T10 8 &tpémero elg dexadikdv, 1d dmolov fj xai TodTo
8a elxev dpiopévov &piBudv ynolwv fj, &v elxev &nepa Ynola,
B8& foav meplodikd.

Ol &piBuol, oi dmolol, 8tav tpénwvral elg dexadikolg, Exouy
amelpax dekadikd ynela pury mepLodika, Aéyovial dovuucrpoi.
[Mpdg Buakpiotv 8¢ ol axépaiot kal ol kKAaopaTtikol &prBpol Aé-
. YovialL cUuuctpot.

123. I'evikdg 6pLlopodg 100 &ptBuol. — Katémiv 16OV &ve-
Tépw O &plBudg Splletan ¢ £Efg: "AotPuds Aéysrar ©d cdvolor
uoeiddy dexadixdy uovddwv dotouévov nlijdove # xal dmeigov.

124. "lobétng Kl &viodTng T@v BeTIk@®@V &pBudV — O
GpBudg 2,1345 mepiéxel, dg BAémouev, SAag Tag povadac tod
&piBuod 2,134 kal &AAag &xéun. Elvar Aowmdv peyaridrtepog
00 devtépou. “Qote: Els dotPuds Aéyerar ueyalvrspoc &ddiov,
Stav Exp 6las vas muovddas adrod xai dAlac dxbun.

"Eav {jdn 8eAfloouev va ouykplveopev todg &piBuodc 1 xai
0,9999..., 8& mapatnpfiowuev, 81t &g drépaiog fj KAOUETIXSG
&pBude pikpdTEpOC TOD £veg €€ avt®v elval uikpdrepog Kal
100 &AAov. ZTuvayouev Aomdv, 81t ol &piBuoi obtot elvar Toot.
“Qote: Abo doiPuol Aéyoviar loor, Srav ndc dgiPude (dxcoatoc #
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xdacuaztixds), Soric elvair uixpdregoc tod &vdg, elvar uLxpdregog
- xal ot &Aldovw.

| Kata 1a &veotépw Aowndv ol &piBuol 3,146 kal 3,145999 . . .
- elvat ooy, €v® ol &piBuol 3,146. .. kai 3,148. .. elval &viool,
- olaBfmote kal &v elval 1& &AAa Bexadika yYnola adtd®v: elval
- B2 & MpdTog pikpdTEPOG TOD deutépou.

; HHagazrdenois. Kal peta v eloayoynv tdv véeov abd-
TV &ptBudv, fitor 1AV &ovpuétpwy, ol dpiopol 1OV tecodpwV
np&€ewv pévouv ol adtol. "Amodeikvietal 8¢, 81t Aal al mp&-
Eeig elval duvatal kal 811 al dpxikal (Bidtnreg TdV duvauswyv
diatnpolvral. 'Eniong &modeikvietal, 811 ma&g Betikog &pibudg
elvar xal Terpaywvov &Alou &piBuod kal kOPog Kal TETAPTN
dlvauig &GAAou KTA.

Kata v éxtéleowv 1OV mp&iewv &mi 1HV dovppétpwv
&plBudv, cuvnBwg Blatnpoluev dAiya dexkadikd yYnoia adTtdv
kai Soa ypetalovral did va Exwuev kavomolnuikiv mpooéyyi-
owv. Ta 82 Aowna mapaleinopev. "Ev to0tolg Ondpyovv pédodot,
& 1OV dmolwv €xteroldvial al mpafeg éni TOV &ovppétpwv
OUVTOUDTEPOV. TalTag 8t 8a Bwuev katwiétpw.

WP TP RSN T N M NN ST RPN SRR S TN IR SRR AL WA e e M

Znueiwors. Ax tfig eloaywyfic 1@V &ovuuétpwv &pti-
Budv ylverar duvath kal | pérpnoic maong evBelag ypauufc,
€x T7j¢ Smolag (ueTpfioewg) mpokOTTEL &piBudg cOupETpog f| &oly-
HETPOG.

Hepi pilov.

125, 'Opropoi.—'Eneidny & 4 elvar tetpaywvov 100 2, & 2
Afbyetal tetpaywvikn pila 100 4. Kal énedn 27 =3%, 6 3 Aéye-
Tat Tpitn | xuPuh plla 100 27 xal &nedn 625 =75 & 5 Aéyerq,
tetapin pila ToD 625" yevik®Gg 8¢, gav a=p*, & B Aéystal
uwuootn pila 100 a. "Qote: Mvoorn gifa doFévroc dotPuot Aé-
yerat 6 doiPuds, 6 dmolos Vwovuevos el v u dvvaury, Sidet
oy dodévra.

H —_—
; ‘H pvoot) plfa 100 a maplotatar pé 16 ovuforov \ a.

] F»—
. "Qorte, éav a=p*, Ba elvar B=V a. Td oOuBorov y Aéyetat
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gtlixdv, 6 p Selxzne 1fg pilng xai & &piBudeg, &6 dmolog Omap
¥EL OMd 16 pllikdv, AEyerar dmdgeclov: 1) B2 plla 1fig devTépag
t&€ewg, fitol 1) TeTpaywvikf pila, ypageral ouvhBwg, &vev Tol
Belxtou 2 ¢ £6Ag: V4, Va, VB — vy k1A,
Etbouev &1, £&av a=p*, 8& elvar B=$r<; “Qote §| mpld1
lobétng ypaoeTal @ =(€/-c—x)“. TAXAa kal :faif_—= a, KaTd TOV 6pv
oudv. “Qote elvat ({'fa)"= :/FEF.
126. Pifxt d:p-tj.o:q T&EEWG. — "Eotw, &1t BEhouey va eﬁpm—j
puev v V 16 § v V' 16. "AAN émeldn ;
44—16 «kal (—4).(—4)=16,
Enmetal, 81 6 16 Exel dlo TeTpaywwvikag pilag &vtiBérouc, 'rth;r
1 4 kal — 4. Fpagouev 82 Tadtag ouviduwg d¢ £&fic V 16— L4
‘Ouolwg &meldn
2222=16 xal (—2).(—2).(—2).(—2)=16,
Enetal, 6TL 6 16 §X€4L dvo tetdprac pllag &viBétoug, TIAg 2-
kai —2, fjtor elvat \-':ié= + 2.
"AAAG ¥V —16 f V —16 dev omépxel. Kai mp&ypat, Subt
T&v TeTpdywvov kKal YeEViK®¢ m&oa dOvauig &ptiag 1afead
elvar Betikr). Zuv&yopev Aotmdy, B1i:

1) Héag Perinds dorduds Exer 8vo gilas Exdorng dotiag vé-

Eewe, ai dmotar elvar dvilderot.

2) Ot degvnuixol doiPuol 8é¢v Exovv gilas deoviag réEews.

127, PigaL neprrthig T&€ewg.— 'Eneldn
2298 xel (2= — =B
3

3
Emetal, 811 V8=2 kai V—8=—2.
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- 5
- ‘Ouoing elval V32=2 &6n 2°—32,

- xai N —32—=_—2, 56t (—2y=—32.
Zuvayopey Aottdv, B1i:

A Iac dotPuds Exer piav olfav Exdorne megirrijc vdewe xal
elvac atitn Berxrf, fav 6 dorPudc elvar Hetrxds. "Eav Suwe 6
 doPuog elvar dovnrixds, 1 gifa slvar dovnrisdi.

Pilotr 1av axepaxinv apidudv.

i 128. Eic v § 121 &nedel€auev, 811 6 &plBudcg 2, & dmolog
B¢v elvar tetphywvov &kepalou, BEv elval 1eTpaywvov oLbE
" KkA&ouatog® To00TO B8 onualver, 8t f) V 2, /| dnola Bév elvar &xé-
patog &piBudg, elvar apiBudg &odupetpog. Kata tov idov &2
Tpomov &amodeikviOetal, 8T of dxéoaiot dotPuol Exouv pilag #
. Gxzpaiovs dotPuovs # dovuuérgovs, ovdémore 32 xddouaza.

129. Eig v &pBunuixiv (§ 282) eldouev, 811, tva elg &xé-
gj-: patog &piBudg Exn TETpayw@VikAV pllav &kpifff (Bniady &xé-
~ patov &piBudv), mpémel kal &pkel ol EkBéral 1OV MpdTOV Tapa-
. yévrwv adtold va Siaxipolvral Aol dia 2. ‘Ouolwg dmodeikvie-
- Tat, 81, Iva elg dxépaiog &piBudg Exn tplinv, tetdpInv Kal ye-
. vik®¢ pvooTtv pilav &xptpfj, mpémel kai &pkel ol ékBétal TOV
. Mpd@TV Tapaybviwyv adtod va Siaipodvratl Slot Bk 3, 4 kal
~ YEwik®dc Sia u.

: Obtwg & &piBuodg 2°.3" Exel terpaywvikiv pllav &xépaiov
GpiBudv, 1oV 2°.3% tpltnv pllav tév &pBudv 22.3¢ kal Extnv
pifav tov 2.3
130. 'Eav a*=p°, &mwouv a xal B &piBuol Betikoi, fjtot, E&v
. c.ax.a.a.a=p.p.B.B.B, elvar pavepbdv, 1 6& elval xal o= B.
- AT, £av 6 a fito Buagopog 100 B, fitol édv a =~ B, elval pavepdy,
- 51 B8a flro xal a.a s~ B.B xTA. ‘Enoupéveg 8a Empeme xal 1&
ywéueva a.a.a.a.« xal B.B.B.B.B va foav diapopa. *AAN" Huelc
yvepilouev, 811 elval loa, &dote elval xal a =B.
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IevikGe B¢, Eav a* — B¢ , 8mou p elval &xépatog BeTikog dpe
Budg, B& elval kal a=p. Katémyv tobtou ebkbéAwg Emetal 81,
gav ot =p*, 8mouv a kal P elvan Sdubdonuor &piBuol, B& elvar
kal a=f. )

KEDANAION 1
Ddavractinol xeil piyxdsg apr@uei.

131. "Opiopoi.— Eidouev, 81t teTpaywviky plla 100 — 16,
&¢ kal mavtog &pvniikoD &piBuod, BEv Omapyel, didTL &V T&
tpaywvov elvatr Betikdv. ‘Emopévog, t&v BéAwusv iva xal of
&pvnrikol &piBuol Exouvv tetpaywvikiv pilav, elval avaykn vé
TAGo®ueY kal v& mapadexBduev véov Tiva &plBudv kai totod
tov, &ote 16 TeETp&ywvoV axdtod va elval — 1. Tov &piBudv 100
tov, 1dv émolov maploT®uev Bia 100 i kal dia 1ov dmolov 86
Exwuev i?= —1, Bewpoduev o¢ véav povada kal elo&yopey
attfv el 10 clbotnua TO®v &plBubdv. Met’ abtfic 82 elodyouey
kal v avtifetov adtfic—i. "Hrol dexdueda, d11

V—l=i, it=—1 wxal (—if=—1
*AAN" £xTog TOOT@V dexbueBa ¢ &piBuolc kal 8Aa ta moAla:
mA&ola 1o i kal 100 —i, &g kal T& pépn adtdv. Ol1e

i i= 4i, (— D (— D) = — 3§, o =
Bewpodvtal dg &pibuol. !
Al véar povébeg i kal — i Aéyovial @avractixal xal ol €€

aOT®V (kal ol ¢k TOV pepdV adTdv) drotehoduevol &piBuoi Aé
yovial gavzactixol: al 88 malaial 1 kal — 1 mpodg Bi&kplol¥
Aéyovial meaymarixal xal ol £€ abt®v &piBuol meayuazixol
P . G 37 o 3
OGtwg ol mponyobuevol &ptBuoi 4i, — 3i, 5 elvar pavraoTikol
Ol pavraoTtikol kai ol mpaypatikol &piBuol &moteAodv &V
yevikdTepov obotnua, elg Td édmolov SAot oi &piBuol ylvovial
&md Tag povédag 1, — 1, 1 kal —i xal &nd t& pépn adT1dY
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xai sl 16 dmwolov Siatnpodvral (&modeikvieTal 8¢ 1o010) &pe-
TaBAntol al dpyxikal BiénTeEg TOV Mp&Eewv.

132, Muy&dec GpBuol.— O &pBuodg 4 - 2i BAémouey, 811
Exer Ev mpaypatikdv uépog, 1oV &pilBudv 4 kal Ev ¢aviaoti-
Kév, 10 2i, Aéyetal B2 did Tolto puryds. “Qote : Muyag doiPudg
Aéyerar 6 doi1Puds, & dnmotoc dmoredeizai dsd moayuatirdc xal
paviactixds povddas. Obtwg ol &piBuol

—34-4i, 7—5i, — 3 Z;
elval wiy&deg. Kal yevik®g uiyéde &plBudg elval & a - Bi, mov

ol @ xal B elvatr mpaypatikol &pibuol ololdnymote.

AGo piyadeg &pitBuol Aéyovrtal loor, £av T& TPAYHATIKG
pépn abrd®v elvar Toa xal 1& paviaotka (oa.

Oftwg, tva Exwuev

a+ Bi =y +5i,

: mpénel va elval a=1vy xkal B=—5.

AGo piyadeg &piBuoi Aéyovral ovluyeic, éav Siagpépouv pbvov
Kar& 10 onuelov 100 ¢aviaotikod pépoug adT®v. “OBev ol
5+ 8i, 5—8i
elvar cvluyeic uiyadeg.
133. Al mp&éelg inl 1OV PaviaoTk®v &ptBudy ExteAolv-

- Tat Snwg kal énl 1OV mpaypatik®v' odtwg ExouEy:

51+3i=8i, —4i—T7i=— 11, —9%-}+7i=—2i
— 10i — (— 3i)=— 10i -+ 3i = —7i, 8i — 8i=0.
"Eniong Exouev:

(—iX—1)=(—iP=—i"——1
P=i1li=—1li=—1
t=(—1P=-}1
e i

=Pfi=i"=—1
"= —1

= S0
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BAémouev Aotmdv ék 1OV &vaTtépw, 1L al diadoyikal duve:
pelg 1ol i 8idouv &g EEaybueva 1&g povadag i, —1, —i, t
kal &t al &ptiat Buvéauelg tol i Bidouv T&G MPAYRATLKAE
povadacg. 3

"Eniong elvat

4i.4i =(4i)* = 16(—1)= — 16
xal (—4i).(—4i)=(—4i) =16(—1)= — 16,
2€ Hv Emetal, 8T

V=i = Vie(— D= % ai ';

fitor 611 zereaywvixal gilar Tdv dovnuindy dotPudv Drdgyour
xal elvar paviactixol dotduol.

"Emnlong Exopev:

ool o B g 5
=Bl 2 DSy — =%
fRppgas S o 00 et A R Slage X __
ai?: Bi Bi g h ai : Bi B’ =" g L {

Ala Tto0¢ piy&dag &ptBuolg EXOUEY T. X.
(5-4-7i)-(—3--2i)=5-+7i—3+2i—2--9i
(8—7i)—(2—i)=8—7i—2-}i=—6—6i
(3--6i).(5-+8i) = 15-4-24i}-30i }-48i* = 15--54i —48 = — 3354 :

Suvayopev 8¢ €k 1OV &VETEP® TMapadelypatwv, 5t té
tEaybueva 1OV 1e00dpwv TpGlewyv £nl TOV pLry&dwv &plBudy
elval yevik®g piyadeg &pibuol. To &Bpoiopa Buwg kal 1o ywvé
pevov B0o ouvluy®V ply&dov &ploudv elval &piBuol mpayua
nikol, ©¢ &&fic palvetal: 3

(4-+9i)+(4—91)=38
xal (5 3i).(6 — 3i) = 25+ 15i — 151 — 9i’= 25-1-9=34.
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'"Aoxijoses.
283) Na& e0peBodv al k&twbL pilal
V49 V81 V—36 \ —ed
\ 900 V—1600 V2025 \ 5184
V(—8y V(—ar V—a Ve

284) Na e0pefolv al k&twbi pllal
3 6 3 3 4

==

Vi V1 V27 \ —27 \ 81
3’_ ) 3 = 4 e 4 o Vs R
(Va8y Ve (Vie) Vie Vo

285) Na ebpeBolv ta éEaybueva

i 3i.5i 6i.3i*
je 8i.9i T R
jus —8i.4i .\ —25

i (—2iX—3D 3i.{ —64
286) 'Emiong & I
1805 {=3i|4)
(2-+-3i) + (5—4i) — (11—71)
2(4--10i) -+ 3(6—5i) + 5(1—2i)
9(5-+-31) +(8—13i)+ (15 1 4i)
287) "Emlong t&
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" (24-7i).(5+-31), (8—9i).(9—8i), (11--13i)(11—13i)
(2—5i).(5—9i), (10i4-7).(10i—7), (—4--4i).(5—3i).
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KEDAANAION I

Avvaueig Egovcaxl xAxcuatTiev ExBETnv.

3 :

134. Enpaoia tfig SuvEpEwG ax¥.— Méxpt TODBE Eyew
keOoauev TV Evvolav 1fig duvauewg elg Tovg éxBétag 1. 0 xal
axkepalovg &pvnruikotg. "HBn péver va mepidaBwpev el 10dg
éxBétag kal 1o0g¢ kKAaopatikodg &piBuodg (Betikolg Gpviy
Tiko0g). [Mpdg 10010 Suwg mpéner va dplowuev v onuaolay
1OV duvauewy ui éxkBétag kAaouatikolg, OTS 1dv Spov, Bt al
&pxikal BiétTnTEg TOV duvéauewv Ba diatnenbBolv. 'Emoutvac
kal 1) Bdng at.a¥=att¥ (t)
‘Hueic eidopev, 811, medn '

2 elvat Va=2

3
Kal &meldn = elval NV 27—=3"
e g iy
&Hote &meldn g 32 __as ¥ 3

(kata TV dvotépw BétnTa (1), thv dmolav Biaxtnpoduev), fijtol
1y2 1
gmeldn (32) — 3 mpémner 16 32 v& Oplobfj G¢ terpaywvikn pila
1
100 3, fitol mMpémel v& dplobf, St 32=\ 3.

‘Opolwg Emeldn
1

i3 o)
2% 95 4% am iy’

W)=

—2,
13 1
fitot énslbﬁ(Z 3) =2, mpémeL 10 23 va Oplobfj g tpitn plla
1 3
100 2, fitol Mpémel v& 6plobf, 811 23 =V 2. Kal yevixk®g, bia va
1

ebpwyuev v onuaoiav 100 aV¥, 8mou v elval Betikdg axépaiog
1

&pBudg,oxnuatilopev yivéuevov v ntapayéviwyv lowv ué a v, fitol
1 1 1
10 o R o A s A s A
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161

| 10 dmolov, kata TRV &pxiknv BLOTNTa (1) v dmolav diatnpod-

. uev, elvatr Toov uz
B
—+—;+-;+-"+'

1
—¥
a v v

|-

=a,
3 Ay 2
~ fitol Exouev (cz “')=c:. AAAG téte mpémel 10 a ¥ va OpLobff ©g

v

=

1
v

- voooth plfa 100 a, fjitol ntpénel v& Splodfj, St a ¥ = Va.
Katd tadta Aowmov elval
LS L A o
273=\ 27 =3 kal (—32)° =V —32=—2.

Lo 2
135. Znpooia tijg duvapewg ¥ .— "Eotw #) dOvauig 8 3.
- 'Eav oxnuatioopev 10 yivouevov
e S
83.83.83
B& Exwue
ey e e Fhaip 5
TR BT R e i e LS
fjtor B8& Excwuev :
\3
(8'3 = 8.,
5 J
“Qote 16 83 mpémnel va dprobff dc 1) tpitn pila 100 87, fjTOL TPE-

weL va SpLobiy, ST gt
83 =\8.
4
*Ouolwg, ¢&v Exouev ™y dOvauly 32 ° kal oxnuaticopev 1o

yivOpuevov
4 4 4 4 4

325 32% 32%.525.32°
BAémopev, &t tolto elval Toov pui

TR e e
o+ +

4
325 575 =32,

fitot, &1t elvan

(32 l;')5= 32,
11
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[Npémer Aomodv va SpLobp, 611

4. T hsal
325 —=\/32<

fox
Oupolwg evplokopev, 811 16 @

&mou u kal v elvar Betikol dxé-

paiot &pibuol, mpémel va 6pLobfj dg 1) vuooth pila T0D at, fjTol ;

B s
aV’=Va*.
Katd tadta Aowmdv elval

—_— 4 —_— 4 — 4 —
814 =\‘f8] als \/-(31)3 =\f3uﬂ3:

"EE &AAou én&t&ﬁ

1 1 ¥oad
325 =325.325.325.32% =

=(\faz)

—V3z

Emetal, 811

U\IA

w| &

Emneldn 8¢ oploauev, 811 32

Emetal, 811 mpémel va elvan

(V32) =v3e-

FevikAg B¢ mpénel va elval
v \H §o u

(\fa) =Va'=a

S = 3

i (cx") ={a¥ )" =a’.

n (V) =ve

"Emeidn 62 \[_8 =2, Exopev(\fa) =4. En[oqq Emeldn

(8)’—(2')’-—~2' Exopev \/F \f 2*—3,
(\ﬁs) \[16- *AAAG \fus.._ + 2. “Qore elva

(\/—13) ==( & 2P.—= +8.
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’EE &Arlov elvai 16’—(2‘}' = 2" “Qote elval
. \/__ V'2==—+2-—+8

4 2
3) (V 16) —\/-16’. 'AMA& elg 10 mtap&deatypa tolto 1o TPH-
oV pérog looDtal pe ( £ 2)’=4, &2v® 16 debtrepov pérog looD-
) 4

Tan pi Viee=V2r= + 2'— + 4.

"Ex 18V &votépw Aotmdv mapadsiypdtwv BAémouev, STt 1

lodtng (1) dev elvar tedela. Ard va elvar 82 tehela # lodtng

- adtf), 8& OMoBétwuey 1oV &plBudv o mavtote BeTikdv kol Stav

1§ pllax elvan &ptiag 1&fewg, dmoéTE B& Exn dVo Tipdg &vTLOE-
. Toug, B8& AauPavopev £€ abdTt®v O’ Syiv pbvov thv BeTiknv.

2
¥
3
A
S
£
&
s
:
3
3
3
3
:
2
|’
3

136. PifaL T@v &pvnTik@V &GplBudv neptttiijg tdEewg.—
3 3

'Emneldn V—8=—2 xail —V8=—2
3 3
EmeTal, 811 V —8=—Vas.
5 5
‘Ouolwg Exoupev V —16= —\ 16. Talta 5&¢ ¢avepdvouv, b1

. Ta¢ pll&g TV &pvnTIKOV &plBudv meplttiic T&fewg duvaueba
. va 1ag &vayaywuev el tag pilag Tfig adtfic tafewg 1OV BeTi-

K®v &plBudv.
6

137. ’I816TTEG 1AV pEAV.—"Eotw 7 dovau 5 8. *Eav

= 1Y KAaopaTikov EkBETNV alTfi¢ KaTaoTHo®uEY &vaywyov, Aap-
e 3

B&vouev TV BOvauiv 5 4. 'Ec‘né' fidn f)sq;cbocapsv elg v 8nv BO-
vauly kal tag d0o duvauelg 58 kal 5 4, AauBdavouev éx Tfic Tp®-
me (5%) =5* kal é&x 1fig devtépag (5%)[‘:5“. "A¢ol Aotmov
elvat (5 %)g == (5 %)’

Emetal, 6T (mapayp. 130) 5 %= 5 %

e e
firoL V5e=\5.
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“Qote: "Edav dtatgéomusey todv delxtny Tijs ollnc »al tov Exdéyr
200 Dmogeifov 8id roD avrod detPuod (Botig TOLC BLaipel), 4
dfila tijs gllns d&v Bldmzerac.

néplcp.a. "Eneidn] | avetépw l0dtng ypdoetar xal &¢

£ERQ V5 —=\5°, Emetat, 811, dav nollanlacidowusy tov Selxeyr
tfic ollnc nal tov éxdérnv 1ol Vmogellov énil Tov atrov dgiPudy,
W dkla tijc pilns d2v Pldmrerar, CLUPOVWLE TPOC THV Tapath
pnowv 3 tiig § 135, 8mov dplodn, 81, dtav { pila elvat apriag
t&Eewg, dwéTe Ba Exn d0o Tipuag &vtiBétoug, B& kcxpﬁdvcap&v
€ adt®V O’ Bynv pbdvov TTv BETLKTV.

Kata tadta Aoitmdv elvat

i L s
o Wk s a ¥
X vA v
22 = =
fitot Vot =¥ at 2k

138. Auvauelg pé €xkBétag KA&opata &pvRTIKE.—0
Splopdg TOV Buvauewv pé éxBétag axepaiouvg &pvnrikovg (§ 39)

tnexteivetal kal émi T®v Buvdaupswv pi ékBétag KAdopata &p

u 1

viEiKG: & ¥ —

s (u xai v Sviwv &piBudv &xepaiwv)
x v
BuéTt, E&v &uopdtepa Ta péAn 1 lodtnrog TXVING CYDOoWUEN
gi¢ v v dOvauly, Aaup&avopuev
o 0T
= ey
X
BLa oV adTov Adyov elvarl Kai

Obtwg elvat
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Aoxnnjoees.

288) Al x&tw8L duvauelg va ypagdolyv w¢ pilar:

1 2 3
« 2 a3 a4 ad
= £ - 2
= B® p* B3
1 3 1 1
o5 g X2 x 7
289) Na e0pefodv ta Efaybueva TOV KET@OL BuVaUERV:
1 1 2 2
42 4 2 27 3 a7 3
3 z 4 s
325 100 * 49 8 (—8) 3
290) Al x&twbL pilal va ypagodv ©g duvapelg:
3 4 4
Va? Vo Va Va
6 v
Ve VB Ve Ve

MNeiixmixcixcpos xaxi Swixipsoig Tav pilav.

139. Ol &piopol T®v duvdauewv, ol dmolol Exouvv CUMHE-
tpoug éxBétag xal Tovg Omolovg eldouev mponyovuévag, elvat
toloDtoL, doTe va Biatnpodviatl kal &’ altdv (&modetkvietal
5¢ 10010), BAal al &pyixal Bidtnreg 1OV duvauewv. Obtw
). elval

T 8.1 5
a? a2 —=at 2 ¥
G s ]
(3P *

2 £ AR A
(apy) " =7 B 7.y’
1
: 3
(i)?=a
B o
3
B
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'Epapuoyal 8¢ 16v &votépe Blothrev (dc kal tdv Blo-
Mtev tfig § 137) elvar oa 6& Bwuev katwTépw mepl TOd
moAAamAaoiaopol kal tHg dialpéoewg 1OV pllBv.

140. MoAhamixolxopdg TOV pLdvV.— a’) Tdv loofa-
Pulwy eulldy. "Eotw, 811 Bélouev va elpwuey 10 yivéuevov

v,.f,,v ¥ v i

VaVB.Vy.

"AAA& mapatnpoluey, &1
v 1 1 1

VaVBVy=—avpry

1 1 1 v
"Emte1dn 62 o ¥ 53 VY — (GBYJ T —y afiy,
Emetal, 81U \Fﬁ_\rﬁ \ Y= \’ apy.

“Qote: Aid va moldandacidowuey loofaduiove pifac, doxel va
noldandacidowusy ta dnbpoila xal tod ywvouévov va Efaydycm-

uev znv lcofdPuiov gilayw.
S 3 3

M.x. elvar V2.V8=V16 =4 kai V2.V8\V4—=V64 —4.
B’) Tedv gildv ué Scapdgovs deixtas. “Eotw, 811 Béhouev va
T S

elpwuev 10 yivéuevov V7.¥5Vs.
1 1 1

"AAA& 10 ywépevov ToDTO yphoetal xal d¢ £€fic: 73.594.85.
"Av B¢ fidn &vil 1OV €kBETOV TOVTOV YPAPWUEY T& l'oc: mPog
ad1olg &AN' dudvupa kKA&opata, fjToL T& * - wi=

T e T ]2
8a Exwuev (mtapayp. 137)
1 1 4 3
73 S gt 1 512

ol

.81
fitoL B& §xmpev
5 R iy 12

\f7 \fs V8=\V7.V5.V8 =\ 75 8.
"Ex To0tou Aotmdv ouvayouev, 81L ¥ yivduevoy olwvdrjmoze
el @y dvdyerar mdvrote el uiav gilav xal roPro didri Svvdueda
va tgénwuev gifas Srapdgwy Seixtdv elec loofaduliove.
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v’) Pilnc Exi 193-;;;:61' dotPudv. 3"Eorm. 8Tl BEAopEV v& TOA-

AamAcoidoouey TRV V 12 éni 2 § 2V 12
*AAN Emeld S e
‘. 2=—23F —\2

38 3 3
Exouev 2\ M2=V2s.V12=V2".12 =\ 96.
Kal yevik®g Eyouev
B=Va’ VB=Va'B.
"Eweldn f) tedevtala lobdtng ypagetal kai dg £&fg:
v v
Va'B=aVB,
Emetal, 81i: 1) Awd va mwoldamdacidowusy gifav 2ml dgiidudy

Perindv, doxel va mollandacidowusy 1o dndgotlov éni nv loo-
BéPuiov SVvaury tob doirfuod rovrov.

M.x. 2V3=V2:3=V\12.

2) Avvdusda va EEaydywusy magdyovid ziva rol vmogeifov
&xtoc toU pilixoU, Zav mponyovuévwg EEaydywuev 0y locofd-
Huiov gilay adrob.

. x. vV 300 =Y\ 100.3 = 10V 3.

141. Awxipeoig 1@V pldV.—a’) Tév lcofadulwy. Eav
Exwuey TNV dixlpeoly

o
\'FCI - \’FB
v 1
\'VCI e aVv
napatnpolueyv, Tt e
VB BY
1 l L p—
& a v / =
gneldn) 52 S =( ) e
Bv \/ 8
L e
\i—a esrd }IC!
Bwcto, S oo =\ 5 ‘ 3
VB
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fitot: Adwa va OStatpéowuev gilav 8. dAAnc locofaduliov, doxel
va Siatgéomuev ta vnidootla xal tob mmdixov va EEaydywusv iy
lcofdaPuitov gifav.
e viz

EL . V2 Va4 =2, V3 ——

B’) T@v otldv ué didpogov delxznv. 'H nepintwoig alitn avéa-
vetai elg v mwponyouvpévnv, &g eibopev elg v Suoiav mepi-
TTwoly Tol no?\kankamaapoﬁ.

’]0 / 10" 10?
I x. elvat M 3 \ “‘\/ -
Vv \/ 3s

v) duaigeois oilnc 8. dotPuo® Ferixod. 'Eav Exwuev 1rv

v

dlaipeoiv V(B&" , mapatnpoluev, 6Tl
Vi v = = i
Yo o io _\/ A \/__E:__ oAl g
g \f BY B 5 ;
“Emetal Aoimdv, 811
1) Aa va Sraipéowuev pifav 8i° dotPuot Gerixot, doxel va
dtatgéowucy ©d Vmdbopilov dia s loofadulov Suvvdusws Tod
dptPuod rovrov.
2) AvvduePa va EEaydywusv diaigétnv toD Dmopgilov éxrodg
tot pilinoD, Zav mpomyovubvews EEaydywuev tnv [cofdPucov

gifav adzob.
3 3 3

= = R 3 = :
V8O . gsp__Vao N V i
Clhag G theph & Sosli Tl By e

142. MetaxBipaoig pli@dv €x 100 TxpovopaxoTol &ig TOV
GplOuntnv.—"Eotw, 811 8EAouev va elpopuev 1o £Eaydbuevov

tfig dralpéoewg V?Tz" IMpog tobto mpémer va edpwyev TNV V2,

LR
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N Omola edpioketal katad Tpoofyyloly kal Enelta va dialpéow-

pev. Ba Exwuev 82 oltw va dwaipéowuey - fitot

5 500000
1,4142 141421
&AM 1 mp&éic altn kal pakpa elvar kai dév p&g didel kal
oAU &kpiféc EEayduevov. "AAN’ gav elval duvatdv va petafi-
B&owuev 10 pilikdv elg 1ov &pBuntiv, Hote elg 1oV Tapovoua-
oty va Exouev odppetpov &ptBudv kal ) mp&Elg B& ylvn €0-
koAwtépa kal 1o &faydbuevov O6a elvar &xpiféotepov. 'AAAa
10010 elval Buvatdv kal ylverar d¢ £E€fg: TMoAAaniaoi&lopey

Gugotépoug To0¢ Spouvg 100 KAGopatog &ml V2, énéte Exopev

v 2NZ 2 2 =
‘H 8¢ terevtaia adt) npalig elval edkorwtépa 1fig Tponyou-
pévng. ‘Opolwg Exousv

B2 - B2 . aisien . TS

@ . sVE* off
VB VBVE i
“Hén & A —= . "AAN -
n £€o0tw TO KAdoux e AN Eav moAAamAaoik

owuev &ugpotépoug Tovg Spoug adToD éml 16 &Bpotoua V54V 2, -
B& Exwuev

x el B2 oo wlUS £ T

Vs—vz (V5—v2XVsivz) (W5 )r—-(2)»
afSv2) a5 y2) z

5—2 3
‘Opolwg Exousev
RN oA2—vy2) _ «l2—v2) __ a2-v2)
§o07 LGk 7). Aoz 2 :
Kal yevik®g elvat
. BB
VB VY B—y
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Znpeliwoig a'. Elg t& mpornyodueva mepl moAhamAq-
olaopol kal Bialptoewg TV pildv OnetiBetro diapkdg, Bl
mpdkeltal epl pll®v TpayuaTik®v. Aid todto kata Tag TMpa-
Eelc avtag éml TV POV dféov va Mpaofxwuev, OOTE VA Ui
Omomintwpey elg opdiuata. [lyx. 6 moAAamAaoiaocudg vV—4
gl V —4 8ideL kata T& &veTEp®.

Vi—4)(—4=V16=+ 4
¢v® 10 &Andbig yivépevov elvar — 4.

Znuelooig B’. "H mpbdobeoig xal ) &palpeoig TV plidy
yivetalr pg 1o0¢ adtolg kavdévag, pué tovg dmoloug yivoviar «al
mp&elg avtal énl 1OV &AyeBplk®v mapaoctdoewv. 'Eav bE &lg
1a E€aydueva adtdv Ondpyouv Suwotar gifar, fitol pllal pe ToV
avtov Belktnv kal pe 16 adtd axkpifpdg OMéppLlov, KA&UVOUEY
mVv dvayoyny adtd®v, ©¢ KAUVOUEV TNV dvaywynyv duoiwv Spov.

M.x. - a3+ NVa—2Vp+-VW=
=Wa+3VB+Va— 2B+ Vy=8Va+ VE+V y.
Ve NB+NN—Va—VB+Wy)—
=3Va—5V p+9Vy—VatVp—7Vy=2V a—aV B2V y.
'Aoxnijoets.

291) Na ebpeBobv 1& ylvoueva :

Va2vs V3Vi2 V2.\V50 V28\V7
3_3___ 3__3_ 3737 3 __3_
V2vVa V3yVis V6N 36 V723

e 3 3 2 B = L TR

3 e JLElrd L 2

]/.E...\[ B V2aViga V5a.V 25« Vzg‘ 3
292) Na eVpeBolv 1 yLvépeva:

3V 5.2\ 20 3\ 50.4V 2 aV x.BY x aV B.BYV «
4 4 4

3 3 3 K el LA
V2. V3.¥10, V5 ¥o.V15 VaVeaeVap VYaVa.Yeau
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293) N& &modeiy6f, 8t elvar :

2V 5=\40

5V 8=\ 200
4 A 4'77"_

3V2=\ 162

294) Na e0peBolv T& mniika :

v V72 e
V7 V2 V3
5 - 0 %
V320 V20 Vaa
3 —

V5 Vi2 e

P P— 3 e
8 Va7 N72

2 3 2

295) N& e0peBolv t& TnAika:
5 5 o
V4 V8 V2
> g o
v N5 v

B -
ot o b, 4.
3 5 S
V a? VX Vg

296) N& eOpeBolv 1a tEaybueva 1OV
1 1 2

e 3
= 2 =
Vaa B -VvB Y -Vy

1 3
ot VB Vy?
RS B VR, 0 ® .
Ty 1 1
Va -
B3 y

Erl

V700 =10V7
V180 = 6V5

3 e— 3 —_—
V 875=5Y 7

-
~J
o

e
|

V162

Al W
o |&)

m:Q e L
I»¢ ’

Vx

K&twbL mpaewv :

6 e |
Vas®. s’
Vap
3‘
IE
B
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297) Na& eOpeBolv 1a £faydueva: E
3 A= S, 5. s
(\/-o: ) (\‘rQ'.) (\\/—cx’,)
Va—VB)y (e—Vay (—a+VB)
298) N& &maAilayodv T@®V pllikdv ol napovopaotai TGOV

KAQOP&AT@Y :
B 1 <E o
V2 ¥3 V5 Ve
2 = s = i V 7
22 5{/3 e 12
Bty o B S B8 305 SR
2—\3 35 24V2 3—\/3
S 0 0, S Va+vVe No+8
V32 23 Va—VB Va—B

299) Na& &modeix8fj., 6t elvar:
B’ | L N WS
v i }J.V‘ﬁ v 2 (13
V\r‘a =V a xat V\/'cx = V\FG
300) N& éxkteheoBolv al mp&ielg:
3V3+2V3+4+V3 5V7 —8V7 +3V7
T e 2l o Yale A M T S
—V5+-5V5 +-5V5 = \fn-—i-\fn——g—\fu
(7Va+5VB —4Va)+(5Vp —3Va —6VB)
(Va—2V3x)— (V3x —5Va—3Va+7V3x)

aV2—3V8+Vi8, 3yV3 —s5V1846V12+V8.

143. Tetpaywviki pifx TGV povevopwv.—'H terpayw-
vix] plla mavidg dxepalov povevipou, ftol /| - BOvaug adtoU,
EEayeTal kata tag Bidmrag oV Buvauewv, Eav éEaxBf A plla

£kdoTOoU Map&yovTog.

Wnetomotr|Onke amé 1o lvotitouto Eknmaibeutikng MoAmikrig



173

*Eneidn Exaotog mapaywv elval d0vauig &ptBuod tivog, 1
tetpay®@viky] pila adtol E&&yetar Biaipouvuévou 100 éxBETOU

- aotfic Six 100 2. Kata tadra elvar:
1 1 1

1
V 64a’Bry® = (64) 2. (?) 2. (B*) 2. (y*) 2 = % BaP’y".
KAaouatikoD povevipou 1 pila éE&yetal xatd T8¢ alTag
Biétnrag, tav £€axBi M plla &ugotépwv 1OV Spwv adtol.

Katd talta elval:

1 1 1 1 1
]/ Batptys (zsa‘ﬁ"v' )’f . 292.(0HZ2.892. 602 ., S0ty
36X. e 36xs ey 1 1 - — st

(36)2. (x*)2
To BumAoDv onuelov + &ypdon mpd 1@V Eéayoutvev, BiéTt
| tetpayevikn pila kal n&oa &ptiov Babuod plla £xEL BYo &vTL-
gétoug TIHGG Kal dUOvatat &émopévwg 1o E€ayduevov va Anodq
kal BeTlk®¢ kal &pvnTikdg.

’Ed&v Tivogc 1@V mapaydviwv div é€ayetal 1 pila, &pivo-
pev én’ adtod onueitwuévny TV WP&Ev 1§, éav elval duvatdv,
avallopev aOTov elg oo, oltwg dHote va EEayntal 1 pila Tl
t1épou 1OV mapaydviev. Kata tadrta elval

\V 5a’Biy* = V 5apty*
VB8a*Bly® — VBV By’ =V 2.4\ a”.a.pry* =
= 2V 2.aV a.B'y® = 2afy'V 2a.

Aa?Bev? 2apy
‘Ouoiwg Vﬂl SEr

5 V)

'"Aoxnpoets.

301) Na& £€ax8f] /| tetpaywmvikn pila 1@V HoOvVOVOR®Y :

1) 36a'p® 4) — 625y°y* 7) 16aBy

2) 144u’x‘tp° 5) = _é_cxsaﬂyi 8) Teir 5(1'&5}’2
4(14

3) 495: 6) e %GX'W“ 9) == %’ aBsyr
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KEDAANAION IV
*Eficdioeig Tob Ssutépov Balped.
A’ ’ISiétnTtes tav EficdicEwv.

144. "Eotw 1) é€lowoig x=>5 (1%
tfic omolag pila elval pla kal puévn, © 5. "Eav #idn &uedbdtepa
T& péAn oOtfic VPwbolv elg 10 TeTpdywvov, AauB&vousv TV
é€lowoy X'=25 (2).
"AMNNa tfic véag abtfic é8lodoewe plla elvar &yt pdvov 7 5
6Tt 5° =25, &AA& kal i — 5, Bué6TL (— 5)* =25. BAémouev
Aowmdv, 6t f| é€lowolg (2) émaAnbevetar did x =5 xal &&

X=—>5. "Qote 7 éElowoig (2) mepiéxet WANV THAC pllng T
t€lodoewg (1) xal v pllav x = — 5.
"Eotw 1jdn 1) tuxodoa é€locwolg
x—p (1)

1fig dmolag & péAn MaploT®UEV Mpodg cuvtoulav pé Ev ypaupua.
"Eav &uopdtepa ta péAn tfic é€loboewg altfic OYybowuev elg 1o
TeTphywvov, Aaupdavouev tnv éElowotv

a® = p? (2)
TAAN elvarl pavepdv, &1l mE&oa Adolg Tfig £€lodoswg (1) éna-
AnBedel v €€iocwolv (2). Aéti, £€av 1&d a kal B yivouv Toot
&pBpol xal T teTphywva abtdv elvatl Toot &piBuol. "AAA&
kal t&oa Abolg tfic Elodoewg (2) Bev elval kal AVoig tfig &&1-
ohoewg (1), ddt 1) é€loworg (2) Enainbeletal kal drav a =§,

Kal 8tav a=— —p, 661t a*—Pp* xat a*—(— BP—p*. 'Ex BE
TGV Bo TolTwV AloEwv pévov 1) a=—p &naAnbeder kal TV
t€lowoiy (1), o0yl 862 kal | a=—PB. “Qote: "Edv dupdrepa

td uédn Efiodoesws Vwwdody elg 16 rTerpdywvov, 1) éElocwoig, %
dmola Ba mpoxVywy, Pa megiéxy Sxt udvov zas gifag rijsc Sodei-
ong éEtoddoewe, ddda xal tag olfas zijs éfiodoews, 17 dwola mgo-
xUmrer €x tijc dodelong, Stav dAldaxPfi td0 onueiov ro¥ Evdg ué-
Aovg avdrijs.
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'Ex 1OV dvotépw Enetal, 811 § é€lowoig a*=PR? elval loo-
BOvapog mpog tag x =B kai a=—Pp. Elvat 8& 1| tpdN T0L-
TV §) adtn pg TV Va= \/_5;. 7] ©¢ Bevtépa 1N adth p& TNV
Va'= —V B*. “Qote 7 mponyovuévn mpdtaocig ddvatal va Ex-
ppacBf) ©¢ £&fq: "Edv éfaydywucy v tergaywvixny gilav tdv
uededv pids 2Eioddoesws xal Adafousy v pilav zob £vdg éx Tdv
ued®v nal pera oD -} mal upera ol —, al 6vYo #Ewodosig, zdg
émolac P& AdBwuev, elvar loodvvauor meds thv dodeicar.

B'. Fevixn peopen £iicdcsws Sevtépov BxBuot pé Eva &yvastev.

145. "Eotw ¥ é€iocwolig
¢ —8=% —x+1
'Eav 1fic €€lodoewg tading &naAielypwpuev mpdtov tdVv Mapovo-
paxotiv, Enelta ExTeEAEOWUEY TAg TP&felg, KaTéTMIV pETaPEp®-
pev 8Aoug tolg Spoug elg o mpdTov pélog kal TéAog KApWUEY
myv dvayoynyv Tdv duociov Spwv, B Exwopev v 2yx*+3x—27=0,
A émola, ©g PAémopuev, elval deutépou Babuod &g mpodg 1o X.
By b6 Oftowpev dvet 2 o, vl 3 B rol &vil 27 y, §
ebpebelioa éflowolg ypapetal

E ax®+px+y=0 (1)
Zuvayouev Aowmov €k toltwv, 81t m&oa E&€lowotg 2o0uv Babuod
dOvatal va &x6ij elg v popenv (1).

‘O cuvtekeotng &ev dOvatal va elval 0, Budtt té1e V) EElowatg

katavi& By + y =0, fijto. mpdTou PBaBuold. AAN’ éav 6 guvte-
Aeotig B elval 0, B é€lowolg yivetal

ax+vy=0 (2).
'Eav 852 & yvwotdg 8pog y elvar 0, §j &€iowotg ylvetat
ax®*-+-Bx =0 (3).

Tag 0o abitdg pepikdag MEpINTAOOELS (2) Kal (3) Ba é€etdowpev
npd TAC yEVIKAC.
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146. Avoig Tig £€looewg ax*+y=0.—1)"Eoto 1 £€low-
oLg x*=25. "AAN’ al AOoelg adTfic elvar § x=-1V25 f x—=V 25
BNAad x= + 5.

2) N& Av6f 1) é€lowoig 3x*—+ 27 = 0. "E§ adtfig AaupBavouey

27 iz A o
3x’=—27‘ X'-':-—~§- Kol h e V'_"""" ﬁ - ’_1/'__3—
firor x=+V —9, B&nAadl) x= * 3i.

3) Na Av6fj fj é€lowoigc ax®+ y=0. 'E§ abTfig }\cxde:vopev

ax’=— —Y, x’-—*——gr— Kal ¥ = +V— =
Elvalr 8¢ al ebpebeical Aboelg mpaypatikal, tav — —&—>0 Kal
paviaogtikal, Stav — %‘:: 0.

147. AVoig TG £€lowoewg ay’+ BX=0.—1) "Eotw 7 &€&l
owaoig X*— 6x = 0. "AAX’ altn ypagetratr x(x—6)=0. "AAN" Tva
yiwéuevoy mapaydéviwv elvat 0, &pxel elg 1OV mapaydviev va
elval 0. “Qote 68& elvan f§ x=0 f x—6=0, fjtor x=6. “Qote 1§}
¢Elowolg alitn ExeL do pllag, 0 xal 6.

2)"Eoto 1) é€lowoaig ax*+pBx=0. Al ypdupercn x(ax—+-p)=0.
"EmaAnetetar 82 | &d x=0, fi &' ax +—pP=0, fjtoL da
X=— TxB_ “Qote kal altn Exel dvo pilag, Tag O Kal — —;L ;

'Aoxrjoets.

302) N& AuvBoDv al éElodoelg:

x'= 81, x= —186, x'—64=0, 2x*— 162 =0
23— 1127=0, —-x*=720, o x'= -5, 4x'—3=897
Sy*'— 64 = ¥, 7x*+ 81 = — 2x°, 6x*— 15=x’—’r- 485
X’ = <) Sl 7 3 O
X _64=—0, e ey 30 — 30= - 15
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—1Xx+1)==35, (x—1+3Xx—3)=135, 2x-+5X2x—5)==11
(— et D=3 =P D-3
(3x+ = (3x—- —;'):“jg = ogt—o, R
303) N& AvBolv al &éElodoElg:

x*— 13x =0 x*+ 11x=0
5x* — 75x =0 Tx*+ 84y =0
2
%t 20x —25x o
xX— T+ 8)=9%—35 (5x + 2)(7x — 10)=34x — 20
1 e e =2y Sy B
(X+T)(X” 4)*‘"5)( 16 5 == ¢
" i S iy S o8 A1) - x32
2(?“‘ 2)— 4 3 e
304) ‘Opolwg va AvbBodv al efiowoeig:
ax? —Bx =0 X 4+ px=0
X X =0 (X — aXx + @) =Bx — o

148. AVo1g THg YeEVIKTC £€owoewg ay* |+ BX Yy =0.—
Ara va Abowpev EElowotv TAG popofic ax*+Bx+y=0, Ba
npoomadfjowuev Bid kataAAfiouv petaoynpatiouod, Tva o6
&yvwotog X, & dmolog eUploketral el adtiv elg &vo Spoug,
ebpebfj elg Eva pdévov Bpov. Oa elpwpev B¢ 1oV xatdAAiniov
adTdv uETaoxnuaTiopdv &nd ta £&fig: ‘Huelg yvwpilopev, 8tu:

(X + «F =x*+ 2ax + .

'Ex 100 &vantOypatog 5 abtod ouvvéyouev ta £&fic. Aldvu-
gov, &¢ 10 X+ 2ayx, 1ol énolov, &g PAémouev, & elg pog elvar
X', & B2 &Ahog mepiéxel 1o X, elvar pépog TOD dvamtdypatoq
100 teTpaydvou £vog &Alouv Biwvlpou. ‘O elg 52 8pog tod &A-
Aov Brwvouou elvat f| V x*, fitot & x, & 82 &AXog 8pog elval 16
fiutov ToD ouvreAeotod TOD X, TjTOL é%:——u. Sore fva 10

12
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Bidvupov x*+ 2ax yivn télelov TETpAy®VOV, MPEMEL V& MPOO-
Btowuev elg ad1d 1o a’. “Qote elval

x| 2ex =+ 2+ o"—o*
fitot X+ 2ay =(x +a)— «.
Katd tadta elval
X+ 6x =(x-13r—3=(3y—9

o S —;— (x e %)’*— (%)’= (X =0 “41")’_ _1'16' i

149. Katémiv 16V dvotépw Eotw mpdg Aboly a) i} £Elowoig

¥»—6x-1-5—0 (1).
Metagpépopev 10v yvwotdv 8pov elg 16 debtepov uérog, dmdte
Exouev X—6x——5 (2).

"AAA G 16 x*— 6% elval pépog 100 &vantdyuatog 1ol
(x —3» =—y*—6x-19.

"Eav Aowmdv mpoobéowuev elg &updtepa ta péAn tfic £Eo0d-
Oewg (2) 10 9, Ba Exwpuev

X'—6x+9=9—5 Atot (x — 3)y=—4.
"Eav fidn éfaydywuev v 1eTpayovikiyy pllav &upotépwv 1OV
HEAGV Tfig TeEAevTalag éiodoewg, AauB&vouev

X—3==%x2 ol . y=—3 -+ 2,
“Qote f x=3-+t2=5 # x=—3—2—1L
“Qote al pllal 1fig obelong &Eiodoewg elvarl 5 kal 1. Kok mpdé-
yHatt, dL6TL
X*—6x+5=5"—6.51+-5=25—30+5=0

f 1>—6.14+-5=1—6-15=0.
B) N& Avbfj 7 é€lowoig
2y —7x+3=0 (1).

'E€ altfic Aaupéavopev

.
’

2x*—7x=—3 «xal katémv x'— —-;- X=— -%— < KER
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*AAAa 10 pélog x’——;—x elval ol 8o BpotL 10D &vantdypatog

e 7z 49
i St o

“Qote, Eav elg & BGo péhn tfig E€Lodoewg (2) tpoobéowpev 1o —?—g—.

AauPavouev

A
£E fic EyxouEev

fitot §
A

T 49 49 3
¥ oa%Xbas % 2
( __7_)'_2
- S
7 >
S e
e R O Rl o e
s e et e M
R SN RS T
AR 7 AR

Kal mp&ypaTtt, diéTt elven

wal 2 (

2.3—7.343=18—2143=0
2 1 3 72
y—7.5+3—5 —F+3—0.

v) "Eotw 1idn 7 yevikn é€lowoig ax’+Px—+y=0. 'EE ad1fig

: Aaupdavouev

Kal xatdmiy

ax*+px=—vy
x’+—2*x=—-l-

x

Sia 1figc mpooBéoewg b2 elg &pgpdtepa Ta péAn T0d (z—i-)’

EYouEV

fitol

ot Sxt(E) =& ¥

AGv edploxkopev

@

s ) ity

éE€ayovteg BE Tjdn v TETpaywvikiyv pllav &dupotépwv TOHV pe-

. B VP —day
et
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= = B (B2 _4¢ S T Sy A Ty _f.
OBevf y=- ﬁt\z% SR x=-ﬁ,L%g¢_,q}’ T
g e S

150. ‘H Exg¢paoig adtn tod X elval yevixdg szdmog, ' ol
Buvaueda va edpwuev 1&g Aboelg olacdimote Efiodoewg Bev-
1épou Pabuod, xwplg va EémavaA&Bouev Tolg mponynbéviag
guAAloylopolc. :

"Ex 100 ebpebévrtog tOTov (1) BAémouev, 8t 1) é€iocwolg 100
devtépou Pabuod Exel dvo udv mpaypatikag Avoeig §i efélas,
¢av elval 6 &pLBuodcg f*—4ay> 0, plav 52 pévnv (TpaypaTikniv),
tav B?—4ay—0 xal 6vo utyddag, Eav f°—Lay <0.

Snuelwoic. 'Eav & cuvieAeotng 100 x elvar &ptiog, &
tomog (1) Aaupdévelr &mAovotépav popeRv, OBiéTL, €av elvan
B=2p", Exopev

—2pAVAPT—day 2P +VB—ay B VBT oy (o)
2a S 2a e [ g
[M. x. 1) Na AvBf} 1 éElowalg
59*— 11x — 12=0.

i
"Eyopev kata 1ov 10mov (1)
_ NEIPF—4518 . 134 36T . - 11118
RS R e | e 10
19 . 11— 19 4
fitoL x=—1—’;+;) =—3 Kadl S e B,
2) Na Avbf) v é€lowolg
: x* — 10x +25=0.
Kata ta yvoota Exoupev
10 +\ 10° — 4.5 10
A e e e e r e L

3) Na& Avbfj 1) &€icwolg
x*—4x+ 13=0.
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: "Exopev kata 1oV tOmov (2)
; x—=2+V4—13=2 +V—9=2+3i,
I‘ -
Eﬁto& x—2-1-31 xal Xx=2—3i.
4) N& Auvbfj 1| é€lowolg
E x® — Sayx +— 6a?*=0.
E Kata tov tomov (1) Exoupev
‘ S50 +{ 25 —2d4a®  Sat«
e ey e > »
Scx Bk
-~ fjTot x:—a;—a*:ﬁcx kal x=—"%—=2a.
| 'Aoxfocsc.
305) N& AuvBolv al x&twbt £§l0d0ELC :
| y*—6x+8=0 x* — 8x -+ 15=0 x*-8x+15=0
x+2x—1=0 x*?—2yx +2=0 X*+x—30=0
2 —3 =1} i s ol st
2+ x=6x* 20 — 7y = 6¥* — 15x*+8=2y
306) N& AuvBo0v al k&twbL EEL000ELg:
X 3 . SR R X
e et B S Semetc Rorige A
1 1 1
¥—25x——1 etk —0 g i e Aoty
o e e B, A 1
b Roe ms i B S w i

307) N& AwBolv al k&twbL EZEL0G0ELS:

x(x—10)+21=0 x(x +13)+36=0 x(x —9) =22
I Six+3)=35 (x—6Xx—5)=20, (x—10)x13)=—40
(x+ 1Xx—2)=8x— 13 (x+3x—2)=13y—17
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(X—3)x—D+(X+7Xx+2)=50 (x—2Xx—4)(x—3Xx—5)—23

ixH 1Py Lo X 1P - -2F =425
Cx+-1r+@x—1»=35 Bx+5r+(5x 3y —=8
308) Na AvBolv al k&twbi éElodoElg -
3 L Fug o Bt S E R
3% 4 Pty 8y = 10 & 3 2
Ty , R e
X F e 3 S = g T oyl
S g b SECIGE SR ) da O B ke DR
A 3+x_22 6 e S
1 [ : S S0 e X D
x+1 " x—1~ 3 x+1+x+4 ]
i1 X=—1 Nk ¥
¥ 1 i T N e ol
x—3 _H+3 phe 2= L BIEE SRS
X2y g X F e o e

309) N& AuBolv al k&twdL E610doElCg :
X*—52x+1=0 12x* —7x+10=0 X — 4y +4,09=0
X*—0,8x+10,5=0 x*—0,8x+0,15—=0 x* -+ X _ 0,05—0

5
310) N& AuvBolv al k&twb EElodoslg :
X'—3ay-+-2a*=0 X 2ax—3a*—0 X*—2ay—15a*>=0
3x’>—7ax+2a’=0 x*—3aBx—10a’p’=0 (x —ay—p
X' (at+Bx+ap=0 x—(a—B)x—aB=0 ax'—(a+Pp)x+p=0
Pl Rt o= PR b o o O e 2
5 2% a—x a—B a— B x+x

311) Na& 8eix®fj, 6u ol pllal 1fig ¢Elodoswg X 2Bx — ¥y
elvat mpayuatkal (ol Eyypaupatol ovvieAeotal OnotiBetal, &1t
elvat obpuetrpol &pibuol).

312) Na Bdeix8fj, 81t al pllan Tfig éElodoewg X -y +x=0
elval mavrote mpaypatikal, Stav 18 k elvat &pvnTikév.
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313) N& =0pebff /| Tiun 1ol p, diad v dmolav 1§ é€lowalg
16— ux—+1=0 EyxeL plav udvov pllav.

314) "‘Opolwg va edpedfj 7| tiun 100 Y, Bk v dnolav 1 £E1-

. gwolg I*—3x—+p =0 Exer ulav pdvov pllav.

315) ‘Opoiwg kal 8" ék&otnv TV K&TWOL EELOGOEW®Y :
X*—6x—+pt4=0 f=1nC— 1001 =0
316) N& e0peBoOv al Tipal tol py, did 1ag omolag 1 é€low-
gig X>—5x+up =0 Exa 1) pilag mpayuatikag kal &vicovg kal
2) pavraoTik&G.
317) “Opolweg kai dia v &§lowaty X*+9x+u=0.

Exéoslg pETxED TAV CUVIEAEOTAV Kal TV pILdv Tiig t{lonoEwg

ax*+Bx+y=0.
151. "Av mapactiowuev did x° xal X' tac pilag tfic £&i-
odoewg ax’-Bx+y=0, Exouev

. —B+HVPB*—day v —B—VP—day
), B 2x o 2a :

MpooBétovieg tag lodtnrag TadTag kata péAn edplokouev
Cin s L A -

) S s Hhden- e

moAAanAaoltdlovteg 8¢ tadtag, eOplokouey

. oo —BH P —day —B—VB'—day __
> 5 B e . 5
= ...(.:B)u_tﬁz_‘k':?’ Siac 4ay o
4a? 4a? 0%

Kata talta elc v é€lowowv 10x*+x — 3 =0 elvar
- e 1 AT =
e o St R T S T
elg B¢ v
xX*— 9% +20=0 elvan X' +x"'=9 xai x.x" =20
Kal elg v
'+ 6x+9=0 elvan x'+x"'=—6 xal y.x"'=89.

Wneiomoir|Onke amé 1o lvotirouto Eknmaibeutikng MoAmikrg



184

Znuelwors. 'Edv 1a¢ &vwiipw oxéoelg OeAfjowUEY
va &naAnBedowuev elg v mponyovuéveg dobeicav Eflcwowy
X'+ 6x+9=0, 68a WBouev, &t abtn £xel pulay pdvov pilay,
™mv —3. "AAN" éav GswpHlowuev aUThv O¢ BimtAfiv, Ba Exwuey

—3—3=—6 kal (—3)(—3)=9.

‘E@apuoyai.— 1) Na edoetoiv S0 doiPuoi, of dmoio
Exovy dPgoiocua 3 xai ywwduevov —40.

Kata ta &votépw, ol Intoduevor &piBuol x° xal x’° 6&
elval pilal devtepoPabuiov 2Eioboewe. "Emneldn 62 7 éElcwog

ax*+-px +vy=0

vegstas R T

Enetal, 611 ) E€lowolg, tfic dmolag al pilal elval ol Inrotuevot
&piBpol, elvar 7

s | e B
s St L R B oy S e e Y
(x-x"=2X =—a0).
Abovtec Trv é€lowolv abTrnv edplokouev
__3+y9+160 __ 3+ 13
S e S
fitol x'=3—_;13—=8 kal '—:L;E——5
o BEYR : e Tk SRR
] 3 — 8 Kol = 5

BT kal elg Tag BVo mMepiTTDOEIg TOV AbVoewv Exousv &Bpoioua
T®V pIldV 3 kal ytvépevov avtd®v — 40. “Qote ol Inroduevol
&ptBuol elval ol 8 kal — 5.

2) Na oxnuatictfj éElowoic devrépov Baduoi, 17 dmola va
&xn elfas tovc dgtPuovc —g— wal 2.

'Enedn Y +x"'=2-4 g_ i ..1_4_]_
i , S 3
Kal SR —___-2T=T‘
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i Entovuévn élowotg elval 7
g % e E % =1,
fitot 1) 4y*— 11x-+-6 =0.

3) Na edpedobv d onueia dv oulldv tHc 8EEiodaswe
ay’ - Bx - vy= 0, moilv § Avd§ aicy.

Alx va ALBfj 1o {Rtnua to0to mpénel & &pBudg B*— day
va elvar Bstixdg. Aétt, &v B'— day <0, al plfat elval uiyadeg
&piBuol.

"Eotw Aowmov B*—4ay>0. Tédte

a’) "Eav 16 yivéuevov x'.x"" elval 8etikdv, fitoL éav 7}->0,
al 800 pifon elvar dudonuot. Atk va douev 8¢, &v elval Betikal
fi dpvnrikal, Ba Zferdowpev 16 &Bpoloua X'+ x"mv——g. "Eav
8¢ to0to elvar Betkdv, fjtor &v — % >0, 8 elval Betikal al
plfat. "Eav Spowg elvar — LET<:O. al plfal 8a elval &pvnukal.

B) 'Eav 10 ywodpevov t@®v plldv elvar &pvnrikdv, fitot

tav elvar %--:: 0, i plfat elvar &tepbdonuor kal peyaiuvtépa
£ >0."Av suoc — &
peyariutépa kat® dméAvtov tiunyv elval § &pvntiki.

v) 'Eav %‘——0. filtot éav y=0, 1A ¢€lowog ylveral
ax™+Bx=—0 tfic émolag (mapayp. 147) 1| udv ula plla elvar O,

% el

f) 58 &AAn — -

"AvakepaAaloOVTIEG AOLMOV TA AVOTEP® EXOUEV:
“Ozay B*—4ay>0 xal

1)
2) = <0, al gifai elvatr dregdonuot xal upeyalviépa xat’
drdédviov Tiun 1} Exovoa 10 onueiov o — %

3) {—:O, al gifar elvar O =ai ——g;

Kat &amnéAvrtov Tiunv 1 Betuxn, &v — <0

-:—‘} O, al 8Yo gifar Exovv o onuciov tod —%.
4
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IM.x. 1) ‘"H é&€lowoig x*+4x — 9=
elval mpaypatikal) Exet pilag &repoofuoug, Bibtt x'.x"'=—9
kal peyalutépav kat’ &néAvTtov Tiuny NV dpvnTiknv, dLoTL :

X+xX=—4 ,

2) ‘H &Elowolg x*— 5%+ 4 =0 (tfic émolag al plfa e!\'m 5

npaypatikal) Exel tag pllag tng &ugotépag BeTIKAES. §

'Aoxifjoees.

318) N& eOpeBolv dVo &piBuol, ol dmolol Exovy
&Bpolopa

16
§ 1
4
—10
— 4
5
34

319) Na oxnuatiodfj élowoig devtépov Babuod, ) dSmola va ;
Exn pllag 100G &plBuolc

1) 2 xal 5
2) 8 » —5
3) —10 » 2

320) ‘Opolwg va oxnuatiodfj éflowoig devtépov Pabuod, {5
émola va Exp pllag todg &pLBuoic:

1) 7 xad -+

2 3
LR T
9B
&) aa ,ﬂ%
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0 (tfig dmolag al pila

Yyivéuevov

48
60
=
—21
2

1

1

4) —7 xwal —6
5) 5 » —5
6) —1 » 1

S —%— xal -—-»-3—
6 13 »-—24
7) 2a » 5ax
8) o & B
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321) N& e0pebfj 1o onueiov 1@V plldv 1OV K&TwOL EELod-
OE@V, XWpic va AuBolv abtal :

x— 14x - 40 =0 X+ 4x —21=0 Jifggr_—_—%
X+ 10x +-24 =0 6x'—x—1=0 Xx—1 i
e 2y — 15—0 20%*+7x—3=0 X

322) Trc éGodoewg 10x*—99x—10=0 ¥ ula pila elvar 10.
N& e0pebf) 1) &GAAn, xwplg va Av6f § éElowolg.
: 323) Tfic ¢Ciodoewg 15x*+ 19 +6 =0 § pla plla elval
E——';'-. N& e0pedfj duolwe # &AAn.
324) Tfic é&ioboewg 2,5x*— 8,79%-1-7,58=0 1 nia plla elvat
2. Na e0pebfj 7| &AAn.
325) N& eOpeBfj M) tiun 100 vy, 6id v dnolav &v tfj é€Loc-
get 9x*— 18x+ y =0 A pla plla elvar Biniaoia Tfic &AAnNC.
326) Na e0pebfj 1) Tiun 100 vy, did v dnolav &v 1] éElod-
geL 4x"— Bx—+y =0 ) plx plla elvar tpimAacia Tfig &AANGC.
327) Na eOpebf] | Tip) 100 «, dia v dmolav 1o &Bpoilopa
10V pILOV g EQlodoewg ax’—2x+-3a=0 looltal pé 18 yivé-
LEVEOY TV,

328) 'Eav 8o é&iodoeig Bevtépou BabBuod E£xouv T&g adtac
Lag, ol ovvreAeotal avtd®v elvar &varoyol kal &vTiotpdpwg.

329) Na& eOpebi] 1) Blagopd TOV plldV 1OV K&TwHL éELoc-
QewV, Ywplc va AubBodv:

X*— 16x-+-63=0 16— 16x+3=0
x'+9%+36=0 16x*1-3x —1=0
330) N& eOpebfj 10 &Bpolopa 1OV TETpaydvLV TOV pLLdV
g EElohoewg ax’+Bx-+y =0.
MNMapatnpoduev, 81, ¢av p’ kai p” elval al pilat avTfig,
pt*=(p"+p )P —2p'p". "Eav 52 AVIKQTXOTHOWUEY T

+p" kal p'p”” Bad TV yvmmd)v——g-qu %—. ebploxouev, 811
18 {nroduevov &Bpoloua elvat &E;zﬁz.
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331) N& ebpeff] 10 &Bpolopa TV TETpaAyOVOYV TLOV ooy
1fi¢ Elodoewg X'—9x+3=0 xwpic v& Avdf aln.

332) ‘Opolwg kal 1fig ¢Elodoewg 4x* -+ 13x +3=0.

333) ‘Opolwg kal tfig Eloboewg 12X* — 7x +1=0.

334) 'Eav p’ xal p’ elval al pilal tfig £€lodoewg

3x*+2x —5=0,

va eOpeBolv ta pp'—p'p " g— +%‘ yopic va Avbi alm

335) ’Ev 1fj &€odoer X*—(p—11)X +u =0 v« SpLoBh
Tiun tod p, 8 fjiv 10 &Bpolouax TOV TeETpay®Oveyv TV piley
altig elval 41.

336) ‘Opolwg &v 11 ¢€lodoel X*— (un — 10)x +p —1 =0 v
SpLo6fi § TipR Tod p, Bix TRV dmolav 1O &Bpoloux THOV TEIRE
yovev té@v plledv avtig elval 45.

337) ’Eav «l pifar tfic Eflodoewe ax®+ Bx + vy =20 elva
p’ kal p’’, v& oxnuatiodij éflowoic devtepoPaBuiog Eyxovoa pila
p+ & kal p”"}&.

* Av&Auolg TavTog Tplevipou Beutépou PaBuod elg yLvOpsevoy
napaydéviav npdTou Babuobd.

152, ‘H map&otacig ax*+px-+y slval teedvvuoy desutépm
Baduob. 'Eav 16 tprdvupov to0to §L0wBf pe 10 0, Exouey w
EElowowy ax*+Bx+y=0
tfig émolag Tag pilag maplotduev dik x° kal i

Téte & ExouEV
B

e St L S e
kal XX "= :— fitot y=ayx'x -
‘Emouéveg 1 tpldvopov ax’+4 BX +y yepdderar kal &g 348
ax*—a(x’ X Ixax x=alx— O +x"WAxxX): :

*AAN elvat :
X —(X X WX K =X X=X XXX ,
xai x’—x'x-x"x+x'x"—'-~x(x4x’)—x"(x“x’)=(x—x')(x—x' 3

:

£
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Elvar dowmév  ax’+Bx+y=alx—xNx—x"")
"Eav elvar x'=yx"’, 161 f} &v&Avoig toD Tpievidpou didet
s P byt X Mo o)
Il.y. 1) N& &valubfj 16 tptdvouov x*— 7x + 12.
THc é€iodoewg x*—7x+12=0
pilat elvar al eI e

"Exopev Aotmdv Katd 1a &votépm X —7x+12=(x—3)x—4).
2) N&a &vaAvbfj 10 tptdvupov 3x*+ 13y — 10.

: i : < e
Al pial 100 Tpt@vipov avtod elvat —5 kal —.

3
"Exouev Aowmtdv

3x*+13x—10=3(x+5)(x — 5
2 i 3 '_2

A 3x*+13x—10=3(x+5). 22 — (x +-5X3x—2).

IHegaznenoeis. 1) ‘"H &vorépe &vaiuvoig £Enyel diatl
N é€lowaolg Beutépou Pabuod Exel dbo pllag. Atbéti T yvéuevoyv
alx—x'Ax—x"") yivetar 0, 6tav elg 1&V napaydviwv tou elval 0.
"AMN a elval Bidgopov 100 undevée. ‘Emopévog § 8a elvar

=t Heet  x—x'. 0| ) =0 FHor =y

AVo Aowmodv &piBuoi undevilovv 10 Gdvwtépw yivouevov.

2) 'H &épappoyl 2 1fic mapaypdapov 151 Adetar #idn kai
g EERg:

Zxnuatilopev 10 yivépevov (x — 20(x — %). 10 dmolov &&L-
coOuev pE 16 0. "Exopev 8¢ 1to1e

<

3 :
 Sieate BF G ) i oE o Ly

11 i
A X' — X1t =%

rjTol A — 11y +—6=0.
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"Aoxrjoeis.

338) Na& tpamodv elg yivdpeva T K&TwOL TpitdvLuQa :

X'—9x 1+ 14 x'— 4y —45 X9y — 22
b i e L 2 +3x+2 25x*+ 10x +-1
12y*{-5%x —3 35—y ——8 35— A2
339) Na &mAomotnBolv 1a kA&oparta :
e Gl RS f s ) e 2t =Ny Eri
x* — 10y + 21 X*44x — 12 30x®* — 17x + 2
) ) ol <t ey S T G e X3y 12
3x*+ 10y +3 4 +5x +1 Ty* —32% — 15
340) *Opoiwg T :
Exe—d.=0 2 e oo
4y3 — 12y +9 ay* — 12y +5
Sl — O L0 bl i
3x —1 15¢®* +53x + 14

Zuothuata é§omoswy 10U Seutépov BxBuol.

153. "Eote t& k&Ttwbl guothuaTta:

X' +¢*=34 X+¢=2 X9t =5

X'—yr =16 K =—35 X+¥-t+¢—3

Xk

[NMapatnpoBuev 8¢, 81t kabév £ adtdv &moteAelital fj &mod
¢€lodboelg devtépouv Pabuold, fj &mod EEiodoelg Bevtépouv Kal
mp®dTov PBabuol. Ta toladra ovoThparta Atyovial devtépou Pa-
Buod. “Qote: “Ev olornua 8Eicdoewy Aéyerar devrégoov faduod,
Stav dmotedijrar uévov dnd EEiodoeis devidpov BaPuot # Sesvié-
pov xal mgdrov Baduod.

154. Al péBobor 1fig AVOEWC TAOV CUOINUAT®V deuTépou
BaBpod elvatr Biagopotl. "Ev Suwg cbotnua &vo £fioboewv pE
dvo dyvdotoug, 1o dmolov dmoteAeital &no ulav éfiocwolv dev-
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tépou BaxBuol kal &nd ulav mphdrov, ddvatal va Aubfj m&vrtote
Bia tfig peddédou 1fic &viikataoT&oewg.
[15. lov) "Eot® mpdg Abowv 16 obotnua
e gl
Xy =12.
"Ex 1fic mpd1Nng Aappavouev x =4+ ¢ Bétovreg 62 v T1-
RV Tadtny 100 X &v Tff Bevtépa, AauBavouev Elowoty pe Eva
&yvwotov, 1oV Y, FHTol

@+yy=12 f  gdp=12

£E fig evplokopev P,=2 Kal Y,=——6.

Al Tipal 118n 100 x edplokovial éx tfic EElodoewe

X=41+¢ xalelvar x,=6 xal x,=——2,

fitot X: =6, Y. =2, f Ya=—2, Y=—6

2o0v) IN-t+2¢p=17

Xy =2
"Ex 1figc mpdtNnNe Aaufavousyv
g =T (1)

kal 8" aviikaotrdoewg elc tv- deutépav
=MW 5§ s —7y+4=—0,

£€ fig xal éx tfig (1) edplokousv

3
x:=]| q&xz ﬁ Xa‘*—:_g‘l q’:=T-
3ov) X —+¢'=25
Xt+$=7

Abovieg 10 obotnua todto Bik 1fig peBbddouL ThHC &vTiika-
TaoTaogews edplokousey

X1=4- l111=3 ﬁ X|=3v lp:ﬂ“
"AAAG BuvapeBa va AMoowuey 18 &dvetépe glotnua kal o

EEfg: ‘ -
“YyoOuevy ta pédn 1fic &Eiodoewg X ¢g=7 elc 1o Te-
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tpaywvov, &méte edplokouev ¥+ ¢*2xp=—49, xai EmrEldn
X'H¢=25 25-2xyp=49, Hrou xP=12. 3
'AAN &pod yvepllopev 10 &Bpotoux xal T yLvéuevov T@v
&plBudY ¥, ¥, 0& edpopey adtolg £k Tfig ADCEWS TS ¢Elodboewg
X*—7X-+12=0.
Avovteg abtiv edplokouev tag pllag 4 kal 3.
“Qaote elvat
x=4, g =3, A =3, Pp=4.
“Eotw 1idn mpdg AoV T& OLUOTAUATA :
4ov) ¥ +yp*=25
W yr=¢
Ala mpooBéoewg edploxkopev
2y*=32, fitol X:=4, Xa——4
kal 8 &vilkataotdoewg elg TAV mMpdInv e0ploxkouev
=3 xal P——3.

50v) =29
xy=10

"Edv BimAaot&omuey T péAn tfig devtépag, B& Exwpev
X'y =29

kal dia mpooBioewe Kal dPpailptogewg adTdV eUploxkouev
(x+¥)'=49 fitot G g e
(x—¢)r= 9 » x—g=+13.

Al va ebpouev 7{dn Tag Tu&g Td®V X Kal ¢, TPETEL V& &
AOomUEY T& K&T®O ovoTiuata ntpdtou PBaBuod: -5

K= ®hp=7 XAt x+y=—7
gl Xeitsard XS e
X:=5 Xo=2 x,=——2 x,=—5
P, =2 =5 Ps=——5 g =2

WnetomoirOnke amé 1o lvotirouto Exnmaibeutikng MoAmikrig




193
'"Aoxrjoes.
341) N&a AvBodv t& ocuvothuata:
e x—2 X p—5 ek
e Xp=14 Xy =4
4 —2y — s HAEE =
) x—2¢p=3 X— =2 $(14+E)=11
Xy =2 a1 Xy =24
342) N& AvBolv ta& cvothuata:
1) x+ y'=34 2) x'—y'=11 3) Y—y'=24
X +y¢=28 X —¢=1 X+y=6
4 Y —y'=5 5) x*-y'=25 6) x'—y'=13
X9 X 3¢=5 2x —3p=-—4
h Sl e L e e LM
3 x-typ=2 B)T"i‘w i s 9 X R
: g == — e e _]_
2x*—3y*—23 Xt+og=1 ¥
343) N& AvBodv 1a guothiuata:
1) xty*=25 2) x*ty*=45 3) S5yf2yp=22
»—p—5 X —r—=—27 3yt —3p*=7
4) 2x*—3y’=6 5) 4y }-5¢*=105 6) 2x*F3p=71,
3y —2¢*=19 3x?—5y*=70 3y*—3yp=54
N — a7 8) 2xytx=— 9) 3Sxyt+x=42
247 +-dxp=4 dxy-+3x"=0 Sx*6xy=192
1 1 6 e i K
B =20 s Tl el
1 e e A R
X S =T e 12 X° s W? 45 X w? 2
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344) N& AvBolv t& cvoThHuaTa: ;

1) &t 2) b0 3} Rt e
XPp=2 xp=12 xPp=24

4) x-+y'=89 5) 9x*y'=52 6) x*+4y'=5
4xyp=160 xy=8 =2

Mpoprfuata £EL0GOE®Y Kal CUOTNHETOV Ssutépov BabBuol.

155. 1ov) El¢ fydpacev dipacua dvii 800 dJdoaxudv. ‘Eay
82 dvil t®Y avrdv yonudrwy Eldufave 2 mijxeig TepLoCoTE-
gov, 7 Tiun tol mixews Pa fro xaza 20 Soayuds uixgozéga.
ITécovec mrixeis 1jySoacey ;

"Eote ¥ & &ptBudg 1®v mAxewv. ‘H tipn tod £&vég mhyews

elvar 22X . *Eav 82 ol mhxelg foav X2, ) Tiun 100 £vog B8 fto
800 . : A : 800 800
= OBev Emetal 1) EElowatg 1ol mMpopAnuaTog R T

mpémel e va elval x Betikdv.
'Ex tfig €loboswg adtfic edplokouev THY
X--2x —80=0,
tfig dnolag Avoelg elvar al
x'—8 Kal X '=—10,
¢x 16OV dmolwv pbvov f) npdtn elval mapadexth dO¢ WAnpodoa
mtéavtag tovg Spoeug Told mpoPAnuartog.
20v) Elg dgydinc éxégdilev 80 dgaxuds v nufeav. *Eav
clpydlero 8v0 dpag iy Huéeav dSliydregov, 8va va xegdily
xad’ Huéoav vag idlac dgaxmds, Pa Enmpeme va miAnpdveral
xa®’ doav 2 dpayuds mnepiocdregov. Iéocag doag doydlerar o~
tog xa®’ juégav xai wéoov mAnodverai xad’ depav;
“"Eotw, 811 épy&letar X Opag v fuépav’ HoTe 1) &pofn
kaf’ dpav s'[vcn%o—. 'Eav 8uwc elpy&leto xab’ fuépav x —2
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dpag, /) &polpr kab’ Hpav B& fto —)—(-Q.L . ElvaL 8¢ kata 16 mpob-

=3
80 80
Anuo — — —— =2
BAnu —2 =
[Mpénel 82 6 x va elvar Betikdg &pBudég. 'Ex tfig éElodoewg
abtfic eOplokopev tag Aboeig x'=— 10 kai x'=— — 8. 'EE ad1dV

8¢ mapadextn elval 7 x'=10.

3ov) Elg 2tdéxitoce xepdiatoy 5000 dgayudy. Mezd &v &rog
TO0¥ Ttox0¥ altol srgocéPecev elc 1o xepdldatov xal td Aoy moocdy
£10xioe ué £mirdxiov xara uovdda ueyaliregov ToD mgonyovué-
vov. "ElduBave 82 téte érrjotov wdxov 260 dSgayuds. Na edgedf
T0 doxixov émitrdxiov.

"Eav x elvat 16 Intoduevov émtdkiov, & téxog £vdg Etoug
T®v 5000 dpaxudv elval —_TCO_K:SOX Kai 10 véov Kep&Aaiov
elvat 5000 | £0x. ToOtou B & &tfolog 16K0g TMPdg (X 1+ 1)°/,

EIVC[I. = (S_g_xj j_ ]5&?}()( __'__ D) ——_— 260_

INpénel 82 16 ¥ va elval Betixdv. 'Ex 1fig ¢fiodboewg adtfic Aap-
B&avouev 1MV éflowoly
X'+ 101y — 420=0,

Tfic dmolag Avoeig elvar al x"=4 xal x'=—105. ’EE av-
T®v 5& mapadexktn elval ¥ x' =4.

4ov) “Ev moraudxlotov dvayweel &x tivoc ywelov 4, pddve:
glc 10 B nal énavépyerar elc 10 A usra 10—3— &oac. ‘H dndora-
oig Tdv V0 yweplwv A xal B elvar 24 yididueroa, 1§ 82 taxd-
T17c toD gevuaros tol morauov elvair 3 yildidusrga iy dgav. Na
evoedf 1 idla raxdrns to¥ mAdoiov.

"Eotw, &1t 7 Bla taxdtng 100 mAolou fjto X XtAduetpa v
Spav. Tote | taxvIng Tov, tav &vipxeto 1o pedua, 1o X — 3

kai Stav katfpyxero x + 3, 0 88 ypdévog 100 tafidlov kKata TRV
24

&vodov Tto e

Kali kata v k&Bodov
R O
e G T T Tl

=5 "Exoupev Aot-

nodv v éficwolv
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[péwer 82 & x va elvan Bemikdg &pBudc. "Ex 1fic EEiowoswg
adtfic Aaupa&vouev TNV
2x* —9x —18=0,
tfig dmolag Avoelg elvar al
yi—i5 o X:—%—

"EE avt®v B¢ mapadexkthy elvar 1) x° =6.

50v) Na edpedfi Scwripiog doiuds, tol dmolov td yivduevor
1oy yneleoy drxeofalver 10 dgoicud 1wy xaxa 11. "Edav 6¢ d
wnela adtod yoagoiv xatda tdbiv dviicipopov, mpoxvmazet doe-
Pudc uixodrepoc xara 36.

*Eotw ¥ 16 ynoiov tdV dekddov kai ¢ 10 Ynelov 1dY
povédwv. Téte kata 16 mMpdPAnua elvar

xr—Ax+9)—1

xal (10x +¢) — (10¢ - x) = 36.
Mpénel 82 ol &pBuol x kai P va elvar Betixol, axépatol kal i
kpdtepol toD 10. Avovieg 16 oVotnua tobto, elploxopev &
£Efig ovotuata AVCE®V:

a’) =9, gu=—3
xai B’) ¥ 1y P ——5
"EE adtdv dE mapadextov elval 10 mpdrov. "Qote & {nroluE-
vog &piBudg elvar & 73.

6ov) To dPpoiocua Svo dotPudy elvar 5, 16 82 dPpotoua oy
5

daviioTobpwy Twy elval o Na eiigePotiv of d¥o ovUror dotduoi.
"Eotwoav x kai ¢ ol {nrobuevolr &piBuol. Téte Exopev 18
gbotnua X+—¢=>5
SRS o
- SRS e
"Ex 1fic devtépacg £lodoewg AauBavouev v
B o
Xw Bt
“Hrou ‘5(?47: —g- fi xor==5.
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“Qote Exopev va AVO®UEV 16 clOTNUQ
? G
Xy = 6.

‘Ex tfjc Adoewg B2 adtol edpiokouev, 611 ol {nrobuevol &pibpuol
elvat ol 2 xai 3.

7ov) To ufaddv doPoywviov elvar 60 z.u. 6 82 Adyog TdV¥
diactdoswy adrol eivac % . Na sdgedoiv ai dtacrdoeig tod dg-
Hoywviov rodrov.

"Eotrwoav x xal ¢ ail Intodusval diaotaoeig. TéHte Ba Exw-

HEV 10 oloTnUa Xx¢ = 60
e LS
R R

Mpéner 8¢ ol x kai P va elvar Betikol &piBuol. Adovieg 1o oU-
otnua eVpiokousev

a’) = %, — 10
xkai B’) X2— —6, Ppy=——10.

“Qote mapadexktov elval 16 MpdTov oglotnua AVgEw@V.

8ov) ‘H mldevpa péufov icovrar u2 5 u., to 82 dfgoioua 1dv
8v0 Sraywviowy tov lcotrar ué 14 u. Na edoedfj 10 uijxos Exd-
orns @y Siaywviomy toltwv.

Al duaydviol Tol péuPou peta TGV TAeUp®V adtod oxnNUa-
tifovv TEgoapa Spboydvia tplywva loa. "Edav &¢ mopaotiow-
pev diad 2y kal 2¢ tag daywvioug 100 pbuPou, al mAsuvpal
tkdotov Tpitydvou Eelval ¥, ¥, 5 u. "Exouev Aowmdv, kata 1o
wpéPAnua kal kata 16 MUBaydpeiov Bedpnua, 16 cVoTNUa

X+¢=7

8 B i
[péneL B2 ol ¥ ki ¢ va elvar Betikol &plBuoi. Avovieg 16 oO-
otnua edpiokouev ). =2 g
Kol B‘) X1=4- q’u=3
“Qote al diaydviolt 100 péuPouv adtod Exouv pfikog 8 p. kal
6 u. fj 6 p. kalt 8 u. "AAN" Gugpdtepal al Aboeigc adrar &mnote-
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AoDv plav pdvnv, di6TL ol Blo pduPot, Todg dmoioug Bidouv al
Aboeig, elvar Tool.

9ov) ‘H uia t@v mhevgdv zToltydvov xecuévn dxévavil
éEclac yoviac elvar 37 uétoa, 71 drapopga Tdv V0 dAdwy miev-
o@v elvar 27 uézpa =al 7 6pP¥7n mpoBol?n =i mixporégag £
avt@y éni thv dAAnv elvar 5 u. Na edoePolv ai Svo0 d&ildai
mAevgal zo? ToLydvou.

"Eotwoay x 1] peyaivtépa €k 1@V {ntovpuéveov mAsupdv Kal
¢ 1 &AAn. "Exopev 82 kata 10 mpéPAnua

x—p=—27 wal W HPp—2.5.x—37".
Abovteg 1jdn 10 gbotnua todTo ebpiokousv, &TL
X=40 xal =13

100v) Na etoedoiiv al toseic mdevoal dpPoywviov Toiydvov,
oD to Zufaddv elvar 84 1. m. nal Srav ai d¥o mdPeror mAsvgal
Exovv Stagogav 17 wu.

"Ectwoav ¥, ¥, ¢ 1 Omotelvovoa kal al &AAal 8o wmAeu-
pal 100 tptydvou. Téte Ba Exwueyv

Xe: w?_!_ q;?
Yo — 168
yp— o= 17.
Abovieg #idn 10 oclotnua T®V dlo televtalwv éEiodoewy elpl
OKOUEV Y =24 Kadi ¢==17.

Katémy 82 &k 1fig mpdtng edpiokouev x =— 25.

INpoBAnfuara mpos doxHNOLY.

A’. 345) Té—-;— &pBuod, Stav moAlamAaciacHi] ué 1o —l- -
100, BiBeL yivépevov 108. Na e0pebf) & &pBude.

346) Na& e0pebfy &piBudg, toD dmolov 1o TpLMAGolOoV, Stav
moAAamAaoiaxoBf énl Ta e adtol, didel yivéuevov 270.

3
347) 'Eav eilg &piBudv mpoobécwusv TRV povada 1, &paipé-
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gwuev B Emaita adIfv &mod 100 &ptBuod, 1d yLvduevov ToD
&Bpolopatog ToUTOoUL Tl TNV SLagopav loobDtal pé 840. Na e0-
pEBT} O &pLBudbe.

348) To &Bpoiopa &piBuod Tivog kal 100 &viiotpdpov 1oL
elvat 2-%—- Na& ebpebfi & &pLBudcg.

349) Na& e0peB}y &pBudg, & dmolog MoAAanAaol&alwy 16V 3
kal Siaip®v tov 40, &ideL Eé€aybueva Exovia &Bpoloua 29.

350) N& ebpeBolv 1peic &képalot diaboyikol &piBuol, TdV
édmolwv 1d yivdpevov 100 mpdtouv £ml 1ov Tpitov loodral pe 1o
TpimAdolov Tto0 Bevtépouv olv 3.

351) To ywvbuevov Bbo Biadboxik®v &ptlwv &ptBudv elvat
288. Na eOpeBobv ol &piBuoi obrot.

352) To &Bporopa 1OV TETpaydvev dlo &xkepalwv diado-
XK@V &piBudv elvar 85. Na edpeBodv ol &piBuol oltol.

353) "E&v & -g— &ptBuol moAlanmAaoiaxobolv énl 1o &Bpot-
oupa abtol kal 1fig yovadog 1, didouv yivéuevov loov pé 1o Te-
1paywvov 10D Intovpévou mANY 21. Na& edpebij & &pLBudc.

354) To tertpaywvov 100 &Bpolouatog &piBuod tivog kal
tfic povadog 1 looDtar uié 16 TeTphywvov Tfic diagopdg 10D 7
&nd 100 BimAacgiov 100 &plBuol Toltou. Na ebpebfi 6 &plBuodg
obT0C.

B’. 355) 'Hyépaogé 1i¢ Gpaopa &vii 220 dpaypdv. lNéoa
pétpa Mydpaocev, Stav yvwplloueyv, 81t & &piBuog 1dv pétpwv
looDtaL pe 10 ——;— 1fic Tipufijc To0 €vdg pérpouv petov 1;

356) “Ev teudylov xaot fjile y dpaypdag kal émoAnen us
xépdog x°/s. "H &&la 5& adtol xal 16 képbog k&uvouy 24 Bpayudg.
Na& ebpedf] f} &€la 100 Tepayiov adtod.

357) Elg éndAnoev 8 4k&dag oltov &vil x Spayudv. AN
Edv émdAeL X Ok&dag oltov, Ba &AGuPave 392 dpayuag. [Néoov
&EileL M) pla 6x& 100 oitou;

358) 'Enpékertto va poipacBolv 600 dpayual elg mrwyodg
£E Toou. "AAN" émeldn) kat& v Siavounyv &movoialov 4, 1o pe-
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pldlov Ek&otouv OV &AA@V NUENEN kata 5 Spayudcg. lNéoor |
foav ol mtwyol ; g

359) Kknpovouia éx 15000 dpayu®v énpdxkeito va diaveundyj
£€ Toov elg dplopéva mpbowna. AAAG katda v diavounv &d-
pE£ON. 81L B0 ék TOV MpoochTwY adt®dv bév elyov KAnpovoulkdy
bikalopa. O0tw B2 10 pepidiov Ekdotouv TO®V &GAA@Y nNOERSBN
katd 4000 dpuypéeg. lNbéoa floav 1a mpdowna ; '

360) Ol pabnral wag tafewg &nspdoioav va ddoouv elg
Epavov Umip t100 'EpuBpold Ztaupod éEvveakooiag Bpaypag.
[Npdc to010 52 Exkaotog 1OV Mapdviwv B katéPaiiev loa xphH-
pata. "AAN’ Enteldn elg tév Epavov altdv gupupetéoxov kal 6
&Alol pabnrai, ol dmolol dmovoialov mponyovuévwg, Exactog
uantic xatéBaie 5 Spayudg oOAiydtepov. [ldéoor foav ol
padntal ;

361) "E€opArel Tig xpéog 3600 Bpayudv dia unvialov 86-
oswv. 'Eav énAfjpove kata pfiva 60 Spayudag mepitogdtepoV, 10
xptog Ba é€wogAeito elg 5 ufivag évwpltepov. lNola elvat f un-
viala €éo1g kai elg méooug pfjvag B& 2EopAnon 10 xpéog TOU;

362) 'Hyépaot 1ic Gpaopa &vri 780 Spayxudv. 'Eav &2 avri
TV adT1dV ¥pnuatov Nydpalev Eva mfijyuv SAlydTeEpoV, 1} TIUT
100 mixe®g B& fTo Katk 5 dpayudg peyaivtépa. [Néoouvg wi-
XELG Mybpaoe kal avil mébowv dpaxudv 1oV miXLV;

363) Pamntng tig fBéAnoe va dayopdon O¢paopa kai 1ol £4n-
mnoav év A 1800 Spayudc. "AAAG katdmiyv cLININoEwC £mé-
TuXev EAGtTwoly 20 Spaxudv kata mHXLV kal Nydpacgev ol1@
did 1OV avTdv dpayudv 2 mixelg neptocdéTepov. [Tdoouvg myxele
Nyépaoev;

364) Elg fydpaocev adya &vii 200 dpayxudv. 'EE adtdV
Eonaoav 10 kal t& Omédlowma EndAnos katda 1 Spayxurnv &nl
mAéov Tiic &Elag 1fig &yopag. Obtw d& éxképbioev 70 dpaypdac.
[MTéox adya fjydpaoev;

365) 'EmAnpdbnoav 95 Bpaxuai elg 14 épyarag, avbpag
kal yuvaikag. "EAafe b5¢ Exkaotog &vrp 1doag dpaxudg, Soat
foav al yuvaikeg kai ékdotn yuvr 16o0a¢ dpaxudg, ool foav
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ol &vbpeg. [Néoot Toav ol &vdpeg kal wodoar al yvvaikeg;

I''. 366) Ao mobnA&tat &veybpnoav cuyxpdévwe £k Tod
a’tob onueiov dia va peraPodv el piav méAv anéyovoav 90
xtAdperpa. "H tayxding tod tpdtov elvat X xtAtdpetpa v dpav,
A} 8¢ TayxOIng tol Bevtépou elval x—+ 1 xihibpuetpa. Elg méoov
Xpoévov Ba diavdon Exkactog modnAdrng TnV dndotaciv t@v 90
ythlouétpwyv; 'Eav 82 f) biagopa TV xpoévwv elval 1 dpa, mola
elvar ) ipp 100 ¥

367) Ao moAeic A xal B améyouvv perafd twv 150 xiAtdue-
Tpa. 'Ex tfjc méAewg A &avexopnoav ocuyxpdvwe dlo adtoxl-
vnrta dia va ¢Bdoouyv elg v éAwv B. To mpdtov adtokivntoy,
16 6nclov elxe Taxdinro psycAutépav 1fig Taydinrog 100 &A-
Aou katd 5 ytAbuetpa TV OOpav, E€¢pBacev elg Tijv méAv B
katda uplav Opav Evepltepov 100 &Ahou. Nd eOpebfj 7| taxding
tx&oTou aVTOKLVITOU.

368) "Ev abtokivnrov Exet tayxdtnta x xiAduetpa TRV
&pav. [Néoov didotnua diaviel elc 1 TpdTOV AemToV Kai TéoOV
elc x — 10 mp&dta Aemta; 'Eav 82 10 didotnua, 1o dmolov dia-
voeL el x— 10 mp&ta Asmta, elvar 20 xAduetpa, mola elval
Tiun} tod X

369) "Ev morapdémiolov dvayxwpel £k 100 ywpiouv A ¢Bavel
elc 10 B xal énmavépyetal elg 16 A peta 16 dpag. Ta dbo ywpla
améyovy 60 ytAiduetpa, 1) 58 taxOtng 100 pebuatog 100 motauod
elvar 2 yhbperpa tiv Opav. Na edpedfj 7 Bia taxding
100 mAolov.

A’. 370) Elg é84vewoe kegp&Aaiov 10000 dpayudv. Meta Ev
Etoc 1oV TéKOV alitol mpooéBeoev i 10 kKepdAalov kal 10 dAov
moodv E&tdékice pE Emrdkiov katd povdda peyalltepov 100
mpornyovuévou. "EXGupave 88 tote £tfjolov tékov 530 dpayuag.
Né& ebpebfj 10 &pxikdv émtdxiov.

371) 'Exdxioé Ti¢ kEp&Aaiov 5000 dpaxudv. Meta Ev Etog
1oV TOKOoVv altoD mpooéBecev elg 10 kepdAlalov kal 16 SAov
nocdv Eueive towkiouévov é€mi Ev Etog &xdun pé 10 altd Emi-
t6xiov. [Npdg molov émtdkiov étokiobrn, yvwotol dvrog, 81l elg
10 Téhoc TGV B0 &tdv EAaPe 1éxkov év EAw 408 dpaypdacg;
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E'. 372) Ao &piBuol Exouv Biagopav 7 kal yivéuevow
30. lNotoL elvat ot &piBuoi obtoL ;

373) To mnAlkov dVo &pBudv elval 3, 16 52 &Bpoloua TAV
TeTpaydvey abt®dv elval 90. lNoiot elval ol &piBuoi obtol;

374) Abo d&piBpol Exouvv Biagopav 8. To B &Bporoua
TV TETpay®dvev Twv elvar 104. Na edpefolbv ol &piBuoi
oltoL.

375) To ywéduevov dbo &plBudv EAattolpuEvVOoY KaT1d TO TE-
Tpdywvov 100 uikpotépov loobtal pé 6. "Eav &2 &mnd tdv pe-
yaAOTEpOV Gpalpedi] 10 dimA&olov To0 pikpotépou, Exouev dia-
¢opdav — 1. N& ebpnte to0¢ &pilBuovic adtolg.

376) 'Eav elg &piBuov mpooBéowuev td BimAdoiov &Alou,
eOplokopev 11. Eav 6& &mo 10 tetpaywvov 1ol mpdTov &oat-
péowuev 10 BimAdolov tod TETpaydvou 100 devtépov, Aaupivo-
pev 7. Na ebpnte todg &piBuodg adtolg.

377) To ywéuevov dlo &piBudv elvar 6, ) B2 Siapopa OV

&VTloTpddeV TV elval ﬂ:.)—. Na& e0peBobv ol &piBuol obtot.

378) '"Eav elg tov mpdTov €k dlo &plBudv TpooBEtowUEV
10V Gviiotpogov 1ol deutépou, AauP&vouEev %— Eav 5¢& sig 1dv
dedtepov mpooBéowuev 1oV &vriotpogov ToD MpdTOU, AcuBa-
VOUEV 3—;—. Na ebpeBolv ol &ptBuoi oltolL.

379) *O 20 xal 0o &AAoi &piBuol &moteAolv ouvexi &va-
Aoylav. ‘O 20 elval 6 péoog av&Aoyog, ol B2 Blo &AAol Exouv
Biagopav 9. Na ebpeBolv oi Blo &pLBuol.

380) Na ebpebfj diynprog &ptBudeg, to0 dmolov Td yLvéuevoy
TOV Ynolov looCtal pé 16 dimAdolov 100 &Bpoiopuatdc twv: éav
8¢ 1& Ymola adtod ypagpolv kat’ &viioctpogov T&&lv, mpoxkl-
mTel &piBuog pikpdtepog Katd 27.

381) Na& eOpebfj duwymplog &pLBudg, 100 dmolou Td yYnelov
TOV povadwv OmepPalvel 10 Ynolov t@®V Bexddov kata 1, o
5¢ tetpdywvov 100 &pitBpod elval pikpdtepov &md 1o TETPA-

y@vov 1ol &plBuod, Sotig mpokOTTEL Bi& THg &viioTpOodfic TGV
ynelov kata 297.
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=T'. 382) *ApBuég tig mpoodmwyv EEbdevoev elg fevodo-
xelov dia payntov 216 dpayuss. 'Eav ta npbowna fjoav kata 3
meploodtEpa kal &Ehdevev Exaotov 3 Bpayuag dAiydiepov, &
Aoyapiaoudg Ba &vApyxetro elg 225 dpayupag. [Néoa foav 1a
mpdéomma kai mola 1) dandvn éx&otov;

383) El¢ Eumopog fydépacev gAaiag d0o molothtwv. ‘H ulx
dx& tfig mpding motdtnrog &Eilsl ¥ dpayudg, 1) dE ula Ok&
1fig Beutépag modtnrog &Eiler P Spayudg. "Exouvv 8¢ al &fial
abtal &8poropa 30. 'Ex 1fig mpdtng mowdtnrtog kepdilet ¥ /o kal
&k tfic dsutépag kepdiler Y °/,. To && &Bpoiogua 100 xEpdoug
and plav dkav £§ £kaotou €idoug elvat 5 dpayual. Na edpe-
BoDv al nipal T®v ¥ kai P.

384) Na s0pebfj 10 eldixodv Bapog 100 ¥prood Kai 100 xak-
k0D, 8tav yvopilopev, 81l 10 £idikdv Bapog 100 Mpdtou elval
katd 10,4 peyaittepov 100 eldikol P&poug 1ol deuvtépou kal
811 xpapua 28 ypappaplwv xpuvood peta 11 ypappaplov yaAkod
ExeL eldixkov Bapog 14,4.

385) Avo xpfijval yepifovv 6uod plav Sefapevryv elg 18 dpac.
‘H pla pdvn tiv yepllel elc 27 dpac &ni wAfov tijc &GAAng. Elg
néoag Hpag yeullel E¢kdotn kprvn v defapeviv adthv;

386) Ao ¢Zpydartal, 8tav épyalovial 6upod, éxktelodv Ev
Epyov elg 3 &pac. 'Eav Suwg & elg £§ avtdv udvog éxterioq
10 fjutou 100 Epyovu kai & &AAog 1d &GAAo Hulou, B& xpelacBodv
év 8\e 8 &pag. Elg mboag dpag Exaxotog &pyding fi0ehev éxte-
Afger pdvog TOL TO Epyov:

Z’. 387) "H mepluetpog teTpaydvou slvar 40 pétpa. Na
eOpeBT) TO ufjkog tfic Biaywviou Tou.

383) ‘H diaydviog tetpaydvou elvar 40 pétpa. Na s0pebf
1 mAevpd adToD.

389) To éuPadov o6pBoywviov elvar 30 t.u. 'Eav f B&oig
ab0tod EAaTTwBh kata 1 uétpov, 10 B8 yYyog a&ndf kata 1 pé-
Tpov, 10 £uPadov adtol Biv uetaPdAietral. Na ebpedij §) Bdolg
kai 10 Oyog TuD dploywviou TobLTOUL.

390) Td ZuPaddv épBoywviov elvar 35 1.pu. Eav W B&oig
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avtod aUfndfj kata 3 uétpa, 1o 58 UPog EAaTTwBf kata 3
pétpa, 10 éupadov tob véou dpBoywviov elvar 20 t.pu. Na ed-
peBodv ol diactdoeig 100 mpdTou dpboywviou.

391) Al Biaotdoelg dpBoywviou Exouv Adyov 3. Elvar 8¢
to0to [oodUvapov pé tpiywvov Exov Baowv 24 p. kai Gyog 16
. N& ebpeBobv al diaotdoelg 100 dpbBoywviov.

392) ‘H dmotelvovoa dpBoywviov tpiydvou elvar 30 p. N&
ebpebobv al &AAar wAevpai abTod, éav To &Bpolopd TV
elval 42 p.

393) "OpBoywviov Tpiydvou 16 &Bpolopa TGV TAELPGV THC
opbfic yoviag elval 51 pétpa, 1) 8¢ Umoteivovoa kata 3 y. ue-
yaivtépa Tfig peyaiutépag 1AV GAA@V TAsLp@v. Na ebpebolv
al mAevpal 100 TpLydvou TovTOUL.

394) 'Eav elg 6pBoydviov pooBiéowuey Td TETPEY®VOV THC
pikpotépag Tou MAEUP&G, TO SAkoV éuPadov Ba elvar 24 T.u.,
¢av B¢ mpooBiowuev 1O TETPp&Y®VOV THC UEYaAULTEPOC TTAELPES,
0 éuPadov tol0to Ba elvar 40 t.u. N& ebpeBodv al diacta-
oelg to0 dpBoywviov.

395) 'OpBoydviov elval éyyeypapuévov elg xOkAov Biapé-
Tpou 25 . Na ebpeBodv al dixotdoeig adtod, Stav yvwpile-
pev, 6t Exouv Siagopav 5 p.

396) Na& ebpebolv al tpeig mAisvpal dpBoywviov TpLydvou,
100 6molov 1) mepluetpog elval 24 p. xal 10 &uPadov 24 t.u.

KEDAAAION V
"Eficdicsig avayépevan gig Ssvtspofaduious.
156. AlteTpaywvol £E€L00OELg. — Al EE1odoELg THiG Lopdfis
ax‘+ Bx*+vy=0
napatnpoduev, &1t elvar tetdptov PabBuod kal &1L Tepiéyouv

uévov tag d&ptiag duvdapelg 1ol &yvdortou. Aéyovialr dé dia
to010 Siterpdywvor.
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‘H AOoig 1OV duretpaydvayv éfloboewv &vayetat elg iy
Aboly 1OV é§lodoewv To0 deutépou Pabuod, dg £ER¢ paiveratl
"Eotw mpog Adowv 1) é€lowalg
X‘—29%*+100=0 (1).
'Eav Béowpuev =, 0 elvar Y=y
“Qote 1) £€icwoig (1) ylvetal
Y — 29y - 100 =0.
Abovteg #idn 1hv devtepoB&buiov avrtiv éficwolv, edplokouey
Y'=—25 Kai P =4
“Qoxe § x’=125, &méte x—-+\25=+5
A x'=—4, &ométe y=T12.
“Qote al pifat tfic dobelong £Elodoewg elval al &&fc téo-
CapEeg X.= 5, X2a— —5, 2, X =—2.
Kata ta dvotépe Aowmov §) Adaoic tfic ¢§lodoewg
Sy =0
avayetal elg v Avowv tfig E€lodoewg
ay Byt y—0, &mov Y=y
'Eav 82 al plfal tfig devtepoPabuliov éEiodoeng elval ¢’ xal ¢,
al pllat tfig Biterpaydvou elval
x=+Vo. x=-—Vo,  x=+Ve¢. x=—Vy¢".
1. x. v&a Avdf ) é€lowolg
X‘— 7x*—144 =0.
‘Eav Bécwpuev X*=y, 1 doBeloa éfiowoig yivetal
P* — 7 — 144 =0,
tfic dnolag al pilal elval 16 xali — 9. "Exouev Aoimov

Y X? =16, dnéte y=+4

R =—9, éndte x—=3i.

*Qo1te ol pifar tfic dobelong ¢Eioboewg elval al
X4, Xa——4, e X~ —3i.

\
:
|
;
|
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157. ElSog 1@V plL@v TN SLTETpXYDVOUL £ELODTEWG. —
Ala va Bopev, &v pla ditetpaywvog é&flowoig Exn BAag 1ag
pilag tng fj pepikag pdvov mpayuatikag fj paviaoTikag, B4
¢€etdowpev tag pilag tfig devtepoPBabuiov, 7 dmwoia mpokOMTE
¢€ albtfic. Oltwg, £av mpdg TOV okomdv toltov pu&g 5obH . X. §
éfiowoig x*— 5x*+4=0, 8& &ferdowuev tag pilag tfig £€lod-
cewg Y —5¢+ 4 =0. 'Enedn] &2 tfic ¢€ioboewg adTiic al pllat
elvalr mpaypatikal kal &vicol kal &updiepal Betikal, ocuvayo-
uev, 51 kal al 4 pifal tfig diteTpaydvou elval mpayuatikal. Ak
b¢ mv é€lowolv X'+ 8x*—9=0 dpolwg edpiokoueyv, &1L éx 1OV 4
pulldv adtfic al 2 elvar mpayuatikal kal al &AAat 2 paviact-
kal, BLéTL €k TOV pll®V tfig devtepoBabulov Y-8y —9 =0, ai
omolat elvat paypatikal, 7 pla elvar Betikn kal f§ &AAn &pvn-
TikY). Téhog Bia v €€lowolv x*+-5x*+4=0 eOpiokopev, &1L kal
al 4 pllat elval paviactikal, diéTt al pilar fic Y*-+5¢-+4=0
elval Gupdtepal &pvnrikal.

158. "Av&Avoig SLTeETpay @vou TpLlwvO oL £ig yivouevoy
npwrofaduiny nmapaydvrwv. — Té tpidvupov ax'-+ Bx*+y
&dvaAletal el yiwvoéuevov mpwioPabuleov mapaydviov pd tov
idlov tpémov, pé Tov dmolov dvaAletal 10 TpLdvupov TOD dew-
Tépou PBaBuod (8§ 152).

Oftwg, &€av T x. Exwpev 16 TpLdOvLpoVv 4x*— 37x*+9 kal
Btcwuev x'=y, tolto TpéneTal elg 1o 4¢y*—37¢y 9. "'Emnedn &&
al pllal adtod elval 9 kal %. EXOMHEV KQTA T& yVeOTQ

1

42— 379 +9 — &y — 9y — )
s ¥ 1 \s
e i/ i 37x’+9=4(x’—3’)-[x’—(7) ]
P . 1 1
7, TéAog, 4)(‘—37)(’—{—9:4()(-—-—3Xx7-3)( - T)(x—f~ -2F)
"AAN 11BN mapatnpoluev, 811 ol &pitBuol —3,+-3,— —i— xal |+ ~—;—
elvat al piat oD dobévrog Bitetpaydvou Tpi@viuou. levikd®g
8¢, éav al plfal 100 Tptevipou ax*+Bx*+ vy elvar X, Xa Xs» Xao
8a elvat ax'+Bx*+v = alX —X: XX—X=XX —X:XX — X4)-
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"Aoxnoees.

397) N& AuvBolv al k&twbBlL £§L0GO0ELS:

1) x‘—26%x*+25=0 6) 36x*—12x*+1=0
2) x*—17x>+16=0 7) 36x*+—Tx*—4=0
3) x*+ 5x*—36=0 8) 10x*—21=x’
4) 25%*—26x*+1=0 9) 49y*-}-24x*— 25
5) 4x*—197x*+49 =0 10) 25224y =
398) N& AvBodv al k&TwBt EELoRoELG:
1) C3Xx*+-2) =42 6) X?;“ - x°2—9 =1
2) Of— 9 7)=8 S 5
3)  (taxx—3)=8 X =7
g O a0t 507 Shnc el o e
Xe—=12 8 8

B 10948

399) Na ebpebi] 6 &piBudg TAOV mpaypaTikdv pulldv 1OV
K&TwbL éfiodoewv mplv §§ AvBolyv:

1) x‘—18x*1-65 =0 4)  15xLt13x+2=0
2) x*+9x*—136 =0 5) x‘—14x*+149=0

l
I
|
:
f
,i 3) 2y —4x*+-3=0 6) 10x*—9,6x*-1+0,1=0
:
F

400) Na &vaivBodv elg ywdueva mpotopaduiov mtapaydv-
TOV TG TPLOVLUX

1) x‘—41x*—400 4) x*--48y*—49
2) 400x*—9%*—1 5) 36x*+143°*—4
3) x‘—24x*+-143 6) X' —3y*+2

401) Na ebpeBodv al ¢iodoeig, al dmolal Exovv pilag 14G6:
B b o, T2 3) 43 e %) kS N2

6 +Y7.t5

2) +1. +3 4
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159. 'E€lowoelg €xovoaxt pulika dsutépag TEEEWG.—
lov) Na Aubfi /i é&icwoig x —V x=2. "Evtadba Tapainpol-
pev, 8t 1) é€lowolg aldth Exel TeETpaywvikiv pllav, Omd TRV
omolav OMapyel 6 &yvwotog ¥X. Aid v& AbVowuev v £Elocwotv
adtiv (bg kKal tadoav &AAnv, 7| émola Exel Ev pLlikdv devtépag
ta€ewg), petaoynuatilopev adIRv elg &AAnv, /| omola va Exp
10 pilikov elg 16 Ev pélog kal xatdémyv 1fig véag E&ladoeng
Upoluev kai T& dGo pédn elg 10 Tetpaywvov. "Exoupev 82 olite

Xx—2=Vx «xal (x —2P=x AR x—5x+4=0
Abovteg 1jdbn adtrv, edpiokouev

X—4 ' =1
"Eav 11dn xauwpev v énainBevalv elg v SoBeloav éElowaoty,
nmapatnpodbuev, 811 4 — Vda=—4—2=2,

&AN 1—V1=1—1=0

kal 61 Toov pe 2. Tobro && cuvpBalver BdTL kata 16 O. 144

n é€lowolg Xx*—5x+4=0

elvat loodbvapuog mpoc v dobeloav kal mpdg NV
x+¥x=2 |

kal mp&ypatt, Bétt 1V 1 =141=2.
Snueiwors. Al tEodoag x—Vx =2 xal x+Vyx =2
Aéyovral cvlvyeic.
2o0v) N& AvBfj 1) é€lowaolg
X+ Vax'—2x—11=4.
"Epyaléuevol duoiwg dg &vw edpiokouev
Vaxy'—2x —11=4—y, 2x*—2x—11=(@4—x)" { x*+6x—27=0.
TAg televtalac 8¢ adtfic 2§iodoewe pllal elval ol
xX=3, x"=-—59.
"EnaAnBetouv 8¢ &ugpdrepar v dobeloav éElcwoiv. "Emo-
pEvag 1) ouluyng mpoc adInyv
x—VZx —2x—11—4

Bev Exel ovl3euiav Abouv.
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3ov) Na& Auv8fj 1 é€lowoig

Vaox—1—Vx—1=1,
Elc triv doBeloav éflowoiv mapatnpoduev, &1L Ondpyouv dlo
pilika devtépag TGfewg. Alad va Abowuev B8 adtiv, 8a 4&mwo-
pOvVOOoWREV TO Ev €k TOV dUo pilikdv elg 10 Ev pélog kal B&
OPhowpuey T& péAn 1fic véag £€looewg elg 1O TETPpGywvoV. Ba
ebpwuey 8¢ oltw &flowolv peé v pllikdv, TV Omolav yvwpilo-
UEV va AVwuev. "Exouev 52 oltw

VEx—T=14Vx—1
Kaxi 2x —1=(14+Vx—1)
fitoL x—1=2Vx—1. (1).
‘Eav fidn ta péin tfic véag avtiig éEloboewg OYdowpey elg 10
TETPpGYywVOV, eUplokouev

(x— 1P =4x—1)

fjTot X —6xy-+-5=—26 (2).

AGovtec 8¢ v éElowolv alvtnv elpiokopev tacg pilag
X' =5 x =1

‘H é€lowotg (2) elvar loodOvapog mpodg v (1), fitor mpdg TV
x—1=2Vx—1

Kal mpog Trv ouvluyfi ng

X —1=—2{x—1. (3).
AR N (1) elval looBOvapog tpdg 1ag Eflodoslg
\f’“{fl"ﬁ__\"ij:L e T T

7 && (3) elval loodbvauog mpdg tag EElodoElg
M TN — 11, NZp—T4Vi—i=1

“Qote §j £€lowaig (2) elval loodOvapog kal mpdg 1&g Técoapag
adtag é€iodhoeig. "Eneadn 82 al edpeBeloal pllat

X'=5 x'=1
énmaAnBeouv TNV dobeloav £€lowoiv, Emetal 811 al &Ahat Tpelg
EElodoelg Beév Exouv oldepiav Adouv.
14
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‘Aoxnnfoees.

402) N& AvBodv al k&1twbL 2ElodoEelg::

Vx+7=4 Ve—x =29 L VxFi2=13

=
Vx—9=19 314V 3x—11 =23 2\ x+>—3V x—0

BT S5 s e 243vx
N1 1NN 3—2y X
403) N& AubBolv al katwbL £ElcDoElg::

Vx+5=x—1 Vxtd=x—2 V1i—x=x+1
X+ Vx=2 x—Vx=2 x— VY x=20

x—2Vx—15=0 x—6\Vx4}5=0 x—7V x+10=0

6x+3V x=7x+2, x+V3Fx—4x—1. Véc—2x+4— - 2¢ 8

404) N& AvBodv al katwbd &€ iodoelg::

Vx+7=Vx+2+1 Vx—1=Vxt6—1
Vx—3+Vx+9=F6 Vax+2Vxt2=2
Vx+7—V5(x—2)=3  V3x+7+3V3x—a=7
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BIBAION A

IEPI HPODOAON

KEDAANAION |

A’. HNpéoder apBuntinzi.

160. ‘Opiopoi. — Aita v Lokl oepav 1OV &plBudv
1, 2, 3, 4, xTA. (1) yvopllopev, 81t kabeig TobTwY yivetal &md 1oV
nponyoUuevov attol Bid tfig TpooBéogewg Tfig povadog 1. ‘Ouolwg
xabeic TOV &plBudV Tfig OEPE&S TOV MEPLTTOV &GpBudv 1, 3, 5,
7. 9, xTA. (2) yiveralr &nd 1oV tpornyoluevov adtod dia tfig mpoo-
8toewc 100 &ptBuod 2. Ex 82 tfic cepag 1OV dptiwv &plbudv
20, 18, 16, 14, xTA. (3) Tapatnpoluev, 81t xabeig ToLTWY yiveTal
&mé 1OV Mpornyoluevov Bk Tfig Mpoobioewg ol —2. Al tolab-
tat oelpal &plBudv Afyoviar detduntixal mpdodor. “Qote :
*AocPuntiny mobodos Aéyerar ceipd dotPudv, tdv dnolwy Exa-
oroc yiverair &x ToD mponyovuévov tov Sid tijc mpooPécews €vds
xal Tod avro? dpiPuod.

Ot &p1Buol, ol émolol &moteholv mpbdodov, Aéyovial Seot
1fic mpodbouv. ‘O B2 orabepdg &pBudg, Botig mpooTiBEuevog
eic Exaotov Spov oxnuatilel tov énbuevov, Aéyetal Addyos Tfig
npobddou. Oftw Abdyog 1fig &vw mpobddou (1) elvar ¥ povag 1,
1fic mpobddou (2) elvar 6 2 kai tfig (3) elvanr & —2.

‘Opolwg i) ospa 19, 16, 13, 10, 7, xtA. (4) elvar mpbodog kai
Abyog adtfic elvar & —3, didTL

16—19=13—16=—10—13=xAnw.=— —3.

Wnepiomotr|Onke amé 1o lvotitouto Eknmaibeutikng MoAmikrg



Wneiomoir|Onke amé 1o lvotirouto EknmaibeuTtikng MoAmikrg h

212

"Eneldn) 52 1| Siagopda 0o Biadoyik®v Bpov uidg mpoddou
GpBuntikfic elval otabBepa (kai Ton mpdg 1dv Adyov), al &piBun-
Tikal mpdodot Aéyovial kai Tpbdodor xarda Scagopdr.

Ol 8poi tfic mMpobddou (1), dg xal tfic (2), mMpoPaivouy ab-
Eavéuevol, BiéTL & Adyoc abtdv elval Betikdg &piBudg kal Hia
to010 Afyovial adifovoatr, v 1) mpdobog (3), ©¢ kal | (4), ThW
omoiwv ol 8porL mpoPaivouy éAattobuevol, d16TL & Adyog aldTdV
elval &pvnuikdg, Aéyoviar gpdivovoar.

161. Elpeoig 100 Spou TOU KATEXOVIOG GPLOUHEVRY
T&EW &v Th MPpoddw.—"Eotw, 811 BfAhouev va elpwuev 16V
250v Bpov tfig &plBuntikiic mpoddou, 1fic dmolag npdtog Spog
elvar & 7 xal Aéyog & -1-3.

"AAAG t61E B& elval mpdtog Bpog 6 7, BedTepog & T3,
tpltog 6 74+-3-13=7-13.2, tétaprog & 7+3+3+3—713.3 kai
mpopavdg 250g elvar & 7-+-3.24=79. [evikd¢g B¢, &v & mpH-
10¢ Spog mapaoTadfj Sia 00 a kai & Adyog Bik 100 A, & Beld-
1epog Ba elvar a—+A, & 1pitog a+2A, & Téraprog a—+3A xal
6 v°S, 1V dmoTov &¢ mapaoTHo®UEY Bi&k 100 T, 8& elvat

av—1)A,  fizet T=—a-l{v—1)A. “Qaote:

“Exactos Spos dotPuntixijc tivoc mpoddov icobrar us wo¥
np@roy Soov avrijs avindévia xard td yiwwduevov To¥ Adyov Exmi
tov dotPudy tdv moonyovuévewy adrod Sgwv.

Obtwg & 150¢ Bpog 1fic mMpoddou 3, 5, 7, 9, xTA. elval &
3+14.2=31, & d& 310c 8pog Tfic Mpoddouv 70, 65, 60, xTA. elvar
6 70 -+30.(—5)=— —80.

"Eav 8¢ yvopilopev, 81t m.x. & 5°¢ 8pog ui&g mwpodbou
elval 6 —2 kal 6 10°< elvar & 8 kai Intijtan V) mpdobog, Exouey

10 gbonua a—+4A = —2
x-1+—9A=—8
£x 100 dmolou, Adovrteg, ebplokouev
5A=—10, nfrov A=2, xal a-+8=—2, fitor a=——10.

“Qote 1) {nrovuévn mpbdodog elvar | —i0, —8, —6 xTA.




npoddoug ;

o TN R o NN TR R S ~ B = T = B~ © <

v

R A S T B P L DI o SO SRR,

405) Zynuaticate drapdpovg &plbuntikag mpoddoug.

406) Tlotoc elvai

3
100,

3ax—28B,

407) Na ebpebi
150¢ &pog Tfig &pBuntikijc mpoddou 3, 7, 11....

250¢
206¢
430g
400¢
190¢
350¢
230¢
vog

vog

10eg
21og

»

>

»

»

»

»

»

»

»

»

»

»

"Aoxnoetc.
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6 Abyog elg 1&g K&EATWOL &PLBUNTIKAG

i Ty, A
89, 78, B
Uh HOLTS, p SE

4a—5B, 5a—8p....

» » 3 e o i S
» » 2 B2 i el
» » 80. 72, 64...-
» » 3, —1, —5....
» » 1, —;f, 7
1 3

» » R 3, 5'—4—.
» » L _3., '|

7 . el S ;
» » 7 e B
» » T3 —V. 0
» » a-+B. 2a, 3a—

» »

408) Na =0pedf} 6 mpdTog Bpog d&pBuntikijc mpoddou, Eelg
édmolav elvar T =51, v=15 xai A =4.
409) THic &pBuntikiic mpoddou 40, 41 —%—4 43, xtA. molav
1a&v katéyxel & dpog 52
410) *ApiBuntikiic mwpoddouv & 305 Hpog elvar —14 kal &
1505 elval 46. N& edpebij | mpdodog.
411) *ApBunTtikfic Tpoddou & 50¢ Hpog elvar 20 kal 6 2105
Bpog elvar 16. Na eUpebdfj ¥ mpdodog.
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412) N& ebpeBfj 1) npdodog, tfig dmolag & 1105 Spog elvai
36 kal & 200¢ elval 27.

413) "O 50¢ 6pog &piBuntTikfic Tpoddou elvar 13 kai & 908
elvat 25. N& e0pebfj & 705 Epog adTRG.

414) ‘O ¢&tfolog ploBog OmaAAnAov, Sotig Nfjto &Gpyikdg 9000
dpaxual, nOE&veto ped’ Ekactov Etog kKata 600 dpayudg. 'Ex
mapaAAniov al étfjolal dandvalr adtol, al dmolal Hoav &pyik&g
7500 Bpayual, nd€&vovio ped’ Ekaoctov Etog katd 750 dpaypds.
Kata molov Etog al damdval tou floav loat pg 1ov pioBdv tou;

162. "Afpowopax TV Spwv &plBunTikig mpoddou.
"Eotw, 811 BéAopev va elpopev 10 &GBpowopa K tdv &piBudv
3,5, 7,9, 11, 13, 15, 17, ol émolol, Snwg PAémouev, &dwoteAodv
&pBuntiknv mpbdodov. "AAN’ Evialba mapatnpoluev, &1L

3+17=20, £1+15=20 x.o0.x.

‘Emopévewg, &v ypaywuey

K= 34 5+ 7+ 9411+ 13-}15}+17
K——174~157713*H+ 9— 7+ 5+ 3

ExouEV 2K = 2OU72O—-L—20 20—20 20- —907~2O — 20 8
xel N— 2%8 —80.
*Eotw #dn, 811 ol &pBpoil «, B, Y,s.... p, O, T, TO®V Omolwv

16 mMAfiBog elvar v, &moteAoDv &plBuntiknyv mpdodbov uté ASyov
A xal £Eotw, 81l BEAopev va ebpwuev 1o &Bpolopua K 1OV Spwv
adTdv. "AAN f) dvoTtépw mpbodog yp&oeTal :

a, at+A, a+2N,....T—2A, T—A, T.

“Qote Exopev

LTS S L W e G e L S I PSR e
K=1t-+(rt—A )—L—(T—27\)ﬁ* ; f%(cx—r-27\)———(o:——)\)———cx
2K—(u+t)—|—-(a—l—t}-ﬁ(cx ‘ ‘c)+. 4 .—r—(q+t)—(a—--1)—~(cx~l-t)
fitoL 2K =(a}1)v xai K= (G_?)'}' (2)

fitol : Té ddgotopa td@v Sewv mdons dotPuntixijc mgoddov edgi-

1
l
w:
1
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- oxerai, dav moldandaciacdf 16 Hurddeoicua tdv dxewv Sowv
- mi Tov dotPuodov tdv Sowv.

'Exk 16OV &votépe bBE ocuvayetatr kal f) Bidétng, xata v
dmolav &y mdop dotPuntixii meodédw td dPgoicua dvo Sowy EE
loov dmexéviwy dnd tdv &xgwv elvar Yoov meds 10 ddgotoua

. 1@y dxowv.

Snueflwots . 'Eav &v 10 10T (2) &VILKATXOTAOWHEY

16 T BLd 1ol foou Tou a-+(v—1)A, Aaupavouev

[etatHv—1Alv __ 2av+viv—1)A
K=SreTh Ay Sode—

. Hrou K=av-+ \(Y—z-_—”—.?\ (3).

Arx 100 TtOMou (3) svplokopev 1o K, Stav yvopllopev 1
a@, v kal A.

I15. 1) Na e0pebBfj 10 &Bpolopa maviwy TOV drepalwv
&plBudv &mwod 1o0 1 péxpt 100 500. Téte Exopev a=1, Tt=>500
kol v=>500. "Qote elval

K =A1T29020 _ 425350,

2) Na eOpebf) 10 &Bpolopa 51 pwv 1fig &plBuntikiic Tpoosd-
gov 3. 7, 11, 15 xTA.

Kata tov tOmov (3) Exopev

K=351+ 222 4—153-} 5100
fjToL K = 5253.

Snueiwotes B'. 'Emi 1fic &votépw [Biétnrog mepl 100
&Bpolopatog dVo Spwv E§ loov amexdviwv &nd 1OV &xpwv
kTA. onueloluev, &1L, 8tav & &pBudg TdvV Bpwv elval mepLTTog,
& ueoaiog Spog looltar pi td HuiaBpoloua @V &xpwv. Obtwg
elg v mpdodov

1941
T oA Tt 130 168 T elven 10= ok

‘Emouévemg, Stav ol &xpot &pot elvar m.x. 2 xai 340 xal 6

&plBudg tdv Spwv elvar 31, 6 169¢ dpog elval &

24340 _ 4
: :
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Oltwe &plBuntikdv péoov 1OV &pBudv 3 kal 15 elval &
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~o
?__uz 135

163 lMapeppois &plBunTik®dv péowv.— Elg v &ve-
tépw mpbodov 1, 4, 7, 10, 13, 16, 19 mapatnpoduev, 81t & Spog 4
elval &pBuntikdv péoov 1AV ékatépwblev adtod Spwv 1 kai 7,
Emiong, 611 6 7 elval &pBunTikdv péoov TAV 4 kal 10 kal & 16
elval &piBuntikdov péoov td®v 13 kal 19. “Qote duvapeda v&
elmopev, 61t perafd 1 kal 19 Omapyouvv 5 &piBunitika péoa.
“"Hdn mapamnpotuev, 611, éav u&c InmBf va mapeupaiwopev
petx€d 1 xal 19 wévre &plBuntika péoa, fitol 5 poug, ol dmolol
HETG TOV | kal 19 va admoteholv &ptBuntiknv mpdodov, B& oke-
POBuev &g EETig: Ol 5 adtol Bpotl peta TGV 1 xal 19 x&uvouw
5-1-2=7 Spouvc. “Qote elvar 19=1-(7—1).A" 2 adtfig B2 Aap-
Bavouev A = ——]9—;] = 3. “Qote 1 Inrovpévn npdodog elvar

h& 71003 ,06,38,

levikde B¢, ¢&v petald a kal B BfAwpev va mapeuBa&A@uey ¥
apBuntika péoa, 10 MAfBoc 1OV Spwv Thc {nTovuévng mpodbou
elvar v+ 2.
“Qote elvan B=a-({v-|-1)A

= _B_TC! :
e v41

Gpa 1) {nrovpévn mpdodog elval

€€ fig AauPavousev

I B—«x 27 B‘*—C(
‘T—"‘;:I—. 0:E2Vﬂi;1-....

Obtwg, 6tav Inthitar v& TapepPAnBodv petafd 2 kal 10 1pia

a, x

GpBunuixa péoa, Ba Exwpev )\=%=2 xal 1) mpdodog 7 T
Tovpévn Ba elvau 2y 4.6, 8,10,
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'"Aoxnocetg.

415) Na& e0Opebfj 10 &Bpolopa maviwy 1OV &kepalwv &pi-
Budv &mod 100 1 péxpt tod 300 xal yevik®g &md 1ol 1 péxpt
100 V.

416) N& eOpebBfj 10 &Bpoiloua tdv 100 mepirtdv &plbudv
&nd toD 1 xai Epeffic xard oelpdv kal yEVik®g va &Opebfj 1o
&Bpolopa TOV MEQLTTAOV &ptBudy &md 100 1 péxpt 100 v.

417) N& eOpebff 10 &Bpolopax 1OV 43 Spwv &plBuntikiic
npoddov, THig dnolac elvar a=42 kal 1=198.

418) N& e0pedfj 10 &Bpolopux 1@®v 40 Spwv &pBuntixiig
npoddov, Tfig dmolag elvar a=21 kai 1=294.

419) Na ebpebi] 16 &Bpolopx
16OV 20 mpdrtwv Spwv 1fic &p1B. Tpoddou 1, 4, T

- 27 » » » » » AR 4 il B e

13 » » » » » 3 1f S8 (I RN

» 20 » » » » » 7,9%—. 11%....
25 » » » » » 1'.1. ‘14_2__ 14

» 2 g 1 35 N

420) Na& eOpedf 10 &Bpoilopa SAwv 1®V moAhamAiaciwv 100
' 5 1oV mepiexouéveov petafd tod 1 xal 100 200.

421) Na& e0pebfj 10 &Bpolopa SAwy 1@V mMoAAamiaciov 100
3 1&v meptexouévev petaf 20 xai 100.

422) *O mp®tog 8pog &pBuntikijc mpoddou elval 3 kal 6
306¢ elvar 148. Na& e0pedfi 10 &Bpoioux t@v 30 MpdTwY Spwv
adTfg.

423) ‘Qpoidylov kKtumd pbévov tag Hpag. Na edpedfj oo

| KTUTTHOTa KQUVEL évtoc £vog Nuepovuktiov.
' 424) Xpéog 1L EMANpdOn -Biad unvialov Béoewv Evidg £vog
Etoug. ‘H mpdtn unviala 86oic fjto 500 dpy., 1 devtépa 550
dpx., N Tpitn 600 dpx. x.0.k. Elg mboag dpaypdg 4dvfipyeto 16
~ Xp€og:
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425) B¢ v Tic V' &voplEn ¢Ppfap, CUVEPDOVNOE HETG TOV
épyatdv d¢ £&fig. Ata 16 mpdTov pétpov 100 BABoug va WAN
poon 50 dpx., Bia 16 dedtepov 100 kal Bia 1o Tplrtov 150 xai
o0t kaBekfig, Bl Ekaotov &émbuevov pérpov 50 Bpy. mEpLOCOTE:
pov. To U8wp edpidn elg B&Bog 18 pétpwv. [Néoov Ba mAnpdoy:

426) Nvopllouev &k Tfig QuOLkiig, 8Tt odua TL Papld, a¢it-
pevov éAe0Bepov £E Oygoug, Biaviel elg 10 mpdTOoVv BevTEpOAE
ntov 4,9 pétpa kal elg Ekaotov énduevov 9,8 pétpa mMEPLOCOTE
pov &md 8,11 Bufjvuoev elg 16 tponyoduevov. Na eOpebdij to Oyog,
¢€ o0 katémece odua Tt elg TV yijv, Srtav & xpdvog tfig WTL:
oewg elvar 12°°. ("H &vilotaoig 100 &épog Bév AauPaverat
O’ Byv).

427) Zdpa 1L dpletar éAedBepov € Owoug 490 uErpov.
Meta méoa Bevtepbremta Ba ¢pB&on elc TV Yijv:

428) Na e0peBfj 10 &Bpoiopa TV 12 mphtov Spav
&pLBunTikfic Tpoddou, 1fig dmolag & 3og¢ Bpog elvar 18 kai &
90¢ 48.

429) 'ApBuntikfig mpoddou elvar a=7, v=12 kai K=414.
N& ebpebf} 6 T dg kal & A.

430) *Ap1Buntikiic mpoddov elvat a=5, =59 kal K=621L
N& ebpebfj 6 v kai & A.

431) 'Enlong &ptBuntikiic mpoddov elvar 1=208, v=32 xal
A=7. Na& eOpeBolv ta a kai K.

432) Na eOpeBolv ol a kal v, 8tav elvar =30, A=3 xal
K=162.

433) 'Emiong va edpebodv ol T kal v, Stav a=1, A=3 xal
K=145.

434) O 3o0¢ 8pog &pBuntikfc Tpoddov elval 18 kal & 7og
54. Na& €bpebfj 6 a xkal & A.

435) Te &Bpolopa TPLd®V &pBudv év &piBuntiki]y mWpodde
elval 9 kal 16 T®V TeETpaydvev Tov elval 45. Na eOpebolv ol
&p1Bpuol obtol.

436) To &Bpotopa 5 &plBudv &MOTEACOVI@YV &PLOUTTIKIY
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npdodov elvat 35, 16 teTp&ywvov &¢ 100 tpltov Spou UmepPalvel
10 ywvéuevov tod mpdtou &nl tov TEAELTalov katd 16. N& ed-
peBolv ol &piBuol oltol.
437) Al éElodoEelg
t—a+(v—1N kal K=-STIV

ouvbéovv petaxfl TV TOoUg TWEVIE &plBuodg «, A, v, T Kal K, éx
1®v énolwv, G¢ yvoplfouev, eOplokovral ol dVo, tav ol &AAol
1peic elval yvwotol. AuvaueBa Aowmdv éni tdv &pBudv 100~
T@v v& mpotelvopev déka didgopa mpofAfjuata. ‘O Katwiépw
nival deikvisel 1a mpoPAijuata altd, €k TOV OMOl@V UEPKE
£B6Bnoav mponyoLUEV®G.

Asdoueva Zntolueva Asbouéva Znrobusva
Jov. v, 1. K er A Hov e K A, E
oy - AT, K X, ¥ FON e, Vo A dK
oV A v K X T 8ov o, A, K V, T
oV X VT a, K 9oV o, N, T v, K
Sov o, T, K A,V 10ov a, A, v G ol o

Adoate Spoia mpoPArjuata pé &plBuntikda dedoutva.

438) Na mwapeupAndolv petafd 1 xai 33 &nta &plBuntika
uéoa.

439) "Eav petafd dl0o diadoyxikdv Spwv &ptbuntikijic mpod-
Bov TapeuPAndh & adtdg &pLBUSg &plBUNTIKAV pEgLY, oXnuati-
Letal véa mpdodog ouveEXNG.

440) Metafd do Biadoxik®v Bpwv tfic mpoddov

1; g S
va mapeupPAnBodv 3 &piBuntika péoa.

B'. HIpécdor ysuperpinxi.

164. 'Oplopoi. —’Extog T®V mponyovuévov oelpdv Omép-
xouv kal &AAal oelpal &piBudv, m. x. f) oepa 1, 4, 8, 16 xTA. (1).
Eil¢ adtijv PAfmopev, 811

e e e 16=8.2 w.c.K.
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Al tolaltal oelpal Aéyovial ngdodot yewuergixal. "Qote: ITgéo-
dog yewuerginyy Aéyeratr cgeiga dotPudv, t@v dmoiwv Exactos yi
vetar €x oD mpomyovuévov tov Oia to¥ mollanmdaciacuod éxi
£va xal tov adtov dotFudv.

Ol &piBuol, ol dmoiot &moteAodv mpdodov, Aéyovtalr dpor
alTfig, 6 82 otaBepdg &pBudg, Botig MoAAamAaoidlwy EKao1ov
Spov bibeL tov Embuevov, Aéyetal Adyog Tfic Mpoddou.

Ob61w Adyog tfic &ve mpoddou elval 6 2. “Opolwg f ocepk

1 1 1
], T, T, —8— KTA. (2}

elvat mpbobog yewpetpikh, T Omolag & Adyocg elvar r:}

SR RN BT e
-2-—-‘ N == LOLK.

diéT ele=5+v % 2 B =

L
2
‘Opolwg Tfig yewpeTplkijc Tpoddou

1 1 1
e s e el e @)

Adyog elvar & —% "Emetdny 8¢ 16 mnAlkov B0o Biadoyxikdv
Bpwv uiag yewpuetpikiic mpoddou elval otaBepdv, Afyetar alty
kal mpbdodog xara swndixov.

‘H mpdodog elval aifovea, £éav ol Spor adtfic Aaupavéue:
voiL &moAVtwg, mpoPalvouy abfavéusvol, dnep ocvpPaliver, dtav
6 Aéyog kat’ &mbdivtov Tiunv OnepBalvn THv povada 1° @i
vovoa 8¢, £av ol bpor kat’ &mdAvrov Tiunv mpoPalvouv EAar-
Tobuevol, émep cvuPaivel, tav & Adyog elvar pikpdtepog THig
povadog 1 kat’ &méivtov TipfRv. Oftwg 1) mMpbdodog (1) elvar
alifovoa, al 5& (2) kal (3) elval pBivovoal.

165. EUpeotg ToU Spou To0 KATEYOVTOG WPLOPEVV TG-
Ew gv yewpeTpiki) mpoddw.—"Eotw, 811 BéAouev va edpouey
TOv 70V Spov 1fi¢ YEWUETplkijc Tpoddou, 1fig dmMoiag mpdTog
8pog elvar 6 2 xad Abyog & 3. "AAAG 1t61e O6& elvar mp&TOg
bpog & 2, Betepog 6 2.3, Tplrog &6 2.3.3—2.3* =éraproc .8
2.3® kal mpooavdg ERBopog elval &

2.3°=2.729 = 1458.
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Fevik®dg 8¢, &v a elval & Tpdtog Epog yEWUETPLKIG Tpoddou kal
A & Aéyog avTtfig, & deltepog 8pog Ba elvatr ai, & 1pitog ali?,
& Tétaptog aA® kal & v°5, 1ov dmolov, &v MapaTTHOWHEV Bia
7, 8 elvar ar¥~!, fjtot T = aA'~). "Htoi: Eic ndoav yewucrotL-
x7v mgdéodov E£ractog Opog icoDratr ué Td yivducvov ol mowiov
Spov énl dvvaury toD Adyou, Exovoay éxdény tdv dorPudy tdV
mponyovuivwy Sowv.

1) Obtwg & 100¢ &pog tfig Mpoddou 3, 6, 12, 24 kTA.
slvar 3(2) —3.512 — 1536, & 200c 8poc abirfic
» 3(2)'® = 3.524288 = 1572864 kal 6 25905 &pog
>  3(2)* — 3.16777216 — 50331648.

INaparnpobusev 8& elg 16 mapdderypa adtd, 61, £€¢° dogov
npoxwpoluev elg 8poug peyaiviépag tafewe, £€mi toocob1oVv ol
Spot yivovrair peyaiirepol. ‘Emopévog duvaueBa va AdaBopev
8pov peyaAUtepov maviog &pitBuod, doovbrmote peydiov. "H,
ué &AAoug Adbdyoug, b Gpog T&Eewg v abfavel aneplopiotwg Kal
Teivel mpog 1o amelpov, dtav kal 6 v adfavy duolwg xal Teivy
nwpog 10 &mneipov. Kai to0t0, didéTL elg v mpbdodov adthv, 1 -
mola ypagetratr 3, 3.2, 3.22, 3.2° ktA., ol duvauelg 24, 22, 29, 2* k1A,
elvar SAatr peyaidtepat tfic povadog 1 (&wedn 2>1) kai Pal-
vouv cuvex®¢ abfavéuevar. ‘H BOvapig hotmov 2¥ (6mov v &ré-
patog Betikoc) dOvatalr va yilvn peyaiviépa maviog &piBuod,
doovbnmote peyaiov, Stav & v yivn lkav@g uéyac.

To avotépw dmodeikvietal edkdhwg, 81t &AnBedel kal elg
n&oav alfovoayv yewuetpiktjv mpdodov.

2) Awa 1Tv yewuetpikiv mpdodov 16, 8, 4, 2 kTA. ebploko-
pev, &t

1

& 8og 8pog elvar 16. B T 0,125

2 218
& 1505 » » 16.(%)":16.3?;5:0.0009765525 xad
& 200 » » 16.(%)"":16.5—5‘:—285: 0,000030502.. . . .

MNapatnpoduev B 1jdn el 16 map&daiypa adid, 81, é¢’
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8oov mpoxwpoduev elg 8poug peyarvrtépag t&Eewg, £ml toool-
tov ol §pol ylvovrar pikpdtepor. “‘Emopévorg duvausba va Ad
Bwuev 8pov uikpdtepov mavidg &piBuod OSgovdnmote uikpod.
"H p¢& &AAouvg Abyoug & 8pog t&éewg v TElvEL Ipdg 1o O, Stav
6 v abfavy kal telvy npog 16 &melpov. Kai 1o0to ST €lg v
mpbdodov adthv, 1 dmola ypapeTal

16, 165, 16(5). 16(5)
al duvdauelg (%)l (—;—)’, (—;——)’ KTA.
elvalr 8Aal puikpdtepat Tfig povadog 1 (ém»:l.&ﬁ—} <1) xai Bai-
vouv guvex®¢ éAattodpevatl. ‘H dOvauic Aoimdv (—;_,—)u dovatat
va ylvy pikpotépa mavtog &piBuol, dcovdnmote pikpoD, Stav
6 v ylvp lkavég péyag.

To dvotépw &modeikvietal edkbAwg, 81t &AnBelEeL kal elg
n&oav ¢blvovoav yempetpiknv mpdodov.

'"Aoxnoets.

441) Zynuatioate dlapdpoug YEDUETPLKGC Tpoddoug.
442) Na ebpedij 6 Adyog elg Ta¢ KATWOL YEWUETPLKAC PO

6Boug :
4, 12,36, 108, .. S el B L
s e e
L =39 =07 i i B
B, =4, 2w 1 o
R R s X5 XU, X, Xt ...

443) Na& ebpebqf

6 7o¢ Bpog Tfig yE®HETpLKTC tpoddou 1, 3, 9....
& 6og. » » » » 3 PR R |
1 1 1
o) 8o » » » » g i e Tl
1 1 1
G B o » . 2 B DU
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4 60 Bpog tfic yewuetpikfig mpoddov S0, 208, STO0. s
6 8ocg » » » » 54, —18, 6....
1 1 1
b 100§ » » » » —6-4—, ?2—. .ﬁ e
& vOg » » » » ]ﬁl ,L‘ ,1
X % x

444) "O 505 8pog yewpuerpikfic mpoddou, 1fig dmolag 6 Adyog
elvar 4, elvalr 768. Na ebpedfj ©§ mpdobog.

445) ‘O 605 8pog yewUeTpLKiig Tpoddov, 1fig dmolag 6 Adyog
elval —;—. elval 4 -%— Na ebpebfj 7| mtpdodog.

446) 'Ex BapeAiov, 16 dmolov mepléxel 256 ox&dag olvo-
wvebuatog, &paitpoluev 16 fjultov 1ol mepiexopévou, Emelta 1o
flutov tod Omololimov k.0.k. énl 8 popag. Tl mooodv olvomvebua-
tog Ba pelvn elg 10 BapéAlov;

166. MaxpepPorl] YEWUETPLKDV pEéowV.— Na mapeupa-
Aouev petafd B0o Babéviwv &plBudv a xai B, v YEQUETPIKK
péoa, onualvel va napepféiopev petafd 1®v dobéviwv &pi-
Budv v 8poug, ol dmolot petd TOV Bobéviwy v’ &motehodv yew-
ueTpikiv tpdodov, tfic dmolag & mpdrog Hpog va elvar & a kai
TeAsuTtaiog & B.

"Eav A elvar & &yvwortog Adyoc, Exouev, Emedn 10 mAfjfog
16V Spov elvalr v+-2, B—a it

v+1

£E fic AauBavopev AvH! =.2_ xexl A:\fﬁ :

@
&pax f) Lnroupévn mpbdodog elval

v+1

- vl vl

% ol aNE L ayr e
Obtwe, &v BfAwuev va mapeppéropev petafd 1 kal 16

tpla yewuetpika péoa, B8a Exwuey ?\::f_ﬁ;=2 xal ¥ Intou-

pévn mpéodog Ba elvan 1, 2, 4, 8, 16.
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"Aonrjoecc.

447) N& mapeupAinbodv petafd 1 kal 10 E2vvéa yewuetpikd
péoa. :

448) ‘Opolwg va mapepPinbodv 5 yewperpikd péoa ue-
Tafd 54 xai —% ©¢ kal petafd 21 kal 43 *

449) 'Eav petafd 800 Biadoxlk®v Spwv yeEwUETpLkic Tpod-
Bov mapepPAnOf] 6 adTég &pIBUSC YEWUETPIKAOV péowv, oxnua-
tiletal véa mpdodog ouveync.

450) Metafd 1@V daboyikdv Spwv tfic Mpoddou 1, 4, 16,

64, 256, va mapeuPAnbf &va Ev yewuetpikov péoov.
167. "ABpolopax T@V OpwVv YEWUHETPLKIG Tpobddou.—
"Eotw mpodg ebpeoiv 16 &Bpolopa
K=a+aX -+ ar’Fak*}...acA¥! (1).

'Eav ijdn moAhanmAaoi&owuev ta lox &wi Tov Adyov A Tiig
YEDUETPLKTC TTpoddou, ebplokouev

KA =oA+ ar®>t+ aA® ...+ al” (2),
dpaipobvieg 88 kata péAn tdc (2) xal (1) edplokopuev
KhA—K=a\'—a # KA—1)=a\'—«
kal &v 6 A diagépn Tfic povéadog 1,

aA\¥ —a aA’ — 1
K — e w5
i, &v ypaywpev K= alv;ﬁ?ﬁu SER T t;‘i]‘ci (3)

fitor: To dPpotoua tdv Spwv uids yewuergixijs tpoddov eploxe-
rat, &v 6 telsvraios wollanlaciacPfj éni tov Adyov nai dsrd rob
yivouévov dpaioedfj 6 modrog Sgog, 1o 88 Dmdlotmov Statpelj
dia oD Adyov Hlarrwuévov xara movdda.

v
Znpelowoig o’. O tOmog K= —q(-;i-__] 3 XproLuomoLETTalL

Bl thv elpeoly 100 K, 8tav didwvtar ol &piBuoi a, A kal v.
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[16. 1) Na&a ebpebij 10 &Bpolopa
K=3-+4+6-+4+12424+448-}-96 4 192.
'Evtabfa Exopev a=3, 1=192 xal A=2.

“Qote elvan K$%=§4r3—=381.

2) N& ebpebf] 10 &Bpoiopa TOV 1L mMpdrwv Spwv 1fig yew-
peTpikfic mpoddou 1, 2, 4 kTA.
LRe—1)

2—1

3) Na e0pedfj 10 &Bpolopa T@®V 8 mpdrwv Spwv tfic Tpobd-

Sov 27, 9, 3 kTA.

“Exouev K= 2" —1 =1024 — 1 = 1023,

"Exouev
= 27'[(_:]‘»')8 %= 11_ o 27(_ g_ggg)_, __ 27.65603 __ 3280
% - % _% &612 A

4) Tpeic &pibuol elvan &v yewperpixij mpodde. To &Bpot-
oua abt®v elvat 39 kal 7 diapopd 100 MpdTou &nd TOHV TPl-
tov elvar 24. Na e0peBolv ol tpeig oltol &piBuol.

"Edav ol Inroduevor &piBuoi elval ol a, al, a)?, Exouev

a4+ aik + aA?* =39 R a(l —A--A)=39
aA® —a—24 4, a(A? — 1) = 24.

AlcxipoOvreg 1ag £€lodoelg abtag kata péAn edplokouev

JEa N B
- e b

EE avtiig B¢ elploxkopev v é€locwaoly
5A* — 8A — 21 =0,

1fic dmolag pilatl elvan A=3 # -—*;— “Qote elvat a=3 §

25. Ol Cntobuevotr Aowtndv &piBuol elvar ol 3. 9, 27 {§ 25, —35, 49.

15
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451) N& eUpebfi 10 &Bpolopa
16V 6 TphTwy dpwv TAg yEwu. mpoddou 1, 3, 9,....

AC T » » » » » 7k 1 SR o SeBL
-»- -8 » » » » » 1, 10, 100,
S » » » » » 5, 1505 e
¥ 6 » > » » » 120, 60, 30,
» -8 » » » » » 1 TS
Ahs g
3 3
» 5 » » » » » 31—&—-, -ﬁ‘
I | » » » » » _1_ e i
3 ¥ 2 ] 4 1

452) N& e0peBolv Tpelg &piBuol &moTeEAODVTEG YEWDUETPLKAY
npbodov, tfic dmolag 6 mpdTog Bpog elvar 36 xai 7N diagopd
altol &md tol Tpitov elvan 28.

453) Tpeig &piBuoi elval v yewuetpiki] mpodde. To &bpor
opa avt®v elvar 35 kal §j diagopd 10D mMpdTov &md Tod TPb
tou elvar 15. Na ebpeBodv ol tpeig obrot &piBuol.

454) N& peploBfj & &pibudc 91 elg tpeig &piBuolg, ol dmolot
v& &ToTeEAODV YE®UETPIKTYY mpbodov, & BE TteAevtalog va OMER:
Balvp 1oV Mp&TOV Kata 80.

455) TpLdv &plBudv év yE@UETpIK]] mpoodde 16 &Bpoloua
t®v d0o mpdrwv elvan 10 kal 16 &Bpolopa 1@V do TeAevTalay
15. N& ebpeBolv ol tpeig obtol &piBuol.

456) TpL®Vv &plBudv &v yewuerpikfy mpoddw 1d &6poloua
1OV 800 mphTwy elvarl 20, 16 52 &Bpolopa Tod mMpdTOoL Kal Tl
tpltou elvar 68. N& e0peBolv ol &piBuol obtoL.

457) Tpelc &piBuol elval &v yewuetpikij mpodde. "Exouv &8
&6potopa 21 kal yivéuevov 64. N& edpeBolv ol &piBuoi obtoL

458) 'Eav 1—y, 14X xai 35—y &moteAodv YE@UETPLKIY
npbodov, va eOpedi O x.
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459) 'Eav x—+2, X—2 kai 8—yx &moteAodv YEQUETPLKNV
nmpbodov, va edpebf & x.

168. "ABpolopax TV Spwv POBLVOLONG YEWUETPLKTC
mpoddou £xoliong &neipoug Spovg.— "Eotw, 1L BEAouEV v
ebpouev 16 &Bpoloua TOV aneipwv Spov Tfic ¢Oivodbong yewpe-
Tpikfic mpoddou 16, 8, 4, 2, 1, xTA. "AAN’ elg 10 mMapadelypa
To0710, £&meldn] olte 1OV TEAELTCalOV Spov Buvaueba va yvopi-
Zwpev, olte 10 MATBog 1AV Spwv, Ba EpyacBduev dg £EfG:

: = il %
& 10OmMog K—=«-. e
yoaoetar kal ©¢ £&fg:
a—onY 5 I e

M ot

Kata tov tomov Aowmdv todtov 16 &Bpolopa

: 16 16(3)’
TV 3 npdtrev Spwv elvar: 5 — i
— y e
134
16 ]6( z)
» 4 » » » e e
]'— 2 1'_" '2'
1
16 16(5)"
» 5 » » » e
1- 5 1— 3
16 16(3)’
» 6 » » » e K.O.K
1—- 1— 3
"Hb&n mapatnpoluev 8ti: “Exastov 16V &votépoe

&Bpoloudtv elvar diapopa BGo &plBudv. ANN elg Sha &

uelwtéog elval & adtdg &plBudg -—1—]—6-1-, v O &opaipetéog elval
B

diagopog. "Emeldn 8¢ al duvaueig (—;—)s (—;—)‘ (—;—)5 KTA. Bai-

vouv éhattobueval (§ 165,2), Emetarl, 1 kal ol &paipetéol Baivouy
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EAatrtoduevol kal BUvavtal va yivouyv pikpbtepol Tavtog &piBuold
ooovdnmote uikpoOl, 8tav & &pibudg TV Spwv Tolg dnoloug Aap-
B&avouev elval &pretautyag. [1.x., tav npooBéocwuev 1000 Spoug,

1 1000
16 (5
& &palpetéog (2).[ elvar &ié&xiotog. "Emopéveog 10 &bpot-
==
2

16

oua alT®v EAGyloTa diagépel 10D &ptBuod 5 Oa OSiagépn

2
Bt axdun dhydiepov, tav mpoobfowuev mMEpLogoTépoug Spoug.
"AgoD Aowmtdv, &9' Boov mpoxwpoluev kal mpooBfétouev Biap-
k&g neplocotépoug Bpoug, & dpalpetéog TelveL Mpdc 1O undéy,
Emetal, 6Tt 16 Inroduevov &Opoiopa Telver mpodg 1OV &plBudy
1363 . AU B Aéyopuev, 811 10 &Bpolwopa TOV aneipov Spov T
3
doBelong yewpetpikfic mpoddou elvar 1-61 , fitot elvar K =32.
-3
levik®g 5¢ 10 &Bpoloua

v

- g
maviev 1Ov 8pwv @Blvodong yewuetpikfic mpoddou, Exol-
'izk . AiéTi, btav
A<<1, 7 BOvauig A" (Bmov v &xépailog Betikdg) elvar pikpotépa
Tfig povadog kal yiverar ocuvex®¢ uikpotépa, Stav & v ylveral
peEyaAUTEpOg, Kal TEiVEL Mpdg 10 undév, Stav & v 1elvn mpdg 18
amepov, guyyxpdvwg B¢ telver mpog 10 undév kai & &pLBudg

_li—l.l'. *Amodelkviovtal dE tabra sUkdéAwc. “Qote, Stav

ong &mueipoug Bpouvg, &mMOoTeEAET 1OV &plBuodyv

mpooBéowpev Tovg &amnelpoug Spoug, Exopev K = "IE—A—"

[M.x. 10 &Bpoioua TdO®Vv &mnelpov Spwv TAC YEDUETPIKS
1 1 1
T S e

elval & &pLBudg M— _‘11_'1‘ == %.
s

npoddov 12

ulNl —
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1fic 8¢ mpoddou a, .':_;:_ fl% ek
elvar &6 &pBuodg K= _]_j’f= ,j o

t "Aoxfoeec.

460) Na& eOpedfj 16 &Bpoloua TOV dnelpwv Bpwv Exaotng
. TOV YEQUETPIKOV Tpobdduv:

5 5 15

5 i B 6 2. = 2
1 5 o B 5
2) ]0. 5. 2—2". - & = 7) 0,555....: E*“I—' 100 +-I@'—r....
3 12 4, —_‘;—- 8) 0,5888....
9 o o \? o \®

e 9 5 (&) (F) e
- 18 | TRE ) Ve b, — Va=1)

Vax

461) O mpdtog Epog PpBivoLong yewUeTPLKAG Tpoddou elval
12, 10 8¢ &Bpolopa 1OV &nelpwv Spwv adtfc elvar 18. Na& eo-
PEBT] 6 Adyog alTijg.

462) Té &Bpolopa 1OV &nelpov Spwv ¢Bivolione yewue-
tpikfic mpoddou elvar 9, & &¢ Bedtepog Spog adtfic elvar 2. Na&
eUped] 1) Tpbdodog.

463) ‘O mpdrog Bpog yewuetpixfic mpoddou elvar kata 3
ueyaAdtepog 10D Beutépou, 16 B¢ &Bpoloua TOV &nelpwv Spwv
abtfic elvar 27. Na ebpebij #| mpdodoc.

464) lNewpetpikiic mpoddou & mnpdroc Bpog elvar 16 -
100 &Bpolopatog 1dV &melpov Spwv adtfic, 16 8¢ &dpoloua
T®v B0 mpdtwv Spwv elvar 20. Na& edpedfj 1| mpdodog.

465) Elg doBtv tetpaywvov &yyp&pouev &AAo TeTpdyw@voyv
OUVATTOVIEG Ta péoa TGOV WAsLpdv alitod, elc tolto W&ALV
GAlo x.0.x. elg &neipov. Znreltal a’) 1o &GBpolgua TV mEpLE-
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TPV TE&VIOV To0T®Y 1AV TETpayd@vey kal B’) 16 &bpoiouax TGV
EuBab OV alTdv.

466) Na AvBfj 10 adtd LAtnua, Stav Bidetral lodmAsupov
Tplywvov.

467) Elc 5oBévra kOkAov £&yyp&oopev tertpaywvov. Elg
to0to éyypddouev kOkAov, el ToDTOV &GAAO TETPAY®VOV K.O.K
el &mepov. Na eOpebfj «’) 16 &Bpolopa TGV EuPaddv 1OV Ki-
KAV kai B°) 10 &Bpolopa TGOV EuBaddV TOV TETPAYOVEV.

468) Na& e0pebfj 10 &Bpolopa 1@V &mneipov Spwv Tfig 0Lpasg

L SCop Ol MY S X
dn e e T ""+2v+""
Snuelwoeg. 'H ospd aldtn &varietal elg tag npobddoug
1 1 1 ;e
++5+5+wEtmt--
(e Brana oty
v g o e S
1 1 1 |
T —6— 3*2—"‘,—' K.0.K.

469) Elc &pioev &v 1] drabfky tov, Tva al 19 &yeladeg
tov poipacBodv elg ToOg TPElg LIODG TOU ©C £€fic: 'O mpwTth-
TOKOG va& A&Pnp 1o % adtdv, 6 debtepog 1O —;* kal O TeAev-
Talog 10 % aOT®Vv. 'AAN" Emeldny Bi&v NBOvavio va K&pouy
obtw TV diavouny, katépuyov el 1OV TMpoeotdv 10D Xwplov
tov, 8ot Exaue 1o £Efc: [NpoofBeoev elg tag 19 &yehabag
plav If}LKf]v tou. Ot 6¢ &x TdV 20 dye?\dﬁmv EraBev & mph-
ToE O 2 fitot 10, 6 dedbrepog 1o .r}tm 5, xal 6 1pltog 1

—5-. fitol 4. "Empaypatonoifn 8¢ oftwg 1 B€Anoic 100 BLabE-
tov kal & Tpoeotdg EAaBfev dmliow TV &yeA&da tou. Tldg

ouvEpn tolto ;
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Aborg. ‘O mpoeotog eldev 81t 6 drabérng Bévelpe 1a =5
1fig meplovoiag Tov elg Tovg LIoVG Tou. “Qote, Stav mMpootdeoev
b6 mpoeotdg plav &yehdba elg tag 19, ol vlol EAafov 14 ;_3
T®v 20 &yeAadwv, fjtol 19 kal ékelvog Bév &Znuiden. "AAN &’
e0Belag f) Siavour) Ba yivy dg £Efg: ’Acpof) A&Bn 6 mp®ToCg T %_. 6
BevTEpPOG 1O i Kal 6 tpltog 10 =, 8& pelvn &xbéun nwpodg dia-
vounv To 7}0— T@®v &yeAh&dwv, 16 dmolov Ba diaveundij duolwe.

“Htot & mp®tog B& Ad&fn 1o —%u 100 3]6 & Beltepog 1O %100

1

—2%— kal & Tpltog 1o % 100 5. "AMAG &ALV pével 1o 210 toD

7]5' fjiTot (_2]6_)’ 16 dmolov B& Braveundij dpolwg, x.0.x. Em
&nelpov. O A&Pn Emopévwg Ek TV 19 &yeAd&dov

b mpdT1og TX ——f——;— %+—;-(%)’+_;_(310_)*:

o }—8— ftot 10 &yeAdadacg,

. 1 1 1 1 1 \2 1 1\
o SEUTEPOC X o '*E'-‘ ST + ——4—.(%-) + T-(?O—) e =
2
SR fitot 5 &yeAadag,

3 1 1 2 1 1 3 i
kai & toltog Ta ’5—+ =35 +45_'(*26) +—5_(_26) e

I
0
s
-
e
Y
Q-
~
m
>
Q
o
Q
5
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KEDAAAION I

AoyapiBueor npég Baoiv 10.

s (b duvéaueda
\V1,3578
va 10 elpopev. AAN al mp&feig 1ag Omolag Oa k&uoyEY
dnaittodv kal xpdvov kal kémov oxetik®dg moAlv. 'EE &Aoo,
ToAD BuokbéAweg duvdaueBa va elpwuev ta é€aydueva 1OV na-
5 7

169. To é€aybuevov 1OV mp&Eewv

paotdoswv V 1275 f \/ 28394. ‘Yn&pxet 8uwc tpdmog, T&g ua-
Kpag kal Komiddelg mMp&Eelg va EKTEADUEY TaXUTEpOV Kal VKO-
Adtepov. Tov tpémov 8¢ 100ToVv Ba Bwuev elg Ta KATOTELW.
170. "Eotw 1) d0vauig 10%, tfv émolav &g mapaoifjomuey
did Y, fitol Y= 10%,
Ak x=0 slvial aff—a0% —— 1
1

» X':‘%_ » lp:102=\-ri_(3f—“3.‘52....
'l _]. e ipie
» x=—7 » ¢$=104=V3162=1,177....
= 3 1 1
O e » Ppe=10" == S0 T =—=5622
» x==1 » LP:]O] =10
2
A y——5 » Y= 10 =100
=1 » quIOW]:O,T

Vo B s TOL S DY Sorke
"Ex t®v mponyovuévev mapadeiypdtov duvaueba va oup-
mMEpAv@UeEY T& £€fig, T& dmola kal dmodeikvbovtatl, 61t dnhadny:
1) “Otav & &xBétng tfic duvauewg 10 elvar BeTikdg kal
Tpayuatikog &plbudg, fj dovauig elvat peyailutépa tfic povadog
kal BeTikn.
2) Ad€avouévou 100 ¥ abEavetal kai i) BOvauig 10%.
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3) “Otav &6 x elval dpvnrikdg mpayuatikdg &pbudg, B dO-
vauig 10* elvar pixpotépa tfig novddog kal yivetral pikpotépa
¢’ Soov 1 dmdAutog TN 100 ¥ abfavel.

4) Awx d0o Biagdpoug TIpGg ToD X Exouev dvo Biadpdpoug
Tipdg Tfig duvapewg 10 .

Znucliwots. Ta dvwrépw &AnbBedouvv kal étav & x elval

&ovpupetpog &pibudg. Kal &ni tdv Buvduewv ug &olduppetpov
£xkBétnv &AnBedovv SAal al Gpyixai BidétnTeg TGV Buvauswv.

171. "Eav 1idn Exouev O 8yuv ta tAg mponyovuévng mapa-
ypagpov, cuvayouev, 8t §) é€lowolg m.y.

10 %=1 g¢mainBevetal pdvov Bia x =0
) 10X =100 = 10° » » » x=2
) 10¥— -t = 10~ » gy sy
7 10*:1%6:10—2 » » » x=—2 KIA.

xal yevik®¢ 1) é€lowoig 10*= B (8mov P Betikdg TpayuaTi-
KO¢ &piBuog) émainBedetal Sid plav yévov Tipfv tod ¥, §) dnola
dovatat va elvar obuuerpog f &odupetpog &piBuédc. Kai 8a
elvatr pév odbpuetpog &piBude, &av & B elvar dOvaulig Tig 100 10,
Sdmodte 1) Tiun 100 X elval 6 éxkBétng tfig duvapewe tod 10, elg
fiv peterp&nn 6 B. "AAAwg A plla elvar &odpuetpog xai edpli-
OKETalL KAT& MPOOEYYLOLV.

172. 'Opilopdg ToU dexkadikoD AoyxpiBpouv.— N'vwpilo-
uev, 81t 10°=100 xkai 10°==1000. Tov éxBétnv 2 Aéyopev Aoya-
ptBuov 10D 100 &g mpdg P&oiv 10 kai 1ov 3 Aoyd&piBuov 10d
1000 mwaAwv &g mpdg B&owv 10. Kal yevikdg, v B= 10%, & éxBé-
ng X Aéyetal AoydpiBuog 100 B dg mpog PBaowv 10 kal ypage-
Tal Aoy,.B=x fj &mwAobotepov AoyR=yx. “Qote: Aoydgiduog
dotPuol Tvog B g mpds iy PBdoww 10 Aéyerar 6 éndérne tic
dvvduswe, elg fiv mpénet va dywowdfi 1 Bdowg 10, iva ddop tov B.
Kata tadra, £neidy

10*=10000 elvar Aoyl10000=4, 10—2=0,01 elvar Aoy0,01=—2,
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10'=10 elvar Aoyl10=1, 10—3=0,001 elvatr Aoy0,001=—3,
: 3 e 4
10°)=1 elvar Aoyl=0 kal Aoy\ 10000 = =
.4. 3 SR
Emceldn 103 =YV 10000 .

Ol Aoy&piBpol adtol, éneldn Exouv Paolv 10 10, Aéyovial
dexadixol | xowvol doydgiduos.

’EE Sowv elmouev &votépm edkOAmE ouvayetatl, 8TL:

1) “Exactoc mopayuatixdc dotPuds elvar AoydptPuos Evog nal
uovov Perixot doiduod.

M.x. 86 5 elvar Aoy&ptBuog T00 &ptBuod 10%= 10000, &
dmotog elvar elg pdvov xal Betikég” duolwg & —4 elval Aoyd:
ptBuog 100 BetikoD &piBuod 10— %= 0,0001.

2) “Exactoc Petindc dorPuods Exer loydotPuov Eva xal ud-
vov moayuarixoy doitudv.

My. & &pBudg-+100 ExeL AoydpiBuov 1oV 2, 6 OmMOlog
elval elg xal pdvov, diétt 10°=100, & & 0,1 ExeL Aoy&piBuov
1ov —1, BidtL 10-1=0,1.

3) Of dovnrixol doiPuoi Sév Exovy AoyapiPuovsg, BildTL n&oa
dOvaplg 100 10 elval Betikog &piBudg.

"Eneldn 862 elvat 10>1, Emetal, dti:

4) Oi usyaldregor tiic movddog 1 dovduol Exouvv Aoyapgi-
Puove Perixods xal ol uixpdérepot avrijc Exovv AoyagiPuouvs do-
YN TIXOVUGS.

5) Adtavouévov tod dotPuodt adidverar xal & Aoydgiduos
avtol xai #larrovuévov élarrovzal.

173, 'I816TNTEC T®V Aoyapifpwv.— 1) "Eorwoav ol Be-
uxol &piBuol A, B, I, & olic Exopuev AoyA =¥, AoyB=¢,
Aoyl = ¢. "AAA& kata ToV dplopdv TA®V Aoyapibuwv Exouev

10°=A, 10°=B xat 10°=T
&pa Kal A.B.I'. = 10%.10% .10° = 10*+¥*+°

'E€ alrtfig 82 Aaupavopev

AMY(A.B.N=x+y+¢ §f 2Aoy(A.B.I')=2AroyA-{AoyB-{2royl.

VIV RN

Wneiomoir|Onke amé 1o lvotirouto EknmaibeuTikng MoAmikrg



235

“Qote: "0 AoydoitPuos rod yivouévov molldy dotPudy lood-
Tac ud 10 ddgoicua tdv AoyagiPuwy tdv dotFudv rolrtwy.
Ob1w Aoy20 — hoyl0+ Aoy2 =1+ Aoy2
Aoy500 =— Aoy100 | Aoy5 = 2 4 hoy5
Aoy15000 = Aoy1000 -+ Aoy3 -+ Aoy5 = 3 | Aoy3 + Aoy5.
2) "Eotwoav A kal B 8stikol &piBpol kal €ote AoyA =}
xal AoyB=g. "AAA& 161 B8& elval 10* = A kal 10¥=B.
“Qote elvan g e :g:— =18t "
"EE adtfig ¢ eOploxkouev
Koy%— =y —1, TfToL Aoy g -=AoyA —AoyB.
“Qorte: "0 AoydotPuos to¥ indixov Yo dotPudy loobrar us
v Sapogdv to¥ AdoyagiPuov rol diaigérov dnd to¥ AoyagiBuov
o diatperéov.
O0twg elvalr Aoy0,02 = Aoy ]-%0 = Aoy2 —Aoyl100=hoy2—2,
wal Aoy —%4 — Aoyl — Aoy3 =0 — Aoy3 = — Aoy3.
3) "Eote® A >0 xal AoyA=x. 'AAAa t6te 8& elvar
A=—10% xal AY=—=—(10X} =10X,
oloodfmote kal &v elvar & p. "AANN’ éx 1fig TeAevtaiag lobdtnTog
Exopev Aoy(A* )= uyx, fror Aoy(A"¥)=—uloyA.
“Qote: ‘0O AloydoiPuoc mdons dvvdusws icobrar ué tdv Aoyd-
oiPuov tijc Bdoews nollamdaciacPévia Enl rov éndenv.
Obtwe elvar
Aoy8 =— Aoy(2*) =3Ahoy2 xal Aoy81=»~Aoy(3‘)=4Aoy3.
4) Katd 1& dvotépw Alowmdv, Eneldn
v 1 v
VA=AV, Exouev AoyVA = '\1:_ Aoy A.
“Qote: ‘O dloydpiPuos ndons eilns loobrar ué tov doydge-
Buov ro¥ Dmopellov Siapedévra Sid tod Seixzov ijs eilns.
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royV 10

Kal

3
Aoy\ 10000 = —- Aoy 10*

i s
2
.

=

1
—E—Aoy10=

‘Aoxfjoecs.

470) N& petraoynuatioBodv al mapaot&oelc :

Aoy (3aBy)
Aoy(xB*y*?)
royV ap

5V a*

loy By

Aoy (aB?) roy(aB)
q!B GB’
Aoy = Aoy =
3
roy(a\ B*) roy(7xV aB?)
=
Aoy N Aoy e
ay y?

471) Na upetraoxnuaticBodv al mapact&oslg :

Aoy2--Aoy5
Aoyl12 —hovy4d
Aoy24—3hoy2

Aoy5—+Aoy3-+royll
Aoy5-+Aoy7—2Aoy3
3Aoy54 —4hoy3

2 oyx—+3hoyP—Aoyp—Aoyw
1 ; 2
=5 Aoyx—+—Aoy5 — o Aoy
472) Na& dex6f 81t

dhoyx— —-12— Aoy

2hoya— —%— Aoyp —3hoyy

1)
2)

3)
4)
5)
6)

Aoy210=Aoy2--Aoy3--Aoy5+Aoy7
Aoy30--Aoy36=Aoy24-+Aovy4d5
)\oy-% -}-Aoy-g— -+ ?\oy% =

—_ )\oy%= — Aoy2

> 2

Aoyrgs I AY o
3

— Aoyl16 -+ % Aoy8 -} —;;ﬁ Aoy32=—4Aoy2

Aoy(x*) +Aoy(x*) + hoy( - )=2ro0vx
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174. Asxadiky popPi T®OV AoyxpiOpuwv.— 'Ex 100 dpti-
ogpoD Tv Aoyapibuwv, mol Eeldoucev, Emetal, 11 al duvdaueig
100 10 Eyxouv JAoyaplBuoug ocuvppftpoug &pitBpolg kal slval
oOtol ol ékBétal TOV duvapewy To0TWV. A" Aoug Tolug &AAoug
axepaloug &piBuodg ol Aoy&piBuol elval &obuuetpor &piBuol,
&AN" &vt’ adTt®v AauBavouev cuppuétpoug &ptBuolc, kax1d Tpoo-
£yyiolv, diad 100710 B¢ B& ypadwuev mdvrore T00¢ AoyapiBuoug
Omd dexadixny pop@ijv.

TAMN Btav Ba mpdkertar mepl AoyapiBuwmv T®V uylkporté-
pwv tfi¢ povadog &plBudv, ol omolol elvar &pvniikol, #a zeé-
mtowuey avtovs eic dlAovg, t@v dnolwy udvov 16 dxégatov uépoc Ba
elvar dovnrixdy, 1o O Sexadixdv pégos Perixdv. "H tpom alin
yivetar dg £€€fjc: "Eote 6 8Awg &pvnuikog Aoydap. —3,15742.

“"Exouev —3,15742—= —3—0,15742. 'Eav d¢ mpooBtowpev
elg adtdv -1 kal —1, &nep B&v 10V peraPaire, Aapupavouev
—3—1-+1—0,15742 = — 4-1(1—0,15742).
“Qote elval —3,15742=— —4 -}- 0,84258.

"AXAa 1d &Bpoioua 1ol dxepalou &pvnrixkoD pépoug — 4 xai
100 BexadikoD BetTikoD 0,84258 cuvupwvolueEY va 10 YpAPWUEV
bg tEfc: 4,84258. "Ouolwg Exouev

—1,37894— —1—1-4-1—0,37894 — 2,62106.

“Qote: “Iva tpéyowusy loydotPuoy §lws dovnrixdy elg didov,
zo¥ dnmolov udvov o dxégaiov uégog va elvar dovnuixdy, mpoo-
Pérouev els 10 dxfpaiov uégos avrot Ny movdda —1 xal ypd-
@oucey Td onuceioy — Vmegdvw avrol, uera 62 ravra dpatgobuey
td Sexadixdv ufgog dnd tijg movddoc 1.

To Bexabixov pyépog doaipeltal amd Tfic povdadog 1 edké-

Awg, Eav &oaipedf) 10 TEAEUTaiov onuaviikdv ynelov &md tod
10 kal 3Aa & &GAAa &amd 1ol 9.

175. XapaktnploTtikdv ToU AoyapiBpou.— Xapakinpi-
otikdv 100 AoyapiBuouv Aftyetal 10 dxépatoy ufgos adirod. To ya-
paxinpiotikdv ToD AoyapiBuou &piBuod tivog edploketal edko-
Aotarta, ©¢ ¢alvetal, &k TAv £Efg:

Wneiomoir|Onke amé 1o lvotirouto Eknaibeutikng MoAmikrg



233

a’) "Eotw &ptBudc tig upeyaAlTEpOG Tig povadog 1, m.y.

6 4538,24. AU altdv mapatnpodusv, 811
100 << 458,24 << 1000 fjTot 102 << 458,24 << 10°.
‘Enoptvwg elval kal
hoy(10%) << Aoy458,24 << Aoy(10)®

is] 2 << Aoy458,24 < 3,
fitoL & Aoyd&piBuog toD doBévrog &piBuod mepiEyeTal petafd 2
kal 3 xal émopéveg 16 yapakinpiotikev abtol elvar 2, fitol
to0to &yet téoag wovddag, Soa elvar ra wneia Tob dxegalov
uégovg rov Hlarrwuéva xara 1.

Fevik®c 58 &modeikvietal, 8tL, 8y dotPuod wTivos A d wy-

@la toD dxegalov uégovs eivar u, Td XAPAXTNQLOTL®OV TOD Aoya-
olPuov tot A elvar u— 1, duéTL Bid 1OV BobBévia &piBuodv A
ExouEev ‘lOl'l—l <A< 10tl &pa kal (p—1)hoyl0 <<AoyA << yAoy 10.
Kal éneldn Aoyl0 =1,
Exouev g—1<<AoyA<u.
*A¢pol Aowmdv & AoyA mepiéxetal HETaED TOV Bradoyikdv &xe-
palwv p— 1 kal y, Enetar, 8t 16 xapakinplotikdv tod AoyA
elvar p— 1.
B‘) "Eot® fibn elg &pBuodg pikpdtepog tfig povadog, m.x.
b 0,4352. 'AAN’ oOtog ypaogetal kal dg &&fc:

4,352

0,4352 = —35

“Qote elval
A0Yy0,352 — Aoy4,352 — Aoy10 = Aoy4,352 — 1.
AMN" 6 Aoy4,352 Exel yapaxktnplotikév O. "Eav & Omo-
1€07], 611 16 dexadikov uépog adtol elvar 63869, Exouev
Aoy0,4352 = 0,63869 — 1 = 1,63869.

'Eav 5 & doBelg &pBudg fjto 6 0,04352, B& elyouev

0,04352 =22 xal Aoy0,04352 = Aoy4,352— Aoy100= 2,63869.

"Ex 1OV &vatipm AOLTOV gUVAYOUEY, 8TL: To yapaxtngotoTixoy
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z0D AoyagiPuov &vds Sexadixod xddouaros £xer Téoag dovnrixds
uovddas, Socac movddas Exer 6 doitduds, 6 dmolog éxppdlel Hv
tdEiv ot modrov onuaviixod wnelov uera iy dmodiasrodrjv.

Oft® 16 xapaxtnpiotikdy tod Aoy0,004 elva 3 kai T0D
Aoy0,00053 elval 4.

176. "Avotépw eldousev, 811
Aovy0,04352 — 2,63869
Aoy0,4352 = 1,63869

‘Ouolwg PAémouev, 811, &av

Aoy2 = 0,30103,
8a elvat

Aoy20 =Aoy2 -+ Aoyl0 =0,30103 + 1=1,30103
Aoy200 — Aoy2 -+ Aoy100 = 0,30103 -+ 2 —2,30103
Aoy g = Aoy2— Aoy1000 = 0,30103 — 3=3,20103.

Kal yevik®g, ¢av elvar AoyA = x, 8& elval kai
Aoy(10".A) = Aoy10” -+ royA = v+ x
(v &xépaiog BeTikdg) kal

i

Aoy '1—26 =2XoyA —Aoy10" =—v{x.

“Qote: "Eav ele dotPuds mwollandaciacdfi # Siaigedfj dia
10”, 1o Sexadixdv uégos voU Aoyagiduov dév uerafdlierar, ©o
yapaxtnoloTindy Suws avrod avEdverar ) 2larrobrar xard v wo-
vddac.

"Aoxnoets.

473) Ol k&1wO 8Awg &pvnrikoi AoyapiBuol va tpamodv Elg
&Ahoug, T®V Sdmolwv 1o &képailov pépog va elval &pynTikov 10
52 Bexadixdv uépog va elval Betikdv:

— 1,47893 — 0,37687
— 4,68090 — 5,79939
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474) IN'payPate 16 XapaKINPLOTIKOV 1OV AoyaplBuwy :

Aoy514 Aoy1527 Aoy15,27
Aovy0,544 Aoy0,053 Aoy30007
Aoy0,0035 Aoy3,0035 Aoy0,00009

475) AoBévtog, 81 Aoy7=0,84510, ebpnte To0g AoyaplBuoug
v &pBudv 70 700 0,07 0,007.

476) AoBévtog, 811 Aoy6479=3,81151, elpnte todg Aoyapi-
Ououg TOV &plBudv 64,79 6479000 0,006479.

477) AoBévtog, 1L Aoy5=0,69897, elpnte T00¢ AoyapiBuoug

S B
TV dpLBpG)V 5.10* 5.10* *loé if}i -

478) N& e0pebodv 1a EEaydpeva:
Aoy375—Aovy3,75 Aoyl15,62—Aoy1,562
Aoy0,45— Aovy4,5 Aoy27—Aovy0,0027

177. Mepl 1OV AoyaxplOpIk@vV MvEKkwv.— Eidouev nmpon-
youpévawg, 8tL, WATY TdV &ptBudv 1, 10, 100 xtA., T&vVILOV TOV
GAAwv dxepalwv ol AoydpiBuor elvalr &obupetpol &pibuoi xal
Exouv Bk to0to &mepa Sexkabika yYnela un meplodixa. Kal
Evexa toltou elplokopuev ToOC AoyaplBuoug TGV &plBudy 100-
TOV Kata mpogeyylolv (ouvrBwg 0,00001).

Ol Aoy&piBuol T@v &plBudv &nd 1ol 1 kal é¢pe€fic, quvh:
Bwg péxpt 100 10000, ebpébnoav xai éypaenoav elg mivakag
xalovuévoug Adoyagiduwcovs. Ol mivaxkeg t@®v AoyapiBuwv, ol
omololL xpnowpomoielvral guvnBéotepov, mepiéyouv Aoyapl
Buoug petrd 5 Bexkadik®v Ynolwyv: OMapyovv Buwg kal mivaxeg
HE 4, pE 7 fj kal pé 12 dexkadika ynoia.

Ol mivakeg, ol émolol yxpnoipomolodvial cvvnBéorata map’
fuiv, elval ol to0 Dupuis.

‘Q¢ mpodg Thv Bty TOV AoyaplBulk®v TIVAK®V TOV
&GplBudv dvagpépouev 1 £Efg YEVIKG :

1) T& xapakmnpiotika 1@V Aoyaplfpwv TtV &plBudv B&v
dvayp&govral elg To0g mivakag, didéTt yvwpilopuev va ta edpl-
OKWUEV EVKOADTATA.
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N ) 1 2 3 4 5 6 7 8 9
640 |80 618 . 625 | 632 § 638 645 | 652 | 659 | 665 672 | 679
1 6561 693 | 699 | 706 | 713 || 720 | 726 | 733 | 740 | 747
2 54! 760 | 767 | 774 | 781 | 787 | 794 | 801 | 808 | 814
3 8211 828 | 835 | 841 | 848 || 855 | 862 | 868 | 875 | 882
4 889 895 @ 902 | 909 | 916 || 922 | 929 | 936 | 943 | 949
5 956 | 963 | 969 | 976 | 983 | 9%0 | 996 |*003 |*010 | *017
6181 023| 030 | 037 | 043 | 050 || 057 | 064 | O70 | O77 | 084
7 090 097 104 | 111 fa7 o} 1241 130 137 1M | 151
8 158 | 164 171 178 | 184 || 191 | 198 | 204 | 211 | 218
9 224 231 238 | 245 251 |1 258 | 265 | 271 | 278 | 285
650 2914 298 | 305} 331 | 318-1 325 | 331 | 338 | 345 | 35
1 358 51 37 378 | 385 | 391 | 398 | 405 | 411 | 418
= 425 431 438 | 445 | 451 | 458 | 465 | 471 | 478 | 485
3 491§ 498 | 505 | 511 | 518 |l 525 | 531 | 538 | 544 | 551
4 558 @ 5 571 | 578 | 584 {1591 | 598 | 604 | 611 | 617
5 624! 631 | 637 | €44 | 651 || 657 | 664 | 671 | 677 | 684
5 601 B s o vy ey |30 T3 F 43 | 750
7 7571 763 | 770 | 776 | 783 || 790 | 796 | 803 | 809 | 816
8 823 | 829 | 836 | 842 | 849 || 856 | B62 | 869 | 875 | 882
9 889 895 | 902 | 9C8 | 915 | 921 | 928 | 935 | 941 | 948
660 954 | 961 & 968 @ 974 | 981 | 987 | 994 |*000 | *007 | *014
182020 027 | 033 | 040 | 046 A 053 | 060 | 066 | 073 | O79
2 086 092 | 059 | 105 | T12 [ 119 | 125 | 132 | 138 | 145
3 1511 158 165 {171 178 § 184 | 191 | 197 | 204 | 210
4 217} 223 | 230 | 236 | 2434 249 | 256 | 263 ] 269 | 276
5 2821 289 F 295 | 302 | 308 1315 | 321 | 328 | 334 | 311
6 347 | 354 | 360 | 367 | 373 || 380 | 387 | 393 | 400 | 406
7 4131 419 | 426 | 432 | 439 || 445 | 452 | 458 | 465 | 471
a 478 | 484 | 491 | 497 | 504 | 510 | 517 | 523 | 530 | 536
9 543 | 549 | 556 | 562 { 569 || 575 | 582 | 588 | 595 | 601
™ 0 1 2 3 4 5 5 7 8 9
16
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2) To Bexadikdv puépog 10D Aoyapiuou £vég &piBuod elval
&ve€apinrov 1fig oxetikfc &lag 1@V Ynolwv 100 &pitBuold 100~
Touv (§ 176).

178. Awdtaxfig TAV MWVEK®V. — Altn ¢axivetar elg v
napatBéuevov mivaka. Elg v mpdg 1 &protepa otAnv, dmou
10 yp&upa N, elvar ypappéval ol dexddeg 1@V &piBudv, ol 58
povédeg adtdv elval elg Thv &ve dplovilav ypauurnv. Elg tag
&AAag omiag elvar ypapufva tda dexadixa pépn TV Aoya
plBuwv. Ta dbo yYnola, Ta dmola elg v devtépav otriAnv BAé:
mouev &t &€€xouvv, voolvial &navaiauPavéusva, péxpig ol
&AAGEouv. Kal tolto, Bidti moAAol £9peffic Aoy&piBuot Exouy
1& d0o alta Ynoia kowvéd. ‘O &piBudg, & dnolog evploxketal elg
v Slaotavpwolv g Otlp&g, elg TRV dwolav edpiloxovral al
Bexadeg 100 &ptBuol pé TV oelpayv elg v dmolav eOplokovial
al povédeg tou, elvar 10 dekadikov pépog 1ol AoyapiBuouv 100
&pLBuod.

Katd tov tpémov todtov BAémopev, 81t elvar

Aoy6432 = 3,80835 Aoy6450 = 3,80956
Aoy6458 = 3,81010 Aoy6509 = 3,81351.

Snuelwoitg. ‘O &oteplokog, tdv dmolov PAémouev elg
tolg meviayneplovg mivakag, pavepodvel, §TL TG dlo TPpdHTa Y
ola AANafav kal mpénel va Aapufavovial Ta duéowg EMOUEVA.

179. Xphiolg 1@V AOyxplOUIK@V TIVEK®WV.— Ak va Xprr
clgomolowuey To0g AoyapiBuoug, mpémel va yvwpilouev va
AMouev ta £€€fg dvo mpoPAfjuaTa :

1) N& edpeBfj 6 Aoy&piBuog SoBéviog &piBuod, xai

2) Na& ebpebfj & &piBubdg, & dmolog &vrtioToixel elg Dobévia
AoydapiBuov.

180. 1ov MpéPAnua.— Na evgedff 6 AoydoePuos dodévros
dotPuot. Ala v Abowv 100 mpofAnuatog OoBétouev mMpHTOV,
&t & doBelg &piBuodg elval mavrote ypaupévog OO Bexadikhv
poponv, kal dedtepov, 8Tl xpnotpomoloOuev meviaynelovg miva-
kag. Ol mivakeg 62 obtolL Ba p&g ddoovv 16 dexkabixdv pépog 1ol
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AoyapiBuov, BTl TO XapakinploTikov adtod 8a 16 elpwusev po-
vol pag. "AAAG katd v edpeotv tol dexadikoDd pépoug tod Ao-
yapiBuov Ba kabioTduev 1ov doBévia &plBuodv &xépalov, fjtol B&
napaAteintopev v OmodiaotoAfv. ToOto 5¢, dg eldopev (§ 176),
d2v petaB&AAel 10 Inroduevov dexkadikov pépog. Katdmiv to0-
TV diakpivouev 500 MEPIMTIOOELG.

In Mepintwolg.— 0 dotPuds negiéxerar els Tovs mivaxas.
*Htot & &piBuodg d2v Exer meploodtepa TAV TECOGPOV Yndlov.
Téte, &9oD efpwuev adTdv elg Tovg mivakag, edplokouev &ué-
owg kal 1o dexkadikov pépog 1ol AoyapiBuou tou.

O8twg elvar Aoy6843—3,83525 Aoy0,8035=—1,90499
Aoy68,43=—=1,83525  Aoy0,08035—2,90499

To 52 dexadikdv pépog 10D AoyaplBuov 1ol &plBuod 3,52
8& 10 elpowpev elg Tov &pBudv 3520, oltw B¢ Exouev

Aoy3,52 — 0,54654.

2a [MMepinmtwolg.— 0 dotduds d&v megiéxevar els tovg niva-
xas. "Htolr & &pBuocg Exel mepiocdtepa 1OV TECTGP®V Ynodlwv.
Eig¢ v mepimtwoiv adtnjv eOplokopev mpdTov 10 XaAPAKINEL-
otikév. Katémy dua tiv ebpeoity 100 dexadikoDd upépoug tod Ao-
vaplBuou 8& ywploopev ta téocapa MpdTa Ymola &' Omodia-
otoAfic kKai B8a EpyacB®uev dkoholBwg G¢ £EfQ:

“Eotw . . & &p1Budcg 24647. To xapaxinpiotikdv 100 Ao-
yaplBuou tou elvatl 4. Katémyv yp&gouev adtov &g &€fig: 2464,7.
"AAN" & &plBudg 2464,7 mepiféxetal PETafL TOV &pBudv 2464
kal 2465. Zuvayopev Aowmdv, 81t kal & AoydpiBpog adtod
nepiéxetal peTafd 1OV AoyaplBuwy 1@V &dkepaiwv tobTOY.

"ANAG Aoy2464 =3,39164
Aoy2465 = 3,39182.

‘H diagpopa 1®v AoyaplBuwv tobtev elvar 18 povabdeg tfig
néuntng dexadikfig Tafewg. "Eneidn 6¢ dexdueba, S 1 adifnoig
t@y doyagiPuwv elvai dvdloyos tiis avbjcews tdv doitudy (kal
toOto BidtL m.X. | Blagopa TAV Aoyapibuwyv dlo dadoyik@v
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arepalwv yeitovik®y mpodg 1Todg &ve &pltBuotic elval mwaiiv 18),
AEyouev
tav 6 2464 avfndfjkata 1, & Aoy. adtod adf&vetal katd 18 (£ )
» » 2464 » o DT7is e » » » 18.0,7=
=12,6, fitoi xat& 13 (éxatovrakig xihtootd). “Exopev Aoiméy
Aoy2464,7 =— 3,391641-0,00013 = 3,39177

Kal KaQTd CUVETELaQV
Aoy24647 — 4,39177.

"Eotw mpooétt & &piBudg 0,587984. Td xapakinploTikov 100
AoyaplBuov tou elval 1. "Hbn, dia va ebpopev 18 dexadikoyv ué-
pog 100 AoyapiBuouv, ypagouev mpGrov alitdv dg £Efg: 5879,84
Kal Emelta eVplokopev

Aoy5879 =—3,76930.

‘H dlagpopa 1@V Aoyaplfuwy 1@V &plBudv 5879 xai 5880
elvart 8 (Ekatovrakic xiAlootd). "Qote, didx va eCpwuev 1oV
Aoy5879,84, mpémnel elg tov 3,76930 v& mpooBéocwuev 8.0,84—6,72,
ftol 7 Exatoviakig xihiootd. “Qorte elval

Aoy5879,84=3,76937 xal Aoy0,587984—1,76937.

181. 2ov MpéBAnpa.— Na sedoedfi & dotPuds, 6 Jmoios
dviioroiyel elg dodévia AoydotPuorv. [lpdg toDto B84 &oyoAn:
BGuev mMpOTOV P 16 Bexadikdv pépog 100 AoyapiBuou, Bia va
efpwuev 1& ynela, dia 1®v dmolwv kata oeipav yp&oetat &
&p1Buég. "Emelta 8¢ 6 &oxoAnOOUEV pE 1O XXPAKITPLOTIKAV
avtol, dia va mpoodlopiocwpev v &Elav ék&otou Ynolov. Ka-
Témy 1001V Blakplvouev B0 mepLTTOOELS.

In Mepimtwoilg. — Té dexadixdv uégoc rod AoyapiPuov ed-
oloxerar el Tovg mivaxac. Tote ebplokopev &uéowg &Gmévavi
& téoocapa Ynola 100 &piBuod 100 &vriotoixoDvrog elc 1o Be-
xadikov todto pépog. ZntoDuev B¢ tobtTOo TWAVTOTE petafd 1AV
AoyaplBuwv 16V tetpaynploy &plludyv.

"Eotw m.x. 6 Aoy&piBuog 2.59095. Td Bdexadikdv pépog
adtoD edploxetal elg To0g mivakac. Elval 82 100 &piBuod 3899.

Wneiomotr|Onke amé 1o lvotirouto EknmaibeuTtikng MoAmikrig



245

"Eme1dn) 62 6 Sofelg AoyapiBuog Exel xapakinplotikov 2, Emetal,
81t & Tnrobuevog &piBuodg mpénel va Exn 3 &xépala ynopla.

Elvai Aowmdv oltog & 389,9. ‘Ouoiwg edplokouev, 81l &lg
10V Aoyd&piBuov 5,58095 &vtiotoixel & &pibudg 389900, el b2
t6v Aoy&piBuov 2,18808 &vrtictoixel & &pibudg 0,01542.

2aMepimtwolg.— To dexadixdy uégos tod AoyagiPuov S&v
dndoxet els Tods mivaxas. "ANA& 1éte 84 mepiéxetal T00TO UE-
Tafd T1OV dexadik®v uepdv TAV AoyapiBuwyv dlo diadoyik®yv
Grepalov.

"Eotw m.x. & Aoy4,55575. To dexkadikdv uépog 55575 mept-
EXeTal peTxfD TOV dexadik®v puepdv 55570 kal £5582 t@®v Ao-
yaplBuwyv tdv &piBudv 3595 xal 3593. AAAG mapainpoduev,
81t ol AoydpiBuol TOV &pitBudv TolTLY dladépouvy kata 12 (Eka-
TOVIAKIC XLALoOT&), O B8 Aoy&piBuog 100 3595 &nd 1ol S508év-
10¢ dlagpépel xat& 5 (Ekatovidakig xiAlootd). 'Emedn 82 xal
Topa dexdueba, 8t | alfnoig T1®v AoyaplBuwv elval &véro-
yog mpog TV alfnoiv 1dv &plBudv, Aéyouev: "Eav 16 dexadi-
KOV pépog 1ol AoyapiBuov abfnbf kata 12, & &p1Bpog adf&vel
katd 1. 'Edqv 10 dexadixdv puépog 100 Aoyapifuov ad€ndfj kat&

5. 6 &piBude adf&vel xata o =—0,416—0,42.
“Qote & &p1Budg, 100 dmolov & Aoyd&piBuog Exel dekadikdv
pépog 10 55575, elval &

3595 + 0,42 = 3595,42.

"AAN" Emeldr) & BoBelg AoyaplBuog Exel yapakinploTikdv 4, &
{ntolpevog &pibudg elvar & 35954,2.

‘Ouoimg E.L'Jp{gl-copev. 6t 6 &pLBudg, Botig &vriotoiyel elg
1oV Aoy&ptBuov 1,95094, elvalr & 0,89318.

Znuelwoes. 'Eav 506f] AoydapiBuog 8hwg &pvnrikdg, Tpé-
mopev adtov elg &AAov, 100 dmoiov udvov 1d YapakinploTikdy
va elval &pvnuikdv
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"Aoxnoets.

479) Na ebpeBolv ol AoydapiBuor TGV &piBudv

52 407 31,50 4,568
47245 37,898 0,46579 0,040008
2,64751 483,743 0,467375 0,0684555

480) Na& ebpeBoDv ol &piBuoi, ol émoiot &vriotoixoDv Elg
ToUC¢ AoyapiBuoug
3,76571 2,93034 5,03941 1,97007
3,94722 4,47239 2,95416 3,02050

Napxdesiypxta Acyicped Six 1@v Acyxpilpav.

1) MNpéobeoic.
4,78345 xal 5,86592.

Na& edpedfj 10 &Bpoloua 1OV AoyaplBuwv

4,78345
5,86592

2,64937

Ba &pyiowuev v Mpbobeciv éx BefidV kai &pod ¢Pb&ow- |
uev elg T dékata, B8& edpwuev 16 déxkarta, fitor 1 Benixrv &xe- :

paiav povada kai 6 déxkata. ch'tonw 8¢ B8a eCGpwuev
1-L5—6 " xal &4 4=2.
“Qote 10 &Bpolopa elval 2,64937.

2) "Aguipeoic. — N& yivy #| &oalpeots 1,57345—2,63459 =

= 4,93886. 2
1,57345
2,63459

4,93886

“Otav 0& ¢B&owuev elg v &ouipeolv 1dv dexdrwv, Ba '
einouev 6 &md 15=9, 1 18 kpatobuevov kal 2 = 3. Al va &eat- |

ptowuev 1idn 16 3 &md 16 — 1 mpooBétouev elg 6 — 1 10 —3
xai evpiokopev — 4° Hote ) {nrovpévn diagopa elval 4,93886.
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‘Opolwg Bid TV diagopav 2,48593 — 4,53284 = 5,95309.
2,48593
4,53284

B, 95309

“Otav 8& ¢pO&owueyv elg 1& déxkata, 8& elnwuev 5 &nd 14=9,
1 10 xpatoluevov xai 4= — 3. "Hdn 16 — 3 &paipoduevov yi-
vetatr - 3 xal 2 =75, Hote ) {nrovuévn dagopa elvan 5,95309.

3) Mol hanmAaolxopnég. — “"Eotw, &t 8élouev va mwolia-
TAQOLAo®UEY TOV Aoydapibuov 3,81257 émi 4

3,81257
4
9,25028.

“Otav 8& ¢8&owmuev elg T& déxata, Bd elnwuev 8 eni 4=32.
Fp&aoouev 2 kai kpatoduev 3. "Emeaita 8a elnwpev — 3 éml
4— — 12, — 12 kal +3 = —9."Qo1e 156 {nroduevov yivéuevov
elvar 9,25028.

4) Awxipeoig.—"Eotw, 811 8éhouev va& Braipéowpev 1oV Ao-
y&pL8uov 1,53128 &1a 4. [Npodg 1o0TO MpooBétopev—3 elg 16 xa-
paKINPLOTIKOV Bia va ylvy Siaipetdv Bid 4. "AXNAG Bia va un
&AAGEN 1) &Eia 10D BoBévrog AoyaplBuov mpoobétouev elg 10
Bexadikdv pépoc auvtol -+ 3, ypagouev dnhadh tov Bobévia
AoydapiBuov g £&fg 44 3,53128 xal diaipoluev Exaxotov TOV
puep®v ToL YWpLoTd Bid 4, edplokouev B¢ mnAikov 1,88282.

*Ouolwg, Bk va dialpéowuev 16V AoyaplBuov 4,15703 dua 3,
ypagopev adTov og E€fig: 6 -+ 2,15703 xai Enetta SiLaipoluev
gExaotov TOV pepdv ywpiota dua 3. EOplokouev B& mnAikov
2,71901.

5) N& eOpeBij td ywvéuevov 35,32.0,7508.

"Eotw ¥ 16 {nrobusvov yiwvéuevov, papudlovieg duwg v
npdInv BudTnTa TGV AoyapiBuwv Exouev:

Aoyx =— Aoy35,32 -+ Aoy0,7508 Aoy35,32 =1,54802
Aoy0,7508 = 1 87552

loyx =1 42354
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"Eneidn) 62 6 mpog tov AoydpiBuov 1,42354 aviiotoi v
&piBuog elvar 256,518, Enetat, 611 x = 25,518 katd mpooéyyilowy
0,001.

6) N& edpedfj 1o mnAikov ¢ =3853,54: 195,817.

"Exouev Aoyy=»Aoy853,54—Aoy195,817 Aoy853,54—2.93122
Aoy195,817 = 2,29185

Aoyy — 0,63937

kai Y =4,3588 (npoo. 0,0001)

7) Na eOpebfj f| dOvauig x = (1,05)>.

"Exouev Aoyyx = 20 Aoy1,05
Aoyl1,05 =0,02119
£l 20

Aoyyx = 0,42380

"Emeldn 8¢ 6 &AnBnc Aoy&piBuog 100 1,05 dOvatal va dia-
Pépn &mo 1OV Omdpyovia év T® mivakt kata AHuloeiav povada
Thi¢ TteAevtaiag tafewg, Emetal, 811 & eOpebeigc Aoy&pLBuog TOD
(1,05)" duvatalr va diagépyn 1ol &AnBol¢ katd 10 pov&dag Tfig &
abtfic tafews. ‘Emopéveg & &Andhc Aoyd&piBuoc tod (1,05)" &
meptAapuPavetar petafd 1ol 0,42370 xal 10D 0,42390, &pa, &OC
palveral ¢k T®V mvakeyv, 1) Intovuévn BOvaulg meptAapPaverat
petagd tod 2,652 kal 100 2,654. "Ex tovtou Emetal, 81 fj) InTtou- |
pévn dovaug elval x =2,653 (mpoo. 0,001).

3
8) Na e0pedfj & &piBudc Y= }120°.

"Exopev Aoyy =2 Aoy120 Aoy120 = 2,07918
émi %u _

Aoyy — 1,38612 ©

Kai ¢=124,329 |

5
9) N& eOpedfj & &piBudg ¢ — 0,854,
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AauBé&vouev Aoy § = —=-Aoy0,854 Aoy0,854 — 1,93146

1

Aoyy = 1,96629
5
kal ¢ = V 0,854 = 0,968925.

10) Na ebpeBfj /| map&otaoig

'EE avtfic AauBavopeyv
Aoy — %—Aoy28+-;—xoy53ﬁxoy8993,

Aitdtalic 1OV mpaEewyv:
Aoy28 — 1,44716 3-Aoy28=2,17074
Aoy53 = 1,72428 —1-Aoy53 = 0,34486

&Bpotopa  2,51560
Aoy8993 = 3,95390 doaipeitat 3,95390

Ot AoLmov 5,56‘170
xal x = 0,03645.

Znuelwoes. Ta dveatéipw napadelyuata &pkolv did va
Betfouv v dptAieiav 100 Aoyiopol did 1&v Aoyapifuwy, didTt
Bia 1OV Blorov TdV Aoyapibuwyv katopBovouev va &vayw-
HeV 1Tag mpaleig Enl 1OV dpiBudv elg &Ahag &wAovotépag, fjToL
tov mMoAAanAiaoitacpdv elg mpdoBeoiwv, v daipeoly elg &opal-
peotv, v OYwoiv elg duvaueig elg moAlamiaogiaopsov kal v
iEayoyny TdOv pldv elg Sialpeolv, ypnotpomwololvieg Tpog
to010 TOUC Tivakag T®v AoyaplBuwv. Ot B adtd®v éxkte-
roDvrar mpd&éeg, al dmolal, dg elmopev xal mpornyovuéveg
(§ 169), 8a floav paxkpdtatal Kal dmMMovOTaTat.
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“Otav al mapactaoeg elvar &Bpoiopa povovipwv fj dia-
pop&, ol AoydapiBuol épapubdlovial peta duokoAlag” m.x. elc THV |
map&otacity 36a? —498°. AléTL el alTijv pénel va Omoloylow- §
HEV TpGTOV Yw@PLoTA T& povodvupa 3b6a’ kai 49B° kal Emelta
SAnv v mapaotaoiv. Obtw B2 Exouev mepiogotépag Mp&EEeElC
va kGuouev. 'Extég 8¢ toltouv kal 16 é€aybuevov bév elvai
ToAD &xkpiBég. Ava tolio, gav elvar duvatdv, peraxoxnuatilo-
uev v dedouévnv mapdotaoiv elg povdvupov, T Sdnolov elval
Aoylotdy Buiad tdv AoyaplBuwv. Of6te 1My &Gved nap&oTaoly |
petaoxnuatifopev elg v (6a + 7B} €a — 7B). 'Emeldn &6¢ 1a a
kai B OmotiBevratr Oedoufva, elpiogkopev TOoOG Tap&yoviag
6a +— 7p xal 6a — 78 kal Emeita é&¢apudlouev TOUG Aoya:
piBuoug.

"Aonrnoees.

481) Na OmoAoyioB8oDv Bia T®OV AoyapiBuwv al mapa-

OTAOELG :
47,3.0,845 9,814.0,0625 898,9.0,05377
g 0,8948 _0,7469
89,43 3,155 0,6743
482) ‘Opoiwg va OmoAoylobBolv al TapaxoT&oEelq :
He g2t (0.25) {1.04)*
(0,034)* (0,1678)* (0,073% (0,07291)"

SOl e e

483) 'Opolwg al mapaotaoelg:

3 5 7
V719 Via \ 1000 Vv 100
= - — 4 i i t— 5 ....... e
V7.9 Vv 0.374 \ 0,00478 \ 0,064
3 ‘2 _3
Vil Voo 19° .
3
a5 135 1[.?3: V %
58 43 425 2,144
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484) Na OmoAoyioBolv duoiwg al mapaot&oslg

5305424 69 32,51
oo e 0,31
4
20/ 15 9,7.00,06)*
R V0,09
— 3 meneee 4 P
23 1/6,>5 V28.\V5
29 ¥ 0,15 142
485) N& OmoAoyiodij dia 1&v AoyaplBuwv 1 Var—p?, Stav
elvat T} a—30.445 p =17.,48,
Kal 2} = —0649, B =0,046.
486) ‘Ouoiwg v& OoAoylodij fj map&oraoig w(p*—p™), Stav
elval n=—=3,141, p=8,75 xal p'=3,49.
487) ‘Opoiwg va Omoioyro8f | mapdotaoig %np’. Stav
elvat = 3,141 xkal & p=3.37.
488) “‘Opoiwg va Omoloylodfi 1| map&otaocig %np’u. Stav
elvar m— 3. 141 p=—258 kel 5 =—3906,
489) “Opolwg va ebpedfy &6 210 Bpog 1Tfig YEDUETPLKTC
npoddou 3, ;A RS s S
490) “Opolwg va edpedfj & 2505 Bpog Tfig Mpobddou
e e R
s = T > B e Bletins

491) Na e0pebij 10 éupBadov tpiydvovu, 00 al 1peic mAevpal
elvar a=—18,20, B=22,50, y=36,24 (E=V t(r—a)lt—BXT1—Y),
nov 1T elvar 7 Huimepiuerpog 100 TPLydDVOUL.

TAVRXTORICHOS.

182. Eic v &piBuntiknv €ldouev 11 Adyetar tdkog, ti &mi-
téxiov kal 1l kepaAaiov. ET6opev 8¢ éuwlong, 811, Stav 16 Ke-
¢&Aaiov pévy 1o adtd kab’ SAnv v SiGpkelav 100 davelou,
& téxog Afyetalr dndods.

*AXAG MoAAGKIC O TOKOG EXAOTING XPOVIKTC povadog, m.X.
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Evog Etoug, kal elg 10 1éhog alTtfic, MpooTiBetal elc 1o kep&-
Aawov kal amoteAelital oltw véov kKepdAaiov, 1o dmolov Toki-
etal katd TV émopévny ypoviknv povéda.
‘H mpéoBeoic 100 16k0L €lg 16 kep&Aalov, fjtoi 7§ kega-
Aatomolnoig 100 tdékoL, Aéyetal dvavoxiouds, & O& TéKOg, & @
6molog AauPdavetal &md Tov &varoxkioudv, Aéyetal ovvderog. |

183. MpoépAnux. — Kepdiatov a Spaxudv, dvaroxildusvor
»at’ Erog, méoov Pa yivy wpmerd v Exn, fav & Téxoc Tilg widc
doayuijs el Ev &rog elvar ©;

"A@ol 6 téxog tfic 1 Bpaxufic el Ev Etog elvar T, & téxog &
TOV a Spaxudv elg &v mahv Etog elval at. “Qote 10 &pxixdy §
kep&Aalov a elg 1d TéAog ToD Mpdrouv Eroug Ba ylvy atat f £
a(1--1), fjtoL 10 kep&haiov, 1d dmolov Tokiletal kKatd Td HedTE |
pov Etog, elvar a(l1-+1). "Qote al a(l|1) dpayxual 8& pépouv &lg
gv Etog, téxov a(l1-{-1)1. "Emopéveg 16 xepdAaiov elc 1o TéAog 5
10D Beutépou Etoug B& yivy '

a(l4+-1) (14t f a(1+TX141)= a(1-+1).

'Ex 10V &votépw BAémouev Aowmdv, 8t 1 dEia olovdrimore |
nepalalov usta Ev &rog edploxerar, &av modlamiaciac®fi robto
gnl (1-+-7).
Kata talta elg 10 1éAog 100 tpltou Etoug T8 KepaAaiov

8a yivnp a(l+1).(1+1)=a(1+1) ;
kal yevik®g elg 16 téhog 100 vuootoDd Etroug Ba ylvp a(l-+1).
'"Eav Aowmov mapaoctiowuev Sidx K v &flav tod davelou, elgh
TO TEAOG 1AV Vv é1OV Ba Exwpev v éElowoly 4
K=a(1+1) (1)

Davepodv BE, S ) adTh mpokdTTeL Elowolg kal Stav & &va- i
tokiopog ovpPalvy odxi kat’ Erog, &AA& xat’ loa xpovika bia-
otuata oladfnore, w.x. kara &€&aunva, Tplunva KTA. &pkel va:
napaotadfj did 10d T & téx0¢ Tfig Bpaxufic el Ev 1OV daoty
U GtV 100tV Kkal di& 1ol v 10 mMARBog 1OV E€aufvey, TplufT
V@V KTA.

‘H é€lowoic (1) BAémopseyv, 811 neptéxel Téooapa mood, T :
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K, a, T xal v’ 8tav 8¢ ék 1OV TE0C0dPp®V adT®V Moodv yvopl-
Louev 1a tpla, ebpiokouev 10 Tétaptov Abovreg v é€lowaolv (1).
[Nvetal B¢ to0to edkOAwg Bia TAOV AoyapiBpwv, 86Tt Aaupa-
VOVTEG TOUG AoyapiBuoug &ugorépov 1OV lowv edplokouey

royK=Aoya-+vAioy(l-+T) (1)
184. MNpopAupatax GvaToKlopoD. — lov) "Eddveicé tig xe-

@dlaoy 30000 dpaxudy éx’ dvaroxioud xatr &rog meds 87/,.
Iéocov Ha yivy puera 12 ¥in;

“Exouev v=12, a=30000, t=0,08.
“Ofev 6 TOmog (17) ylvetan
AoyK = Aoy30000 - 12Xho¥y(1,08)
Aoy30000 = 4,47712
Aoy(1,08) = 0,03342 12A0y(1.08) = 0,40104

AoyK = 4,87816
xal K = 75536,7.

2ov) IIéocas dgoaxudas moémet va Saveion tic &mi dvaroxioud
mpdc 6°/,, tva Adfp puera 15 &n 60000 ;

"Exouev K==5600,0, x=—046, v—15.
“0Ofev Emetal é€x oD toOMov (1)

Aoya == Aoy60000 — 15Xoy(1,06)
Aoy60000 = 4,77815

Aoy(1,06) = 0,02531 15Xoy(1,06) = 0,37965
Aoya = 4,39850
a = 250324

3ov) IIgds moiovy Emirdxiov 40000 dpx. dvaroxilducvar
éni 20 &np Fywav 87632 ;

"Exopev = vw=—20, ' K=87632, «=40000.
“O8ev
Xoy(1 + 1) = = (Aoy87632 — Aoy40000)
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AoyB87632 — 4,94266
Aoy40000 = 4,60206
diagopa = 0,34060
5 1fic diagop&g f{ 100 Aoy (1l |+ 1) =0,01703
(1 +1)=1,04
50ev T=—0,04
xal 10 émtékiov 100t elval 4°/,.
4ov) Meta méoa Frn mepdiaroy 40000 dpox. dvato:u{'dys- 1
vov nat’ Eroc meds 4,5°/, yiverar 67841,6 ;
‘O tomog (17) didet

E

Aoy67841,6—Aoy40000

V=

Aoy1,045
“Exopev Aoy67841,6 =—=4,83150
Koy40000 = 4,60206
SLagopa =0,22944
Aoy1,045 =0,01912
o 0,22944 22944
Qote V= '*070’19*12* = 1912 i ETT].

50v) Meza niéoa &y 12589 dpayual dvaroxiidusvar mpds
50/, yivoviar 45818 ;

‘0O tomog (17) Bid=t
_Aoy45818 — Aoy12589

~ Aoy(1,05)
"Exopev Aoy45818 = 4,66104
Aoyl 2589 — 4,09999
diagopa =0,56105
Aoy(1,05)=0,02119
! 056105 __ 56105
wal V="3502119 — 2119 — 26 E1n xal T MAfov.

Awa va ebpwpev 11dn 16 pépog tod 270v Etoug, Ba elpwuev
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mp&tov Tl yivoviar al 12589 Spayuai elg 16 TEAOg TOD 260V
Etoug. Ebpiokopev 8€, 611 12589.(1,05)" = 44764.

_ “Qorte al 44764 dpaypal dia 1ov OTTéAoLToV Xpdvov pEpoLV
. &mAoDv téxov 45818 — 44764 — 1054 dpayudas. Katémy todtov
. gOploxouev tdv xpdvov Bk 100 yvwotod tOmMou 10D &mAod

TéKOU X = —%‘;—0— =172 fjuépar.

Znueiwoic. 'Ev 1fj mp&éel mpog edkoAiav ylvetal cuvy-
B¢ 10 £&fc. ‘H &vw diaipeoig 52§]110§ peETA TRV elpeolvy 100 mn-
Alkou 26 5ideL OWSAowtmov 1011. AauBavouev BE &g 10V {n1od-
;?}—é 100 Etoug, 1O OmMoOlov TPEMOUEV
elg pfivag kai fuépag. Edpioxopev 8¢ 5 ufivag xal 22 meplmov

pevov xpdévov 26 1 kai

fuépag, fitot 172 Huépag. Elg &GAlag mepimtdoeig 16 €aydue-
vov, 10 dmolov ebplokouev katda 71dv TpdémMov TodTOoV, BLagépel
100 &xpipolg moAlD OAlyov.

6ov) Kegpdlator 4000 dSgayudy dvaroxilferar xad £5dun-
vov. T yiverar uera 15 &y, Srvav 10 dmirdmov civar 4°/,;

Elg 16 mpbéPAnua 10010 elval

v=—15.2—30 xai 1=———=0,02.
“Exouev Aoimdv K = 4000.(1,02)".
EOplokopev 8¢ dia 1®v Aoyapibuwyv, 611
K = 7245,50 dpayuai.
185. Ol tOmoL 100 &vatoxkicuod &papudlovratr kal elg In-

thuata mAnBuopod. I x. ‘O midndvouds uidg nélews elvar a,
attdver 88 oUtoc xara 3°/, énoiws. IIécoc ¥a elvar uerd v &1y ;

Lo FE o dant s ab il

"Edav cuAAoyloB®pev &g elg 10 mMpéPAnua tfic Tapaypdgou
183 eUplioxouev, 81t K =a(1,03)"

186. Mpoépinua.— Eig miav nélwv, 7 xat’ Froc ailifnocg
t0o¥ mAnPvouot elvar 8°/,,. Mcra ndoa &n 6 wAndvouds av-
tijc ¥a dimdaciacdi;

A N D S AT R T L AT
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‘Eav & mAnBuoudg elval «, 8& Exwpev K =2a. Elvai 8¢

kai T =0,008. "Exopev Aotmov

2a =of1,008) # 2={1,008)".
“Qote Aoy2 = vAovy1,008
Kal e NovE L CEELE , fjtoL v=87 E1n.

~ Aoyl,008 T 0,00346
IHoofAnjpata mpog doxmnoiv.

492) Elg molov moodv B8d& &vEABouv TA KA&TWOL KEP&Aara,
dvatokilépeva kat' Etog:

1) 25000 dpayudv mtpeg 4 °/, énl 20 E€1n;

2) 10000  » » 45°%, » 10 »
3) 36000 » L » 8 .=
4) 7300  » » 65 » 15 »
5) 6450  » 3 aeEnIl A YRS
6) 1000 » S ;—”/,, - Ay e
7) 100 Mp&v  » 4+, » 18 »

493) Kata v fMuépav tfig yevvnoewg 100 TéKVOu TOUL Ka-
1£€0e0£ T1g Elc TO TapieuThplov 12500 dpayxpdacg. tag dnolag &of:
Kev dvatoxkilopévag kat €tog mpog 4°, éni 21 €in. lléoag
Spayxuag B8a Adafn elg 10 TéAog 1AV 1AV TOOTWV;

494) Kegp&ahatov 1000 Aipdy &vatokiletatr kat’ £toc éni 10
Etn. "AAN’ elg piv 1& pdrta 5 E1n &vatokiletal mpdg 59/, elg
b¢ ta Embéueva Etn mpog 6°/,. INéoov Ba yivn elg 10 TéAog 1LYV
10 étdv;

495) Mia moAig Exet mAnBuouov 20000 katoikwv. AOE&vEL
6 6 mAnBuopdg altfic katd 7 % kat' Etrog. [NMdoog B6& vyivy
peta 25 En;

496) KegpdAaiov 50000 Spayxudv &dvatokiletatr kab’' £E&un-
vov. [Néoov Ba ylvy peta 10 €tn, 100 émrtokiov Bvrog 6 °/, ;
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497) Kepd&Aaiov 30000 dpayudv &avatokiletat katda tpiun-
vov. [Néoov Ba yivny peta 5 €1, to0 £mtokiou Svrog 8°/,;

498) [Nola kepdraix mpénel va katabéorn Tig €mi dvatoxt-
ou® xat E£tog, va A&Pn:
1) 6500 Bpay. peta 10 €1n, tod émtokiov &vioc 67/, ;

2) 7560 » » 9 » » » » 8%
3) 47000 » » 20 » » » » L5257 ey
4) 25000 » » SRR » » » i G
5) 37675 » » 15 > » » » gl

499) lNpog molov émitdékiov Tpémel va &vatokioBi] kat’ £tog
kepalaiov 24850 dpayxudv, (va peta 12 € yivn 50000 dpaypal ;

500) Ipdg molov émtdkiov MpEmeL va dvatokiodij xat’ Etog
kepaAatov 30000 dpayudyv, iva peta 15 &1y yivn 88770 dpayual ;

501) Ipog molov £mtdkiov keEpaAaidv 1L Gvatoxkiléuevov
Kat' £rog dimAaoit&letat peta 15 £n;

502) Meta tdéoa €1tn 7000 dpaypual dvatokildueval kat E1og
npodg 5°/, yiveviar 9850 dpayual ;

503) Meta mdoov ypdvov 35000 Bpaypai &avatoxkilopyeval

ka1t Etog mpog 6 ; °/o Yivovtar 60000 Bpayual;

504) Meta mobdoov ypdvov kepdAaidv i dvatokilduevov
xat' Etog mpog 4°/, §j (4,50°%, fj 5°/,) BimAaoi&letral kal pHETO
néoov xpbdvov &vartoxkiléuevov xat’ Etog mpog 6°, TpLMAa-
otaleTal ;

505) Eig molov moogdv 8& &VvEABN kepdAaiov 42000 dpay-
pudv &vatoxiléuevoyv kab’ é€aunvov &mi 18 €t mpog 8 °/,, kal &lg
molov, £av ol 1ékoL 1oL &vaxkepaAalomotoDvTal &dva Tplunvov;

506) Kep&Aaiov 15000 Bpayxudv &vatokiletrar kat £€10¢
npdg 5°/,. Elg molov moodv B& &véAOy, £av & xpdvog elvai
6 Etn xal 9 ufjveg;

507) Avvatal Tic va daveion kepdAaiov 60000 dBpaxudv
Bia 10 Etn, elte &n’ &vatoxkiou®d kat £1o¢ mpdg 5°,, elte pé
&mholv téxkov mpdg 7°/. Nolog tpdmog daveiov &€ abtdv elva
TMAEOVEKTIKOTEPOC ;

17
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508) Aaveifel tig B 6 Etn & 4&vatokiou® kKat £T0C 18
kepdAaiov 1OV 28400 dpayudv. Al molov xpdvov Empemne va
davelon 10 avtd kepdAaiov kKai TPodg TO adTd Emitdkiov Ewmi
&TA® TéKQ, Iva mpayuatomotfjon TRV abtnv cbEnolv 100 kepa-
Aalovu Tou ;

509) Aavellel ti¢ kepdAatov 18500 dpayxudv Eni &vatoki-
ou® kat’ Erog mpog 5°/, éni 8 Etn. lNolov kep&haiov Ba Empene
va Bavelon &n’ &vatokiop® xat’ £tog mwpog 5°%,, Tva uerd
oV adtdv xpdvov Exn 10 alTd Mogdv Bpaypdv;

510) Kep&houdv 11 &vatoki{ouevov kat Etrog ylverai pera
3 #tn 5625 dpayxpal, peta &AAa B2 2 &xéun yiverar 6084 Bpa-
xpal. INMotov elval 16 émitdkiov ;

511) 'Eav & mAnBuopog témou TLveg avfavetatl kat' Etog
Katd 5%, abtod kai elvar ofuepov 2000000, méoog Ba yivy
peta 100 Etn;

512) Elg plav méiv kaB’ Ekaotov £€tog i yevvroeig Omep-
Balvouv to0g Bavatoug katd 15°/, &ni 100 MAnBuouod. Metd
néoa Etn & MAnBuopog TRg WOAewg avtiis 6& elval BimA&olog
100 onuepivol ;

513) Elg plav méAwv al yevvAoelg &vépyovral kat' Etog eig
44°/,, €l To0 TANBUoWOD, ol 52 Bavatot elg 19 %/, Meta néoa
£tn 6 MAnBuopdg TAg MOAewg Ba elval NGENUEVOC KaTa T HuLou
100 mAnBuopol Tfig onuEpoy ;

187. MpopAjuatx icwv KxTxBEoewV. — Edv els v dexnv 4
éxdorov Erovc maradéry tic gic todmelav 1d adrd mocov a dpax- |
udv én’ dvaroxioud, néoa da Exp va Adfp mera v Exn, Srav d
téx0c Tijc uidc doaxuic els Ev Frog elvar t;

‘H mpdtn xaté&beolg 1@V a bpaxudv 6& ylvy ueta v Em
a(1 4 1)* . ‘H devtépa kat&Beoig | yevouévn elg v &pynv 1ol
deutépou Etoug 8a yivy a(l + 1)¥—, BT éml (v—1) En B& &va-
tokio®f. ‘H tpitn xaté&beoig 8& yivn a(14+-1)"—2 k.0.x. T€hog A
televtaia kat&Beoic 84 tokioBf éni 1 Etog kal Ba& yivny a(l--1)

t
3
i
3
' !
.
g
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“Qote, é&av Bia 100 £ mapaorfowuey 10 Woodv, Smep B&
AGPn elg 10 1éhog 1OV v ET®V, Ba elvar

Z=a(l +1t) ol +1)+a(l +1)}+.... Fal(l+1)V,
v+1 v
fro. 3o 0t aliby ettty

“lva Omoloylowuev v map&otaciv tadtnv did t1®v Aoya-
plBucwv, mpénel va Umoloylowpev mpdtov v doOvapwy (14 1)
xal va lattdowuev Emeita adTiv Katd povéda' 1o B2 OW6-
Aolmtov va BEégwuev elg v map&otaoty &vii 1ol mapdyoviog
(1 +1) — 1 xai va épapudownuey én’ adtfig Todg AoyapiBuouc.

Fnueiwoig a’. Tag duvausic (1 -- 1) Sd T=0,03...
T=—0,06 kal &tad v=1,2... 50 E€xouv ol OTMd 1T0o0 Dupuis éxdo-
Oévieg mivaxeg elg oeA. 134. "Qote duvaueba vd AauBavopueyv
altdag £xel. i

Znuelwors B’. 'Eav al xatabéoeig 100 &vw mpoPriua-
T0¢ ylvwvtal elg 16 téhog Ekdotov Etoug, 84 edpopev 10 {ntod-
pevov avtod kata 1oV [dlov tpdmov. ‘H diagopa elvat, 811 £k&-
otn kat&Beoig B8a avatokiletar thpa émi Ev Erogc dAlydrepov.
Obtwg 1) mpdtn katdbeolg 8a dvatoxioBfj &nl v—1 &n, 1) dev-
tépax &wl v — 2 Etn xTtA. 'H 8¢ tedevrtala kat&beoic 8a pelvn a.
"Av Aowmdv mapaxoThowpey did X' 10 {ntoduevov, 8& Exwusev

1+t—1

MNapadetypax lov.— Kazadéret tig el zpdnelav el whv
doxnv éxdorov Erovs 1000, doayxuds én’ dvarorniou®d mpdg 6 °/,.
IHéca #a Exp va Adfn usra 20 &q;

"Exousev a=1000 1=0,06 kal v=20.

St a(l+1)" —« A S e, L k2 Mt
T

*Qaote elval
__ 1000.1,06.[(1,06)*"— 1]

= 0,06 o
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A.,.;J..Lj‘..-_y- i

'Eneid?) 68 elvan (Dupuis oeA. 134) (1,06)% = 3,20713, £ne-
Tal 8Tt =
Aoy E == Aoy1000 - Aoy(1,06) -+ Aoy(2,20713) — Aoy(0,06).
Aoy1000 =3
Aovy(1,06)=0,02531
Aoy(2,20713)=—0,34383
&Bpolopa = 3,36914
Aoy(0,06) = 2,77815
OméAhotmov = Aoy Z = 4,59099
xal = =—38993,6

Znpuelwotig. THv mapdotaotv (1) duvaueBa mponyouvpE-
V¢ V& KataoTthowuev &nAovotépav. Ba Exwuev B¢ obtw
3= 1000220713 o4 xoyE—=A0y106000-+Aoy(2,20713)—AoYe.
Aoy106000 = 5,02531
Aoy(2,20713)==0,34383
&Bporopa = 5,36914
Aoy6 — 0,77815
AoyZ — 4,59099 kTA.

Map&detypax 20v.— Ti wocdy mgéner va xavadéry wig én’
dvazoxioud elc td télog Exdorov E&rovs mods 5°/,, Iva usra 15
&n Exn 100000 dpaxudc;

"Exopev XZ'=100000, t=0,05 «xal v=15

x[(1,05)t5—1]
&dote elval 100000 —= ST .
S Oiuf,‘,],i,,u,
fitoL N

*Eneldn) elg 1o0¢ mivakag Dupuis edpiokouev
(1,05)** = 2,0789
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EXOUEV o= kali Aoya=—Aoy5000—ioy1,0789.
Aoy5000 = 3,69897
Aoy1,0789 — 0,03298
 Xoya —3,66599
Kai a =—4634,3

11,0789

Xpewhuoia.

188. ZuvrBwe T& oYETIk®C peydha ddvela, 1OV dmolwv
Bidpkelta elval p&Arov pakpda, E€ogprodvial B’ lowv dboewv,
al dmolar MAnpdvovial kat’ Toa xpovikd dixotiuata, m.X. £T1-
owx, £E€aunva, Tpliunva KTA.

To moodv, 10 Omolov mAnpdverar elg 10 TéAog éxdotou
XpovikoD diaothuaTtog, Aéyetal xeewdiciov.

189. MNpépAnua.— "Egtw, 8t Edaveiodn tig Ev moody a doa-
xudy 8n” dvaroxicud, 10 Smoiov Pa Efoplijop bida v dinoiwv
d6cewv. IHotov elvar 10 ypoewdvoiov, 6rav 6 téxoc éxdorne dpa-
xuijc elc Ev &roc elvai ©;

"Eav 1o mooodv 1&V a dpayxudv énpdkelto va TANpeOf] peta
IOV K@V Tou dLa &g elc 10 TéAog TAV v £TdV, Ba &xpel&-
Zovto dpayuai a(l-+1)". "AAN énedn 8& £E09Andfi xpewAuti-
k®D¢, elval pavepdv, 611 16 &Bpologpua AV 1AV XpEwAvolwv HETX
1OV ouvBiTwy TOK®V TV Mpénel va &noteAéon moodtnra lonyv
pég a(1-+1)". "AAN’ £av Bid X TapaoTHoWUEV 1O £THOOV XPEW-
Abolov, To dmolov, dOg elmopey mponyoupévedg, TANPOVeTal &lg
10 téhog ékaotou Etoug, Ba Exwuev &Bpolopa TOV vV XpE®AU-
olov petd td®v ouvlitov Ték@V TOV, Katd TRV onueiooy B’
100 mpoPAfjpatog 187, Toov ut

X +v" — 1]
T

‘Q¢ B2 elmopev mponyovuévwe, 8a elval
v —
a(l 4 ) = X[(l‘l":} 1 (1).
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"Ex tfic éElodoewg taving Suvausba va mpoodiopiowpev
Ev 1Oy MOo®V ¥, «, T, Vv, 8tav 1& &AAa tpla elval yvwota, éno-
puévog kal 10 x. Avovieg Aowmov 1nv é€lowoiv (1) mpog x edpi-
OKOUEV
S ety (2)

(141" —1

Mapadeiypaxtx.—1) *Edaveic®n 1ic BOOOO0 doaxuds mpodc
7°/, nal $éle. va 8Eoplijon o xoéos todro 8¢ Zinoiwv déocwy
glg 12 #&n. Héooy Pa elvar 1o ygewdvaiov ;

"Exopev o —SODRE +-——0 0T v——132
Kata mp®tov Omoroyilopev v dodvapwv (1,07)'2
Aoy(1,07)=0,02938 12Aoy(1,07)=—0,35256"

6Bev (1.07)'* = 2,2519
wal kata v éflowolv (2) Exopev
— B0000(2,2519)(0,07)
- 1,2519

Aoy80000 = 4,90309
A0y2,2519 — 0,35256

Aoy(0,07) = 2,84510

&Opolopa = 4,10075-
Aoy(1,2519) = 0,09657
vmMéAoLToY = Aoyy = 4,00418

Kal x = 10093.

2) Héoov elvai td xpéos, Sneg Efopleizar el 25 Fin da
xeewldvoiov 8900 dpayudv, tov Emeroxiov Svrog 6 °/,;
'Eviabba Exopev
x=8900, *=—0,06, v=25
kal 7 é€lowotg (1) yivetral

27 (1,06)*—1
@ ==8900. 661,067

WnetomoirOnke amé 1o lvotirouto EknmaiSeutikng MoAmikrig

QA AP A TN B PPt 10 80



WA TR S i ) MA%-.‘J'»'L‘;M:‘R‘T

TR et A BT R L M R D A PR

.
|

263

*Eneidn 8¢ elvar (Dupuis ogk. 134) (1,06)* = 4,29187, Enetau

Aoya = Aoy8900--roy(3,29187) — Aoy(0,06) — Aoy(4,29187)

Aoy0,06 — 2,77815 Aoy8900 — 3,94939
Aoy4,29187 = 0,63264 Aoy3,29187 = 0,51744
1,41079 4,46683

4,46683

1,41079

J\oycx =5, 05604
Kal =" TF13773.

3) Eig néoa &in éfopleizar ddverov 1200000 doaxudv,
Srav 10 Erijoiov xeewldorov eivar 150000 dpaxpai xai o émt-
zéxiov 8°/, ;

"Ex 1tfig é¢€lodoewg (1) Aaup&vouev
x(14+ 1) —x=at(1+1)°
x(14+1) —at(14+1) =x

(1~Lt)v(x—af)=x

R
ral (1+ 't) e e

'Ex tfic teAevtaiac 58 adtfic é€iodoewg Exopev
vAoy(1l- t)=Aoyx — Aoy(x —ar)
Aoyx—Aoy(x—at)

xal e roy(l+1)

“Hdn 5& mapatnpobuev, &1, dia va elval 10 MpdPAnua
10010 Buvatédv, mpEmel & &plBuodg (x — at) va elvar Betikdg,
dnhadn mpénel va elval x =>art, fj pg &Ahoug Abyoug mpémel 1o
xpE@AVOov va OmepPalivny 1oV £totov 1ékov 100 &p)ikoD Ke-
paraiov, 8neo eTval xai &@’ tautod gpavepdv. Elg 10 dobev
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npéPAnua elvar a == 1200000 kai t=0,08. “Qote ot =—96000
Kal ¢mouévwg

X — a1t = 150000 — 96000 = 54000

Aoy(1,08) = 0,0342 Aoy150000 — 5,17609
A0y54000 — 4,73239
diapopa = 0,44370
0,44370 44370 <
Y= NG o e =13 E1tn xal 11 WAfov.

“Qote pe 13 d6oeig dev elval Buvatdv va EEopAndi éviehdeg
TO ¥ptog” MpémEL va MANP@O] &xkdun Ev moodv, 1o dnolov elvead
pavepdv, 81t Ba elvarl pikpdtepov 1ol yxpewAvoiov. Aia va eb-
pwuev d& 1o00TO, GpkeEl va elpouev mbéoov yiverar 10 d&velwov
elc 16 Téhog TOV 14 é1hv, Emelta Tl yivoviar al 13 ddbosig elg
TO TEAOG TOV adT®V 1OV, Kal Enelta va dpalpéowuev To Beld-
TEPOV TOOOV Gmd 1ol Mpdtov. Obtwg edpiokouev, STt Tpémel
v& mAnpwbBolv &xdéun 42520 dpayual.

Snuelwotg a'. MNpdpAnua, elg 6 dnoTov va {ntfital 1o T,
Bev Buvaueba v Abowuev. Obte kal &v T mp&Eel mapouvoi&-
etal N} dvaykn tololtou mpoBAfuatog, ddtt Ta Emtdkia Kabo-
pifovral ék T®V mpotépwv kai elval yvootr&. "Ev toldTtoig pwg
Omapyovv mivakeg dita daveia 100 dpayudv, T Ponbela 1AV
émolwv 8" aniovotatwv mpafewv duvaueBa va mpoodloplow-
[LEV TOE:

Znueilwoig B. Ta daveia, ta dmola kauvelr 1o Kpatog
kal mepl dv ylvetar Adyog elg v &pBuntiknv (oceA. 263), &€o-
ohoOvtal ouviBwg g £Efig: “Exaotov &tog §j Exkaotov &€aun-
vov &fogAettar elg Oplouévog &piBudg dporoyldv kal Tpdg
tolto yiveral kAfjpwoig. Al 8¢ duoroyial, al dwolal ExAnpodn-
oav, mAnpdvovtal elg 10 &ptiov, fjtol elg v TLufv, TV dmolav
&vaypagovv. To moobv, 16 Omnolov BiatiBetral elg éxkdortnv me-
pioBov dia v £E6pAnoly TV KAnpovpévev duoroyi®v kal dia
v TANP@UNY TV 16KV TOV duokoyl®dv, al dmolal &touévouyv,
elval oraBepdv kai &motedel 10 YXpewAlotov. Oftw 5¢ petd
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v m&podov 1OV Kabwpiopuévayv 1AV 10 &avewov EEogpAeltal.
AAN Umapyouv davela, elg ta dmola elg dplopévog Gpibuog
Sdporoyi®dv é€opAeital kat’ €tog f kaB' &€aunvov elg TiuNVv pe-
yaAvtépav 100 &ptlov. Ta daveia adta elvar ta Aayeogpbdpa.
To 32 xpewAbolov adtdV &ToTEAEITOL &TO TOV TOKOV, &TO TO
moodv, 10 Omolov diatifBetal Sia v &ESpAnowv TV Suolo-
yidv, ai émolat kAnpodvral elg 10 &ptiov, kKal &md 16 Moodv,
To0 Smolov BiatiBetal dia TV TWANpUnv TGV Aayvev.

HHooBAjpata mweds doxnoiv.

514) lNatip Tic &néktnoe tékvov Kal &mMO THAG YEVVAOTE®G
U100 Kal y&pitv adtol kataBéter kat’ €tog &w &vatoxkiopd
mwpog 5°/, T0 Wooov tdv 2000 dpayudv. [Néoa Ba &yn el 1o
TéAog toD 180v Etoug;

515) MNatip Tic &méxtnoe tékvov kal BéAel va katabétp
£v mogov B adtd kat £rog, HOTE TA TMOOG aUTG &vaTtoxils-
pEva kat Etog mpog 4 °/, va yivouv petd 20 E1n 150000 Spaypal.
MNéowv dpaxudv mpéner va elvar 1) Enola kat&Beolq ;

516) KataBétel tigc xat’ £10¢ £m’ &vatokiopud®d mpog 4°/, 1o
Tooov TV 1000 dpy. Meta mwéoa Emn B8& Exn 50000 dpayudcg:

517) KataBétel 1i¢ kat’ £€trog pé ocOvBetov tékov Kai émi
10 &mn 16 TMoodv TGV 3500 dpaxudv mpog 3,5°%. Meta 8¢ v
napodov 1fic dexaetiac Emaquoe va xatabétn, AN’ &efike T
oxnuatiofiv kep&dAatov &w &vatokioud® kKat Etog mpog 4.
MNMéoa B8a A&Pn elc 10 1éAog TOV 24 étdv &md TG TPAOING
KataBEoewC ;

518) Afjuocg Tig &€daveioOn 3000000 dpayudag mpdg 5°/, ud
v ovppeviav, va 10 moodv albtd £LopAnon XPE@ALTIKAG
&1’ lowv énolwv 8doewv éviog 30 &tdv. [1éoov elval 16 ypew-
Abalov ;

519) ‘O dfjuog tdv "Abnvdv E&daveiodn 90000 Alpag 'Ay-
yAlag &ia v éxtéAeovy 100 &moyeTEvTikoD &ywyol. Td mogdv
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10010 B4 £EopAnBT yxpewAuvtikdg &' lowv énoiwy 8éoewv mpog
6°/s vidg 40 éxdv. lNoiov elval 10 ypewAdoiov;

520) lNotov yptoc &EbpAnoev elg, & dmolog EMANpwveY ET7-
olov XpewAvolov 5000 Bpayuag mpog 4°/, ént 20 E1n;

521) "Edavelodn 1ic 250000 dpaxpdg £m° &VaTOKIOU® Kot
E€tog mpdg 6°/, pg v ocvupwviav, Tva é€opAnon 1O XPEOG TOUL
XPE@ALTIKOC B Towy étnolov dboswv éx 40000 dpayudv. Meta
méoa E1n Ba E€opAnon 1o xp€og TOUL ;

522) "EdaveloBn tic 150000 dpayudag &nw’ dvartoxkiopd xat
Etog mpodg 3,5%, ug v ovpgpwviayv, iva é€opAnon 16 Ypé€og Tou
XPEWALTIKOG Bl lowv é&tnolov déoewv €k 10000 Bpaypudv.
Mera méoa E1n Ba £EogAnor TO Xpfog TOU

523) Afjuog Tig &davelobn 1o moocov tdv 3000000 Spayudv
Bia v &véyepolv Bidaktnplwv, Td dmolov Ba EEodAfjon XpeEw-
AVTIKOG bdila 12 Towv émnolov Bdéoewv &pxoupévwy 3 Etn pera
v gbvayilv to0 daveiou. [Nolov elval 10 ypewidotov, tav 16
é¢mrdxkiov elvar 57/;

Avapopor doxrrnoeis »nal wpofinjuara.

524) ‘O tdmog a=13,6ypap.ve Bider TNV &THOOPIPLKNV
mieowv elg ypappdpia OO PapopeTplkiic othAng, Tfc dmolag To
Ogog v TaploTd ékatootduetpa, émni Emipavelag & elg TeETpayw-
vika Eéxatootéuetrpa. Na 0pedf 1| &tpoopalpikn mwieoig énl dia-
Pépwv Empavel®v OO otRAng Oyoug 0,76u, 0,754u. KTA.

525) ‘O t0mo¢ tfic ypaputkfic diaotoAfic elvat
p=p(l14-o(x"— 1),

6dmouv p xai p’ elval 16 pfjkog &g p&PBdou eic Bepuoxpa-
olag T kal t" kai 0 &6 ocvvieheotig Tfg ypapuikic SiaotoAfig
tfic p&Pdou. Ebpnre 1o pfikog pdpdou odnpag 100°, tav To
ufikog adtiic elg 10° elvar 1 pérpov. ‘O péoog ocuvieAeoTNg THAC
yYpaupikfig SlaotoAfic 100 owdApou elvar 0,0000122.
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526) ‘H dOvaulg ¥ dvuoydoewg £vog depootatov OO Bep-
poxpaoiav 0° kai &drpoogaipikniv mwieowv 0,76 Bibetar Omo tod
tomou y = 1,293xAoyp. (1 —8)o — B, &mov & elval 10 elbikov
Bdpoc 10D depiov (v oxfoel pé tov &épa), 1o dmolov mwAnpol 10
&epboratov, o elvat & 6ykog 100 depootdatou elg kuPika pétpa
Kal B 10 Bdapog 7100 mepiPAfuarog kal 1@v é€aptnudatwyv &lg
XA ypaupa. Na& ebpedf f ddvauig ality, 8tay elvar & = 0,0693,
0= 1000 xai B =5C0.

527) Al xowvovikal doparioelg mapéyovv elg to0g épydTag
gbvialiv dvaidywg 1OV fuepoutobiov, 1a dmola Eémpayuato-
meinoav ka8’ Anv v meplodov 1fic épyaociag 1wV kal Tfig HI-
o8oloyikfic Twv KAGoews. ‘H unviala 8¢ cbvradic adtd®v diva-

= e
Tat va £0pebfj Bid 100 TOMOUL X =§QQQBF% T $mov « elvar b

SdAlkdg &ptBudg TAV mpayuatomolnféviwy fuepopiobioy kai x
& ovuvredeotig Tfic ploBoroyikfic kKAGoewg. Na edpebfj 1o Z,
Stav elg épy&ing elpydobn éni 30 Etn pe 300 fAuepopiobia kat’
Erog xal 8tav & ocuvreAeotng Tfic KAdoewg elvar 0,90, 1,45,
2,10, 285, 3,706, 4.80.

528) Na eOpebfj 1] Tiun Tfig TApxOTACEWS
W Cy—20P - 5—¢1xf O y=8 wal $——2
529) *Opoiwg va edpeBfj 1) Tun Tfic TapaoTdoe®g
(5X 439 —(5y+30P+HOw—x) Bid X—= 4 Y= — 15, ©=u
530) N& &amAomownBodv al mapaotdoelg
(x—ay-(x+a)y—@x—alx—2a)
2(x+3a)+3(x—2x)'—5(x*+6a?)
(4—12¢4-94").(2—3ys) (23X 9yr-+12¢-+4)

531) Na &vaAvBolv elg ywvdueva mapaydviev al mapa-

OTaoES XA’ — ) —(x— ). (x+¥)
(2a—B)'— («—2B)* (2u—5y—4 :
16x"—49ap* (Ba—2)—(3p—2)
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532) 'Eav (a+Bla—y)+{a—BXa+t+y)=0 va beixBf &1
a*=PBy
533) 'Eav g=ay® kal o=ap® va deixbf &1t

Y—w

e a(x—9)
534) Na &mAomoinfodv al mapacT&oslg

oS AR 1 2xbw , xix*+v)

G R e ST . MR o, MG i
Bx—y)P—w? ylx? —9)+(9—a?)
OGxFor—y: Brax —aT3x°

535) Na AuBo0v al éEiodoeld :

1 2 1
T xS lx il 5

Sax—— = 52— — 5

2(x5Nx+2)=2x+7Xx—+3)
(24+1)—8 — (2 —1)°

29—10y _ 5+36p 32 4 2x—4 =
TR 2 e o I g A e

(a—B)x = 2a—(a+Blx
a(B—x)H-B(y—x)=PB(a—x)-+V¥X

e ox). BEEg.
B S it
ax
X—a T x—=B
536) Na AuBf} 1} é€lowat L;i = _Qg__—jggg_ = 2w, 8tav elval
1) =4 kal 2) o=——4.
537) ’Eav ¢ =5x—8 xal ¢=3¢|7, v& ebpebi} | Tiun 100 ¢
1) i x=7 kal 2) Bix x = —2.

5

538) 'Eav 3x1+4¢p=13 xal x—3¢p=13, va e0pebfj 7 Tun
100 ¢, Stav 3y1+-8y—6p=23.

539) 'Eav 2x+3¢ =9 kal 3x+2¢==16, va elpnte v TNV
100 3x—2¢.

0 b A SR e b,
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540) Na AuvBolv t& cvothuata:

1) B 5 2) 5x+7¢ _ 13
x+2¢+3 — Sx—ap+7 Sx+11 ° 7
IR 2o 19
6x—5¢+4  2x3¢+1 5x4+3¢ 7
3) Xx+H2¢—w-1-4=—0 4) % .a‘*i_._ %:1
3x—+4pt-o—1=0 %#%+%=1
5x+6¢p—3w-+18=0 %- =+ 3%’ fas _“‘E’_ =13
3y 9 (o
o s e
541) Na Av6fj 16 ocvotnua
ax Py =y
X+ pg—vy

Kal kata v Aboly adtol va £€etacBolv al mepimtdoelg Katd
Ta¢ 6molag elval

1) aB—a'B=0 xai yp'—yB=0(f ay' —a'y=0)
xal TodAdaytotov B0 (§ az£0).

2) af’"—aB=0 kal yp'— yB=+0 (f ay’ — «'y #£0) xai
B~0 (i o 0).

3) aBp’™— «’B 5= 0.

4) a—a'=B=p"=0 kal y=£0 (§ y'+0).

5) a=a =p=p=0 kait y=0 (f§ y'=0).

542) Kat&a tiv Abowv 1ol oguotiuatog tfic mponyovuévng
GoKNOoEWC, é€av a7 0 kal af'— a'B =0, ay'— a’y=0, v& £€eta-
oBfj 1| oxtoig 1 peTald Tdv Réymv% i —g; . %

543) "Aeponiavov Exov &vrtiBetov Tdv &vepov Suivuoe 690
XitAdpetpa elg 3 dpag. Katdmv Suwg, énedn édimiaoi&odn 1
Taxomng tol &véuou, niEnoe v Biav Tov TaxdInTa katd 40 yi-
Abpetpa TV Spav kal dinvuoev &AAa 470 xiAibuetpa elg2
dpag. Na e0pebij 1 Bla Taxding 100 depomAdvou kal 100 &vé-

| pou Katd 1dg 3 mpotag dpag.
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544) Kpapa poAUBBou kai kacoitépouv Luyiler 130 yiAio-
vpappa, &viog B 100 Udatog Luyiler 115 yiAidypappa. Na
€0pedfj 10 Bapog Eéxdotov TAOV UETEGAADV TOoUT®Y, YVEOToD
8vtog, 81l 10 eldixdv Bdpog TtoD poAUPBdou elvat 11,4 xal 100
xkaooltépov 7,3.

545) Tepdaytov poAOBdou Bdapoug 10 YIALOYPAUU®DV TPOKEL-
Tal v& ouvbedfj pgé peAiov oltwg, dote 10 BAov odua £vidg
100 8datog va uylln 2 xihdypapuca. lNéoog peiidg 6& ypeia-
obfi mpog tolbtTO, Btrav yvopilouyev, 8t 16 eldikov Bapog 100
poAUpdou elvat 11,35 kal 100 ¢perol 0,24 ;

546) Kpaua 800 pet&diwv fuyiler a xiAbypapua. Na
€0peBT] 10 Papog éxkdotou TO®V UETGAA®V 10D Kpduatog, Stav
10 pév Slov kp&ua yavn éviog 1o0 Udatog Luytlouevov p xt-
Adypappa kot tav B ytAdypapua tob £vog £€ alTdV xavouv
¢vtoacg 100 Udatog v xtAdypaupua, vy y xiAdypapua oD &Alou
xé&vouv évtag 10D GBatog A ytAbypapua.

547) "Hhextpikdv pedua 10 oAt Exel BOvauiv 5 &umnép. Awg
molag &vTioTdoewg N BOvaulg altn katépyetal elc 2 Gumnép:

548) “Orav & &piBudc tdv otoixelwv yaABavikiic guotol-
xlag adfavetal &no 3 elg 5 ) BOvaulg 100 peduatog avép)eral
&amd 1,5 elg 1,8 &umnép, évd ouyxpdvwg abfaver 1) avilotaolg
kata 1,4 6p. INéon elval f| NAexkipiky) dOvaulg Ek&otou OTOL-
xelou kal mwéon fjto /| &pxikn &viioTaolg;

549) Pebpa 3 &umnép diakAadolral elg ddo yaixiva olp-
pata, &k T®v dmolwv 1o pdv Exer pfikog 1 pérpou kai di&ue-
Tpov tfig kabétou Toufig 2 ylAlootouéTpwv, TO B& ExeL ufjkog
2 pérpwv kal diduetpov tfic kaBétov Toufic 1 xLAlooTouétpou.
MNog xatavépetal f RAektpikn dOvaulg el Exaotov TAV oup-
HETWV ;

550) N& e0pebij 1) didpkeia 100 ouvobikoD unvog €k 1ol
&otpikod unvog kal tod &otpikod Etoug.

551) Metafd 1fic &mootdoewg a £vog &vtikeltpévou, Tfig &mo-
otdoewg B 10D elddAou TOU &MY AudiklpTouv Paxkod EoTia-
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KN &TMOOTAQOoEWCG £ UTMGPYEL 1) OYXETLQ -‘;}% % = % . Na evpedy
1lov) 10 a éxk T®Vv B kal €, 20v) 10 B €k 1OV a kai & kal 3ov)

10 £ £k 1OV o kai B.
552) Na eUpeBolv al &xfpaiat Tipal 100 ¥, did tag dnolag

£maAnebouv &Gudpdtepal al &viodinteg

1) 6x+ 5 x>4x+7 wxat  XE3 oy 199
2) 15y —2>34E  » Hx—9<HZE
3) 8xy—s5>1xX=8 5 HEy— 3oy o

553) N’ &amobdeiy6fj, &1, &&v

X+Xx '=a 6a&celval kai ¥+ yx2=ao'—2

554) Na eOpebfj /| Tiun Tfic Mapaot&oewg

1 1
B N
M_v Stav y =64
XE Sk B
555) N& AvBobv ai &fiodoelg
o s L O s, S b ot S R
3x*+16x—59 =~ 2 Tx*—15x+27 = 5
L DEeRt e ikt Aty el . 3
Y ey == 9 5 T o
x—6Vx+5=0 x—7Vx+10=0

WVx =7 Wx—9=15 (5—Vx)'=4(3+Vx)
556) Na 6pLodfj f) tiun 1ol y, dua v dmolav al pllal tfic
£Elomoewg ¥'— 8y + y =0 diapépouv katd 4.

557) N& 6pLo®fj 1) tiur) 100 B, dik v dmolav év 1fj é€lodoEel
X*—Bx +36=0 va& elvat al pifat 1) loat kal 2) &vriBetoL.

558) Na e0peffj, tav al Tapaot&aoelg X+ 2x — 15 kai x*—9
€youv kolwvdv Tiva Tapdyovia kal molov.
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559) Na &XmiomoinBolv ai MapaoTaoElg

e i e IO R o BB e st s o
2" 9x—>5 2¢*—6x+4 e 2x*-18
560) Na AuvBolv T cuvoThuaTa
1) ¥ —5xP—14y*=10
x—7¢p=— 1
2) (X+2¢)’—5(X+2¢)—28:0
X—2¢=>5
3) (Bx+¢)y—Cyixr==24
b e . i
4) 2x— v -t+2¢ =4 5) xﬂé—qj_ff—58
2X+ X¢+2¢—6 Vx+Vyg=10
6) - —pprr—17
2x —3yp=0

561) IMoTov &piBudv mpémer va mpoobéowuev elg Exaoiov
&V &pl8udv 6, 8, 10, 13, Iva t& &Bpolopata oLvVioTODV &va-
Aovylav.

562) MNoTov &piBudv mpémel va &paiptéowuev &nd Exactov
&V &piBudv 8, 10, 13, 17, va al diagpopal cuvioTODYV &valo-
yiav; ,
563) ToOua TwimTel pi &pyikiv taxvtnta 0 elc ppéap Pa- :
foug 87 upétpev. Meta néoov xpdvov Ba (dwuev 10 oduax olcle &
vov el t6v muBuéva Tod ¢péatog; Kal pera mwbdboov xpdvov
| 8’ &xolowuev, edpiokéuevol elg 1d &vw otéulov 1ol ¢pfatog,
1oV kpbTOV, & dmoilog B& mapax®ii, Stav 10 odua tobto ¢Baoy ¢
el Tov muBuéva ; :
564) Zoua nintel elg ppéap kal & kpdtog, Brav Todto ¢pBaon :
glc 1ov mMuBuéva TodD ¢péartog, &xoletal el TO oTrduov attod
pueta 4 devrepbhemia &MO THG évaplewg Tfig MTthoewg. [1éowv

uétpwv elvar 10 B&Bog 100 Pppéatoc;
565) Béhog é€akoviileTal Katakoplewg mpodg Ta Gvw xal

Wneiomoir|Onke amé 1o lvotitouto EknmaibeuTikng MoAmikrg ]J



L R T e e e S

273

$8aveL elg Oyog 70 pérpwv. Metax mdoov xpévov ¢Bavel elg
16 Ogog t1o0to; Metd mdoov xpdvov Ba mEoy maAlvy Emi THC
¥ic: MNolx Ate f &pyixy TaxdIng ToUL;

563) ®Aowdg oyAuatog oaipag xali m&youg | EkaTooTod
100 uétpou Pubiletat £vidg tod Odatog &l B&Bog 13 uétpwv.
[MoTov 16 upfikoc 1®V &xtivev Tfic dowtepikiic kai Thc &€wtept-
kfic émopaveiag g, Stav 16 eldikdv Bapoc 1fic BAng, éx Tic dmolag
admoteAsital, elval 2,75;

567) 'Ex d0o éxxpeudv, 1AV dmolev td pnxn diapépouv
kata 0,45 u., &tav 16 Bpaxitepov kauvn 5 alopfoelg 10 pikpd-
TEpov Kauvel 4. Na eOpebff 16 pfjkog Exdotou éxkkpeunoic.

568) Elg xoTAov k&tomtpov EoTlakfig dootdoewg 0,40 py. 16
avitkeipevoy kal 10 eldwAdv Tov dnéxovv &n’ &AARA@Y 0,65 p.
Na edpedi] | dwdotaoig ék&orov ToUT®VY &Md TOD KATOTWIPOUL.

569) Na e0pebfj 160 yivépevov a.c’.a’at....a’.

DA ey

570) Na& £9pebfj 16 ywvéuevov a’.a’.«®

Boug mapaydviwv.

. Gmeipouv WAN-

571) Ta ynoia tpwngiov &piBuod elvar &v &pBunTki
npoddw. 'Eav & &piBudg obrog Siaipedfj dua 1od &Bpoiopatog
1OV Yymoiwv, didel nniikov 26. "Eav 5& f 1&g 16V ynopiov &v-
TioTpadi], MpokOWIEl &piBudg ueyaldiepoc Kata 198. Na& e0-
pedf & &p1Budg oltoc.

572) *ApiBuntikijg mpoddouv, tfic dnoiag & npdrog Spoc elval
1, 10 &Bpolopa 1@V 10 mpdTwY dpwv adtfic elval tetpami&oiov
100 &Bpolopatog T@®V 5 mpdrwv Spwv tng. Na edpedfj & Adyog
1fig mpoddov.

573) Elg uylav yeouetpiknv npbodov & Adyog 10D &BOpol-
ouatog TV TPLOV TPOTWY Spwy altfic tpdg 16 &Bpolopa TOV
&nelpov Spwv e loodtar pé 7:8. Na edpedfj 6 Adyog Tijg
ntpobdou TaxlINg.

574) Na &mAomownBij 1) mapdotaolig

Aoy0,06--Aoy(0,6F—Aoyd —Aoy54.

18
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575) Na &mobeixbf St

4 21 75 84

576) 'Eav Aoy2=a kai Aoy3=p, va &modeixB8f &1L

1) Aoy240=3a-+pB+1 Kal 2) Aoy50=2—a

577) Na dewx6fj 8t ol AoyapiBuol 1OV Bpwv YE@UETPLKAG
mpodbou a, ak, aA?, al’.... &mwoteAolv &piBuntixnv mpdodov
(a kal A >0).

578) Ol nopaiiouévol épyatal 'ABnvev —lNeipalde — Beo-
oalovikng elg 1o Bpuvpa xolvovik®v &dopalloewv &vijABov
kata 1o 1939 elc 300000, Omeloyiobn B¢, &t adf&vouv oltot
kat' Eto¢ katd 7,5%. &mnl 1®v fopaiiopéveov TOD Tponyouus:
vou Etoug. Na& e0peBfj méool B& elval ol jopariouévol Epyatat
elg v ‘EAA&GDa peta 5, 10, 15 Ewn.

579) Elg €xaotov 16V dpéowg nNopaiiouévev tod (Bplpa-
T0¢ TOV KOLWVOVIK®V &opallogewv &viiotoixodv 1,2 £uufowg
neceaiiopévol (ftor uéAn tfic olkoyevelag 100 épydrtou). Na &d-
pedfj P&oel 100 mponyouuévou mpoPAfjuartog TO gUvoAov TGV
Guéowg kal éupéowg Nopaiiopévov peta 20 €.

580) N& ypagodv tpeic mepipépeial pg kEévipa TAC TPEIS
KOPpUHAC TPplydvou Kal v épamtovial EEOTEPIKEC.

581) 'Eav (a+B)—(a—y)—=a(a+2p+2y) va dexbfj 6nt a,
B, vy elvat 1& pfxn tdv mAeupdv dpBoywviov TpLydvou.

582) ‘O &p1Buodg d 1OV daywviov moAuvuydvou pE v TAEU-
pdg bideTal OO oD TOTMOUL & = —;— (v—3).

Na £0pebfj 1ov) molouv moAuvydvou & &piBudg TAOV diayw-
viov elval katda 2 pikpdtepog 1ol &ptBuold TOV TAsUpdV, Kal
2ov) molov MoAvydvou & &plBuog T®v daywviov elval kata 12
peyaAdtepog 100 &piBuod tdV TAELP B V.

583) 'Ex onuetouv A 1fig Omotelwvolbong BIT loookeAolg 6pBo-

yaviou tplydvou pépouev tTHv AE k&Betov &mi v Al kal v
AZ x&Betov éni v AB. Na edpebfj 16 pfikog tfic AE, 8tav i
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AB elvan 7 pétpa kal 106 £uBabdov 100 6pBoywv.ov AEAZ elvat
12 teTpayovika pétpa.

581) Na& eOpeBolv ta pufxn 1OV TAevpdv loookeholg Tpt-
y®vou, toD oOmolevu 1) mepipetpog elvar 32 p. kai 1) &néoraocic
17 Kopugfic &md tfic dviocou wAeup&g 4 u.

585) Na eOpeBodv al diaordosic dpbBoywviov Exoviog £u-
Badov u* xai Suolov mpog dpBoydviov, 100 dmolov al diaoct&-
oeig elval a xai B.

585) Na &yypaoif el doBévra xOxAov &xtivog p dpboyd-
viov, 10 dmolov Exel BoBeloav mepiustpov 2A.

FTEARGO &
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TTINA= TQN TIEPIEXOMENQN

BIBAION A’. H AATEBPA KAI Al AATEBPIKAI TPA=EIZ

‘Opropoe tijg aryefoac. Ztotnua TOV Fetndv nal TdOV
agvnTIR®V dortuedv .
I

HpGEeig émri TV Vetndv =al 1OV dovnTundv dordpdv.
Mpdafectc .
*Apaipeatc . :
Meddaniactaopde.
Awxipeotc .

I
Avvaueig »al doxral idiétnreg avtdv.
v
IIepi avicoriTov
v
"AdlveBoucal ragaotdoelg xai didgopa £idn avTOV
Vi

Hpodateig €xi tdv alyeforndv wapaotdoewy. A’. Mpéchesic
B’. "Apaipeocic. :
. Hoidamiastaopde
A’ Awxipecic bt P
"Avdiugig modvewvipou elz yivdusvov mapaydytwy .
"AdyeSpixa whdopatx
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BIBAION B’. EEIZQZEIXZ TOY MNPRQTOY BASMOY

'EElodoelg tov modtov Pattpod pe éva ('ivv(octov E

Teviral idétnreg TV éEtodoemv :

Avowg todv éEEo@oewv TOD ITEMOTOU Baﬂu.ou e €va
dyvootov. . . St

MpofMinata kvoueva fu agwmoamv a Bm‘}uov e Eva
ayvooTov.

11
Zvomiuare £ElcoeE®y ToU mpwTov Paduov pera sTtok-
A@v ayvootwyv. A, Adsic EEiotcawy 100 1ov Babpst pé 34s
&YYoTOUS skl g e R s
B’. Alotg ocustipaxtog 60(;)4 nrote 2fiowcewy o Babpssd pi
lozpifpovs dyvostoug .
Hpstinpata
Adoic dvicothTwy

BIBAION I''. EZEIZQXEIZ TOY AEYTEPOY BASMOY

I

"AcvVpuerpor dordpol
ITepl plLdv :
Pilat wov axspaiwy dppav

Il
PavraoTzol xal wyadeg dordpol
111

Avvapeig Exovoar xhaopatinov gxdémy . . .
Hoddamhasiaopds xal Stxipestc t@v ptldv .
Tetpaywvixd pila @y povevdpwy
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Zeh.

7

80

90

125
130
146

151
153
1556

160
165
172

g1 A

r-r T Sl A AN, P



v

'EEwo@oeig tod Sevtdoov Baduod. A" I3tétgres iy EEc-

SWTEWY .

’ 3
B’. Tevixy popey 2Eiomosme Seu wpov 328|mu pe Eva dyvwotoy.
Eyécetc pstald tdV ocuviehestidv xal TV ptloy tijc Etom-

cewg ay®6x+y=0

o

‘Avzduotg mavtdc tpuwvdpou Seutépou ,:51 elc yvbnevoy

mapaydviwy mpwtou Babucs 2
Zvotipata Eiowoewy tod Seutépou Bafpod .

Hpotinpata liowsewy xal cusmyuitwy Seutépou Babpoo

v

‘ESio®oeg avayduevar eig devregoPaduiove. Atzztpdyw-

vor 2Eromaost
*E&iowos:c

('h‘ ~
or !

txd Bsutépag t4Eew

oy

-IS

Xouoxt pt

BIBAION A". MEPI TMPOOAQN

I
A’. Ipoodor aporBuntizal
B’. Ilp6odor yemueroual

Aoydpripor mpog PBacwy 10.
“Avatoxio
Mpotifpata

fa

&g
E
7

;
swv xxtabicewy .

X pewivg

TMMAPOPAMA

Elg 10 olotnua 2 tijic doknoswg 196 oeAic 129
139

160 — 22 dropBwrtéov eicg- 12

*Avaboyog EéxTumdoswg Kxoi BifAiodetioencg : <EAAnvixd *Exdotixfy ‘Eraipelas
*Epyocotaoiov pagix@v Texvdv — Manadiapavionotiiou 44, *ABfjval.
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Zeh.

204
208

211
219

292
251
258
261

e E.
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AlA THN NEPIGEPEIAN AIGIKHZEQZ NPOTEYOYZHS
Arx. 50.—

AlA TAZ ENAPXIAS APX. B5.—
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